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Preface 


This is the forty-sixth and last annual volume of the Transactions of the 
American Institute of Electrical Engineers. It consists of the complete papers 
and accompanying discussions presented at the two conventions and three 
regional meetings of the Institute prior to September 1927. The January 1928 
Quarterly Transactions contains the papers from the two succeeding meetings 
in 1927. The annual report of the Board of Directors for the fiscal year ending 
April 30, 1927, and a list of the officers, committeemen, and Section and 
Branch officers for that period, are included in this volume. The index of 
subjects has been made as complete as possible, with ample cross references. 
The authors’ index contains as well the names of all those contributing to the 
discussions. In addition to the papers published in this volume, the index lists 
certain articles of more transitory interest, which were printed only in the 
Journal. 

In 1928, with Volume 47, the Institute inaugurates its new policy under 
which the Journal consists of abridged 'papers, while the Quarterly 
Transactions will contain the papers and discussions in full. 







Synchronous Machines—III 

Torque-Angle Characteristics Under Transient Conditions 

BY R. E. DOHERTY* and C. A. NIC KLE * 

Associate, A. I. E. E. Associate, A. I. E. E. 


Synopsis.—This is the third part of a series of papers on the 
subject of synchronous machines. The first two were: 

I. An Extension of Blondel's Two-Reaction Theory , 

II. Steady State Power-Angle Characteristics , 

The present pUper deals with the power-angle , or torque-angle , 
characteristics under transient conditions, namely. 

A. Cyclic variation of impressed torque, 

B. Sudden angular displacement, 

C. Synchronizing out of phase. 

It is shown, as in Fig. 6, that although the slope of the torque- 
angle characteristic (which is an important factor in the determina¬ 
tion of the resonant frequency) under the oscillatory condition is 
■greater over a large range of values of the average angle s' than 
under steady operation, nevertheless in the range of normal operation, 
t. e., from s' = 0 to s' =25 deg., the two slopes, in the case of 
salient-pole machines, are practically the same. Hence, it is only 


in rather rare, special cases that a correction in the slope for the 
oscillatory condition is necessary. For such cases, Equation 27 
gives the correction. 

Referring to condition B, Fig. IS shows the steady state torque- 
angle characteristic and also the characteristics for the condition of 
sudden angular displacement, the latter occurring from various 
given points on the steady state curve. The slopes indicated by 
dotted line segments in Fig. 6 merely correspond to parts of the com¬ 
plete characteristics shown in Fig. 18. The latter are calculated 
from Equation J+6» 

It is fairly well known that synchronizing out of phase gives 
rise to much larger torque than would exist at the same angular 
displacement under steady operation. The difference between these 
two torques is shown in Fig. 17 for a steam turbine type generator. 
The steady state torque is calculated from Equation 26; the transient 
torque from Equation 61. 


more recently by Putman 2 , giving the same results for 
those aspects of steady operation treated by him. His 
paper also investigated certain conditions of transient 
operation. The results for the latter, however, differ 
in certain important respects from the present 
treatment. 3 

It is the purpose of the present paper to establish 
mathematically, from what appear to be reasonable 
and practical premises, the relation between torque and 
the displacement angle of a synchronous machine under 
the following conditions: 

A. Cyclic variation of impressed torque, 

B. Sudden angular displacement, 

C. Synchronizing out-of phase. 

Premises 

For condition A it is assumed that: 

1. The machine is connected, to a relatively large 
power system, 

2. The effect of armature resistance is negligible. 
This has been justified in a previous paper. 1 

3. The currents are polyphase, balanced, sine waves 
{in time). They can be resolved, therefore, into two 
complementary polyphase current systems, one in 
which the current in each individual phase reaches 
maximum at the instant the axis of the field pole coin¬ 
cides with the axis of magnetization of the phase under 
consideration—this is termed the direct component of 
current; and another in which the current in the same 
phase reaches maximum one quarter-cycle later, that 
is, in time quadrature. This is termed the quadrature 
component 1 . 

4. The machine has salient poles. Cylindrical rotor 
thus becomes a special case of salient poles in which the 
synchronous reactances in the direct and quadrature 
axes are equal. The transient reactances in the two 
axes, however, may or may not be equal. 


I N certain applications of synchronous machines it 
is required to determine the relation between the 
torque and the displacement angle under transient 
conditions. For instance, when such a machine is 
direct-coupled to a reciprocating engine or compressor, 
there is, of course, a resultant alternating component of 
torque which causes an angular oscillation of the 
machine. This produces current pulsations in the 
line which are a function of the torque-angle character¬ 
istic,—that is, of the "synchronizing torque.” Such an 
oscillation induces currents in the field winding, thus 
affecting the values of synchronizing torque, and there¬ 
fore must properly be treated as a transient phenome¬ 
non. The present treatment, on this basis, however, 
shows that although there may be special cases where 
the effect of the oscillation on synchronizing torque is 
significant, there are nevertheless many practical appli¬ 
cations where it is not. 

Another instance is sudden angular displacement. 
If, when operating under a given load condition and 
angular displacement, the rotor is suddenly displaced 
to a different angle, the torque at the new angle will be 
different, under this transient condition, from the value 
at the same angle under steady operation. 

Still another instance is synchronizing an incoming 
alternator out of phase. In this case, the resulting cur¬ 
rent and torque are much greater than at the same phase 
difference under steady operation. There may be 
danger of overstressing the shaft .or coupling in such a 
case; hence it is important to have means for pre¬ 
determining such forces. 

The problem of steady state operation has already 
been treated by the authors 1 . It has also been treated 

*Both of the General Electric Co., Schenectady, N. Y. 

1. All numbered references are to the Bibliography. 
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5. The machine has a short-circuited rotor winding in 
the quadrature axis, as well as the main field winding in 
the direct axis. The effect of an amortisseur winding 
may thus be taken into account as a practical 
approximation. 

6. Saturation is negligible. While the results apply 
strictly only to machines in which magnetic saturation 
is negligible, nevertheless this does not mean that practi¬ 



cal calculations, within practical accuracy, can not be 
thus made when saturation is present. Indeed, they 
are made, just as many other similar calculations are 
made, by exercising engineering judgment in shading 
the constants of the machine with respect to the degree 
and distribution of the saturation. 

Such a procedure should be recognized, however, as 
an approximation and should not be treated, as it 
sometimes is, as a correct method. The theory of 
superposition does not apply when saturation is present. 
Hence a linear relation between field current and 
nominal voltage can not be combined properly with 
other equations of armature voltage. 

7. The 'pulsation in the magnitude of the fundamental 
component of armature m. m. f. is harmonic. The pulsa¬ 
tion may comprise more than one harmonic, in which 
case each may be treated separately, and the results 
superposed. 

8. The frequency of this pulsation is low compared 
with the normal electrical frequency. It thus becomes 
permissible, as a close approximation, to express the 
current as a vector of harmonically varying amplitude. 
The modulation frequency, i. e., the frequency of the 
envelope of the current wave, must be low enough for 
the polyphase relation of the currents at any instant 
not to be appreciably disturbed. In still other words, 
the current wave throughout any' cycle of normal fre¬ 
quency is not appreciably changed from a sine wave 
by the modulation, as indicated in Fig. 1. 

For conditions B and C, it is assumed, in addition to 
the above and excepting 7 and 8, that 

9. The effect of the field circuit resistance is negligible 
in the first moment. It is assumed that the time inter¬ 
val in which the displacement occurs is small enough to 
justify this. 

10. The direct component of the transient armature 
current is neglected. This component gives rise to an 
alternating torque comprising normal frequency and 


higher harmonics. These rapidly alternating torques 
do not, as a rule, produce significant motional effects, on 
account of the relatively large inertia of the rotor with 
respect to the frequency of the torques. These will be 
treated in a future paper. The present treatment deals 
only with that component of torque which is uni¬ 
directional for a given displacement and is the com¬ 
ponent which may throw large stresses on the shaft if a 
machine is synchronized out of phase. 

A. Cyclic Variation op Impressed Torque 

When a synchronous machine is direct-coupled to a 
reciprocating engine or compressor, the impressed 
torque comprises a steady component with superposed 
alternating components. The latter may be substan¬ 
tially a single harmonic, or it may comprise a number of 
significant torque harmonics. Each harmonic may be 
treated independently. 

The problem may therefore be definitely stated as 
follows: A synchronous machine, operating on a rela¬ 
tively large power system, and carrying a given average 
mechanical load, experiences also an impressed cyclic, 
angular oscillation which produces an harmonic modu¬ 
lation of the armature current, as indicated in Fig. 1. 
This induces, by transformer action, a corresponding 
alternating component of current in the field winding, 
thus affecting the power-angle, or torque-angle, charac¬ 
teristic of the machine—that is, changing the slope, as 
indicated in Fig. 2. Thus, instead of an oscillation 
above and below the point p, from a to b on the" steady 
state characteristic, as would occur at very low fre¬ 
quency of impressed oscillation, the actual oscillation, 
for the above reasons, would be from a' to b', i. e., at a 
different slope. In other words, if the frequency of 
oscillation is low enough in relation to the resistance of 
the field circuit, the adjustment of the field flux to the 
changing armature m. m. f. will be effected without 
appreciable induced currents in the field. On the 
other hand, for the same angular oscillations, if the 
frequency is so high that the field flux cannot change. 



Fig. 2 

the maximum induced field current will result— i. e., 
that which is required to maintain constant flux link¬ 
ages. Hence the induced field current will be between 
these limits and the slope of the torque-angle character¬ 
istic will also fall between corresponding limits. 

The slope, designated by T t , is an important factor 
in the resonant frequency of the machine. The rela¬ 
tion which this bears to the frequency of the impressed 
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oscillation is an important factor in determining the 
magnitude of the oscillation 4 . 

The present problem, therefore, is to determine the 
slope of the torque-angle characteristics at the point p 
corresponding to the average torque, Fig. 2. 

The plan of attack is, first, to determine the rotor 
current induced by the oscillation. This, added to the 
average value supplied by the exciter, determines the 
total nominal voltage as a function of time. From the 
vector diagram of voltages, the displacement angle of 
the machine is also expressed as a function of time. 
Since the torque has been shown 1 to be a function of the 
nominal voltages and displacement angle, it may also 
be expressed, from the foregoing relations, as a function 
of time. The torque thus expressed contains a constant 
term and an alternating component. The plan is to 
obtain the complex expression for “motional impe¬ 
dance* by dividing the alternating component of torque 
by the alternating component of velocity, both ex¬ 
pressed as vectors. The two components of the 
motional impedance give, respectively, the damping 
coefficient and the resilience coefficient, i. e., synchroniz¬ 
ing torque. 

The use of motional impedance is convenient be¬ 
cause of its analogy with electrical impedance. In the 
particular convention, chosen 6 , velocity corresponds to 
current, torque to voltage, damping constant to resis¬ 
tance, motional reactance to capacity reactance, etc. 

Thus, the real term of the motional impedance 
consumes a torque which is in phase with the velocity 
(just as resistance consumes a voltage in phase with the 
current) and therefore represents damping. The 
imaginary term, the motional reactance, consumes a 
torque which is in time quadrature with the velocity 
(just as capacity reactance consumes a voltage in 
quadrature with the current) and hence in phase with, 
and proportional to, the displacement—just as the 
voltage across the condenser is in phase with and pro¬ 
portional to the charge. It therefore represents the 
synchronizing torque. That is, the change of angular 
displacement is accompanied by a proportional change 
in torque. This proportionality factor, i. e., the slope 
of the torque-angle characteristic, is the objective of the 
investigation for condition A. 

Percentage Representation of Quantities. As in the 
first two sections of this investigation, already pub¬ 
lished 1 , the various quantities here will be expressed as 
a percentage (as a fraction) of some definite value, thus 
avoiding cumbersome conversion factors and other 
constants. For instance, all armature currents are 
expressed as fractions of normal current; all voltages, as 
fractions of normal voltage; etc. 

Equations for Condition A. Since the modulation of 
the armature current produced by the angular oscil¬ 
lation of the machine is assumed to be harmonic, the 
current wave will be as shown in Fig. 1. The total 

*ThiTtenn. has been used by Dr. A. E. Kennedy and others. 


direct component of current i d at any time t and ex¬ 
pressed in terms of the peak value, is 

id = id H- A i d cos st " (1) 

where 

A id — the peak value of the low-frequency alternating 
component which causes the modulation, as 
shown in Fig. 1, 

id = the steady, or average, value of the direct 
component expressed in terms of the peak 
value as a fraction of the peak value of normal 
current, 

s = angular velocity corresponding to the frequency 
of modulation, expressed as a fraction of the 
angular velocity corresponding to normal 
electrical frequency, 

t = time, expressed as a fraction of the time re¬ 
quired, at normal frequency, to pass one 
electrical radian. 

Thus the time angles corresponding to the two 
frequencies are expressed, respectively, at s t and t. 

Likewise, the quadrature component is 

i q = iq + A i q cos (s t -+- a) (2) 

where a = the time phase difference between the low- 
frequency modulations of the direct and quadrature 
components of current. 


sx Jd sx ld 



Fig. 3 


Zero time can be chosen so that (1) is true, since 
the total current, and therefore each of the two com¬ 
ponents, is assumed to be modulated harmonically. 
But the phase difference a is not known. 

The modulation of the polyphase armature currents 
produces a corresponding low-frequency variation in the 
otherwise constant magnitude of the armature m. m. f. 
(space sinusoid), i. e., the armature reaction, which 
rotates at the same speed with the field poles. That 
particular component of armature reaction which is 
directly opposite the pole, that is, the direct component 
produced by id, is impressed on the same magnetic 
circuit with which the main field winding is linked. 
Thus, by transformer action, these harmonic variations 
in armature currents induce corresponding variations in 
the field winding, the latter being short-circuited 
through the exciter armature. 

The variations in the quadrature component, how¬ 
ever, are obviously not short-circuited by the main field 
winding. If there is an amortisseur winding, or some 
other short-circuited winding in the quadrature axis, 
the currents induced therein by the variations of iq 
must also be taken into account. 

The next step is to determine these induced field 
currents. Just as the armature reaction can be ex- 
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pressed in terms of the current of only one phase 
(because all of the currents are related in phase and 
magnitude so that this is possible) it is obviously also 
possible to express in the same way the variation of that 
armature reaction, within the limits of the premises. 
Hence the transformer relations may be determined 
from the well-known equivalent circuit. Thus in 
Fig. 3, 

Xi = armature leakage reactance at normal frequency 

(see notation). This is taken to be the same 
for i d and i g . See “Reactance,” in Bibliog¬ 
raphy 1 . 

Xi da = field leakage reactance, in armature terms, for 
the winding in the direct axis— i. e., main 
field winding. 

R da = resistance of main field winding, armature 
terms. 

x md = mutual reactance, direct axis. 

Xdi = equivalent impedance. See Fig. 3. 
e d i = voltage across z (n . 

It is shown in Appendix A that the variation in the 
field current, direct axis, corresponding to A i d is 

A I d = A j d (a +j b ) (3) 

or, as a function of time, from ( 1 ), 

A Id = A i d (a cos s t - b sin s t) (3a) 

Likewise 

A I q — A (c + j d) (4) 

and, from (2) and (4), 

A I q = A i q (c cos a — d sin a) cos s t 

- (c sin a + d cos a) sin s t (4a) 

where 

8- Xmd 2 ~f“ -A Ida ) 


Rda 

+ s 2 (x m 

id + 

x lda y 


S Xmd 

Rda 


Rda 2 

+ s 2 (x„ 

id + 

X ld a) 2 

o2 2 {sy* 

o q q 

+ Xlqa) 

R 2 

■Li* qa 

+ s 2 (x„ 

iq 

Xl Qa ) 2 


S Xmq 

■Rr qd 


R 2 

~j— s 2 (x mq -j- 

X iga ) 2 


6q - A Ig 

= A i g (c cos a— d sin a)cos s t— (c sin a+d cos a)sin s t 

( 6 ) 

The variable displacement angle 8 will now be 
determined as a function of time. From Fig. 4 it is 
shown in Appendix A that two expressions for this 
angle can be written: one, as a function of A i q , t and a; 
the other, as a function of A i d and t. These will be 
identities involving terms of sin s t and cos s t. Equat¬ 
ing the respective coefficients, as in Appendix A, a is 
determined. Thus, 

b d + (Xd - a) (x g - c) 
cot a - d ( Xd _ a ) _ 5 (Xq - c) ' 

Also, it is shown by equating the magnitudes (since 
the expressions represent the same angle) that the 
ratio of A i k to A i d is 

-Al&- = I ( x d ~ a ) 2 + cot g/ (g) 

A Id \ (Xq — c) 2 + d 2 

The variable displacement angle 8 comprises the 
average component 8' plus an alternating component 
A 5. 

Thus 

8=8' + A 8 (9) 



Fig. 4 

The alternating component as a function of t and A i d 
is, as shown in Appendix A, 

A i d [ix d - a) cos st + b sin s t] 

A 8 — -- • jr, (10) 

esmo' 


With the alternating components of the field currents 
thus determined, the nominal voltages, which are pro¬ 
portional to the field currents, may be also determined 
by adding to the alternating component, the constant 
term supplied by the exciter. Since both the field 
current and the nominal voltage are expressed as 
fractions, they are numerically equal. Thus the peak 
value of the total nominal voltage, direct axis, at any 
time is, from (3 a), 

&d — Id' + A Id 

= I d + A id (ccosst - b sin s t) (5) 
and, since there is assumed to be no constant excitation 
in the quadrature axis, the quadrature component is, 
from (4a), 


It has been shown 1 that the torque of a synchronous 
machine connected to a power system of constant volt¬ 
age is determined by the nominal voltages e d and e Q , 
the terminal voltage e, the synchronous reactances 
x d and Xq, and the displacement angle 8. It is 


B B dL , ^ B & ^ 

-sm 8 + — : 

X d X q 


cos 8 + 


2 Xq x d 


sin 2 8 ( 11 ) 


This equation gives the torque not merely for steady- 
state conditions, when A 5 = 0, but for any condition 
within the limits of the premises, when the actual 
values of e d> e 9 and 8 , existing at the moment under 
consideration, are substituted. 

Substituting in Equation ( 11 ), e d from (5), e„ from ( 6 ) , 
8 from (9) and (10), and A i q from ( 8 ), .the equation for 
the torque T at any time t is obtained, which contains 
a constant term T' and an alternating component 
A T. Thus 
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where 


T = f + AT 


e e d e- 

-—- sin <5' + ~~pr 
x d 2 


(X d X q) 

.x d Xc, 


sin 2 5' 


It is convenient to express the alternating component 
of torque as a vector. Thus 

m \ x d — a a e sin 5' 

A ? = A iA - . -rr T.' + - 

' esmo' x d 


e cos 2 8 ' 


x<j sm 


yy (c cos a — d sin a 


) I (■ Xd ~ a ) 2 + &2 

v (x t - cY + dr 


+ 3 A i d 


e sin 8 


b b e sin 8 1 

in 6' ls ^ x d 


Now if the current in (17) is a sine wave, it can be 
expressed of course as a vector by the following familiar 
method. 

Let ,2 


where <x> — the angular velocity corresponding to the 
frequency of the current. 

Then Equation (17) becomes 

E = i(juL + B+ yjc) 


R j ( co L 


e cos 2 8 1 


Xq sin 


y (c sin a + d cos 


I (Xi - ay ± bl 

v (x,~ c) 2 + <P 


where TJ is the synchronizing torque, given by Equa¬ 
tion (26), corresponding to steady state operation. 

The next step is to obtain the vector expression for 
the alternating component of velocity. Dividing (13) 
by this velocity will give the motional impedance. The 
velocity of oscillation is given by the rate of change of 8 
with respect to time. Thus, substituting (10) in (9) 
and differentiating, the velocity is 

d 8 d A 8 s A i d __ 

^ d t ~ dt ~ e sin 8' 

[— (%d — a) sin s t + b cos s /] (14) 

Taking the cos s t term as reference vector, as before, 
(14) becomes 


Similarly, in Equation (16), if the total consumed torque 
is a sine wave, the velocity is 

9 =- ~r~ — y\ (19) 

Ti+3 { sI ~—) 

Since in the present problem the purpose is to study 
the character of the electromagnetic torques only as 
affected by the oscillatory motion, the inertial reaction 
doesjiot enter the equations. In the present case it 



8 A i g 
e sin 8 


i [b + J (Xd — ct) ] 


Consider further the meaning of motional impedance. 
The well-known equation for torque consumed in any 
mechanical system involving inertial reaction, damping, 
and resilience is, for rotation, 


I 7. T T d Sl-j-TsJ'&dt 

d t 


where 


H = angular velocity 
l = moment of inertia 
r l\ — resilience coefficient 
T d = damping coefficient 

This is exactly analgous to the expression .for voltage 
consumed in an electrical circuit containing inductance, 
resistance, and capacity. The familiar equation is 

E = lAj + R i + ~7T ^ idt (17) 


Fig. 5 

is as if, in Fig. 5, the total voltage E were a sine wave, 
thus giving a sine wave current, and as if only the com¬ 
ponent E i of the consumed voltage were to be investi¬ 
gated. The impedance which consumes the voltage 
Ei would be 

Zi-^r-R-iYc <20) 

and, similarly, in the present problem the impedance to 
the oscillatory motion, i. e., to the velocity of oscilla¬ 
tion, offered by the electromagnetic reactions of the 
machines is, by (19), 

A T • m jT 9 


Z m — 


= <r + j X = T c 


Thus, the motional resistance, due to damping, is 

<R = T d (22) 

and the motional reactance, due to the synchronizing 
torque, is 

T 

X = - — (23) 

s 

and T, — S X 
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Dividing (13) by (15), and equating to (21), 

b e 2 sin 2 5' + J g ) - ±A - [(„ cos a-d sin a) i + (x d - a) (c sin a+ d cos a)] 

_ x Q > ( x q -c) 2 + d 2 ----(24) 

s [6 2 + (Xd — ft) 2 ] 


e 2 sin 2 S' r a (Xd — a) — b 2 


e 2 cos 2 8 ' [ (z d - a ) (ccos a- d sin op - b (c sin a + d cos op] 
V [6 2 + (^d - a) 2 ] [d 2 + (x g - c) 2 ] 


e 2 sin 2 5' r a (x d - a) - b 2 1 e z cos - a) lc cos a - a am - u ^ ^ ^ ™ ( 2 S) 

r * = Ts> + Vi L JVd - a ) 2 + 6 2 J + ' V [& 2 + fa ~ a) 2 ] [ rf2 + (*« “ c ) 2 ] 

It is thus seen that the synchronizing torque, i.e., the rapid oscillations c becomes significant, as shown later 
slope of the torque-angle characteristic, is equal to the in Equation (32). . . 

steady state value TV plus an increment which is a When the oscillations are very slow, so that the m- 
function of the frequency of the oscillation and the aver- duced field currents are practically zero, a and b are 
age displacement angle S'. zero, and ^ 

TJ is obtained by differentiating (11) with respect T s = TV (31) 

to S, and substituting 8' for 8. Omitting the second That is, the oscillation occurs on the slope of the steady 
term, since there is no constant excitation in the state angle-torque curve. 

quadrature axis, Another interesting case is the condition of very rapid 

, ( _ ) oscillation in which the resistances of the direct axis 

T ' = 6 cos 5' + e 2 { ' Xd ~ - cos 2 o' (26) winding and the quadrature axis winding are zero, that 

8 x d x d x q 

Equations (24) and (25) are general. The type of R da anc * = ® 

machine usually found in installations where such 
oscillations exist, however, is the salient-pole type with 
an amortisseur winding. For such a winding, calculation i . 4 

shows that the resistance is so high at practical fre¬ 
quencies of oscillation that the winding has a negligible 
effect on the synchronizing torque. • That is, c and d „ i.o 

may be assumed to be zero in (25). For such cases, 

o OS 

e 2 sin 2 S' r a(x d —a) — b 2 l 


TV = 


e e d ' . „ (x d - x q ) 

-cos 8' + e 2 -cos 2 o 

%d. •X'd ^ q 


R da and R ga = 0 


imiiniiii 

■■■■■■winna 


■T s = TV + 


r a {X d - 

L (x A — 


BBBBB 


~ 1 x d L (x d -a) 2 + b 2 J 

The main field winding and the amortisseur winding 




do produce damping, as given by (24). That is, c and 02 

d cannot be neglected in (24), although they are negli- 0 

gible in (25). Electrical Degrees 

Consider a few special cases. When the resistance of Fig> q 

the main field winding is very small compared to the 

leakage reactance, b becomes zero and, as shown in Then, as shown in Appendix A, 
Appendix A, 2 

. ' •f'md 

a = x d - Xd! (28) a = ———y - 

. • -. . X md -A. Ida 

where x d = transient reactance, direct axis. Thus 


Xm d‘ 

Xmd H - NIda 


27 + e 2 


0 x d — x d ') sin 2 S' 
x d x d 


b = 0 


Substituting (26), 


•fcma + X 4 


x d = x d ' 


(.Xq X Q ) 


e e , , „ (Xd Xg) 

-cos 5 4- e 2 -cos 2 5 

X d X d Xq 

( x d x d ) , 

+ e 2 -:— sm 2 S' 

x d x d 


d = 0 

Substituting these expressions in (25), 

m . m> rx d -x d ' . Xq- X q ' 

T„ = T a ' + e 2 - — sm 2 S' +- — cos 2 S' 

L X d X d XqXq 


This condition— 4. e., zero field resistance, 6 = 0— Numerical Examples, a. The following constants 
gives the maximum synchronizing torque which can be are representative of a low-speed synchronous motor, 
obtained for the given average nominal voltage e d say 300 kv-a. at 120 rev. per. min.: 
and terminal voltage e, at any oscillating frequency x d = 1.0, x q = 0.6, x d = 0.4, e = 1.0, e d ' = 1.4, 
which is low enough to make c and d = 0. For more e a = 0 
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The torque-angle characteristic for steady state 
operation, calculated from equation (11), is shown in 
Fig. 6. The slope of this characteristic at any angle 5 
is the synchronizing torque, as given by Equation (26). 
The synchronizing torque for oscillatory operation 
under the assumption that b = c = d = 0, is shown at 
different angles by the dotted line segments, as calcu¬ 
lated for Equation (30). 
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Fin. 7 

I f an amortisseur winding were added to the machine, 
the constants would be modified somewhat as follows: 
xa ~ 1.0, x„ ~ 0.6, Xa ~ 0.25, x,,' = 0.3, e — 1.0, 
e* - 1.4. 

Under the assumption that h ~ d - 0, the synchro¬ 
nizing torque, as calculated from (32), is shown by the 
full line segments in Fig. 6. 

b. In Fig. 7 the characteristics are shown for 
b = c =-* d — 0, and for a higher speed machine with a 
somewhat lower transient reactance xa and a relatively 
smaller pole arc: 

x, - 1.0, x, t = 0.5, x / = 0.3, e = 1.0, e d ' = 1.4. 

c. Fig. 8 shows the characteristics of a laminated 
cylindrical rotor machine: x d - 1.0, xtt = 1.0, 
xS = 0.15, e - 1.0, e/ = 1.45. 

These curves bring out some very interesting and 
important facts: 

1. The synchronizing torque T„ under the oscilla¬ 
tory condition (indicated by the slope of the dotted 
lines) is exactly the same* as 77 for steady state opera¬ 
tion at o » 0 (i. e., at no load, neglecting armature 
resistance): and departs only slightly from the steady 
state slope up to 5 = 30 electrical deg., which may be 
considered the practical operating range. Moreover, 
the dotted lines are the maximum slopes, neglecting the 
field resistance. The slope T. for the transient con¬ 
dition, therefore, will be more nearly the same as the 
steady state slope 77 than shown. 

2. The practical approximation which has been used 
for some years by the authors is to divide full load 
torque by full load angle, which corresponds to the slope 

•This is also evident from equation 29 for 5=0. 


of a line through zero and the full load point on the 
curve. This, it will be noted, falls between the steady 
state slope and the dotted line, and is probably nearer 
the correct value in most practical applications than 
either of those limits, particularly for salient-pole 
machines. 

3. It will be observed that the slope of the dotted 
line is still positive beyond the maximum power point 
of stable, steady state operation. This means that if a 
machine were operating beyond the angle correspond¬ 
ing to maximum, steady state power, say at 100 electri¬ 
cal deg., the machine would be stable under sudden 
changes, although the steady state characteristics at 
that point indicate instability. 

4. Comparison of Figs. 6 and 7 with Fig. 8 shows 
that the difference between 77 and the maximum 
slope 77 indicated by the dotted lines, is much greater 
for cylindrical rotor machines than for those of salient- 
pole construction. An inspection of Equations (29) 
and (30) shows that the correction term for transient 
condition is the same in either case. The difference is in 
the middle term of (30), i. e., the reaction torque term 
due to salient poles. When this is zero, as for cylindri¬ 
cal rotors, the correction term merely becomes a 
larger percentage of the total. 

5. The addition of the effect of the quadrature axis 
winding, which comes into full play for very rapid 
oscillations, is shown in the* full line segments, Fig. 6. 
It will be noted that the slope is steeper, and remains 
positive throughout the range between 5' = 0 and 

8 ' = 7r. 
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Fig. 8 


B. Sudden Angular Displacement 

A synchronous machine operating at a constant 
terminal voltage e, nominal voltage e/, armature 
currents i d and i ot and an angular displacement o', 
is suddenly displaced by an angle A 8 giving a total 
displacement 8. This will cause increments in the 
armature currents, so that the total current is 

id — i<i' A i d (33) 

i q = i/ + A i q (34) 

The increments A id and A i tl will induce corre- 
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sponding increments of current in the short-circuited 
rotor windings in the two axes, and this also gives rise 
to increments in the nominal voltages. These are, 
from equations in Appendix A, 

A e d = A i d ( x d — Xi') (35) 

Ae q = A i Q (x g - x/) (36) 

The total nominal voltages are thus 

e d — T A id ( x d ~ Xd') (37) 

e q = A ig (Xg — Xg) (38) 

There is assumed to be no constant component of 
nominal voltage in the quadrature axis. 

The vector diagram for the conditions both before 
and after the sudden displacement, is shown in Fig. 9, 
from which the following relations are derived: 


(id+Aidhdk p 


Fig. 9 


id x d = (id + A i d ) x d = e d — e cos 8 (39) 

ig x q = (ig + Ai q ) Xg — e sin 8 + e q (40) 

Solving for A i d and A % q , and substituting in (37) and 
(38), respectively, 

Xd x d — Xd' 

e d = ~~7 e d ~ -T~7— (e cos 8 + i d x d ) (41) 


Hg — —"—7 - (e sin 8 — i q ' x y ) 

Xq 

Substituting (41) and (42) in ( 11 ), 

e e d e 2 (x d — x') 

T =- 7- sin 8 + —^-7 —r^sin 2 8 

x d 2x d x q 


x d — x d ' • . 


i d ' sin 8 + 


ig' cos 8 (43) 


The initial currents i d and i g ' are determined from 
the initial conditions as shown in Fig. 9. Thus 

e d ' — e cos 8' 

= --- (44) 

Xd 

e sin 8' 


Substituting these relations in (43), 

^ 6 &*' . * X d — Xg . 

T = -sm 8 + e 2 —v— 7 — 7 - sm 2 8 

x d 2 a z d x q 

Xd — X d ' Xg — Xg 

4 - e 2 - 7 — sin 8 cos 8' — e 2 - 7 — cos 8 sin 8' 

X d X d Xg Xg 


Equation (46) gives the relation between torque and 
angle when the rotor is very suddenly shifted from the 
initial phase angle 8' to the new position 8. 

The synchronizing torque T s is obtained by differen¬ 
tiating (46) with respect to 8. Thus, 

6 G d X d Xg 

T a =-cos § + e 2 - 7 — 7 — cos 2 8 

* Xd Xd' Xg' 


Xd - Xd' „ „ Xg— Xg' . 

1 g 2 --— cos 0 cos 0 + e 2 - 7 — sm 0 sm 8' 

Xd Xd ^ Q Xq 


The value of T s , for sudden change, at the initial 
angle 8 = 8', is 

e e d x d ' — Xg 

T — - cos 5 / _|_ e 2 --—-—■ cos 2 8' 

4 X d X d Xg 

Xd — Xd' Xg — Xg' 

+ e 2 —- ^-COS 2 8' + e 2 —- 7 - sin 2 8' (48) 

XdXd’ XgXg V 7 

Equation (48) can be re-written 

e e d x d — x„ 

T, 1 = ——- cos 8' + e 2 -cos 2 8' 

X d X d Xg 

X d - X d . „ Xg~ Xg' 

-f- g 2 - 7 — sm 2 _(_ g 2 - - — cos 2 y ( 49 ) 

W ■ ' ry* ry* • \ / 

•L-d'A'd q w q 

The first two terms of (4,9) comprise the synchronizing 
torque T a at the angle 8 ' under steady state operation, 
as given by Equation (26). Hence, 

X d — X d ' Xg ~ Xg' 

T, 1 = TV + e 2 - - sin 2 8' -f-:— 7 — cos 2 8' (50) 

0 ry , ry * ry ry 1 \ / 

d vD d W q q 


II Mi'’ f 

£«■■£!!■ 


gaflBgnMHBMamis! 




Fig. 10 


It is thus seen that the synchronizing torque for very 
rapid displacements from the initial steady load angle 8* 
is equal to the steady state value TJ plus an increment 
which is independent of the initial excitation and de¬ 
pends only on the terminal voltage, reactances, and the 
initial angle 8'. It is interesting to note that this equa¬ 
tion checks with (32), which was derived, of course, 
under assumptions which are equivalent to those in 
Equation (50). 
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Numerical Examples. Equation (46) is applied to 
four different representative cases: 

a. Laminated salient-pole rotor. (Low speed en¬ 
gine or compressor type.) 

= 1.0, = 0.6, x d ' = 0.4, a:/ = 0.6, e = 1.0, 

e d ' = 1.4, e g ' = 0. 

The torque T is plotted against displacement angle d 
in Fig. 10 for various values of initial angle 6 ', and for 
the above voltages. Also, for comparison, the steady 
state torque-angle characteristic is shown, as calcu¬ 
lated from Equation ( 11 ). 

b. Amortisseur winding, salient-pole rotor. (Low 
speed engine or compressor type.) 

x d = 1.0, Xg = 0.6, x d ' = 0.25, x q ' = 0.3, e — 1,0, 
e d ' = 1.4, e q ' = 0. 

The characteristics for this case are plotted in Fig. 

11 . 

c. Laminated cylindrical rotor, Fig. 12. (High 
speed turbine generator.) 

x d = 1.0, Xg = 1.0, x d ' — 0.15, x t ' — 1.0, e = 1.0, 
**' = 1-4, e 9 f = 0. 



Fig. 11 


d. Massive steel cylindrical rotor, Fig. 13. (High 
speed turbine generator.) 

= 1.0, = 1.0, x d == 0.15, = 0.2, e = 1.0,, 

e d ' = 1.4, e q ' = 0. 

These examples bring out some interesting points. 
In Fig. 10, example a, it is seen that if the machine is 

7T 

operating at a steady load corresponding to S' = —j- 

(i. e., 45 electrical deg.) and at approximately full load 
excitation e d r = 1.4, a very sudden angular displace¬ 
ment of the rotor would cause a torque following the 
characteristic marked S' = tt/ 4. Similar character¬ 
istics are also shown for other initial angles S', but for 
the same nominal voltage e d '. It is interesting to note 

that . 

1 . The slope of these characteristics, that is, the 

synchronizing torque (which may be computed from 
Equation (50)), at the initial angle 5' corresponds to the 
dotted line segments in Fig. 6, since in the latter b = c 
_ d - o. That is, the resistance is zero and x q - x g ' } 
as in the present case. In other words, the dotted lines 


in Fig. 6 are merely corresponding parts of the complete 
characteristics shown in Fig. 10. 

2. The characteristics reverse between zero angle 
and <5'. 

3. The maximum torque is attained when the initial 
angle is 5' = 0, in which case it reaches 3.0 times normal 
torque at about 105 electrical deg. It will be noted also 
that when o' — 0 , the slope of the transient curve is the 
same as that of the steady state curve, and continues to 
be so for 15 or 20 electrical deg. 



Fig. 12 


4. AIL characteristics are zero at 8 = 0 and 5 = tt. 

The addition of an amortisseur winding significantly 
modifies the characteristics. Fig. 11, example b, shows 
the following points: 

1 . As in example a, the maximum slope occurs for 
5 ' = 0 ; unlike a, the slope of the transient character¬ 
istic at 5 ' = 0 is much greater than the slope of the 
steady state curve at that point. 



2. The maximum torque is about 4.5 normal 

torque. . . . „ 

3. Unlike example a, the characteristics are not all 
zero at 5 = 0 and 5 = tt, but show from 1.0 to 1.65 
times normal at these angles, at which the steady state 
torque is zero. 

Figs. 12 and 13 show characteristics for cylindrical 
rotor machines, examples c and d. The respective 
characteristics have the same general form as those for 
the salient-pole machines with the following exceptions: 

1. The maximum torque is much greater, due to 
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the lower reactance. It is of the order of 8.0 times The total nominal voltage in the quad 
normal torque instead of 3.0 or 4.0 times normal. A e g> since there is assumed to be no cor 

2. There is a greater deviation from the steady state nished by the exciter. That is, 

curve in the neighborhood of 8' — 0 . x g — x q ' . 

„ e„ = - e sm 8 

C. Synchronizing Out op Phase 1 x g 


Synchronizing out of phase gives rise to problems 
very similar to those occasioned by sudden angular 
displacement, as treated under B. The essential 
difference is that in the latter case the circuit is already 
closed, and carrying an initial current, when the dis¬ 
placement occurs; whereas in the former, the circuit is 
open and the current zero until the instant the syn¬ 
chronizing switch is closed. This difference in boun¬ 
dary conditions makes it desirable to treat the cases 
independently. 

If the synchronizing switch is closed when the in¬ 
coming machine is out of phase with the system by the 
angle 8, armature currents, of course, suddenly appear. 
The two components i d and i q induce corresponding 
current increments in the short-circuited windings in the 
direct and quadrature axes, respectively. The induced 
increments of rotor currents are, numerically, the incre¬ 
ments in nominal voltages e d and e q , since both are 
expressed in per cent. 

Thus, by Equations (35) and (36), the suddenly 
appearing currents i d and i q cause the following induced 
increments in the nominal voltages: 

A e d = i d (Xd - x d ) (51) 

■ A e q = iq {x q — Xq) (52) 

The vector diagram for conditions at the first instant 
is shown in Fig. 4. From the diagram and Equations 
(51) and (52), 

e cos 8 + i d x d = e d + i d ( x d — x d ) (53) 

and 

e sin 8 + i q ( x q — x q ) = i q x q (54) 

From these two relations, 



and 


e sin 8 



(56) 


Substituting (55) and (51) and (56) in (52), 
x d -x/ , . 


A e d = 


{e d — e cos 8) 


Therefore, substituting (59) and (60) in E 
the torque is 



e 2 

sin 8 + —g" 


ix d ' — x q ') 
Xd x q ' 



Fig. 14 

It is very interesting that Equation (( 
under this transient condition is of exac 
form as ( 11 ), excepting that in the pres 
reactances are the transient reactances, x d ' 
is, the total leakage reactances, instead 
chronous reactances x d and x q . It is ini 
that Equation (61) comprises the first two 
i. e., when i d and i q = 0. It is not obvi< 
that the assumption i d — i q - 0 in (43) 
to the open-circuit condition on which ( 
since with the closed circuit and the assu 
voltage e d there would be armature cum 

Since the same voltages e and e d appeal 
tion (61) as in ( 11 ), but with much lower re 
torque is correspondingly higher. 

Numerical Examples. Four representat 
be considered. In each case, a curve, ( 
Equation (61), is shown of the torque wl 




The total nominal voltage e d in the direct axis is the 
sum of the constant component e d f supplied by the 
exciter, plus the induced component. Thus, 

■ x d x d x d 

Cd = ~xZ 6d ~ ~~v— ecosd ( 59 ) 


obtained if the machine were synchronizec 
by any angle 8. For comparison, the 
torque-angle characteristic, Equation (26 

a. Low speed engine or compressor 
300 kv-a., 120 rev. per min. 

%d = 1.0, x d — 0.4, x q = 0.6, x/ = 
e/ = 1.0. . 

Characteristics are plotted in Fig. 14. 

b. Same as a, but with an amortiss 
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x <‘ = U) > = °-25, = 0.6, x,/ = 0.3, e = 1.0, 

e/ = 1 . 0 . 

Characteristics are plotted in Fig. 15. 
c * Medium speed water-wheel type of, say, 5000 
kv-a., 300 rev. per. min. 

x,t m 1 - 0> x <i' - 0.27, x tJ = 0.5, a;,/ = e = 1.0, 

C/' - 1.0. 

Charact,eristics in Fig. 16. 

d. High speed steam turbine type generator of about 
35,000 kv-a. with massive steel rotor. 
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.r, 1.0, x/ = 0.15, x,j » 1.0, x,/ = 0.2, e = r 1.0, 

fi/ » 1 . 0 . 

Characteristics in Fig. 17. 

It will be noted that these characteristics are of the 
same general nature as those shown in Figs. 10, 11, 12 
and 13. It will he noted that a machine without 
amorlisseur winding effect, i. c,, without a short-cir- 
euiled winding in the (quadrature axis, will suffer 
practically no more torque when it is synchronized at an 
angle less than, say, 20 deg., than would be exerted by 
the machine at that, angle* under steady operation. It 
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Em. 17 

increases very rapidly, however, above the steady state 
value for increasing angle, the maximum torque being 
obtained when the machine is synchronized!at about 
100 deg. 

Referring to Figs, 14 and 15, the addition of a 
short-circuited rotor winding in the quadrature axis 
very greatly increases not only the maximum torque 
but also the difference between the transient character¬ 
istic and the steady state curve at small angles. 

It should be kept in mind that the torque given by 
Equation (61) is the average value existing in the first 


moment under the transient condition. There are, 
in addition, alternating components of normal and 
higher frequencies which are not taken into account 
here. While the latter are of large magnitude, never¬ 
theless the frequency is so high that the torque does not 
have time, except in case of resonance, to produce 
much displacement, and therefore strain in the shaft. 
Hence the alternating component is rarely a serious 
factor. The unidirectional component given by Equa¬ 
tion (61), however, has time to produce large strain in 
the shaft and coupling, where the fly-wheel effect on the 
other end of the shaft is comparable with that of the 
synchronous machine, as in the case of a turbine driven 
generator or a motor-generator set. 
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Appendix A 

When a three-phase system of currents of constant 
amplitude flows in the winding of a three-phase machine, 
there exists a uniformly rotating sinusoidal m. m. f. of 
constant amplitude, this m. m. f. rotating at syn¬ 
chronous speed. This is the speed at which the poles 
are rotating and by proper time phase of the currents, as 
at zero power factor, the rotating m. m. f. may be made 
to exist at every instant directly over the field poles, 
i. a., the direct axis. 1 f each of the three-phase currents 
pulsates in amplitude at a frequency, /, the m. m. f. 
over the field winding will likewise pulsate at the same 
frequency. The alternating component of this pul¬ 
sating m. m. f. in acting on the field winding, which is 
short-circuited through the exciter armature, will 
induce currents in the field winding and we have essen¬ 
tially a transformer with the secondary short-circuited. 
The frequency impressed on this transformer is ob¬ 
viously the modulating frequency of the three-phase 
system of currents. 

The equivalent diagram for this transformer is as 
shown in Fig. 8. In this diagram, 

Xi ~~ armature leakage reactance at; normal frequency, 
X\i a = field leakage reactance, in armature terms, for 
the winding in the direct axis, i. e., the main 
field winding, 

H.t,, — resistance of the main field winding, in armature 
terms, 

x md mutual reactance in the direct axis, 

Zax = equivalent impedance, 
e d \ = voltage across Z, n , 

a modulating frequency as a fraction of normal 
frequency. 

Then 

y 0 x„, ,i (I\ ,i „ T j s A 

M ~ "&.+*•*(*., + *„.) ' (la) 
When a current A i d flows through Z liU the voltage t\ n is 
?<n = h [a Z,n (2a) 
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The current flowing in the field winding will be 


A I Ja 


Rda + J S Xid a 


(3a) 


Substituting (la) in (2a) and (2a) in (3a), and rational¬ 
izing, 


A I da = A i d 


S~ X m d (X md d - XIda') ~ F" 3 S Xmd Rda 

Rda 2 + (X md + XldaY 


(4a) 


The field current A I da is here expressed in armature 
terms; i. e., it is the ampere-turns induced in the field 
winding as a fraction of normal armature ampere 
turns. The field current in field terms is numerically 
equal to the per cent nominal voltage which it produces. 
Since normal armature ampere-turns, existing in the 
field winding, produce a mutual flux or nominal voltage 
numerically equal to X md , the current A I da will produce 
a nominal voltage, 

X,nd A ha* 

Hence, the field current in field terms is 


r X m i~ (X m .} “f“ Xlda) T" J S X md 2 Rda 

a Id = Ah -H "" o .r ,;y. -- (5a) 


If we let 


and 


Rda 2 + S 2 ( X md + Xlda ) 2 

S - X m d~ (X m d T Xlda ) 


Rda 2 + S 2 (X m d + Xlda)' 


= a 


(6a) 


S %mcT Hda 

+ s> (x mi + x u «r = b (7a) 

A/i = A», (a +jb) (8a) 

If A i d is taken as the reference vector, Equation (8a), 
as a function of time, is 

A Id = A i d [a cos st— b sin st] (9a) 

In the quadrature axis, similar relations may be 
obtained for such short-circuited rotor windings which 
exist in this axis. By similar reasoning, we get 


If we let 


and 


£ 'X'mq + Xlaa) + J S X mg 2 R { 

9 R qa 2 + S 2 {X mq + Xl ua ) 2 

S" Xm q (x mq + Xlqa) 


Rqa 2 + S 2 ( X mq -f- Xl qa ) 2 

S X m q^ Rqa 

Rqa 2 + S 2 ( X mg + Xlqa ) 2 


= c 


= d 


(10a) 


(11a) 


(12a) 


then 


A % — A i a cos (st + a) (14a) 

Then (13a) as a function of time becomes 
A I q = A i Q [(c cos a — d sin a) cos s t 

— (c sin a + d cos a) sin s t] (15a) 
With the alternating components of the field currents 

thus determined, the nominal voltages which, in per 
cent, are numerically the same as the field currents, 
may be determined by adding to the alternating com¬ 
ponent the constant term supplied by the exciter. 
Thus the total nominal voltage in the direct axis is 

e d = Id' + A id (ct cos s t — b sin s t) (16a) 
Since there is assumed to be no constant excitation 
in the quadrature axis, the total nominal voltage in the 
quadrature axis is 

e q = A i q [(c cos a — d sin «) cos s t 

— (c sin a. + d cos a) sin s t] (17a) 
The displacement angle will now be determined as a 

function of time. It has been shown 1 that the vector 
diagram for a synchronous machine connected to a 
source of' voltage e is as shown in Fig. 4. Armature 
resistance has been neglected since it may be shown to 
have a negligible effect on power angle characteristics 
for values of resistance which exist in commercial 
machines. In the diagram, i d is the total component 
of current in the direct axis and is given by 

id = id! + A i d cos s t (18a) 

where 

i d ' = the average peak value of armature current in the 
direct axis. 

Also, i q is the total component of current in the quadra¬ 
ture axis and is given by 

iq = iq' + A i q cos (s t + a.) (19a) 

where 

i q ' - average peak value of the armature current in the 
quadrature axis. 

From Fig. 4, the following relations may be obtained: 
e d = e cos 8 -f i d x d 

= e cos 8 + id' x a + A i d x d cos s t (20a) 
and 

e q + e sin 8 = i q x q 

= iq' Xq + A iq X q cos (s t + a) (21a) 
The angle 8 in these equations comprises two com¬ 
ponents, an average value 8' and a variation angle A ’8. 
Hence 

8 = 8' -f- A 8 (22a) 

and Equations (20a) and (21a) become 

e d = e cos ( 8 ' + A 8) + i d r x d + A i d x d cos s t (23a) 
and 


A h = A \ q (c +jd) (13a) + esin (8' + A 8) = i q ’ x q + A i q x q cos (st + a) 

_ The modulating current A i q is not, in general, in (24a) 

time phase with the modulating current, A i d . Hence From (23a) 

if A t d is assumed to vary as a cosine function of time,' e cos (§' + A 8) = e d - i/ x d - A i d x d cos s t (25a) 

l - e -> the re ference vector, A % q must be taken as Expanding (25a) 

e cos 8' cos A 8 - e sin 8' sin A 8 = e d - i d ' x d 

— A i d x d cos s t 


*Here Xmd is merely a numeric to change a quantity from one 
reference to another and the operator; is not required. 


(26a) 



ions A. I. E. E. 
(14a) 


a s t] (15a) 
field currents 
diich, in per 
eld currents, 
mating com- 
the exciter. 
it axis is 
) (16a) 

nt excitation 
■oltage in the 


is*] (17a) 
3 rmined as a 
it the vector 
nected to a 
. Armature 
he shown to 
laracteristics 
commercial 
l component 

(18a) 

arrent in the 
the quadra- 

(19a) 
irrent in the 
be obtained: 
s t (20a) 


+ a) (21a) 
3 S two com- 
n angle A "5. 

(22a) 
:OS s t (23a) 

(s t -f~ OL) 

(24a) 

s t (25a) 
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For very small values of A S, Equation (26a) may be and 
written 

e cos5' ~ e A 5 sin 5' = e d — i d 'x d — Ai d x d cos st (27a) cot a = - 


b d + (xg - a) (x g - c) 


or 

A & _ e cos ~ e d + i d ' x d + A i d x d cos s t 

e sin 8' ~ (28a) 

Substituting for e d from Equation (16a) and placing 

= «<»' (29a) 

we get 
Ad — 


— ~ d (x d — a) — b (x q — c) ^ 
Equating the amplitudes of (32a) and (38a), 

A AAEZ+A . A f, AKEZ+Z (41 a ) 
esmS' e cos S' k ; 


A . _ _ I (x d Oj)~ -f- 6 2 

A i d \ (x q — c y p cot 15 ( 42a ) 

— S '~ - + - - + A C05 s; + 5 5in s a Under certain conditions, the resistance of the field 

e Sm winding may be quite negligible compared with the 

(30a) reactance and it is interesting to examine the limiting 
. ®ut A ^ by definition, alternating with respect to case > *’• e -> w ^en R da is zero. Equations ( 6 a), ( 7 a), 
time. Also the bracket quantity on the right hand side (H a ) an d ( 12 a) are then respectively 

is evidently alternating with respect to time. Since the x t 

other terms in the numerator are constant with respect a = ~;—yyv- (43 a) 

to time, their sum must be zero, that is, X,nd + A lda 

e cos S' - e d ' + i d > x d = 0 ‘ (31a) 6 = 0 ( 44 a) 

Then 

g 

a s • ( Xd ~ ft ) cos s t 4- b sins* C x mq + Xi qa ( 45a ) 

A 5 = Ai d -: rr- (32a) 

6Sm * 1 } <*=0 ( 4 6 a) 

From Equation ( 21 a) When the resistance of the field winding is zero, the 

e sin 5 = i q ' x q - e q + A i q x q cos (s Z + a) (33 a ) tota * i m P e( ^ a nce of the equivalent circuit in Fig. 3 at 

Substituting (29a) in ( 33 a), and expanding, normal frequency is the transient reactance, i. e.,jx,{. 


Substituting (29a) in (33a), and expanding, Hence treqUenCy 1S the 

e sin 8' cos A 8 + e cos 8' sin A 8 

— ig x q e q -(- A i q x q (cos ex cos st — sin a sin st ) (34a) y — j % _j_ y ‘ Umd laa 

For very small values of A 8 , Equation (34a) maybe * W J Xm * + x ^ a 

WT1 ^ en ’ The synchronous reactance is from Fig. 3 , 

esm5' + e A 5 cos 5' = x q - e q . j Xd = j xi d + j Xmd 

Ai q x q (cos a cos st — sm a sm s t) (35a) F rom ( 47a ) an d ( 4 g a ) 

Substituting for e q from Equation (17a) and solving 

^ • x d - x d = 

A 8 = 


total impedance of the equivalent circuit in Fig. 3 at 
normal frequency is the transient reactance, i. e. ix d 
Hence 

„• , . . . X md Xl aa 


Xd - x d ’ = 


X md + X\ da 


i q x q — e sin 8' + A i q \[(x q — c) cos a -f- d sin a] cos s * similar reasoning for the quadrature axis we get, 

_ — [(x q — c) sin a — d co s a] sin s *} 2 

ecos5 ' ~ ^ 

(36a) TT „ 

For reasons following Equation (30a), Hence, Equations (43a), (44a), (45a) and (46a) 

• , . «. - , become 

% q x q - esm5' = 0 (37a) 

Then a - x d — x d ' (51a) 

b = 0 

[(*d - c) cos a + d sin a] cos s t c = x q - x q r (53 a ) 

AS = Ai — ^ S ^ n a — ^ cos s ^ n s 1 ( ‘ 38a ' ) d — Q ( 54 a ) 

6 cos 5 Nomenclature 

Equations (32a) and (38a) are equations for the same All armature currents are expressed as fractions of the 

angle. Hence the time phase angles must be the same peak value (sine wave) of normal current, 

and also the amplitudes. All field currents are expressed as fractions of the field 

From the time phase relations current corresponding to open circuit, normal voltage 

b d cos a — {x q — c) sin a t (sine wave) at normal frequency. 

Xi-a = dsma + (x,-c)msa (39aJ f 11 f 0 . to » es are expressed as fractions of the peak 

value (sme wave) of normal voltage. 


e cos 8' 

For reasons following Equation (30a), 
iq' Xq — e sin 8' = 0 

Then 

[(a : 9 — c) cos a + d sin a] cos s t 
. s _ . . — [(a s — c) sin a — d cos a] sin s t 

q 0 ^ - — 

ecosd' 
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Transactix 


Frequencies and angular velocities are expressed, 
respectively, as fractions of normal frequency and nor¬ 
mal electrical angular velocity. 

' Angles are expressed as fractions of one radian. 

Time is expressed as a fraction of the time corre¬ 
sponding to one electrical radian at normal frequency. 

Reactance is expressed in per cent (as a fraction), that 
is, as a ratio of the voltage drop due to normal current 
to normal voltage. 
e — terminal voltage, 

e d = nominal voltage, due to excitation in the direct 
axis, 

e q = nominal voltage, due to excitation in the quad¬ 
rature axis, 

Id = field current, direct axis, in field terms, 

I d r — field current, direct axis, in field terms (average 
value), 

I q = field current, quadrature axis, in field terms, 
Ida = field current, direct axis, in armature terms, 

I ga = field current, quadrature axis, in armature 
terms, 

i d = total direct component of armature current at 
the time i, 

i q = total quadrature component of armature cur¬ 
rent at the time t, 

id = steady, or average, peak value of the direct 
component of armature current, 
it = corresponding value of the quadrature 
component, 

A i d = variation of i d . See Fig. 1. 

A i q - variation of i q , 

(R = motional resistance, corresponding to the damp¬ 
ing constant, 

Rda — field resistance, direct axis, in armature terms, 
R qa = field resistance, quadrature axis, in armature 
terms, 

s = frequency of modulation of armature current, 
T = torque expressed as a fraction of that corre¬ 
sponding to the current and voltage (at unity 
power factor) on which the reactances are 
based, 

T d — damping constant, torque corresponding to 
unit electrical angular velocity, 

T t = resilience constant, torque corresponding to 
unit electrical angle, 

TJ = value of T s for the synchronous machine at the 
average angle .5 7 under steady state operation, 
X Ida = field leakage reactance, direct axis, in armature 
terms, 

Xi qa — field leakage reactance, quadrature axis, in 
armature terms, 

X — motional reactance, 

Xd = synchronous reactance, direct axis, 

x a = synchronous reactance, quadrature axis, 

Xi = armature leakage reactance, for either direct or 
quadrature axis, 

x md = mutual reactance, direct axis, 

%mq — mutual reactance, quadrature axis, 


Z m — motional impedance, 

• z d i = equivalent impedance, direct axis. 
z q i = corresponding impedance, quadrati 
a = time phase displacement between 
lating current in the direct axis am 
lating current in the quadrature a: 
8 = displacement angle of the nominal y 

the terminal voltage as a fracl 
electrical angle (electrical radian 
actual space phase lag or lead of 
= angular velocity of mechanical osc: 
fraction of normal rotational veloci 
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Di scussion 

J. F. H. Douglas: I wish to ask a question x 
paragraph which reads, “It will be observed that 
the dotted line is still positive beyond the max 
point of stable, steady-state, operation. This mes 
machine were operating beyond the angle eorrespon 
mum, steady-state power, say at 100 electrical 
machine would be stable under sudden changes,' 
steady-state characteristics at that point indicate 
I am somewhat curious to know under what oporatixi 
if any, this becomes of interest? 

The curve in Fig. 7 involves not only sin 8 bul 
that is, it quite obviously contains a second harmoni 
this is fully recognized in the paper, and I simply 
attention to the fact that most textbooks do not'i 
existence of this second component, and that it is vo: 
that it should be recognized inasmuch as it groa 
torques in the stable operating range. 

R. D. Evans: I was much interested in the qu 
about the increased power limit obtainable by me 
matic control of excitation. I interpret the aim 
Mr. Nickle as giving essentially the same idea as wh 
porated in the term “artificial stability,” a term oo 
Shand in 1924. At that time it was thought impossi 
operation to obtain a condition of increased power li 
process. 

Subsequently we made tests of a somewhat simil 
that described by Mr. Nickle. These test results 
closing discussion 1 on the Evans and Wagner paper 
Midwinter Convention, were the first experimental 
of the fact that increased power limits were actually 
I might liken the condition of increased stability by c 
excitation to the process of maintaining equilibr 
artificial process of juggling. Up to 90 deg., or aci 
what less, it is possible to obtain stable operatioi 
Beyond that point, equilibrium may be maintained 
but it is necessary to use automatic devices. This co: 
the action of a juggler in making a corrective aeti 
system has started to pull out. This action on a pov; 
possible because of the time required for the system 
of step. 
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In the presentation Mr. Niekle described a mechanical system 
We, too, have found such a system to be very good for the purpose 
of visualizing the actions taking place during the transients. 
Analytically, the actions are quite complicated, but they can be 
understood by a suitable mechanical model by adding inertia 
to the vector arms, and a spring connecting them. Mr. Griscom 
described a system of this general character in an article entitled 
“A Mechanical Analogy to the Problem of Transmission Sta¬ 
bility , Electric Journal, May 1926. I notice that Mr. Niekle 
has described the addition of a dashpot to the arrangement which 
makes it possible to simulate the condition of the demagnetizing 
action in a machine, which changes the internal e. m. f. and brings 
about the change of machine reactance from leakage to syn¬ 
chronous reactance. 

„ ^ ‘ Lyon: Mr. Doherty and Mr. Niekle have presented 

in this paper an ingenious method for analyzing, what I believe 
to be, a very difficult problem. They" have founded their 
analysis on -what seem to be a reasonable set of premises. These 
premises have been so well chosen that in the subsequent mathe¬ 
matical work it is necessary to make but one simplifying assump¬ 
tion in order to arrive at a final result that is not unduly compli¬ 
cated. Y liether or not this method of analysis produces accurate 
results can be determined only by laboratory experiment, and 
it is to be regretted that such data are not available at the present 
time. In fact we have at the Massachusetts Institute of Tech¬ 
nology measured the torque-angle characteristic of a small 
synchronous motor when the load torque varies eyclicly. To be 
more exact we measured the powder-angle characteristic, although 
there is but little difference between the two. Unfortunately 
I have had no opportunity to compare these results with Mr. 
Doherty’s calculations. 

In the third part of their paper where they consider the 
question of synchronizing out of phase, I should much prefer to 
see them follow' the methods that have already been developed 
for computing the transient currents in a three-phase synchronous 
generator. The first shock on the machine, coming as it does 
within the time of one cycle, would probably occur before the 
rotor has swung more than a negligible amount. The methods to 
which I reler are based on the differential equations which 
■apply to synchronous machines, whereas Messrs. Doherty’s 
and Nickle’s treatment has no such fundamental background. 
Since, however, the differential equations assume certain ideal 
■conditions that do not exist, it is possible that their method 
■will actually give better results. Here, again, laboratory ex¬ 
perience only can decide. 

I should like to suggest another method of attacking this 
problem. The premises upon which it is based are much the 
■same as the authors have chosen. Briefly the assumption is 
that the vector diagrams which are used to explain the steady- 
state operation may also be used when the angular velocity of 
the rotor is not constant. The actual condition of operation 
■can be resolved into two component conditions of operation as 
follows. First, consider that the armature is short-circuited and 
that normal excitation voltage is impressed on the field. The 
■determination of the armature and field currents is a simple 
process even if the angular velocity of the rotor is slowly 
changing. Next, consider that the field winding is short-circuited 
n.nd that normal polyphase voltage is impressed on the armature. 
Here we have an induction motor with an unsymmetrical rotor 
winding. The determination of the armature and field currents 
is again a fairly simple process which is well understood. It is 
■only necessary to assume that the currents are determined by 
the actual angular velocity of the rotor and are not affected by 
its acceleration. Laboratory experiments alone can determine 
whether this assumption is reasonable. Under the actual con¬ 
dition of operation both of these components of current exist 
simultaneously and the resultant torque can be computed "without 
much difficulty. We can then set up the differential equation 
which equates the electromagnetic torque developed equal to the 


sum of the torques acting on the shaft and that due to the accelera¬ 
tion of the rotor. Although I have had no opportunity to make 
this solution in detail I have gone far enough to see that there 
are no insurmountable difficulties in the path. 

H. V. Putman (communicated after adjournment): It would 
seem that the damping torque calculated by the authors is not 
the actual damping torque of the motor. Actually, the damping 
torque is proportional to the rate of change of only that part of 
the displacement between the pole and the electrical field, 
while the damping torque calculated by the authors is proportional 
to the rate of change of the total displacement. Such a radical 
departure from the accepted ideas about this problem, is at least, 
worthy of further explanation. 

There is another peculiar thing about this clamping torque 
Td calculated by the authors. It was obtained by substituting 
in a formula for the synchronizing torque derived under the 
assumption of steady-state conditions. They state that Equation 
( 11 ) which is the synchronizing torque under steady conditions, 
gives the torque not merely for the steady state but for any con¬ 
ditions within the premises when the actual values of the nominal 
voltages and the displacement existing at the moment under con¬ 
sideration, are substituted. Substituting these values for the 
oscillatory condition in this formula, for the synchronizing 
torque, gives a vector expression of which one term is the syn¬ 
chronizing torque, and the other, so. the authors claim, is the 
damping torque. It at least seems peculiar that one could 
obtain a damping torque by substituting in a formula for the 
synchronizing torque, derived under steady-state conditions 
and one -would be inclined to question the premises which could 
lead to these conclusions. 

If I understand the paper correctly, it seems to me that the 
fundamental assumption made by the authors, is unjustifiable. 
They assume that the whole phenomenon discussed in Part A 
can be handled as the result of two transformer actions, one tak- 
ing place in line with the pole, and the other in line with the inter- 
polar space. The armature current has been resolved into two 
components, one in line with the average position of the field pole, 
the other in line with the average position of the inter-polar space! 
The modulation of these components of current causes the arma¬ 
ture reactions produced by them to pulsate in magnitude. So 
the armature reaction produced by the direct component of 
current, for instance, pulsates in magnitude in line with the 
average position of the field pole. It is not in line Avith the field 
pole at every instant of time, as assumed by the authors, and 
hence,.it would.seem that the phenomenon can not be calculated 
as a simple transformer action if the damping torque is to be 
obtained correctly. If this assumption is not made, the problem 
might become more complicated but the damping torque, would, 
in all probability be found to depend on only that part of the 
displacement between the pole and the electrical field. 

I think that the mathematical work from Equations (14) to (21) 
could be much simplified as follows: 

. A T is the pulsating motor torque resulting from an oscilla- 
tion AO which was shown to be a harmonic function of st; that is, 

A 0 is a function of the type 

A sin s t -f B cos s t (1) 

and the total motor torque is of the form 

AT = T S A8 + T d tt (2) 

but since A 5 is an harmonic function of s t, it is evident that: 

aS ~ - (3) 

Substituting (3) in (2) gives £ = T d _1_ f s 

0 s s . 

which is the author’s Equation (21). 

I found the explanation given in the paper for this part of the 
work, more confusing than clarifying, because of the confusion 
of the units involved. For instance, the well-known equation 
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Transactions A. I. E. E. 


for torque consumed in any mechanical system, which is the 
authors’ Equation (16), involves torque in foot-pounds, and time 
in seconds and angular velocity in mechanical radians per 
second. Also Equation (17) involves time in seconds and when 

one puts —— = j w, the differentiation is with respect to time 
d t 

in seconds. 

I have been much interested in this percentage representation 
of the time unit, but it seems to me that the use of time expressed 
as a fraction of the time corresponding to one electrical radian 
at normal frequency, is actually somewhat cumbersome. For 
instance, if time is in seconds, one obtains the damping torque 
in units of torque per radian per second, and one can mark his 
answer exactly what it is. But how does one express damping 
torque in the time units used by the authors? They define it 
as “the damping constant, torque corresponding to unit electrical 
angular velocity.” Unit electrical angular velocity is the angular 
velocity in electrical radians per second, divided by w so that 
when one obtains the damping torque in the units used by the 
authors, he is rather puzzled as to how it is to be used until it has 
been transferred into electrical radians per second or some other 
tangible unit which can be defined. 

R. H« Parks Mr. Putman states in his discussion that 
“Actually, the damping torque is proportional to the rate of 
change of only that part of the displacement between the pole 
and the electrical field, while the damping torque calculated 
by the authors is proportional to the rate of change of the 
total displacement. Such a radical departure from the accepted 
ideas about this problem, is at least, worthy of further 
explanation.” 

The explanation of this phenomenon is as follows: At any 
given frequency of motion of the rotor there will exist a harmonic 
electrical torque on the rotor of the same frequency and pro¬ 
portional to the amplitude of oscillation, the constant of pro¬ 
portionality depending in general on the frequency of oscillation. 
In general, there will be a difference' in the time phase of the 
torque and the displacement. The total harmonic torque, 
however, may be broken up into two components, one in time 
phase and one in time quadrature with the displacement of the 
rotor. The component in time phase with the total displacement 
is referred to as the synchronizing component of torque. The 
component in time quadrature is referred to as the damping 
component of torque, because it is in time phase with the rate of 
change of displacement—i. <?., in time phase with the velocity. 
Therefore it is quite clear that at any given frequency of oscilla¬ 
tion the electrical torque is capable of being expressed as 
(a constant) X total displacement) + a constant) 

X rate of change of total displacement). 

It is also-true, as shown below, that at any given frequency of 
oscillation the torque may be expressed 'as 

(a constant) X (relative displacement of magnetic field and 
pole) + (a constant) X (rate of change of relative 
displacement of magnetic field and pole), 
since, at any given frequency the relative displacement 
of the field and pole is in constant relation to the total dis¬ 
placement of the rotor provided that the oscillations are small 
as was assumed. 

Mr. Putman also raises a question as to the reasonableness 
of the process by which the synchronizing and damping com¬ 
ponents of torque were calculated by substituting in the steady- 
state formula for synchronizing torque. The legitimacy of this 
method of calculation is explained most simply from the following 
considerations. 

1. The electrical torque on the rotor depends only on the 
instantaneous distributions of flux and current in the machine. 

2. Neglecting armature resistance, the distribution of flux 
and current in a machine, and therefore also the magnitude of 
torque, are known uniquely when the magnitude of the direct 


and quadrature nominal e. m. fs., terminal e. m. f., and the 
displacement angle between the rotor and the terminal e. m. f. 
are known. (It is to be noted that nominal voltage is to be 
interpreted as the percent armature flux linkages due to the 
direct component of field current, quadrature nominal voltage 
similarly and terminal voltage as the percent total armature 
linkages.) 

3. Although the formula in question was originally derived 
in the study of the magnetic torque under steady conditions of 
operation, and was therefore expressed in terms of the nominal 
and terminal voltages and the displacement angle, nevertheless, 
since the torque, at any instant, actually depends only upon the 
instantaneous values of these quantities, it follows, as stated in 
the paper, that the formula may be extended in scope so as to 
cover variable conditions of operation. 

Since the formula expressed the electrical torque completely, 
it must contain all component torques; thus it must contain 
both synchronizing and damping components. As shown in 
the paper, this is found to be the case. The correctness of the 
torque formula employed can, moreover, be demonstrated in a 
more explicit manner than given above. I propose to give such 
a demonstration in a paper to be presented before the A. I. E. E. 
in the near future. 

C. F. Wanner (communicated after adjournment): During 
the discussion of this paper the question of the efficacy of voltage 
regulators and exciters in increasing the amount of power has 
arisen. This brings up the question as to whether the improve¬ 
ment so obtained could be attributed to the regulator or to the 
exciter. It is apparent that both must be sufficiently rapid; 
a long time lag in either regulator or exciter being approximately 
equivalent to conditions under hand regulation. It has been the 
experience of the Westinghouse Company with which I am 
associated that their standard vibrating voltage regulator, 
which is used with standard exciters, is sufficiently rapid even for 
quick-response exciters. This becomes apparent when it is 
known that the contacts of such a regulator close in a fraction 
of a cycle (at 60 cycles) under reduced potential. In light of 
these facts one must conclude that the improvement in power 
limits is due to improvements in exciters rather than improve¬ 
ments in regulators, the regulators as already developed being 
sufficiently satisfactory. 

C. A. Nickle: Mr. Douglas has asked about the operation of 
synchronous machines above the steady-state power limit. In 
answering this question, a simple case’with a cylindrical-rotor 
generator connected to an infinite bus will be considered. If 
the terminal voltage of the infinite bus is e, and e x is the nominal 
voltage of the generator, the power interchange between the 
generator and the bus is given by 


x 

where x is the synchronous reactance of the machine. Evi¬ 
dently, when ei, e, and x are constant, this expression has a 
maximum when 5 = 7T/2. If, however, e x is caused to vary in 
such a manner as to become a definite function of 8, the expression 
for power may have its maximum for values of greater than 
7T/2 and the maximum power is increased. Operation beyond 
the steady-state power limit thus depends upon applying the 
proper excitation at the proper time. 

By means of a new voltage regulator which we have developed, 
such requirements are fulfilled and machines have been caused 
to operate beyond the steady-state power limit by a considerable 
amount. To illustrate this, the following test may be cited. 
Two 435-kv-a. synchronous machines were connected to the 
same bus, one being driven as a generator and the other running 
as a motor. The rated voltage of these machines was 4000 volts 
and since, at this voltage, the possible power transfer would 
seriously overload the direct-connected, direct-current machines, 
all tests were run at a reduced voltage; i, e., 2200 volts. The 
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maximum power obtained in tests where the terminal voltage was 
held by hand-controlled rheostats and also by standard regu¬ 
lators, was ISO lew. The use of the new regulator increased this 
power to 4 SO kw. or almost triple the value which could be ob¬ 
tained by ordinary methods. The angular displacement between 
the rotors oi: the two machines when operating at these loads was 
considerably beyond 90 deg. as was verified by means of strobo¬ 
scopic observations. The torque-angle characteristics for angular 
displacements beyond the steady-state limit thus have a physical 
significance as well as a theoretical one. 

It. E. Dohertys Mr. Evans has referred to the term, “artifi¬ 
cial stability,” coined by Mr. Sliand, as applying to operation 
beyond the “static” stability limit. Why coin a now term, since 
classical usage has long since specified such a state as “dynamic” 
stability, in contradistinction to “static” stability? It is the 
distinction between the stability of a hoy riding a tricycle in one 
case and a bicycle in the other. 

Ho refers also to the discussion, which took place at the Phila¬ 
delphia Convention in 1924 1 2 , regarding power transmission, and 
statins that, “at that time it was thought impossible in actual 
operation to obtain a condition, of increased power limits by that 
process,” that is, by dynamic stability. There were a number of 
opinions expressed at that meeting regarding stability. I 
remember that 1 expressed this particular one: that, considering 
the thou present stage of electrical engineering art, and the 
extent to which the studies under consideration projected beyond 
the limits of experience, we should “neither gamble that a volt¬ 
age regulator will be able to insert a supporting prop under an 
otherwise falling system, nor depend for stability during load 
transients, upon possible, momentary, favorable conditions due 
to momentum and field transients. Those may add up in the 
right direct,ion, but engineers had better keep them up their 
sleeves . . . .” Mr. Nicicle’s investigation since that time has 
demonstrated that synchronous operation far beyond the steady- 
state limit is possible. Thus the mechanical momentum can be 
utilised in this connection to a much greater degree than was 
thought possible at that time. 

1 hope that the importance of Mr. Ninkle’s tests may not be 
overlooked. The greatest increase above the steady-state power 
limit which Mr. Evans and his associates state that they have 
obtained on test is about 20 per cent. I wish to call attention 
to the fact that in Mr. Nicklo’s test, the steady-state limit was 
.180 kw., and that, by the use of a new regulator which he has 
developed and whie.li applies excitation not 'merely quickly, 
(i. i',. not merely “high-speed excitation” but at the right time- 
phase), it was possible to raise the power from 180 to 480 lew. 
And, in my opinion, ho has written a new chapter in the story 
of long-distance power transmission. 

Mr. Wagner refers to test, results given in. the closing discussion 
of tho Evans and Wagner paper at the last Midwinter Conven¬ 
tion, both as being “similar” to those mentioned by Mb’. Niclde, 
and as being “the first experimental vertiftcations that increased 
power limits wore actually obtainable.” 

How similar? They showed an increase of 20 per cent. Mr. 
Nickle’s test showed an increase of 1G0 per cent beyond the 
power corresponding to the steady-state limit— i. e., from 18 f 0 
to 480 kw. 

Over a year before, the paper by Doherty and Dewoy, at the 
Pacific Coast Convention, September, 1925 s , had tost results 
showing a 28 per cent increase in power above the steady state 
limit. 

It is recognized generally that the problem of bringing about a 
quick change in tho exciter voltage is important. The point 
which does not yet appear to be recognized in Mr. Wagner’s 
discussion, is the very important part which the regulator plays. 
From his discussion, one is clearly led to the conclusion that his 
solo criterion regarding tho efficacy of the regulator is whether its 

1. A. I. E. E. Trans., 1924, p. 71. 

2. Trans., A. I. E. E., 1925. p. 972. 


contacts close promptly on the occasion of a sudden voltage 
disturbance. Thoughtful consideration must nevertheless surely 
indicate that the subsequent behavior of the regulator is of equal 
importance. However, such questions as he has raised cannot be 
effectively settled by verbal discussion. Mr. Wagner’s view 
would be immensely more convincing if, instead of submitting 
the time required for the regulator contacts to close, he had 
adduced some test results obtained by the use of the standard 
vibrating regulator which he mentions, such test results showing 
an increase in power over the steady-state limit comparable with 
those brought out in Mr. Niclde’s and my discussion. 

We are pleased to note that Professor Lyon considers the 
authors’ premises to be reasonable; also that M. I. T. expects 
to make some experiments along these lines., Prof. Lyon 
mentions another possible method of attack which is interesting, 
and I hope that he may have an opportunity to carry this through. 

Mr. Putman has raised some interesting points which the 
authors are glad to have the opportunity to clear up. Mr. Park 
has answered the question regarding the dampingV>rque, and the 



particular angular velocity on which it depends; also he has 
shown why the torque formula referred to is applicable in general, 
and therefore in the present case. The authors acknowledge 
that there should have been further explanation regarding this 
point in tho paper. 

With reference to his proposal to simplify the mathematics, 
both ways are now available, so the reader may choose to his 
liking. 

Mr. Putman’s statement regarding the authors’ alleged 
assumption relating to the reference axes is interesting and 
requires detailed comment. The basic conception is a syn¬ 
chronous machine connected to an “infinite bus,” and experienc¬ 
ing a periodic angular oscillation. Under such conditions the 
magnitude of the space fundamental component of armature 
in. m. f. will pulsate periodically. Moreover, ou account of the 
variation of power factor during each oscillation of tire rotor, tho 
position of the m, in. f. wave with respect to synchronous space 
will vary periodically—at the same period as the pulsation in 
magnitude. 

The question is, how shall these phenomena be expressed? 
One may choose the premises which the authors bavo actually 
chosen, or those which Mr. Putman understands that they have 
chosen, and the result will be the same; that is, one may assume 
the component of the fundamental m. m. f. wave over the 
pole ( i . e. the direct component) and likewise the quadrature 
component, to vary harmonically; or, as Mr. Putman suggests, 
that the components in line with the average positions of the 
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pole axis and the quadrature axis, vary harmonically. In the 
first ease it is tacitly assumed by the authors that those varia¬ 
tions of the m. m. f. in line with the pole other than the harmonic 
variations, are negligible, being second-order differences under 
the assumed extremely small oscillations. And it is these 
negligible differences to which Mr. Putman has apparently 
assigned an undue importance, as shown in the following: 

Referring to the accompanying figure, let 81 be the angular 
displacement between the average position of armature m. m. f. 
wave and the average position of the direct axis of the rotor, 
both of which positions are fixed references, in synchronous 
space. Also, let the total armature m. m. f. wave vary harmoni¬ 
cally in amplitude according to the expression 

a — A + A A cos s t 

and let the position of the m. m. f. wave vary harmonically 
about its average position according to 

Ada = A 82 cos (s t + /3) 

. The harmonic oscillation of the direct axis about its average 
position is 

A 8 r = a5 3 cos (s t + j3i) 

The total angular displacement between the armature m. m. f. 
wave and the direct axis of the rotor at any instant is then 

8 =<§1 + a 8 i cos (s t +/3) - A5 3 cos ( st -(-/Si) 


Transactions A. I. E. E. 

Thus the component of m. m. f. which exists in the direct 
axis at all instants is 

Ad = (A + A A cos s t) cos [ Ai + A §2 cos (,st + (3) 

- A<5 3 cos (s t -f jSi) ] 
Expanding, and taking advantage of the close approximation 
that for small angles 

a* 

cos X = 1-—— 

2 

sin x = x 

A d = [A + A A cos s t\ 

< a8 2 cos (st +0) — a8 3 cos (s t + jS i) > 2 ) 

- I 

— sin§i { a5 2 cos (s l -|- j 8 ) — A 83 cos (s t + Pi) } J 
Neglecting second order terms, 

Ad = A cosSi + [A A cos<5i cos s t — A sinSi { A<5 2 cos (s t + /3) 
- A<5 3 cos (s t +/3i) } ) 

likewise for A q . 

Hence the m. m. f. in the direct axis, that is over the pole, or 
in the quadrature axis, at all instants comprises a constant term 
plus a harmonically varying increment—which is the form taken 
by the authors. 











The M. M. F. Wave of Polyphase Windings 

With Special Reference to Sub-Synchronous Harmonics 

BY QUENTIN GRAHAM 1 

Associate, A. I. E. E. 


Synopsis. --The in. in. f. waves of fractional slot windings 
or other irregular windings arc found to contain harmonic com¬ 
ponents having wavelengths greater than two pole pitches. These 
are designated as sub-synchronous harmonics since their harmonic 
order is haver than that of the synchronously rotating wave. They 
induce currents in the damper windings of synchronous machines 


HE m, m. f. wave shapes of polyphase windings 
have been investigated, by numerous writers . 2 
The methods of analysis vary somewhat but the 
results are essentially the same. It is known, for 
example, that with the usual three-phase winding, the 
m. m. f. wave consists of a fundamental sinusoidal wave 
traveling uniformly at synchronous speed and certain 
odd multiples of the fundamental. Of these higher 
harmonic components, it is easily shown that the third 
or multiples thereof do not exist, and that the 5th, 
11th, 17th, etc., travel against rotation while the 7th, 
18th, 19th, etc., travel with rotation or in the same 
direction as the fundamental wave. The speed at 
which these components of the m. m. f. wave travel is 
inversely as their harmonic order. Thus the 5th 
harmonic travels at one-fifth synchronous speed, 
the 7th harmonic at one-seventh speed and so on. Each 
component moves through its own wavelength in the 
same interval of time. 

In the present paper, the m. m. f. waves of certain 
particular types of windings are examined in some detail 
and it is shown that they possess additional harmonics 
which may have an important bearing on machine 
performance. The paper deals chiefly with fractional 
slot windings. 

The term "fractional slot" is applied to machines in 
which the ratio of the number of slots to the number 
of poles is not an integral number. In machines 
of this type the m. m. f. wave varies from pole 
to pole. Thus when the m. m. f. for the complete 
armature is plotted and the wave analyzed, it is found 
to contain harmonic components having a wavelength 
greater than twice the pole pitch. That is, there are 
harmonics of lower order than the predominant com¬ 
ponent which travels at synchronous speed and which 
is normally spoken of as the fundamental wave. It 
becomes convenient, then, to use a new rotation in 
which the complete developed armature is taken as 

1. Designing Engineer, Westinghouse Elec. & Mfg. Co., 
East Pittsburgh, Pa. 

• 2. See, for example, “The Mathematical Treatment of the 
Magnetomotive Force of Armature Windings” by B, Hague in 
the Journal of the Institution of Electrical Engineers, July, 1917. 

Presented at the Winter Convention of the A. I. B. B., 
New York, N. Y., Feb. 7-11,1927. 


which may produce noticeable loss. Some test data concerning losses 
are included. These harmonics have an effect upon reactance and, 
under certain conditions, they may cause vibration. An appendix 
covers the calculation of the m. in. f. of three-phase fractional slot 
machines. 


2 it radians and the fundamental component of the 
m. m. f. is a wave whose length is 2 rr. The complete 
m. m. f. wave contains components which are various 
multiples of this fundamental, one of which is the 
synchronously rotating wave. The synchronous com¬ 
ponent, which in usual notation is the fundamental 

P 

wave, now becomes the - g-th harmonic, where P is 

the number of poles. There may be other component 

P 

waves having harmonic orders below the -77 th or syn¬ 
chronous component and there will always be com¬ 
ponents of higher order. 

The existence of these components of low harmonic 
order in the m. m. f. wave of fractional slot and other 
irregular windings has not been noted previously, as 
far as I am aware . 3 For convenience in distinguishing 
them from the usual higher harmonic components, I 
have used the term “sub-synchronous harmonics" 
since their harmonic order is below that of the syn¬ 
chronous component. This term is not entirely satis¬ 
factory since there may be important components whose 
order is above the synchronous component but which are 
not multiples thereof. The term “non-synchronous har¬ 
monic" maybe used to designate any component other 
than the synchronous and of course is applicable to the 
5 th, 7 th, etc., which occur in integral slot three-phase 
machines. 

It is interesting to examine the sub-synchronous 
harmonics with reference to their speed of rotation and 
their direction. It is well known that the usual higher 
harmonics proceed around the armature at less than 
synchronous speed, each moving its own wavelength 
during a cycle of the current. It is not surprising, 
then, to ’ find that the sub-synchronous harmonics 
travel at higher speeds, fulfilling the same condition of 
one wavelength of travel during one cycle of current. 
The direction is found to be with rotation in some cases 

3. While the present paper was being prepared, the existence 
of these harmonies was mentioned in a footnote by Doherty 
and Nickle in their paper, Synchronous Machines, presented at 
the June, 1926, Convention of the A. I. E. E. 
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and against rotation in others, as will be shown later. 

The method of determining the existence of any 
harmonic and of finding its magnitude will be shown 
in detail. The fluxes which correspond to the various 
harmonics will then be considered. The effect of these 
fluxes in both the stator and rotor will be discussed 
and it will be shown that they have an influence upon 
reactance and upon losses. 

Determination of M. M. F. 

A balanced polyphase winding having an integral 
number of slots per pole and equal spacing of phase 



Fig. 1— M. M. F. of Full Pitch Coil 


belt: produces an m. m. f. wave in which the space 
distribution is repeated for every pair of poles. For 
this type of winding it is sufficient to plot the m. m. f. 
for two pole pitches and to base all analyses of armature 
reaction on an equivalent two-pole machine. For the 
type of windings under consideration, however, the 
m. m. f. distribution varies from pole to pole around 
the armature so it becomes necessary to consider the 
entire winding. The method of analysis used here 
consists in finding, first, the m. m. f. wave set up by a 
single coil. This is decomposed into its various har¬ 
monic components after which each component is 
added separately to the corresponding waves of the 
other coils. 

Consider for the moment a developed armature such 
as is shown in Fig. 1 with a coil having a pitch equal to 



Fig. 2—M. M. F. of Short Throw Coil 

half of the developed length. This may be, for exam¬ 
ple, a two-pole machine with a full pitch coil. The 
m. m. f. set up by this coil has a space distributed shown 
by the rectangular wave. It is well known that such 
a wave can be expressed as 


coil throw. The magnitude of any harmonic com¬ 
ponent of a wave of this type is shown, in Appendix A, 
to be 

0.45 - 

a r — -V 1 — cos w/3 (5) 

n 

In this case both odd and even harmonics may be 
present. However, if the armature shown in Fig. 2 is 
used to represent a two-pole machine with short throw 
coils and the usual balanced arrangement of slots and 
phases, the even harmonics will not appear in the final 
m. m. f. wave due to a cancellation that takes place 
when the components of all coils are added. This is 
in agreement with the well-known fact that chording 
a winding changes the magnitude of the m. m. f. but 
does not introduce dissymetry. 

Let another developed armature be represented by 
Fig. 3. In this case the complete machine has a large 
number of'poles and the throw of the single coil shown 
is small compared to the complete developed armature. 



Fig. 3—M. M. F. of Single Coil of a Multipole Machine 

For purposes of analysis, however, the coil may be 
considered just as if it were a coil of extremely short 
throw on a two-pole armature. The angle of throw 
of the coil is (3 and the complete armature span is taken 
as 2 tt. The values of the different harmonics are found 
from (5). The component of lowest harmonic order 
will have a length equal to the complete armature; 
that is, it will be the fundamental wave and the other 
component waves will have harmonic orders which are 
multiples of its order. 

The problem then resolves itself into locating all 
the other coils in their correct positions and adding 



nnnnnnnnnn 

Poles 


Fig. 4 


4/ . i 1 1 \ 

a ~~ ~^\ sin ex. + g sm 3a-j- g sin 5 a ... — sin n a) 

■ Suppose now that the throw of the coil is less than 
half of the developed armature. The m. m. f. form 
then takes the unsymmetrical rectangular shape shown 
in Fig. 2. The areas under both halves of this wave are 
equal and the ratio of the positive to the .negative 
ordinates varies with the angle /3 which expresses the 


together the waves of the same harmonic order. Ap¬ 
pendix B shows the method of carrying out this calcu¬ 
lation for the case of fractional slot, three-phase 
windings. Fig. 4 shows the fundamental wave and the 
P 

" 2 “th or synchronous harmonic for a 10-pole machine. 

The magnitude of the fundamental is exaggerated in 
the sketch. * ' 
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If the same method of analysis were applied to a 
winding which is not of the irregular type, the harmonics 
of lower orders appearing in the m. m. f. of a single coil 
would cancel out when combined with those of the other 
coils. This is simply stating that when the armature 
winding for one pair of poles is the same as for every 
other pair of poles, the m. m. f. wave repeats itself for 
each pair of poles. 

Fractional Slot Windings 
Modern a-c. machines make extensive use of windings 
in which the number of slots per pole is not an integer. 
These fractional slot windings give perfectly balanced 
terminal voltages and usually produce voltage wave 
shapes which are noticeably free from harmonics. 
There are many design and manufacturing advantages 
in the use of these windings since the possible numbers 
of slots for a given machine are not limited to multiples 
of the number of poles. 

The method of determining the possible numbers of 
slots for any combination of poles and phases and of 
distributing the coils so as to obtain balanced voltages, 
has been published 4 previously. For three-phase 
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any mucjiliic liaviiu.' f lic same number ot'slms pur polo and having a number 
of poles which is a mutiple of t. Tlio ta-glnning of cacti pliuscis shown by 
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windings the rule is that the number of slots must con¬ 
tain 1 he factor 3 f> 1!) where r is the number of times the 
fact or 3 appears in the number of poles. The distri¬ 
bution of coils into pole groups is illustrated by the 
chart in Fig. 5. The procedure to be followed in laying 
out such a chart can be explained more easily by the 
use of an example. 

Let us take a 20-pole, three-phase machine having 135 
slots. The number of slots per phase per pole expressed 
as a fraction is 9/4. Select a scale such that four 
divisions equal a slot pitch. Then nine divisions will 
represent a phase belt and 27 divisions a complete pole 
pitch. Locate the conductors a slot pitch apart on the 
chart, regardless of their relation to the phase belts, 
placing the succeeding poles under the first pole. Con¬ 
tinue this until it is seen that the positions of the 
conductors along the horizontal scale are the same as 
those at the beginning of the chart. It will be found 
that four pole pitches must be covered before the 
winding begins to repeat. In any winding of this type 
the number of poles passed through before the winding 

.Sto”‘Two- and Throe-Phase Lap Windings in Unequal 

Groups.” by E. M. Tingley, Electric Review and Western Elec¬ 
trician, Vol. 60, No. 4. 


repeats is the same as the denominator of the fraction 
expressing the slots per pole per phase. In the discus¬ 
sion that follows, y will be used to represent this num¬ 
ber of poles. 

The winding chart, Fig. 5, now shows the number of 
slots to be used in each phase group under each pole. 
The first pole will have 3 coils in phase A, 2 in phase B 
and 2 in phase C; the second pole will have 2 coils in 
.phase A, 3 in phase B and 2 in phase C; and so on. 
Each group of 4 poles will be a repetition of the first 
4 poles. Since there are 20 poles in the machine there 
will be 5 equal groups._ These groups may be in series 
or parallel connection. The term “repeatable group” 
is used here to designate the coils of one phase in the 4, 
or in genera], y adjacent poles. 

In the determination of the m. m. f. waves as shown 
in Appendix B, the angular position of each coil in a 
repeatable group with reference to the initial coil must 
be found from the winding chart. In Fig. 5 the 
angular positions of the coils in phase A with respect 
to the first coil are as shown below. All angles are 
multiples of the slot pitch except that the angle ir has 
been added to the actual physical position of coils in 
alternate poles to take into account the reversal of the 
direction of current in those coils. Letting S represent 
a slot pitch in angular measure the angles with respect 
to the wth harmonic wavelength are: 

Angles 


Coil No. 1. 

. 0 

Coil No. 2. 

. ns 

Coil No. 3. 

. 2 ns 

Coil No. 4. 

. 7 n s + 7r 

Coil No. 5. 

. 8 n s H- tv 

Coil No. 6. 

. 14 n s 

Coil No. 7. 

. 15 n s 

Coil No. 8. 

. 21 n s H- 7r 

Coil No. 9. 

. 22 n s + 7r 


These are the angles to be used in adding the m. m. f. 
waves of the individual coils to obtain the quantity M 
used in Appendix B. 

While the determination of the magnitude of any 
harmonic component in the final m. m. f. wave is 
rather tedious, the test for the existence of any harmonic 
is quite simple. It is shown in Appendix B that if 


P 

n + 9 

Ck 

p “ 


(21) 

V 



y (P ±2w) 

and if g p = fx 2 


(22) 

where Ki and Jf 2 are integers, including zero, the nth 
harmonic exists. Otherwise, although it is present 
in the coil m. m. L, it is cancelled when the summation is 


made. 
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Table I shows the magnitude of the sub-synchronous 
harmonics in the m. m. f. waves of a number of typical 
fractional slot machines. All of these windings fulfill 
the conditions necessary to obtain balanced terminal 
voltages. The value of each harmonic is expressed in 
per cent of the synchronous component. 


TABLE i 


No. 

poles 

No. slots per 
pole per phase 

Per cent 
harmonics total 

Per cent 
harmonics 

10 

' 4- 2/5 

3.6 

3.6j 

10 

4- 4/5 

5.2 

5.2i 

22 

1- 7/11 

15.9 

4.2! 4.4 6 7.3? 

24 

3- 3/8 

6.6 ' 

3.4 3 3.2 6 

26 

2-10/13 

14.4 

2.lx 7.7 5 2.2? 




2.4n 

44 

2- 1/22 

28.8 

3.3 2 4.14 2.6s 




5.8io 2.0x4 9.5i<j 




l.Sao 

48 • 

2- 1/4 

11.0 

11.0x2 

72 

1- 3/4 

14.3 

14.3x8 


Titis table shows the value of the sub-synchronous harmonics in per cent 
of the synchronous m. m. f. The subscripts indicate the order of the 
harmonic. All machines listed are three-phase. Harmonics of orders 
higher than that of the synchronous component but not multiples of it 
are not shown, although they may exist and may be, in some cases, as 
important as those that are sub-synchronous. 

Effect of Sub-Synchronous Harmonics on 
Performance 

When the existence of m. m. f. waves of low har¬ 
monic order has been established, there arises the 
question of their possible effects on performance. The 
equations in Appendix B show that these waves, 
like the usual higher harmonics, have speeds propor- 


The damper winding loss of single-phase machines is 
caused by rotor currents of 200 per cent frequency and 
there are plenty of data to show that this loss may be 
an important factor in the efficiency. It is true that 
the magnitude of the non-synchronous component of 
m. m. f. in a single-phase machine is equal to the syn¬ 
chronous component and therefore is greater than in any 


A B 

Pig. 6 

a—Star-Connected Winding 
b —Interconnected Star Winding 

of the polyphase machines under consideration'. But 
with a total of, say, 20 per cent harmonic m. m. f., 
which may easily exist, causing rotor currents of various 
frequencies between zero and 200 per cent, it is reason¬ 
able to believe the losses may be appreciable. It 
is interesting to note in passing that the space har¬ 
monics of integral slot three-phase windings, those of 
5th, 7th, 11th, 13th, etc., harmonic order compared 
to the synchronous component, cause rotor currents 
of six times normal frequency or multiples thereof and 




tional to ^. They set up corresponding flux waves, 

assuming constant permeance of the gap, which induce 
voltages of line frequency in the armature conductors. 
Thus they add to the reactance of the machine. Their 
speed relative to the rotor (of a synchronous machine) 
is such as to develop in the rotor windings voltages of 
frequency f n where 



In a machine having a damper winding there will be 
secondary currents of this frequency which will react 
on the stator and reduce the value of the corresponding 
flux wave. The possible sources of loss, then, are 
I 2 r loss in the damper winding, if the machine has 
one, and iron loss in both the stator and the rotor. 

Losses. It seems probable that the presence of sub- 
synchronous harmonics in the m. m. f. wave may cause 
appreciable rotor loss, particularly in machines having 
damper windings. It is important to note that the 
frequency of the induced rotor currents, for any sub- 
synchronous harmonic, is between zero and 200 per 
cent of the line frequency, as shown by the expression 

f.-f( p ±i) 



Fig. 7—Machine Equipped With Damper Winding 

Curve. A, loss with winding connected to produce sub-synchronous 
irmomcs. 

Curve B, loss with normal windings. 

thus operate on relatively high impedance circuits and 
produce negligible loss. 

In order to obtain test data bearing on the question of 
losses, a normal three-phase machine with an integral 
number of slots was reconnected according to the 
diagram in Fig. 6. This type of connection, which 
has had some practical use, is usually called an inter¬ 
connected star. It gives a simple means of changing 
a star-connected machine so as to have 86.6 per cent of 
the effective turns. In making this connection, 
however, the armature m. m. f. is unbalanced in such a 
way that. sub-synchronous harmonics are set up. 
Table II gives the values of the Various components. 
It will be seen that both the fundamental and the 
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third harmonic have positive and negative waves. 
These arise because the space positions of the phases are 
no longer symmetrical, whereas the phase groups of 
fractional slot windings are always equally spaced. For 
our purpose, however, it is not necessary that a given 
harmonic have only one direction of travel. 

Curve /I in Fig. 7 gives the total load loss 5 of this 
machine with the interconnected star winding. Curve B 
gives the load loss with the winding arranged in star 
connection but with 120-deg. grouping so as to obtain 
the same synchronous m. m. f. per ampere as with the 
interconnected winding. The 120-deg. grouping gives 
an m. m. f, wave, free from sub-synchronous com¬ 
ponents, just as in the usual 60-deg. winding. The 


TABLE II 


No. 

No. slots por 

Por cent 

Por cent 

Polos 

polo por phase 

harmonies total 

harmonics 

8 

•1 

05.'.) 

7.7+i 5.6-i 




41.6+3 11.0-8 


Himmmlra prosont with Intammaootod star winding. Values avo given 
In per uunt of tlio synchronous in. m. f. Positive and negative waves of 
the Kami! harmonic order uro present, 


curves give a direct measure of the increased loss due to 
the presence of harmonics of lower order. At rated 
current the load loss increased to 3.6 times its normal 
value." The sum of the four components given in 
Table 11 is 65.9 per cent which is more than double 
that; of any of the machines listed in Table I. It is, of 
course, an exceptionally flagrant case of unbalanced 
m. m. f. but it indicates that; machines with lower 
values of harmonies may be worthy of study. 

An attempt was made to simulate the conditions 
in the rotor due to these harmonics by applying various 
frequencies to the stator winding, with the normal star 
connection, and with the rotor locked. In this way 
currents of any desired frequency may be set up in the 
rotor bars and the loss in the rotor may be determined. 
It is realized that the distribution of current in the 
rotor is affected by the wavelength of the flux wave 
which induces the current, so that even though the 
frequency is the same, the loss may be slightly different. 
The test results, which were not particularly accurate, 
showed that about 70 per cent of the increased load loss 
could be accounted for as loss in the rotor. 

A similar test was made on another machine giving 
the results shown in Fig. 8. In this case the load 
loss at, ruled current Increased many times due to the 
fact that the normal load loss was almost negligible. 
While this was a much smaller machine than was used 
in the preceding test, the number of poles and number 
of slots were the same and the per cent of harmonic 
m, m, fs. given in Table II holds for this case also. 

5. Tim load tuns in 1,1 to difforon«o between the measured short- 
circuit Iohk ami the armature /” R loss. 

{», In an unpublished report written by Mr. M. W. Smith 
during 1U21, the cxiHleneo of hij?h load loss m machines with 
interconnected star windings was noted and was explained by 
means of a graphical plot of the in. m. f. wave. 


Load loss tests made on machines such as those listed 
in Table I have not given convincing data concerning 
the additional losses due to harmonics in the m. m. f. 
This has been due partly to the fact that most of the 
machines with high percentages of harmonics have 
been in the low speed class where the total load loss is 
small and difficult to measure with accuracy. A com¬ 
parison of losses of similar machines, one with and 
one without harmonics, is not sufficient since a change 
in number of slots is always involved. With the 
present knowledge of load losses it is usually impossible 
to take into account these changes in magnetic pro¬ 
portions and thereby segregate particular losses. The 
data given in this paper are offered simply as evidence 
that there is a possibility of additional losses due 
to m. m. f. harmonics when irregular windings are 
used. Further study is needed to determine how 
important these losses are. 

Reactance Voltage. The method of finding the reac¬ 
tance voltage due to any particular harmonic is shown 
in Appendix B for the case in which there is no opposing 
rotor current. The equations show that the voltages 
due to the various harmonics are not in phase with one 



Fig. 8—Machink Equipped With Damper Winding 

Cui'vo A, loss with winding connected to produce .sulwyndironous 
harmonics. 

Curve) B, loss with normal windings. 

another. The total reactance voltage due to m. m. f. 
harmonics may be found by adding together, in the 
proper phase relation, the various component voltages. 

What may be said of the magnitude of the reactance 
voltage calculated in this manner? At first glance it 
would appear that fairly large values are to be expected 
considering the amplitude of the non-synchronous 
flux waves. However, when the actual interlinkages 
are worked out the result is found to be quite low. In 
the machines that have been examined up to the 
present time, all of them salient-pole synchronous 
machines, the total reactance voltage due to m. m. f. 
harmonics has been less than one per cent of rated 
voltage. It appears, therefore, that this part of the 
reactance is of no great importance. The whole 
subject of reactance, particularly that of fractional slot 
machines, is being investigated by other engineers and 
it is possible that, eventually, the factors treated here 
will assume more importance than appears likely at 
present. 
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Vibration. Severe vibration of the stator of a small 
machine having a fractional slot winding was largely 
responsible for the present investigation of m. m. f. 
forms. This particular machine had a fundamental 
wave of about four per cent of the synchronous com¬ 
ponent. This wave might be replaced by an equiva¬ 
lent two-pole rotor revolving at 3600 rev. per min. 
(for 60-cycle supply). Thus there were variations in 
magnetic attraction, tending to distort the stator at its 
weakest section, which occurred 120 times a second. 
Measurement by means of a torsiograph showed vibra¬ 
tions of exactly this frequency. Further tests showed 
that the natural frequency of vibration of the stator 
was almost identical with the forced vibration. A 
minor change in construction was sufficient to remove 
the natural frequency from the danger zone and stop 
the vibration. Such a coincidence of natural and 
forced frequency is probably rare but the experience 
indicates another of the possible effects of lower order 
harmonics. 
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Appendix A 

M. M. F. of a Single Coil 
Let the coil shown in Fig. 3 be excited -with unit 
current. Assume that the air-gap is uniform and that 
the iron is unsaturated. The flux set up by this coil 
must pass across the gap in one direction over the space 
between zero and p and return between p and 2 i r. 
We can then draw a rectangular wave, representing 
the density, in which the areas under the two half-waves 
are equal. With a uniform gap this curve may be used, 
to represent m. m. f. also. Let the total m. m. f. of the 
coil be unity. Then if the positive ordinate of the wave 
is ft, the negative ordinate will be (ft ~ 1). The wave 
may be expressed as 

a=2r 

/ (°0 = ft J (l) 

a =0 • a =0 

The value of the sine component of any harmonic of a 
periodic function is known to be 


Similarly, the cosine component is found to be 
1 

a — - s in n p ( 4 ) 

nir 

The resultant value of the nth. harmonic is 

d r — V ft , 2 -f- ft c 2 
or, 

1 - 

a r - -V (1 — cos n p) z + (sin n p) z 

nr ' ' 

Solving, 

0.45 - 

a r =-- V 1 — cos n p (5) 

n v ' 


The zero point of the resultant wave is displaced from 
the origin by the angle, 

„ ftc 

6 n = tan -1 -- 

CL & 


tan -1 


sin n p 
1 — cos n p 


(6) 


Appendix B 

M. M. F. and Reactance Voltage of Fractional- 
Slot, Three-Phase Windings 
Let the cod shown in Fig. 3 be excited with a current 
equal to V 2 sin oj t. The maximum ordinate of the 
nth harmonic wave will be, from Equation (5), 

0.45 V~2 ■ - 

- V 1 — cos n p sin co t 


At any point in space the ordinate of the wave will be 
0.636 -. 

a i - ~ V 1 cos n p sin co t sin n (a ~ 6 n ) ( 7 ) 

since the zero point of the wave is displaced from the 
origin by the angle 0„. 

For any other coil in the same phase the nth harmonic 
wave is expressed by 

0.636 - 

a 2 - n VI-cos npsin wtsin n(a~ 9 n ~ (p 2 ) ( 8 ) 


2ir 

(a) sin (n a) d ot 

or, in this case, 

1 T . 1 2 r 

a ‘ ~ 7I _ J ft sin (w a) d a + — J (ft — 1) sin (n a) d a 

o rr p 

Integrating, 

1 

(1 - cos np) ( 3 ) 


where cf> 2 is the angle between that coil and the origin. 

To find the combined nth harmonic wave due to 
the entire phase it is necessary to add the single coil 
waves in proper angular relationship. These individual 
coil waves are all equal in magnitude but are spaced in 
irregular fashion. To find the resultant wave it is 
convenient to consider the waves as vectors of equal 
length separated from the zero vector by various angles 
corresponding to the positions of the coils with respect 
to the reference coil. It is necessary to consider only 
the coils in one repeatable group instead of the whole 
phase, as will be shown later. The actual angles must 



n 7 r 
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be obtained from the winding chart. These vectors to zero, 
are then added and the resultant is determined both in 
magnitude and position. If M is taken as the ratio 
of the length of this resultant vector to the length of a Thus when 

..I,, _.1 ... i j.i ..xi.„ j. xi. _ __* -ix_x 


is an integer, the resultant 


0.636 IP 


VI— cos n (3 sin co t sin n(a— Q n ~^) 


single vector and n is the angle that the resultant 

makes with the zero vector, the equation for the wave for the who]e phase bec0 mes 
m. m. f. of a repeatable group is 

0.636 M P - . . , . „ 

0.636 M -- a Pi =-VI-cos n 0 sin wl sin n(a-Q n ~\p) 

a u - —' — VI — cos ft/3 sin co t sin ft (tv— Q n - \p) (9) n V 

( 11 ) 

The quantities M and n $ must be determined in each 

case by performing the vector addition. This is the n _|_-- 

laborious part of working out the m. m. f. wave for And when - 2__ , g ^ ^ nth 

any particular harmonic. Each phase contains P/y 

P . . , i i -i harmonic, is not present in the m. m. f. wave. 

repeatable groups. The angle between the be- . . x . . , . ,, , , 

y The next step is to combine the wave set up by the 

first phase with the corresponding waves of the other 
, , . , . y 2 7T phases. In a fractional-slot, three-phase winding 

gainings ol these groups is p * If y, which is equal ^ ie beginning of the second phase is at an angle 

to the number of poles per group, is an even number, JL?.V from the beginning of the first phase, as can be 
the angle between the ftth harmonic waves of adjacent 3 P 


groups is also 


H 2 TV 


However, since y may he odd, the waves of adjacent 
repeatable groups may be reversed due to the fact 
that alternate pole groups are wound in opposite 
directions. This may lie taken into account by writing 
the angular space between the ftth harmonic waves of 
adjacent repeatable groups as 

y 2 ir y tv 

p'~ '■ "V" 


ftth harmonic wavelengths. 


Since both numerator and denominator of this 
fraction are known to he integers, we may write 

P 

H 1 o ' K„ 

+ ( 10 ) 


seen from the winding chart. The beginning of phase 
2 is understood to be the point from which the subse¬ 
quent pole groupings for that phase follow the same 
sequence as in the first phase when starting from the 
original reference coil. 

The time phase of the current in phase 2 may be 


since, as the winding 


expressed by ( co t — 


chart shows, there are y pole phase groups between the 
starting points. 

The equation for the ftth harmonic wave of phase 2 
is, then, 


0.636 M P r ~-- . / 

a v » » --- V 1 — cos ft /3 sin ^ 


sm n I a 


and similarly, for phase 3, 


Er) ( 12 ) 


0.636 M P 


- VI - cos ft (i sin ( to i 


where l <, is any integer and AT is any integer less than 

I\ y including zero. . 

If A, 0, i.he angle between the waves of the 
various repeatable groups is an integral numbei of 

wavelengths and the waves add arithmetically. If, For convenience, let 


sin ft ^ a — 0 n — \p — g p~~ ) (13) 


on the other hand, AT is not zero, the — waves are 


0.636 M P 


V 1 - cos ft |8 


1/ 2 

spaced by equal multiples of and must add up 


and 


I) — (ck 6 n ' P ) 
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Then, substituting C and D in Equations (11), (12) and 
(13) and expanding, 

C 

a P i = ~y~ [cos (co t - n D) - cos (co t + n D) ] ( 14 ) 

c T ( . %iry _ 2 7 ryn \ 

a p2 = 2 lcos[cot- —~ - nD + ~^JL- j 

-cos(ut- —r 1 +nD~~Pj] ( 15 ) 

V = -f [«(«,-ifl-.2)+ 

- cos( 01 t - —g^- +nD~ ) J (16) 

The sum of the waves of the three phases will give 
the final resultant wave for the whole armature 
Adding a ph a p2 and a p3 , 


of 3, the last term equals zero and the expression 
becomes 

3 C 

a n = ~ 2 ~ cos (co t - n D) ( 19 ) 

Similarly, when 

_ y _ yn 

6 3 p Ai 

it follows that 

3 C 

a n = ~ 2 ~ cos (co t + n D) ( 20 ) 

Suppose that neither of the foregoing assumptions 

( y y % \ 

- —db -g-p- J is not equal to an 

integer. It has been shown that in order for the wth 
harmonic to exist in the m. m. f. wave of a single phase, 


c 

a " ~ 2 

' £ cos {cot — n D) 

-f cos | 

^ CO t — 

2 Try 

6 ~nD + 

+ cos ( 

f 

CO t — 

i7f y 

g — u D -f- 

C 

2 

COS {(O t -f~ n D 

+ cos ^ 

cot — 

2 ry 

g + 71 D — ■ 

+ cos ^ 

CO t — 

4 7T 7/ 

g + 71 D — - 

It will be observed that if 



y y 7i 

6 + 3P = 


n -f 


must equal K } 


4 7 r y n 


That is, 


3 P 


)] 


n = 


Ki P 


y 2 

Substituting this value of n in the expression 
V y n 

rb 


6 


3 P 


2 iryn 
3 P 

4 7 ryn 
" 3 P 


, . Ki — y 

we obtain r— when the plus sign is used and 


JSTi 


)] 


( 17 ) 


when the minus sign is used. When these values, 
neither of which is an integer, are substituted in Equa¬ 
tion ( 17 ), both terms become zero.. 

• Tv 1 ' 6 f rit . eria for the existence of the nth harmonic 

m the final wave are, then, 

first, 


where K x is any integer, including zero, Equation ( 17 ) 


becomes 

C 


n + 


~pj~y / must equal K lt 


( 21 ) 


cos (co t — n D) ] 

and second, 

Cf~ / 9 \ 

( y . yn \ 

2 L C0S ( w * + n D) + cos (co t + n D — — 

\ 6 ± 3 P ) must equal K h 


which may be written 

+ cos( cot + nD 3 V ) J (i 8 ) 

y (P =t 2 n) 

6 p must equal K * (22) 

Since y is always an integer but is never a multiple 

where K x and K 2 are integers, including zero. 
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When the negative sign is used, the equation for the 
in. m. f. is 

3 C 

a n = —- cos (cot -f n D) ( 20 ) 

When the positive sign is used, 

30 

ft,, = ~ g— cos (co t — n D) (19) 

Substituting the values of C and D, the equations 
become 


0.05 M P 


s/l—cos n 0 cos(co t,-\-n a~n 6 n —n \p) 


4> n = ft*' V N f cos [oot + na—n6 n —n\f/} da (26) 
0 

where N is a constant equal to the surface of the arma¬ 
ture divided by 2 7r. 

Integrating, 

0>n 

=- p N [sin (co t n 0 — n 6 n — n \p) 

7h 

— sin (co t — n 6 n — n ip) ] (27) 

The voltage induced in the coil is 

d <t?„ , , 

e« - ~ 10- 8 -T7- (28) 


0.05 M P .. 

a,, =■ . .— v'l - cos n 0 cos (co t—n a-[~n 0 n -\-n \p) 


These expressions represent waves of constant magni¬ 
tude which glide around the armature.at speeds equal 
to one wavelength per cycle of current. Equation (23) 
is a wave t raveling in one direction while (24) is a wave 

P 

with opposite rotation. If n is made equal to t 

y (P ± 2 n) . . J 

the expression }} becomes an integer (zero 

in this case) when the minus sign is used. That is, 
Equation (20) represents the m. m. f. wave. Since a 

P 

value of n equal to ■ ^-corresponds to the synchronous 

component of the m. m. f., it follows that for those 
cases in which the minus sign is used to satisfy the 
equation 

y(P±2n) 

6 P * 

the wave travels with rotation. When the positive 
sign is used the wave moves opposite to the direction 
of the rotor. 

Reactin', Voltage*. Lot «/ equal the maximum ordi¬ 
nate of the w-th harmonic m. m. f. wave. Then, 


Differentiating, 
aj pN co 

e " = 

which reduces to 


[cos (co t + n f3 — n 6 n — n \p) 
— cos (cot—nO n — nip)] 


2 aj p N co . n & . / n(3 


( n/3 . \ 

i—_—_i_ w f- n Q n - n ip-jr} 


-sm~2~sin 


The voltage per phase is found by adding veetorially 
the voltages of the individual coils. But the time angle 
between the voltages of any two coils is the same as the 
space angle between their m. m. f. waves. We can make 
use of the previous vector addition, therefore, and write 
the expression for the voltage per phase: 

e n MP 


which is a voltage wave displaced from the voltage of 
the reference coil by the angle n »(/. Thus the complete 
expression for the phase voltage is 

2 a,/ p N co M P , nj3 

E n =--sin —JT‘ 

ny 10 a 2 


7 n& 


+ wt~n6 n -2n\y — it 


) (32) 


0.95 M P 


v 1 — cos n 0 


The flux density at, any point, assuming a constant 
permeance, p, is 

ft,/ p cos [w t +• n a - n 6„ - n \p] (25) 

for a positively rotating wave. 

The tlux enclosed by the reference coil is 


Substituting the value of a n 

2 ,6S p N co M 2 P* n.0 

E n = --— , Ta o -- sin 2 

n w?y 2 10 8 2 

sin(~~" + w t - n On - 2 n P ~ tt) (33) 

It will be convenient, usually, to express the reactance 
voltage in per cent of normal voltage. If ft,/ p is ex¬ 
pressed as a percentage of normal flux we may write. 
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from Equation (32), the expression for reactance voltage 
due to the ?tth harmonic as 

n 1 3 

(a„' p) N, M n sin —v— 

% E n =-±_ 

NM, sin -M- 

a 


- I 71 P \ 

an \~2~ + ut - n d n - 2n - tt ) (34) 

where N, and M s correspond to the synchronous 
harmonic. 

Equation (34) gives the reactance voltage per phase 
due to the flux set up by any one harmonic in the arma¬ 
ture m. m. f. It will be seen that the phase position of 
this voltage varies with the order of the harmonic. 
To find the total reactance voltage due to m. m. f. 
harmonics it is necessary to solve for each component 
voltage and then add all components in proper angular 
relation. 

List of Symbols 

a. = distance along the armature in radian measure 
a = ordinate of m. m. f. wave 
a' = maximum ordinate of resultant m. m. f. wave 
P = coil throw in radians 
B = flux density 

„ • 0.636 M P _ 

C = ny V 1 ~ cos n 0 

D = (a - 6 n - $) 
e — reactance voltage of single coil 
E = reactance voltage of one phase 
/ = frequency 
K = an integer 

M = ratio of resultant vector to single vector 
n = order of harmonic 

N = constant depending on machine dimensions 
V = permeance 
P = number of poles 

5 = slot pitch in angular measure 
t = time in seconds 

co ~ 2 7 rf 

y = denominator of fraction equal to slots per pole 

6 = displacement of wave from the origin 
4> = angular position of any coil 

t = angle between resultant vector and zero vector 


Discussion 

P. L. Alier: This paper raises questions whose discussion 
might be earned to great lengths, since the ramifications of the 
effects of harmonics on various characteristics of the motor are 
very extensive. . I will confine myself, however, to making two 
comments on this paper and then giving a few things from my 
own experience. 

In the first place, Mr. Graham develops a formula for the 
magnitude o f any parti cular harmonic, which contains the 
coefficient V 1 - cos n B. That, to my mind, is very hard to 


visualize, and it is much better to replace it by the exactly 

— 71 JB 

equivalent expression V2 sin ——When this is done, the 

2 


magnitude of each harmonic is seen to be proportional to the 
pitch factor for that particular harmonic. As the pitch factor 
is a very familiar thing to all designers, this expression tells the 
relative magnitudes of different harmonics almost by inspection. 

In the second place, it appears obvious to me from physical 
considerations that with a perfectly balanced winding, every 
phase being like every other phase, the other phases can only 
introduce purely reactive voltages in the first phase, similar to 
the voltages induced by that phase in itself. That is, if you have 
a perfectly balanced arrangement, the currents in each phase 
being displaced in time by the same angle as they are in space 
position, there cannot be produced any two harmonic waves of 
the same order but opposite directions of rotation. So the nth 
pulsating harmonic made by phase 1 alone will either be con¬ 
verted into a revolving field of amplitude 3/2, due to the three 
phases, or else -will be cancelled out altogether. For that 
reason, it is clear that Graham’s equations showing a phase 
difference between the various harmonic voltages in a single 
phase must be wrong. There is no phase difference because all 
of them are purely reactive voltages. 

Once we have admitted the existence of these harmonies and 
shown they are present and undesirable, the really interesting 
thing is how to avoid them. That Mr. Graham did not touch 
upon at all. 


By rearranging the windings in various groupings, a great 
many effects can be produced. There are a number of arrange¬ 
ments possible for any particular winding, all of which give 
balanced phase voltages, but which have different characteristics. 
Systems of distribution can be worked out to give minimum 
vibrat on, minimum reactance or minimum load losses, or to 
meet other conditions, and some of those other arrangements 
have distribution factors so little different from the one that we 
ordinarily use, that they are more desirable than the ordinary 
arrangement. 

An interesting case illustrating these possibilities is that 
of a 1000-h. p. induction motor, with 14 poles and 4 2/7 slots 
per pole per phase, which I had the opportunity of observing in 
1923. When the motor was tested the first time, it developed a 
very severe load vibration, similar to that Mr. Graham observed 
on his motor. We determined the vibration to be of twice line 
frequency, and due to the 10-pole field produced by the irreg¬ 
ular winding arrangement. By reconnecting the’ winding to 
the arrangement giving a minimum 10-pole field, the trouble 
was remedied without any mechanical change. In general, 
unbalanced magnetic pull occurs whenever two fields of nearly 
the _ same numbers of poles exist together, and so the way to 
avoid vibration is to arrange the winding to minimize that 
particular harmonic whose number of poles is nearest the 
fundamental. 

The study of the best winding arrangement, taking into 
account all the factors, is very fascinating, but it is quite difficult 
to make a complete analysis of the problem. I have been 
working on this matter for some time, and I hope ultimately to 
be able to say for any given number of fractional slots per pole 
per phase what arrangement gives the best combined charac¬ 
teristics, taking into account noise, fundamental distribution 
factor, reactance and losses. 


nicKie: 


.. 1 agree . Mr - Alger that in a rotor with 

uniform permeance, reactive voltages other than 90 deg. out 
of phase with the currents cannot be obtained. When such 
voltages exist, we must have reluctance torques in the machine, 
we must have consumption of power, and we cannot have 
reluctance torques in a uniform-permeance machine. 

infrnirfr h& l f ad<3 calculations of the leakage reactance 
introduced by sub-harmonics and he gets a value of approxi- 
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mately 1 per cent. Of course, if we add reactance voltages 
vectorially, we shall get a much smaller voltage than if we add 
them arithmetically. If all these reactance voltages were 
added in time phase, the total reactance voltage might be 
considerably greater, and I think might be worth investigating. 

W. V. Lyon: Mr. Graham has applied the principles of 
harmonic analysis to an interesting and not uncommon problem, 
the most important aspects of which I believe are the extra 
losses and vibration which may occur when these irregular 
windings are employed. He has clearly shown how the problem 
may be attacked. 

In the spring of 1926, apparently at about the time w r hen 
Mr. Graham was preparing this paper, I analyzed the same 
problem with a class of graduate engineers at the General 
Electric Works at Lynn. Curiously enough, the illustrative 
problem that we worked through was the same that Mr. Graham 
has chosen, viz., one in which there are 6 24 slots per pole. Also 
the winding arrangement was the same in both eases. The 
only difference was that ours was a stator having 54 slots and 
wound for S poles. We found no particular difficulty in obtaining 
a resultant nth harmonic reduction factor for this winding 
which was a combination of the ordinary pitch and breadth 
factors. We did not, however, determine the criteria for the 
existanee of the nth harmonic nor for its direction of rotation. 

One point that Mr. Graham has made is well worth emphasiz¬ 
ing. When a uniform air-gap is acted upon by a magnetizing 
winding there will in general be produced component sinusoidal 
flux distributions which have two poles, four poles, six poles, 
eight poles, etc. By properly arranging the winding, certain of 
these distributions can be completely or partially eliminated. 
If, for example, a symmetrical three-phase winding having an 
integral number of slots per pole per phase and wound for 4 
poles is used, there will be no components except the 4-polar, 
20-polar, 28-polar, 44-polar, 52-polar, etc. Again in the 20- 
pole winding that Mr. Graham cites there will be 10 -polar, 20- 
polar, 30-polar, 40-polar, 50-polar, 70-polar, etc., distributions. 

I should like to add a little to what Mr. Graham has said about 
vibration. If the stator and rotor were perfectly rigid, the 
internal stresses between them due to the magnetic field could 
cause no vibration. Actually, however, both the stator and 
rotor have a certain amount of flexibility and thus these internal 
stresses may produce serious vibration. There are two distinct 
types of internal stress. One is due to the action of a single 
sinusoidal flux distribution and the other is due to the joint of 
two sinusoidal distributions of different wavelengths. If there 
is a single sinusoidal component of flux in the gap, the rotor wall 
be acted upon by balanced radial forces wdiich can cause no 
vibration in the rotor if its laminations are rigidly connected to 
the shaft. On the other hand the rotation of the flux distribu¬ 
tion wall produce a harmonic variation in the magnetic force be¬ 
tween the stator and rotor in any fixed radial direction of such a 
frequency that it will go through one cycle while the magnetic 
field is moving one pole pitch. If the stator frame is flexible in 
a radial direction, this harmonically varying force may set up 


serious vibration. This is apparently the ease that Mr. Graham 
cites. 

The other cause of vibration may, I believe, be equally 
important. If there are in the gap two component distributions 
of different wavelengths the radial forces acting on the rotor 
may be unbalanced. Two polar distributions that differ by a 
single pair of poles will produce this effect. This unbalanced 
force on the rotor may be either constant or variable. If the 
distributions are moving properly with respect to each other 
the unbalanced force acting on the rotor will vary harmonically, 
and serious vibrations may result. 

Quentin Graham: Mr. Alger has suggested the substi¬ 


tution of 


V 2 sin 


n ft 
~ 2 ~ 


for the expression 


V 1 — cos n j3 which 


I have used. I agree that this change v r ould aid in visualizing 
the magnitude of the harmonies. 

Mr. Alger and Mr. Nickle have both pointed out the error 
contained in the last paragraph of Appendix B and also in the 
body of the paper where it is stated that the reactance voltages 
of the various harmonies are not in phase. I am giving below a 
number of corrections in the mathematics, changing the final 
equation on which this false conclusion was based. I am 
indebted to Mr. Nickle for having pointed out the particular 
points which w r ere in error. The corrections are as follows: 

Equation ( 6 ) should read 


, sin n 8 

tan 1 -- 5 

1 — cos n p 


which can be simplified to 


ii 0 n 



2 r 

~2 


Using this value for n 0 n Equation (30) may be simplified so 
•that the quantity in the parenthesis becomes 

The statement following Equation (31) should give the 
displacement angle as — n \p instead of n \p. 

With this correction the quantity in the parenthesis in equa¬ 
tions (32), (33) and (34) will be t - It is clear then 

that the final paragraph, following Equation (34), is in error 
and that the reactance voltage components of the various 
harmonics must be in phase. 

I have experimented to some extent with the rearrangement 
of windings, as Mr. Alger suggests, for the purpose of reducing 
some particular harmonic. This is usually accomplished at the 
expense of increasing some other harmonic but, as he says, the 
total result may be beneficial. 

Mr. Lyon’s discussion of the vibration problem is very inter¬ 
esting and his conclusions appear to agree with Mr. Alger’s 
experience. 


Transverse Reaction in Synchronous Machines 

BY J. F. H. DOUGLAS 1 

Associate, A. I. E. E. 

Synopsis—The confusion existing at present in the theory of can he most accurately estimated by the use of a magnetomotive 
synchronous machines is shown to be due to insufficient experi- force diagram. Experimental constants useful in design are found, 
mental evidence of the behavior of this type of machine under trans- A theory of the operation of synchronous machines is proposed, 
verse magnetizing (cross magnetizing) conditions. A method of and a diagram for finding the performance of a synchronous machine 
testing which yields the needed data is described. The results of from experimental tests is given; which, it is hoped, will he more 
these tests on a particular machine are given and analyzed. It accurate than present methods, 
is proved, for the machine tested, that the effect of transverse reaction . ***** 


Introduction 

HE subject of the performance of synchronous 
machines seems to be of perennial interest. Many 
theories have been proposed with their appropriate 
methods of computation. Nearly every text-book ,is a 
monument to the confusion of this subject, a confusion 
resulting from an insufficiency of facts. It is interesting 
to note how theory has become more sound as experi¬ 
mental facts have become more extensive. 

When the open and the short-circuit tests were the 
usual compromise tests, we had the e. m. f. and the 
m. m. f. methods which were based upon them, with 
the Torda-Heyman method as a compromise. When 
the shape of the full-load zero power-factor saturation 
curve became known, the improved Kapp diagram 
and the Potier diagram were developed. A number of 
discrepancies between observed and computed results, 
together with theoretical studies of the variation of 
air-gap permeance, have led to various proposals for 
the perfection of the theory of this machine. In the 
judgement of the writer, the best method derived to 
date is that of Andre Blondel 2 , and the best exposition 
of this method that of Professor V. Karapetoff 3 . As 
expounded, it is chiefly a design method. Although it is 
possible to apply it to experimental data, the directions 
are not clear enough to enable it to be easily applied 
for this purpose. Some recent refinements in this 
method have been made by Karapetoff, and Doherty 
and Nickle 4 . 

The elimination of guarantees of regulation at other 
than zero power factor, has led’to the attitude that 
present methods are good enough for practical purposes. 
There has been a gradually increasing number of facts, 
however, that indicates that further improvements are 
necessary. Hunting frequencies and pull-out torques 
some thirty per cent in excess of predicted values, 
for example, indicate considerable error in customary 
theory. The Blondel theory does give better results 

1 . Asst.Prof. of Electrical Engineering, Marquette University, 
Milwaukee, Wis. 

2. Trans. Int. Elect. Gong., St. Louis, 1904, Vol. 1, pp. 620- 
635. 

3. Magnetic Circuit Articles 47-48. 

4. A. I. E. E. J ournal, July 1926 and Oct. 1926. 

Presented at the Winter Convention of the A. I. E. E., 

New York, N. Y., Feb. 7-11,1927. 


in these cases. The phenomena of pull-in torque in mo¬ 
tors and instability of generators (pole slipping) are 
entirely unpredictable except with some form of two- 
reaction theory such as that proposed by Blondel. 

Experimental data for machines operating under 
demagnetizing conditions are easily obtainable; the 
methods for securing them and the general character 
of the results secured are well known, and a theory 
able to account for the results has been developed which 
is adequate also as a basis of computation. A very 
different situation holds for the effects in a synchronous 
machine under transverse (cross magnetizing) con¬ 
ditions. Enough facts are available, indeed, to show 
that magnetic conditions are then radically different. 
A plausible theory has been developed which is appli¬ 
cable to design with some measure of success. How¬ 
ever, the writer is unaware of any systematic experi¬ 
mental data which will show what the effect of 
transverse armature reaction in a synchronous machine 
is in reality. 

The conditions for such an experimental study may be 
stated very simply. In the first place, the load placed 
upon the machine should be wholly transverse in effect; 
that is, the armature currents must attain their maxi¬ 
mum value when opposite a pole center. This con¬ 
dition must exist in order that the effects observed 
shall be due to one cause only, and not complicated 
by direct magnetization. This carries as a corollary, 
that the experimental method must have a flexible 
power factor control; that is, a quick and accurate 
adjustment of the phase angle of current is needed. 
In the second place, for an experimental study of trans¬ 
verse reaction, we must be able to measure the terminal 
voltage of the machine not only in magnitude, but in 
phase position with reference to the pole axis. In 
other words, the components of the terminal voltage 
with reference to the pole axis must be known. Lack¬ 
ing this information, unwarranted assumptions as to the 
phase angle of the reactance drop would have to be 
made. 

An Experimental Method for Studying Trans¬ 
verse Reaction 

The basic idea on which the following experimental 
method rests is to measure not the voltages and cur¬ 
rents of the machine tested but their components with 
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reference to the pole axis—that is, with reference to the 
no-load voltage of the machine. The second important 
idea in these experiments is the use of a wattmeter as a 
device for the measurement of components of voltage 
and of current. 

The machine tested was a 15-kv-a., 6-pole, 60-cycle, 
synchronous machine rated at 190 volts with its two- 
phase connection, one of a set of two machines made 
by the Westinghouse company, for educational insti¬ 
tutions. A description of the design details of this 
machine is in the A. I. E. E. Journal 5 . The diagram 



ui connections used is shown in Fig. 1. Machine A 
was the one tested for its performance, and it was loaded 
as a motor, by the d-c. generator belted to it. The 
load on the motor was regulated by the generator 
field rheostat. The d-c. generator returned its surplus 
power to the laboratory d-c. line, so that on occasion 
the set could be run from the d-c. machine as a motor. 
The current for the synchronous motor A was supplied 
from the mains of the Milwaukee Electric Co. with 
60-cycle current. This current was supplied through 
a Scott connection and an induction regulator. The 
voltage supplied could be regulated for any value from 
100 to 300 volts. By varying the impressed voltage, 
the motor could be made to take current at any phase 
angle desired. 

The voltage of machine A was measured by watt¬ 
meter (2) excited with five amperes from machine B. 
Thus the reading of the wattmeter divided by five 
gave the component of voltage in phase with the exci¬ 
tation. The current in machine A was measured by 
wattmeter (1) excited with 100 volts from machine 
B. Thus the reading of this wattmeter divided by 100 
gave the component of current in phase with the exci¬ 
tation. Since machine B was loaded on a Cutler- 
Hammer load rheostat, made of. Advance wire wound 
on flat spools, it was assumed that the excitation of 
both wattmeters were in the same phase. 

Machine B was connected as a two-phase machine, and 
a double throw switch S2 and a polyphase board P2 

5. A. LB.E. Journal, May 1925,page543. 


were provided. In this way the excitation of the watt¬ 
meters could be transferred to either phase of machine B. 
The components of current and voltage in machine A 
were measured, therefore, in two perpendicular phase 
positions. The double throw switch 51 and the poly¬ 
phase board PI enabled measurements to be taken 
on both phases of machine A. By adjusting the hand- 
wheel of machine B, the axes on which the components 
of current and voltage were read could be brought into 
any position. The hand-wheel was actually adjusted 
so that these axes were the same as the voltages of 
machine A at no load. Thus the wattmeters gave 
directly the direct and the transverse component of 
both current and voltage supplied to machine A. 

A number of runs was made, each for a definite field- 
current in machine A. In all the runs the induction 
regulator was adjusted so that the current supplied 
machine A was wholly transverse in character; that is, 
wattmeter (1) excited with phase (1) of A and phase 
(2) of B or vice versa read zero. In each run the load 
was varied from zero to full load. At each load the 
excitations were checked and all the wattmeter readings 
taken. The range of field currents used was from 
3.25 to 23 . amperes, giving saturations of from 100-300 
no-load volts. 

The data for the two phases were averaged to elimi¬ 
nate small unbalances. The polarities of all the watt¬ 
meter combinations were established definitely. The 
data were corrected for systematic error, including IR 
drop. The data were corrected for other constant 
errors such as residual demagnetizing currents. The 
readings of transverse and direct voltage were plotted 
against transverse current and smooth curves drawn, 



Eig. 2 —Transverse and Direct Voltage with Transverse 
Armature Reaction 

eliminating small observational errors. The data 
are recorded in graphical form in Fig. 2, and 
represent the results after correction for the above 
mentioned errors. The errors were small, and the un¬ 
corrected, data gave approximately the same set of 
curves. 

Discussion of the Experimental Data 
Fig. 2 shows the transverse voltage induced in 
the machine, under various amounts of transverse 
mganetizing current, plotted against the direct voltage 
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induced. The lines sloping downward and to the right 
are loci for constant values of the transverse current 
(I t ) of 50, 40, 30, 20 and 10 amperes. The nearly 
vertical lines are for constant field currents. The 
direct voltage is designated by the symbol E n meaning 
the voltage induced by the net magnetomotive force 
along the polar axis. 

The corresponding loci were calculated from the 
Blondel theory, using the following data. A demag¬ 
netizing reaction equivalent to 7.0 amperes of field 
current for 40 amperes of demagnetizing armature 
current, an armature reactance of 0.5 ohm, and a slope 
of the saturation curve of 31 volts per ampere of field 
current agree with experimental data in Fig. 5. It 
was assumed that the transverse reaction was 40 per 
cent of the direct, and that the armature reactance was a 
constant. The loci of E t , for constant transverse 
magnetizing armature current of 40, 30, 20 and 10 
amperes, were lines parallel to the E n axis and passing 
through the points A , B, C, and D in Fig. 2. The 
loci of E t for constant field current were straight lines 
perpendicular to the axis E n and passing through the 
points P, Q, R, S, T, U, V, W, and X. Even with 
other assumptions as to the constants, the loci would be 
a system of lines parallel and perpendicular to the axis 
E n . The discrepancy in Fig. 2 between the observed 
and computed loci is disappointing and does not give 
promise of any practical method of predicting the 
effects of transverse reaction from an e. m. f. diagram. 

If we analyze Fig. 2 we see several important 
results. In the first place the transverse voltage for a 
constant field current is proportional to the transverse 
armature current. Their constant ratio may be de¬ 
noted by the symbol X st and may be appropriately 
called the “transverse synchronous reactance,” since 
it includes the effects of both transverse reactance and 
transverse reaction. 

In the second place, for a constant armature current 
the tranverse voltage E> decreases as the saturation 



Eig. 3— Derivation of M. M. F. from E. M. F. Diagram 

increases. The transverse synchronous reactance is 
not a constant for different saturations, therefore, but 
decreases from a value of 3.0 ohms with 3.25 amperes 
of field current to a value of 1.2 ohms with 23 amperes 
of field current. The explanation of this phenomenon 
isjsimple. The flux set up by transverse reaction is 
chiefly under the pole tips where the tooth and pole tip 
iron is affected by the amount of main flux as to 
saturation. 

In the third place, the direct voltage E n is decreased 
as the amount of transverse current is increased, even 


though the field current is constant. This points 
definitely to a demagnetizing action of the transverse 
reaction. The voltage E n , therefore, is not a function 
of the field current alone. This is shown clearly at all 
loads and at all field currents, in spite of the fact that 
there was no demagnetizing current present in the 
armature. The explanation of this effect is also simple. 
The cross magnetizing or transverse effect operates 
to strengthen one pole tip of a pole and to weaken the 
other; but, owing to saturation, the weakening effect is 
larger than the strengthening effect. Consequently the 
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DIRECT M.M.F. Mn 

Fig. 4 —M. M. F. Diagram of Motor Under Transverse 

Load 

total flux per pole is reduced. The decrease in E n 
varies approximately as the square of the current. 

The variation in X at with the saturation most 
seriously affects predictions as to the internal phase 
angles, but it also affects calculations of needed field 
current. The variation in E n affects regulation and 
field current calculations alone. 

It is a mistake to build up a theory of transverse 
reaction on the basis of an unsaturated magnetic circuit 
for the transverse flux, since such a theory leads to a 
constant value of the transverse synchronous reactance. 
The predicted values of transverse reactance may be 
correct for some one particular voltage, but at other 
voltages the performance will be off. For example, 
in Fig. 2, pull-out torques will be actually larger than 
computed values for voltages in excess of 130 volts. 

The Blondel theory of transverse reaction is in 
reality a reactance method, since the vectors appearing 
in the Blondel diagram are IX drops. Since the reac¬ 
tances used replace the effects of reaction, the IX 
drops appearing in the diagram are properly termed 
synchronous reactance drops. It is but natural to 
turn to an m. m. f. diagram, to see if it gives superior, 
that is, more constant, results. To convert any point 
such as F in Fig. 2 into a corresponding point G in a 
m. m. f. diagram, we use the construction in Fig. 3 
and the saturation curve in Fig. 5. We take the voltage 
E , the resultant of E n and E t, to the saturation curve 
and read there the corresponding resultant magneto¬ 
motive force expressed in equivalent field amDeres 
which we denote by I fr . Since the flux indudng B' 
is set up by the resultant magnetomotive force, we draw 
Ifr in phase with E\ This magnetomotive force is 
made up of two components. One produced along 
the pole axis by the net action of field and direct reac¬ 
tion, we denote by I fn , since it is expressed in equivalent 
field amperes. The other component of I /r is the trans- 
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‘k ‘ !' H!M- m- ^ diagram, to any appreciable 

,\ < 11 . lus diagram proves that we may regard the 
lmignotu* /lux set up in a machine as produced by a 
resulting magnetomotive force acting on a single mag- 
nrfic. t ii(uit of substantially uniform saturation. 

I here is no evidence in either Figs. 2 or 3 of any 
transverse flux component directly proportional to 
the annul,ure current and independent of saturation. 
Mated in other words, the transverse leakage reactance 
A, appears to be zero; that is, the leakage reactance 
appears to he less for conductors under the poles than 
, inductors between the poles. If a transverse 
leakage reactance existed, the lines in Fig. 4 would 
all slope upward and to the right. In any machine 
showing such characteristics, the two effects reactance 
and reaction could lie separated, by trial. 

i ig. o shows the saturation curves of the machine 
tested. From it the constants previously used were 
obtained. We define the experimental coefficients of 
ai mature reaction as the ratios of equivalent magneto- 
mofive force expressed in field amperes to armature 
current. The direct coefficient C d = 0.175, the trans¬ 
verse^ 0 . 00 , for average conditions in the machines 

tested. Jt is worthy of note that the transverse coeffi¬ 
cient. is approximately one-half the direct coefficient. 
In solving for the performance of a synchronous machine, 
for which only the data like that in Fig. 5 were 
available, the writer would be inclined to use a value of 


K * = 0 - 875 ; K t = 0.451 ( 2 ) 

The writer made a careful estimate of the wave of 
am-gap permeance, the waves of direct, transverse 
and held flux, analyzing them for their sine wave com¬ 
ponents, and arrived theoretically at the values 

K d — 0 . 755 ; K t = 0.405 ( 3 ) 

It is plain, therefore, that the design constants -need 
experimental correction. 

A Theory of Synchronous Machines 
It may be presumptuous from the test of one machine 
to announce a theory of the synchronous machine and 
give yet another diagram for its performance. How¬ 
ever, the results of our tests point very definitely to 
such a theory and such a diagram, and they are offered 
for experimental confirmation or rejection. The writer 
does not have ready access to recent literature, and 
therefore does not know whether the theory proposed is 
new or not. 

In Fig. 6 the magnetic effect of armature currents 
in position A is entirely different from that produced 
by currents in position £. With reference to the pole, 
the first is transverse; the second is direct. From con¬ 
siderations of symmetry, the armature currents should 
be resolved into components in these two positions. 

1 he magnetic effect of the transverse current in posi- 
0 . Loe. Cit. 

7. Doherty and Nielde’s work accounts for some of the dis¬ 
crepancy observed. See paper cited. 
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tion A is obviously much smaller than that of an equal 
current acting in position B because it acts on a 
magnetic path of much higher reluctance. 

The magnetic effect of the two components of the 
armature current may be considered as two-fold; 
namely, that effect produced individually by each, 
—that is, as if the other magnetomotive forces were not 
there,—and that effect produced jointly through the 
cooperation of the field,—the direct and the transverse 
currents. Each of the components of armature 
current may be considered as producing a component 
of flux, mainly local in character, proportional to the 
current and independent of saturation, which we may 
call armature leakage fluxes. They cause a drop in 
voltage which we may cab the leakage reactance 
drops, each leading its component of current 90 electri¬ 
cal degrees. The direct reactance drop caused by the 
direct component of current in position B is appreciable, 
because this drop is due to flux set up in the interpolar 
regions where there is little interference with the main 
flux. The transverse reactance drop is small and may 
be sometimes neglected for the reason that this flux 



Fig. 6—Theory of Armature Reaction 

is set up when the conductors are under the poles 
and therefore is merged with the main flux s . 

The effect of transverse reaction may also be stated as 
a distortion of flux. Thus, in Fig. 6 the flux is crowded 
from the center toward the left-hand pole tips. Al¬ 
though thus displaced in the teeth, air-gap, and pole 
shoe, the path of the main flux is generally the same 
under load as under no-load. It is the resultant flux 
c ib', for example, in Fig. 6, which induces the voltage 
at the terminals plus the IR and the two I X drops. 
It is the resultant m. m. f. of the machine which pro¬ 
duces this resultant flux, and consequently, the no-load 
saturation curve should serve to correlate the induced 
voltage and the resultant magnetomotive force. 

The resultant magnetomotive force may be taken as 
the vector sum of the three component magnetomotive 
forces, namely the field, the direct and the transverse 
magnetomotive forces. Since only sine waves combine 
to give a sine wave and only sine waves can be repre¬ 
sented by vectors, it is obvious that the actual m. m. fs. 
must be reduced to equivalent sine waves acting upon a 
uniform active layer. The maximum value of the 

8 . Apparently all the fluxes except that due to (Xu) are 
affected by saturation. This appears to be in contradiction to 
the assumptions of Doherty and Niekle, in Fig. 27 of paper cited. 


field, the direct and the transverse magnetomotive 
forces must therefore each be multiplied by some 
coefficient to reduce it to the equivalent sine wave 
m. m. f. applied to a uniform active layer. For the 
present it is sufficient to notice that the coefficient 
for the transversely reacting armature current is about 
one-half of that for the directly reacting armature 
current. Thus the armature reaction is not 90 degrees 
from the edge of the coil carrying maximum current, 
but each component of current must be computed sep¬ 
arately. The direct reaction (I Jd = C d Id) can be 
combined algebraically with the field current I t , to 
get the net m. m. f. along the polar axis I Sn in equiva¬ 
lent field amperes; the transverse reaction (Z/< = C t 1 1 ) 
must be combined with I fn at right angles to give the 
magnetomotive force T fr . 

Let the maximum values of the actual waves of field, 
direct and transverse reaction magnetomotive force be 
M/, Md! and MV. Let the maximum values of the 
equiva ] ent sinusoidal m. m. fs. as applied to an active 
layer of uniform reluctance be Mf, M d , and M t . Then 
we may define thr.ee coefficients J f , J d , and J t by the 
equations 

M f = J f M f '; M d = J d M d '; M t = J t M/ (4) 
The wave of magnetomotive force of the field is a flat 
topped wave of maximum value of M/ — N f I f . The 
maximum values of the waves of armature reaction are" 

Md = 0.9 K h K w m n I d ; M t ' = 0.9 K h K u . m n h 

(5) 

In Fig. 6, curve 1 is the rectangular wave of field 
magnetomotive force. Curve 2 is the wave of air-gap 
permeance for direct flux denoted by P d (X ). Curve 
2 is also the wave of equivalent field m. m. f. applied 
to a uniform active layer. Curve 3 is the fundamental 
sine wave of curve 2, and is the equivalent sinusoidal 
wave of field m. m. f. as applied to a uniform gap. 
It is higher than curve 2 because of a prominent 
fifth harmonic. The constant J f is the ratio of the 
maximum value of curve 3 to that of curve 2 and 
is 1.13 for the machine tested. 

If we assume the sine wave curve 3 to be the wave 
of direct m. m. f. M/ applied to the machine with curve 
2 of direct permeance, the equivalent wave of m. m. f. 
as applied to a uniform active layer will be curve 4 
obtained as a product of curves 2 and 3. If curve 
4 be analyzed for its fundamental sine wave, that would 
be the equivalent sine wave of direct reaction m. m. f. as 
applied to a uniform gap. This wave is not shown but 
is some 5 per cent lower than curve 3; that is, 
J d = 0.95, 

Let curve 5 be the wave of actual transverse 
m. m. f., and curve 6 be the wave of transverse per¬ 
meance P t ( X ). The product of curves 5 and 6 
will yield curve 7, the wave of equivalent m. m. f. 
applied to a uniform active layer. Curve 8 is the 
equivalent sine wave for curve 7 and is much lower 

9. See Karapetoff’s “Magnetic Circuit” Arts. 
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than curve 5 because of a large third harmonic. 
The ratio of curve 8 to curve 5 is the coefficient 
J t = 0.51. 

The coefficients J f> J d , and J t are defined by the 
equations for a Fourier analysis, namely 

J f = (2/7r) f P d (x) sin (x) dx (6) 

O 

Ja = (2/tt) / P<*.(£) sin 2 (x) dx (7) 

O 

7T 

Jt = (2/7r) f P t (x) cos 2 (x) dx (8) 

0 

Pi (x) is a trifle higher than P d ( x ) in the interpolar 
regions. 

The design coefficients used by Professor Karapetoff 
are defined in terms of the coefficients above as 


j£ d _ ()_() j d /j s Theory Experimen t 10 


- 0.9 X 0.95/1.13 = 

0.755 

0.875 

0) 

K t - 0.9 JJJf 

= 0.9 X 0.51/1.13 = 

0.405 

0.46 

(10) 



Fra. 7 — Phopohkd Vector Diagram of a Synchronous 
Machine 

A better correspondence could be obtained with ex¬ 
periment if an empirical coefficient were substituted for 
the rational coefficient 0.9. For our test the value of 
the coefficient is indicated as approximately unity. 

The experimental constants C d and C t are most useful 
even in design calculations; the formulas for these 
coefficients are 

C d - K J h K h K w m 71 /J f N f ; 

C t . K J t K b IC W m n/J f N f (11) 

Here K is an empirical factor approximately unity, 
K b and K w are the breadth and winding pitch factors 
of the winding, m is the number of phases, n is the 
number of turns per pole per phase, N f is the number of 
field turns per pole, and J/, J a and Jt are defined by the 
equations above. If it is not practical to estimate the 
waves of air-gap permeance in a particular case the values 
of the J coefficients found here might be used. 

' Performance Diagram 

The problem of finding the performance of a syn¬ 
chronous machine may be formulated thus: Given the 

10. The theoretical coefficient may have to be modified in 
view of Doherty and Nickle’s paper. Priority must be accorded 
them for certain features of our Pig. 7. 


terminal voltage, output (input) current and power 
factor, the no-load saturation curve of the machine, 
and the constants of the machine, namely R, X d , X h G d 
and C t ) it is required to predict the location of the pole 
axis and find the needed excitation. For definiteness let 
us find the performance of the machine tested as a 
generator with normal voltage, normal current, and 
86.6 per cent lagging power factor. Let us assume the 
constants R = 0.25, X d = 0.50, X t = 0, C a = 0.175, 
C t = 0.090. 

In Fig. 7 we draw the terminal voltage E from the 
origin O to the point A, and the current 1 = 40 from O 
to P lagging E by 30 deg. We draw A B equal to the 
I R drop of 10 volts parallel to I. We assume the polar 
axis O X and project P on O X giving the direct re¬ 
acting current PQ of 28 amperes. We draw BC, 
the direct I X drop of 28 X 0.5 = 14 volts parallel to 
0 X. If there were a transverse 1 X drop we would 
draw it perpendicular to the pole axis arriving at 
point D. In this case D and C are one point.- The 
line O D is the induced voltage E r scaling as 212 
volts. We take E' to the saturation curve obtaining 
the resultant magnetomotive force l Sf — 10.5 equiva¬ 
lent field amperes, which we lay off along E' from the 
origin to point F. 

We draw F G perpendicular to I and equal to 
Ct I — 0.09 X 40 = 3.6 equivalent field amperes, and 
F Ii in the same direction equal to C d I = 0.175 X 40 
= 7.0 equivalent field amperes. We draw the line 
O G, which is the pole axis. If serious error was made 
in assuming 0 X, we repeat the work to this point. We 
project the point H on O G giving the point L. The 
line O L is the field current 1 5 - 14.2 amperes. The 
angle between pole center and the voltage is 14 deg. 
and the pole center and current is 44 deg. 

If we want the regulation we find from Ij that 
E 0 — 245 volts and the regulation is 29 per cent. If 
we want the direct, transverse and net magnetomotive 
forces, we project F on the pole axis giving point M. 
The transverse reaction is F M, the direct reaction is 
M L, and the net magnetomotive force is M O. The 
formal proof of the above construction is implied in the 
theory given above; we need only note the following 
relations : 

F M = F G cos f = C t I cos ^ = C t I t = I fl ' (12) 

ML = FPL sin p = C d 7sin * = C d I d = I fd (13) 
Conclusions 

In addition to tlqe conclusions enumerated above, it 
is hoped that it is now clear that the way‘is open for 
a systematic experimental study of the constants 
of synchronous machines. Studies are needed to 
determine: 

1. Whether the performance of a synchronous 
machine can be predicted with a saturation curve and 
the five constants R, X d ,X t ,C d> and C t . 


36 


DOUGLAS: TRANSVERSE REACTION. IN SYNCHRONOUS MACHINES Transactions A. I. E. E 


2. Whether there is any definite ratio between 
X t and X d> and if there is any definite ratio between 
Ch and C<i. 

3. What the correlation is between the coefficients 
C d and C t and the design constants. 

4. What values of slot and end connection per¬ 
meance will best check the values of X d and X t . 

5. What improvements can be made in the ex¬ 
perimental method here proposed. 

Thanks are due the following Marquette engineering 
students for assistance in carrying out the tests, making 
valuable suggestions as to procedure, and pointing out 
some of the conclusions: Messrs. R. M. Smith, C. Mc- 
Clurg, L. V. Sparks, M. Kempf, F. Stodola. 


Discussion 

H. V. Putman: I have been intensely interested in Professor 
Douglas’s paper because in my own work I use Blonde!s two- 
reaetion theory exclusively for calculating the performance of 
salient-pole machines. 

His method of measuring the phase angles between the terminal 
voltage, current and the pole axis by the use of two wattmeters 
is extremely interesting, but I do not see clearly how this same 
method could be applied to 3-phase machines (the machines he 
used were 2 -phase machines), because in the 3 -phase machine 
there would be no way to check the current by getting the zero 
reading on the wattmeter, to get it in phase with the pole axis. 
Maybe there is some way, and I should like to ask Professor 
Douglas if he has some similar way worked out for the 3-phase 
machine. 

Professor Douglas has called attention to the fact that the 
transverse synchronous reactance decreases with increasing 
saturation. He also states that it is a mistake to build a two- 
reaction theory on the basis of an unsatnrated magnetic circuit. 
We must not forget in this connection that not only the trans¬ 
verse synchronous reactance but also the direct synchronous 
reactance decreases with the saturation. Actually, I believe the 
direct synchronous reactance decreases more rapidly with in¬ 
creased saturation than does the transverse. Dr. Berg defines 
the direct synchronous reactance as the sum of the real armature 
reactance plus the reactance equivalent of the armature reaction, 
and he expresses it in this form: 

VI 

X 4 . —— where X is the reactance, m is the coefficient of 
c 

armature reaction and c is the factor that depends on the 
saturation. 

If one expresses m in percentage based on the no-load ex¬ 
citation of the machine, as is usually done, then c is unity for a 
condition of saturation that corresponds to no-load excitation. 
Under short circuit, where there is no saturation in the machine, 
c is less than unity, and at higher saturations it is much greater 
than unity, so that the synchronous reactance for high satura¬ 
tion is considerably less than one would measure from the short- 
circuit test. One should certainly not use the same value of 
synchronous reactance measured at full load under a condition of 
normal saturation. Nor would one use the same value for a 
condition of load at a leading power factor where there is a high 
degree of saturation present. Consequently, Professor Douglas 
should not calculate orthogonal Hues for those shown in his Fig. 2. 

It is always necessary to determine first, the point on the 
saturation curve corresponding to the condition under investiga¬ 
tion. c is then known and consequently one can calculate the 
correct values of synchronous reactance to be used in Blondel’s 
theory. 

It is all right to have a theoretical structure based on the 


assumption of no saturation, provided it can be made to give tin© 
right answer, and I think this is true of Blondel’s theory. It> 
may not give the pull-out torque absolutely correct, but I feel 
sure that it will give it closer than 30 per cent when handled, 
correctly. In his discussion he referred to the work of MCr. 
Doherty and now I wonder if he meant the sudden pull-out, which, 
of course would be higher than calculated for the steady-state 
condition. 

Professor Douglas says that in order to make an experimental 
study of the transverse reaction it is necessary that the load 
be placed so that the effect shall be wholly transverse; that is, 
the armature currents shall attain their maximum values when 
opposite a pole axis. I think this is at least interesting, but 
Blondel pointed out that this is not necessary. In his book on. 
“ Synchronous Motors and Converters” he gives the equation for 
the angular displacement of a synchronous motor as follows: 

m * I X s' — E a sin Q 

Tan 6 — ——--- - - 

E o cos 6 — 1 r 

8 is the angle between the current and the pole axis. Tlx© 
angle of displacement is this same angle plus the power-factor 
angle of the machine. I is the current and 6 is the power-factor 
angle of the machine between the terminal voltage and the cur¬ 
rent. Xs' is the transverse synchronous reactance. 

Notice that nowhere in this equation is the direct synchronous 
reactance involved at all, and Blondel called particular attention 
to this point: The angular displacement of a machine, under 
any condition of load and power factor, depends not at all on tlx© 
direct synchronous reactance but only on the transverse syn¬ 
chronous reactance, so that it is only necessary to measure tin© 
angular displacement at any load and power factor whatever, 
and then substitute in this formula and calculate backwards 
to get the transverse synchronous reactance. Of course, tlxis 
does not assume the validity of the general theory that Blondel 
bases his diagram on and that superposition is possible. If, 
however, one denies the validity of the Blondel diagram, lie 
would say that this is also invalid. 

However, the common use of Blondel’s theory is in the cal¬ 
culation of characteristics which depend on the displacement. 
If, by intelligent comparison of calculations with test results, 
it is possible to determine the constants in such manner that they 
give the correct displacement characteristics, the theory fulfills 
its purpose. 

There is one point in connection with Professor Douglas’s 
experimental set-up which is not clear to me. I understood 
from his description that the terminal voltage of machine B is 
supposed to correspond in phase position to the pole axis of 
machine A. This would be true if the rotors and stators of tHe 
two machines were lined up; that is, if the rotors were in line on 
the shaft, and the stators were in line on the floor, and if there 
were no load on machine B. But machine B was loaded with. 
5 amperes. If B is also rated 15 kv-a. (which, incidentally, he 
did not state), this 5 amperes would produce a displacement of 
three or four electrical degrees. Was this corrected for by ad¬ 
justing the hand-wheel, and if so, how could it be done without 
an oscillograph to show when the terminal voltage of machine JB , 
when loaded on the rheostat, was in line with the no-load voltage 
of machine A? 

Professor Douglas refers to the great confusion of statements 
on the subject of transverse reaction. 

In 1918 we were discussing the subject of armature reactance 
and reaction at zero power factor. The problem then was simply 
to divide the reactance flux from the armature reaction flux. 
The total flux or interlinkages were known directly from tine 
short-circuit test. 

Now we are discussing the armature reactance and reaction 
at unity power factor referred to the pole axis. The problem, 
is twofold. It is first necessary to find out the total interlinkages 
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corresponding to the transverse synchronous reactance and then 
to divide this total into reactance and armature reaction. The 
first part of the problem can he handled experimentally by 
measuring the angular displacement. As I pointed out, that 
will give the value of the transverse synchronous reactance. It 
will give the total flux in the transverse field. So the accuracy 
with which the transverse synchronous reactance can be known 
will depend on how accurately the angular displacement can be 
measured. The second part of the problem, that is, the division 
of th is flux, 1 think is not of great importance. It is usually only 
necessary to know the total transverse reaction for most prob¬ 
lems, not the component parts of it. It will, however, bo desir¬ 
able to make the separation in order to understand more clearly 
the nature of the trail verso synchronous reactance and also to 
settle the question about the magnitude of the transverse re¬ 
actance. This question is perhaps the one on which there is more 
difference of opinion than on any other relating to Blondel’s theory. 

Blondel himself considered the transverse reactance equal to 
the direct reactance. At least, he used only a single value of 
reactance in his diagram. 

Dr. Stoinmot/. and Dr. Berg both used a transverse reactance 
much larger than the direct reactance. Dr. Borg states definitely 
in his “First Course in Electrical .Engineering” that the direct 
reactance is only about (>() percenter the transverse. That means 
that if an ordinary synchronous machine had 20 per cent reac¬ 
tance, for instance, the transverse reactance would be in the 
neighborhood of 50 per cent not reaction but reactance. 

Professor KurupotolT is also of the same opinion, if one may 
judge from his paper on “Variable Leakage Reactance.” While 
lie does not state definitely how much larger the transverse 
reactance is than the direct reactance, if one may scale Iris 
diagrams, lie would agree substantially with Dr. Berg. 

Professor Arnold, on the other hand, holds that the trans¬ 
verse reactance is considerably smaller than the 'direct, lie 
says that when a phase belt is above a pole face, only that flux 
which links the phase belt without entering the pole iron Is 
reactance flux. This means that there is practically no tooth- 
til) leakage in this position. 

Personally, I never could see why, because a line of (lux in 
trying to got around a phase belt found it convenient to enter a 
friendly pole face for a part of its journey, it had to have its 
name changed from “reactance” to “reaction.” So I agree 
with Dr. Berg and not with Professor Arnold. 

.Messrs. Doherty and Niekle, after a thorough and elaborate 
investigation, conclude that the transverse and direct reactances 
arc practically equal,*differing by not more than 1 or 2 per cent. 

And now Professor Douglas concludes that the transverse 
reactance is zero, or at least negligible. 

(« A. Niekle: 1 am inclined to agree with Mr. Putman that 
the effect of saturation upon quadrature reactance is not quite 
as great as concluded in this paper. 

1 think that one question might be raised. The author 
points out that “the voltage E n ," that is, the voltage in the 
direct axis, “is not a function of the field current alone.” This 
is true. This merely means that due to pole-tip saturation, 
instead of the quadrature and direct axes being in their geo¬ 
metric position, they have been slightly shifted, so that the 
quadrature current now has a mutual component with tlm 
field winding and reduces the flux in that circle. I think on that 
basis that it is reasonable to say that the curve in the main field 
winding, under these conditions, will have a mutual effect on 
the quadrature axis. If the quadrature axis lias a mutual effect 
on the direct, it should work the other way. If such is the case, 
we would expect the values as measured to be much lower than 
the true values. If the transverse-current magnetomotive 
force produces a certain transverse flux and in addition to that 
flux we have another component which is ISO deg, out of phase, 
this flux being actually produced by the main field winding, the 
total flux that we measure in the quadrature axis is not the flux 


produced by the quadrature curve but is a composite flux. 
I think that quadrature reactance should at least be defined by 
the flux produced by the quadrature curve. Before we can say 
what transverse reactance is, we must separate the two com¬ 
ponents of flux so as to get that component of flux which is 
due to the main field winding. 

It is found when the pole-tip saturates, we have the effect 
of having removed a small amount of iron from the tip of this 
pole. The two direct axes are no longer the geometric direct 
axes but have been shifted slightly to the left. Therefore, 
since the fluxes in the main field winding, especially at the 
right-hand end of this curve, are very high compared to the 
fluxes in the quadrature axis, it requires but a 1- or 2-dog. shift 
of the two axes so that the main field winding will give a compo¬ 
nent of flux in the quadrature path which is probably 50 per cent 
as large as the flux that exists there due to the current alone. 

I think when this is taken into account, wo shall find that 
quadrature reactance is not affected so vitally by saturation as 
we would bo led to believe from these tests. Large numbers of 
tests have been made in the past and the angles, pull-out torques, 
and so forth have checked very well. 

It. E. Doherty: Prof. Douglas has offered something for ns. 
to think about though there are some things in the paper that are 
not altogether clear and the results are not what most of us who 
study these matters might have anticipated. 

1 would like to mention one point which Prof. Douglas has 
made, namely, the necessity of distinguishing between a rational 
method of analysis and ono which is largely empirical. The 
theory of superposition applies only when no saturation is 
present. If saturation is present, it may he negligible to such an. 
extent that one may apply a theory based on, no saturation and 
get approximate results, or he may, as Mr. Putman has men¬ 
tioned, shade the constants to take care of it and assume that it 
can he used; and then interpret the results accordingly. 

He this is the point: If those pictures of saturation curves 
and methods referred to by Professor Douglas are intended to 
represent a philosophy underlying a method of making such 
calculations, it must he considered as a relic of the past, because 
I am pretty sure that nowadays not very many informed en¬ 
gineers so regard them. However, very many calculations on 
important machines are made according to a theory which, 
strictly, does not apply let us say I‘oiler’s diagram applied to 
salient-pole synchronous machines. Why? Because it gives 
results that are as close, practically, as you can test them. It 
gives practically correct results in magnitudes of excitation, 
but not in phase angle. But it is an engineer’s privilege to use 
such tools as he sees fit. so long as lie gets results that he can 
depend upon. Thus, if you can compute the magnitude of 
excitation under load on a salient-pole machine, when, some 
saturation exists, by using Potier’s diagram, that is a perfectly 
justifiable procedure so long as you recognize its limitations and 
understand why it gives practically the same magnitude as 
Blunders method, which of course is theoretically more sound. 

1 might say that the reasons why Po tier’s diagram will give 
praetically the same magnitude of excitation as Blondel’s 
treatment are explained fully in the literature.** 

Mr. Putman mentioned the different opinions regarding re¬ 
actance. It is not a question of difference of opinion regarding 
reactance, but difference of definition; that is. Dr. Berg and Dr. 
Hteininetz arc right; and Blondel is right. Also Doherty and 
Niekle, Professor Karapetoff and Professor Douglas may bo 
right. The only person who is wrong is one who, not clearly 
understanding the definition and physical significance of some 
particular value of reactance, uses it where it is not applicable, 
in the case of a synchronous motor, for instance, there is a 
number of different reactances which must lie known separately 
in order to calculate the various operating characteristics. It 
is therefore meaningless merely to refer to the “reactance" of 
a synchronous machine. 
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Going a step further, there may be a legitimate difference in 
view regarding the segregation of armature leakage reactance 
into its components. According to the usual view, armature 
leakage reactance comprises three components: (a) slot reactance , 
about which there is little or no question; (b) end-winding re¬ 
actance , that is, the reactance due to leakage flux around the ends 
of the coils, about the nature of which there is very little question; 
and (e) zigzag or tooth-tip reactance , about which there has been 
considerable question and discussion. Now if one can build up 
a consistent theory, using only (a) and (b) as comprising armature 
reactance, it would be a logical thing to do, provided everybody 
who used the theory understood that. On the other hand, since 
it is more in keeping with the established view of things to 
include all three of these terms in armature reactance, and include 
the remainder reactance effects of the armature current as the 
effective reactance of armature reaction, this point of view was 
taken in our paper on Synchronous Machines —7. 1 And 
we believe it is a comprehensive and logical treatment of the 
problem. It is a question of definition, as I stated at the outset, 
and if we wish to discuss the particular term which Professor 
Karapetoff treated, then let us discuss it as such, and not be 
confused by comparing its value with the whole, of which it is 
only a part. 

Vladimir Karapetoff: To me, the principal value of Profes¬ 
sor Douglas’s paper lies in a novel experimental method which per¬ 
mits the obtainn ents of partial data in addition to the usual load 
data. It seems to me that further progress should lie no t in juggling 
any more with vector diagrams and introducing more factors, 
but primarily in devising new experimental ways whereby we 
could get not only “bulk data,” that is, the terminal voltage, 
current and power factor, but partial data as well. A synchro¬ 
nous machine is a comparatively complex aggregate of physical 
phenomena and if one provides a sufficient number of arbitrary 
factors, one can usually duplicate the performance of the machine 
with a sufficient degree of accuracy. However, the progress of 
the art requires checking those individual factors and not the 
final performance alone. ' 

I judge from Professor Douglas’s paper that he is familiar 
only with Blondel’s early work. Since 1918 Blondel has done a 
considerable amount of work on synchronous machines. I refer 
in particular to the investigation, of which the purpose was 
checking the individual fluxes and voltage drops in the machine, 
rather than the final performance. Special, rather complicated 
experimental means were devised for that purpose. 3 Besides, 
Blondel presented several papers before the French Academy of 
Sciences, discussing several advanced phases of the theory of 
synchronous machines. In the third edition of Vol. II of my 
Experimental Electrical Engineering (1927) there is a fairly 
complete bibliography on the subject, and I hope that Prof. 
Douglas’s paper will create a new stimulus for attacking the 
problem with modern experimental means and coordinating the 
results with a more rational theory. 

J. F. H. Doxy^las: Mr. Putman mentioned the test of the 
3-phase machine. We did not make such a test although we saw 
some simple modifications by which it could be done. We sub¬ 
mit that the line voltage, perpendicular to the Y voltage, would 
give us the two reference axes necessary. For convenience, we 
chose the 2-phase connection which was available on the machine. 

Mr. Putman mentioned that the direct synchronous reactance 
was also a variable. With this we agree. For this reason I 
advocated following Prof. Karapetoff’s idea in this respect, 
treating it in a magnetomotive force diagram, where it will be a 
constant. My paper has no reference to sudden pull-out or 
suddenly applied torques. When I alluded to Mr. Doherty’s 
paper, it was to a formula included which applied to steady- 
state conditions. This formula has a term which includes 
sin 2 5 and consequently makes use of a transverse coefficient 
different from the direct coefficient. ' • 

1. Journal A. I. E. E., October, 1926, p. 974. 


With reference to the formula advocated by Prof. Blondel 
quoted by Mr. Putman, I did not mean to imply that the trans¬ 
verse coefficient could not be computed unless the action were 
wholly transverse, but rather that under those conditions, 
having one system of causation present, the effect would be less 
subject to constant or systematic error. As a matter of fact, 
Mr. Nickle called our attention particularly to the fact that 
direct demagnetizing current might have an effect on transverse 
conditions. We foresaw that possibility and for that reason 
the tests were made as nearly as possible with the current fully 
transverse in its action. 

And again, if we refer to Fig. 2 in the paper, we were looking 
for a demagnetizing effect of transverse feaetion, and conse¬ 
quently if we had a large demagnetizing current present, we 
would not have been able to separate it with accuracy from that 
produced by the cross-magnetizing current. 

With reference to the question raised as to how we lined up the 
two machines without knowledge of how the coupling between 
them was adjusted, I would say that, when we said that we 
brought the two machines so that the pole axes were in the same 
line, it was simply a short way of saying that we lined up the 
reference voltage with the no-load voltage of the machine tested. 
The machine B was loaded to the 5-ampere load, which was 
used, before the hand-wheel was turned, and so it was the ter¬ 
minal voltage under load that was adjusted to the same phase 
as the no-load voltage of machine A. 

I will not respond further to Mr. Putman’s and Mr. Doherty’s 
remarks on reactance than to say that* my attitude is entirely 
empirical. It is a question of how you define reactance. If you 
define reactance as including non-synchronous revolving fluxes, 
then undoubtedly the reactance will be larger under transverse 
than under demagnetizing condition. I think that for the 
purposes of calculation, the most useful division of the effect 
between the e. m. f. and the m. m. f. diagrams is that one giving 
factors which remain fairly constant. If we define reactance as 
due to those flux components unaffected by saturation, and if 
all flux components are af fected by saturation in a given condition, 
as we found in the case of transverse reactance condition, we can 
say that the transverse reactance is zero. This same attitude is 
taken when we use the zero per cent power-factor characteristic 
to find the direct reactance and reaction components, although 
it is well known that the reactance thus determined is consider¬ 
ably larger than what can be computed with rational formulas. 

Mr. Nickle’s remarks deserve a better discussion than I can 
give. Pole-tip saturation should be important. I am not at all 
sure that his analysis is not correct. The case seems to me to be 
an exact analog of the corresponding case in d-c. machines. The 
treatment given in Prof. Karapetoff’s “Magnetic Circuit” for d-c. 
machines could be applied almost bodily to the synchronous 
machines. In this theory there is a demagnetizing effect 
produced by transverse reaction but no cross-magnetizing effect 
produced by demagnetizing reaction. The loci of our e. m. f. 
vectors were parabolas proving the existance of a demagnetizing 
component of cross-reaction. However, on the m. m. f. diagram 
the loci were approximately straight lines. In other machines 
this result may not prove to be true. Since writing the paper, 
the writer and his students have used three other different 
methods, and have tested one other machine, the results being 
the same; the transverse effect is a constant only when placed 
wholly in the m. m. f. diagram. The question whether the 
transverse reactance is unaffected by saturation or whether it is 
constant in the m. m. f. diagram should be easily verified, since 
at, say, 50 per cent overvoltage the pull-out torques predicted 
by the two theories are quite different. 

I am heartily in accord with what Prof. Karapetoff has said, and 
it means that there is still a lot of work to be done on the subject.. 

In particular the writer has assumed a reasonable active layer 
characteristic for the machine tested, and has by calculation 
been-able to check the curves shown quite closely. 





Starting Performance of Synchronous Motors 


BY H. V. 

Associate, 

Synopsis .— This payer deals with the theory underlying the 
starting performance of the salient-pole synchronous motor equipped 
with damper windings. The theory, while involving some approxi¬ 
mations, is accurate enough for practical engineering calculations . 
Formulas arc developed for the starting torque, pull-in torque and 
inrush. A method is also given for calculating the speed torque 
curve from standstill to synchronous speed. 

Due to the fuel that the damper winding is not continuous around 
the periphery and due to the presence of the single-phase field winding, 
the rotor circuit is not a perfect polyphase, secondary hut is 
unbalanced to some extent. In order to take, care of this 
unbalance, it is necessary, in addition to the usual system of 
positively rotating vectors, to employ a second system of negatively 
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rotating vectors as is done in unbalanced three-phase problems. 

The stator resistance has been disregarded in working out the 
general case of the unbalanced or partial polyphase secondary in 
order to obtain a torque formula which will be simple and at the same 
lime accurate enough for practical calculations. Mr. Q. Graham 
is working on this problem and expects to present in an Institute 
paper , in the near future, the general solution including the stator 
resistance. 

The use of the double squirrel-cage type of damper winding in 
salient-pole, machines has been examined both theoretically and 
experimentally. Other methods of obtaining unusual starting 
performance are suggested and the results of some, actual calculations 
presented. 


Introduction 


P ROBABLY the earliest published work on the 
starting performance of synchronous motors 
was done by Carl J. Fechheimer in 1912’. This 
was a paper of great merit and a valuable contri¬ 
bution to the art. Not only did it give much valuable 
experimental data concerning the synchronous motor 
but it added much to our knowledge of the calculation 
of reactance. The discussion which followed the pres¬ 
entation of this paper showed clearly that the syn¬ 
chronous motor was well understood experimentally in 
1912. Engineers knew what the motor would do under 
various conditions but the “why” was often in doubt. 
The theory developed in the present paper explains 
some of the “whys.” Mr. Fechheimer limited his 
theoretical work to the conditions at standstill. In 


this paper the starting conditions are examined not 
only at standstill but through the whole starting period 
up to the pull-in point. 


Notation 


The following notation will be used throughout the 
paper. The subscript p used with a vector quantity 
denotes that the vector belongs to the positive system 
of vectors, while the subscript n denotes that the vector 
belongs to the negative system. For instance: 

Ei P - Induced voltage, positively rotating, 

Ei n --- Induced voltage, negatively rotating. 

In a similar manner the subscripts p and n may appear 
with any of the vectors. 

Ea « Impressed voltage, 

Ix « Stator current, 

/yo == Magnetizing current, 

/ 2 = Rotor current, 

Ii, ~~ Rotor bar current, 

I } *= Rotor current in the field winding, 

Iun = Negatively rotating rotor current due to E in . 


1. Wostinghouso Electric & Mfg. Co., East Pittsburgh, Pa. 

2. Thanh. A. I. K. E., 1912, Vol. HI, Part 1, p. 529. 

Presented at the Winter Convention of the A. /. E. If, New 

York, N. Y u February 7-11,1027. 


(The subscript 2 indicates rotor current. The 
first subscript n indicates that the vector is a 
negatively rotating vector. The last subscript 
n indicates that the current is produced by the 
negatively rotating induced voltage E in .) 

Similarly, 

I- 2 n p = Negatively rotating rotor current due to E ip , 
I 2pp ~. Positively rotating rotor current due to E iv , 

I•> v n — Positively rotating rotor current due to E 

V . = x 2 + j r u , 

V = Z,JZ fx , 

a - Half the depth of double squirrel-cage damper 
bar (App. II), 

b = Width of double squirrel-cage damper bar 
(App. II), 

B — 1/xi T bo o, 

b oo = Magnetizing admittance, 

/ = Frequency in cycles per second, 

j — V ~ l, indicates the imaginary term in vector 
expressions, 

N. R. V. sin 0 

K - Ratio = - —* (see Equation (14)), 

K c = Value of K corrected for effect of closed field 

circuit, 

4 7T p 

. K , = -— (App. II) 

' O' 

d 

p — Operator and denotes differentiation with 

respect to time (App. II), 
rx = Stator resistance, 

r 2 = Rotor resistance, 

r h — Rotor bar resistance, 

= r 2 /S, 

r f — Field circuit resistance, 
r/, = r f /S, 
r 0 = rx + r a , 

S - Slip, 
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i = Time in seconds, 

T p = Motor torque due to positively rotating 
and positively rotating rotor current, 
v = Ratio Z bs /Z fsy 

Xi = Stator reactance, 

= Rotor reactance, 
x b = Rotor bar reactance, 

Xf — Field winding reactance, 

Xo == X\ d - x%, 

z — y/ X -f- 2 B X 2 “j~ B 2 Z% s “ 

Z 2 = Rotor impedance = V r 2 2 + S 2 x 2 2 
Zz, = V r 2s 2 + X2 2 
Zb> — yf Tbs 2 + Xb 2 
Zjt — y/ Tfs 2 + Xf 
Zo = y/ Tq 2 + Xo 2 , 

Z x — Stator impedance = + 

6 — Bar span in electrical radians (Part I), 

x b 

6 — tan -1 —— + ol — phase angle of rotor circuit 

with field closed (Part IV), 


The sum of these two rotating vectors is 

2 cos co t (3) 

which is simply a pulsating quantity in one direction 
in space. 

If, now, Equation (3) represents the m.m.f. due to a 
single-phase winding, it follows from the above that this 
m. m. f., which is unidirectional in space and pulsating 
in time, can be represented by, or split up into, two 
vectors constant in time but rotating in space, one 

? 


4> r 

2 Lcos wt*j siruut]=P. R. V. 
| (cos cut - j sin tut] * N. R. V. 


6 

Fig. 2—M. M. F. Produced bt a Single Coil, Resolved Into 
Two Rotating Vectors 



= tan - 1 


v cos cp 
1 + v sin (p ’ 


x b r f , 

ip = tan - 1 -+ tan -1 -. 

Tbs X f ' 

$ = M. m. f. (Part I), 

$ = Self-inductive flux (App. II), 

05 = Angular velocity in radians per sec., 

cr = Specific resistance of material used in double 
squirrel-cage damper bar (Abohms per cu.cm.). 

Part I. Theory of the Partial Polyphase 
Rotor Circuit 

The expression, 

cos co t + j sin co t ( 1 ) 

represents a vector of unit length rotating forward in 
the positive direction with angular velocity co and start* 


P 



rotating in the positive direction and the other in the 
negative direction. 

As an example of the above, let the field produced by 
a coil a — a, Fig. 1, be $ cos co t. 

In Fig. 2 the equivalent rotating vectors are shown. 

$ 

—Tj— [cos co t + j sin co t] — positively rotating vector. 
$ 

[cos co t — j sin co t] — negatively rotating vector. 

La 

It should be noted that the length of each rotating 



a6 

Fig. 1— M. M. F. Produced by a Single Coil, Pulsating in 
Time, Undirectional in Space 

ing at the zero position at the instant of counting time. 
Similarly, 

cos co t — j sin co t ( 2 ) 

represents a vector rotating backwards or in the nega¬ 
tive direction with angular velocity co. 


Fig. 3— M. M.F. Produced by Two Coils Separated by 
Angle 0, Resolved Into Two Rotating Vectors 

vector is only half the maximum value of the stationary 
vector. In Fig. 1, when t = 0, $ cos co t is maximum 
and the current in the coil is, therefore, a maximum. 
In Fig. 2, then, time is counted from the instant the 
current in the coil is maximum, and at this instant it 
should be particularly noted that the positively rotating 
vector and negatively rotating vector are together in 
space. 
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The Partial Polyphase Secondary Produced by 
Damper Bars in the Pole Face 

Consider now the m. m. f. produced by two coils or 
pairs of bars shown in Fig. 3, as No. 1 and No. 2. Let 
time be counted from the instant the current in coil 
No. 1 is a maximum. Let the current in coil No. 2 lag 
behind that of No. 1 by an angle (3 equal to the space 
angle between the coils, as this would be the case with 
damper bars. 

The in. m. f. due to coil No. 1 is 

1 

2 T [cos co l + j sin co t\ = positively rotating vector 


2 T [cos co t — j sin co t\ = negatively rotating vector 


To find the m. m. f. due to No. 2 coil, proceed as 
follows: Assume temporarily that the current in No. 2 
is in time phase with that in No. 1. On this assumption 
the rotating vectors would be 

\ 

*2 I w t -1- p) + j sin ( co t + p) } 

= positively rotating vector 


rotating vector would disappear entirely. The posi¬ 
tively rotating vector and negatively rotating vector 
are not together in space when t = 0. This is because 
time was counted from the instant the current in coil 
No. 1 was maximum. If, now, time had been counted 
from the instant the current in coil No. 2 was maximum, 
the rotating vectors would have been: 

Positively rotating vector = <f> (cos co t + j sin co t) 1 
Negatively rotating vector = $ cos 8 } cos (co t -f- P) r 
- j sin (co t + p )} I 

( 8 ) 

The phase angle of the negatively rotating vector 
thus depends upon the instant from which time is 
counted, 

Consider, now, the m. m. f. produced by a number 
of coils uniformly distributed over an arc or angle 9, 
Fig. 4. Thus: 

Let 

A p = angle between coils 

4 = m. m. f. per radian periphery. The m. m. f. 

of each coil is then 4 A 8 and there are 

6 

----- = n coils. 

A 8 

Count time, from the instant the current in coil No. 1 


— <I> [cos (co t - 8) - j sin (co t — 8) I 

= negatively rotating vector 

But the current in No. 2 lags behind that in No. 1 by an 
angle p. Hence it is necessary to substitute (co t — p) 
for co t in (5). This gives for the rotating vectors for 
coil No. 2 under the conditions specified above: 

1 . . 

~~ 4 {cos co t -\- ] sin co t\ 
z 

= positively rotating vector 
1 . (6) 
2 ~ 4 {cos (co t — 2 8) — j sin (co t — 2 8 )} 

= negatively rotating vector. 

It should be noted that the positively rotating vectors 
for both coils No. 1 and No. 2 are in phase with each 
other. The negatively rotating vectors are, however, 
out of phase by an angle 2 p. 

To get the combined in. m. f. due to both coils No. 1 
and No. 2 it is only necessary to add Equations (4) and 
(6) together. 

This gives: 

Positively rotating vector = <I> (cos co t -f- j sin co t) j 
Negatively rotating vector - ( I> cos 8 [cos (co £ - 0) 

— j sin (cot — 8) } J 

(7) 

It is seen that the negatively rotating vector has been 
shortened by cos p factor. This is due to the fact that 
the two coils constitute a partial or imperfect polyphase 
field. For a perfect polyphase field the negatively 


o 0 
Q \ I 

cAVaj 

WV 

N'i 


jG\ s o 

\ \ b 

i b ° 


Fio. 4— M. M. F. Produced by a Number op Coils Dis¬ 
tributed Over Angle o to the Lept of Coil No. 1 

is maximum. Since the positively rotating vectors 

4 A P 

are all in phase and each has a magnitude of;-g— j 


and there are — r-r coils, the 
A 8 


positively rotating vector = ~ (cos co f + j sin co t) 


The negatively rotating vectors are all out of phase 
and the sum of them is:. 

Negatively rotating vector 

A 8 [ n t S, m8 ' 

=- n - 1 2j cos co t cos (co t — 2 A P) 


+ cos (co t — 4 A p) + . . . — j N sin co t ! 

+ sin (co t — 2 A p) 4- sin (co t — 4 A p) + . . . J (10) 
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2 cos {co t — 2 (r — 1) A jS} 

r =1 


j 2 sin {co t — 2 (r — 1) A fi } 

r =1 


Now let A £ ■> 0 and w > co 
The 2's then become integrals as follows: 
Negatively rotating vector 


f cos (co t — 2x) dx — j J' sin (oit~2x) dx 

x — 0 » =0 


of coils as shown in Fig. 6 covering an angle to the right 
of coil No. 1 (instead of to the left as in the previous 
case) that the vectors are: 

Positively rotating vector 

$ 0 

= —r~ [cos co £ + J sin co t] (15) 

Negatively rotating vector 

= —-— [cos (co t + 6 ) - j sm (co t -f 0 ) ] (16) 


J Here again time was counted from the instant the 
( 12 ) current in coil No. 1, Fig. 6, was maximum. 


= ~ 2 ~~ s i n 0 t cos (co t — 6 ) — j sin (co t — 0) ] (13) 

which is the negatively rotating field. 

The ratio of the magnitude of the negative field to 
that of the positive field is from (9) and (13), 

. Negatively rotating vector sin 6 

a fo° p os itively rotating vector ^ ~ q 

K is really a measure of the single-phase action in 
the .rotor. It shows how nearly the rotor circuit 


No.l 

? P p 

LJ/P 


■/f\ 

//>!\ 

o' / / / l 
</ J I | 



Fig. 5—Curve Showing Values of K as Function of the 
Damper Bar Span. K is a Measure of the Single-Phase 
Action Produced by the Damper Winding 


approaches the perfect polyphase condition. If, in 
Equation (14), d is put equal to zero for the case of the 

• i ^ __ . Lim s i n 0 

single-phase rotor, K = 1, since q + q — q — = 1, so 

that the negatively rotating field is equal to the posi¬ 
tively rotating field which is correct for the single¬ 
phase rotor. But if in (14) Q is made equal to 7 r 
corresponding to a damper winding which is continuous 
around the periphery as in a squirrel-cage induction 
motor, then K — 0, and there is no negatively rotating 
field. Fig. 5 shows a curve which gives values of K 
corresponding to different values of the bar span d. 

It should be noted that the magnitude of the positive 
field is always equal to one-half the m. m. f. in the 
whole winding, assuming all currents in phase. 

It can be shown in a similar manner that for a group 


Fig. 6—M. M. F. Produced by a Number of Coils Dis¬ 
tributed Over Angle o to the Right of Coil No. 1 

Combining the results of Figs. 4 and 6 gives the 
m. m. f. for the arrangement of coils shown in Fig. 7, 
time being counted from the instant the current is 
maximum in coil No. 1, which is the middle coil of the 
group. 

The angle or arc covered by the winding is in this 

No.l 


o 0 9 0 o 



° o 6 o ° 


Fig. 7—M. M. F. of a Symmetrical Arrangement of Coils 

case yp - 2 6. To get the positively rotating vector it 
is only necessary to add (9) and (15). 

Positively rotating vector = # 0 [cos o) t + j sin co t] 

(17) 

To get the negatively rotating vector add Equations 
(13) and (16) which gives: 

Negatively rotating vector 
4 

= -y sin 0 {cos (a) t - 0) + cos (c o t + 6) 
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— j [sin (o> t — 6 ) + sin (co t + 0)]} 

= sin 0 cos 6 [cos co t — j sin co «] (18) 

Substituting 2 6 = xp in (17) and (18) gives 
Positively rotating vector 

= ~ 2 ~ [cos co t + j sin co i] 

Negatively rotating vector 
<I> 

_ __~ s j n ^ [ cos co t — j sin co t] 

Hence it is seen 'that if time is counted from the 
instant that the current is maximum in the middle of the 
belt of conductors, the positively rotating vector and 
negatively rotating vector are in phase with each other; 
that is, they are together in space. Or, more generally, 
it may be stated that regardless of the instant from 
which time is counted, the positively rotating vector 
and negatively rotating vector are together in space at 
the instant the current is maximum in the middle bar 
in the pole face. 

Part II. Construction of the Vector 
Diagram of a Synchronous Motor With 
Partial Polyphase Rotor Circuit 

It is well known, of course, that the ordinary vector 
diagram of a polyphase induction motor represents not 
only the time relation of the various quantities but the 
actual space relation in the machine as well. The same 
will be true of the vector diagram of a motor with a 
partial polyphase rotor circuit. It will be found con¬ 
venient to represent by the vector for the rotor bar 
current the current in the bar in the middle of the pole. 



Fig. 8.-Diagram Showing Simple Positive and Negative 

R OTATIN a S Y STB M S 

Relation Between Negatively Rotating System 
and Positively Rotating System 
It has been shown above that if, due to a positively 
rotating sine wave of flux in the gap, there is induced a 
voltage in each of the rotor bars which causes a sine 
wave of current to flow in each of the bars, the resultant 
m. m. f. may be represented by two rotating vectors, 
one rotating positively and the other negatively. In 
Fig. 8, let e# be the voltage induced in each of the bars. 

Two current vectors are produced, the positively 
rotating vector which is I 2p and lags behind the induced 



voltage by angle 6 , the phase angle of the damper bar 
circuit, and the negatively rotating vector which is 1 2n 
and which lies along the reflection of I 2p about the y 
axis. Now, how does one know for sure the position 
of I 2 n? It has been shown very clearly that J 2n must- 
be so located that J 2n and I 2p will come together in 
space at the instant the current in the middle bar of 
the pole is maximum. Since the projection of any of 


I 



Fig. 9—Diagham Illustrating the Principle op 
Reflection 

the vectors on the y axis as they rotate gives their 
instantaneous values in time, this will occur when I 2 „ 
comes in line with the y axis. Since / 2n is rotating 
negatively, it will come in line with the y axis at the 
same time as does 1 2j >. Hence, it is seen that by making 
Lm lie along the reflection of L iP about the y axis, the 
condition that the positively rotating vector and 
negatively rotating vector shall be together in space 
at the instant the current is maximum, is fulfilled. 

Principle of Reflection of the Negative System 

It is evident that the conventional system of vector 
notation cannot be applied directly to the condition 
existing in Fig. 8. In fact, it cannot be applied to a 
vector diagram in which there are vectors rotating in 
opposite directions, so that, for the purpose of mathe¬ 
matical analysis it is necessary to construct the dia¬ 
gram in such a manner that the actual vectors in the 
diagram rotate in the positive direction. Such a dia¬ 
gram is shown in Fig. 9. 

This diagram is obtained from that in Fig. 8, by 
applying the principle of reflection which may be 
stated as follows: If the negative system of vectors 
(in this case only the single vector I« n , Fig. 8) be 
reflected about the y axis and made to rotate positively, 
the instantaneous values of the quantities represented 
by the vectors of the negative system remain unchanged. 
In other words, if in Fig. 9 I 2 « rotates positively, it 
produces the same projections on the y axis (which 
projections are the instantaneous values) as does J 2n 
in Fig. 8 when rotating negatively. Now, the diagram 
in Fig. 9 has the advantage that it lends itself to 
analysis by regular vector equations. It has the 
disadvantage that it is a time diagram only and does 
not represent the space relations in the machine as 
does the diagram in Fig. 8. Either diagram can, of 
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course, be obtained from the other by simply reflecting 
the negative system. 

Vector Diagram of Synchronous Motor with 
Partial Polyphase Rotor Circuit in Fig. 10 
Fig. 10 gives the complete vector diagram of a motor. 
It is of the same type as Fig. 8, giving space as well as 
time relations. It is similar to the ordinary diagram of 
an induction motor except more complicated because 
of the negative system. All dotted vectors are actually 
rotating negatively in this diagram. 

In the machine there are two fluxes in the gap, one 
rotating positively, the other negatively. The positive 
flux generates a positive induced voltage Ei P in the 
damper bars. 3 This, as has been described, produces 
two current vectors: Io pp i which is the positively 
rotating vector and I 2np which is the negatively rotating 
vector and which lies along the reflection of I 2pp abput 
the y axis. 

In a similar manner the negatively rotating flux 



Fig. 10—Motor Vector Diagram at "Standstill with 
Partial Polyphase Rotor Circuit 

Dotted lines represent negatively rotating vectors. 

generates a negative induced voltage E in in the damper 
bars which again sets up two current vectors. The 
larger of these in this case is the negatively rotating 
vector which is I 2tl „ and lags behind Ei n by the phase 
angle of the damper bars. The other is I 2pn which is 
the positively rotating vector and lies along the reflec¬ 
tion of I 2nn about the y axis. 

The total positive m. m. f. in the rotor is represented 
by I 2v and is the sum of I 2pp and I 2pn . Similarly, the 
total negative m. m. f. in the rotor is I 2 „ and is the sum 

Of 12nn and 12n P ‘ 

The positive m. m. f. in the stator is the sum of 

3. It is easier, in describing the diagram, to forget about the 
field winding. Its effect is discussed later. The diagram is- 
perfectly general, applying to any machine with a partial 
polyphase rotor of any type. 

4. l 2 p P is read as follows: Secondary current positively 
rotating produced by the positively rotating induced voltage. 
The 2 means secondary. The first p means positively rotating 
and the last p means due to the positive induced voltage. 


- I 2p and the magnetizing current 1 00p , 5 which produces 
the positive flux in the gap. Similarly, the negative 
m. m. f. in the stator is the sum of - I 2n and the nega¬ 
tive magnetizing current I oo« which produces the 
negative flux in the gap. 

The impressed voltage on the motor is the sum of 

- E ip and the I lp Z i drop. Since there is no negatively 
rotating impressed voltage (if the phases are balanced 
as assumed) the negative induced voltage Ei n is equal 
to the IinZx drop, as shown in the diagram. 

Part III. Vector Equations—Derivation of 
the Torque Formula 

In writing these equations the stator resistance will 
be disregarded. This leads to many simplifications 
which are impossible if it is included. 

The positive secondary current is 

Z 2 p = Z 2 pp + 1 2pn ( 20 ) 

or 


■ 2p “ Z 2 + Z 2 


( 21 ) 


n egatively rotating vector 
where K is the ratio of the p 0S ^i ve ]y rotating vector 


given by Equation (14). 


M agnitude of I 2 t m 
Actually K = Magnitude of 


Magnitude of I 2np 
Magnitude of I 2pr 



where r 2 , = —g~ and Z 2 2 = x 2 2 + r 2 , 2 
The positive magnetizing current is 

r _ • 7 

i OOp — J Coo g 


The S enters in the denominator because Ei P was taken 
as the voltage induced in the rotor bars, not in the 
stator. 

I lp = 1 2p T loop 


or 


■ lp ~ SZ U 2 [f2s 


J (&2 T &00 Z 2s 2 ) 


(23) 


5. It is, of course, not entirely correct to represent the 
magnetizing current by a simple vector on account of the non¬ 
uniformity of the air-gap in a synchronous motor. To take care 
of this correctly would probably involve the introduction of 
harmonics of higher order than fundamental. The error is 
probably not large, although it is a fact that the magnetizing 
admittance in a synchronous machine is large, the exciting 
current usually being greater than the normal full load current 
of the machine. Possibly this point is worthy of further study 
and investigation. 
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E ip X l 


I ip Ei j I\p X\ — g ^ 2 [x 2 + boo Z 2 2 -h j 

K E in Xi 
SZ 2 ^ 


Eo = — jr 1 + IipZi 


_ E ip X i ■ , K E i n X\ 

sz 2 2 ^2+^ Eia~ -i ~J r 2a \— 2 (^2+; r 2i ) 


where 


Similarly for the negative current, 


inversely proportional to the frequency; and that 6 0 s 
is given per unit volt in the stator while E in is the 
voltage generated in the rotor bars. Since the negative 
flux actually moves backward on the rotor at a speed S, 
while the rotor moves forward at a speed (1 — S ), 
the negative flux really cuts the stator at a frequency of 
(2 S — 1), while it cuts the rotor bars at a frequency S, 
The exciting admittance in the stator for this negative 
flux is then 


UAt) 


since it is inversely proportional to the frequency and 


the voltage induced in the stator is y - 
The stator negative current is 

I In Iu ~I - IOOn 


2 S- 1 


I in 


E in " 4 * K E i p 


K E {p 


(r 2 , - j x 2 ) 


f in — S Z 2 2 V it j J'i) ; 

The negative magnetizing current is 

. / 2 S - 1 \ „ 1 . ' E in 

f oo* j b oo \ g / . in (2, S 1) — ^ ®oo S 

To understand this equation clearly it must be 


I In B Z 2 [^*2* J (.Xi T &00 Z 2 s”,)] S Z 2 O" 2 * J ^ 2 ) 


IlnZl = j IlnXi ( 25 ~ 1 ) 

_ - E in Xi( 2 S- 1 ) 


(x 2 + &00 Z 2 2 + j r 2 .) 


K E ip Xy(2S~l) 

—"— YzT* - (:r2 + J r ^ , ' ) - 29 ^ 


\ 

fzim YSJiN n 


\ \ 
w 


I In Z 1 — S' 1 


(25- 1) 


Equating (29) and (30), reducing and solving for E in 
gives; 

V 


E in = - rE { 


V + B Z 2a 


where 


Fig. 11—Motor Vector Diagram at Standstill, All 
Vectors Rotating Positively in the Diagram 

Vector equations are based on this diagram. 


remembered that this magnetizing current is assumed ■to 
flow in the stator 6 ; that the magnetizing admittance is 

6 . This assumption is not neeessa~y. The point of view 
could be taken that the negative magnetizing current flows in 
the rotor and precisely the same result reached. Actually, the 
negative magnetizing current does flow in the rotor bars as can 
be seen from either diagram, Fig. 10 or Fig. 11. It will be noted 
that Im is larger than I Xn , which simply means that since the 
negative m. m. f. in the rotor is greater than that in the stator, 
it must supply the magnetization. Of course, just the opposite 
is true of the positive m. m. fs. / ip is always greater than Zap so 
that the positive magnetizing current is carried in the stator. 


Y = X 2 + j r 2 . 

Substituting (31) in (25) and putting x 2 + j r 2 * - Y 


gives; 


-Ei P Xi r (V + BZ, 2 ) 2 - K*V* 


ip X\ r 
' 2 I 

'it L 


v + BZ.J 


In Appendix I, it is shown that the numerical value 
of the bracket is; 


where 


V(z 2 - K 2 ) 2 - (2 KBn,Y 


z — v’d. *4* 2 B x 2 "b B 2 Z 2 


Substituting (33) for the bracket in (32) and making 
Eip zero vector, (32) may be solved for the positive 
induced voltage. 
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Eip _ Eg Z 2 , z _ 

S X\ V ( z 2 — K 2 ) 2 — (2 K B r 2 ,) 2 


(34) 


The positive torque which is due to the positive flux in 
the gap reacting on the positive current in the rotor bars is 


T. = 


E, 


g— X real part of I 2v 


(35) 


From (31) 


E i9 + K Ei 


— Ei V £ 


V (l - K 2 ) + B Z 2 . 2 


V 


B+Z 2s 2 


(36) 


Substituting (36) in (22) gives: 


r r v a- k 2 ) +bz % ^ , . , 

• 2p ~ 5 z 2a 2 L v + b z 2 ; J (r2s J 


(37) 


Now, the rationalizing factor in the denominator is 
x 2 4- B Z 2a 2 — j rut so that the problem of finding the 
real part of 1 2p resolves itself into that of finding the 
real part of 

Or 2 4~ B Z 2 2 — j r 2g ) [x 2 + B Z 2 2 4- j r 2 , 

~ K 2 (a? a + j r 2a ) ] (r 2a - j x 2 ) (38) 

Multiplying this out and reducing the real part is 
found to be 

Z 2 , 2 r u [z 2 ~ K 2 (1 + 2 B xi) ] (39) 

The real part of I 2p is, therefore, 

I 2p (realpart only) = [z 2 - K 2 (1 + 2 B x 2 )) 

Substituting in (35) gives the positive torque, 

2 

Tp = (“) -0J, [2= - K*(l + 2 B *,) J (41) 


Substituting (34) in (41) and reducing gives, 


Eg 2 [{z 2 - K 2 )-2K 2 Bx 2 ] 
T ” ~ x/ Tu [ (« 2 - K 2 ) ! + (2 BK r 2 ,) 2 ] 

In this formula, 

z 2 = 1 + 2 B x 2 4- B 2 Z u 2 
and i 

B — 4~ bgg 

Xi 


(42) 


This is the torque of the motor produced by the 
positively rotating flux in the gap and by the positive 
current in the rotor bars. On the assumption of no 
stator resistance this is the total motor torque, since if 
there is no stator resistance there is no component of 
I 2n in phase with E in . (See vector diagram Fig. 10). 
In other words, there is no current in time phase with 
the negatively rotating flux in the gap, so there can be 
no torque due to this flux. 

■ If in (42) K is put equal to 1 for the case of a single¬ 
phase rotor circuit, the torque is 


r 2i 


1 ~ x-f | B 2 r 2 , ! + (2 + B XtY | (43) 

By differentiating this expression with respect to 
slip, it is easily seen that maximum torque occurs at 

S --2W (44 > 

and the maximum torque is 

.5 


Tmax. 


B x x 2 (2 4 ~ B Xi) 


(45) 


Formulas (44) and (45) are useful in studying the con¬ 
ditions at pull-in as will be seen later. 

By substituting the numerical values of the several 
constants of the machine in Equation (42) for different 
values of slip, a speed torque curve could be made for 
the case of open field circuit. This is of little practical 
value as machines are almost never started with the 
field open and even if -they are started with the field 
open, it is usually closed before the motor reaches the 
pull-in point. This is necessary because a motor has 
very little pull-in torque with open field. Hence, it is 
necessary, before one can make a speed torque curve 
with closed field circuit, to study the effect of closing the 
field circuit on the other constants of the machine. 

Part IV. Effect of Field Winding on the 
’ Characteristics of the Rotor Circuit 



Fig. 12 —Time Diagram of Rotor Bar and Fiedd'Circuits 

Let:- 

x b = reactance of the rotor bars, 
r b — resistance of the rotor bars, 
x/ = reactance of the field circuit, 
r f = resistance of the field circuit including any external 
resistance in series with it, 

I i ~ rotor bar current, 

Iy = field current. 

All constants are, of course, referred to the stator. 
Let Ei be the voltage induced in the rotor bars by a 
sine wave of flux. Then 


h 


Ej 

n+jS x b 


Ej/S 

Z b 2 


(n,- j Xb) 


(46) 


With the direction of flux rotation assumed in Fig. 13, 
the induced voltage in the field is 90 deg. ahead of that 
in the bars, so that 



j Ej 

r f +j S x f 


Ej/S 

Zf , 2 


(x f 4- j r u ) 


(47) 
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The time relations expressed in Equations (46) and (47) 
are clearly shown in Pig. 12. In other words, the cur¬ 
rent in the field circuit in time, is ahead of the current 
in the bar circuit by an angle 

x b r fs 

<p = tan- 1 --— -{- tan"' 1 - 

n, xj 

or ' (48) 

• Xb Xf "+ Tha T 

<p — tan 1 —--- 

r be X/ - x h r fa 

It will now be convenient to draw a space diagram, 
Fig. 14, representing the combined reaction of both the 



bars and the field on the stator. Both positively and 
negatively rotating fields will be required. It will also 
be convenient to draw this diagram as it would appear 
at the instant in time when the positively rotating 
vector and negatively rotating vector, due to the bar 
current, are in line, which, it will be remembered, occurs 
at the instant the current in the middle bar is maximum. 

Referring to Fig. 14, if the current in the field circuit 
had been in time phase with the bar current, its two 
vectors hv and I/n would have been in line with the y 
axis pointing downward. (See Fig. 13.) They have, 
however, moved in their respective directions through 
an angle <p , since the field current is cp degrees ahead in 
time of the bar current. This is shown in Fig. 14. 
The total positively rotating m. m. f. in the rotor is 
represented by /*„' and is the vector sum of h, v and I fp . 
Similarly, the total negatively rotating m. m. f. is 
represented by I 2 » and is the vector sum of I fn and I bn . 
Expressed mathematically, the first relation is 

L ip = h, P + I/p (sin <p - j cos <p) (49) 

or numerically _ 

h P - /V + I/p 2 + 2 Ib P I/p sin <p (50) 

Now let 

Z u * v5? + ra« 2 ** impedance of the rotor circuit- 

bars and field combined 
and 

Z bt « v®7~+ r b* % “* impedance of the bar circuit alone. 
Then obviously 


But from (50) 

hr. I 


Z‘2. = Zj 


t-=\ li+ (t-y +2 (±) si ' 


Now let 


where 

Zf t — s/Xf 2 +• r/„ 2 

Substituting (53) in (52) and then (52) in (51) gives 

Zu - (54) 

vi + V 3 + 27 sin cp 

which is the impedance of the rotor circuit with the 
field closed. 

It can be seen from Fig. 14 that the phase angle of 
the rotor circuit has been increased by angle a, where 

V cos cp 

a - tan*” 1 ..- (55) 

1 + V sin <p 

so that, if 6 is the phase angle of the rotor circuit with 
field closed, 

Xh V cos cp 

6 = tan” 1 —.. +- tan*' 1 - v-..;..— (56) 

r hl 1 •+ V sin, cp ' 

and hence 

rn = Zu cos 0 1 

x>x ~ Z> 2 a sin 0 ! (57) 

Equation (57) gives the values of thejrotor resistance 


a - tan* 1 


. \ 

'<«" ’~ T “ ~ ur N.'ryr p!! v ' 

Ull 

Fig. 14—Spa-cio Diagiiam Showing Gontinggd Enaction 
OF Fll'iDD AND FoUU ClIiGTIITH ON TUB St’ATOH 


and reactance with the field circuit closed. It can be 
seen from (54) that there is in general a decrease in the 
impedance of the rotor circuit when the field is closed. 
It is usually found that at starting, the rotor resistance 
is considerably decreased and the rotor reactance 
slightly increased. In some cases however, where the 
rotor bar impedance is very high--approaching that 
of the field—there is a very considerable increase in 
the reactance of the rotor circuit. 







PUTMAN: STARTING PERFORMANCE OF SYNCHRONOUS MOTORS Transactions A. I. E. E. 


There is another effect of closing the field which is 
apparent from a study of Fig. 14. The value of K, 
which is a measure of the single-phase action in the 
rotor, is changed. Let the new value of K be K c . It 
will be remembered that for the damper bars alone K is 
determined by the bar span and is equal to the ratio of 

Similarly, K c is equal to the ratio of in Fig. 
lbv 1 - p 

14. 

From the geometrical relations in Fig. 14 it is easily 
determined that 

_ j W±W£Jk v^V (S8) 

c \ I + y 2 + 2 V sin <p 

Now, the effect of closing the- field circuit has been 
determined both upon the rotor resistance and reactance, 
and upon the single-phase action of the rotor. But 
it should be noted particularly that all of these equations 
contain the slip S, so that the effect of the field is differ¬ 
ent at every different value of slip. With the field 
open and only the damper bar circuit under considera¬ 
tion, it is possible to say the rotor resistance is this and 
the rotor reactance is that, but not so with the field 
closed. It is necessary to calculate the rotor resistance 
and reactance for every assigned value of slip from the 
combined effect of field circuit and bar circuit. 


Part V. The Speed-Torque Curve—Pull-in 
Torque and In-rush. 

The actual work involved in calculating a speed- 
torque curve is not so complicated or so great as might 
be assumed from the more or less elaborate theoretical 
investigation in the foregoing paragraphs. Especially 
is this true if the work is arranged in orderly fashion in 
a blank made for the purpose. 

It is necessary to know all the constants of the 
machine, except the stator resistance which has been 
neglected. These are x h b 00 , x h , r b , x h r f J They are, 
of course, to be given in percentage and referred to the 
stator. Then by assigning certain values of slip, for 
which it is desired to calculate the torque, and substi¬ 
tuting in Equations (53) to (58), the rotor constants 
x 2 , r 2s and K can be obtained. These values can then 
be substituted in Equation (42) and the torque obtained 
for each value of the slip. 

The details of these calculations are made clear in 

7. It is not within the scope of this paper to present methods 
of calculating the several constants of the machine. The 
writer has found from experience that methods which give 
excellent results for one type of construction are not at all 
satisfactory for the other types. So much depends on the. type 
of damper winding construction used, the method of making and 
connecting the damper end rings, and the type of damper slot, 
that no methods could he presented which would he universally 
applicable. These features vary so widely with the different 
manufacturers that it was thought better to present only the 
general theory and leave the calculation of the constants to the 
individual reader. 


Table I, where an actual example is worked out com¬ 
plete. The motor was rated 220 h. p., unity power 
factor, 2200 volts, three-phase, 60-cycles, 277 rev. per 
min. It had 1 n /, 3 slots per pole per phase in the 
stator and five l 4- by brass damper bars per pole 



Fig. 15—Comparison of Test and Calculated Results ox 
220-H. P., 277-Rev. per Min., Synchronous Motor 

in the rotor. It was designed with a short-circuit ratio 
of 1.00. 

The actual values of the constants calculated for 
this machine were as follows: 

2 i = 0.153, r h = 0.384, r f = 0.0097 (not including 

any external resistance), 

boo = 1.23, x h = 0.184, x f = 0.675. 

Fig. 15 shows the speed torque curve calculated in 
Table I. The test values are also indicated in Fig. 15 
by crosses. Both test and calculation were made with 
a starting resistance in the field circuit equal to twice 



Fig. 16— Speed Torque Curves on 220 r H. P., 277-Rev. per 
Min. Motor 

Showing effect of different values of starting resistances in the field 
circuit, on the pull-in torque. 

that of the field resistance. The agreement between 
test and calculated values is unusually good, although 
the usual discrepancy does not exceed about 10 per cent. 

The Pull-in Torque 

In Fig. 16 are shown several speed torques for the 
above motor calculated with different values of resis¬ 
tance in the field circuit. The one with two times the 
resistance of the field is the same as the curve in Fig. 
15. It will be noted that all of the curves with values 
of starting resistance from 0 to 2 times show a distinct 
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TABLE I 

EXAMPLE CALCULATION OP SPEED-TORQUE CURVE 

Tim lust, term in the denominator in equation t.47) lias been omitted in this calculation. This term will be found to be negligible. 











• 



Constants— 


Slip «. .S'. 


o.im 

0.08 

0.10 

0.12 

0.15 

0.20 

0.25 

0.00 

1.00* 

xb =0.184 | n, = 0.384 


n>ti =• rh/S . 


(1.40 

4. SO 

3.84 

3.20 

2.50 

1.02 

1.54 

0.04 

0.384 

r/ X 3 =* 0.02913 


Xfjfl » V t’hs- T XI,"- 


0.40 

4.80 

3.84 

3.20 

2.56 

1.02 

1.54 

0.00 

0.425 

xf = 0.675 1 ret = 0.153 


r/„ =* r// .S'. 


0.485 

0.304 

0.201 

0.242 

0.104 

0.145 

0.110 

0.048 

0.0007 

K 0 = 0.57 1 B = 7.77 


X/ fl « %/„'■: | .%•/'•!.. 


0.832 

0.700 

0.735 

0.718 

0.701 

0.000 

0.085 

0.075 

0. (575 

Machine 


V « Zi m //.f„ . 


7.70 

0.27 

5.23 

4.40 

3.05 

2.78 

2.25 

0.065 

1.63 

S. O. No. 013 E 47 

(1) 

Xb/fbn . 


0.020 

0.038 

0.048 

0 .057 

0.072 

0.000 

0.110 

0.288 

0.480 

H. P. 22 

(2) 

r/a/xj . 


0.71.0 

0.540 

0.431 

0.350 

0.2S7 

0.215 

0.172 

0.072 

0.014 

Amps. 48.3 

(8) 

tail" 1 (!). 


1. 00 

2.10 

2.80 

3.30 

4.10 

5.50 

0.80 

16.1 

25. (5 

Volts 2200 


tan 4 (2). 


85 7 

4 

28 8 

19 8 

l(j 1 

12 2 

9 90 

4 10 

0 80 



<P . 


117.3 

30.5 

20.1 

23.1 

20.2 

17.7 

10.7 

20.2 

26.4 

Cycles 60 

(4) 

COS ip . 


0.705 

0.801 

0.808 

0.020 

0.088 

0.052 

0.058 

0.038 

0.805 

It. P. M. 277 

(5) 

sin . 


0.000 

0.507 

0.440 

0 .302 

0.345 

0.304 

0.287 

0.345 

0.444 

^Calculated with Hold dead 

(«) 

a V sin <p . 


0,33 

0.35 

4.00 

3.50 

2.52 

1 .00 

1.20 

0.688 

0.56 

.short-circuited Tost which was 


1 T V”. 

V * 


00.0 

•lo. a 

28.4 

21.0 

14.3 

8.72 

0.00 

1.03 

1.39 

used in finding starting torque 

18) 

V O'i. 


8.83 

0 . 82 

5.75 

4.05 

4.10 

3.23 

2.71 

1.62 

1 .40 

etiiled. 


» X/, H /'l.K). 


0.770 

0.704 

0,007 

0.040 

0.025 

0.504 

0.500 

0.425 

0.303 


l») 

i/v i tr. ) . 


0.730 

0.000 

0.031 

0.010 

0.010 

0.001 

0.732 

1.38 

2.03 



(4)/(0). 


1 .08 

1 .2!) 

1 .42 

1.40 

1.52 

1 .43 

1.31 

0.678 

0.441 


(10) 

Ian 1 ill. ('.)). 


47. a 

52 2 

54.0 

50.1 

50.7 

55.0 

52.7 

34.2 

28. S 



II « (8) 1 (HI). 


•18.8 

54.8 

57.7 

50.4 

00.8 

00.5 

50 . 5 

50 . 3 

40 . 4 





0.058 

0.588 

0 . 584 

0.500 

0.488 

0.402 

0.507 , 

0.630 

0.651 



Hill n . 


0.752 

0.812. 

0.845 

0 . 800 

0.873 

0.870 

0.801 

0 . 760 

0.750 



r<m y.it, ■ nm . 


0.507 

0.410 

0.350 

0 .320 

0.305 

0.202 

0.288 

0.271 

0.108 



*s - /'.in sin ii . 


0.578 

0.571 

0.504 

0 . 550 

0.545 

0.510 

0,400 

0.326 

0.230 



V“ 1 . .. 


50 . 11 

HO, 5 

v >7 7 

20 .3 

13.0 

8.04 

5 . 38 

1 . 25 

0.72 



X 

£ 


5.32 

3 . 02 

2.02 

2.00 

l . 44 

0.00 

0.78 

0.30 * 

0.30 


(11) 

our . 


54.0 

35.0 

25.1 

18.8 

12.2 

7.08 

4 . 05 

0 . 86 

0.40 



K,“ - 0 l)/(7) . 


0,78 

0.77 

0.70 

0 . 75 

0.72 

0.08 

0.(53 

0 . 33 

0 , 205 



if x XT . 


35.7 

30.0 

20.0 

25.1 

23.0 

21.8 

10.5 

10.0 

5.55 


(12) 

a n .!••■ . 

. . 

0.00 

8,00 

8.70 

8.05 

8.47 

8.03 

7.01 

5.06 

3.57 



i - aV”. 


0.22 

0.23 

0.24 

0.25 

0.28 

0.32 

0.37 

0.67 

0.80 


(18) 

E;(8 terms above). 


II. 0 

30.1 

85 , 0 

34.0 

32.3 

20.0 

27.5 

16,6 

0.02 



(12) X AT’. 


7.02 

0.85 

0.00 

0.50 

0.13 

5.45 

4.80 

1.67 

0.73 


(14) 

our. 

, 4 

117 . 0 

33.8 

28.2 

27.5 

20.2 

21.2 

22.7 

14.0 

0. 10 


(15) 

.ri u X (111)'' 1 . 


47. a 

35 . 8 

30.0 

27.0 

24.4 ' 

20.(1 

17.7 

(5.50 

2.30 



Tor. « (M)/(ir») 


•10.7',' 

37.0'; 

33.5% 

33.5% 

32.7'’i, 

04.8' 

37 0% 

(52 , 0 % 

70.(5% 



cusp in the curve. But by increasing the starting 
resistance up to seven times the cusp disappears entirely 
and the speed torque curve assumes quite a different 
character. So it is possible to distinguish at least two 
distinct types of speed torque curves, those with a 
cusp and those without a cusp, and this presents a real 
difficulty in attempting to define the pull-in torque. 

In the case of a curve with a cusp it is quite obvious 
that if the motor lias sufficient torque to accelerate 
the load up through the low point of the cusp, it will 
pull into step because beyond the cusp the motor torque 
increases rapidly to a point very close to synchronism, 
usually within 2 or 3 per cent. Hence, the motor 
torque at the low point of the cusp becomes the pull-in 
torque of the motor, and there is no difficulty in defining 
pull-in torque for this type of curve. However, if 
there is no cusp, as in the case of the curve with six 
times field resistance, the problem becomes one of 
determining at what slip the motor will pull in; knowing 
the slip, the torque is given by the speed-torque curve. 
But to calculate the slip at which it will pull in is a 
difficult problem and one which has been the subject 
of much theoretical investigation and discussion*. 
Experience shows, however, that an ordinary machine 
may be expected to pull in at a slip of 6 or 7 per cent, 

8. Sots references listed under item 6, in Bibliography. 


while there are rare cases on record where it has been 
necessary to bring the machine up to within 3 per cent 
before it would pull in. In such cases, however, there 
has usually been a large flywheel on the driven machine 
which cannot properly be considered as part of the 
motor, and it has been this flywheel which has been 
responsible for the low value of slip required for pull-in. 
So far as the definition of pull-in torque is concerned, 
the best one can do is to give the motor torque at some 
slip, say from 5 to 7 per cent, and state the slip at which 
it is given. 

Formula for Pull-In Torque 

It is evident from what has been said that it is not 
possible to give an exact formula for the pull-in torque 
of a motor and the only correct way to obtain it is to 
calculate the speed torque curve. It is possible, how¬ 
ever, to derive an approximate formula which will be 
found convenient for the designer. That portion of 
the speed torque in the neighborhood of synchronous 
speed may be considered as made up of two parts more 
or less independent, one due to the damper bars and 
one to the field winding. These two parts are shown 
in Fig. 17, part a due to the field winding and part 6 
due to the damper bars. The dotted curve shows 
the combined effect of both. 

Now the curve a in the neighborhood of synchronous 
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speed is given approximately by formula (43), if x 2 = x / 
and r 2 = r fa . The maximum point P can, therefore, 
be obtained from Equation (45) as follows: 

0.5 

T max . at point P = Bx f g + B x f ) ^ 

and from this formula one is able to estimate the pull-in 
torque from the proportion of the various constants 
and a knowledge of the starting resistance to be used 
in the field circuit. The approximate formula for pull- 
in torque may be written 

0.4 to 0.8 

= B xS (2 + 5 x f ) (60) 

Experience shows that if the rotor bar resistance is 
about equal to the total reactance (rotor and stator) 
of the machine and a starting resistance equal to twice 
the field resistance is used a value as low as 0.4 may be 
expected in the numerator, while, if the rotor bar 
resistance is equal to about half the total reactance of 
the machine and a starting resistance equal to 4 or 5 
times the resistance of the field (which will usually 



Fig. 17—Curves Showing how the Torque of the Bars 
and the Torque of the Field Combine to give the Pull-In 
Torque 


eliminate the cusp in the torque curve completely) 
is used, then a value of 0.8 can often be obtained. 


The In-Rush Current 

It is comparatively easy to derive from Equations (20) 
to (34) a formula for the in-rush—in fact, two formulas, 
one for the positive current I ip and one for the negative 
current I ln . From these, two values the unbalanced 
three-phase currents in each of the three lines can be 
determined. This unbalance is usually small and both 
the formulas for I lp and I ln are rather involved and 
cumbersome. No attempt is made to guarantee any¬ 
thing but an average value of the in-rush in each of the 
three lines. The writer has found that this average 
in-rush can be calculated with sufficient accuracy from 
the induction motor formula, 


\/l + 2 b oo x 2 
Vtq 2 + x 0 2 


( 61 ) 


where 

To — T\ 4 “ Ti 

Ti — stator resistance 


r 2 = rotor resistance (combined effect of bars and 
field winding) 

.r 0 = x x + x 2 

X\ = stator reactance 

x 2 = rotor reactance (combined effect of bars field 
winding). 

If the machine is started with the field open one 
should use r b the resistance of the bars in place of r 2 , 
and x b the bar reactance in place of x 2 . 

When the calculation is made with field closed, formula 
(61) usually gives values slightly higher than test so that 
they are'conservative, while if the field is open it is apt' 
to give values too low. 

For the 220-h. p. motor calculated above, the in¬ 
rush obtained from formula (61) is 

V 1.579 

I 3 - = ■■ ■■ - - -—-= = 2.8 s = 120.5 amperes 

Vo.228 2 + 0.388 2 


Test = 118 amperes 

With field open 

Vl-452 

I t = — . • • •■—=^-- = 2.07 = 89.2 amperes 

V0.422 2 + 0.337 2 

Test = 96 amperes 


Part VI. Characteristics of Double Squirrel - 
Cage Windings in Salient-Pole Synchonous 
Motors 


Any definite pole synchronous machine contains the 
necessary elements of the double squirrel-cage winding. 
The ordinary damper bars form a rotor circuit of high 
resistance and low reactance, while the field winding 
forms a circuit of low resistance and high reactance. 
At starting, the high damper bar circuit provides high 
starting torque and low in-rush because the resistance 
of the damper bars enters potentially into the impedance 
which limits the in-rush. This results in a high power 
factor at starting and consequently high torque for the 
kv-a. required. As the machine approaches full 
speed the field winding comes into play, and maintains 
a comparatively high value of torque up to within a 
few per cent of synchronism. 

A machine designed with a low reactance, high 
resistance damper winding and provided with a large 
. enough starting resistance in series with the field wind¬ 
ing to remove the cusp from the speed torque curve, 
may be said to possess a double squirrel-cage rotor of a 
most effective type. It gives the usual double squirrel- 
cage characteristics as they are known in induction 
motor practise; low in-rush, high starting torque and 
comparatively high torque at low values of slip. These 
characteristics are well illustrated in Fig. 16 by the speed 
torque curve for the case of seven times resistance in 
the field circuit. 

But when an actual double squirrel-cage winding is 


9. This value is given in percentage based on the output current 
which is 43.1 amperes. The in-rush in amperes is 2.8 X 43.1 
= 120.5 amperes. 
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put in the pole faces it is rather difficult to produce 
characteristics of this type. One difficulty the designer 
encounters is the limited depth of slot he may use in the 
head of a synchronous motor pole. The depth of the 
pole head cannot he increased appreciably without an 
excessive increase in the field leakage, and it is well 
lenown that in order to obtain any appreciable double 
sQuirrel-cage effect, that is, any appreciable change in 
Che bar resistance with the frequency, a reasonable 
simount of slot depth is absolutely essential. 

It is also well known that the double squirrel-cage 
effect obtained depends on the resistance of the material 



Fin, IS Tkst Rkhui.th on 225-11. It, 257-Rkv. i*ku Min. 
H VNoiiHosmrH Motor Equiiv-ku with Douhuo SquiuhkIi-Caciw 
I > AMI'KH WiNIHNCI, HlfOWINO TVHOA.Ii DOUHI.K ,S(ilHHHKI,-OA<IK 
OlIAUAtiTMUlHTICH, 

used in the bar, the lower the resistance the greater 
being the effect. In other words, in order to obtain 
-any appreciable decrease in the resistance of the bar as 
the frequency decreases (this is the object of the double 
Kquirrcl-cago construction) it is necessary to employ a 
material with as low a specific resistance as possible, 
nrul hence copper. Especially is this true if the depth 
of the slot is limited. These facts are illustrated very 
clearly in Equation (34) of Appendix II, where a simple 
method is worked out for the calculation of the inverted 
T- or L-shaped bar. Equation (34) shows that the 
modulus of the vector upon which the double squirrel- 
cage effect or skin effect depends, involves the factor 

" \ ■ i 

where a is the depth of the bar, (actually half of the 
depth). 

/ is the frequency 
and 

<r is the specific resistance of the material of the bar. 
Thus, it is seen that if the depth of the bar could be 
doubled the same skin effect would be obtained as with 
the original bar at four times the frequency. This 
shows clearly the handicap of limited depth. Also, it 
Is evident that increasing the bar resistance has exactly 
the same effect as decreasing the frequency so that if 
the material of the bar were changed from copper to 
brass the same skin effect would be obtained as with the 

60 

copper bar at a frequency of « 18.2 cycles. 10 This 


simply means that with the limited depth available in 
the head of a synchronous motor pole a brass winding 
gives practically no skin effect. 

There is also another point to be borne in mind. Any 
double squirrel-cage winding, because of the depth of 
the slot is bound to have a considerably higher reactance 
than a single cage winding of the same resistance. 

The conclusion, therefore, which has been reached 
without making any figures at all, is that a synchronous 
motor equipped with a double squirrel-cage damper 
winding will inherently have a rotor bar circuit of low 
resistance and high reactance and hence poor power 
factor. The power factor will be further decreased by 
closing the field circuit. The in-rush will be limited 
almost entirely by the reactance of the machine, and 
may be expected to be low due to the excessive bar 
reactance. The starting torque will be comparatively 
low due to the low damper bar resistance and the poor 
power factor. The pull-in torque will be compara¬ 
tively high and there will probably be very little cusp 
in the speed-torque curve even with a low value of 
starting resistance in the field circuit. It would be 
difficult, perhaps impossible, to design a double squirrel- 
cage winding in a synchronous motor so that the start¬ 
ing torque was equal to, or at least appreciably greater 
than, the pull-in torque. 

Of course, there are some special applications such as 
pumps and fans, where low starting torques and high 
pull-in torques are desirable and for these the double 
squirrel-cage synchronous motor is especially suited. 
For most applications, however, it is better to have a 
motor with higher starting torque than pull-in torque 



Fi(j, 19 .CAr.mn.ATKi) Rkhih.th ok 220-H. P., 277-Rkv. i*kr 

Min. Synchronous Motor Eijuiih’kd with Dotnir.io Suuihiiki.- 
C'AUK Coi’PNR I) AMI'KH BAR OK TUN TnVMHTKD T Ty I’K 

and this, as has been pointed out, is a condition which 
would be very difficult to obtain with a double squirrel- 
cage winding. 

Experimental confirmation of these conclusions is 
presented in Fig, 18 which gives a speed torque curve 
plotted from test results on a commercial synchronous 
motor equipped with a double squirrel-cage damper 
winding. This machine was rated 225 h. p., 257 rev. 
per min., 2200 volts, three-phase, 60 cycles, unity 
power factor. The characteristics of low in-rush, low 

10. Brass has a resistance of approximately 3.3 times that of 
copper at 100 deg. cent. 
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starting torque and high pull-in torque are clearly 
shown. 

Theoretical confirmation of these conclusions is 
found in Appendix II where the resistance and reactance 
of a double squirrel-cage bar are calculated. This bar 
is so designed that it could be used in the 220-h. p., 
277-rev. per min. motor calculated in Table I. The 
bar is 9 /ie in. deep overall, !/ie in. wide at the top, 
and 3 /ie in. wide at the bottom. It is made narrow 
in order to keep the resistance as high as possible and 
still use copper. Likewise, the bar extends clear to 
the top of the pole face to keep the reactance low. Both 
of these features combine to make the power factor of 
the bar as high as possible and yet it is only 0.46 as 
compared with 0.84, the power factor of the plain square 
brass bar. These values are shown in Table III, 
Appendix II. 

A complete calculation of the performance of the 
above synchronous motor (220 h. p., 227 rev. per min.) 
when equipped with this double squirrel-cage bar has 
been made. The speed-torque curve and other data are 
given in Fig. 19. It will be noted that the performance 


field of application of the synchronous motor could be 
greatly extended, and it is probably this feeling which 
continues to revive interest in this problem. 

Perhaps this same feeling has been responsible for 
the development and use of the synchronous induction 
motor in Europe. The high cost, low efficiency, and 
low pull-out torque of this type of machine has been 
largely responsible for its very meagre use in this coun¬ 
try. Still the problem of obtaining the excellent start¬ 
ing performance of the slip ring motor and maintaining 
the excellent running performance of the salient-pole 
synchronous motor has remained unsolved. 

Comparatively recently, the synchronous motor has 
found some new applications in steel mill service for 
driving certain types of rolling mills. For some of these 
applications the starting duty is severe and manufac¬ 
turers have attempted to improve the sturdiness of the 
damper windings supplied in their motors with a view, 
to meeting these severe starting conditions and extend-. 
ing the field of application of the synchronous motor 
in steel mill service. One feature which is limiting the 
application of these motors in steel mills is the low 


TABLE II 


TABLE SHOWING COMPARATIVE PERFORMANCE OF SINGLE SQUIRREL-CAGE AND DOUBLE SQUIRREL-CAGE MOTORS 


Motor 

Starting 
torque 
per cent 

Pull-in 
torque 
per cent 

In-rush 
per cent 

Starting 
torque 
per kv-a. 

Pull-in 
torque 11 
per kv-a. 

Avg. torque 
per kv-a. 

225 h. p., 257 rev. per min., with double squirrel-cage—test results 

28 

52 

236 

0.118 

0.220 

0.169 

220 h. p., 277 rev. per min., with plain brass dampers—test results 

75 

50 12 

246 

0.304 

0.203 

0.253 

220 h. p., 277 rev. per min., with double squirrel-cage T-shaped 
copper bars—calculated results 

50 

63 

303 

0.164 

0.208 

0.186 


11. It is unusual to state the pull-in torque per in-rush kv-a. but it is convenient to do so in comparing the merits of damper windings, in different 
machines having different values of stator reactance. The 225-h. p. motor had considerably higher stator reactance than did the 220-h. p. machine. 
This accounts for its lower values of torque and in-rush in percentage. 

12. Calculated value with starting resistance equal to seven times the field resistance. 


is excellent, but the general characteristics of the double 
squirrel-cage motor, as discussed, are apparent. 

Table II shows a comparison of the performance of 
the 220-h. p., 277-rev. per min. motor equipped with 
both the brass damper winding and with .the double 
squirrel cage, and also the 225-h. p., 257-rev. per min. 
motor tested with the double squirrel-cage winding. 

Part YII. Possibilities of External Damper 
Bar Circuit. 

To obtain synchronous motor starting performance 
nearly equivalent to slip ring induction motor character¬ 
istics has probably been a secret ambition cherished in 
the heart of every engineer who has wrestled with the 
starting problem in salient-pole motors in the last' two 
decades. The fact that this problem has not been 
solved in a commercial way may indicate either one of 
two things; either the problem is extremely difficult, or 
else there has not, up to the present time, been a suffi¬ 
cient market for motors of such excellent starting 
characteristics. However, it has been felt that if a 
motor with these characteristics could be developed, the 


torque per kv-a. obtained in ordinary low speed syn¬ 
chronous motors, and consequently the high in-rush 
required. Another difficult feature is the absolute 
reliability required. In some cases manufacturers have 
been asked to guarantee continued operation on the 
damper winding for an indefinite period, in case of d-c. 
failure. This is a difficult requirement because the 
rolling peaks are usually much higher than the-rating 
of the motor and this means that the machine must 
have a pull-out torque as an induction motor practically 
equal to its pull-out torque under synchronous opera¬ 
tion. In other cases, it has bee.n necessary to guarantee 
several starts in succession and the problem of absorbing 
the heat generated in the damper winding has become, 
difficult. Perhaps here in this new application of 
synchronous motors an opportunity will be afforded for' 
some entirely new developments in the starting arrange-, 
ments of synchronous motors. 

In this connection an investigation was made to 
determine the possibilities of an external damper bar 
circuit used in conjunction with a very high starting 
resistance in the field circuit—a resistance equal to or 
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greater than the reactance of the field winding at full 
slip. Mr. Feehheimer 13 pointed out in 1912 the in¬ 
creased starting torque and the improved power factor 
at starting which results from the use of a high resis¬ 
tance of this type in the field circuit. These advantages 
would obviously be augmented by making the damper 
bar circuit with as high a power factor as possible also, 
that is, with high resistance and low reactance. The 
low reactance is also necessary for high pull-out torque 
as an induction motor, but the high resistance must be 
arranged external to the damper bar circuit so that it 
can be short-circuited for running as an induction 
motor. This is necessary because a very low value of 
damper bar resistance is necessary to maintain a low 
value of slip at full load and to prevent the machine 
from slowing down too much on the peak loads. 

The simplest type of circuit which would provide an 
external resistance in series with the damper winding 
(this is probably a very old idea) is shown in Fig. 20. 

An analysis of the possibilities of this circuit showed, 
as was expected, that the power factor of the damper 
winding could be increased by increasing the external 
resistance up to a certain point, but beyond that point 
the power factor began to decrease again. This was to 
be expected because in the limiting case of an infinite 
resistance it is evident that the power factor of the 
damper winding would be very poor with very low 
resistance bars. This simply means that the amount of 
power which could be drawn out of the rotor circuit 
into the external resistor is limited. 

The analysis also showed that if the external circuit 
were split up into two or more circuits, as shown in 
Fig. 21, it would be possible to insert enough resis¬ 
tance to obtain a very good power factor in the damper 
winding before the limiting resistance is reached. 

The mechanical construction of the end ring connec- 



External Resistance 

Fits. 20—Single External Damper Bar Circuit 


tions did not seem to present any serious difficulties. 
In attempting to apply this scheme to an actual design 
of a 2500-h. p., 62^-rev. per. min., 25-cycle synchronous 
motor it was found that heavy brass slip rings and 
metallic brushes, such as are used on rotary converters, 
were required. A difficulty was also encounteied in 
connection with the resistor for the field circuit. It 


was found that a very high voltage would be developed 
across the resistor and consequently across the slip rings 
at start. This was sufficiently reduced by designing 
the field for 50-volt excitation instead of 125. The 
calculated performance of the machine showed that it 
would carry full load continuously as an induction 
motor with a power factor of approximately 50 per cent. 
Its pull-out torque was approximately 225 per cent as an 
induction motor and 250 per cent as a synchronous 
motor. The starting torque depended upon the exter¬ 
nal resistances used, but it was found possible to obtain 


Damper Burs 



Fig. 21—Double External Damper Bar Circuit 

150 per cent starting torque with an in-rush of 300 
per cent. The pull-in torque at five per cent slip was 
175 per cent. 

These figures seem to indicate great possibilities in 
the improvement of the starting performance of syn¬ 
chronous motors. No doubt developments to this end 
will take place rapidly if there becomes sufficient de¬ 
mand to warrant them. 
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Appendix I 

To show that the numerical value of the vector 
expression 

(V + BZ.JY-- K--V°- 

V +B Z.J ' W 

is 

— V(z ! - AT- {2.KBU.Y (2) 


13. See Bibliography, 2. 




Z 2g = modulus of V 
M = modulus of Y + B Z 2s 2 


01 =2 tan -1 


tan -1 


2 r 2s %2 
x 2 2 - r 2s : 


0 o =2 tan -1 


^2 H~ R ^2s 2 


-i 2 7 *os (a ;2 H~ B Z 2s 2 ) 

= tan (*, + B Z 2s 2 ) 2 - r 2s 2 

The numerator of ( 1 ) may be written 
Ikf 2 /02 - K 2 Z 2 2 !jh 


(3) 


will be calculated first 15 . Consider the flux through an 
element d x due to the m. m. f. in an element d u. This 
m. m. f. is: 

bj (u)du ( 1 ) 

Therefore 


4 7r 61 / (u) du 


= 4: it f (u) du d x 



Now, the total flux through the element d x is due to all 
such elements as d u from the bottom of the slot up to 
the element d x. Thus: 


(41 


dcp‘=4:irff(u)dudx (3) 

o 



M 2 = Z 2 2 z 2 (5) 

where 

z 2 = (1 + 2 B x 2 + B 2 Z 2s 2 ) 

Substituting (5) in (4) gives for the numerator 

Z 2 2 \z 2 [± 2 - K 2 /J_ 1 ] (6) 

The magnitude of this is from the cosine law 
Z 2s 2 V* 4 + K a — 2 'z 2 K 2 (cos 0i cos 0 2 + sin Q l sin 0 2 ) 

(7) 

But 

cos 0i cos 0 2 + sin 0 X sin 0 2 
(x 2 2 —r 2s 2 ) [(x 2 -\-B Z 2s 2 ) 2 —f2 S 2 ]+4 r 2 2 x 2 (x 2 -\-B Z 2 2 ) 
= ^ 2s 4 z 2 

( 8 ) 

which reduces to 

1 + 2 B x 2 + B 2 ( x 2 2 - r 2s 2 ) / 


Substituting (9) in (7) gives: , 

Z 2s 2 V(2 2 K 2 ) 2 - (2 KB r 2s ) 2 (10) 

as the numerical value of the numerator. 

The numerical value of the denominator of ( 1 ) is 
Z 2s z so that the numerical value of the whole vector 
expression ( 1 ) is 


which is the total flux passing through any element 
d x at distance x from the bottom of the slot. . 

The flux which produces the e. m. f. of self-induction 
at any point x in the conductor is all the flux which 
threads through the conductor from the top of the 
conductor down to the point x, plus the flux in the wedge 
and air-gap. Let 4> be the self-inductive flux in the 


-i f~ b z 



Fig. 22 


wedge, air-gap and that which threads through the nar¬ 
row part of the bar down to the division line 0 — 0 . 
Then the self-inductive flux at point x is 

<p = 47 t fff(u)dudx + § 

x 0 

and the e. m. f. of self-induction is 

p cp = 4 7 r v f f f (u) d u d x + p <f > 16 (4) 

* o 


-f- Viz 2 - K 2 ) 2 - (2 KB r 2s ) 2 ( 11 ) 

Q. E. D. 

Appendix II 14 

Resistance and Reactance of an Inverted T- or L- 
Shaped Damper Bar 

Consider a slot which is narrow at the top and wide 
at the bottom, shaped either like an inverted T or an L 
(Fig. 22). 

Let 

a = specific resistance of the bar, 

/ (x) = distribution of current in bottom part, x 
being measured from the bottom of the slot, 
F ( x ) = distribution of current in top part, x being 
measured from the division line 0 - 0 . 


14. Anyone interested in the calculation of double squirrel 
cages for synchronous motors will find App. II of especial interest. 
This problem can be handled by differential equations but the 
method of integral equations here presented will be found 
simpler and more straightforward and gives directly both the 
resistance and reactance* of the bar. The problem of “setting 
up” the integral equation is much easier than the corresponding 
problem of “setting up” the differential equation. Especially is 
this true for those of us who have been taught the fundamentals 
of inductance from the point of view of interlinkages. The same 
integral equation can be applied to the calculation of a bar 
comprised of two different materials either T-shaped or of 
uniform width. 

15. All this work is done in absolute electromagnetic units 
for simplicity. 

d 

16. p = the operator—-—and denotes differentiation with 

a t 

respect to time. 
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Since the induced voltage is the same at all points in 
the cross-section of the bar, and is equal to the e. m. f. 
consumed by resistance and self-induction, it follows 
that the sum of the e. m. fs. consumed by resistance 
and self-induction is the same in all parts of the bar. 
Hence, 

a x 

a f ( x) + 4 7r p f f f (u) d u dx + V $ 


=» cr / ( 0 ) -I- 4 it p f f j (u) dii dx + p 4> (5) 

0 0 

p <i> cancels out and the equation becomes 

f a x 

erf (x) erf (0) H- 4 t r p ‘j f f f (u) d u d x 


lower part I h and also to the m. m. f. in the top part 
from the division line 0 - 0 up to the element d x. 

This m. m. f. is 

6 , f F ( u ) d u (13) 

o 

The flux through d x is, therefore: 


4 7T \h + f F (u) d u) d x 


d cp = 


The self-inductive flux at the point x is 


<p = 4 IT 


(Jo X 

JI 


(u) d u f d x (15) 


and the e. m. f. of self-induction is 


f f f (u) d u d x 

,v 0 


/ (*) - / (0) 4- ~ f f f («) d ** (7) 

o o u 

This is a simple integral equation and can be solved by 
the method of continued substitution. Substituting 
the right hand member of Equation (7) under the inte- 


■p cp - 4 7r p 


+ I F (u) d u f d x (16) 


by —) |— 


gral sign and putting K s 


4 7T p 


Equation (7) be¬ 



comes 

J (*) »I (0) + K* f } 1/ (0) + K- f s J (u) d «=] d u■ 

I) 0 0 0 


Fro. 28 

Since the induced voltage is the same in all parts of 
the bar, it follows that 


/ (0) + K*f 


K'fffff (u)du* 

O 0 0 0 


Substituting again the right hand member of (7) under 
the integral sign in (9) and continuing the integration 
and repeating the process gives at once the infinite 


a F (x) +47 r p 


a F (0) + 4 7T p 


.v 

J/"(„ 


(u) d u d x 


aj x 

\ l + { F (u 


+ I F (u) d u r d x 


series: 


/ (a) - / (0) + K*f (0) -*2 - + K\f (0) ~ 


/ (; x) = f (0) cosh x K (11) 

This is the current density in the wide portion of the 
bar, as function of the distance from the bottom of the 
bar. 

Let 

Ji = current in the wide portion of the bar. 

Then 

.. ?• . &i/(0) . , 


* * 

<j F (x) - cr F (0) 4- 4 tt p j | y + | F (u 


) d u r d x 


I , = WffWdx = 
0 


sinh a i K 


Now the flux which passes through an element d x 
in the top of the slot is due to the total current in the 


Therefore, 

X X 

F ( x ) = F (0) 4- 4- K- j j F («) d u> (19) 

() 0 

Using the same method of solution for this equation 
as was used for Equation (17), it easily reduces to 

J, 

F (x) - F (0) cosh x K 4- ^ K sinh x K 


( 20 ) 
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F (0) = / (ai) = / (0) cosh a x K (21) 

Substituting (21) and (12) in Equation (20) 

F (x) — f (0) £ cosh a x K cosh x K 

bt 1 

+ —r— sinh a x K sinh x K (22) 

b 2 J 

This is the distribution of the current in the top of the 
slot as function of the distance x from the division line 
0—0. The total current flowing in the top is: . 


I 2 — &2 f F (x) d x 
0 


r F (0) I 2 T 2 

= 6 2 |_—^— sinh x K + — cosh x K J 

== —~—— sinh a 2 K + I x cosh a 2 K — I y (23) 

Substituting for F (0) from (21) and for h from (12) 
gives 

I 2 = “p {^2 cosh a x K sinh a 2 K 

+ b 2 sinh cii K cosh a 2 K) — l x (24) 

The total current I 0 = I x + I 2 is, therefore, 

I 0 = {b 2 cosh a,i K sinh a 2 K 

4- b 2 sinh cii K cosh a 2 K } (25) 

The voltage which produces this current is 

E = — + o- F (ci 2 ) (26) 

P 

where p is the reluctance of the leakage path above the 
conductor. 

The effective impedance of the bar is, therefore, 

Z--f --f (27) 

1 0 1 0 L p J 


j part, the reactance. Obviously the first term 


4 7rp 


is a pure reactance term and is the reactance of the bar 
due to the leakage flux in the slot above the bar and 
in the air-gap. 

As a special case, let a x = a 2 which means that the 
narrow portion and wide portion are of the same depth. 
Neglect the first term. Then 


cr K 

nr 

r cosh 2 a K + W sinh 2 a K 

Z — 7 

0 2 

L (1 4- W) sinh a K cosh a K 

which reduces easily to 

cr a K 

Z = 7 

a b 2 

r Q + cosh 2 a K 1 

L sinh 2 a K J 

where 

1 — W h-bi 

Q = 1 + W ~ h-hb v 

But 


a K = a yj 

4?r p 1 y 8 7T 2 f 

a Nf cr 


11 

to 

4 

S3 

+ 

Or 

where 

a K = A + y A 


1 f 

A = 2 7T a yj —— 


4 7r p 


a K r cosh a x K cosh a 2 K+W sinh a x K sinh a 2 K 1 
6 2 L cosh a 1 K sinh a 2 K +TE sinh a x K cosh a 2 K J 

( 28 ) 

where 


This vector expression is the impedance of a T-shaped 
bar per unit length. The real part is the resistance, the 


Substituting (33) in (30) gives 

0 - (A + y A) [• Q + cosh 2 (A + j A) 1 

ah L sinh 2 (A +j A) J 1 

This can be expanded to 

0 - (A 4- y A) 

Z ~ ah 

r Q + cosh 2 A cos 2 A + j sinh 2 A sin 2 A 1 f 

L sinh 2 A cos 2 A + j cosh 2 A sin 2 A J 

This expression is simple enough to use for practical 
calculations. 

As an example consider the calculation of the resis¬ 
tance and reactance of the copper bar shown in Fig. 23 
which is about as large as one could use in a small size 
synchronous motor pole. The width of the bar has 
been made as small as is mechanically desirable, in 
order to keep the resistance as high as possible. The 
over-all depth of the bar is % in., width at top % 
in., at bottom % in. The dimensions on Fig. 23 
are given in cms. as the calculation must be made in 
absolute units. 

cr for cu. at 100 deg. cent. = 2240 abohms per cu. cm. 
at 60 cycles. 
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A - 2 7T X 0.715 V00 V 2240 = 0.736, 2 A = 1.472 
0.159 ™ 0.477 

Q = 0.159 4- 0.477 ^ “ °* 50 

a(A + j A) 2240 (0.736 + j 0.736) 

-..y.•«'. ^TT TNTFq - 1 = 20,500/45 deg. 

a b» 0.715 X 0.159 - 

cosh 1.472 - 2.294 
ainh 1.472 = 2.064 
cos 1.472 = 0.0986 
sin 1.472 = 0.995 

Q |» cosh 2 A cos 2 A = — 0.2735 

j sinh 2 A sin 2 A ~ j 2.055 

Numerator - 2.065/97.6 deg. 
sinh 2 A cos 2 A = 0.204 
j cosh 2 A sin 2 A ~ j 2.284 

Denominator = 2.29 /8 4. 5 deg. 

Tiierefore, 

20,500 X 2.065 , <4fT „ , t) , c . 

Z « 0 00 45 deg. + 97.6 deg. - 84.5 deg. 

d* . d\) 

or 

£ - 18,500 08.1 deg. 

llilll (1 ll O itl (*(! 

.*. r off. »■= 18,500 cos 58.1 deg. « 9750 abohms/cm. 
length 

x dl. 18,500 sin 58.1 deg. - 15,700 abohms/cm. 
length 

On the basis of uniform current distribution the 
"nominal” reactance is 

X ■ 17,750 abohms per cm. 

r eff, 

and the d-c. resistance is 4920. The ratio of ..— 

1 d-c* 

* 1,98 so that the 7-shaped copper bar is an effective 
double squirrel-cage bar, even with a depth of only 

H »»• 

It is interesting to compare these values of resistance 


.-j f—0.159 bo 
Dimm-1// (1715 a 

— 0.477 In 
Fid. 24 

and reactance with those of the M-in. square brass 
damper bar used in the 220-h, p., 277-rev. per min. syn¬ 
chronous motor calculated in lable I in the body of 
the paper, and to see what the characteristics of this 
motor would be if it were equipped with this double 
squirrel-cage damper bar. 

Fig. 25 shows the dimensions of the krin. by 


square slot actually used in the motor. Dimensions 
are given in inches. D-c. resistance at 100 deg. cent. 
= 18,400 abohms per cm. length. 

Reactance = 8900 abohms per cm. length. 

In addition to the slot reactance there is a tooth tip 
leakage reactance which in this case amounts to 3000 
abohms per cm. This reactance corresponds to the 


).0625-j |- 



1 - 0 . 25-1 

Fig. 25 

first term in Equation (28). It must be added to the 
reactance of both types of bar. Table III gives a 
comparison of the resistance and reactance of the two 
bars at 60 cycles, taking the tooth tip leakage into 
account. 

TABLE III 

TABLE SHOWING RESISTANCE, REACTANCE, AND POWER 
FACTOR OF PLAIN BAR AND DOUBLE SQUIRREL-CAGE BAR 


Typo of bar 

00-Cycle 1 
resistance 

60-Cycle 

reactance 

P. F. 

Plain square brass bar. 

18,400 

11,900 

0.84 

Double cage coppor bar. 

9,750 

18,700 

0.46 

All values given in abohms por cm. 
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Discussion 

R. H. Park: In the treatment of a complex problem such as 
the starting performance of a synchronous motor, it is necessary 
to employ simplifying assumptions to facilitate the calculation. 
At the same time, it is desirable to keep in mind just what 
assumptions have been employed. 

On studying Mr. Putman’s paper, I listed the assumptions 
that I found in it as follows: First, that the machine has a uni¬ 
form air-gap. Second, that rotor bar reactance and resistance 
is equal for all rotor bars. Third, that only space fundamental 
of aii'-gap flux is considered. Actually, the rotor currents will 
produce a considerable amount of flux that is not space funda¬ 
mental. This flux will be leakage reactance flux 1 and will have 
a good deal to do in the determination of the distribution of rotor- 
bar currents. Fourth, the numerical value of all rotor-bar 
currents is assumed equal, even with the field closed. Fifth, 
the electrical phase angle in time of the rotor bar currents is 
assumed equal to their electrical space separation. This would 
be true in an induction motor, but actually, on account of the 
non-space fundamental air-gap flux, that is, leakage reactance 
flux, the phase angles will be, different. Sixth, the effect of 
armature resistance is neglected. The effect of armature re¬ 
sistance will be important in determining the torque at half 
speed. In view of the approximations involved in these 
assumptions, it is, I think, particularly interesting that Mr. 
Putman is able to secure results which check tests. 

P. L. Albert Mr. Putman’s ways of taking into account the 
width of pole arc of the machine, and the single-phase reaction 
of the field winding, are very interesting. And the close checks 
he gets with test results indicate that his method is at least 
approximately correct. 

However, I feel that some of the bold approximations he has 
made seriously limit the generality of his conclusions. For 
example, lie assumes the stator resistance to be zero, and thus 
entirely neglects tlie dip in torque at half-speed which occurs with 
any unbalanced rotor. Also, he asum.es the current in every 
squirrel-cage bar to be the same, whereas, as'a matter of fact, 
we know that the outside bars of a squirrel cage always carry 
more current during the starting period than the middle bars. 
Finally, he has combined the effects of the field and the squirrel 
cage by entirely neglecting the action of the squirrel cage in the 
field axis. That is, he lias assumed the field winding to have such 
low impedance in the direct axis that the squirrel-cage current 
in. this axis is negligible. These approximations are in addition 
to those he has mentioned in the paper. 

Mr. Putman concludes from his study of double squirrel-cage 
synchronous motors that they are of no practical importance. 
While there is a measure of truth in this conclusion, there is 
much to be said on the opposite side of the argument. The 
difficulty of getting enough space in the pole tip to insert a 
satisfactory type of double squirrel-cage is the most fundamental 
part of the problem. The L-bar type of squirrel-cage Mr. 
Putman employed is not the best for this purpose, since the im¬ 
pedance cannot be made high enough to reduce appreciably the 
starting current with the field closed. By using an open-circuited, 
or idle, steel bar above the squirrel cage proper, a higher impedance 
can be obtained in the same space, and thus a material reduction 
of starting current .can be secured. However, the reduction 
possible is not great enough to warrant the extended use of this 
construction. 

The primary object of a double squirrel-cage is to reduce the 
starting current on full voltage sufficiently to avoid the use 
of a starting compensator: Therefore, all those machines whose 
starting currents are only about 20 per cent higher than permissi¬ 
ble for fulj-voltage starting can be brought within the per¬ 
missible class, and so can be made considerably cheaper by the 
use of the special construction. When the torques are compared 
on the basis of the same starting current, the two types then 
give comparable results. 


Quentin Graham: I made an experimental investigation 
several years ago which showed a number of interesting facts 
concerning synchronous-motor starting performance. Chief 
among these was the enormous effect of the field winding on the 
speed—torque curve, a fact which is clearly shown in Mr. Putman’s 
paper, and which, I believe, has not been appreciated fully by 
designing engineers. A typical set of curves illustrating this 
point is shown in Fig. 1 herewith. Curve A is the speed—torque 
characteristic of the motor with its field winding open-circuited 
so that the squirrel-cage winding furnishes all the torque. If 
the field winding is closed on itself the torque characteristics are 
as shown by Curve B. It will be seen that the torque at low 
speed is about the same but that it increases greatly for low values 
of slip. Curve C shows that with resistance in the field circuit 
the cusp is almost entirely removed although the torque is 
changed very little at the extremities of the curve. By making 
use of these characteristics, determined first experimentally, we 
have been able to. use relatively high-resistance cage windings 
with consequent high starting torque and low starting current. 
The field winding takes care of the torque at low values of slip and 
the judicious selection of a field starting resistor prevents a 
dip in the curve at intermediate speeds. While these character¬ 
istics have been known and have been explainable in a general 
way by induction motor theory, Mr. Putman has published 
the first adequate mathematical treatment of the problem. 



Another result of our experimental work was that we obtained 
an'entirely new conception of the pull-in problem. A number of 
investigators, both in this country and in Europe, have attacked 
this problem but in nearly every case they have been concerned 
with the oscillation which takes place when the field current is 
applied. They have attempted to find the maximum slip at 
which the motor could operate and still pull into step during the 
surge that takes place when the field is excited. The solution 
of this problem requires a knowledge of the inertia of the rotor 
and its connected load and depends also upon the point on the 
slip cycle at which excitation is applied. Our investigations, 
however, showed that we need not concern ourselves with this 
aspect of the pull-in pr.oblem except in rare cases. We found 
that if the motor could be brought to the upper branch of the 
speed—torque curve, that is, to a speed above the pull-out or 
unstable point on the curve, the application of excitation would 
always bring the rotor into synchronism. The problem thus 
became one of finding the induction motor characteristics rather 
than one dealing with the purely pull-in phenomenon. 

Mr. Alger, in his discussion, has called attention to Mr. Put¬ 
man’s omission of the stator resistance and has pointed out that 
this may give an error in the torque at half-speed. I have de¬ 
veloped the equation for torque including the stator resistance 
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and have substituted values for a few eases. While there,is a 
slight dip in the curve at half-speed, I have concluded that it is of 
negligible importance. 

II. V. Putman: Before this theoretical investigation was 
started at all, the company with which I am associated (thanks to 
the painstaking efforts of Air. Quentin Graham) has, fora number 
of years, accumulated a vast amount of experimental data on 
the starting performance of synchronous motors. These data 
were of great assistance in building a theoretical structure on 
which to base calculations of starting performance. 

Both Mr. Alger and Mr. Park mentioned the fact that I 
neglected t he stator resistance and Mr. Alger says that I did this 
without saying anything about it in the paper. I stated very 
clearly that tills assumption was being made in order to simplify 
the theory. We were well aware of the effect of the stator 
resistance at half-speed and 1 stated that Mr. Graham had 
worked out the theory taking the stator resistance into account. 
He has calculated curves on this basis which, show the dip at 
half-speed. However, a review of a groat many speed-torque 
curves which we have made, disclosed the fact that none oi them 
shows a distinct dip of cusp at half-speed. At half-speed there 
are usually a few test points which appoar erratic. Sometimes 
there is a point above the curve, sometimes one below, hut wo 
have never boon able to obtain a test curve which showed dis¬ 
tinctly a dip at half-speed. The dip does exist, but the fact that 
it can’t be obtained experimentally shows that it is so small as 
to he negligible. This is also borne out by the fact that since 
we have been building real damper windings, we have never 
had a case of trouble where a motor stuck at half-speed and 
refused 1o come up to full-speed. If there wore any appreciable 
dip in the torque at half speed, it seems likely that, with the 
increased severity of synchronous-motor applications and lionco 
more severe starting duty, wo would have had some cases of 
sticking at. half-spaed. 

Both Mr. Alger and Mr. Park say I assume the same current 
in enclI bar and Mr. Alger says that l neglect the effect of the 
squirrel-cage in 1,1m axis of the liehl winding. This shows that 
both Mr. Alger and Mr. Park do not clearly understand the 
theory of the symmetrical-coordinate method and they have not 
mad my paper carefully. They have this theory mixed up with 
Blondci's two-reaction theory. One speaks of the direct and 
transverse axes in the two-reaction theory, hut not when dealing 
with the symmetrical-coordinate method. 

What I .did assuring was this: There are two (luxes rotating 
in the gap, one in the positive direction and one in the negative. 
Both cut the damper bars. Due to the positive flux, there are 
damper-bur currents set up which are all equal, piovidod the 
damper bars all have the same resistance and reactance, and 
are apart, in time phase by the space angle between the bars. 
These produce a positively rotating m. m. f. which I represent 
by and a negatively rotating in. m. f. represented by /»«„. 
Similarly, Hie negative (lux in the gap produces additional 
damper-bur currents all of which are equal and which in turn 
produce two more m. m. fs., a negative m. m. f. represented by 
I-iuu aiul a positive m. m. f. represented by Itpn^ lSin( ' ( ' I*w 
and / rotate in the same direction, they combine to make 
the result ant U v which is the positively rotating rotor m. m f. 
Similarly, h»p and Imn combine to form the negatively rotating 
rotor m". m. I*. From this point on I. deal only with m. in. fs, 
Bui if one combines the bar currents due to the positive flux, 
with those due to the negative ilux, the combined currents which 
result, are not equal in each bar; neither are they apart in time 
by the space angle of the bars. 

Mr. Alger's statement that I neglect the effect of the damper 
burs in the axis of the Held winding, amounts to the same tiling 
as saving that in an induction-motor diagram, if one represents 
the rotor-bar current by a single voelor h„ he is neglecting the 
effect of the bars which constitute a phase at right angles to 1),. 
But wc all know that a polyphase m. m. f. or current can he 


represented by a single vector and the problem handled as 
though it were a single-phase, but because we handle it as single¬ 
phase it doesn’t mean that we neglect the phase at right angles to 
it. If Mr. Alger will read my paper carefully he will see that 
I have made no such approximation. 

Mr. Park says that my theory assumes that all bars have the 
same resistance and reactance. This is not necessarily true. 
My theory begins on the basis of a rotor having a definite rotor 
resistance, rotor reactance and single-phase action factor, K. 
It is true that it may be a little more difficult to got the rotor-bar 
resistance, reactance, and K, if the bars are all different, than it is 
when they are all alike. I showed in my paper how the value 
of K is obtained when they are all alike to give a general idea of 
the problem; however, I did not include in my paper any explana¬ 
tion of the calculation of the several motor constants as ex¬ 
plained in one of the foot-notes in my paper. The handling of 
cases where damper bars of different resistances and reactances 
are used in the same field polo, is simply a problem in calculating 
the values of rotor resistance, rotor reactance and K. We often 
build machines with bars of at least two different materials and 
usually the bars at the tip of the polo are nearer the surface and 



have loss reactance than those in the middle. In all such eases, 
it is only necessary to calculate an equivalent liar and then 
proceed as if all bars were like the equivalent bar. 

An example calculation of this kind, iH as follows: In the 
accompanying Fig. 2, let Z t equal the impedance of liars No. 1 
and No. 5. Let jfch equal phase angle of liars No. 1. and No. 5, 

that is,/Ii == tair 4 —where Zi » V a;r T n-. Similarly, 

let Z'< equal the impedance of bars No. 2 and No. 4 and let fit 
he the corresponding phase angle. Let Z» lie the impedance of 
the middle bar and 0* its phase angle. 

Calculate <p i Pa — fii 

<pi “ Pi - fit 

Then calculate X « ( 2 -| L - sin cp, -|- 2 sin <p a ) 


Y 



n Zi 

+ 2 ~~ cos cp i 
A l 



Thou calculate 11 


V X' 1 X P an d 


tan- 1 



r> 

The equivalent bar has an impedance of ~~~ Z # and a phase 
angle of |8* — jSh 

Bin all differences in the impedances of the several bars make 
only a very slight change in. K. When it is thought necessary to 
calculate a new K, we have a fairly elaborate formula involving 
the several bar impedances, phase angles, and the space angle 
between the bars. Usually, tins is not necessary. 

I did not mean to say that theilouble-sqixirrol-eagesynelironouH 
, motor has no practical value. What I. did say, is that it is more 
" desirable to limit the inrush by the use of a high-resistance 
damper rather than by the use of high reactance because this 
method gives a higher average torque per kv-a. In higher- 
speed motors where there is a greater depth of pole head, the 
double squirrel cage can be used to greater advantage and, 
as Mr. Alger says, is of use in bringing many ratings within the 
full-voltage starting class. 






The Synchronous Converter 
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BY T. T. HAMBLETON' 
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Synopsis. — The first 'part of this paper is devoted to the purpose 
of presenting a clear conception of the internal voltages, currents, 
heating, and armature reactions as related to the physical structure 
of the simple converter and as related to the passage of time. These 
may he styled 1,1 space” and “time” relations. “Space” relations 
are indicated by means of diagrams representing as nearly as 
possible the physical structure of the converter. “Time” relations 
are shown by conventional curves and vectors. 


Calculations 

and L. V. BEWLEV 

Applicant for Membership 

The accepted mathematical expressions for voltage ratios, heating 
effect of currents, and armature reaction imply that certain facts 
be disregarded. This is done in order to simplify their development. 

The mathematical treatment developed in the appendixes to this 
paper includes most of these disregarded factors and makes it 
possible to evaluate them. 

This treatment is based on the method of “harmonic analysis” 
by which any regularly repeating function may be represented. 


T HE general theory of the synchronous converter 
has been given less attention in the technical press 
than has that of the more widely used purely 
alternating current machines. Moreover, the syn¬ 
chronous converter has been treated in less detail in 
our technical colleges and engineering schools. It 
seems, therefore, that the engineering fraternity in 
general may not have as clear a conception of phe¬ 
nomena taking place in the converter as in the other 
types of electrical machines. 

It is the purpose of this paper, first, to present a clear 
and simple explanation of the internal actions and 
reactions of the synchronous converter without resort¬ 
ing to laborious mathematics; and second, to set forth 
for those who will be interested the complete mathe¬ 
matical treatment by harmonic analysis. 

The subject divides naturally into three parts: 
Voltage Relations, 

Heating Effect of Current, 

Magnetomotive Force Relations. 

Voltage Relations 

The ratio of effective a-c. voltage for any number of 
phases may be determined by representing the voltage 
of each armature coil vectorially as in Fig. 1 where the 
voltage of the complete armature is represented by a 
regular polygon of vectors which is so related to the 
two field poles that the magnitude of the voltage of any 
coil or any phase is measured by the projection of the 
vector or vectors upon the axis (y — y) which lies at 
right angles to the axis of the poles. This axis is usually 
called the “quadrature axis.” 

This combination vector diagram and pole drawing 
is in accord with the physical facts, in that maximum 
instantaneous voltage is indicated for a given vector 
(such as c) when it is directly under the center of a pole. 
Likewise the maximum voltage is generated in a coil 
when its sides are passing under the center of a pole. 

It is evident that the maximum instantaneous voltage 
across any diameter (A B) occurs when that diameter 

1 . Both of the General Electric Co., Schenectady, N. Y. 
Presented at the Winter Convention' of the A. I. E. E., New 
York, N . Y., February 7-11, 1927. 


coincides with the “quadrature axis” which is also the 
brush or neutral axis. Hence the d-c. voltage at the 
commutator is numerically equal to the maximum 
instantaneous voltage of an a-c. diameter, and the ratio 
of effective a-c. diametral voltage to direct current is the 
ratio of the effective value to the maximum value of the 

a-c. wave. This ratio is —or 0.707 for the ideal con- 

Va 

dition of 100 per cent efficiency and a pure fundamental 
sinusoidal a-c._voltage. 



Fig. 1 


If the converter has p phases per pair of poles, then 
each phase covers an angle 0=2 7 r/p, and the cord 
a b subtended by this angle is a measure, under ideal 
conditions, of the maximum a-c. voltage induced in 
the phase. It is easily seen from the geometry of Fig. 1 
that the ratio of the d-c. voltage A B to the maximum 
a-c. phase voltage a b is 

AB _ 1 

2 (A B/ 2) sin 0/2 ~ sin 7 r/p 

or in terms of the effective value of the a-c. voltage it is 
V2/sin ( 7 r/p); so that the normal voltage ratio of a 
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synchronous converter is primarily fixed by the num¬ 
ber of phases p. It is well to point out, however, that 
this result has been arrived at by assuming a sinu¬ 
soidally distributed field flux passing through zero at 
infinitely thin brushes; an infinitely distributed ring 
or full pitch drum winding; zero armature reaction; 
zero armature impedance; and a magnetic circuit of 
constant reluctance for all positions of the armature. 

These ideal conditions are almost never realized in 
commercial machines because of practical limitations, 
some of which will be discussed. 

The necessity of providing a neutral zone for com¬ 
mutation and the space requirements of the field coils 
both demand a shorter pole arc than corresponds 
to a sinusoidal distribution of the flux. The result is a 
slightly flattened a-c. voltage wave' which has a higher 
ratio of effective to maximum; the latter always being 
equal to the d-c. voltage. It will be found that the 
majority of commutating pole converters have a no- 
load diametral ratio of approximately 0.725 and, due 


(a )a$m 


s N 5 
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principally to resistance losses, a full load ratio of 0.74 
to 0.75. 

The effect upon wave shape of varying the pole face 
arc can be made plain by considering two extreme cases 
shown in Fig. 2. 

Here is represented poles having an arc of 180 deg. 
and others, a very short arc. It is assumed that the 
flux density is constant across each pole face and of 
such value that the same effective a-c. voltage is 
generated across a diameter of the armature winding. 

It is evident that the diametral phase of winding 
dia in position A under the long arc poles has equal 
and opposite voltages generated in the two halves d i 
and i a so that the total voltage is zero. Now equal 
voltages are generated in all conductors and the number 
of conductors under each, pole varies directly with time 
and position of the phase in space and therefore the 
total voltage of the phase dia will be a straight line 
function of time and space position as shown. The 
maximum e. m. f., h, is generated when the phase is 
central with the pole S, position B. The effective a-c. 


value of this voltage is e and the maximum or 'd-c. is h 
which appears continuously between tw r o fixed points 
between the pole tips where brushes may bear on a 
commutator connected to the winding. 

Now similarly under the short are poles equal and 
opposite voltages are generated in d i x and i» a in posi¬ 
tion A and the resultant voltage is zero. When the 
phase has moved the distance cl ti coils in it will be 
under the influence only of pole S and the total voltage 
between d, a will be constant until the tap d reaches 
the pole S. The net voltage of this diametral phase 
will be trapezoidal, as showm, with a maximum value 
h' and the same effective value e as in the previous case. 

Thus the effect of increasing the pole arc, keeping 
the same effective value of a-c. voltage, is greatly to 
increase the d-c. voltage; and vice versa. 

The regulating pole converter uses this principle 
for varying the d-c. voltage with constant effective 
a-c. voltage impressed. A variation of the net pole arc 
is secured by constructing each pole and pole face in two 
adjacent parts, one larger “main pole” and one smaller 
“split” or “regulating” pole. The exciting field of the 
latter may be varied, or even reversed, which results in a 
net effect equivalent to varying the total pole arc. 

There is a number of factors which affect voltage 
ratio as shown in detail in the appendix. These are: 
Number of phases, 

Flux distribution or “field form,” 

Flux shift relative to brush position, 

Flux pulsation caused by armature reaction pulsating 
m. m. f., 

Flux pulsation caused by variation in reluctance due 
to position of slots, 

Brush shift relative to field flux position, 

Brush width determining the number of coils short- 
circuited, 

Brush contact resistance. 

Armature coil winding pitch, 

Armature coil distribution, 

Armature impedance. 

Heating Effect of Armature Current 
Before considering the explanation of armature 
heating, it is advisable to mention the fundamental 
definition of “motor” and “generator” action. 

Generator action in any dynamo-electric machine 
is the act of current flowing through it in the same 
direction as, and by means of, the internal “induced” 
e. m. f. 

Motor action in any dynamo-electric machine is the 
act of current flowing through it in the opposite direc¬ 
tion to the internal “induced,” and by means of an 
external impressed e. m. f. 

In the converter it is convenient to regard the direct 
current as due to generator action, and the alternating 
current as due to motor action. The actual current in 
any conductor results from superposition of these two. 
A bipolar converter, having for convenience a 
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Gramme ring armature winding, is represented in Fig. 3. 
The mechanical rotation of the armature is clockwise. 
Zero time is selected as the instant when the center of 
the phase a b coincides with the center line of the 
brush. 

The voltage generated under each pole in the con¬ 



ductors passing under it is directed from the negative, 
brush toward the positive brush through both of the 
armature circuits. 

The specific case of a six-phase converter is assumed, 
where the phase a b occupies 60 electrical degrees. 



With the phase in the position of zero voltage, corre¬ 
sponding to zero time in Fig. 4, there is no alternating 
current at unity power factor. But when the phase 
moves toward the pole S. the voltage will be induced in 
the direction from the tap b toward a. 


Now the a-c. motor, or input current, must flow from 
a to 6 in opposition to this induced voltage. At the 
same time the d-c. generator current is flowing from a 
to the positive brush in the same direction as that m 
which the alternating current is just starting to flow 
and the two currents are added. This condition holds 
true in any part of the trailing half of the phase which 
has not yet passed under the brush. 

The magnitudes and relations of these currents in 
time are shown in Fig. 4. The direct current, taken 
as unity, is represented by the line 1, 6, 8, 13 for the 
tap coil a which is commutated at point 6 after the 30 
deg. of time required for a to rotate to the brush. 

The alternating current (dotted curve), since it flows 
in the same direction, adds to the direct current in coils 



not yet commutated; hence the current curve of the 
tap coil a is 1, 3, 5 (commutates), 6, 7, 9,10,11,13. 

The heating effect of this current is proportional to 
its square as shown in the corresponding Fig. 5 by the 
similarly numbered curve 1, 3, 5, 6, 7, 9, 10, 11, 13. 
The total or integrated heating is represented by the 
area under this curve. 

In like manner the current in coil c half way between 
a and the phase center may be traced. This coil will 
commutate after 15 deg. of time. The current is 1, 3 
(commutates), 4, 7, 10, 11, 13, Fig. 4, and the heating 
similarly numbered in Fig. 5. 

The current and heating of the center coil which 
commutates at zero time is similarly 1, 2, 4, 7, 9, 10, 
11, 13. 

The current and heating of tap coil b may be traced 
through in the same manner. The direct current whicf 
has. already been commutated flows in the opposite 
direction to the alternating current for 150 deg. of time 
required for the tap to rotate to the negative brush 
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The total current follows 2, 4, 7, 9,10, 11, commutates, 
and follows 12, 14. One-half cycle or 180 deg. of time 
then finds tap 6 at b', Fig. 3. It is evident that this 
current cycle is the exact equivalent of that shown for 
tap coil a ; similarly, it is evident that any two coils 
equidistant from the center of the phase .are subject 
to the same heating at unity power factor. 

The effect of power factor upon the heat losses is 
more important in the converter than it is in any 
machine that carries alternating current alone. 

Fig. 4 shows a certain amount of leading reactive 



Fig. 6 


current which, combined with the same energy current 
as before, produces the total alternating current shown. 
It is evident that this leading current has its highest 
values when the phase a 6 is in the position of zero time, 
and that this current adds to the direct and alternating 
energy currents in that part of the phase between the 
tap a and the d-c. brush. 

The current in any coil throughout 180 deg. of time 
or rotation may be determined as before. 

For instance, take the tap coil a. The current is 
represented by 15, 17, 19 (commutates), 20, 21, 23, 25. 
The heat loss at any instant of time is represented 
similarly in Fig. 5. 

The current and heating of any coil between tap a 
and the center of the phase may be traced through the 
same curves except that commutation will take place 
sooner at a point between 15 and 19 determined by the 
distance of the coil from the brush. 

The center coil of the phase which is commutated 
at zero time will carry current and heating indicated 
by curves 16,18, 20, 21, 23, 25, Figs. 4 and 5. 

The current and heating relations in the other, or 
leading half of the phase (center to tap .6), follow a 
different course when the power factor is not unity. 
The tap coil b, for example, has already been commu¬ 
tated, so that the current starts at 16 and for 150 deg. 
of time follows the same curves 16, 18, 20, 21 (commu¬ 
tates) and then follows 22, 24, 26, Fig. 4. 

The heating similarly follows 16,18, 20, 21, 22, 24, 26 
and the total heat is proportional to the area under it. 

In like manner any other coil located between tap 
b and the center of the phase will carry current following 
the same variation except that it will be commutated 


later than the tap coil b. This is represented for one 
such coil by 16, 18, 20, 21, 23 (commutates), 24, 26 in 
both Figs. 4 and 5. 

The averaged total heating in any coil in a phase, 
expressed as per cent of the loss with direct current 
alone in the armature, is shown in Fig. 6, for power 
factor = 1.0, 0.95 leading, and 0.95 lagging. It will 
be noted that the heat losses at unity power factor are 
symmetrically distributed while at any power factor 
other than unity the distribution is not symmetrical. 
Leading current causes the coils just “ahead” of the tap 
to overheat while lagging current reverses all these 
relations and overheats the coils just “behind” the tap. 
This fact furnishes a means of determining whether a 
converter armature winding has been damaged by 
leading or lagging power factor current. 

Another important fact shown by these curves is 
that the heating of the coils near the tap is increased 
much more rapidly by low power factor than in any 
other type machine. In this instance of 0.95 power 
factor the tap heating increases from 0.43 to 0.80 or 
85 per cent, whereas in any other device carrying alter¬ 
nating current alone, the increase is only 11 per cent. 
It may be stated in a general way that the tap coil 
heating of the converter is increased several times as 
fast by a change of power factor as in pure a-c. 
apparatus. 

Armature Reaction 

Several of the best known textbooks treating of the 
armature reaction in the synchronous converter 



Fig. 7 


erroneously apply a distribution factor to the d-c. 
armature reaction, and neglect the factor 4/ 7r which is 
the ratio of the sinusoidal component of a square wave 
to the amplitude of the wave itself. These errors lead 
to the false conclusion that the a-e. and d-c. armature 
reactions completely cancel each other in line with the 
interpoles. 

As a matter of fact the armature reaction of a con- 
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verier consists of a steady component and a series of These 6th harmonics of m. m. f. are responsible for 
even M (p) time harmonics. Their effect on commu- the appearance of the “tap frequency pulsation” in the 
tation and flux distortion requires that they be given external circuit of the converter when the machine is 
due consideration in design. loaded. They also increase the core loss and losses 

A conception of the physical relations and magnitude in the amortisseur winding, 
of armature reaction in the converter may be formed by There is. a steady term of armature reaction under 
referring to Fig. 7. The direct and alternating currents the interpole represented by the average of the two 
and their m. m. fs. are considered separately, and then extremes shown in part I, Fig. 7. This must be 
superimposed to form a resultant. A six-phase con- compensated by extra turns on the interpole. Its 
verter has been chosen, with full pitch, infinitely dis- small value compared to the d-c. reaction is the reason 
tributed windings. Thus each phase belt covers 60 why interpoles were not adopted for converters until 
electrical degrees and differs by the same amount in after their application to straight d-c. machines, 
time phase from the adjacent belt. Note the presence of the cross magnetizing m. m. f. 

In part I the direct currents are represented as under the main poles. This demands an increased 
flowing into the plane of the paper under pole N and excitation with load, (due to saturation), which must 
out of this plane under pole S. According to the be supplied either by increased field excitation, or by 
usual convention these currents are'assumed to be reactive alternating current and a change of power 
paired so as to constitute turns about the neutral or factor. 

quadrature axis. The m. m. f. of these direct currents It is shown in Appendix III that the resultant reac- 
is thus a triangular wave. tion under the main poles varies as tan 6, where cos d is 

In a similar way the m. m. f. distribution due to the power factor. It is zero at unity power factor but 
the alternating current can be obtained, as shown in has a definite value at any other power factor; being 
parts II and III, for two different positions of the opposed to the field flux when due to leading power 
armature. 

Assuming for convenience unity power factor, and 
choosing c as reference phase, the currents may be 
represented as 

A = I sin (co t - 120 deg.), A = I sin (co t) 

A - I sin (co t - 60 deg.), u = I sin (co t + 60 deg.) 
where co t is the displacement of the midpoint of c 
from the quadrature axis. Thus for co t = 0 phase belt 
c is in the position of zero voltage and current, that is, 

centered on the neutral axis. The other two currents Fig. 8 



are 

A = I sin (0 — 60 deg.) = — 0.866 I 
i d — 1 sin (0 + 60 deg.) = + 0.866 I 
Thus the currents A and i d at this particular instant, 
are equivalent to magnetizing turns around the neutral 
axis, and give rise to trapezoidal distribution of m. m. f. 

When the common tap of b and c is on the neutral 
axis 30 deg. later (co Z = 30 deg.) the currents are. 

A = I sin (30 deg. — 120 deg.) - — I, 

A = I sin (30 deg. - 60 deg.) = - 1/2 
i d = I sin (30 deg. + 60 deg.) = + I, 

A = I sin (30 deg.) = + 1/2 
At this instant A pairs with i d , and A pairs with i 
to form two bands of magnetizing turns about the 
neutral axis, and give rise to the polygon distribution 
of m. m. f. shown in part III. 

These two m. m. fs., corresponding to different 
positions of the armature, may be superimposed on the 
d-c. diagram in part I and combined with it to produce 
the corded triple space harmonic of resultant reaction, 
which oscillates between these two extremes for every 
30-deg. rotation of the armature, giving a 6th time 
harmonic. 


factor and vice versa when due to lagging power factor. 

The mathematical treatment of armature reaction 
by the method of harmonic analysis is given in Appendix 
III. 

Appendix I 

Voltage and Current Ratios 
The A-c. Voltage. In Fig. 8 consider the armature 
coil of pitch p and n turns, which at any time t is located 
an angle fi' from the quadrature axis. Let the flux 
density through which this coil is moving at syn¬ 
chronous speed co t be specified by the Fourier series. 

B — 2F Bk sin k (fi + 7 K ) ( 1 ) 


The flux included by the coil is 

7 8' + PIT 

<t> = -tA S B - dl3 

8 ' 

where 

r = air-gap radius 

l = effective length of armature stacking 

P = number of poles 

This flux induces in the coil the voltage 


(2) 
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— n d 4> _ — 4 rln "svi p • k p tv 
10 8 ~dT ~ P 10 s 2j k sm — 2 ~ - 


C°S K.(fi' + 7k + P —7g-) • — (3) 

But if (fi r ) is the position of the coil at (t — o), then 
since it is moving at synchronous speed 


It is customary to write 


C p k = sin 


harmonic 


= pitch coefficient of the nth 


OdK = 


= distribution coeffi- 


d' = /3 r + co t so that 


= co = 2 tv f 


c . sin 2 


Substituting (4) in (3) 
00 

- 4:1 f t n vi n 


T1 . IC O T 

k Bk sm —~—• 


cient of the nth harmonic ( 11 ) 

where p is the number of phases per pair of poles. If 
the distribution is said to be “infinite” and the 
coefficient C d k approaches its limiting value 


cos k( co t -|- d r -f 7 k + p —£—) (5) sin 

" ( Ci .).*0 = -(12) 

where * JLIL. 

t = 2 7r r/P ~ pole pitch ^ 

The total voltage of a phase belt of c such coils uni- For lower values of k, Equations (II) and (12) are 
formlyidistributed around the armature by an angle cr practically.identical, so that in subsequent expressions, 
between adjacent coils sides is where the higher harmonics may be neglected, Equation 

o 5 c - 1 ( 12 ) will be used, since it facilitates the calculations. 

e _ ~~ 2 k sin K p ^ By (9), ( 10 ), and ( 11 ), Equation ( 8 ) may be written 

p 10 H jLa XJ 2 oo 


1 >o = 


cos k y co t -I- do + 7 k + p —g'. \- r a j ( 6 ) ^ 

and the f undamental component of e p is 
where do is the position of the first coil of the phase A 7 f ■ 

e: - — B t C n C M sin (to t + 71 ) (14) 

3 ? ~t p f As a matter of convenience in the argument of this 

£<— -discussion let us introduce the notation 

ft; c carjni/t:rors3 x ^ vs/ ? 

| I ;---p— ■ M (p) = multiple of p (15) 

w-ft-jNj' r- pjT—*• It is of special importance to notice that the 

v f) ic - M (p) harmonics do not contribute to the termi¬ 

nal voltage of the phase, since by ( 11 ) the coefficient 

, r , ,1 ., M , CdK is zero for these harmonics, 

belt at t'~- o, and r refers to the rth coil alter the first ,, , . , .■ , , , . 

, If the fundamental is the only component present in 

80 ' ltl ' the a-c. voltage applied at the slip rings, then such 

dr ~ do + r cr (7) } iarmon i c currents will flow as will consume by their 

By the geometric method of Appendix IV the r impedance drops and their armature reaction, those 


where the higher harmonics may be neglected, Equation 
( 12 ) will be used, since it facilitates the calculations. 
By (9), ( 10 ), and ( 11 ), Equation ( 8 ) may be written 

«,= ~ 4l /o‘ nc 2 * Bk Cd ‘ «■«(«*+?.+-§-) 


ft* "c ’cONDUCrOf^f. 




Fin. 9 


summation may be evaluated, yielding 


4 l f r n c 

.io". 


Bk sin 

j 2 


harmonic generated voltages which are not wiped out 
by the winding coefficients C d k and C pK . If resistance 
s - n c H <r \ be neglected and if the flux contributed by the armature 

__ 2 _ | reactance and reaction be considered as part of the 

, „j n K <L I resultant field form, then we may say that 
. ’ " 2 / The resultant field form can contain only those har¬ 


monics for which 

cos k [ oo t + do + + P + (c “ 1) ~~Y~ jj ( 8 ) ( a ) C P h = 0 or | 

„ . . , .. . . . , - (b) C d k = 0 (includes all the M (p) harmonics) J 

If time is counted from the instant that the phase is w v .. r .. .. » n 

centrally located with respect to the pole, then it is and tllis statement holds, within its lim ations, for 

Been from Fig. 9 that machme ioaded or unloaded.^ . . 


do - (1 - p) - J- - (C - 1 ) ~~2 


machine loaded or unloaded. 

In commercial machines the pitch p is near unity, so 
'( 9 ) that the even harmonics are wiped out thereby, and the 
neutralizing currents are^therefore composed only of odd 
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time harmonies, even though the field form contains 
very large even space harmonics. 

In practise, the a-c.. line voltage is nearly a pure 
sinusoid, but almost without exception there is a trans¬ 
former bank between the line and the converter. The 
transformer may usually be considered as short-cir¬ 
cuited at its primary terminals to all harmonics, since 
the impedance of the connected system is very low. 
The harmonic currents are then limited by the com¬ 
bined impedance of the transformer and converter, 
and the voltage drops in the transformer due thereto 
appear as a harmonic voltage across the slip rings. 
Thus due to the presence of the transformer the resul¬ 
tant field form may contain other harmonics than those 
allowed by (16), but they are of no great importance.. 
They affect both the a-c. and d-c. voltages. 

The D-c. Voltage. Fig. 10 shows the brush b shifted 
an angle \p from the quadrature axis. Since the coils 


we obtain the equation for the d-c. voltage. 


E DC — 


-f 4 Ifrn 
10 8 


C p k 


sm 


K 7T 


sm 


k a 


cos k (^ + 7 «) (19) 

Here the M (p) harmonics are not wiped out by distri¬ 
bution, but contribute to the d-c. voltage. But the 
even harmonics are completely wiped out by the 


distribution factor sin 


k. 7r 
~2~ 


The Voltage Ratio. The ratio of the direct current to 
the effective value of the fundamental of the a-c. 
voltage, as obtained from Equations (14) and (19), is 


Ei 


V 2 cos (i p -f yd 


Ei 


sm 


7 r 



have a pitch p the mean position of the belt of con¬ 
ductors connecting adjacent brushes extends from 



(17) 


The belt contains tv/ cr, conductors. Its instantaneous 
position will vary periodically by half the angle cr 
between coil sides either side of the mean position 
specified above. This variation, which is partly re¬ 
sponsible for the "tooth ripple” observed in the voltage 
wave, will be neglected in this discussion. 

Equation ( 8 ) gives the voltage induced in a belt of 
c conductors at any instant t. By substituting 

oot~ 0 1 


c = 7r/<r 
fio = ^ - P “2-r 



(18) 


V 


+ v2 2“ 

2 


„ ~ . K 7T cr 

Bk C p k sm —g- sm —g- 

7 r ic <J 

Bi Cpi sin . sin 2 


cos k {\p + 7 «) 


= V2 A/sin (7 r/p) (20) 

Equation (20) is more specifically written, according 
to (16), by substituting m for k and dropping the 
limits of summation, where m is any harmonic for which 
k = M (p). 

An inspection of this equation shows that the voltage 
ratio of a synchronous converter is fixed by the follow¬ 
ing conditions: ^ 

a. The number of phases p in the ratio V2/sin (n/p), 
called the normal ratio of the synchronous converter. 

b. The brush shift \p, limited because of sparking 
for shifts large enough to affect the ratio more than a 
few per cent. 

c. The flux shifts 71 and y m have the same effect, 
theoretically, as the brush shift \p, but are more feasible 
practically since the brush may be left in the artificial 
neutral zone of the commutating poles, and sparking 
thereby avoided.' 

d. Superposition of those flux harmonics of odd 
order which are multiples of the number of phases per 
pair of poles. The voltages due thereto are cancelled 
out in the phase by the distribution of the winding, but 
appear in the d-c. voltage and thus change the ratio. 
Other harmonics in the flux may be used to change the 
ratio, but not so effectively, since they change both the 
a-c. and d-c. induced voltages, and consequently, they 
cause harmonic currents to flow which tend to neutralize 
the flux harmonics by armature reaction and reactance 
and increase the transformer heating, but may or may 
not increase the converter heating. 

Note that the even multiples of p harmonics are 
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ineffective since they are cancelled out entirely in the 
d-c. voltage by the factor sin m ir/2. For this reason 
it is impossible to vary the voltage of a two-phase, 
four-phase, or two w-phase machine by superposition of 
multiple of p harmonics. However the voltage of a 
six-phase machine may be varied by superimposing the 
odd multiple of (3) harmonics, provided that the 
transformer connections are open-circuited to the flow 
of the third harmonic current and its multiples, 

Such connections are. equivalent to the use of a six- 
phase converter as a duplex three-phase machine. 

Items c and d constitute the regulating pole method 
of voltage variation. 

e. The armature winding factors are the angle <r 
between adjacent coil sides, the per cent pitch p and the 
pitch coefficients C P1 and C Pm . In commercial machines 
cr is usually less than 12 deg., and 1.00 > p > 0 . 95 . 

In addition to the above there are several other 
influences on the voltage ratio which do not appear in 
the equation. They are: 

/. The brush short-circuits the voltage across its 
bearing are, but this decrease of net voltage is too small 
to be of any practical importance. 

g. The armature impedance and brush resistance 
drops change the voltage ratio with the load. 

h. The armature reaction contains a steady term 
and a series of even multiple of p harmonics. The 
steady term is of little practical importance, but the 
harmonics of armature reaction in conjunction with g 
cause the so-called “tap frequency pulsations” to 
appear in the terminal voltages. 

i. The oscillation about its mean position of the 
belt of conductors between brushes, and the variation 
in reluctance of the magnetic circuit due to the passage 
of the slots under the poles, cause a “tooth frequency 
pulsation” to appear in the voltage. This tooth fre¬ 
quency pulsation is high enough to prove objectionable 
on account of telephone interference when the feeders 
run parallel to telephone lines. It may be eliminated 
by spiralling the armature slots. 

In present-day practise it has been found more satis¬ 
factory for operating and economic reasons to vary the 
terminal voffiage of the converter rather than change its 
ratio by flux distortion. This maj be accomplished by 
the following means: 

j. Tap changing transformers or voltage regulators. 

k . Booster converters, in which a small alternator is 
connected in series with the converter. The voltage is 
controlled by manipularion of the booster field excita¬ 
tion. In smaller machines the booster is usually a 
separate machine with a revolving field, but in the 
larger sets it is made integral with the converter proper 
and has a revolving armature. Direct-current boosters 
are not as satisfactory since they have the disadvantage 
of a commutator capable of carrying the full converter 
output. 

I Field controlled converters, in which a change in 
the excitation changes the power factor. The reactive 


component of current flowing through the external 
reactance of the transformers or of separate reactors, 
changes the voltage at the converter slip rings, and thus 
the d-c. voltage. 

Current Ratio, The current ratio of the synchronous 
converter follows from the law of conservation of energy 
d-c. output = a-c. input X efficiency ( 21 ) 

. *. E dc I 0 = p Ei h (1 — f) cos 6 (22) 

where 

cos 6 — power factor 

J 1 = eff. value of a-c. current 
f =. rotational losses as per cent of a-c. input. 




Et>c 

Ei p (1 


I 0 ._ 

• f) cos Q 


V 2 A I a 


p sm 


(1 - f) cos 6 


(23) 


The effective value of the slip ring current is the 
vector sum of the currents in the two phases connected 
to that ring. Its absolute value, therefore, is 



e jo -j_ 


A 9 



2 I , sin — - 

p 


2 v 2 A J 0 

V (1 - fj' cos 0 


(24) 


Appendix II 

Armature Heating 

On the assumption of linear commutation and a 
brush overlap of b radians the direct current in the layer 



of conductors between adjacent brushes is a trape¬ 
zoidal wave as shown in Fig. 11. The Fourier series of 
this wave reckoned from the quadrature axis is 


'tile 


4 J 0 ''sri sin (2 k ~ 1) bj 2 

HrT ^j K .(2 k~T f 


sin (2 k — 1 ) 


(jS — ^ + P 


7T 

2 


7r \ 
2 / 


(25) 


The alternating current in a phase is, in general, 


i ac ~ 2 > I w , sin m (co t + 0, n ) - (26) 

If the phase belt has c coils of pitch p 7 r, uniformly 
distributed by the angle cr, then at any time /. the position 
with respect to the quadrature axis of the (r -f 1 ) th coil 
of the belt is, by Fig. 9, 

0 = t + (1 - p) - (c ~ 1 ) ^ - + r cr] (27) 
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The substitution! of( (27) in (25) thus specifies the 
direct current in the (r + 1) th coil at any instant. The 
resultant current in this coil is the difference of the 
alternating and direct current, and is 


U+i = sinm ( wi + 0m) 


^ (2 k I s in (2 K ~ 1) 


co f — $ — (c — 1 ) —2 -h r o' J 

The average loss per cycle for this r -f 1th coil is 


for 7 r b _> 0 

Since, in practise, 6 is of the order of bt radian it is 
seen that the effect of brush over lap is to reduce the 
losses in a conductor by the order of 3 per cent of the 
total armature current heating. It is therefore of no 
importance. Obviously, since we have shown the effect 
of brush over lap to be insignificant for any conductor 
it will also be negligible for the whole armature heating. 
Let us then, for simplicity, pass at once to the limit by 
allowing 6 > 0 in our equations. Then (32) reduces to 


-i = J" R ^"h-i 2 ^ 0 


Wr+l = 


2 "* lm 2 + 


where 

R = resistance of the coil. 

The substitution of (28) in (29) yields integrals of 
the following types 

/(sin 2 ax.dx = ir/2 f cos 2 ax .dx = ir/2 

o o 

7T 7 T 

/ sin a x . cos ax.dx = 0 / sin a x . cos 6 x . dx = 0 
0 0 

/ sin a X . sin b x . d x = 0 / cos a x . cos 6 x . d x = 0 
o o 

a b (30) 

If, now, 2 s - 1, denotes those harmonics having the 
same order in both the m and k series; that is, those for 

which , s 

m = (2 k - 1) = (2 s - 1) (31) 

then by the relations of (30) it is easy to show that (29) 

becomes 

06 

w ,+x = 


0 ^ lo r cos (2 s — 1 ) (X 2s -i + r o') /ocn 
“ 2 R — 2j‘ I(2 " 1) -(2 s- I) (35) 

The average heating of the whole armature is 

tv "V ^ r+l - ^ V T * + R - -- 

w = 2 j t ~~c — 2 2r im + 4 


R I ^ T cos (2 s- 1 ) (X 2 .-i + r <r) 


K 1q VI 

7 r c 


T i (28- 1) 


(2 s — 1 ) 


Effecting the r summation as shown in Appendix IV, 
we obtain 




J * i(28 - 1) (2s- 1) 


cos (2 s - 1 ) [\p + 02 .-iJ 


where 


. R / 4 Io \ sin 2 (2 k 1 ) 5/2 
■^TITF J ij K (2*-l) 4 

1 

„ / 4 ^ ^ t s i n (2 s — 1 ) 6/2 


_ sin (2 s — 1 ) c (r /2 

° d(2 *- 1) " c.sin( 2 s T 1) or/2 


\ 7T 0 


a I (2,-1) (2 S — l) 2 


cos (2 s — 1 )I(X 23 -i + r o') 


It is very interesting to note from Equation (37) 
that the total heating may be reduced by introducing 
harmonic currents of proper phase angle, 0 2 *-i, such 
that 


2 I 0 12s- 1 
7T (2 S — 1) 


L( 2 a- 1 ) COS (2 S — 1) [lA + 02.-J > 


where 


X 2 *—1 — I — (c — 1 ) 


^-05 


] (33) 


The last summation of (32) can not, in general, be 
evaluated since its limits and arguments are all in¬ 
definite. But the second summation on the right of 
(32) can be evaluated by the’methods of analysis shown 
in Appendix V. It is 


This inequality is a maximum for 
[ 1 A+ 02 a- 1 ] = 0 or tt corresponding to C d( 2 a-!) = (+) or (-) 


lu- 1 = 


2 I 0 Cd(2a-1) 
7T (2 S - 1) 


R /4I 0 \ 

~2~V7r b) 2 j 


sin 2 (2 k — 1 ) 6/2 
: (2 k- l) 4 


Since the sinusoidal component of the a-c. current 
bears a fixed ratio to the d-c. current, it is not possible 
to meet conditions (39) with the fundamental. There¬ 
fore, segregating it, we have as the equation of minimum 
armature heating, - 
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W ■ 

min 


RI i 2 , RIS 

o “T /i 


7T 

C\ 


I 0 1, C dl cos [* + 0x3 


16 A cos (X i + r cr) 


tt p sm 


7T_ 

(P 


(1 


7T 


pro ^ d(2a-l) 

it i 0 - 2 j s ”(2s- l) 2 


(40) 


W = 


BI. 8 


r 

j i + 



(45) 


One way to cause such currents to flow would be to 
introduce their order into the field form with proper 
phase and amplitude. The M (p) harmonics could 
not, of course, be introduced by this method, as was 
pointed out in Appendix I. As an example, suppose we 
have a six-phase converter with transformer connections 
open-circuited to the third harmonics and its multiples 


p~ sm* 


7r 


( V 

16 A C t a- cos | \p + 6 J 


(i - r)- cos ~jd 


7 r p sm 


7 r 


V 


(1 — l) cos 6 


(46) 


The usual text-book expressions are obtained here- 
Let us assume infinite distribution and consider the from by introducing the following simplifying as- 
effect of introducing fifth and seventh harmonic cur- sumptions. 


rents in conformity with the “best compromise" con¬ 
ditions of Equation (39). Then 


C 


du 


19 

0.966 X tF=t, Cot 


o 7r 


0.966 X 


12 
7 7r 


(41) 


1. Normal voltage ratio, A = 1 

2. 100 per cent pitch, p = 1 

3. Infinite distribution, <r = 0, c 


Therefore by (40) 


W - R 


Tr 


I.* 


(1 - 0.022) 


4. r — r a (c - 1) 
middle of the phase belt 

1 -[- ~ 


W r + 


R I <r 

.4. 


7r 


J. To ('<n cos f + + 0, 


(42) 


position of a coil from 


8 


where the saving is 0.022 R I t r/4, entirely negligible. 

In the ease of a particular conductor the conditions 
to be satisfied are 

X ».-1 + r cr « 0 
2 /„ 


7 r p sm 


p~ sin* 

16 cos (t - 
(1 - 


7T 


(1 — (')* COS” 0 


Iu- 


7T 


1 


(43) W 


R I,r 

4 


V 


p i sm 2 


7T 


0) .. 

r.) cos o 

8 
(1 


(47) 


V 


i'h cos a 0 


If these relations hold for every odd harmonic from 
(1) to (co) the heating in that particular conductor 
would be zero. 

But by Equation (22) this would require that 

2 = _ 21 o . 

"ti- “ ~ 1 B ;n 7T n — r) cos 0 


(48) 


h 


p. sin (1 
V 


16 

7T “ (1 - t) 

The sensitivity of the heating to the power factor 
(cos 0) requires that the converter be run at or near 
(44) unity power factor. 

It is obvious from Equation (47) that the heating is a 
maximum at one or the other of the outside conductors 
of the phase belt; that is, at the “tap" coils. At unity 
power factor it is the same for both tap coils, but at any 
other power factor it is increased at one tap and de¬ 
creased at the other. 


which is obviously possible only in the case p -y ®, 

0 = 0, and f ~ 0; that is: 

a. an infinite number of phases, 

b. unity power factor, 

e. zero losses. 

In this theoretical discussion of heat reduction by 
superposition of harmonic currents we have assumed 
the possibility of their introduction. Practically, 
however, the difficulties encountered are enormous. 

If the a-c. harmonics be neglected we have from (22), jrjry 12 whose Eourier series is 
(35) and (36) 


Appendix 111 

Armature Reaction 

Polyphase Armature Re,action. Each armature coil 
of n turns, pitch p 7r, and instantaneous current i 
gives rise to the rectangular wave of m. m. f. shown in 


W 


rf 1 


R hr 

4 


1 + 


p” sm* 


8 A- .. 

!L. (1 - f) 2 cos 2 6 
P 


T , 4 . -sri sin k tt/2 . ir . , 

I<\ = -.— n % > « .-. sm k p — r> .- • sm k a (49) 

7T -iliiiii ii—i ^ ^ 

1 

where a is the space angle measured on the armature. 
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The total m. m. f. of a phase belt of c such coils polyphase currents, then both the time and space angles 
uniformly distributed by the angle <r is between adjacent phase belts will differ by the angle 

4 ^ sin k 7 r /2 t 2 ir/p. Thus to specify the m. m. f. of the gth phase 

F p = —. n i K . .. sin k p —. belt, decrease both a and co t in (52) by the angle 

oi 2 7 r q/p . The total m. m. f. for all p phases then is 

sin k (a — r a) (50) 0 p ~ 1 00 00 • 

Evaluating the r summation by the method of ^ = cn Z 3 ,>; * --- C P KC dK I m 

Appendix IV, o i i 


jp ft „ • V 'sri sin /c 7r/2 . 7r 

—* sm * p “s - • 

o i 

sin k (a — r a) (50) 

Evaluating the r summation by the method of 
Appendix IV, 


*2- 


sin k 7t/2 . 7 r 

---sm k p —2~ 


cos I 

/ 2 7 T q 

na - -— 

) — m( cot -— — + 6 m 1 

L 

\ p 

/ • V p J 


sin^/c c cr /2 . f . ... <r 1 

~ sin k <r/2 ™ ~ - D- 3 -J (51) 

The displacement angle k (c — 1) cr/2 may be elimi- 
nated^by choosing the reference axis at an angle 


-Mg-— P* -. 

-' - 1—1 ___ 

Fig. 12 

(p ~ 1) 7r/2 from the midpoint of the phase belt. 
Then/by ( 10 ), ( 11 ) and ( 20 ) we get 
, 00 *> 

4 sin k 7 r /2 ^ „ T 

* *> = ~^r~ n c > * > m - ; ~ K — Cp/< sm m 


>s L*(“~~^3=r L ) + ■ 

oc oo 

2 XT' sin k 7t/2 n n t 

7 f Cn ^Zj K ^J m K Ct>*C dK I n 


cos [/c a — m ( oo t + 0 m ) ] q cos (m — k) ^ 

0 

*>-1 

cos f/c a: + m (to £ + 0 m ) ] , cos (m + k) —— 

o 

p - i 


f « 2 - 2 - 


(oo t 0 m ) sin k a: 
sin k. 7 r /2 


i i 

Cp« C^/ m {cos [k a — m (to t •+• 0 TO ) ] 

— cos [k a + m (oo t -\- 6 m ) 1 } (52) 

In thisjexpression the angles for which 
cos [k a — m (cot + 6 m ) 3 = 1 ) 

} (53) 

cos [k a + m (oo t + 6 m ) ] = 1 ) 

are 

a — m (co t + d m )/K ) 


— cos [A a + m (to t + 9 m ) ) i cos ( m + K ) 

o 

p - i 

— sin [k a. — m (co t + 6 m ) ] q sin (m — k) - 

o 

p - i 

C 

— sin [k a + m (to t + 6 m ) ] a s ^ n ( m + K ) ~ 


But by Equations ( 101 ) and ( 102 ) 

1 V 2 t to [ V if (wdb/t) =Af(p) or 0 

> „ cos (m ± k) -— = 3 

^ p [ 0 if (m±K)?*M(p) or 0 

(57) 


a sin (m dh /c) 


2 tt q 


Hereby Equation (56) reduces to 

00 oo 

2 sm /c tt /2 




C P KC dK I m 


a - - m (co t + 0»)/k j (54) i ’ i 

and these angles move around the armature with the {cos [k' a — m (co t + 6 m )] — cos [k" a + m (co t -f 6 m )]} 
velocities ( 59 ) 

d a/d t = m oo/k ) where 

d a/d t = ~ m oo/k j k ' = any value of k for which dt(m — k) = M(p) or 0 1 

rp, , . ,, -j , • - - ■ v , , k" = any value of A: for which (m + k) = M (p) J 

That is, the pulsating m. m. f. of amplitude v y 

/ 4 /-»/"* r \ ■fn Kp nrwlpirefrmrl fVi/a snwmofiAn ic stn-r.r.ln/1 


d a/d t = ~ m oo/k j K k' = any value of k for which ± (m - k) = M(p) or 0) 

rp, , . ,, i , • - - ■ v , , = any value of A: for which (m + A) = AT (p) J 

That is, the pulsating m. m. f. of amplitude v y 

^ . - 4 -. C p k C dK IJk ) cn is to be understood that the summation is carried 

^ ^ J out with respect to these particular values k' and / 

has been decomposed into two traveling waves of half K on ^y- 

this amplitude rotating in opposite directions at equal For a single-phase machine K ' and k include every 

speeds. integer value, and each may therefore be replaced by 

If the machine has p phase belts per pair of poles, k . It is then the equation of two traveling waves of 
supplied by a balanced symmetrical p phase system of equal amplitude rotating in opposite directions at equal 
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speed. Their combination gives a standing wave of 
twice the amplitude. This means that in the single¬ 
phase machine there is no rotating component of arma¬ 
ture reaction with respect to the armature. 

Equation (59) gives the armature reaction with 
respect to the armature. It is necessary, however, to 
have it with respect to the held. Let time be counted 
from the instant that the phase is in its mid-position 
about the pole. Now the armature is running back¬ 
wards at synchronous speed w t relative to the poles 
(since in our convention positive rotation is the direc¬ 
tion of rotation of the fundamental rotating held of 
armature reaction); so that the armature reaction 
stationary in space at any angle ft from the quadrature 
or interpolar axis is given by the substitution 

ex = co t T 1 ft (61) 


Then (59) becomes 


Z ^ ^ sin k 7t/2 

F -.- >„» >,«.-.— 


oo cn 

% Sin K TT TZ 

C i>k C da I m 

TV K 

l 1 

{cos [ (k ( - m) a ) t + k' (3 — m B m ] 

— cos [ (k" + m) co t + k" ft + m 6 m ] 
where 


(62) 


Z = 2 p c n = total conductors per pair of poles. (63) 
By the definitions of «' and k it is seen from (62) that 



the only sets of terms that contribute to the polyphase 
armature reaction are: 

a. Those of constant magnitude, dehned by 


( k ' — m) = 0 

b. The M (p) time harmonics, dehned by («' - m) 
= ± M (v ) and (a" + m) = M (p). (64) 

Terms of the form k' — m ~ — M (p) are can¬ 
celled out by corresponding terms in k " + m = M (p). 
All even values of k are wiped out by the factor sin k ir/2. 
Therefore the only terms that need be considered are 


those for which ic > m and odd. 

The components of m. m. f. in line with the interpoles 
and main poles are referred to as the quadrature and 
direct components respectively. They are given by 
ft = 0 and ft ~ ir/2 respectively, and are, for the 
fundamental current, 


t Q 


Z Jj 

7T 




sin ictt/2 


S7 SI 
pK. v/ df( 


{cos [ (k' — 1) co t — 6 1 ] — cos [ (k" + 1) t + 6i] 
ZI x 


+ 


7r 


Cpi C d i cos 61 


(65) 


Fn = 


Zh 


sin 2 k t/2 


C p «C 


pK KJd K 


7T d K 

2 

(sin [ (k" + 1) co t + 6i] - sin [ (k' - 1) co t - 6i) 
ZI , 


+ 


7T 


Cpi Cdi sin 8 J 


( 66 ) 


The average over a pole pitch is 
F av = ■— f F d ft = Zlx C n C d i cos 0, 

’Z 7T 


--ir/2 




2 
7r 2 




sin 2 /c 7 t/2 


K“ 


CpK C„ 


Ik 


{cos [ (k.' — 1) cot — d}) — cos [ [k" -{- 1) co t + Qi) } (67) 
The D-c. Armature Reaction. It is convenient to 
consider the top layer of conductors connecting adja¬ 
cent brushes as a “phase belt," having its returns in the 
bottom layer of conductors an angle p 7r ahead. The 
d-c. armature reaction may then be calculated as for 
two such “phases," displaced by 180 deg. in space from 
each other, and carrying currents in opposite directions; 
thus, in a sense, also 180 deg. out of phase in time. 
Equation (52) gives the armature reaction of a phase 
belt carrying a current i. This equation can be applied 
to determine the d-c. armature reaction, if the tooth 
pulsations and brush overlap be neglected, and the 
following substitutions made: 


I„ 

i 

i 


c n 


a 


= d-c. brush current 
= I 0 /2 for the first belt 
= — J 0 /2 for the second belt lSO^deg. 

from the first. 

= Z/4 conductors per belt 

sin ic 7r/2 

~ (Z /4 n) sin (2 tc n tt/Z) 
sin k ir/2 n Z 

Then the armature reaction for the two belts is 
ZI 0 sin k 7r /2 


(Ik 


( 68 ) 


F 


2 7r 


ri ri 
\. /p K L/flK 


[sin k a' 
ZL 


sin k ( a' — 7r) ] 


7r 


K 


sin k 7r /2 

K 


Cpk Cd/ sin ic a' 


(69) 


where a' is reckoned from an angle (p — 1) tt/2 behind 
the midpoint of the belt. But from Fig. 10 it is seen 
that the origin of a' is at an angle xp + ir/2 ahead 
of the quadrature axis, so that 
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a' — (3 — — 7t/2 

Equation (69) then becomes 
00 . 

u Z ' S %F sm2 K- Tr/2 


F RQ = 


Z J 0 2 cos Q x 


(1 - f) 7T 2 COS 


T — 2 \p 


) (i - r) 


C p k C dK r cos k ((3 — + tt) 2 A sin k t /p . sin 2 k t/2 


+ ~T 


cos 6 


k 2 sin 7t/p 


For infinite distribution and unity pitch (71) reduces 


(cos [(k' — 1) co t — 0i] - cos [(/c" + 1) co t + 0i]) 


pr _ __ 2ZI ° ^ COS (2 K - 1) (/3 - jjO . 

" 7T 2 (2 /C — l) 2 . 

1 __ „ ZI 0 [ 2 sin 0i ^ 

By Equation ( 110 ), Appendix V, the value of this tri- ^ ^ i ^2 cos $ A + 2 tt ^ — ^ 

angular wave over a certain range of its angle is ^ 


08 - *) 


(73) + ^2 cog q 


sin /c 7r/p . sin k t/2 
/c 2 sin 7r/p 


for 0 > (/3 — tA) > — 7r 

Hereby the quadrature and direct components of d-c* ( s ^ n i( K ' ~ 1) cot — — sin [(k" + 1) co t A 0i]) 

armature reaction are 


F o' = F' 


FA = - F 1 


/ 2 \ 

(74) Since k is always odd, and since k ± 1 = M (p) by 
^ the definitions of k' and IF, it follows that 


ZI o 2 
4 7 r 


sin k 7r/p sin [iU (p) d= 1] ir/p 


sin 7 r/p 


sin 7r/p 


= ± 1 (80) 


/9 = —t/2 


TTae Resultant Armature Reaction. The resultant where the — sign is to be associated with k 1 and the 
armature reaction is the sum of the a-c. and d-c. re- + sign with k'. 


actions as given by Equations (62) and (71). 
It is 


T 2j k 


sin k 7r/2 


C pK C dK I m 


{cos [ (k' — m) 031 k' j3 — m 6 m ] 
— cos [ ( k " A m) co t -f- ic 1 ' (3 + m 0 W 


Except in the case of the booster and regulating pole 
types of converters, the distortion of the field flux is 
negligible, so that the voltage is practically zero at the 
instant that the phase is central with the pole. It is 
evident, therefore, that the angle Q x is nearly the 
same as the power factor angle 6. Then for the simple 
converter (78) and (79) simplify to 


sin 2 k 7r/2 


C p k C dK ‘ Io COS K ((3 — ^ A 7f) 


= 


(i - r) K 


7T — 2 \p 


) (i - r) 


(76) + 


sin 2 k 7r/2 


Or for 100 per cent pitch, infinite distribution and 
the fundamental current only 


7T 2 COS 6 


F.- 4 - 2 * 


sin 2 k tt /2 


1 1 p sin 


(cos f (C — 1) co t + k' 13 — 6 d 


cos \(iF -|- 1) co t A k" (3 -j- 0i]) — 2 I Q cos k. (0 \p) 


X (cos [(«' — 1) co t — 0] —(— cos [(*:" + 1) co t -f 0]) 


ZI c 2 

yrj) VT Atane + 


sin k r/2 


7T 2 COS 6 


The quadrature and direct components are given by _ 1 

substituting (3 = 0 and j3 = t/2 respectively; or can X (sin [( k' — 1) cot — 6) + sin [(/c" A 1) co t A 0]) r 
be obtained by adding the corresponding components J 

of the a-c. and d-c. reactions from Equations (65), (66), • ( 82 ) 

(74), and (75). Thus, using (23) Now k dz 1 is always even, and since k' and k " are 



Feb. 1927 


HAMBLETON AND BEWLEY: THE SYNCHRONOUS CONVERTER 


73 


only particular values of k it foil ows that the harmonics 
of armature reaction are always even and M (p). Also, 
for every k' - 1 term there is a k" + 1 term of the same 
order, because for every 'value of M (p) values of k can 
be chosen such that k' — 1 = M (p) = k" -f 1. 

Thus the armature reaction of a converter consists of 
a steady term and a series of even M (p) harmonies. 
The pulsations in the m. m. f. due to these harmonics 
show up in the oscillograms as the so-called “tap 
ripple.” This ripple is not present at zero load be¬ 
cause the armature reaction is then zero. In the ease 
of the quadrature reaction these pulsations occur under 
the interpole and seem to have some influence on 
commutation. 

For unity power factor and zero brush shift the steady 
term of the direct component of armature reaction 
disappears; but contrary to general opinion the quad¬ 
rature component does not vanish under these 
conditions. 

Chief interest lies in the quadrature component since 
it acts on the neutral zone and must be compensated 
by extra turns on the interpoles. As an instance, take 
a six-phase converter for which f = 0 , 0 — 0 , — 0 , 

and A = 1. Then its quadrature component of arma¬ 
ture reaction is 

F 60 = Z Io { 0.037 + 0.013 cos 6 co t + 0.003 cos 12 co t 
+ 0.001 cos 18 co t + . .. . } (83) 

Thus a 6 th harmonic pulsation exists of about % 
the magnitude of the steady term. Due to this pulsa¬ 
tion the armature reaction varies from about 10 per 
cent to 20 per cent of the d-c. armature reaction. Of 
course the ordinary series winding of the interpole does 
not neutralize these pulsations of m. m. f. 

In design the average armature reaction over a pole 
arc is used as a criterion of the demagnetizing effect of 
the armature. If 2 X is the pole arc, then by (77) the 
average m. m. f. over this arc is 
^ tt/2+X 

-- 2 X 

7T/VO — A 


Z 

X 7r 2 


2 - 


sin k 7r/2 


C p k sin k X \ Iipsin 


K. IT 


P 


(sin [(*" + 1 ) co t + di] - sin [(«' - 1 ) c at- 0 i]) 


2 Io sin k \p 


(84) 


For zero brush shift, normal voltage ratio, full pitch, 
fundamental only, and Equation (23) this reduces to 


F = 



Zip 

(i-r) 


sin X 
X ” 


tan 6 



ZI 0 

(i-r) 


sin a 7t/ 2 
tan 6 -- 


(85) 


where 


a = ( 


pole arc 


( 86 ) 


pole pitch / 

For a - 2/3 this gives, 

Z L Z L tan 6 

F v 3 = 0.1675 j tan B = 0.67 4 (1 _ f) " 

Appendix IV 

The Distribution Summations 

The distribution of the armature coils leads to the 

two following definite series: 

£ —1 . c — I 

y 1 = 2 X sin n (x dh r a) and y 2 = 2 <- cos n (x ± r a) 
o 0 

( 88 ) 

Expanding, 

C — 1 

y 1 = 2 r (sin n x . cos nr cr db cos n x . sin n r a) 
o 

c-l C_1 

= sin n x 2 r cos nr a ± cos nx IX sin n r <r 

o o 


= B sin n x ± A cos n x 


= VA 2 +B 2 sin (nx± tam 1 -^-) = C sin (n x d= P) 
V • B (89) 

Likewise 

y 2 = C cos (?? x ± P) ( 90 ) 

where 


r —1 


A = 2 r sin n r cr, C = A 2 -\- B 2 
o 

c —1 

B = IX cos nr a, p = tan -1 ( A/B ) 
o 


(91) 


The A and B summations may be evaluated geo¬ 
metrically from Fig. 14, where the vectors have unit 
length so that their projections on the x and y axes 
are the cosine and sine respectively of their direction 
angles nr o\ The figure has been drawn for four 
vectors, but the argument holds for any number of 
vectors, c. From the figure the following relations are 
evident. 


n cr 

R = 1/2 sin —g- 

a = (it — c n cr) /2 
7 = (rc — n <j)f 2 


(92) 

(93) 

(94) 


n cr 


= tan -1 {A/B) 


p = a — 7 = (c-l) £ 

cos (t- cn a) / 2 sin c n cr/2 


(95) 


C - 2 R cos a - 


Therefore 


sin n cr/2 


sin n cr/2 


(96) 
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2 / x sm 

r sm n (x ± r a) = —: 

si 


sin c n cr/2 

—:- j^r sm n 

sm n cr/2 


x d =(c - 1) 


Appendix V 

XTi sin 2 (2 n— 1) x/2 
Summation op the Series - 2 n 17"f) 4- 

1 

(97) The Fourier Series of a periodic function is 


2 , r \ sir 

r cos n (:x d -r cr) = —7 

** SI 


sin c n cr/2 
sin 92 cr/2 


f (x) = a 0 -f- S n (a n cos nx + 5 n sin n x) 
1 


where 


V dr (c — 1) 


Now if a - 2 tt/c 
sin c n cr/2 sin n tv 

—:- ~r~ = —:- 7 — = 0 if n ^ M (c) or 0 (99) 

sm n cr /2 sm n tt/c w v ' 

But if n = M (c) or 0 the fraction is an indeterminate 


1 w 

cto = f - dx 

— 7 r 

1 ^ 

a n = - I f (x) . cos nx . dx 

7 r J 

— 7T 

1 

b n - J* f (x) . sin n x . d x 



For the case of the trapezoidal wave of unit amplitude 
shown in Fig. 15 we find that 


'<*)—r 2 - 


sin (2 n — 1) 5/2 . sin (2 n~ 1) x 

________ 


--) 

Fig. 14 


If 5 = 0 it becomes a square wave: 

00 

4 xui sin (2 n— 1) x 

U to = — 2i- (2m— 1) = l*** > * > 0 


If 6 — 7T it becomes a triangular wave: 
which must be evaluated by differentiating numerator » 

and denominator, thus x ( \ ^ sin (2 n — 1) tt/2 . sin (2 n — 1) x _ 

h{X) 7T 2 ^J n (2 92 -l) 2 

sin n 7r "I D„ sin n 7 r c 7 r cos 99 7 r ■ 1 

sin 92 7 r,/c J — D n sin n tc/c ~ ir cos n 1 r/c ^ C (107) 

m-M(c) The sum of the renuired sorios can bo obtained Rv 


w “ M ^ c) The sum of the required series can be obtained by 

( 100 ) three successive integrations between the definite 
Then in the limiting case of x — 0 and cr — 2 7 r/c 


c— 1 

>, r sin nr a 


smmr . ■ 7 r 

—- 7 — sm 92 (c — 1 )- 

sm n 7 r/c 7 c 


sin 92 7T / 92 7T .92 

—--( S111 92 7T . COS “7r~ — COS 92 7T . sm - 

sm 92 7f/c x 2 • c 


i 

i 

t 

1 

/ 





- 1 r — 



Fig. 15 


sm 99 7T 7T 

r cos nr cr — —: - 7 — cos 92 (c — 1)- 

' /VI /TP- //> ' ' /I 


sm 92 7T 
sin 92 7r/c 


sin 92 7f/c 
(cos 92 7T , COS 


(I®*) limits of 0 and x of the square wave equation, and using 
the triangular wave equation to evaluate an inter¬ 
mediate series introduced by the first integration. 
Thus: 


92 7T 92 7T \ C 

cos-+ sin 92 7r. sin-) 

C C J J 


X . 0Q 

‘•■“-/-f 2- 


sin (2 92 — 1) x 
(2 92 - 1) 


0 if 92 M (c) or 0 

c if 92 = M (r) or 0 . 


(102) .*. - a; 


4 

IT 2 j n 


COS (2 92 — 1) X 
(2 92 - l) 2 ~ 
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(108) 


(2 ft - l) 2 
i 

But substituting x = ir/2 into the triangular wave of 
unit amplitude, Equation (105), we get 

8 "sci 1 

r 2 

1 


R yp) 


7P 


(2 ft - l ) 2 


(109) 


becomes 
7 r 
.2 


* .X- 

J'.f( 

0 0 N 


7T 

2 


= 1 

at x 

4 

00 

'\r\ 

IT 



i 

) d x 



cos (2 % — 1) % 
. (2ft- l) 2 


( 110 ) 


X X 

■Sf 


0 0 


4 

7T 




cos (2 ft 

(2 ft - 


1 ) cc 


l) 2 


d x 


(111) 


7T X i 

*.4™ 


x ;! 

6 


4 

IT 

8- 

7T 


1 

00 

2 ' 

i 


cos (2 ft — 1) :c 

(2 ft - IE. 


sin 2 (2 ft 

(2 71 


Therefore the required series is 

7r 2 a; 2 
32 " 


sin 2 (2 ft — 1 ) x/2 

(2 " r^-iy r . 


/iK, 


i 

b 

B 

c, 

C 

('tin 

e 

<h> 

lit iir 

Ex 


F 

F' 

F 

1 R 
7 lie 

I\ 
J* 
Jo 
m 
M ( ) 
n 

V 

r 

R 


_ 1 ) */2 
!)•'. 


7r ar* 

'48. 


( 112 ) 


(113) 


List of Symbols 

Brush width expressed in electrical radians 
Amplitude of flux density for the /<th harmonic 
Coils per phase belt 
Pitch factor of the «th harmonic 
Distribution factor of the xth harmonic 
Instantaneous voltage induced in a coil 
Instantaneous voltage induced in a phase 
I )-c. induced voltage 

Effective value of the fundamental of a-c. 
induced voltage 


Subscript 1) for 
direct component. 
Subscript Q for 
quadrature com¬ 
ponent. 


Polyphase armature re¬ 
action 

D-c. armature reaction 
Resultant armature re¬ 
action 

Instantaneous a-c. phase current 
Fundamental of a-c. current (elf. value) 
Amplitude of the 7ftth harmonic of a-c. current 
D-c. brush current 
Time harmonic of the a-c, current 
Multiple of ( ) 

Number of turns per coil 
Number of phases per pair of poles 
Index for the (r + l)th conductor in a phase 
belt 

Resistance of an armature coil 


t = Time counted from instant when the phase is 
centrally located with respect to the poles 
Z = Total number of conductors per pair of poles 
a = Space angle measured on the armature 

(3 = Space angle measured on the field 

7 ,. = Flux shift of the xth harmonic of flux distri¬ 
bution 

A = Distortion factor of the converter 
f = Rotational losses as fraction of the a-c. input 
6 m = Phase angle of the mth time harmonic of a-c. 
current 

Q = Power factor angle 

k = Space harmonic 

k' = Any value of ic for which d= (m — «) (:p) or 0 

k" = Any value of k for which (m + k) - M (p) 
p — Pitch expressed as a fraction 
r ~ Position of a coil from the middle of the phase 
belt 

c Distribution angle of the coils 
- Brush shift from neutral position 
a> — 2 7r/ — 2 7r (frequency). 


Discussion 

E. li. Shandi From Put standpoint of practical design 
calculations, 1 believe that tint formulas in Hut complex forms 
given aro not generally applicable, duo to Put fact that tho 
accuracy of design calculations is limited by a number of factors 
not considered in the paper. An instance of this may bo found in 
Equation (20) for voltageratio. This expression may he simpli¬ 
fied very greatly by introducing coefficients obtained directly 
from the converter Hold form without going through Put 
process of actual harmonic analysis, which have a greater degree 
of accuracy than those of the calculated Held form. 

The expressions for tho armature-loss constants vary from 
those ordinarily employed in that the effect of non-sinusoidal 
alternating currents is included. In working with converters 
the difficulty in determining actual armature losses is duo to the 
fact that the phase relations between tho alternating and direct 
currents within Pm armature arc not expressed completely by 
the phase angle of tho currents at the collector rings, duo to the 
internal phase displacement within the converter itself. This 
difference in loss .may he greater than fit.) percent in certain eases. 
Certain data and the manner of estimating the armature losses 
under these conditions have already been published. 1 I believe 
that Equations (45) and (40) should be modified to allow!' or those 
eondit'ons. 

In the discussion of armature reaction, it is stated that “tho 
Otli harmonics of m. m. f. arc responsible for the Pup-frequency 
pulsation’ in the external circuit of the converter when it is 
loaded.” In my own experience with converters 1 have often 
found this pulsation to bo just as great with no load on the con¬ 
verter when the reaction should be negligible, as with full load. 
This would preclude tho generality of the above statement. In 
cases given some investigation, it has been found that tho pulsa¬ 
tion was due mainly to the fact that the converter with, its 3rd 
and 5th, (etc.) harmonics in tho generated voltage wave had 
boon connected to a power system of low impedance and with a 
voltage closely approximating a sine wave. The harmonics had 
therefore to be absorbed to a large extent within the converter 
itself by pulsating fluxes produced by harmonic currents. These 
pulsating fluxes generated the voltage variations found ill the 
d-c. voltage and which, naturally must repeat themselves with 

1. “Operation of Synchronous Converters at Reduced Voltages", Electrical 
Journal, Doc. 1024. 
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every tap. These harmonic currents are particularly apparent 
when the converter is operating at very light loads. 

One more comment might he applied to the paper in a general 
way. Its usefulness would probably be increased if the symbols 
used in the appendices were more completely defined. 

Quentin Graham: I note that the authors have not dis¬ 
cussed the average heating, or total loss, of all coils in the con¬ 
verter. They have shown very clearly how the heating of 
individual coils varies with coil position and power factor and 
might easily have gone a step further and included the average 
heating or loss. The latter is important if the efficiency is to be 
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PER CENT, POWER FACTOR 

Fig. 1—Curve Showing Average Heating or Loss 
Constant for 6-Phase Synchronous Converters With 
Equal Input and Output 

calculated under various conditions. 1 am submitting herewith a 
curve, Fig. 1, which shows the average heating constant for six- 
phase converters with the assumption of no ro'tationa losses, and 
another set of curves, Fig. 2, shows the variation of the heat¬ 
ing constant for six-phase converters under conditions of varying 
power factor and varying ratio of d-c. to a-e. power. The 
authors’ equations contain a factor which depends upon this 
ratio although it is defined in terms of efficiency or rotational 
losses. If the ratio of d-c. to a-c. power is allowed to vary 
through a wide range as in Fig. 2 the results are applicable to 
cases in which mechanical power is either put into or taken out 
of the shaft. Such curves are useful in connection with booster 
converters, for example, in which the booster machine is coupled 
to the converter shaft. 

It is interesting to note that the minimum heating or loss does 
not occur when the input and output are equal, but that a small 
amount of power put in through the shaft is necessary to reach 
the minimum point on the curve. As the power factor becomes 
lower the minimum point recedes farther from the point of pure 
converter operations. 

L. V- Bewley: The equations in this paper were derived to 
show explicitly tlie several factors which influence the character¬ 
istics of the converter, and were not intended to be directly 
applicable to routine design calculations. 

The angles 6 m and 6 refer to the displacement of the currents 
.in the phase belts. The heating is a minimum when 6—0; 
although, as Mr. Shand points out, the external power factor of 
the machine will be lagging under these conditions due to its 
internal reactances. 

The tap-frequency pulsation is caused by the harmonics of 
armature reaction and by a variation in the impedance drop of 
the alternating currents between brushes due to the transition 
of the phase belt across the brush. If the field form contains only 
the fundamental and M (p) flux harmonics and if there are no 
harmonics in the applied voltage, then the tap-frequency pulsa¬ 
tion varies with the alternating current, and is zero at no-load. 
But if the field form contains other than the M (p) flux har¬ 
monics, or if there are harmonics in the applied voltage, then one 
component of the tap-frequency pulsation will be practically 
independent of the load. In many machines this latter condition 


predominates. The effects of the variation of the resistance in 
causing these pulsations has been very fully discussed by Mr. 
Neville in the November, 1917 issue of the Electrician , London, 
England. We have to thank Mr. Shand for bringing this 
question up in the discussion.. 

The average heating of the whole armature, which Mr. 
Graham asks about, is given in Equations (36), (37), (38), (39), 
(40), (46) and (48). 

Equation (23), which gives the current ratio, contains a factor, 

which takes care of the rotational losses of the machine. 
The booster converter may be considered as included in our 
equations if f is taken as positive when the booster generates 
and. as negative when, the booster motors. 

Also, in addition to what Mr. Graham brings up, if you 
want to carry things further and take up consideration of the 
variable-ratio or split-pole converter, the distortion of the flux 
causes motor or generator action depending upon whether the 
distortion factor A is less than, or greater than, unity. This 
is easily seer by averaging the armature reaction from the center 
of a main pole to the center of the next adjacent main pole. This 
average armature reaction, which is a measure of the torque, 
involves the expression [A/(l — f) — cos ip\; it thus depends 
upon the distortion of the field form, the mechanical torque on 
the shaft, and the relative shift between flux and brush.. Our 
equations are therefore rather general and easily extensible to 
other types of converters, although we specified that the scope of 
the paper was confined to consideration of the simple converter. 

T. T. Hambleton: I agree entirely with Mr. Shand that the 
complication involved in the formula which we have developed 
would render it unsuitable for ordinary everyday use. The 
formula we already have in use is good enough. 

There is another point of interest in addition to those men¬ 
tioned by Mr. Graham relative to armature heating. This is a 
comparison of the increase in armature copper loss of the con¬ 
verter and other machines carrying only alternating current as the 
power factor is lowered. 
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Fig. 2— Curve Showing Average Heating or Loss 
Constant for 6-Piiase Synchronous Converters for 
Various Values of Power Factor and Ratios of A-c. to - 
D-c. Power 

For values of the abscissa above 1.0 the conver ter performs some mechani¬ 
cal work (either externally or in overcoming rotational losses). For values 
below 1.0, some power is put in through the shaft. 

A curve may be drawn using power factor as ordinates and 
per cent increase in copper loss as abscissas. A few points on 
these curves are as follows: 



Converter heating 

A-c. machine heating 

Power factor 

(tap coil), per cent 

(all coils), per cent 

1.00 

100 

100 

0.97 

105 

100 

0.95 

190 

111 

0.90 

248 

123 

0.80 

375 

150 


This shows why the converter is essentially a unity-powor- 
factor machine and illustrates the danger of departing from 
specified power factors. 





Constant-Current Regulating Transformer 

Characteristics 

Special Tests Show Radical Differences From Conventional 

Assumptions 

BY H. C. LOUIS' and A. ALBAUGH' 

Member, A. I. E. E. Associate, A. I. E. E. 

Synopsis.—It has generally been assumed that the total losses of a circulating currents in the laminations and structural parts of the 
constant-current regulating transformer remain practically constant transformer, such as the cage. Exploring coils and iron.filings were 
for all loads. Performance and test calculations have accordingly used to investigate the amount and direction of the leakage flux, 
heretofore been made according to well-known conventional methods Performance specifications should be based on the actual total 
from the segregated losses determined from test or design data, losses for all loads and not on the conventional assumption of 
assuming total losses constant. Extensive tests described in the constant total losses, as has been done in the past, 
paper show, however, that these losses are not necessarily even It is pointed out that the characteristics described depend somewhat 
approximately constant, but for some transformers vary greatly with on the design, other features besides liberality in the use of materials 
the load, the total losses at light loads greatly exceeding those at full being of importance. Consequently, measures should be taken by 
load. designers to correct these undesirable characteristics as much as 

. The tests further show that the increased losses produce increased possible. Users not only desire the most highly efficient apparatus 
temperature rises at light loads, which may be sufficiently excessive to consistent with cost, but must- have apparatus of the highest reliability 
endanger the apparatus, although the same transformer may be able to under all possible conditions, which cannot be expected of constant- 
carry full load with normal temperature rise. current transformers endangered by excessive temperatures at light 

The increased total losses and temperature rises at light loads are loads. The characteristics discussed are, therefore, not only of 
shown to be due largely to the increase of stray load losses with theoretical interest, but also of considerable practical interest to both 
decrease of load, caused mainly by the leakage flux inducing excessive designer and user. 


T HE general theoretical principles usually accepted 
and applied to performance calculations and tests 
of moving-coil constant-current transformers have 
been based on certain conventional assumptions which 
have heretofore been generally accepted without 
question. It has generally been assumed that the total 
losses of a. constant-current transformer remain prac¬ 
tically constant for all loads, that is, for all coil positions. 

The reasons for this are based on simple fundamental 
considerations. Inasmuch as the applied voltage 
remains constant for all loads, and the resultant mag¬ 
netic flux nearly so, it seems reasonable to assume that 
the core loss should also remain practically constant. 
Furthermore, inasmuch as the current in both primary 
and secondary remains practically constant, changes of 
load being changes in secondary voltage effected by 
variation of leakage reactance with position of the 
coil producing power factor changes only in current, the 
copper losses should also be practically constant. It 
was also assumed that the stray load losses did not vary 
greatly with the load. 

The more exact reasoning leading to the assumption 
of constant losses is that the iron loss and copper loss 
both vary somewhat, but in such a way as to keep the 
total losses practically constant. Under the condition 
of full load, the magnetic leakage is a minimum, the 
entire magnetic circuit is excited to nearly its maximum 
density, and the core loss a maximum. At reduced 

l. Both of the Consolidated Gas, Eleetrie Light and Power 
Co., Baltimore, Md. 
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loads, more of the flux passes across the open space 
between the legs, thus reducing the flux in parts of the 
core, consequently, decreasing the core loss. So the 
core loss would be greatest at heavy loads, and slightly 
lower at light loads. Considering the copper loss, the 
P R component remains constant, but the eddy current 
component is less at full load and slightly greater at 
light loads. On this basis the total losses would he 
practically constant for all loads. 

Performance and test calculations were therefore 
formerly made according to well-known conventional 
methods from segregated losses determined from test or 
design data. The segregated losses were determined 
under conditions corresponding to full load, and the 
values thus determined used as the losses for other loads 
as well as for full load. 

Actual Characteristics Differ Greatly from 
Theoretical 

Tests made by the writers, however, showed that the 
total losses were not necessarily even approximately 
constant, but for some transformers varied greatly with 
the coil position and consequently the load. In most 
cases the losses at light loads were found to greatly 
exceed those at full load. This condition is contrary 
to the usual performance of most electrical machinery. 
This increase of losses with decrease of load is plainly 
shown in Fig. 1. 

This deviation of actual performance from that 
conventionally assumed is not only cf theoretical in¬ 
terest but of great practical significance to both manu¬ 
facturer and operator. It means that the losses at. light 
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loads are much greater than supposed, consequently the 
cost of supplying these losses appreciably increases the 
cost of current supplied to series lamps. It makes it 
desirable for users to operate constant-current trans¬ 
formers close to full load but this is not always practical 
under actual conditions. 

(' Standard tests and manufacturers' guarantees have 
been based on the assumption of constant losses. This 
has given misleading fictitious values for the losses and 
efficiences at the lower loads. Referring to Fig. 1, at 



Fig. 1—Actual and Conventionally Assumed Variation 
or Total Losses in a Constant-Current Transformer with 
Load 

full load the losses are two kw. and the efficiency 96 per 
cent according to both methods. At one-quarter load, 
the actual loss is four kw., that is, twice that assumed 
by the conventional method, and the actual efficiency is 
76 per cent as against 86 per cent based on the conven¬ 
tional method. 

Temperature Characteristics Unusual 

Another consideration which is exceedingly important 
is the effect on the temperature rise of the transformer. 
The increased losses will produce increased temperatures 
at light loads, which may not only exceed the tempera¬ 
ture guarantees, but may endanger the apparatus. 
Conventional temperature tests on constant-current 
transformers were formerly made under conditions 
corresponding to full load. Tests made by us, however, 
showed that temperature rises were higher at light loads 
than at full load due to the greater losses at light load. 
Transformers which have satisfactorily passed the 
standard temperature tests may develop excessive 
temperatures at light loads. This is shown in Fig. 2. 
This condition is contrary to our usual experience with 
electrical apparatus, which is that temperature rises are 
ordinarily greater at heavy loads than light loads. 

Due to the arrangement of circuits, changing load 
conditions and necessary spare capacity allowances, it is 
not always practical to run all constant-current trans¬ 
formers at full load, but many of these must be run at 
light loads. Consequently, some of these may overheat 
and ultimately break down, even though they may be 
able to operate satisfactorily at full load without reach¬ 
ing excessive temperatures. The transformer of Fig. 2 


shows a temperature rise in the iron of 55 deg. cent, at 
full load, which does not exceed the normal allowable 
limit. At one-half load the rise is 86.5 deg. cent, and at 
one-quarter load the rise is 93.5 deg. cent, which greatly 
exceeds the allowable limit. 

Factors Affecting These Characteristics 

This variation of losses with load is more marked in 
some transformers than in others, depending somewhat 
on the design. As some of the older transformers were 
designed along very liberal lines, this variation was so 
small comparatively, as to justify the assumption of 
constant losses. The variation is most marked, how¬ 
ever, in modern designs in which materials are worked 
to tffe limit, a condition typical of modern design in 
general, brought on by economic necessity and the stress 
of competition. 

Liberality in the use of materials is not the only factor 
affecting the performance as described, but there are 
other factors which play an important part. We made 
a number of tests trying to analyze some of these, and to 
find some of the underlying causes and provide a theory 
to account for some , of the particular characteristics 
described. 

Stray Load Losses 

The results of our tests indicate that the stray load 
losses are mainly responsible for the effects described. 
The leakage fluxes vary greatly in amount with the 
load, causing the stray load losses to increase greatly 
with decrease of load. In some cases these may equal 
or exceed the total of the other losses. In most elec- 



Fig. 2 —Effect of Load on Temperature Rise of Constant- 
Current Transformers 

trical apparatus the stray load losses, which are small at 
light loads and greatest at heavy loads, are usually 
considerably less than the other losses. 

The direction of the leakage flux has a very important 
bearing. As shown in detail later on, the leakage flux 
leaves the laminations not only by the edges, but a 
large proportion of it leaves from the sides perpendicular 
to the plane of the laminations, producing a heavy eddy 
current loss in these, with consequent heating. 
Furthermore, this is the part of the leakage flux which 
is most likely to encounter in its path metallic struc- 
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tural parts of the transformer, thus producing eddy 
currents in these parts. Fluxes leaving in the direction 
of the edges will produce comparatively small losses of 
this nature. 

The total effect will therefore depend greatly upon 
the distribution of leakage flux resulting from the 
design. As the leakage flux increases with decrease of 



Fx«. 3-.Ewiser of Cage on Operation of Constant- 

Current Transformer 

load, a transformer in which much of the leakage flux 
passes from the sides of the laminations will show 
greatly increased, losses of this nature at light loads. 

A marked example of losses in structural parts of a 
constant-current transformer was the stray load loss in 
the protective cage, which was greatest at light loads, 
tests showing the large value of % kw. When the cage 
was removed, this cage loss was eliminated. Fig. 3 
shows how the cage affected the total losses and the 
efficiency for various loads. 

Thispnarked variation of large stray load losses with 



Fjg. 4 Wiring Diagram of Constant-Current Trans¬ 
former Test showing .Meter Connections and Method 
of Loading 

load will therefore largely account for the great variation 
of total losses with load characteristic of some constant- 
current transformers. When the stray load losses are 
comparatively small the conventional assumption of 
constant losses is reasonably correct. However, when 
these are comparatively large the total losses will 
increase noticeably with decrease of load. 


Efficiency and Loss Tests 

Efficiencies and losses were determined by input— 
output method, tests being made on different makes and 
sizes of transformers at various loads and voltages. 
The scheme of connections used during the tests is 
shown in Fig. 4. This gave good control of voltage and 
load. Due to the use of transformers in the secondary 
circuit, the power factor in this circuit was slightly less 
than unity. The main effect of this was to materially 
reduce the maximum capacity of the transformer. 

However, as long as the secondary power factor was 
kept nearly constant throughout a particular test from 
no load to full load, the characteristics of the trans¬ 
former were not altered. 

The transformers tested were rated at 6.6 secondary 
amperes and at either 2300 or 2540 volts primary. 
Most of the tests were made on 60-cycle transformers 
at an actual frequency of 62.5 cycles, this being the 
frequency of our nominal 60-cycle system. A few tests 
were also made on 25-cycle transformers. 

Readings were taken of voltage, current and kw. on 
both primary and secondary side, meters being read as 



Pig. 5—Tyfioae Performance Curves of Constant- 
Ou rr iont Transfo rm e r 

closely as possible. Although absolute accuracy is not 
claimed for the instruments used and methods of mea¬ 
surement they were of sufficient practical accuracy for 
the purpose. * This was shown by the general consis¬ 
tency of the loss measurements, and by the fact that the 
temperature runs gave results in line with the loss 
measurements. For example, as wattmeters are more 
subject to error at low power factors than at high power 
factors, the wattmeters on the primary side would tend 
to show higher losses at light loads than full load, due to 
the much lower power factors. However, not only was 
the actual possible error due to this cause far from being 
large enough to account for the great increase of losses 
shown by our results, but the greatly increased tempera¬ 
ture rises actually measured proved that these repre¬ 
sented actual additional losses rather than errors of 
measurement. 

Efficiencies, power factors, and losses were calculated 
from the readings. Fig. 5 shows typical performance 
curves determined by actual test. 
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Temperature Tests 

Temperature tests were also made on different makes 
and sizes of transformers under various conditions of 
load and voltage, to determine the effect of the load 
carried upon the temperature rise of various parts. 
These temperature runs were made with the same 
scheme of connections as for the efficiency tests shown 
in Fig. 4, that is, with test conditions the same as actual 
load conditions. 

Temperatures were measured by means of ther- 



Fig. 6—Maximum Temperature Rise in Constant-Current 
Transformer Operating at One-Quarter Load 

mometers and thermocouples placed in numerous loca¬ 
tions on the iron core and the primary and secondary 
coils. The maximum iron temperatures were found to 
be on the center leg of the iron core, on the side parallel 
to the sides of the laminations, somewhere between the 
primary and secondary coils. Typical temperature 
rise curves are shown on Fig: 6. It will be noted that 
the floating coil of this transformer shows a temperature 
rise of 65 deg. cent, at x /i load, whereas it had previously 
shown a temperature rise of only 55 deg. cent, at full 
load. 

Exploring Coils used to determine the Amount 
and Characteristics of the Leakage Flux 
Exploring coils consisting of several turns of small 
wire were wound around each of the three legs of the 
transformer. These coils were so arranged that they 
could be moved up and down the core. The voltage 
induced in these windings is a measure of the amount 
of flux at that particular point in the iron core. 
Moving the exploring core further up and further 
down the coil showed a change in voltage in the 
coil which represents an increase or decrease in mag¬ 
netic flux in that core. The results obtained with the 
use of these exploring coils are shown in Fig. 7. It can 
be noted from the curves on Fig. 7 that the rate of 
change of flux throughout the entire distance between 
the primary and secondary coils is practically uniform. 
This means that the leakage flux leaving a narrow 
section near one coil, say on short circuit, is practically 
the same as the flux leaving a similar narrow section 
near the other coil. It was found from these tests that 
the flux per unit section between the primary and 
secondary coils was the same regardless of the position 
of the moving coil, provided, of course, that the primary 
voltage and secondary current and power factor were 
held constant. 


To determine the amount of leakage flux leaving the 
core perpendicular to the core laminations, exploring 
coils were wound on the face of the sides on both the 
center leg and the two outside legs of the iron core. The 
voltage obtained on these cores is an indication of the 
amount of flux entering or leaving that portion of the 
circuit. When reduced to a unit area basis, it was found 
that the leakage flux leaving the center core perpendicu¬ 
lar to the laminations was, in most cases, 45 per cent or 
more of the total leakage flux. The total leakage flux 
entering the two outside legs perpendicular to the 
laminations was only 25 per cent of the total trans¬ 
former leakage flux. 

The fact that so much flux leaves the center core 
perpendicular to the laminations accounts for the high 
temperatures found on that portion of the iron core and 
for at least some of the increased losses with decreased 
load, this being due to the fact that much more leakage 
flux occurs at no load than at full load. 

Using a small exploring coil about one in. in diameter, 
the passage of the flux from the center leg to the out¬ 
side leg was traced. With this coil it was found that a 
considerable portion of the leakage flux passes through 
the region normally occupied by the expanded metal 
protecting cage around the outside of the transformer. 
The amount of this leakage flux is sufficient to cause 
considerable induced currents in the screen. Careful 
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Fig. 7—Flux Densities in Cores of Constant-Current 
Transformer when Short-Circuited 

measurements made on different transformers showed 
that in maximum conditions, the loss in the cage may 
amount to as much as 20 per cent of the total losses 
measured. This maximum loss occurs at short circuit 
when the leakage flux is greatest. As the load increases 
and the coils come closer together the loss in the screen 
is decreased slightly. 

Flux Distribution Shown by Iron Filings 
The flux distribution was also studied by means of 
iron filings spread on paper placed around the core. 
Photographs of these were taken, Figs. 8 and 9 showing 
preroductions. These show the flux distribution in the- 
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air-gap between the center leg and outer legs of the core 
for two different transformers under load. The iron 
filings show how the flux leaves the center core and 
travels to the outside legs. Both of these show that 
not only does the flux pass from the edges of the center 
core to the outside legs, but a large amount of flux leaves 
the center core practically perpendicular to the lamina¬ 
tions. On the other hand, on the outside legs, the 
greater proportion of this same part of the leakage flux 
passes around and enters at the extreme outside edges. 
That is, the leakage flux path to the outside legs is 



Fig. 8—Direction of Leakage Flux in Constant- 
Current Transformer under Load Illustrated by Means 
of Iron Filings 

mainly to the inner and outer edges, the proportion of 
flux entering perpendicular to the laminations being 
considerably less than that in the center leg of the core. 

Conclusions 

X. The results prove conclusively that the total 
losses of a constant-current moving-coil transformer are 
not constant, but may vary greatly with the load, 
increasing with decrease of load. 

2. The increased losses at light loads may be suf¬ 
ficient to cause excessive and dangerous temperature 
rises in a transformer at light loads, although the same 
transformer may be able to carry full load with normal 
temperature rise. 

3. This increase of total losses and increased 
temperature rises at light loads are due largely to the 
increase of' stray load losses with decrease of load, 
caused mainly by the leakage flux passing from the core 
perpendicular to the sides of the laminations. These 
induce excessive circulating currents not only in the 
laminations themselves but in structural parts of the 
transformer, such as the cage. 

4. Performance specifications, in order to be correct, 
should be based on the actual total losses for all loads. 
The conventional methods hitherto used, based on 
constant total losses give highly misleading results. 
More attention should be given to the framing of 
specifications which should include such details as are 
necessary to show the true characteristics of the 


transformer, and to enable its fitness for particular 
operating conditions to be determined. 

Some constant-current transformers are equipped 
with a light-load tap, which accomplishes reduction of 
secondary voltage by a change of ratio. This reduces 
the leakage flux and resulting stray load losses for a 
given load. While such a tap can be used to advantage 
under some conditions, tap changing is not always 
practical, such as under changing load conditions due to 
shifting of circuits. Specifications should not only 
cover the performance for the reduced capacity tap as 
well as for full winding, but should also clearly indicate 
on which each part is based. Some specifications do 
not indicate whether the performance at light loads is 
based on the full winding or on the reduced capacity tap. 

5. Measures should be taken by designers to correct 
as far as possible the undesirable characteristics 
described. Aside from a more liberal use of materials, 
it should be possible to accomplish much by other 
design features A few possibilities are here suggested. 
The loss in the metallic cage can be eliminated by 
replacing this by a non-metallic guard. Losses in the 
laminations can be reduced by making these narrower. 
The use of a cruciform core, if practical, would also 
reduce the losses in the laminations by providing edges 
for the flux to leave in all directions thereby reducing to 
a minimum the flux leaving perpendicular to the sides 
of the laminations. 

In this connection it is desired to point out that the 
extra cost of a properly designed constant-current 
transformer may be offset by the savings which will 



jp ig _ g—S econd Illustration of Leakage Flux by Means 
of Iron Filings Showing How This Leaves the Sides as well 
as the Inside and Outside Edges of the Laminations 

result from reduced losses. It may also be possible to 
get the desired characteristics without materially 

increasing the cost of the transformer. 

Aside from the savings in losses, continuity of service, 
which is of special importance in street lighting service, 
requires reliability in - operation of all equipment sup¬ 
plying this service. Such service is endangered by 
using transformers which may break down due to heat¬ 
ing on light loads. 
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Discussion 

E. D. Treanor: The authors’ criticism of the conventional 
method of stating the characteristics of constant-current trans¬ 
formers is possibly justified in that this method was indefinite 
and allowed the possibility of misinterpretation by the purchaser 
and of neglect by the manufacturer. The assumption that the 
losses remain essentially constant at all loads was of course 
known to be not strictly accurate, but the method was of long 
standing and thought to be satisfactory for transformers which 
were usually operated hear full load or on taps which approximate 
full-load conditions. It was' a convenient assumption because 
it simplified and reduced the costs of tests and gave accurate 
results at the point of usual loading. 

It seems to me that the most important point in the paper is 
the viewpoint that there is sufficient use of such transformers at 
quite low loads to justify more attention to light-load losses, 
as it is suggested that better characterisics may even justify 
increased cost if they cannot be obtained without it. On this 
basis the suggestions for improvement made by the authors and 
other possible methods should of course be studied to determine 
whether they are feasible economically on transformers which 
are now in somewhat limited use. It would seem quite difficult 
to prove that it is economical to operate constant-current trans¬ 
former at half load or less even at the assumption that the losses 
remain constant. 

Whore the general data of the company with which I am 
affiliated have been made on the so-called theoretical basis, this 
has been very plainly stated, but in order to avoid any possi¬ 
bility of confusion such data will in the future bo placed on the 
basis of input-output measurements and it will bo shown where 
the data are based on normal windings and whore on taps. 

One other point is suggested as a possible danger from increas¬ 
ing light-load losses, that is, high temperature in coils or core 
structure. These transformers have not as yet been specifically 
covered by standardization rules of the Institute. Temperature 
limits, of course, should be considered with reference to the partic¬ 
ular apparatus involved and the location of the heated portions 
with respect to insulation. Until such rules are laid down, the 
best guides would seem to be general information on other 
apparatus and experience on particular transformers. The 
maximum temperature reported at extremely low loads, while 
undesirably high, should not bo injurious to the transformers 
which have been carefully designed to keep organic material 
from exposure to points of maximum temperature on metallic 
parts. The temperatures shown are not generally representative 
of modern designs. 

There should be no difficulty in covering desired characteristics 
in losses and temperature by specifications so definite that no 
confusion can arise. However, when operating conditions 
compel the use of constant-current transformers at so much less 
than their normal load that the taps provided will not give 
reasonable characteristics, it would seem that the economical 
thing would be to provide transformers of a proper rating oven 
if the larger transformer has the same lossos at all loads. 

J. B. Gibbs: It is well known that constant-current regulat* 
ing transformers depend for their operation on the leakage 
flux between coils. This knowledge lias enabled us to design 
and build regulators which operate satisfactorily and oven to 
predict with good accuracy the reluctance of the average path 
which the magnetic leakage flux must follow. It has remained, 
however, for the authors of this paper to make a detailed study 
of the path of the leakage flux and of its effect on the regulator 
operation. 

The ampere-turns in the winding of a constant-current regula¬ 
tor, or of any other transformer for that matter, cause a difference 
in magnetic potential between different parts of the iron circuit. 
This in turn causes a leakage flux to pass from one part to the 
other through the air space between the coils. The amount of 
this leakage flux depends upon the ampere-turns which produce it 


REGULATING TRANSFORMERS Transactions A. I. E. E. 

and on the length and area of the average path which it must 
traverse. If a constant-current regulator is to go to short 
circuit without an increase in secondary current, the designer 
must make the total leakage flux when the coils are at their 
position of maximum separation as great as the total flux in¬ 
duced in the regulator. The leakage leaves from the central 
core of the regulator in every direction, and quite a largo part of 
it leaves in a direction perpendicular to the plane of the lamina¬ 
tions. This part, of course, must pass directly through the outer 
laminations and it sets up considerable losses. The losses 
naturally depend upon the amount of iron affected, that is, 
upon the distance between the primary and secondary coil, 
and they are greater, as the authors have pointed out, under 
no-load condition. Under certain conditions, the temperature 
qf the iron may be relatively high, especially under the no-load 
condition. The highest temperatures arc usually confined to 
small parts of the iron, though, and it should be pointed out that 
the coils of this type of transformer are not wound on the iron; 
they are wound on a heavy insulating tube, and this is further 
separated from the iron by an air space. I never have hoard 
of a case of damage to the coils on account of the temperature of 
the iron. In fact, all our tests seem to indicate that although 
the iron at certain points may become hot, the wire nearest to 



PRIMARY VOLTS 

Fid. 1 



PER CENT LOAD 
Fig. 2 


that iron is relatively cool. As to the coils themselves, the 
temperature test on such regulators is usually made with the 
secondary coil short-circuited and full voltage applied to the 
primary, which is the worst condition, as this paper shows. 
So that if the temperature test shows the (‘.oils at a safe tempera¬ 
ture, you may bo reasonably sure that the operating condition 
will show them at a still lower temperature. The authors’ 
remarks about temperature as applied to commercial constant- 
current regulators seem to me rather unduly alarming. 

The most desirable operating condition, as every one recog¬ 
nizes, is with full load on the regulator. This results in the high¬ 
est efficiency and the highest power factor. The 'present, paper 
shows also that it results in the lowest temperature. All these 
three factors operate in, the same direction. Hometimes the 
condition of the circuits demands that the regulator be operated 
at less than full load. If this is done, efficiency and power factor 
are sacrificed to a certain extent and the temperature is increased 
above what it might be, but it is not increased to a point where 
a good commercial regulator will be endangered either in opera- 
tion or in life. 

W. B. Kouwenhoven: As Messrs. Louis and Albaugh show, 
the losses are mainly caused by the leakage flux. This leakage 
flux will naturally produce a high temperature in the iron, but 
it is a surprise to me that the temperature of the secondary wind¬ 
ing should be as high as shown by the authors. I should like 
to know how the temperature of this winding was measured. 
Owing to the small current in the secondary, the size of the con- 
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duet or is relatively small and I should expect that the eddy cur¬ 


rents set up in this conductor by the leakage flux would be small. 

A. F. Hanuli: During the summer of 1925 we were testing 
same constant-current transformers and it had been our habit 
to use the over-all method for getting efficiency. Wo did not use 
the accepted A. L E. E. method, which means calculating the 
efficiency from the losses. The A. I. E. E. rules apply specifically 
to constant-potential transformers and were not suited for this 
purpose; and the paper and also the previous speakers have 
pointed out ;wlvy those rules do not cover constant-current 
transformers. Wo hope that in the future revision of the stand¬ 
ards, this thing will be taken care of. 

In our tests the errors in efficiency were not quite as much as 
pointed out. by the authors, namely, in Fig. 1 of the paper we 
(hid about, a 10-por cent difference at 25-por cent load. In our 
tests we found discrepancies of about 1 l A to 5 percent in various 
transformers. The transformers we tested word oil-cooled, 
10-kv-a. modern transformers. 

I should like to ask the actual magnitude of the stray-load 
losses. In our ease we found that the total losses varied by less 
than 20 per cent., whereas the st ray-load losses themselves varied 
by over 100 per cent; in other words, they were about J00 waits 
at full load and went, up to about 225 watts at light load. 

T should like to discuss an empirieal method which we have 
used for efficiency calculations, which apparently gives very good 
results. On a tost of six transformers, wo have boon able to come 
wit hin better than 1 per cent of the over-all method. 

One thing, of course, to he kept in mind is that the entire 
core of the constant-current transformer is not excited to the same 
flux density. 

In the new method wo have assumed, arbitrarily, that one-hall 
of the core is excited to a flux density corresponding to the pri¬ 
mary voltage, while the other half is excited to a flux density 
corresponding to the secondary voltage. The total core loss at 
any load can therefore be obtained from the accompanying 
Fig. 1, which represents core losses at various voltages with open- 
circuited .secondary. Fig. 2 represents the total core losses ob¬ 
tained from Fig. I, following the above assumption. 

'Faking for instance the cast) of full load, the core loss is 95 
watts, made up of 72 watts (half the core less occurring at 
primary voltage 2500 volts) and 25 watts (half the core loss 
occurring at full load secondary voltage—1555 volts). Similarly 
at. no load, the core loss is taken, to be only 72 wafts, as then' is 
practically no voltage across the short-circuited secondary. 

The next, thing to calculate is the stray-load loss. This can 
bo obtained from the short-circuited i mpedanco test made with the 
two ext rente positions of the coils: first, with the coils locked close 
together and second with the coils away from each other as far 
as possible, corresponding to the full-load and the no-load posi¬ 
tions respectively. 

From the two values of losses so measured we obtain the stray- 
load losses by subtracting the d-c. /“ /flosses involved and also 
the core losses which are obtained from Fig. L This last step 
is essential because contrary to the case of constant-potential 
t ransformers considerable voltage is necessary to perform a short- 
circuit test on constant-current transformers. 

The t wo values of stray-load losses so obtained are plotted in 
Fig. 5. 'Fhe straight line joining them gives Hie stray-load losses 
at, various loads, if we assume that the coil displacement is a 
straight-line function of the load. This assumption is really 
fair, because the stray-load losses actually vary as the curve 
in dotted line superimposed on the straight line in Fig. 5. 

The total losses of the transformer can therefore bo obtained 
by adding to the d-c. /" It losses (constant for all loads) the 
core losses as obtained from Fig. 2 and the stray-load losses as 
obtained from Fig. 5. 

The efficiency is then calculated in the usual manner. 

H, (I. Louis ami A. Albaughs The question or loading 
const ant-current transformers is a very serious one, especially 
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when circuits are growing. In this case, it is necessary to provide 
certain spare capacity in the transformers. This capacity, el 
course, will vary with the assumed ultimate size of the circuit. 
So that to prepare for the final condition, transformers of ap¬ 
parently excessive size are often used. 

Another reason is that when station-typo transformers are 
used, it is highly advantageous to have them all of the same size, 
thereby providing the greatest, standardization and flexibility. 
Some of the circuits for those transformers, therefore, will lie 
more heavily loaded than others. 

Regardless of the loading of these t ransformers, it is important 
that their characteristics lie thoroughly understood by operators 
and designers and the main object, of this paper is to present, the 
most import ant, of these characteristics. 

Mr. Treanor mentioned that, the temperatures shown in the 
curves are not generally representative of modern designs. 
The temperatures shown are fairly representative of the latest, 
design station-type air-cooled constant,-current transformers. 
However, oil-cooled transformers have lower temperature due to 
the presence of the cooling oil. 

The advantage of taps on constant-current transformers is 
questionable. Some of our tests show that although operating 
on a lower capacity tap, the transformers do not have a higher 
efficiency than when operating at the same load on the full- 
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capacity tap. At light, loads on the low-capacity tap, losses 
were found to be actually higher than on the full-rating commo¬ 
tion. The main advantage of the tap is the slightly higher 
power factor obtained. 

Mr. Gibbs mentions that temperature tests are usually made 
with the secondary coils short-circuited and full primary voltage 
applied. Under these conditions, the temperature rise will bo a 
maximum, but, considerable care must, bo taken in these tests t o 
locate the hottest parts, especially in oil-cooled transformers. The 
hot-spot temperatures of tho>o transformers may be sufficiently 
high to cause sludging and for this reason, should be located. 

Dr. Komvonhoven’s question about the temperature rise in the 
coils, is an interesting one. Undoubtedly, the great amount of 
leakage flux causes eddy-current losses in the copper conduct ors 
which will vary somewhat, with the load and thus affect the tem¬ 
peratures. However, the copper temperature variation noted 
was mainly due to radiation and convection of heat from the 
iron core/ The temperature of the coils on the transformers 
tested was measured by means of thermometers and thermo¬ 
couples applied directly to the coils. Temperatures by rise of 
resistance measurements were taken but as these gave only the 
average temperatures and not the maximum temperatures, 
they were not, used in the paper. 

In reference to the losses, wo have made some attempts to 
segregate them but the results were not very satisfactory. The 
stray-load losses at full load on 50-kw. air-cooled station-type 
transformers amount to approxmatoly 400 watts out, of a total 
loss of about 1800 watts, while at short circuit,, the stray-load 
losses amount to 2400 watts out, of a total of 5500 watts. Of 
course, we are not certain of these values and do not put much 
dependence in them. They were worked up only in order that 
wo might reach some conclusion for the apparent, increase in 
losses of the transformer with decreased load. 
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Synopsis. —In the case of high-speed turbine generators, the 
'.cost reliable means of determining the losses under actual operating 
conditions is to measure the weight and temperature rise of the. cool¬ 
ing medium and to estimate the small part of the losses which is 
dissipated from the frame to the surrounding medium. The tem¬ 
perature rise of the cooling medium can be obtained by means of 
temperature detectors located at the inlet and outlet sections of the 
generator. In order to obtain reliable values of the average tempera¬ 
ture rise for the machine, it is necessary to have approximately 
uniform velocities at both inlet and outlet sections and to measure the 
temperature rise at a large number of incremental sections. 

The volume of cooling medium passing through the machine can 
be determined by (a) introducing a definite amount of heat energy 
into the cooling medium and measuring its temperature rise, or 
( b ) measuring the mean velocity head at the outlet section of a 
properly designed stock. 

Loss tests were made on five 3600-rev. per. min. turbine generators 


when operated as synchronous condensers. In the case of these 
machines, the additional losses including the increase in core 
loss at full kv-a. and zero per cent power-factor load varied from 
3 to 22 per cent of the total losses. This corresponds to approxi¬ 
mately 0.14 to 1.0 per cent of the generator input. The additional 
losses as measured under sustained short-circuit conditions were 
from 5 to 10 per cent less than the corresponding values for full 
kv-a. at zero per cent power factor. 

It is suggested that data can be obtained for predetermining the 
magnitude of the total additional losses by measuring the loss in 
each structural part and determining graphically the magnetizing 
flux which produces it. The magnetizing flux distributions at 
different parts of the machine were plotted, for different ampere-turn 
relations. 

Additional studies are being made on methods of calculating 
the magnitude of the, additional losses and the, increase in core loss 
with load. 



T HE losses of a synchronous machine, when 
operating under no-load conditions, can be ob¬ 
tained with a satisfactory degree of accuracy 
by measuring: (a) the electrical power required to 
drive it; (b) the mechanical counter torque developed 
by it; or (c) the retardation of the rotor when the driving 
power is suddenly removed. In general, the particular 
test method which should be used depends on the type 
of machine under consideration and the local conditions 
which are associated with it. In the case of a high¬ 
speed steam turbine generator, it is preferable to operate 
it as a synchronous motor and measure the electrical 
input. The power factor of the load can be adjusted 
to unity, practically, so that the electrical input 
measurements can be made very accurately. This 
method eliminates the necessity of correcting for the 
coupling, and for motor losses when a separate driving 
motor is used. It has an outstanding limitation when 
applied to steam turbine generators, however, in that 
such machines are not usually adapted for self-starting 
as induction motors, but must be brought up to speed 
synchronously with an isolated generator set. In 
connection with large steam driven turbine generators, 
it is well to call attention to the fact that the direct- 
connected auxiliary generator furnishes a satisfactory 
means of driving the main generator and thus makes it 
relatively easy to measure the magnitude of its no-load 
and short-circuit losses. In the case of low-speed 
generators, the excitation loss is an appreciable per¬ 
centage of the total losses; consequently, a direct- 
connected exciter, when available, can be used as a 
source of driving power for determining the no-load and 
short-circuit losses. With larger water-wheel driven 
generators which have large fly-wheel effect, the re- 

1. Both of the Westinghouse Elec. & Mfg. Co. 

Presented at the Winter Convention of the A. I. E. E., New 
York, N. Y., February 7-11,1927. 


tardation method offers a satisfactory means of de¬ 
termining the no-load and short-circuit losses 2 . 

Various satisfactory methods have been derived for 
separating the total measured value of the no-load 
losses into the two principal components of (a) windage 
and friction, and (b) iron loss. Since the total value of 
the no-load losses can be accurately determined and 
segregated into the respective components, it is a rela¬ 
tively simple matter to estimate the magnitude of the 
no-load loss components quite accurately, provided the 
loss constants are based on test results from similarly 
proportioned machines. Obviously, this method of 
calculation is limited by the actual test data which are 
available. With the more analytical and scientific 
method of calculating the losses, it is necessary to make 
an exhaustive study of the effect of the different vari¬ 
ables involved and then determine the necessary con¬ 
stants from tests on actual machines or models which 
reproduce the conditions that exist in the machine. A 
large number of such investigations has been and is 
being made by different individuals, organizations, and 
manufacturing companies, so that, so far as the no- 
load losses of synchronous machines are concerned, the 
field is being rather thoroughly investigated. 

Synchronous Machines Under Load Conditions 

When a synchronous machine delivers or receives 
current at constant terminal voltage and definite 
power-factor conditions, the flux and ampere-turn 
relations are appreciably different from the conditions 
which exist at no-load on account of the leakage 
reactance and demagnetizing action of the armature 
winding. Consequently, the armature current not 
only introduces other losses, but the iron and excitation 
losses are higher than at no-load. The friction and 
windage losses can be considered, for all practical 

2. See Bibliography, 1. 
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purposes, constant at all loads, provided the air and 
speed conditions are not changed. The losses intro¬ 
duced by the armature current are the armature 
copper loss based on d-c. resistance and the additional 
losses which are produced in the materials of the main 
magnetic and electric circuits and in materials which 
are in close proximity to the armature winding. The 
excitation loss under different load conditions can be 
calculated or measured with a satisfactory degree of 
accuracy. The d-c. resistance of the armature winding 
can be satisfactorily measured under load conditions 
and thus the d-c. armature copper loss can be obtained. 
The question of increased copper loss due to the non- 
uniform distribution of the current in the armature 
conductors has been, thoroughly investigated by dif¬ 
ferent writers, and it can be assumed that this portion of 
the additional loss can be calculated with a satisfactory 
degree of accuracy. 11 The question of increased iron 
loss due to load will be considered in a later article. 
Several studies have been made by European writers 
in regard to the calculation and measurement of 
generator losses under load conditions. 4 But the data 
which were obtained apply particularly to machines of 
European design proportions. The design proportions 
and construction of European machines are widely 
different; from present American designed machines and 
the additional losses are probably widely different in the 
two types of machines. The principal purposes of this 
article are (a) to discuss methods of measuring the 
losses of high speed synchronous machines under load 
conditions; (b) to give results of loss measurements on 
four, MOOO-rev. per. min. turbine generators; and (c) to 
segregate the losses into the different components so as 
to ascertain the magnitude of the total additional losses. 

Methods of Measuring the Losses of Steam 
Turbine-Driven Generators under Load 
Conditions 

The loading-back and calorimeter methods are the 
two outstanding means of measuring the losses of high¬ 
speed synchronous machines under different load 
conditions. In the loading-back method two duplicate 
machines, which are electrically and mechanically 
coupled together, are driven at; synchronous speed. 
When one unit; operates as a motor and the other as a 
generator at definite current, voltage and power-factor 
conditions, the only power required from an external 
source is that which is necessary to supply the losses of 
the (wo units. With this method of test, the total 
losses of the two machines can be measured with a 
satisfactory degree of accuracy, but there is question in 
regard to the division of the losses on account of the fact 
that the two machines do not have the same excitation 
and consequently do not have the same internal flux 
conditions. This method has the further limitation m 
that two machines are required and a complicated 

b. Set* Bibliography, 2, b, 4. 

4. Hoc Bibliography, ft, 9,7. 


coupling or frame shifting mechanism is required if it is 
desired to operate at different power factors. 

With the calorimeter method, the losses of the 
machine are determined by measuring the weight and 
temperature rise of the cooling medium. Obviously 
this method is only applicable to machines with forced 
ventilation, such as rotating machines and water- or 
oil-cooled transformers. When such an electric 
machine is operating at any given load condition, and 
constant temperatures have been reached, a major 
portion of the losses within the frame is carried away by 
the cooling medium, and the remainder is dissipated to 
the medium surrounding the frame of the machine. In 
the case of steam turbine driven generators, the mag¬ 
nitude of the loss to the cooling medium can be mea¬ 
sured quite accurately and the small part of the loss 
which is dissipated from the frame to the surrounding 
medium can be estimated with a sufficient degree of 
accuracy to make this method the most reliable one for 
this class of machines. If the machine has a closed 
circuit ventilating system and the surface type of cooler 
for the cooling medium of the generator, the loss given 
up by the cooling medium can be obtained by measuring 
the weight and temperature rise of the water passing 
through the surface cooler. In addition to estimating 
the loss dissipated from the frame of the machine, it is 
necessary in this case to estimate the portion of the loss 
which is lost by the cooling medium in passing from the 
outlet of the machine to the inlet of the cooler, and also 
the loss dissipated from the frame of the cooler. With 
these three corrections to make, instead of one, the 
magnitude of the error in the estimated portion of the 
losses is probably three times as great as in the previous 
case. Moreover, the energy transferred from the 
cooling medium to the water cannot be measured with 
as great accuracy as that from the machine to the 
cooling medium on account of the fact that (a) the 
temperature rise of the cooling water is only about 
one-fourth of that of the cooling medium in passing 
through the machine and hence, for the same numerical 
error in the temperature rise, the percentage error 
would be four times as great; and (b) equally reliable 
measurements of the temperature rise of the cooling 
water cannot be made on account of the difficulty of 
getting a sufficient number of accurate-reading tem¬ 
perature detectors in intimate contact with the water 
at the inlet and outlet sections of the cooler. In 
general, the direct measurement for determining the 
weight and temperature rise of the cooling medium is the 
simplest and most reliable calorimeter method _ of 
determining the total losses of steam driven turbine 
generators under any load condition. 

Measurement of the Temperature Rise of the 
Cooling Medium 

The temperature rise of the cooling medium can be 
obtained by measuring its temperature at the inlet and 
discharge sections of the machine or by measuring it 
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directly by means of differentially connected tempera¬ 
ture detectors. The measurement of the temperature 
rise of the cooling medium would be very easy to make 
if the temperature were constant at both inlet and dis¬ 
charge sections. In actual machines, neither the tem¬ 
peratures nor the velocities of the cooling medium are 
uniform at either the inlet or discharge sections of 
the generator. Consequently, in order to determine the 
average temperature rise of the machine, it is necessary 
(a) to divide the inlet and outlet sections into a large 
number of incremental sections and measure the tem¬ 
perature and the volume of the cooling medium which 
flows across each incremental section; or (b) to obtain 
uniform velocities at both inlet and outlet sections and 
then obtain the temperature at a sufficient number 
of incremental sections so that a simple algebraic 
average can be used. The latter is the preferable 
method to use on account of the fact that the velocity 
variable of the cooling medium is eliminated and the 
temperature rise can be obtained at a sufficient number 
of incremental sections by measuring the difference 
in e. m. fs. induced in thermocouple junctions or the 
difference in potential drops across resistance elements. 
Satisfactory results can be obtained by either type 
of detector provided the necessary precautions are 
exercised, and the choice of method will depend to a 
large extent on general preference and previous ex¬ 
perience. When the thermocouple type of detector 
is used, the number of junctions in series can be chosen 
such that the indicating instrument operates at the most 
accurate part on its scale. Rubber insulation should 
be used on the wires between junctions in order to 
eliminate erratic results due to short circuits and 
grounds which are usually experienced when less re¬ 
liable insulation is used. If the inlet air temperature 
periodically fluctuates over an appreciable range, the 
measured temperature rises will also be irregular 
because the pulsations are damped out or absorbed 
by the generator and do not appear to an appreciable 
extent in the outlet air temperature. The variation 
in inlet air temperature must be corrected for by taking 
a relatively large number of readings, or the temperature 
detectors must be compensated so that a close average 
temperature rise can be obtained. In order to damp 
out variations in the temperature rise after the machine 
has reached constant temperatures, thermal storage 
capacity should be added to the detector located at the 
inlet air section. From a theoretical consideration, 
the heat storage capacity of the detectors which are 
located at the inlet air section should be equivalent to 
that of the machine but actually the mass of the heat 
storage materials for the inlet detectors cannot be made 
very large without obstructing the air flow. Marked 
improvement can be obtained, however, by making the 
heat storage capacity of the detectors located in the 
inlet air stream as large as practical, without obstruct¬ 
ing or seriously disturbing the air flow. In order to 
obtain sufficient thermal storage capacity in the inlet 


detectors, and yet not interfere with the air flow, a 
satisfactory procedure is to measure the temperature 
rise between two arbitrarily chosen incremental sections 
at the inlet and discharge by means of a set of thermo¬ 
couples connected in differential series. Correction 
for the variation in temperature at both the inlet and 
discharge section can be made by measuring the tem¬ 
perature variation of all other points of each section 
with respect to the arbitrarily chosen reference points, 
by means of another set of thermocouples connected in 
differential series but which have no appreciable thermal 
storage capacity. 

Measurement of Weight or Volume of the Cooling 

Medium 

The calorimeter method can also be used to measure 
the volume of the cooling medium which passes through 
the machine. If a known amount of power is absorbed 
by the cooling medium and the corresponding tempera¬ 
ture rise is measured, the volume of the cooling medium 
can be calculated from its specific heat constant, 
barometric pressure, and absolute temperature. If 
air is used as the cooling medium the volume can be 
calculated from the following formula 5 . 

0.177 (273 -1- Ti) W 

y _----jr- ( 1 ) 

where V = the mean volume in the meter in cu. ft, 
per min., 

T i = the mean temperature in deg. cent., 

B = room barometric pressure, and approxi¬ 
mately the mean static pressure in the 
meter in inches of mercury, 

W = watts input to the air, 

T 2 = temperature rise of the air in deg. cent, 
due to W. 

In order that satisfactory values of air volume be 
obtained with this method of measurement, the following 
conditions and requirements must be fulfilled: 

a. Either uniform air velocities or uniform air tem¬ 
peratures must exist in the air stream at the sections 
where the temperature detectors are located, 

b. The heat input to the air stream should be uni¬ 
form over its entire cross-section, or else the air must be 
thoroughly mixed after heating so that uniform air 
temperature will exist at the outlet section, 

c. The temperature of the heating elements must be 
sufficiently low, and the lead arrangements such that 
the percentage of heat radiated and conducted from 
these elements is negligible as compared to percentage 
of heat input which is convected away by the air stream, 

d. The walls surrounding the air stream at the place 
where the heat is introduced should be insulated so 
that a negligible percentage of the heat input is dissi¬ 
pated to the surrounding atmosphere, 

e. A sufficient length of time should elapse, after the 
heat is ap plied, before making the temperature rise 

5. See Bibliography, 8. 
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measurements, in order for the walls, bus bars, and wir¬ 
ing connections to reach constant temperatures, 
f. The degree of accuracy in measuring the tempera¬ 
ture rise of the air should be comparable with the ac¬ 
curacy of the temperature rise measurement of the 
generator under load conditions. 

The volume of the cooling medium can also be 
obtained by measuring its velocity head at the dis¬ 
charge section. This necessitates the discharge of the' 
cooling medium from the machine from a nozzle or 
stack which must be designed so that the velocities .of 
the cooling medium at the outlet are .practically uniform 
and the direction of flow is normal to the outlet section. 
When the cooling medium is discharged directly into a 
large room, the discharge velocity heads for the 
incremental section of the outlet section can be mea¬ 
sured with an impact tube and an inclined pressure 
gage. From these -velocity head measurements the 
respective velocities can be calculated in feet per 
minute for any specific cooling medium. The deriva¬ 
tion of the formula for air as the cooling medium is as 
follows: 

p a velocity head in inches of water for any incre¬ 
mental section, 

a = area of any incremental section in sq. ft., 
v = velocity in ft. per min. for any incremental 
section, 

q ~ volume in cu. ft. per min. for any incremental 
section, 

0 = air temperature in deg. cent., 

T 273 + 0 = absolute air temperature, 

K ----- constant, 

a =• density of air in lb. per cu. ft., 
d barometric pressure. 

Subscript o indicates values corresponding to stand¬ 
ard air conditions which are assumed to be 25 deg. cent, 
or 298 deg. cent, absolute temperature, and a barometric 
pressure of 29.92 in. of mercury. Subscript 1 indicates 
values applying to an actual test condition, and sub¬ 
script i indicates values applying to intake air 
conditions. 


Then the total volume Q i at the outlet, is 

n 


Q i 




qi = 6 X 10 3 


\l 


Vp i 


( 2 ) 


273 + 01 

7i . ' . 

i 1 

Since the variations in temperature of the outlet air are 
small, practically no error in the total volume is 
introduced by considering r l\ constant tor all of the 
incremental sections. The total volume in terms of 
intake condition is 


Q { = Qi 


7\_ 6 X 10 3 ( 273 + 0j) 
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Since it is necessary to measure the temperature rise 
of the air passing through the machine, it is desirable to 
have the temperature at the outlet ol the stack the same 
as at the outlet of the machine. The loss of heat energy 
from the walls of the stack can be made inappreciable 
by applying a sufficient amount of cork and felt 


insulation. 

In comparing these two methods ol measuring the 
volume of air passing through steam driven turbine 
generators, both require practically uniform velocities 
at particular sections. The calorimeter method requires 
special wiring, and considerable care in the thermo¬ 
couple measurements. The velocity head, readings at 
the outlet section of the stack can be easily obtained 
and consistently repeated. The number.of points at 
which these pressures are read can he increased in¬ 
definitely and thus the accuracy of the results can be 
made as high as it is advisable to go. The number of 
thermocouple junctions cannot be increased beyond 
a particular value without restricting the air flow. 
The stack is simple to build, more sturdy, easier to 
maintain, and in general gives more consistent results 
than the calorimeter method of measuring air volumes. 
.Both methods will give reliable results provided the 
elements are properly designed and the necessary pre¬ 
cautions exercised in making the measurements. 

Loss Measurements on High Speed Turbine 


Generators 
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Temperature and loss measurements were made on 
live three-phase, 3600-rev. per. min., 80-per cent power- 
factor turbine generators with rating characteristics as 
indicated in Table I. The generators were operated as 
synchronous condensers, and the losses were, deter¬ 
mined by the calorimeter method for several different 
kv-a. loads. The power factor varied from 100 per 
cent at no-load to approximately zero per cent at 
100-per cent kv-a. load. 

The loss from the generator to the cooling air was 


a Vi 


calculated by the following formulas 
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KW i = Loss to the air in lew. 
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TABLE I 


Genera¬ 

tor 

number 

Rating j 


Kv-a. 

Volts 

Remarks 

1 

2500 

600 

Generator had same fan as generator No. 2. 
One conductor per slot type of stator 
winding. 

2 

. 3125 

2400 

Stator end plates of magnetic material. 

3 

3125 

2400 

Same as generator No. 2 except non-mag- 
netic end plates. 

4 

6250 

2400 

Axial system of ventilation. Armature 
punchings of medium loss steel. 

5 

6250 

2400 

Multiple path radial system of ventilation. 
Larger fan than on generator No. 4. Arma¬ 
ture punchings of low loss silicon steel. 


Q a = Air volume in cu. ft. per min. at standard 
temperature and barometric pressure 
conditions. 

6 = Average temperature rise of the cooling- 

air in deg. cent. 

The",loss dissipated from the frame by natural con¬ 
vection*, was calculated on the basis of a dissipation 
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constant of 0.012 watts per sq. in. per deg. cent, 
temperature difference between the surface of the 
machine and the surrounding air. 

KW t = 0.012 — S (d s — Q a ) ' (5) 

where 

KW<i = Loss in kw. dissipated from the surface of the 
frame, 

S = Effective dissipating surface of the frame 
in sq. in., 

6„ = Average temperature of the frame surface 

in deg. cent., 

d a •= Average temperature of the surrounding air 
in deg. cent. 

.The total loss within the frame of the generator is 
the sum of the two losses as defined above. 

The temperature rise of the cooling air for all of the 
machines was measured by means of thermocouples 
located at the inlet and outlet sections and connected 
in differential series. The volumes of cooling air for 
machines Nos. 1 to 4 inclusive were determined by the 


calorimeter method and Equation (1). Fig. 1 shows the 
type of calorimeter which was used to make the 
measurements. The volume of cooling air for genera¬ 
tor No. 5 was determined from the velocity head 
measurements at the outlet of a discharge stack and 
the calculations were made by using Equation (3). 
Fig. 2 shows the stack as assembled on this generator 
for the test. 



Fig. 2—Discharge Stack on Generator 


Separation of the Losses 
The total losses within the frame were separated into 
the following components: 

a. Air friction and fan loss, 

b. Iron loss at no-load, 

c. Field copper loss, 

d. Armature copper loss based on the d-c. resistance, 

e. Additional loss. 



Fig. 3—Showing Ratio of Loss to Load 
(Generator No. 1, 2500-kv-a., 600-volt, three-phase, 60-cyclo, 3000-rev. 
per min.) 

The total losses .of the machine at no-load and full 
voltage conditions, as obtained by the calorimeter 
method, checked very closely with the results which 
were obtained from the electric input measurements 
when the machines were operated as synchronous motors 
at no-load and 100 per cent power factor. The iron 
loss was separated from the total no-load loss by 
measuring the kw. input to the machine when operated 
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as a synchronous motor at 100 per cent power factor 
for several values of impressed voltage, and then extend¬ 
ing a curve of either the voltage or a function of the 
voltage vs. total kw. loss to the zero voltage line. 

The field copper loss was calculated from the measure¬ 
ments of the field current, and the voltage at the col- 


Both methods were used in determining the armature 
copper losses of these generators. The additional 
loss was obtained by subtracting the sum of the above 
losses, items a to d inclusive, from the total value of the 
measured loss within the frame for each generator. 
The total losses within the frame and the segregated 



Fig. 4—Showing Ratio op Loss to Load 


(Generator No. 2, 3125-kv-a., 3300-volt, three-phase, 60-cycle, 3600-rev. 


per min.) 


lector rings after constant temperature conditions were 
reached. The armature copper loss, based on the d-c. 
resistance of the winding, can be calculated with good 
approximation by estimating the average temperature 
of the winding from readings of imbedded temperature 
detectors on the ends and buried parts of the coils. A 



tp ig 5—Showing Ratio op Loss to Load 

(Generator No. 3. 3125-kv-a., 2300 -volt, three-phase, 60-cycle, 3600-rev. 
per min.) 


ser approximation can be obtained by measuring the 
istance of the winding immediately at the end of 
,j- tes t run By plotting the values of resistance 

dnst time* and extending thecurvebackto the instant 
time corresponding to the end of the test, the re 
lance of the winding at the final operating condition 
i be determined with a good degree of accuracy. 



Fig. 6—Showing Ratio op Loss to Load 
(Generator No. 4, 6250-kv-a.. 2400-volt, three-phase, 60-cycle, r 3G00-rev 

per min.) 


components are given in Figs. 3, 4, 5, 6 and <, as? a 
function of the per cent kv-a. load for all of the genera¬ 
tors. Fig. 8 shows the variation of the additional 
losses as a function of the per cent kv-a. load at zero 
per cent power factor for all of the machines. 1 he total 
and segregated values of the generator losses are given 



7—Showing Ratio op Loss to Load 

np.rator No. 5, 6250-kv-a„ 2400-volt, three-phase, 60 -cycle, 3600- 


Table II for both full kv-a. load at zero per cent 
wer factor, and for sustained short-circuit conditions 
th full-load current flowing in the armature wmdmg. 
It can be seen from the data in Table II that the add - 
dial loss varies from approximately 3 to -A per cent 
the total loss for these machines. Hence, it the 
tal loss represents 4.5 per Cent of generator input, 
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I 

Latins in per cen 

b 

Kv-a. 

Volts 

Amp. 

100 

100 

100 


0 

100 

100 

100 

100 

100 

100 

100 

100 

100 

100 


0 

100 

100 

100 

100 


0 

100 


Generator Losses Expressed in Per Cent 



the additional loss in the case of these machines would 
represent from 0.14 to 1.0 per cent of the total kw. 
input. The highest percentage additional loss occurred 
for machine No. 1, which had a 600-volt stator winding 
with only one conductor' per slot.. The one-conductor- 
per-slot type of winding usually results in a relatively 
large per cent additional loss on account of the higher 
current per slot and the greater concentration of 
current in the end connections of the winding. This 
loss handicap for low-voltage windings cannot ordinarily 



Fig. 8—Load Loss in Per cent of Full Load Loss vs. Per¬ 
cent of Full Load for Five Generators 

he eliminated without departing appreciably from the 
design proportions which are satisfactory for the more 
desirable higher voltages. Such changes usually result 
in increased development and manufacturing costs, 
and consequently, from the standpoint of generator 
costs alone, the use of special low-voltage windings 
should not be encouraged. 

The additional loss of the machines at full kv-a. and 
approximately zero per cent power factor is of the same 
order of magnitude as the additional losses of the 
machine under sustained short-circuit conditions. 
The additional loss for full kv-a., full voltage conditions 
includes the increase in iron loss over the no-load values, 
whereas the additional loss at short-circuit conditions 
includes only the iron loss due to a magnetizing flux 


which depends on the magnitude of the leakage 
reactance. 

Temperature Load Curves 
Thermocouples were located on the stator end bells, 
end plates, finger plates which support the stator 
teeth, and on the surface of the stator teeth near the 
finger plates. The final temperature rises which were 



obtained at these points are plotted against per cent 
kv-a. load as shown by the curves in Figs. 9 to 13. 
The outstanding points in connection with these curves 
are as follows: 

a. The final temperatures which were reached at 
full kv-a. load were very low. The temperature rise 
did not exceed 20' deg. cent, at any of the points on any 
machine. The temperature rise of finger plates ’was 
practically the same as for the adjacent stator tooth 
laminations. On the basis of these results, it can be 
concluded that the additional loss in these parts of 
these machines must not be very large. 
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b. .In all cases, the temperature rise decreased slightly 
as the load increased from zero to approximately 25 
per 'cent of the full load kv-a; rating. While this is of 
little or no practical importance, it is of interest from a 
theoretical standpoint because it shows that the re¬ 
sultant flux in these parts due to the stator and rotor 



Fio. 10 .-Temperature R»» above Ingoing Air of Finger 

Pi.atiw, End Plates and Laminations, Magnetic End Plates 
(G(monitor No. 3) 


in the different parts of the machine and also how these 
loss components depend on the different variable 
factors. While the calorimeter method is quite satis¬ 
factory for measuring the total value of the additional 
losses of a high speed synchronous machine, it is not 
applicable for measuring the loss that occurs in the 
different parts of the machine, due to the fact that the 
loss in each part represents a too small percentage of 



Fig. 12 —Temperature Rises above Ingoing Air of Finger 
Plates, End Plates and Laminations 

(Generator No. 4) 




End Plates 


((.(monitor No. 3) 


m. m. fa. ia smaller than at no-load due to the field 
acting alone. 

Measurement of the Losses in Different Parts 
of the Machine 

In order to predetermine the magnitude of the ad¬ 
ditional loss of a synchronous marine, it'is lecesisary 
to know the relative proportions of the loss th 


jp ig 13_Final Temperature . 

grade above Intake Air Temperature Plotted against 

Per cent Kv-a. Load 

the total value of the measured loss. A satisfactory 
method for determining the proportion of the additions, 
loss which occurs in each part of the machine should 
measure the loss in that part alone and not measure it 
in combination with other losses of considerably greater 
magnitude. Such tests can be made on models which 
represent the different parts of the magnetic circuit 
and which are artificially subjected to the electric 
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and magnetic conditions as exist in the machine. Snch 
loss measurements can he made quite accurately, but 
in most cases it is difficult to reproduce the actual 
magnetic conditions which exist at different load and 
operating conditions. The losses which occur in the 
different parts of the machine due to any change in 
operating conditions can be obtained by measuring the 
energy absorbed by these parts when the machine 
is operating at constant temperatures and the change in 
operating condition is suddenly made. Under steady 



0 20-40 60 80 100 120 140 160 180 200 220 240 

TIME IN SECONDS FROM INSTANT OF CHANGE IN LOAD CONDITIONS 

Fid. 14 —Temperature Rise of Iron vs. Time 


Couple No. 2—Locatiou, turbine end lamination ~~cTt — in de ' s ' 

cent, per sec., 0.01365- C, 55.8 --watts per cu. in., 0.761 

conditions, the heat flowing to any section plus the heat 
generated in that section must equal the heat flowing 
away from the section, since there is no change in stored 
energy under steady temperature conditions. When 
the load is suddenly increased there is an instantaneous 
increase in the heat generated in the section. Since 
there must be a change in the temperature gradient 
before there can be any change in the heat flow, all of 
the increase in the generated energy in each section 
must be stored, at the first instant after the sudden 
change in load is made. The slope of the temperature 
time curve for the particular section is proportional to 
the rate at which energy is stored in it. The increase 
in loss in watts per cubic inch equals the slope in de¬ 
grees centigrade per second, at the instant the load 
change is made, times the specific heat constant of the 
material in watt-seconds, per cubic inch, per degree 
centigrade. In order to check the feasibility of ob¬ 
taining such temperature time curves, thermocouples 
were located at various points on a machine, and tem¬ 
perature readings were obtained for sudden load changes 
by means of a reliable potentiometer and a very sensi¬ 
tive galvanometer. The curve in Fig. 14 shows the 
change in temperature of the stator- tooth laminations 
with respect to time when the load on generator No. 5 
was changed from no-load, no-voltage condition to no- 
load, full-voltage condition. The rate of change of 
temperature with respect to time at zero time is 
0.01365 deg. cent, per sec., and with a specific heat 
constant of 55.8 watt-seconds per cu. in. per deg. cent., 
the loss in the stator teeth at the surface is 0.761 watt 
per cu. in. Since the density of the magnetizing flux 


in the stator teeth can be readily calculated, the loss 
constant can be obtained for the teeth with any kind 
of laminated iron as actually built in the machine. * In 
a like manner, this method of measuring the loss and 
the analytical method of determining the magnetizing 
flux can be applied to all parts of the machine so that 
reliable loss constants can be obtained in terms of the 
different variable factors. 

General Theory of Flux Distribution in Air 
Parts of the Magnetic Circuit 

In the first determination of the magnitude and dis¬ 
tribution of the flux in the air parts of the magnetic 
circuit of a high speed turbine generator, the iron parts 
were assumed to have infinite permeability. Later 
approximations were made, when necessary, to consider 
the effect of saturation. In laying out the flux fields, 
a family of orthogonal lines will be shown at right angles 
to the flux lines. Since the flux lines close and do not 
cross each other, the orthogonal lines, which are at 
right angles to flux lines, must always converge at the 
magnetomotive force centers. With a given set of 
magnetomotive forces and boundary conditions, it is 
assumed that the correct flux distribution is obtained 
when the stored energy in the magnetic circuit is a maxi¬ 
mum. Uniform current densities are also assumed 
to exist at all sections of the electric conductors. 

According to the accepted interpretation, the 
magnetomotive force produces closed lines of force or 
flux around the magnetic centers. There is no force, 



/ 


Fig. 15 

however, acting along any of the orthogonal lines. 
This fact may be used to establish a simple .relation 
between the orthogonal lines and flux lines which will 
greatly assist in the plotting of these curves. Referring 
to Fig. 15, the following notation will be used: 

Aiand A 2 = the amperes in the respective shaded 
areas shown in Fig. 15. 

A = flux or number of lines of force going 
from a a 1 to & b 1 and is constant in 
value along this tube. This tube is to 
be considered of negligible width so 
that there is no difference in ampere 
turns acting on this circuit or path 
in the direction a 1 — a, & 1 — b, etc. 


Feb. 1927 


ADDITIONAL LOSSES OF SYNCHRONOUS MACHINES 


h and k = the lengths of the path in the parts 
shown. 

A d r and A d 2 = the corresponding mean widths. 

Hi and H % = mean field intensity along h and l 2 . 

The work done in moving a unit pole around the path 
o, m, p, o linking A x is all done along m, p or l x , Simi¬ 
larly in moving a unit pole around o, p, n, o in linking 
A 2 , the work is all done along p, n or l 2 . 

Then: 



4 7T 

- ? 
C--J 

II 

10 Al 


4 7 r 

II 

t'-S* 
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a. Fig. 16 shows the flux distribution m a portion of 
the air-gap with the field winding excited to give 
normal voltage, but with no current in the armature 
windings. 

b. Fig. 17 shows the flux distribution in the air-gap 
when the machine is operating at 100 per cent kv-a., 
100 per cent voltage, and zero per cent power factor. 

c. Figs. 18 and 19 show the flux distribution in the 
air-gap when the generator is delivering 100 per cent 
kv-a. at 100 per cent voltage and power factor. 

d. Fig. 20 shows the flux distribution in the air 
space between the end bells and the machine at the 
centerline of the poles for 100 per cent kv-a., 100 per 


and since 


Then 
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Adi = 

H o A d 2 


lg Equation 

(6)’ in (4) 

and (5), 
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Then 


Since all the values in Equation ( 11 ) can be easily 
estimated, graphical solutions for the flux distributions 
can be made fairly readily, where mathematical 
solutions would become too complicated m most 
irregularly shaped fields existing in electrical machines. 
As mathematical solutions would probably have to be 
based on the same assumption as this one, namely, iron 
paths of infinite permeability, even the increase 
accuracy in detaining the field probablywould^be 
unwarranted in many cases on the basis of thi 

aSS Whfie°the foregoing theory of flux distribution 
applies specifically to the magnetomotive force of t 
armature or field winding acting alone, it can be ex 
toded to cover cases in which there are magnetomofave 

forces in both elements of the machine. In applying it 
forces m Dob the magnitude and distribution 

the magnetic circuit, asdiomi m the following figure . 


Fio 10 —Flux Distribution- in the Air-Gap and Rotor 
Slot 'tv.th Relative M. M. Fs. op 5 and 4 
Across Gap Due to Rotor Winding and Zero M. M. F. Due 
to Stator Winding 

cent voltage and zero per cent power factor. The 
instantaneous values of the currents m thethree 
phases of the armature winding were 0, 86.6, an 
086.6 per cent, respectively, of the maximum \aue 
full load. Fig. 21 shows the flux distribution m the 
space as indicated by iron filings. The rotor was 
stationary, hut its relative position wlt h respec to Ae 
stator winding was the same as above. Both element^ 
were supplied with d-c. values of the same magnitui es 
as the above instantaneous current values. Th 
arrangement of the filings checks very closely with t e 
flux distribution as obtained by the graphical analysis. 

e. Figs. 24 and 25 show the magnetomotive force 
diagram due to the end connections of the armature 
winding of a 3600-rev. per min. turbine generator, for 
specific°instantaneous values of current. In obtaining 
these diagrams, it was assumed that * e 
force acts at right angles to the end 
rlpfermined by the end connections. The results wmcn 
"readykeen obtained from preliminary expen- 
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Fig. 17 —Total Field Ampere-Turns per Pole Equal 31,824 and are taken as Proportional to 60 in These Calcu- 

31824x 4 

lations. Per Inch Perpendicular to the Sheet Flux per Tube a - a' to b - 7/ Equals 3.19 X-an-- 6768 Lines 



Fig. 18 —Total Armature Ampere-Turns per Pole = 13,260 and are taken as Proportional to 25 in These Calculations. 
Total Held ampere-turns per pole * 22,277 and aro taken as proportional to 42 in these calculations. Per inch perpendicular to the sheet the flux per 


4 

tube a - a' to b « 3.19 X 22,277 X “UT = 0768 lines 



Fig. 19 —Total Armature Ampere-Turns per Pole = 13,200 and are taken as Proportional to 25 in These Calculations. 
Total field ampere-turns per pole - 22,277 and are taken as proportional to 42 in these calculations. Per inch perpendicular to the sheet the flux per 

5 

tube a - a' to b - b' - 3.19 X 13,260 X —- - 8400 lines 


25 
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mental and analytical investigations indicate that this 
method should be satisfactory for determining the 
necessary data and constants for calculating the losses 
of electric machines which cannot be calculated or 
measured directly. 



Fni. 20— Tuuno .(Jknkuatoh End Bull Lbakauk Flux 

Tlmio-pUaso diamond coll urniaturo winding suction tlirou«U radial plana 
of maximum Ihix donsK.ltw fur full load voltage and zero par cent power 
factor with armature current of 0.80(1 maximum value In two phases and 
zero In the third. 


induced in thermocouple junctions, or the difference 
in potential drops across resistance elements - located 
at the inlet and outlet duct sections of the generator. 
The velocities of the cooling medium must be practi¬ 
cally uniform at both inlet and outlet sections and read¬ 
ings should be taken at a relatively large number of 
incremental sections to obtain an accurate value of the 
mean temperature rise. 



Pm. 22. -Fold Pitch ConciiINTUIc"’Winding. Cuuumntb 

ok Equal Maunitdpk in Both Windings and with Di unctions 
Indicated by Arrows 

Numbers and signs indicate Urn relative magnitude and directions of 
magnetomotive forces perpendicular to the surface through all the windings, 
<m t he assumption t hat t he flux passes perpendicularly through that surface 

c. The volume of the cooling medium passing through 
the machine can be determined: (a) by introducing a 
known amount of heat energy into the cooling medium 
and then measuring its temperature rise; or (b) by 
measuring the velocity heads at a relatively large number 
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Fio. 22 — Tim Numhnkh and Signs Inmgath tub Hmlativb 
Maonitudk and Dirwction of tub Macjnktomotivm Founds 
Pkbi’KNdiculab to tub Suufack Through All thm Windings 
on tip pi Assumption that tub Flux Pashpis Pkhpkndiculaiily 
Through that Hubfack 


Summary and Conclusions 
a. The magnitude of the losses of high speed 
synchronous machines can be determined with a satis¬ 
factory degree of accuracy for any load condition, by 
measuring the volume and temperature rise of the cool¬ 
ing medium which passes through the machine. 

h. The temperature rise of the cooling medium can be 
determined by measuring the difference in e. m. fs. 


of incremental sections at the stack outlet. Both 
methods will give reliable results for high speed turbine 
generators provided the elements are properly designed 
and sufficient care is exercised in making the 
measurements. 

d. In the case of the live 3600-rev. per. min. turbine 
generators which were tested at full kv-a. and zero per 
cent power factor, the additional loss including increase 
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in core loss, varied from 3 to 22 per cent of the total 
losses. • This corresponds to approximately 0.14 to 1.0 
per cent of the generator input, on the assumption of 
95.5 per cent generator efficiency. The additional 
loss at full kv-a. and approximately zero per cent power 
factor is 5 to 10 per cent greater than the additional 
loss measured under sustained short-circuit conditions. 



STATOR SLOT PITCH FROM THE CENTER OF THE STATOR POLE 


Fig. 24 —End Winding Magnetomotive Forces, End 
View. Three-Phase, 54 Slots, Pitch 1-17. Equal Cur¬ 
rents in Two Phases; Zero in the Third 



RELATIVE DISTANCE FROM STRAIGHT PART OF COIL 


Fig. 25 —End Winding Magnetomotive Forces, Side 
View. Three-Phase, 54 Slots, Pitch 1-17. Equal Cur¬ 
rents in Two Phases; Zero in the Third 

Since the increase in core loss is slightly larger for low 
per cent power-factor loads, it is probable that the ad¬ 
ditional losses of these machines, when carrying full 
kv-a., 80 per cent power-factor load, are approximately 
the same as for sustained short circuit with full load 
armature current. Since it is of considerable practical 
importance to- know the relative magnitude of the ad¬ 


ditional losses of large power generating equipment 
it is suggested that the manufacturers and users o 
large turbine generators cooperate in making los 
measurements on several representative machines unde: 
definite operating conditions. 

' e. In order to predetermine the magnitude of tin 
additional losses of synchronous machines, itissuggestec 
that the losses in all of the structural parts be obtainec 
in terms of magnetizing flux as the variable. The losse; 
in the respective parts can be obtained from tempera 
ture time curves of these parts for sudden load changes 
The magnitude and distribution of the magnetizinj 
flux can be determined graphically for any part of tin 
machine with a sufficient degree of accuracy. Thi 
results which have already been obtained in preliminary 
investigations indicate that this method of measurini 
the loss and the analytical method of determining tin 
magnetizing flux can be applied to all parts of thi 
machine so that reliable loss constants can be obtainec 
in terms of the different variable factors. Additiona 
studies are being made on this subject and on tin 
problem of calculating the increase in core loss fo: 
different load conditions. 
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jVeb. 10-7 

Discussion 

I. ]!■ Summers: Referring to Fig. II, in 'winch data are f^ivoii 
f* 0 r a <>00-volt 'winding, one bar par slot, t.lio load loss at 100 per 
< 3 ent. kv-ft. is slightly mom than 20 por cant of th.o full-load loss. 
T-fceforr i ng to Fig. 4, in which data arc given for a 2800-volt 
•winding --coil Hides por slot, the load loss at 100 par cant kv-a. 
i s sxirproxLntitttdy 8 par coat of tlm full-load loss. 

I should like to ask the authors whether or not, in thoir opinion, 
l liis discrepancy can ho materially attributod to oitlior the eddy- 
oU r.rout loss in the armature windings or the polo-faco loss, or 

Moth? 

W. 1A Dawson: 1 wish to comment on the method of moasur- 

irijg losses by the calorimetric method, i published an article on 
•kbis subject in the Clcnernl Electric. Renew, February 1020. 
JVTossrH. Laffoon and Calvert have laid particular stress on the 
tsta,ek method. It is one means of measuring the volume of air 
clinch urge, but if one refers to the paper published by Barclay 
sxnd Smith, (Journal I. 14. 14. London, Vol. f>7, April ID ID), lie 
will find that they also experimented .with the stack method and 
found that the distribution of air velocity across the section was 
~vory uneven, varying from 1050 ft. per minute to 1480 It. per 
iminuto. It was necessary to insert several trays of expanded 
jno lal as baffles before even approximate distribution was 
secured. They selected the anemometer for measuring the 
velocity. 

]V1 y experiments were commenced over eight years ago. Wo 
divided the discharge area into 100 or more rectangular sections 
and measured the velocity of each section with a manometer or 
book gage. These results (see Fig. 8, G. 14. Review, article) were 
very discouraging, as the readings varied from 0.05 in. of watei 
ho a maximum of 0.154 in., corresponding to velocities ol 1<> ft. 
jM'.r second and 20.8 ft. por second. We found also that all sorts 
of whirls and distortions occurred in the discharge pipes, oven to 
axn occasional indication of negative How. Those were corrected 
by placing a large wooden cross near the inlet end of tlm pipe, 
having an axial length of about twice the pipe diameter. 

Another great difficulty was in averaging tlm temperatures of 
tlm inlet and outlet air. The temperatures of the ink* air were 
often influenced by tlm presence of adjacent steam pipes and 
turbine parts, and at times the variation ol temperature across 
trlu' inlet was greater than the difference between the avoiogo 
inlot and outlet temperatures. Special electrical resistance 
thermonmlers were used ! o average the temperatures ol inlet and 
ou tlet air, the resistance wires being wound on wooden crossarms, 
so distributed and spaced as lo give a true average ol the ail 
lien pet'aturc. An improvement over tlm method of attempting to 
'measure at the ordinary generator outlet was to place thereon a 
long straight pipe of suitable section, on the end of which was a 
speed ally shaped, calibrated orifice, similar to that do,sobbed by 
Mr, LaiToon. This reduced the area of the outlet sufficiently to 
bring the discharge velocity up to about 4000 or 5000 ft. pet min., 
corresponding to an air pressure of from 1 to 1.5 in. of watei. 
Properly arranged, those orifices give, by a single leading, 
observed at tlm center, tlm actual accurate air velocity to 
wit hin 1 per emit. 

By using electric resistance thermometers giving true average 
temporal tires, and by hi Ming electric, heaters, and a third 
resistance thermometer beyond tlm electric heater, very satis¬ 
factory results were obtained, but. the hook-gage readings voio 
found unsatisfactory. Wlmn this method is used, it, is not neces¬ 
sary to make allowance for the varying barometric pressure of tlm 
air. it is particularly adaptable to turbine alternators; usually 
there are two inlets and one discharge and the air stream is con¬ 
fined and guided in such a way that all the air that goes into the 
nmehim* can be measured. 

1 show in Urn accompanying Fig. I, a generator I mine having 
two inlets and mm discharge. The original suggestion for this 
arrangement is duo to Mr. II. M. Hobart;. 


T i = Average temperature (deg. cent.) of inlet air 
T 2 = Average temperature (deg. cent,.) of outlet air 
II = Watts energy supplied to electric heater 
2’., = Average temperature (dog. cent.) of air after leaving 
heater 

To - r l\ 

Watts Loss = II —- — 

/ :t — 

Watts loss I± _ 

Cu. ft, air per min. * - ^ {T ; _ ~ 0.585 (T, - T a ) 

Caution. From three to four hours are usually necessary for all 
parts to attain steady temperature. Only about 80 min. are 
necessary to produce steady temperatures in the electric heater. 
If readings are recorded three or four times per hour, it will ho 
observed that T* increases rapidly when current is applied to the 
beat,or. This is due to radiant energy and demands certain 
precautions and corrections. The heater should bo placed 4 to ,> 
ft. from 7'. and exactly midway between T« and 7V In writing 
tlio expression 7’ a - T u use tlm last reading before heater is 
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energized. In writing 7’» — '/’a, use the last reading with heater 
applied. Measurable convection losses should he allowed for. 

If the less of the machine be calculated by (hose equations, wo 
are rid of all such disputes as correct barometric pressure, specific 
heat and effect of moisture. My experience with two-pole 
machines of note more than G()()0-kw. rating is that the radiation 
or convection losses amount to probably 3 or 4 per cent of tlm 
total losses, which for machines of 150(1 to 2000-kw. rating, 
never exceed 5 per cent of the rating of the machine, nor 4 por 
oont for machines of 5000-kw. rating. 

Mr. LalToon’s paper lias made a comparison between the losses, 
particularly tlm additional losses observed when a machine is 
being operated on short circuit and those observed when it is being 
operated over-excited at zero power factor, it seems, after all, 
that, while that comparison is interesting, it doesn’t, toll us what, 
wo want to know. What, the manufacturer wishes to know and 
what, his customers wish to know is what is trim ratio ol the load 
losses measured on short circuit to those measured while the 
machine is operating at normal voltage and power factor in 
accordance with its rating? The few data that, I have gathered 
indicate that at times at least the losses under normal operating 
conditions are less than they are on short circuit. 1 have not, 
however, continued that, sufficiently to lay if down as a mlo, 

15. E. .Johnson: Refer to Fig. 20 of the paper by Messrs. 

at 20.92 In. Hr,. 15.5 dog. cent, (150 deg. fftlir.) 



98 


LAFFOON AND CALVERT 


Transactions A. I. E. E. 


Laffoon and Calvert. The distribution of the end-bell leakage 
flux is three-dimensional, and 1 raise the question as to whether a 
field plot made on the basis of a two-dimensional distribution, as 
was done in Fig. 20 , holds strictly. It may be that the results 
obtained from this field plot made on the basis of a two-dimen¬ 
sional distribution are sufficiently accurate lor the particular case 
in question, although, • in general, this is not necessarily true. 
It will be noted that all the areas in the plot of Fig. 20 are curvi¬ 
linear squares; whereas, on the outer boundaries, they should 
perhaps not lie so, considering that the actual flux distribution 
there is three-dimensional. 

|\ I,. Aider: The two conclusions that I draw from the paper 
are: (!) That; the method of measuring the total losses by means 
of the rise .of air through the machine is not yet developed to the 
point where it, can be called convenient; and (2) that the extra 
losses due to the armature leakage flux are not large in machines 
of the type described. This latter conclusion is not general, as it 
is evident that very markedly different losses will bo obtained 
with different types of end construction. For example, if a 
chain-typo armature winding had been used, the end losses 
would have been very much greater. 


The most interesting thing about the paper to me is the 
temporal u re-rise method used by the authors to determine the 
separate losses in different parts of the machine. It seems to be 
quite feasible to determine the initial rate of tompoi.at.uic rise of 
each part separately, and, from this and the known heat capacity 
of that part, to determine the segregated losses. We have made 
some experiments along this line, and have found one of the 
principal difficulties to he the variation in the rate of heat 
generation in different parts of the same element of the machine. 
For instance, the losses in the clamping lingers are localized near 
the end, and the rate of rise of the tip of the linger is, therefore, 
much greater than that of the hack. It requires considerable 
care to decide on wind, is the average rate of rise of each part 
from a relatively small number of temporal ure readings. 

I should like to ask the authors whether they consider that the 
average rate of temporal ure rise of one tooth in the end packet of 
laminations, for example, can he determined with reasonable 
accuracy by using only two thermocouples. 

E, II. Frelburrfhou.se: The authors of the paper have 
favored the stack method for determining the stray-load losses of 
the generator. It lias also boon our practise at Schenectady to 
use that method in measuring the stray-load losses of large turbo 


generators. 

I should like to ask the authors whether they have ever applied 
a baffle-type mixer in the discharge air to get uniformity ol 
temperatures? 

I am somewhat surprised to notice the comparison for genera¬ 
tors 2 and 3, as to stray-load losses. Generator No. 2 (see 
Table 1) had stator end plates of magnetic material, whereas m 
generator No, 3, which I assume is the same generator or one of 
tint same rating at least, they used a non-magnetic ring for 
dumping the core. By Table II and by the curves in 1 igs. 4 and 
5, 1 find that the load loss is oven higher for tlie machine which 
had the non-magnetic end ring. This is somewhat of a surprise 
t o me. W o have made .many experiments on model generators ot 
the turbine type, in which we applied different materials for the 
end rings, even using wood to determine what the limit would bo 
in the elimination of the loss. Based on our investigation l 
believe that the load loss ought to be less in the case of the 
generator which has the non-magnetic end ring. 

Mr. Alger referred to the influence of the rings on the rotor. 
Wo have found by the application of non-magnetic end rings 
on the rotor that the temperatures of the end structure of the 
stator were higher with the general,or running on open circuit 
than they wore with magnetic end rings, whereas on short mrcui 
and normal load conditions, the losses were higher with the 
magnetic end ring. Tho temperatures in the end structure on 


short circuit were considerably reduced by tlie use of the non¬ 
magnetic rings on the rotor. 

Fig. 20 indicates that losses should be obtained in the end 
plate. We see that the flux passes over into the end plates and 
is localized most intensely nearest the air-gap. I question 
whether the application of the magnetic end ring gave less loss 
than the non-magnetic ring. 

W. II. Colburns The purpose of my discussion is to empha¬ 
size the importance, from tlie standpoint of the user of the 
machine, of a foreknowledge of stray-load losses in general in all 
machines. For example, let us consider a particular instance of a 
synchronous converter used in a substation. Assuming certain 
values for cost of power and of generating and transmission 
plant tied up by the losses of the machine, we arrive at the 
conclusion that a gain of efficiency of 0.1 per cent in that equip¬ 
ment is worth about 45 cents per lew. This means that the 
user could afford to pay for a converter rated at 3000 lew. some¬ 
thing like $1350 additional for the machine that w ould save that 
0.1 per cent. 

I will illustrate bow apparently neglected items may run up m 
value. The analysis of, a certain equipment which had a 
blower used with it indicated that the more efficient equipment 
could be justified on the basis of the capitalized efficiency. 
We then began to investigate the fan and found that the manu¬ 
facturer had applied it without consideration of actual aii and 
power requirements, so that the balance was throw n to the 

other equipment. _ . 

The same condition exists in connection with consideration 
of these stray-load losses. We know that it is a very difficult 
thing to predict them, as the Institute has recognized in its 
Standards of many years, where you find it repaetedly stated 
that no definite value could be placed on them. Recently the 
Standards Committee has asked that 1 per cent of the lating ol 
the machine be added for these stray-load losses. 

It is almost useless in the present state of the art to go into 
a discussion of the results of calculations of and tests for stray¬ 
load losses, because they are fraught with many difficulties, but 
some of these seem to indicate that 1 per cent may be quite wide 
of the mark. In some cases it seems that these stray-load losses 
are in the neighborhood of 0.5 per cent and in other cases they 
may run up to nearly 2 per cent. If this is the case, it is almost 
useless for the user to attempt to capitalize guaranteed efficiency. 

I think these tests which the authors have made are very fine 
records to have. They are needed to check our design, but I 
think that it is even more important that w, T e extend these tests 
to all conditions in and classes of machinery, and that we draw 
from our tests some indication of how? we can attack these prob¬ 
lems in advance of construction in order to predict accurately the 
values of these stray-load losses. Only then can the user of the 
machine determine whether he is actually getting what he is 


paying for. . . : 

F. D. Newbury: The fact that -we have this paper indicates 
the desire on the part of manufacturers to know more about, 
them I am quite sure that that desire has long been present 


tli other manufacturers. 

The purpose of the present discussion, I think, is to establish, 
r the benefit of the Institute Standards Committee, a relation 
jtween the actual and measurable stray losses in a-c. machines, 
id particularly of the turbine type. We can only measure these 
sses under no-load conditions at short circuit or at full voltage 
id zero power factor. As Mr. Dawson pointed out, the thing 
■ re ai interest is the ratio of the measurable losses under these 
editions and the actual losses under full voltage and current 
id high power factor. That is a part of the problem still to be 
udied, and I am quite sure work that is going on will throw 
riit on that interesting point. 

= T he previous speaker referred to a 1-per cent value of the stra 5 
■sses. The Standards Committee included that value in the 
325 edition for d-e. machines and not a-c. machines. Th< 
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Institute Standards for 14 years, at least, have included the full 
short-circuit losses as load losses for poly phase a-c. machines. 
The correctness of that practise has been pretty well established 
for salient-polo machines but it is still to ho established for the 
cylindrical-rotor, turbine-type machines. I think opinion is 
tending toward acceptance of t lie short-circuit, loss for cylindrical 
rotors also. 

C. ML Laffoon and .1. F. Calverts In reply to the discus¬ 
sion by Mr. 1.11. Hummers: When a standard turbine-generator 
frame'of a given rating is wound with a on e-con ductor-per-slot 
type of winding so as to obtain unusually low voltages, it is 
generally found that the additional losses arc greater than for the 
|,wo-conduet<> r-por-slot type of winding. With the one-con- 
ductor-per-slot typo of winding, the current per slot and the 
magnitude of the harmonics in the armature magnetomotive 
force are larger than for the more favorable two-conductor-per¬ 
idot winding. It is our opinion that those factors arc responsible 


section in the air stream than does the heater or calorimeter-type 
volume meter. On the basis of results from a large number of 
tests, it is our conclusion that uniform velocities at several 
sections in the air stream are inherent requirements in calorimeter 
tests of this sort, and that the stack, rather than increasing the 
difficulty, simplifies it. Reference to Fig. 2 herewith will show that 
sufficiently uniform velocities were established over the outlet of 
the stack. The maximum variation in velocity pressure head 
from the average value is 12 per cent; hence the maximum 
variation in velocity from the mean value is approximately 6 per 
cent, (neglecting the one low point in the corner). 

In the tests described in the paper, care was taken to avoid 
the convection of heat to the inlet air from transformers, steam 
pipes, leads, and other sources, so that practically uniform intake 
air temperatures were maintained. The possible errors due to 
the existing variations in temperatures and velocities in the 
intakes were checked on generator No. 5, and found to be a small 
fraction of one per cent. 
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Fm. 2 .Phmhhuhe Dimtkiuution Over Aikstaok Outlet 

for 1,1m relatively larger eddy-current losses in the rotor polo l>ce 
and other iron parts which are within the range of the pulsating 
holds. Both calculated values of the eddy-current losses and the 
measured temperature of tlm armature copper indicate that only 
a, small part of the increase in additional loss occurs m the 

armature winding. „ . mn 

In reply to Urn discussion hy Mr. W. II. Dawson; In tho typo 
or calorimeter test which he described in which a heater was used 
on the outlet of the machine, the heater is essentially a 
calorimeter-type volume meter, and as such probably introduces 
all the difficulties which are, outlined in the paper. It was im - 
ealed in tho paper that this method required (1) oithor uniform 
velocities for at least flume sections in the air stream, or (-) a very 
complicated system for obtaining the mean iwnpuraturob of tlio 
intake and discharge sections of tho boat sources both the 
machine and the volume motor); while the use of the stack with 
the calorimeter test requires uniform air velocities at one lo, 


The measurements of barometric pressures is a comparatively 
simple matter, and introduces no serious difficulty in the use of 
the stack volume meter. Since the variations in the speeifie 
heat of air with changes in temperature, pressure, and moisture 
content are known, corrections can he made if desired; but it did. 
not appear that this difference was of sufficient importance to 
consider. 

The fact that the calorimeter tests and electrical input readings 
were in agreement for a number of “no-load” 100 per cent power- 
factor tests at different voltages, is a satisfactory confirmation of 
both the volume-meter and air-rise measurements, because both 
these latter two readings could not be in error by just the right 
amount in each case, and because the electrical readings of input 
at 100 per cent power factor can be taken as quite reliable. 

In reply to the discussion by Mr. E. E. Johnson: The deter¬ 
mination of the end-bell flux field on the basis of a two- 
dimensional distribution as shown in Fig. 20 of the paper, does 
not hold strictly, but to consider it as a three-dimensional field, 
tremendously complicates the already difficult problem of field 
mapping. Fig. 20 checked the filing photograph very closely in 
the parts of the field where the flux density is greatest, but 
deviated somewhat where the density was small. Since the 
density decreased very rapidly toward the outer edge of the end 
winding, the errors introduced in either loss or reactance calcula¬ 
tions on the basis of the two-dimensional field must be small 
with this type of winding and end bell. 


In reply to the discussion by Mr. P. L. Alger: While the 
additional losses are not a large percentage of the total losses in 
many machines, yet in large machines they represent a direct loss 
to the customer and a limitation to the manufacturer of very 
considerable importance. Unfortunately, sufficient data were 
not obtained to tell how many temperature detectors would be 
necessary to determine the losses from time-temperature curves 
for the various parts of the machine. It appears, however, that 
flux mapping can be used to indicate the best location for these 
detectors, and the safest method would be to locate a rather 
large number on various radial lines throughout the machine. 
Then, if it could he shown during the first tests that some couples 
need not be read, they could be abandoned for later readings. 


In reply to discussion by Mr. E. H. Freiburghouse: Before the 
air discharge stack was built, a model stack was tested under 
conditions which were intended to give distributions of both 
temperature and pressure with wider variations than those which 
would be found at the outlet from the machine. In the tests with 
models, two types of baffles, as well as a screen, were used m the 
air stream just, preceding the entrance to the stack. Ihe 
baffiles, or air mixers, did not give sufficient improvement to 
warrant their application. The screen gave considerable im¬ 
provement in extreme eases, hut was not used, because of the 
undesirable loss of head, and consequent change m air volume 
from that existing under normal operating conditions. Had the 








100 


LAFFOON AND CALVERT 


Transactions A. I. E. E 


tests on the actual machine shown the desirability of better 
distributions, undoubtedly, it would have been necessary to 
introduce a screen, and perhaps some form of baffle in the air 
stream at the entrance to the stack. 

The tests on generators Nos. 2 and 3 were made to determine 
the effect of stator end-plate material on the magnitude of the 
additional losses. The same machine was used in both cases; 
magnetic plates were used on No. 2 and non-magnotic plates were 


used on generator No. 3. The total values of the additional 
losses of these two generators were very small and it appears 
evident from the end-plate temperatures that only a very small 
portion of the additional losses actually occurred in the end 
plates. Hence, it is impossible to draw any definite conclusions 
from the tests on these two machines in regard to the influence of 
magnetic and non-magnetic stator end plates on the additional 
losses of the machines. 





Reduction of Armature Copper Losses 

The Inverted Turn Transposition for the Reduction of Losses Due 
to Non-uniform Current Distribution in the Armature 
Conductors of Large A-C. Machines 

BY IVAN II. SUMMERS* 

Associate, A. 1. E. M. 


Synopsis. A mm method of reduction of armature copper 
losses is described, which consists in the inversion of the conductors 
of a multi-turn barrel type coil at one or more places in the end 

J « r > ...» _ _1. *l**uM**lu>i m l 'nit't.hndx ()f 


method now described presents distinct points of difference vn theory 
and in construction from any of these, earlier methods I he theory 
of the new form of transposition is briefly described complete 


of a multi-turn barrel type coil at one or more places in the cnU oj •< J’ u , d f()r th( , m(mt useful eases, and illustrations 

portions of the coil. Previous writers have described methods of foynula ,, ait piucnua j 
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portions OJ me. - .. „ . , . , 

transposing the conductors in the slot and of currying insulated 
strands through successive positions in successive coils, but the new 


I T is the aim of this paper to present a method for the 
reduction of extra losses and heating in armature v 
conductors of large a-e. machines due to non- 
uniform current; distribution. The scope of the paper is a 
limited to finitely laminated conductors with the t 
laminations insulated throughout all the turns in a coil. 1 
It is further limited to coils wound either with no < 
special twist or inversion at any point, or with one or i 
more of the turns or half-turns inverted as .illustrated 1 
in the various accompanying diagrams. With the aid : 
of the formulas and tables the calculation of the extra 
copper losses becomes a simple matter for simple 
untransposed coils, and the gain to be derived lrom 
transposition can be determined by selecting the proper 
factor from the tables. It is found that in most cases 
it is a simple matter to select a transposed winding for a 
large machine so that the extra losses will be reduced 
to a negligible value and the transposition may be 
accomplished at very slight additional expense. 

A considerable literature on the subject of reduction 
of eddy-current losses in the armature copper has 
accumulated, as is evident from an inspection of the 
bibliography. Nevertheless, the type of transposition 
here described, which consists in inverting the con¬ 
ductors of a multi-turn coil at one or more points m the 
end connections during the process of winding, is be¬ 
lieved to be entirely new. European writers have 
chiefly described means of transposing the strands ol a 
bar winding within the slot, thus enabling both ends o; 
the bar to be solidly connected to adjacent bars. 
American writers have described the reduction of «*es 
secured by the inversions occurring at both ends ol the 
standard barrel type coil, as shown in Fig. 1, am have 
also described the further means of reducing the losses, 
which consists in carrying the strands through the 
several coils of a phase belt by special insulated connec¬ 
tions. The earlier papers by Mr. W V. Lyon and by 
Mr. H. W. Taylor (see Bibliography) have been of 

“•(lorn,ml KUrtric Co., Hirer Works, West Lynn, Mass. 

Prat,dal at the. Wilder Convention of the A. I. h. m, 
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great assistance in furnishing foundations for the 

present paper. ...... , 

The new method now described has some distinct 
advantages in construction over other methods as it 
enables solidly connected machine wound coils ol 
identical character to be made practically free from 
circulating current losses, whatever the number of turns 
per coil. By making the transpositions m the ends ol 
the coil, space for them is obtained without sacrifice o 
slot room, and by properly locating them with reierence 
to the already present inversions at the ends ot the 



Pm. t -Standard Baurkl Tvi’is Coil 
S howing huocohsIvo positions in slot of a hIiikIo strand.~ lyi>» L l able I 

coils, almost complete avoidance of residual voltages 
can be secured. Diagrammatic illustrations of the 
various types of transpositions in the ends here con¬ 
sidered are shown in Figs. 2 to 7 inclusive, and a repro¬ 
duction of an actual coil similar to Fig. 6 is shown 
in Fig. 9. 

Consider a solid rectangular conductor placed m a 
rectangular slot in an iron body. It is clear that the 
reactance of a path at the bottom of the conductor is 
more than that of any other path in the conductor 
because the bottom path is enclosed by more flux. 
Furthermore, a path at the extreme top of the conductor 
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Is reactanceless with regard to the rest of the conductor, 
and in this respect has resistance only. Thus a larger 
current will flow at the top than at the bottom. Ad- 



Fig. 2—Barrel Type Coil With Odd Number of Turns 
All inverted at the ond opposite connections—Typo II, Table I 



Fig. 3—Barrel Type Coil With Even Number of Turns 
All inverted at tho end of connections—Type II, Table I 



Fig. 4—Barrel Type Coil With Odd Number of Turns 
All inverted at tho connection ond—Type III, Table I 

ditional losses will ensue and the temperature will be 
higher than if uniform current distribution were 
maintained. This non-uniform current can be thought 
of as a uniform current with an eddy current superim¬ 


posed on it so as to increase the total current at the top 
and decrease it at the bottom. When the term eddy 
current is used hereafter in this paper, it means this 



Fig. 5—Barrel Type Coil With Even Number of Turns 
All inverted at the connection end Typo 1 1 1, Table 1 



Fig, 6 —Barrel Type Coil With Last Turn Only Inverted 
at Connection End.-Type IV, Table 1 



Fig. 7—-Barrel Type Coil With First Half Turn Only 
Inverted at End Opposite Connections —Type V, Table I 

hypothetical superimposed current. The formulas for 
extra loss factor give the ratio between the loss caused 
by this eddy current and the loss caused by the uniform 
current. 
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If the conductor be laminated, conditions will be 
improved because the paths will be longer and the eddy * 
currents reduced. Thus an elementary method of i 
reducing the extra losses is simply to laminate the con- < 
due for." In addition, this makes the coil more flexible 
and easier to handle. For this reason most coils in ^ 
large machines are lamina,fed. Mere lamination, ^ 
however, is not sullieient to keep the extra losses down r 
to a negligible amount and for this reason various other ; 

schemes have been proposal. _ j 

r l’h<‘ new me! hod now 'proposed is to invert the lami¬ 
nations at various points in the coil by making a ISO- , 
<leg. twist in the conductor. This can bq arranged 
usually so that the volt,age induced in the whole length 
of the strands by the leakage flux is more nearly uni¬ 
form than it, would be if there wore no inversion. . Some 
of the convenient ways of employing the inversion are 
illustrated iu the accompanying diagrams. They are 
discussed later and formulas are given to calculate the 
extra losses which the coils will have. 

In order to investigate 'mathematically the problem of 
inversion of the turns, certain simplifying assumptions 
are convenient as in all engineering problems. These 

are briefly indicated below: 

1 _ o n |y the horizontal components of llux and 
magnetizing force are considered. Actually there are 
additional losses due to the vertical, components but 
these have been found to be small in most practical 
cases. Horizontal is taken here to mean parallel to 

the bottom oi t he slot. < 

*> The vortical component of current, is neglected. 
The current is always considered to flow straight into or 
out of the plane of the paper, except, of course, at the 
soldered joints at the ends of the coils. 

M The iron sides and the bottom of the slot are 
considered to have infinite permeability and no losses, 
as far as this problem is concerned. 

4, The resistivity of the conductors is supposed to 
be constant, and invariable over the depth of the slot. 

5. The voltage induced by the leakage flux in the 
end connections is the same tor each st.iand. 

These assumptions are the same as the ones made by 
most, writers on the subject.. From the fundamental 
laws of elect romagnet ic theory and these assumptions, 
the differential equations of the problem can he derived. 
From these differential equations and their solutions, a 
general rule for finding the loss in any conductor oi 
combinaf ion of conductors can he del ivod. 

FmettuATiNG Current Loss 

For a neat statement of the problem and a deriva¬ 
tion of rules for finding the loss in infinitely laminated 
coils (hereafter called circulating current loss) see the 
paper’by W. V. I,yon in the May 1921. issue ol the 
journal. The rule derived therein may be briefly 

restated as follows: . . . 

Form a quantity /« for each conductor which is 

right side up in the slot by taking 


/o - Iu, 

where l h is the vectorial summation of all the currents 
in the slot below the conductor in question. I* or each 
conductor which is the other side up, take 
In = — (h, + 1 1 ) > 

where I , is the current in the conductor considered. It 
makes no difference which side up is called right side up. 
The In used is the average for all t he conductors which 
are in series, and which have strands continuously 
insulated throughout. Let, I> be all the current, in t ie 
bottom coil side of another coil which may he in the 
slot below the conductors in question and substitute 
the known value of T, in terms of U and solve lor 
| IJh | and cos o', where | /„/!, | is the numerical value 
of the ratio and o is the angle between /„ and l x . 
Substitute these values in the relation 



COB (X. 


\ i 

Then the heat loss in the coil will he determined lrom 
the relation 

K = M + L N, ( 2 ) 

where M and N are certain complex hyperbolic quan¬ 
tities* and K is the ratio of the total heat loss in the coil 
to the loss that would exist if the uniform component 

of the current existed alone. 

These quantities are discussed in Appendix L where it 
is shown that if the current has a distribution which is 
not widely different from uniform, the extra loss factor 
due to the eddy currents may be approximated by 

k * (4 -I- 15 h) IK < 3) 

where I) is a quantity depending on the dimensions of 
the slot and the coil. It is 



/ j 

r r h n" (df in) 9 1 

J) « 0.075 

L GO sec J 

L m" J 

for a two-coil side per slot winding. Also 


j 

L r r b n* (df in) 8 1 

l) = 1.19 

L GO/sec - 

1 L m 9 J 


for a one-coil side per slot winding, and 

l> - l-W [ 60/sue ~ ] 1 r P (6) 

for strand loss calculation. 

In these formulas / means frequency of the alter¬ 
nating current; r means the ratio of the width of the 
copper in the slot to the slot width times the ratio of the 
depth of conductor plus strand insulation to the net 
conductor depth; b means the ratio ol the length of the 
slot to the length of a half-turn; d means the depth of a 
strand; n means the number of layers of strands m the 
depth of the slot; and m means the number of turns per 

1. See Appendix B. 
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coil 2 . The copper conductors have been assumed to be 
at 75 deg. cent, and the resistivity for this temperature 
has been used. The extra loss factors are inversely 
proportional to the square of the resistivity so that any 
other temperature may be evaluated if desired. 

The quantity L which depends on the type of winding 
is calculated in Appendix A and is tabulated in Table I. 
The general method of calculating L for any type of 
winding is illustrated in Appendix A so that any 


Type 

Descr/pt/on of Winct/ny. 


Ua/ue of Z 

I 

f!u(//turn Co//, tu/o ca//s/des 
per s/at nti/h an fnuo/ufe at 
each enct. 

(S/anctarcf cof/t^f th tvtj/ci? 
ot/w rs are compa r ect) 

/ 

L - g — / 

4- 

H. 

///( Turn s /n verted on the 
end opposite theconnec t/ons. 

z 

L -2i-Sin z -£e 

< (m beinqodd, 

3 

1 — 4 

fm 6einp even.) 

M 

t/ff turns /nvertcct 
an connect/an end 

el¬ 

and 

S 

1 = 0 

2F 

Top turn on/y /nvertect 
on connect/on end. 

6 

l, tm * >j m v Kzstdjoj 

Y 

Ttrsthotf/um on/ty /naerted 
tin end opposite connections. 

7 


1 U 

Bar • - ■ ba//em cot / side only. 


[_ -mid- 

m 

3a, - Top cot/side on/e/. 


l_aZ.ni.rJ-z n‘ s(n x /t $ 

vnr 

Bat Boiti cot /sides. 


L *£l%lzl-.m , St'n 2 £0 


//oiei Top atways refers to open &not of s/of. 

Table I —Circulating Losses 


reader who wishes to investigate types of windings 
outside the scope of this paper may do so. KHHH 
It is shown in Appendix C that the extra loss factor 
in a laminated conductor of Type I may be calculated 
by the simple formula 


r f 1 

r rbn 2 (d/in) 2 ~1 

L 60/sec J 

L m J 


for the first order of eddy currents with copper at 7 
deg. cent 3 . 


2. The formulas are dimensionally correct and the quantities 
may bo measured in any consistent system of units. They 
are so arranged that if f is measured in units of 60 cycles per 
second, and d is measured in inches, the calculation will be simpli¬ 
fied. Thus d/ in means the ratio between d and one inch. For 
example, if d were seven cm., the ratio would be 


7 cm. „ one cm. 

-r-EE7 X-— 

one in. one m. 


X 0.394 == 2.76 


As another example suppose that/is 60 cycles per second: Uien 

/ __ 60/sec 

60/sec 60/sec 

but if / is 3000 cycles per, minute 

3000/min __ eA w one sec. _ w 1 _ 5 

—— — 50 X . — oO X — _ 

'60/sec one mm. 60 6 

This system of dimensional formulas has been discussed by 
V. Petrovsky (see Bibliography). He shows that it is unneces¬ 
sary to have several formulas, one for each system of units. 

3. First order of eddy currents means the eddy currents 
induced by the uniform current. They are expressed by the 
first term of an infinite series as shown in Appendix B. 


The loss factors in any other type of transposed 
winding considered may be calculated by using the 
formulas for L given in Table I or by referring to the 
ratios given in Table II. Each formula in Table I 
and each ratio in Table II is given for a single coil, or 
group of coils, having a definite value of 6, which is the 
angular phase difference between the top and bottom 
coil side currents. Thus it is necessary to know 
from the pitch of the coils how they are distributed. 
Two factors must then be calculated and the weighted 
average taken to apply to the whole machine. 

Extra loss factors obtained by the methods described 
are based on the assumption that the extra losses are not 
too large. Formula 7 may be used without sensible 
error provided the extra loss factor which it indicates 
does not exceed approximately 100 per cent. At this 
point the result is less than six per cent too large, but the 
error increases beyond this point. Even if the result is 
larger than 100 per cent it may still be used in combina¬ 
tion with Table II provided the result for the type of 
winding under consideration is not too large. Thus it is 
clear that the approximate formulas are quite sufficient 
for any windings that would be allowed in practise. 

It may be remarked in passing that the losses in bar 
windings may be calculated by formulas for coils of 
Type VI, VII and VIII given in Table I, and if the extra 
loss factor is large, the complete expression for M and 
N given in Appendix B should be used together with 
Equation (2) to obtain the total loss factor. Bar wind¬ 
ings have been discussed fully elsewhere 1 and therefore 
are not treated in this paper. 


m 

T 


It. 



in 

3£ 

V, 

TX , 

3V 

JYj 

V 

V 

Y k 

V, 

V, 

2 

0.0(64* 

0.0164 

0.0164 

0.0164 

0.0164 

0.262 

0,262 

0.262 

0.262 

0.262 

0.262 

0.0784 

0.0784 

0,0784 

0.0784 

0.0784 

? 

CO 

0.530 

0.226 

0.118 

0.0074 

0.118 

0.0196 

0.167 

0.313' 

0.462 

0.607 

0.0565 

0,093) 

0.130 

0.167 

0.203 

4 

0,0041 

0.0041 

00041 

0.0041 

0.004-1 

0.066) 

0.0197 

0.207 

0.393 

0.579 

0.765 

0.195 

02.26 

0,257 

0.289 

0.3(9 

5 

0.I6Z 

0.12.2 

0,0825 

00426 

0.0027 

0,042< 

0.0807 

0.255 

0.464 

0.65* 

0,847 

0.316 

0;339 

0.)64 

0.307 

0.412 

6 

0.0018 

0.0018 

00016 

0.00 IS 

0.0018 

0.0296 

0.153 

0.558 

0,522 

0.707 

0,891 

0.410 

0.428 

0.44'! 

0.466 

0.404 

7 

00827 

0.0624 

0.0421 

0.0217 

0.0013 

0.0217 

0.221 

0.395 

0.572 

0.743 

0.917 

0.481 

0.495 

0.509 

0.525 

0.J38 

8 

0.0010 

0.0010 

0.0010 

0.0010 

0.0010 

0.0166 

0.283 

0.447 

0,612 

0.775 

0.937 

0.542 

0.551 

0.563 

0.574 

0.583" 

9 

00.502 

0.0378 

0.0254 

0.0131 

0.0.008 

0,01)1 

0.357 

0.480 

0.642 

0.795 

0,951 

0.505 

0.595 

0.605 

0.6(3 

0.623 

10 

00007 

00007 

0.0007 

0.0007 

0.0007 

0.0107 

0-565' 

0.529 

0.67) 

0818 

0,961 

0.623 

0.832 

0,640 

0648 

0.656 


Mote; Subscript! o,b,c arU d r«j«r to values oj 0 o| 60,90, Uo’and 180 respectively, 


Table II —Ratio op Extra Loss in Various Types of 
Windings to That in Type I 

Strand Loss 

Up to this point the losses are supposed to be those 
which may be. called circulating current losses and which 
would occur if the conductor were laminated by 
infinitely thin laminations. As intimated previously, 
there are additional losses which are due to the non- 
uniform distribution of current over the finite depth of 
the strands themselves. These losses may be approxi- 


4. See Bibliography. 
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I (y yj hu IVliVIlb mjuuujuw 

mated by considering first that the current is uniform 
over the depth of the slot, and then calculating the 
eddy-current loss which would occur in the stiands. 
This may lie done by considering each strand to be a 
h-ir of a series-connected bar winding and applying 
formulas for coils of Type VI, VII, and VIIL It is 
shown in Appendix 0 that the strand loss may be 

approximated by 

*. \rnWmn « 



large that the first term of the infinite series discussed in 
Appendix B fails to properly describe it. If it should be 
as large as this, however, it would be too large to be 
considered permissible in a modern winding. A method 
of transposition would be selected to reduce it to a 
much smaller value. 

An example will help to 'make these rules understand¬ 
able. Suppose we are considering an hypothetical 
three-phase winding having coils of Type V, Fig. 7, 
with three turns, 17/24 pitch, and two coil sides per slot. 
Suppose the slot is 0.675 in. wide and each turn is com¬ 
posed of 30 strands, each 0.14 in. wide, 0.075 in. over 
the strand insulation, and 0.07 in. net depth, and 
arranged 3 wide and 10 deep. Suppose that the ratio 
of the length of the core to the length of a half-turn is 
0.50, and the frequency is 60 cycles per second. 

Then 

L- ■! 

60/sec 


' *» ...» '<•> •'>» •*’*’ 

4 ' / ,*i RMi t WW&IM * 71 c fi 

p I(i . s Tin; F.V'TUH *.,* Vnm in* Sthanu Loss 

Fa* "i‘u it 

Tliis value is different for each foil Ui.it has a different 
0, and in general there are two groups of coils in a 

maehii.. having a different, value of 0. t becomes 

convenient to average * over a whole machme so hat 
the strand loss may be calculated easily. his has been 
done and is plotted against per cent Intel m 1i ife. ■ 
The strand loss factor is small in a well-designed 
machine and may often he neglected when 
the elfeel of transposition. It is always present no 
mat ter what the t ransposition is and must be adde< ^ 
the circulaling curmil loss factor to get the total ext . 
loss factor for the first order of eddy currents. The 
strand toss may always be reduced by using liner lam - 

nations in t he conductor. . - i , onr _ 

To summarize the method of calculation of ^dy 
rent, losses it. may be noted that an extrem y - P 
slide rule calculation using formula (7) will obtain th 
extra loss factor ter a cod o Typo I. 
transposition may be obtained from a > r n j 

ing a factor to apply to the extra loss factotorftjeL 
Finally the .strand loss factor may ) c , ^ 
Formula .8) and added to the circulating current loss 
factor. The result is the total extra loss ^tor for the 

first order of eddy currents. ihis, mu ^ ip, “ d . 1 j. 
• normal copper loss of the winding, ealeutoted for un^ 
form current distribution, gives the ex i ^ aQ 

eddy currents and is accurate, provided it b 


>.28 [11=[' 


0.667 X 0.50 X (60). X (0-07) 1 


A three-phase winding of 17/24 pitch has 87.5 per cent 
of the coils with an angle 0 of 60 and the ^ s t w 
an angl e 0 of zero. Thus from Table II the proper 

factor is 

0.875 X 0.093 + 0.125 X 0.056 = 0.0884 
Therefore, the extra loss factor for the whole winding is 
0.0884 X 1.07 = 0.095 



Fia . 0 -Compwt.o Firs-Toa* Com ox Type IV (Similar to 

or the extra loss due to circulating emremtt^bout 9J5 

P- cent of the ordinarV -PP*"nee. 
the square of the current a g indicate an 

Without the .teanspesitiom toe from 

107 per cent SSf • 

ga!n t ’^en h the W1 simplicity of the transposition is 
considered. 
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The strand loss factor to be added to the above in 
either case is 

k s — 6.0X0.50X0.822 [l] 2 [0.667X60X0.0049] 2 = 0.094 
and the total eddy current loss is about 19 per cent of 
the normal copper loss. This is a fairly high value for 
strand loss factor but it can be reduced by using 
smaller strands. 

In all practical cases where there is more than one 
turn per coil, the extra loss may be kept down to a 
small fraction of the normal loss by using the proper 
inverted turn transposition. Where there is only one 
turn per coil the Roebel or 360-deg. transposition may 
be used. The discussion of this type of bar is outside 
the scope of the present argument and it suffices to say 
that it reduces the circulating current loss in a conduc¬ 
tor to practically zero. 

In conclusion the author wishes to express his ap¬ 
preciation of the invaluable suggestions of Mr. P. L. 
Alger and his enthusiastic support. He also wishes to 
thank Mr. M. C. Holmes for assistance with the' 
numerical work in connection with the tables and for 
helpful criticism. 

Appendix A 

In order to illustrate the method of deriving the 
formulas shown in Table I, two of the cases are derived 
below. The others may be obtained in a similar 
manner and will not be proved here. Some of them 
have been derived previously by other writers but they 
were all checked in the preparation of this paper. 

Consider Type III with an even number of turns. 
See Fig. 5. 

Applying the rule given in the body of the paper 

m 

2 

h = 2 s (P- 1 ) 

i 

where p = 2 s — 1 for all the odd half-turns in the 
lower 5 coil side, 

til 

2 

U = 2 s Kp- Uh +/*]. 

1 

where p = 2 s — 1 for all the odd half-turns in the upper 
coil side, 

m 

2 

Iq — — IOp — l) l\ + l\] s 

i 

where p — 2 s for all the even half-turns in the lower 
coil side, and 

m 

2 

lo = — Kp — 1) Pi 4- Ii + -C>], 

_ i 

5. That part of the slot nearest the closed end is referred to 
throughout this paper as the bottom and that part nearest the 
open end, as the top. 
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where p = 2 s for all the rest. 

Averaging these over the 2 m half-turns, the result i s 


2m I o = 2 s [(2 s — 2) JJ + 2 s ft 2 *- 2)7. + 7 a ) 


2* [2s ZJ- 2” [2 s 7. + h}. 


This gives 


Hence 


Jo = - II 


and finally 


Cos a = — 1 


L = 0. 


Now consider Type IV. See Fig. 6. 

In a manner similar to the first example 

m m —1 

2 m Io =— [(p— 1) 11 + I~i] + ^^ J f> Kv — 1) Ii + T 2 ) 


[1 2 + (m — 1) Ii H~ Ill- 


This reduces to 


(2 — 3 m) I\ + (m — 2) J 2 


Since all the conductors are in series 
J 2 = m h Z 6. 

This is substituted and the vectorial summation 
effected so that 


V(2—3 m) 2 +(m 2 —2 m) 2 +2 (2—3 m) (m 2 —2 m) cos 0 
2 m 


Cos a - 


(2 — 3 m) + (m 2 — 2 m) cos 6 


and finally 


(m- 1) (m- 2) pm 2 - 5 m + 2 


+ 2 sin 2 


Any combination of half-turns may be calculated in a- 
manner similar to the above and the reader may verify 
the rest of the formulas given in Table I or he may make 
new formulas for other combinations. 
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Annm J k B The quantity h is the depth of one tarn, while d is 

Appendix taken as tjjg depth of one strand, m is the numbei of 

Non-uniform current distribution in armature con- per co ii ? an d n is the number of layers of strands 

ductors introduces changes in the effective reactance &Q f or a two-coil side per slot winding 

of the windings as well as in the resistance. The ques- k % (J 

tion of the reactance is not considered here. It is h ^ 

possible to set up equations containing complex num¬ 
bers which express both the resistance and reactance ^ ^ one _ coil s ^ e per slot winding 
factors, but since only the resistance is considered here • ^ 

M and N are taken 0 as . ft = 

M == real part of q ft cotli q h 


i 

N « real part of 2 q h tanh - 


8 7 r 2 j r / 


q ft and for strand loss calculation 

N real part of 2 q h tanh -y ft = d . 

In a laminated winding the current is forced to How 
where over the whole length of a half-turn by the voltages 

I 8 / induced in the core portion only. The resistivity pis 

q « \| --- taken as 1/ft times the actual resistivity for this reason 

P where b is the ratio of the length of the core to the 

and ft is the depth of the conductor. length of a half-turn. Copper at 75 deg cent, is as~ 

It is always possible by means of the proper trans- mm ^ Substituting the value of p and q, the value ol 
position to reduce the eddy current loss to a negligi i e ^ f Qr a two-coil side per slot winding becomes 
fraction of the normal copper loss and it is therefore , (rf/in) > f 

unnecessary to use the full expressions for M and . _ T. _J_ -1 f -..~-—I 

Th e y m ay be expanded into ^infinite series and all D - 0.07o (;o/sei . J L w J 

unnecessary terms dropped. I hus , md for a ono -coll side per slot winding, it becomes 

m = i-4 <t k ' r f Y r r h T 


r./_T 

r r ft n" (d/m)-_ 1 

L (50/sec J 

L ,m ~ 


Let 

so that 


(1 + J) 0 
f 4 7T 2 / r 

Nl /> 


and for a one-coil side per slot winding, it becomes 
/ T r r b n* (d/in)y 1 

D = X * 19 L 60/sec.J L w a J 

and for strand loss calculation 

Appendix C 

Circulating Current Loss 

The formula for a coil of Type I is taken from 
Table 1 and substituted in liquation (3), resulting in 


1 + -15 ' J ' k ' 


I *' h '- 


[ 4 -I- 0« ! - D ] D < 


M appears in every expression for Uie circulating einr- * ~ L. 4 1 4 J' 

rmii ltKs f'ictor. The constant, part- of it represents the . , . 

normal ’copper* loss while the variable part represents The cons tant term in this expression may be < r °PP A 
the extra loss. Thus the extra loss factor is without fear of sensible error and the result is 

A h 


or 

where 


[4 + 15 TA D 


6. Boo the paper by W. V. Lyon, Bibliography, 1. 


Substituting the proper value of D 

r f V ! r r h n* (d/in) 2 1 
k « 0.28 [ CBiT/sec “ -» L m -* 


Circulating current loss factors for any other type of 
winding may be calculated by selecting the proper factor 
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Transactions A. I. E. R; 


from Table II and applying it to the result just obtained. 
That is, the effect of the transposition on a coil of 
Type I is to reduce the extra loss in the ratio given in 
Table II. This table has been made up with the use 
of Table I and Formula ( 3 .) 

Strand Loss 

The strand loss in a one-coil side per slot winding is 
obtained by substituting 



in Formula (3.) The result is 

, r , 15 1 

k s = | 4 + g- (m 2 - 1) \D 

and this is practically equal to 

k a = 5 m 2 D . 

When the proper value of D is substituted 



The factor b is introduced because the extra losses 
occur in the slot portion only. 

In a two-coil side per slot winding 

4 m 2 — 1 0 

L — --— m 2 sin 2 

and therefore 

, r / is 

k 8 = ^ 4 + — (4 m 2 — 1 ) — 15 w 2 sin 2 — J D . 
Practically this is 


k t = 20 m 2 D \p 



The correct value of D is now substituted and b is 
introduced with the result that 

K = 6 '° 6 * [ ~~60/see ] lrn 

This is the same result that was obtained for the 
strand loss in a one-coil side per slot winding where 0 
is zero, and is therefore general. Various coils in a 
machine may have different values of 0 and it becomes 
convenient to have an average value of \p to apply to a 
whole machine. This has been done and is given in 
Fig. 8 . For a three-phase machine varies linearly 
from 1.0 at 100 per cent pitch to 13/16 for 66 % per 
cent pitch and from there linearly to 7/16 at 833/ per 
cent pitch and from there linearly to 0.25 at zero pitch. 
For a two-phase machine \p av varies linearly from 1.0 at 
100 per cent pitch to 5/8 at 50 per cent pitch and from 
there linearly to 0.25 at zero pitch. 


Table of Symbols 

10 A quantity used in the formation of equations 

for extra loss. The rule for obtaining I 0 is 
given in the body of the paper. 

I b The vectorial summation of all the current in 
the slot below the conductor in question. 

1 1 The current in the conductor in question. 

~ The numerical value of the ratio indicated. 

i 

a The angle between J 0 and h. 

L A quantity which depends on the type of coil 
and its transposition. It is defined by 
Equation ( 1 ). 

K The ratio of the total heat loss in the coil to 
that due to uniform current distribution. 
k The ratio of the extra heat loss in the coil due 
to eddy currents to that due to uniform cur¬ 
rent distribution. Also called extra loss 
factor due to circulating currents. 

D A quantity depending on the dimensions of the 
slot and coil, the frequency, the number of 
turns per coil, and the number of coil sides 
per slot. It is defined in Equations ( 4 ), ( 5 ) 
and (6). 

/ The frequency of the alternating current. 
r The ratio of the width times the over-all height 
of the copper conductor in the slot to the 
slot width, times the net conductor height. * 

6 The ratio of the length of the slot to the length 
of a half-turn. 

d The depth of a strand. 

n The total number of layers of strands depth- 
wise in the slot including both coil sides. 
m The number of turns per coil. 
k, The ratio of the extra loss due to strand loss 
to that due to uniform distribution of cur¬ 
rent. Also called strand loss factor. 
p The order of the conductor under considera¬ 
tion. The one nearest the bottom of the 
slot in the coil side under consideration is 
p = 1. The effect of eddy currents is calcu¬ 
lated by averaging J 0 over all conductors and 
is accomplished by finding J 0 for the general 
conductor p and summing up all such values, 
s Any integer. The summations in Appendix A 
are effected with respect to s between the 
limits indicated. 

h The depth of a conductor, or turn. 
q A quantity depending on frequency, resistivity 
of the conductor, width of conductor, width 
of slot, length of slot, and length of a half¬ 
turn. It is a complex quantity. 

3 The square root of minus one. 
g The quantity q divided by (1 + j), it is real. 

\k A quantity used in strand loss calculation. It 
is ^ = 1 — (3/4) sin 2 (0/2). 
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\p av The quantity \p, averaged over all the coils in the 

a machine. an 

p The resistivity of the conductor. 

6 Angular phase difference between the currents M 

in the top and bottom coil sides in one slot. e k 
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Discussion 

G. II. Rockwood, jr.i In order to compute the losses m 
I,Ik, so transpositions which Mr. Summers has described, it is 
necessary to determine the percentage of slots m the ^ndi g 
having a given value of the angle 0 between current m the top 
and I mttom coil sides. Necessity for visualizing the winding may 
bn done away with and the computation simplified by the follow- 

“infill— winding of full pitch, the angle between the 
currents in Idle top and bottom coil sides of all slots is zero, for 
"tole Pitch winding, it it 60 deg, for a one-third prtch 

winding 120 dog., and for a zero pitch winding, 8 

Zen the Jlhnifing values, the percentage * "mg a gwen 
V «bm of the angle 0 will vary linearly with pitch. We may , 
tluiroforo, plot the data of Table II of Ihepaper MKdonew Mfi. 

~S K ’^ch'a”;" " to She rather 

laborious computation in the l^per and to ** ffie^coU 
factor for circulating current directly as a lunciion ox 

Vi Aiacr, . Mr. Summers' idea of making an mversmn to 

one or more turns at theavoiding eddy 
me to bo a very simple and ^factory m h her of 

currents. In Schenectady, u.^bmltog a consxder The 

large machines Vo have e ^ aWes y a g standard machine- 

ad vantage of the method \‘ c t expense of special 

wound coil to be made ^thouMhe extia exp_ ^ ^ other 

insulated clips, the °^' e s ^ ines q ia t have been proposed 
complications. All otlio >■ . ie nt departure from the 

before have involved some and S p their use has not 

simple standard manufacturing mnt loss with- 

soemod to he warranted unless'tin^““freent. wit h the 

out transposition was more .. 1 . , j ( transpose the winding 

new method,wo have found it de liable to l a P oxi . 

whenever the circulating-current loss should 

niatoly 10 per cent without it. similar Mee d to 

It is true that the mverled-lurn idea 


those which have been suggested by IS. V . 1 
and by others; hut so far as l know, no one ha 
the same scheme, nor has anyone worked, «>i 
eddy-current loss formulas for this case, i f 
Air. Summers has made a very distinct contrr 
electrical machine design. 

J. R. Dunbar: I desire to point out ti 
transposition advocated by Mr. Summers v 
Dwight on experimental coils for machine 
manufactured by the Canadian Vest in 
At that time, it was decided that the ml net 
losses was insufficient to justify the added < 
winding of the coils for the machines then !• 
should like to ask Mr. Summers if it is prop 
chines now under construction any of tin 
describes? 

F. D. Newbury: It may lie of interest t 
the more general considerations affecting tr 
have been three methods advocated: First, 1 
secured by means of certain connections n 
method has been applied for 10 or 12 yen: 




.... i 


° o 'o Jo Jo 40 Jo eo ro 

Per cent ermo Tore winding pi ten 

p 1G . i—R atio of Extra Loss in Type TV Winding iu h*A. 
in Type I. 

Full line— 3 -phase. 

Dash line—2-phase. 

and is effective and economical in such cases. The second me' nod 
is to transpose the conductors within the aminfui* s..a. i - - 
a method which has been used in Europe v 

not in this country until recently. In Europe. — 

used partially closed slots; we have used open "loss. -w ‘ ‘■ 
used straight bar conductors joined by separate ■ 

“n tLse partially closed slots. This cons— £*£££»• 
tion within the slot, is fairly simple. 

have taken up this construction m recent j ear> m l **- j - ■ 
El eoihecaine so long that M 

half coils instead of complete coils and it o n 
successfully with half coils when it is possible to - 

nds ol the conductor solidly in,XX 
So in American practise, in our largest macimn . 
tion within the slot is coming into use. . if; , d 

Tt seems to me that this third method aa\ u au y 

i Mr Qnminers is a verv desirable construction ior *- _ 

by Air. Summer - des frable to use complete ecus, 

ate-sized ^‘rd tTsemlre transposition economically. _ _ 
machine-wound, and - thppnd of thF paper - there 

In looking over the bibliography at the «^ ^. atly 

-d theoretical U**.* 

" 1. Heal Toss in Stranded Atmature Conductor,. VV. V . Lion. Tssns- 
A. I. E. E., 1922, p. 199. 
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our design work. From this bibliography you will note that the 
earliest American paper was one by A. B. Field, presented in 
1900. There was no other important contribution, at least, not 
in America, until Gilman’s paper in 1920,—a period of fifteen 
. years. In the six or seven years since that, we have had the im¬ 
portant papers by Prof. Lyon, and now another one by Mr. 
Summers, which indicates the very healthy condition of progress 
in this branch of design. 

C. M. Laffoon: I wholly subscribe to the views given in the 
paper; in fact, I used the method a few years ago. 

"H. \. Lyon: I agree with Mr. Summers that in the eomputa- 
tation of the extra-loss factor for any winding that is properly 
designed, it is sufficiently accurate to use the first terms in the 
expansion of the hyperbolic functions. This is also the expressed 
opinion of H. W. Taylor. For anyone who might wish to com¬ 
pare the approximate with the exact values of these hyperbolic 
functions, I am appending a table of such values. 

. ^ should like to call attention to one minor correction. It is 
m regard to the use of the ratio r when calculating the strand loss 
This ratio takes into account the effect of the insulation between 
the strands. The magnetic field that exists in the space between 
adjacent strands plays its part in affecting the distribution of 
current among the strands and thus is a factor in determining 
the circulating-current loss. On the other hand, tins magnetic 
field does not influence the strand loss. The expression for the 
strand loss can be corrected by using either a different value for 
the ratio h or the ratio r. The effect of this correction wifi be 
o multiply the strand loss by the ratio of (the net depth of 
strand,)- to (the gross depth of strand).* Making this correction 
in Mr Summers’ numerical example reduces the strand loss 
factor from 0.094 to 0.0S2. 

I believe that there are still one or two points in the theory of 
_iese extra losses that are not fully appreciated. The extra 
^ulatmg-current loss is zero when the current is equallv 
•dmded among the strands. The extra strand loss is not a mini- 
ffiUm f ; ,r thls condition, however, but for the condition when the 

”“ .11 T”? C ° D ff. rated tmvard the tQ P of the slot. As a 
miple illustration of this, consider two equal strands placed one 

above the other. The total loss in these strands is a minimum 
when the current in the lower strand is one-half of the total 


term is the square of the current I 0 . Mr. Summers describes the 
method of computing 

For a given depth of copper in the slot, the strand loss can be 
reduced to a reasonable value by increasing the number of 
strands. For a given number of strands it is nearly independent 
of the strand arrangement. The circulating-current loss, on the 
other hand, depends in a marked degree upon the strand arrange¬ 
ment. The problem then seems to be to reduce this latter loss 
to its smallest possible value. 

With full-pitch slots, Mr. Summers’ quantity, L, has its small- 


□ 

□ 

□ 


Fig. 2 

est value when = - i-, f or which condition L __— 

1 2 4 ' 

This then gives the condition for minimum circulating loss. This 

value of —- can always be obtained, if the coil has an even 


multiplied by the fractiou (! - JL) an(J the eurr6nt fa ^ 
upper strand is one-halt of the total current multiplied by 
V + Tf)' As further e^nee of this fact, consider the 

expressions for strand loss that were derived in my 1922 paper i 
Li ease o of that paper, the circulating-current loss is much smaller 

mio 0 ° mo is fo ‘f 6 n St Tu T is smaIler in case 6 “ ab ™‘ tte 

1 * 13 t0 16 for full-pitch slots and in about the ratio of 10 to 

13 for three-phase fractional-pitch slots. It is readily shown that 
t le windings which have a small circulating-loss factor it is 
very nearly correct to compute the strand loss on the assump on 
tha the current is equally divided among the strandsTs Mr 
baS doae - The exaet expression for the strand loss is 
papeix Itt y ^ ^ meth ° d outlined in ^ 1922 


wntog the end connections as shown in 

of torf; ™ be obtained if tlie eoiI bas mi odd number 

that ™ provided tbe eur f nt in tbG lower coil side is in phase with 
that m the upper coil side. Figs. 2 and 3 herewith show how it 

^ flv e e a tZ7 M f Gn th6 7 1 haS three tl,rns and ^en it 

has me turns.. Mr. Summers does not show this type of in- 
— wlU be fo und, however, in I-I. W. Taylor’s paper 
With these same inversions, the losses will be somewhat 
greater for fractional-pitch slots. There is another ZT rf 

SZ' i"rr r i ttat ^ »«* °a[ 

tional pitch 1 h T 6 T an ° dd aUmber of frae- 

nal-piteh slots. In the case of tliree-phase, fractional-pitch 

slots, the minimum value of his - i a the coil has throe 
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,?* ™ lue 0( " is ** 

ofthecurrentsmtheslot6rfo»thesueces^e\ahTums f o t f 1 tr' 1U W 

v-hich the strauds are numbered in 

term ,s the sum of the squares of the conductorcUepS 
current m the slot below the successive TJ 

which the strands are numbered in fh* , ot the eo;d m 

’ J erea m the reverse order. The last 


sho ™ “ ^ 

For three-phase, fractional ffitch ° 0il Sid ° isinverted ‘ 

Fig. 2, Lis zero. 7' arraD S' ed as sb ™ in 

2.0, which is not excessive, the inversion^ rti f Q h e<1Ual to 
reduces the circulating-current P vt ? of Lus bottom conductor 

from 0.309 to 

has certain distinct advantages f ’ A |f 10lIg h fractional pitch 

distribution and wave-form of § ven T, 1 ® standpoint of flux 

attainment of the minimum 17^7 G ' m * L> P rey ents the 

-gle case of a wind?*** eXCept in 
as in Mr. Summers’ Fig. 3 . g V nilmber turns arranged 
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There is one more ease that is perhaps worth while mentioning. 
A certain large 25-eycle generator has a calculated extra-loss 
factor of 9.9 per cent. If it had been mechanically possible 
to invert the end connections, as in Mr. Summers’ Fig. 3, the 
extra-loss factor would have been 0.6 per cent, a reduction of 
8.5 per cent in the armature copper loss. For the same armature 
heating loss the rating of this generator might have been in¬ 
creased nearly 2000 kv-a. There might possibly have to be a 
slight modification of the field winding to compensate for the 
increased armature reaction. 


TABLE OF APPROXIMATE AND EXACT HYPERBOLIC 
FUNCTIONS 




(Q 


51 


M 

1 45 

N 

12 

q h 

Exact 

Approximate 

Exact 

Approximate 

0.4 

1.001 

1.00058 

0.002 

0.00213 

0.8 

1.008 

1.0091 

0.034 

0.0342 

1.2 

1.044 

1.0461 

0.169 

0.173 

1.6 

1.137 

1.146 

0.512 

0.546 

2.0 

1.309 

1.356 

1.147 

1.333 

2.4 

1.566 

1.738 

2.074 

2.766 

2.8 

1.874 

2.368 

3.17 

5.12 


H. W. Taylor (communicated after adjournment): When a 
coil consists of two or more turns, methods of reversing the order 
of laminations of the conductor in different parts of the coil have 
been previously known whereby the circulating-current loss may 
be reduced to. a minimum, which minimum loss corresponds to 
that of a conductor at the bottom of the slot, consisting of half 
the laminations of the conductor actually used in the coil. 

Sometimes it is found inconvenient, however, to arrange all 
the coil ends so as to change the order of the lamination in the 
top and bottom conductors as frequently as is required to pro¬ 
vide a minim um loss. The author of this paper is to be con¬ 
gratulated upon having disclosed in Fig. 6 a method of winding 
multi-turn coils which provides a compromise between facility in 
winding the coil on the one hand and reduction of the circulating 
eddy-current losses on the other. 

In order to consider the merits of the various forms of coil 
windings with laminated conductors, the writer has found it 
convenient to consider the circulating loss only and as if the con¬ 
ductor were infinitely limited. The term in the formula for extra 
loss in an infinitely laminated conductor which involves the posi¬ 
tion of the conductor in the slot is 

4 __ (p 2 ~ V) 

45 3 

where p is the position of the conductor counting from the 
bottom of the slot. 

In the following table, particulars have been tabulated for 
two- up to six-turn coils for the ordinary method of winding, for 
the most perfect method, and for Summers’ method as described 
in the paper. In the table, parallel columns give equivalent 
values of p, the value of (p 2 — p) and the value of the above 


No. of 
turns 
in coil 

Ordinary Method j 

] 

Most I 

Perfect I 

Method 

Comprc 

jmise I 

Method 

P 

CP 2 -P) 

Fig. of 
merit 

P 

(P 2 -P) 

Fig. of 
merit 

P 

(P 2 -P) 

Fig. of 
merit 

, 2 

3 

4 

5 

6 

IX 

2 

2X 

3 

3X 

X 

2 

15/4 

6 

35/4 

61 

136 

241 

376 

691 


■ X 

-X 

1 ' 


0 

1/3 or 
2/3 

X or 
X 

1 1/5 

1 1/3 

0 

-2/9 

-3/16 

6/25 

'10/9 

. 4 

3 

5 

59 

83 


expression (leaving out the denominator of 180 in all eases), as a 
figure of merit. 

It will be seen that the author’s method is particularly appli¬ 
cable to two-, three-, and four-turn coils. It provides considerable 
improvement in five- and six-turn coils, but owing to the fact that 
in coils with this larger number of turns, the total depth of con¬ 
ductor would be relatively shallow, the loss in such coils would in 
practise, be small in any case. 

I. H. Summers: Air. Rockwood has presented a very inter¬ 
esting and valuable discussion. His curves should materially 
simplify the computation of extra-loss factors. They will be 
especially valuable in design work where it is highly desirable to 
have a quick and convenient method for checking the efficacy of 
proposed windings. 

Mr. Dunbar has stated that H. B. Dwight experimented with 
transpositions similar to those I have described but gave up the 
idea because of the belief that the reduction in loss was insufficient 
to justify their use. Mr. Alger has answered this statement by 
pointing out that a considerable number of large machines has 
already been built using these transpositions with good success 
and that it is found economical in Schenectady to use the trans¬ 
position whenever the extra circulating eddy-current loss would 
exceed about 10 per cent without it. It will be noted that some 
of the types of transpositions described are more effective than 
others. Naturally, in any given winding, that method will be 
selected -which combines a sufficient reduction of eddy-current 
loss with economy in making the winding. 

With regard to Mr. Newbury’s points about the applicability 
of various types of transpositions to particular classes of windings, 

I may say that there is no gain to be expected from the inverted- 
turn transposition W'hen it is applied to a one-turn coil. For 
machines using a one-turn coil, an effective form of transposition 
is already in extensive use, winch completely eliminates the cir¬ 
culating eddy-current loss. The transposition in this ease is 
accomplished within the slot, and a bar winding, consisting of 
half coils, is used. 

H. W. Taylor’s discussion is very' interesting. His tabulation 
show's that type TV, Fig. 6, is particularly applicable for two-, 
three-, and four-turn coils, when the winding is full-pitch. I wish 
to remark that type V, Fig. 7, is quite applicable also for two- and 
three-turn coils; in fact it gives a lower loss than type IV if the 
coils are wound with fractional pitch. For coils of four or more 
turns, type TV is preferable in any case. 

I am very much indebted to Prof. Lyon for calling attention 
to an error in the use of the ratio r. The correction for the strand 
insulation was not a part of the original manuscript but w as sent 
in as an after-thought. Obviously 7 , it should have been applied to 
the circulating-current loss but not to the strand loss. Perhaps 
the best way to take care of this is to define r simply 7 as the ratio 
between the total width of copper in the slot and the slot width. 
Then, a new factor c should be introduced into the foimula for 
circulating-current loss wherever it occurs, where c is the square 
of the ratio between (strand height including strand insulation) 
to (net strand height). 

Prof. Lyon’s remarks concerning the problem of strand loss 
are pertinent and it is interesting to note that his exact results 
lead bim to the conclusion that my 7 formulas are sufficiently 
accurate for practical windings. Perhaps it is in place to pomt 
out that the first duty of the engineer who sets out to provide 
a solution to a problem is to solve it in the most general and 
exact manner that he can devise. Prof. Lyon has done this in a 
neat and logical w r ay. In so doing, he has provided a firm founda¬ 
tion for anyone who later wishes to apply his results. It is often 
possible in such cases to reduce the general solution to a more 
practical form which will be the simplest possible, consistent with 
the accuracy required. Thus, it may be simplified so that prac¬ 
tical men will find great use for it. This is what I have attempted 
to show in my paper. 
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Synopsis. Three papers on the general subject, "Graphical 
Determination aj Magnetic Fields, ’ are being presented simulta¬ 
neously to carer three phases of the subject: 1. Theoretical Con¬ 
siderations, d. Comparison of Calculations and Tests, by E. E. 
Johnson and C. H. Green, 3. Practical Applications to Salient- 
l ole Synchronous Machine Design, by It. TP. II iesenian. In 
the following paper, which is the first of this series, the authors have 
reviewed the history of the subject, hare briefly stated the ordinary 
rules for plotting magnetic flux in air and in current-carrying 
copper, have developed additional rules for checking the accuracy 
of field plots, and hare given theoretical methods for mathematically 
calculating the distribution of field in certain cases commonly 
encountered in practise. 

The authors have called attention to the great value of the math¬ 
ematical work by the German engineer, Rogowski, and the graphical 
methods by the French engineer, Lehmann. These German and 
trench articles contain the only extensive practical applications of 
the plotting of magnetic fields in current-carrying regions with which 
the present authors are familiar. Since it is much more difficult 
to plot fields in current-carrying regions, and since the majority of 
riders ; are less familiar with this phase of the subject, the greater 
pait oj the first paper, "Theoretical Considerations,” is devoted 
to a study of such fields, ,4s special examples, the mathematical 
solutions for the magnetic field between the poles of a salient-pole 
alternator and the magnetic field in a circular conductor in a circu¬ 
lar slot are given in Parts I and III, respectively, of this first paper. 


and R. H. PARK 1 

Non-member 

Part II of the first paper contains a set of theorems which deal with 
various questions which have arisen while studying this subject — 
such as the proof that there is no refraction of the lines of force at a 
copper-air boundary, but a change of curvature when a line of 
force crosses such a boundary; and a general law for checking 
any field plot by the relation of the magnetic intensity and its rate 
of change to the current density and the radius of curvature of the 
magnetic field. The first two appendixes contain practical rules for 
the free-hand plotting of flux distribution in both air and copper; 
Appendix C contains an interesting discussion of the conception 
of vector potential, showing how easily it can be applied to the 
solution of practical problems. 

The three papers in this group should be considered as one 
complete whole and the reader will find very interesting a co mparison 
between the mathematical plots given in this paper on ‘ ‘ Theoretical 
Considerations” and the experimentally determined plots in the 
second paper on “ Comparison of Calculations and Tests, ’/ and the 
practical uses for these methods in the design of machinery given in 
Piactical Applications to Salient-Pole Synchronous Machine 
Design.” 

In the early days of the design of electrical machinery, magnetic 
distributions were largely a matter of guesswork, but in these days of 
more severe competition and closer refinement of design, an accurate 
knowledge of the magnetic distribution is a necessary fundamental 
of the greatest importance in determining the best designs. 

***** 


Historical Introduction 

I N the design of electrical apparatus, the accurate 
calculation of the characteristics of a proposed 
design depends on the distribution of magnetic 
flux in the machine. 


A few shapes lend themselves to rigorous mathe¬ 
matical analysis. One of the most famous examples of 
this is the calculation of the fringing coefficient due to 
the slots along the periphery of an induction motor 
air-gap, by F. W. Carter 2 , who used the theory of func¬ 
tions of a complex variable to obtain a solution of 
Laplace’s equation. 


The^ mathematical complications encountered 
analyzing the magnetic fields surrounding many of tl 
irregularly shaped iron boundaries commonly found i 
electrical machinery, however, have led many autho; 
to advocate and describe graphical and experiment; 
methods. One of the best bibliographies on this sul 
ject is given by J. F. H. Douglas in an article 3 in whic 
he reviews the many methods suggested by othe 
authors, but especially emphasizes the use of high 
resistance t emplets for experimentally plotting a field. 

1. Both of the Engineering General Department, Generc 

Electric Company, Schenectady, N. Y. 

2. See bibliography, 1. 

3. See bibliography, 5. 

Presented at the Winter Convention of the A.I. E. E Net 
York,N. F., February 7-11,1927. ’ 


There are many articles 4 that describe the graphical 
method of plotting magnetic fields in air, but almost 
none of them give any suggestion of a method for plot¬ 
ting fields within current-carrying conductors. One 
of the best articles on the subject is “The Free-Hand 
Graphic Method of Determining Stream Lines and 
Equipotentials,” by L. F. Richardson 5 . This author 
makes the statement that in a region occupied by 
current, the difference of successive chequer ratios in a 
direction perpendicular to the lines of force, divided 
by the mean chequer area, is equal to a constant times 
the current density in the region 5 . But he goes on to 
say: 


‘ , ruce-xmuu, so as to satisfy a 

difference relation of this sort between chequer ratios, 
is likely to be toilsome, and we will here consider only the 
case where A 2 v = 0.” 

The remainder of Richardson’s paper is given up to 
he sketching of various fields, in none of which does he 
take into account the effect of current-carrying conduc¬ 
tors in the space occupied by the flux. 

, Th e most complete treatise on the free-hand plotting 
o fields of magnetic flux will be found in a series of 
French art icles by Lehmann 7 . The 1909 article con- 


4. See bibliography, 8 and 10. 

5. See bibliography, 2. 

6. See Appendix B for a proof of this statement. 

7. See bibliography, 4, 7 and 9. 
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tarns many valuable suggestions for plotting fields in 
air, and the 1923 articles give an elaborate set of rules 
for plotting magnetic fields in regions where the curl 
of the field is not zero —i. a., in space occupied by current- 
carrying conductors. 

It has always been said that there are no lines of 
magnetic equipotential in current-carrying- space. This 
is true, but Lehmann pointed out that a system of lines 
orthogonal to the lines of force can be drawn. He called 
these lines gradients, and called attention to the fact 
that they all converge to one or more points in the 
copper which he called points of indifference. 

Consider the field in and around a cylindrical conduc¬ 
tor. The lines of force are circles. The gradients, 
or lines of no work, as the authors prefer to call them, 
are radial lines; and the point of indifference, or kernel, 
is the center of the wire. It is also seen that the lines 
of no work on leaving the copper become lines of 
equi potential. 

This conception of lines of no work radiating from 
one or more kernels greatly facilitates plotting fields 
in copper. In Appendix B, a very brief set of rules 
for plotting the (lux in the current-carrying regions is 
given by one of our associates, Mr. Lloyd P. Shildneek,' 
using as an illustration the distribution of flux between 
the field poles of an alternator. 

In .June, 1918, Messrs. Doherty and Shirley published 
a paper 8 which made practical use 1 of many sketches 
of magnetic fields in air. Since that time, the company 
with which the authors are associated has made con¬ 
siderable use of free-hand sketching in the predetermina¬ 
tion of (lie air-gap fields of salient-pole machinery. 
Except in a few special cases, however, our attempts 
to sketch magnetic fields in regions occupied by current- 
carrying conductors wore rather unsatisfactory. 

In the fall of 1921, not yet having noticed Lehmann’s 
1923 article, we started to investigate this problem 
seriously. Thu task of sketching is greatly simplified 
when one knows in advance the approximate shape 
which the sketch should have. Not yet having gained 
the conception of a kernel from which lines of no work 
radiate, we had only vague and incorrect ideas as to 
the detail distribution of flux within the copper coils 
surrounding alternator field poles, which was the 
problem we set ourselves to solve. 

After many attempts to make a reasonable looking 
sketch, we decided that it would be worth while to 
attempt a mathematical analysis of this field, in the 
hope of obtaining a picture which would at least suggest 
the general arrangement of the lines of force in the 
copper. The purpose of this article is to describe this 
mathematical method, the route by which it was 
derived, and the additional suggestions for free-hand 
sketching which resulted from this work. 

Professor V. KarapetofT called our attention to 
a most valuable article by Rogowski 8 which we im- 

8. See bibliography, 6. 


mediately adopted as a basis for our work. Unfor¬ 
tunately, this is out of print in German and had never 
been translated into English until recently, when a 
partial translation was given in an article by one of the 
present authors 10 , which it will be necessary to read in 
order to understand Part I of this paper. Rogowski 
mathematically plotted the leakage field in and around 
transformer coils. The pictures shown in Rogowski\s 
article called our attention to the kernels or points of 
indifference. 

The two fundamental ideas which we obtained from 
Rogowski’s work were: 

1. The simultaneous solution of four relatively 
simple differential equations set up to satisfy the 
conditions in four adjacent regions into which the field 
was divided. This simplified the problem greatly 
because each region, taken by itself, could be analyzed 
easily; whereas, the alternative course, a consideration 
of all four regions at once, would have been a very 
difficult task. 

2. This division into regions made it possible to 
represent the current distribution by a Fourier's series 
of only one of the space coordinates. 

The contribution of the present article consists in 
the extension of Rogowski \s method to more compli¬ 
cated magnetic shapes. We followed Rogowski by 
dividing the field of a salient-pole alternator into 
several regions which could be solved simultaneously. 
The current-carrying region was represented by an 
infinite series of reflected and re-reflected images, 
while the mathematical expression for the boundary 
region between the pole tips was obtained from a free¬ 
hand sketch. This combination of a strictly mathe¬ 
matical method with the theory of images and with free¬ 
hand sketching in the parts which can easily be sketched 
free-hand, into one consistent system of equations which 
gives mathematical expressions for the lines of force in 
the part of the field which cannot be easily sketched, 
is, we believe, a valuable engineering tool which can be 
applied to many other problems. Illustrations are 
given of its application to a problem with rectangular 
boundaries and also to a problem with circular bounda¬ 
ries. The method can probably be extended to an even 
wider range of problems by expressing the equations of 
Poisson and Laplace in more complicated systems of 
coordinates. 

It has been our experience that, in certain cases, so 
much sketching and resketching is required before 
the kernel can be found by the free-hand method that 
this mathematical method could actually be worked 
out, by the use of comptometers, more quickly than the 
field could be sketched. 

This theoretical work also led to additional rules 
for guiding the construction and checking the accuracy 
of free-hand sketches. 

9. Seo bibliography, 3. 

10. Soo bibliography, 11. 
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The body of the paper is arranged in three parts: 

Part I. Calculation of the flux leakage between 
poles in an alternator with approximately parallel 
pole sides. 

Part II. Point conditions in coplanar magnetic 
fields. (New rules for constructing and checking of 
free-hand sketches.) 

Part III. Application of the method to polar 
coordinate systems. 

Five appendixes have been included, the first two 



Fig. i 


merely in the interest of completeness; but the last 
three contain valuable original material. 

Appendix A. Rules for plotting flux in air. 

Appendix B. Method of plotting two-dimensional 
magnetic fields in space occupied by current-carrying 
conductors. 

Appendix C. Vector potential in coplanar magnetic 
fields. 

Appendix D. The relation of the scalar potential 



Fig. 2 


function to the vector potential function in coplanar 
magnetic fields. 

Appendix E. Calculation of inductance from a 
knowledge of vector potential. 


the current density is constant over the cross-section 
of the conductors and that the iron is of infinite 
permeability. 

One step in the solution of the problem in which 
the actual magnetic circuit was replaced by an infinitely 
deep slot, as in Fig. 2, was suggested by one of our 
associates, Mr. C. J. Koch. Under this assumption, 
the complete magnetic circuit may be replaced by a 
double row of images extending to infinity, as shown in 
Fig. 2a. It was found that the solution used by 
Rogowski 11 for the flux in a transformer with pancake 
coils could be applied to this case, by using a Fourier’s 
series for the infinite string of images. 

The problem may be reduced, in fact, to a considera¬ 
tion of an infinite series of rectangular conductors 
parallel to an infinite plane of iron, as in Fig. 2b, and 
the solution is the same as Rogowski’s for the case 
ft = co except that, since all the currents are of the 




Fig. 2-B 


same sign, there will be a constant term, cx 0 , in the 
Fourier s series for the current density, which requires 
an additional term, 2 7 ra 0 z 2 , in the equation for R in 
current-carrying space, and it will also be found that 
the constant terms and coefficients of x will not drop 
out as thejr did in the transformer problem. 

The solution for dimensions of coils and slots given 
in Fig. 3, is as follows: 

Region I : 


I. Calculation of the Flux Leakage Between 
Poles in an Alternator with Approximately 
Parallel Pole Sides 

It is desired to calculate the flux distribution in the 
two-dimensional magnetic circuit of Fig. 1 , which is 
supposed to represent a cross-section of an actual 
pan- of field poles. The shaded area is intended to 
represent current-carrying copper. It is assumed that 


R = 2 U- [«-*•“ -*>++*>) cos» e 

1 

Region II: 

00 

R = 2 T <20 (X - a) > + 2 12 - ^ 

11. For translation, see bibliography, 11. 
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__ __ ^kna _j_ ] CQSn (9 

Region III : 

= 2 7r a 0 (6 — a) [2 x — (6 + a) ] 


+ 


2 x a„ 
. ■■ " ■J (/c '/I) u 

i 


[1 - ” 0) - 


j £~~kn(h -)-«) j g_fcn(* — ft) 


' 2 knh 

€ 

cos n (9 


wherein, for convenience, the y coordinate has been 




Fig, 3-A 


replaced by 0 which varies from — 7r to 7r across the 
total width of the slot. Also, 

2 7T 

k «.j— where l is the width of the slot. 

£ 


x - (0x + 0‘i) . 

Q!o = -£ 

X 

2 i 

a n =- [sin (n 0 X ) -f (— l) n sin (n 0 2 ) ] 

nir 

where i is the current density in the copper and 61 
and 0» are indicated in Fig. 3. The field distribution 
for this case is given in Fig. 3 a. 

In order to extend the solution to include the effect 
of the pole tips and the finite depth of slot, it was 
suggested that the field be calculated by replacing the 
actual magnetic circuit with a closed rectangular 



Fig. 4 


magnetic circuit of the same dimensions as though 
the pole faces came together, leaving no air-gap. The 
effect of the air-gap was to be simulated by a narrow 
strip of copper along the surface of the iron, assumed to 
carry a total current equal to the sum of the currents 
in the two field coil sides (see Fig. 4.). 

A better method of solution is provided by first 
estimating one component of the field in the air-gap 



Fig. 5 


between the pole faces and using this estimated field 
component as a boundary condition. 

The procedure is as follows: 

The field at the air-gap is first calculated or plotted 
free-hand on the basis of a definite potential between 
the field poles. 

The Y component of the field along the line d d f 
(Fig. 5) is zero from d to e. It is approximately 
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inversely proportional to the vertical distance s be¬ 
tween two lines of torce m the neighborhood of the 
line d d' from e to e' and is again zero from e' to d'. 
The arrangement is symmetrical with respect to the 
x axis. 

The variation of Y is calculated in this way from 
d to d', or from 6 = — tt to 6 = t, and is plotted to 
any convenient scale. The general character of the 
curve is shown in Fig. 6. 

This curve of Y along the upper boundary of Region 
III can be expressed as a Fourier's series 12 of the form: 



fi n e - kn(c ~ a) +K n [1- e - kn{b ~ a) 

I ^—kn[2c(b + a)] _ ^—kn2(c ~“)l 

a n = ----- 

^ 2 knc 

a n ' = a n e~* na 

fi n e- kn(c ~ b) - K n [ 1 + e- kn[2c - ia +b)] 

—kn2(c — b) _ kn(2c +a — 

h =r _!_ ZlA _ 1 L 

" 1 - e- 2Awc 

fin e- kn(c+a) - K n [1 - e- 2kna 

i kn{b +a) __ kn{2c +a — b) i 

b ' -_Z -1 _ ZZl __ 

n _ g_2 knc 

fi n + K n e~ kn(c ~ b) [1 - e~ kn(b ~ a) 

j fen(6 +a) _ gJlknb j 

n 2 g—2 knc 1 

fin e- kn ^ c + b) +K n [ 1- e- kn(fi ~ a) 

_ g_2 knb _j_ ^_kn(b +o) j 

Cn — - j __ € -2 knc 

wherein the letters a, b, and c refer to Fig. 7, and 


Fig. 6 


K n = 


2 7r a n 


. Y = fi 0 + 2 k n fi n cos n 9 
i 

Unfortunately, it seems necessary to use about a 
dozen harmonics in using this equation as a boundary 
condition. 

The solution for the vector potential R at any 
point in the three regions is then given by three 
equations: 

Region I: ■ 

R = 2 [a, <:-*”<■> “*> + a,' e-*” ] cos (n 6) 

Region II: 

R = 2 7r a 0 (x — a) 2 + 2 [b n e~ kn{b ~ x) 

1 


Region III: 


+ 6/ + 2 X„] cos (n 0) 


R 2 7r Q!(j ( b (ij [2 x — (6 + a) J -j- 2 [c„ c x ) 

1 

+ c n ' e- kn{x ~ b) ] COS {n 6) 

where the six constants of integration determined 
from the original Fourier’s series for current distri¬ 
bution and the six boundary conditions, one of which 
is another Fourier’s series, are as follows: 

„ determination of the Fourier’s series will be simpli¬ 

fied if the curve (Fig. 6) between - <? 0 and + e 0 is assumed of the 
form: Y = f + g e* + h 8*. 


'£^'/////////////sZ////s,'V/////a 


' ' ' f '\ ( ? m ' 




wsvjx Regi 

§1 


Ml £ 

01 


HI 




Fig. 7 

By assuming that the function of Fig. (3 between 
~ do and + do may be represented in the form, 

Y ^f + gd' + hd* 
the values of fi n become 

fin = 

r l+h' fl 0 4 / . 12 h' \ / 6 0 2 2 \ i 

L n + \ g n 2 ) \ n ~HT/ J sin ( n d ») 


p .4 6 0 3 h' 

12 h' N 

2 e 0 -i 

L + 1 

K g n 2 J 

«» J 


g' 6 p» W do 

2 + 6 + 10 


2 t r a 0 (b- g) 

(k n) 
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where: 

y 


Any inaccuracy in the determination of g' and h' 
will result in inaccuracy in the field plot only in the 
immediate vicinity of the pole tips. 

In the above equation, 6 0 is the value of 6 at the 
pole face edge, as indicated in Figs. 6 and 7, and k 



Fig. S 


and a n are the same as in the solution for the infinite 
slot. 

The solution, assuming the current density such that 
«o = > is shown in Fig. 8. The dotted lines in the 

ii 7r 

figure indicate that portion of the flux distribution 
which was sketched in free-hand. 

Although the problem has been worked out for the 
particular case of the flux distribution between two 
field poles, it is evident that the same method may be 
applied to any problem with rectangular boundaries. 
In case the magnetic circuit or the current distribu¬ 
tion is not symmetrical about a central axis, it will be 
necessary to express R as a series of sines and cosines. 

II. Point Conditions in Coplanar Magnetic 
Fields 

The theory used in the preceding calculation can 
be made to answer various questions which arise in the 
free-hand sketching of magnetic fields, and also offers 
various criteria for judging the accuracy of the sketch. 


The question is sometimes asked whether there is 
any refraction of the lines of force at a copper-air 
boundary. It will be proved that there is no such 
refraction, or discontinuity in slope, but that the radius 
of curvature of a line of force may change suddenly 
when the line crosses the boundary of a current-carrying 
region. This change in the curvature of the field at 
the boundary of current-carrying copper is readily 
detected on a correctly drawn field plot, especially 
where the lines emerge from the copper perpendicularly 
and the field intensity is low. 

Theorem 7. There is no refraction at a copper-air 
boundary. In studying the possibility of refraction 
at copper-air boundaries where the permeability is 
continuous, the classical problem of refraction at a 
boundary where the permeability is discontinuous will 
be considered, taking into account a flow of current 
on one side of the boundary. 

Fig. 9 indicates the boundary of two regions, I and II, 
of permeabilities fii and The normal and tangential 
components of the magnetic field on either side, but 
immediately adjacent to the boundary, are H nl and 
H n o, and H n and H respectively. 

In order that the total flux emanating from the space 
included by the dotted area shall vanish, it is necessary 
that the integral of the outward component of flux 
around the area must vanish. If the flux density is 
everywhere finite, in the limiting case in which the area 


t 



a 


Fig. 9 

is made vanishingly thin, the flux emanating from the 
ends of the area may be neglected. Therefore 

b b 

f jJLi H n i dt = f fJ-2 H n i d t 

a a 

and 

fJbl H n i — /d 2 (^) 

From the application of the condition that the line 
integral of the field around the dotted area must equal 
4 7 r times the current included, and the assumption 
that the current density is finite, it follows in the limit¬ 
ing case, in which the area is made vanishingly thin, 
that the current included, and therefore the complete 
line integral around the boundary, vanishes, that is: 
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b 


a 


J' H n cl t -}- J' H t2 d t — 0 

a b 


Therefore, 


H n = H a 


Theorem II. There will be a change in the normal 
gradient of tangential field intensity at a boundary of 
current-carrying copper. 

At a copper-air boundary the relation, curl II — 4 r i, 
(2) may be written in the form, 


From Equations (1) and (2), it is evident that the well- 
known rule that, at any point of a magnetic field, the 
normal component of flux density p H n and the tan¬ 
gential component of field intensity H t are continuous 
across any boundary, holds even when there is current 
flowing on one side of the boundary, provided that the 
current density is not infinite at the point under 
consideration. 

Since the permeability of copper and air are approxi¬ 
mately equal, it therefore follows that there can be no 
discontinuity in the normal and tangential components, 
or in the direction of the field at the boundary of the 
copper, even though it be carrying current, provided 
that the current density at the boundary is not infinite. 
Q. E. D. 

Note : In the analysis of practical electrical problems involving 
eoplanar fields, it is sometimes convenient to idealize to the ex¬ 
tent of assuming the exciting currents to be concentrated in a 
ribbon of negligible thickness—that is, to assume that a finite 
amount of current flows into the plane of the field through a 
line drawn in that plane. 

In this ease, the current density is infinite for points on the line. 
It will be readily verified that, at a boundary along which a 
linear distribution of current density exists, Equation (2), 
Theorem I, becomes: 

Hti — Hti — 4 t i 1 

where i' is the linear current density at the point in question. 

In particular, for a linear distribution of current density 
along an iron surface, we have : 

H n = 0 

and thus: 


H t * = 4 a- i' 

That is, the tangential field intensity along an iron surface 



faced with a distribution of linear current density depen 
only on the value of the linear density at the point in questio 
This relation, which is obvious as soon as appreciated, may 1 
seen to necessitate the generally understood rule that- equip 
tential lines shall enter such a surface at points separated so : 
to mark off sections including equal amounts of current. Pro: 
the point of view that such equipotential lines when continue 
into the copper to form lines of no work shall enclose equ 
amounts of copper, this conclusion might appear to be open i 
question. A further rather obvious point that, however, is som 
time* neglected, is that equipotential lines and lines of force mus 
m general, enter such linear distributions of current at a slant. 


d H , bH n 


where the vectors n, t, i form a right-handed system of 
unit vectors, as in Fig. 10, and t and n are respectively 



tangent and normal to the copper-air boundary. 
Since H n is continuous across the boundary, it follows 
that bHJbs is continuous across the boundary, 
where the term s refers to distance measured along 
the boundary. But, at any point on the curve, neglect¬ 
ing infinitesimals of higher order, the arc and the 
tangent coincide. Therefore, b H n /b s = b H n /b t and 
b H n /b t is also continuous across the boundary, from 
which it follows that 

A \ ) = 4 x A W W 

The discontinuity in c )H t /bn across the boundary at 
any point, therefore, is equal to 4 tt times the dis¬ 
continuity in current density at that point. Q. E. D. 

Theorem III. At any point in the field, the quotient 
of the magnetic density divided by the radius of curva¬ 
ture of the lines of force, minus the rate of change of 
the magnetic density along a line normal to the lines 
of force, equals 4 t times the current density in the 
region under consideration. 

Equations (3) and (4) may be used to check the 
accuracy of a field plot sketch, but a somewhat more 
convenient relation, and one which involves the curva¬ 
ture of the field directly, is available. 

Let the curve in Fig. 11 be a line of force within a 
field carrying current. It is desired to investigate its 
curvature at the point 0. Shift the axes of coordinates 
so that the origin coincides with the point in question, 
and rotate them until the x axis is tangent to the curve 
as shown. 

Using these axes, the curve can be expressed by an 
equation, 

V = f (x) 

The relation between the curl of the field and the 
current density is 
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c )Y bX 

__ -= 4 7T i 

b x by 


(5) 


B_ b H 

p bn 


4 7T i 


( 8 ) 


And since X and Y are the components of the field 
intensity/ the slope of the line of force can be expressed: 

d y Y 

TaT = (*) " ~x (6) 


Differentiate this 18 with respect to x; 

b Y _ <1 Y „ d x . A y Y * v 

b x d x ~~ dx dx^ dx 2 

But, since the x axis is tangent to the field at the 
point in question, 

X « II and 4 V - = 0 


Therefore, 


OF d 2 j/ 

d x d x B 


Substituting in Equation (5), 

d 2 y b H r . . 

1/ ; “ V *«. " «47Tt 

a X- 0 p 



but the rucliutTof curvature of any curve y = / (x) is 

[1 + (rf ?//d x) 2 ]« /2 

p ". Wy/dxT 

and, since d y/d x » 0, at the point in question, 

d" // 1 

d xd **" p 


Making this substitution, Equation f7) becomes 



a 

dt/ 


4 7T i 


Or, since y is the coordinate normal to the curve, a more 
general form would be 

IS. At the origin, this slope of tho lino y / (x) is zero and 
tho partial derivative of F with respect to z becomes equal to the 
total derivative with respect to x at that point. 


where the quantities H, n, i form a right-handed system 
of vectors, as in Fig. 12, and the radius of curvature p 
is to be measured to the position of the center of 
curvature on the vector n u . It should be noted that, 
in Equation (8), n is a unit vector normal to the field 



Fig. 13 

rather than a unit vector normal to the copper-air 
intersurface, as in Equations (3) and (4). 

Equation (8) provides a method of checking up 
with tolerable accuracy the shape of lines of force 
which have been sketched in free-hand. 

Numerical Application of Theorem III. In order 
to test its probable accuracy, this method was used to 
check a field plot at a point inside a square conductor 
in the bottom of an infinitely deep slot (see Fig. 13). 
The lines of force had already been plotted from an 
exact formula for this case. Since the current is 
flowing downward perpendicular to the paper, the 
positive directions of H and of the normal are as 
indicated by the arrow heads. 

Assume that the cross-section lines of the figure 
are spaced a centimeter apart. The tube (2214-12%) 
has a width of 1.11 cm. and contains 10 lines of force. 
Therefore, the flux density is 9.0 lines per sq. cm. 
The tube (12^-2^) has a width of 1.86 cm., and 
contains 10 lines. Therefore, its flux density is 5.38. 
The flux density at the point P is assumed to be the 
average of these two. 

Therefore, H = 7.19 lines per sq. cm. 

The distance between the center lines of tube 

14. The value of p shown in Fig. 12 is negative because it is 
measured in the negative direction. 
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( 223 - 2-12 V 2 ) and tube (12^-2^) is 1.5 cm. Since the 
difference in density is — 3.62, the rate of change of 
density with respect to distance measured along the 
normal is 

d H - 3.62 


The radius of curvature of the 1234 line at the point 
P determined with a pair of dividers is 

p = ‘ + 3.95 

Substituting these in the left portion of Equation (8), 


H_ 

P 


d H 7.19 

bn = 3.95 + 2,41 = 4,23 


continuous across the boundary. The discontinuity 
in H/p across the boundary, therefore, is equal to 4 tt 
times the discontinuity in current density across the 
boundary; that is, 



4 7T A i 


Or, since H is not discontinuous, 



Hence, it follows that -near the nucleus, where H is 
small, a discontinuity in current density at a given 


The plot was made with an assumed current density 
in the coil of 1/ir abamperes per sq. cm. 13 . Therefore, 

1 

1 _- 

7T 

and 

4 7r i = 4 

Substituting these values in Equation (8), 

4.23 = 4.00 

This inequality would indicate an error of about 
5.75 per cent. 

Special Case Where the Field Crosses a Copper-Air 
Boundary Perpendicularly. In the case that the field 
crosses a copper-air boundary perpendicularly, as in 



Fig 14, the term d H/b n is identical with the quantity 
oH/bs, where s refers to distance measured along 
the copper -air boundary, and d H/d n is, therefore, 

15. This value of current density can be checked as follows- 
1 he area of the conductor is 36 sq. cm. Therefore, the total 



7T 


to . to . /. 

The width of the slot is 


4 7T I = 144 



point may easily produce a large discontinuity in the 
curvature of the field at that point. 

Special Case Where the Field is Tangent to the Copper- 
Air Inter surf ace. If the field is tangent to the copper- 
air intersurface, this surface coincides with the x axis 
in Fig. 11. It should be noted that 

H _ b Y 
P ~ 5 x 

It is equal, therefore, to the rate of change of the normal 
component along the surface of the copper which is 
continuous across the boundary. 

Therefore, in this case, any discontinuity in Equa¬ 
tion (8) must be written 

A (d H/b n) = — 4 tt A i 

Thus, in the case of an isolated circular wire carrying 
a longitudinal current, the field inside the wire is 
given by 

H — — 2 tt i r 

and differentiating: 

a H b h 

bn ~ dr 2 tt i 


vJJLLl. 


H = 


m. m. f. 
I 


144 

12 


— 12 lines per sq. cm. 


Therefore, in the region where the lines of force are str 

£/S‘JSSJ dti ot tub6S oontai ™ g 10 Iines 


If n is the radius of the wire, the field outside the copper 
is given by 

H _ ~ % f o 2 ) £ 

r 

and differentiating, 
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0 H b H + 2 ir r 0 2 1 
bn br r 2 

Therefore, at r = r 0 , 
b H 

—— = — 2 t 2 inside the copper 
On 

= + 2 7r i outside the copper 
d H 

A “— = 47r^ = - 4 f A (t) 
bn 

as would be expected since the field at the boundary is 
tangent to the copper. 

In the case of an infinitely deep slot partly filled with 



Iron 


Fig. 16 

copper (see Fig. 16), the curvature is zero, and we have 
H = — 4 t i x 

and differentiating, 

b H dH A . 

- —- = - ~1 - = 4 7T l 

bn dx 

while outside the copper the field is constant, so that 
bH/bn vanishes. Hence, at this type of copper-air 
intersurface also, 

b H ... 

A -r— = — 4 7T A CO 
bn 

as would be expected. 

III. Application of the Method to Polar 
Coordinate Systems 


a curve something of the shape shown in Fig. 18a 
would be obtained. 

. The sharp peaks on the curve are caused by the 
corners where the slot cuts into the circumference. To 
obtain a boundary condition that would exactly 
represent the boundary conditions of our problem, the 
Fourier’s series for the above curve should be obtained, 
after this curve had been determined from an accurate 
and quantitative field sketch at the air-gap. 

It is assumed, however, that these peaks may be 
neglected and the average value of He across the air- 
gap used. This will greatly simplify the Fourier’s 
series representing the boundary conditions, and will 
not greatly affect the calculations farther down in the 
regions which are to be investigated. 

With this assumption, the boundary condition curve 
for He will be of the form shown in Fig. 18b. 

6 1 is the angular opening of the slot. 

The total m. m. f. across the slot is 4 tt I, where I 
is the total current in abamperes. As the medium 



One of the authors’ associates, Mr. T. R. Rhea, 
has plotted the flux in and about a round bar 16 in a 
round slot, as shown in Fig. 17. 

The tangential component of field intensity He will 
be zero around the iron surface m except at the 
air-gap. Here the value of He will rise abruptly and 
follow some sort of curve to the other side of the air- 
gap. If He, obtained from a free-hand sketch, is 
plotted against 6 around the circumference (at r — r o)> 


16. With alternating current flowing in the bar, the current 
distribution would not be uniform, but the problem of skm eflec 
is outside the scope of this present paper an , or purpose 
illustration, it is here assumed that the current density is uniform. 


Fig. 17 

in the slot is air, the field intensity, assumed uniform 
across the gap, will be 

4x1 

Hoi = ~~~n 


The Fourier’s series expressing such a curve will 
be of the form. 

He = Co + S C n cos n B (9) 

«=i 
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The constant Co is the average value of the curve 
and has the value 


Co = 


4 7T I 

O) e x 


■xe 1 


21 


(10) 


2 7T r 0 

The value of the general constant C n may be found 
from the expression: 

1 + * 

Cn = ■ J Ho cos n 6 d Q 


T 


1 +« 1-' 2 A T 

1 r 4 x/ 


f 


T -i / 2 r o#i 


I . 0X 
sm n 


cos n 6 d d 


Condition IV: The outer boundary condition at 
r = r 0 has already been given in Equation * . 

A solution which will satisfy these four conditions 
is provided by the form: 

R — Ri -h R 2 

where R } is the vector potential of an isolated wire in 
space and R 2 is a function satisfying TE qiiati Q'l * (13) and 
so adjusted that Equation (9) is satisfied. r rimt this 
solution satisfies the conditions imposed in both 
regions may easily be verified. 

Choosing R x = 0, at r = 0, the function h\ is, 
in Regions I and II, respectively, 


r 0 ne l auLn 2 C 11 ) 

Having obtained a Fourier’s series for the boundary 

He 


R i 1 = + I 
Rd l = 


r 2 


- +2 'fa Or) ■■+■ ¥\ 


(14) 

(15) 



A sufficient form for the function R 2 in fiofcli Regions 
I and II will be found to be: 

n =co 

Ri 


= + 2 (~7/ cos n 6 + ct, n sin. fL O ) 

n = 1 


(16) 


In Region I, the total vector potential is 
R 1 — R2 -f* Ri 1 

where the expression for R 2 and Rd would be t;£Lk c*n from 
Equations ( 14 ) and ( 16 ). 

In Region II, the total vector potential is 
R u = Ro + Rd 1 
From Equations ( 15 ) and ( 16 ), 


condition, it is now necessary to set up expressions 
for the vector potential that will satisfy all the 
conditions. 

The four conditions are: 

Condition I: Poisson’s equation for the vector 
potential R in Region I, expressed in polar coordinates 17 , 


n =co 

. n 

R U = 6 ° + 2 (777 cos n 0 + sin >n, O) 

n = 1 

+ZI 


is 


Maxwell has shown that 

He = + - 

H r = 


bR 
b r 

1 bR 
r b 6 


J] 


(17) 


bR 
b r 


+ 


d 2 R 
d r 2 


, 1 d 2 R 

+ r 2 b d 2 = + 4 T i ( 12 ) 


Taking the partial derivative of (R lx b 
to (r), we therefore obtain * cspect 


where t is the current density (assumed uniform). 

Condition II: At the boundary between Regions 
I and II, both He and H r are continuous functions 
because there is no change in permeability. 

Condition III: Laplace’s equation for the- vector 
potential in Region II, expressed in polar coordinates, is 
1 SR d 2 R 1 5 2 R 


Ho = + 
1 


b R 11 
b r 

n =00 


= + 


To 


I 2 -U-) 

n = 1 


d r 


d r 2 


+ 


d d 2 


= 0 


( 13 ) 


(&„ cos n 6 
21 

+ 


si w n 0) 1 
J 


17. See foot-note 25. 


(19) 

This must satisfy the terminal condition « - 

by Equation ( 9 ), when r = r 0 . Hence ****posed 

' -^Quation 
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(19) must equal Equation (9) when r — r 0 . Therefore, b 0 will be given the proper value to cause R x to be 

zero at the kernel. 

It is well known that curves of constant R are lines 
of force and that unit difference of R is one maxwell. 15 
n =oo The field can be plotted, therefore, from the expressions 

= C 0 + 2 C n cos n 6 for R 1 and R n in Equations (20) and (21). 

” =1 The arithmetical evaluation of R is interesting, and 

A comparison of these series, term by term, gives a part of this work is therefore included. A number 
a — o of terms of the series are calculated for particular 


+- (b n cos n 6 -f- a n sin n 6) + 

T rv ^easssad 


i. = +-^- 
n 

And from Equation (10), we already know that 

21 


All the constants except 6 0 are now known, and the 
equations for vector potential in Regions I and II are 


2 8 1 ( r \ r . n 6{\ 

L sm ^“J COSB0 

n = 1 

+ 7 (-7r) < 2 .°> 

n * oo n 

2 81 ( r \ v . n d{\ 

^e\—) L sm !rJ C0STCfi 

n = 1 

+2j-[iog.(yr)+i] ( 2i > 



where 

r 0 = 1.48 cm. 

I = labampere = total current in conductor 
61 — 0.222 radians 
r 2 = 1.27 cm. 

It is not necessary to know bo in order to plot the 
field. Make the calculation on the assumption that 
6 0 = 0. This will make Ri = 0 when r = 0. Later, 



values of 6 and r. Unfortunately, for the larger values 
of r, the series does not converge rapidly. Plotting 
the sum of the series against the number of terms n 
was found to be a convenient method of determining 
the value to which the series converged. Several of 
these plots are given in Fig. 19. It is most important 
that the convergence value of the series be determined 
accurately, because it is subtracted from the xalue 
(r/r 2 ) 2 , which, when r approaches r 2 , is of the same order 
of magnitude. Thus it is a case where small differences 
between the relatively large numbers have to be 
determined accurately. 

After having found the value of R for a sufficient 
number of points, r and d, a set of curves was drawn 
of R against r, with 6 as a parameter. Also, a set of 
curves was drawn of R against 6, with r as a parameter. 
A sample of these curves is included, Fig. 20. 

With the help of these curves and parameters of 
r and 6, curves for constant values of R could easily be 
plotted as lines of force in the magnetic field. 

Neglect of the constant b 0 made the flux at the 
center of the figure zero and the flux at the kernel 
_j_ 0.77. As it was desired to have the flux at the kernel 
zero, the sign of Equations (20) and (21) was changed 
and a value of + 0.77 assigned to the constant 6 0 , in 
order to make the entire flux plot positive. 

The field plot in Fig. 17 is believed to be very accurate 
within the copper, but due to the slow convergence of 
the series it is not so accurate outside the copper in 
Region II. 

18. See bibliography, 11, or Appendix C. 
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Appendix A 

Brief Rules for Plotting Flux in Air 

Although various authors have given rules for 
plotting flux in air, it seems well in the interest of 
completeness to briefly sum up the more important 
principles. 

The method used by Messrs. Doherty and Shirley 
can best be described by reference to a particular 
problem, illustrated in Fig. 21, which represents a couple 
of alternator field poles. 

In attacking a problem of this sort, Mr. Doherty 
and Mr. Shirley made the following assumptions: 

1. That the magnetomotive force is due to an 
infinitely thin coil distributed along the pole 19 . The 
armature reaction is neglected while plotting the flux 
due to the field m. m. f.; and later, after another sketch 
is made of the field due to the m. m. f. of armature 
reaction, the two are superposed. 

2. The magnetic potential of one pole due to the 
m. m. f. of its own winding was + F. The magnetic 



potential of the other pole due to its own m. m. f. was 
- F. 

3. Assuming infinite permeability, the armature 
and field pole faces are equipotential surfaces. 

4. By symmetry, a zero equipotential surface is 
drawn midway between the two poles. 

5. The armature surface is also' assumed to be 
a zero equipotential surface. 

6. At the surface of the left-hand pole, the potential 
is + F. As the air-gap is crossed, this drops to 0 at 
the surface of the armature. In crossing back across 
the gap from the armature surface to the right-hand 
pole, the magnetic potential drops to - F. Therefore, 
the total drop from one pole face to the other is 2 F. 

7. In any place where the flux lines are known 
to be straight and parallel, as is approximately true in 
the air-gap, the potential drop is a linear function of 
distance. Thus, a line half-way across the gap repre¬ 
sents one-half potential. 

8. The equipotential planes + F/2 and - F/2 
will curve from the center of the air-gap to the mid- 

. 19 ; This approximation is more accurate than neglecting the 
distribution of the coil entirely, as has been done by some others, 
and apparently does not very much affect the accuracy of flux 
distribution in the air-gap. 


points of their respective poles. The beginning and 
ends of the one-quarter potential planes can be simi¬ 
larly located. In sketching the traces of these planes 
through points known to be at the same potential, there 
must be no discontinuity in the gradual change in shape 
of adjacent potential lines— i. •<?., when near the pole 
they follow its configuration, but those near the zero 
equipotential line must approach its rectangular shape. 

9. After the equipotential lines have been sketched, 
the lines of force are drawn perpendicular to them. 
The whole surface is thus divided into chequers. If 
enough lines are drawn, these chequers become very 
small rectangles. The sketch is not correct until all the 
angles are right angles. 

10. In space through which no current is flowing, 
all these rectangles must be similar— i. e., the spacings of 
lines of force at two different places in the field must be 
proportional to the spacing of equipotential lines at the 
same respective points. It is recommended as a matter 
of convenience that the flux density be represented by 
such a number of lines as will make these rectangles 
curvilinear squares. 

The above method of plotting magnetic fields is 
a cut-and-try method. The first few sketches will 
obviously be wrong, but there are sufficient conditions 
so that the final picture obtained after several readjust¬ 
ments will be approximately correct. 

The actual flux density can be calculated at any 
point from the picture as follows: 

a. The total m. m. f. per pole, 

F ~ 4 7r n I (22) 

where n is the number of turns per pole and 1 is the 
field current in abamperes. 

b. If there are m equipotential planes drawn 
between the pole and the zero equipotential surface, the 
potential gradient between any two of these surfaces is 

d P 4 7r n I 
d s ~ mb 


where 8 is the perpendicular distance measured in 
centimeters. between adjacent equipotential surfaces 
at the point in question j i. m 8 ~ air-gap. 

c. Since the permeability of air is unity, the density 
in lines of force per sq. cm. at every point is exactly 
equal to the potential gradient. 

d ^ P 4 t n I 
B ~ ds = ml ( 24 ) 

d. But, if the figure has been drawn so that the 
small chequers are square, the lines of force will have 
the same spacing, 8, as the equipotential surfaces. 
Therefore, the flux included in the tube between 
consecutive lines of force is 


A 4> = B 8 = 


4 7r n I 
m 


(25) 


e. At the risk of criticism for repetition, attention 
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is called to the fact that if 8 is the spacing of lines of 
force, the area of a tube 8 wide and 1 cm. thick is 8, 
and the density at any point is 

A <b 4 7r n 1 

8 m 8 ■ ' 

Equation (26) is identical, of course, with Equation 
(24), and merely represents another viewpoint. 

In order to check the accuracy of the free-hand 
method, 23 different men determined the effective 
air-gap of a motor by making free-hand sketches of the 
flux. By Carter’s equation, the correct value of the 
effective gap was 0.575. The results of the free-hand 
sketches were as follows: 


RohuRh Between 


Number 


0.570 0 005. 

0 005 0 010. .. 

0 (MO 0.075.... 

Rejected fur grusH inaccuracy 


The above table indicates that the more accurate 
sketches gave a minimum reluctance. This agrees 



Fin. 22 

with Arnold’s" 0 statement: “The most nearly correct 
distribution of the flux will be shown by the sketch 
which makes the permeance of the flux tubes a 
maximum.” 

It is probably obvious that the flux will arrange 
itself in such a manner as to follow the path of least 
resistance; but it is interesting to note that a compari¬ 
son cff the reluctances determined from several inde¬ 
pendent flux plots with the mathematically correct 
permeance confirms this theory so well. 


Appendix B 


METHOD OF PLOTTING TWO-DIMENSIONAL MAGNETIC 
Fields in Space Occupied by Current-Carrying 
Conductors 

Consider a section of an infinitely long cylindrical 
conductor, shown in Fig. 22. The work done in 
making a complete circuit about such a conductor 
with a unit pole is 

W 33 4 7T I ( 28 ) 


The difference of potential between two points is 
usually defined as the work done against the field in 
transporting a unit pole from one point to the other 
by any path whatever. 

Let the potential at A be zero. Then the potential 
at D is 

P d = 2 7r I (29) 

But the potential continues to increase as the circle is 
completed. On returning to A after a complete cir¬ 
cuit, the potential is no longer zero, but 

Pk = 4 7T I (30) 

Every time the unit pole is taken around the con¬ 
ductor, the potential increases by this amount. 

It might be asked, “How does the law of conserva¬ 
tion of energy apply?” The answer is that in taking 
the unit pole around the conductor, a voltage has been 
induced. The product of this induced voltage multi¬ 
plied by the current in the conductor represents electri¬ 
cal power which, integrated for the elapsed time, gives 
electrical energy. Thus the mechanical work done in 
carrying the unit pole about the conductor is converted 
into electrical energy. 

Again referring to Fig. 22, it should be noticed that 
no work would be done in going from A to D by the 
path ABOC D, because this path at all points is 
perpendicular to the lines of force. Such lines, there¬ 
fore, can be called lines of no work. 

The following are the most important rules to be 
followed in plotting flux in regions containing current- 
carrying conductors: 

1. The equipotential lines in the air space, when 
projected as lines of no work into the copper, must 
divide the copper into equal areas. It is thus seen that 
each particular part of the ampere conductors may be 
regarded as responsible for a particular part of the field. 

2. The work done in carrying a unit pole along 
any line of force from one point to another is pro¬ 
portional to the current flowing in the area enclosed 
by the line of force and the lines of no work passing 
through the two points. 

3. The spacing of lines of force must be inversely 
proportional to the copper enclosed and proportional 
to the length of the part of the tube enclosing the 
copper. 21 

21. As stated in the Introduction, Mr. L. F. Richardson has 
1 givon a rule for the plotting of fields in current-carrying copper 
to the effect that in a region occupied by current “the difference 
of successive chequer ratios in a direction perpendicular to the 
lines of force, divided by the mean chequer area is equal to a 
1 constant times the current density in the region.” A proo o 

L this relation is briefly outlined below. 

* Let n and t represent distance measured along lines of no wor c 
and along lines of force, respectively. Let small quantities, of 
the order x be represented by the symbol o (*). Then referring 
to the adjoining figure (Fig. 23 a), if » and i are small enough 
inorements so that the field intensity and current density change 


20, Hob bibliography, 12. 
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In Fig. 23: 

HI = 4?rC 

It (k) is the number of lines in a tube, the width is 
k kl 
a = H = 4t rC 

The spacing between lines of force must be pro¬ 
portional, therefore, to the ratio l/C, where Z is the 
length of the tube under consideration between the 
lines of no work and C is the total current included by 
this length of tube and the boundary lines of no work. 

4. The line of half potential outside the copper, 
when extended as a line of no work into the copper, 
does not necessarily intersect every line of force at a 
point which would divide into two equal halves the 
work done in carrying a unit pole around the line. A 
similar statement can be made, of course, for the other 
potential lines. 

only slightly for points included in their variation, the relations 
exist: 


Fig- 23 Fia. 23-A 

H = o (0) 
n, t — o (1) 

Hi t x - H 0 to = 4 7T i mti + o (3) (30a) 

H 2 t 2 - Hi ti = 4 7T i n 2 .t 2 + o (3) (30b) 

where 

H n = field intensity along t n , 
i = current density at any point near n 1( n 2 , t u t 2 . 

If n i and n 2 are chosen so that the flux between t 2 and h is 
the same as the flux between h and to, then 

{Hi -f Ho) m = (H 2 + Hi) n 2 + o (3) =2 <j> + o (3) 
where 

<t> = the flux between h and t 0 , and between t 2 and h. 

= o (1). 

Al so i n 2 — rii = o (2) 

n 2 1 2 = rii ti + o (3) = ?i t -f- o (3) 

Adding (30a) and (30b), there results: 

Wz T H\) t 2 — Hi {t 2 — ti) — {Hi + H 0 ) ti + H 0 (<! — t 0 ) 

= 8 7r i n t + o (3) (30c) 

But Ho {h - t 0 ) - Hi {t 2 - h) = {Ho - Hi) {ti - U) 

— Hi {t 2 + to — 2ti) = o (3) 

Therefore, 30c becomes 

{H 2 + Hi) t 2 — {Hi + Ho) ti = 8 7r i n t + o (3) 
Substituting (4) in the above, there results 


Brief Rules for Construction of Field Flux 
Plots Inside the Copper 
(by l. p. shildneck) 

The following directions have proved very helpful in 
making flux plots of the fields of salient-pole machines, 
Consider the case of a copper and iron distribution 
as given by a field pole (Fig. 24), with lines of no work 
o a, o 6, o c, o d, o e, etc., drawn so as to divide the 
current into equal areas. Then the work done in 
transporting a unit pole from a to 6 is equal to the 
work done in transporting a unit pole around the 
path ab o a. 

Work ( a b ) = work (a b o a) 

= work (6 c) - work (b c o b) 

= work (c d) = work (c d o c), etc. 
for work =(ao) work (b o ) = work (c o ) = 0. 

That is, the work done in going from one equipotential 
line such as a to another such as b, is equal to the m. m. f. 
between these two lines, or 4 tt times the current en¬ 
closed by the lines a b, bo, and o a. Consequently, 
work a b equals work a' b'; but work c d is greater than 
work c' dJ, for more current is enclosed by c d. It is 
well to remember that the m. m. f. between any two 
points in the copper, such as c' and d', is proportional to 
the amount of current enclosed by the line of flux c' d' 
and the lines of no work c' o and d' o. Therefore, if a 
tube of flux is desired along cl' b' c' d : , so that it may 
enclose the same flux at all points of the tube, the 





h 

712 


tl 


N 

j = 4 Jr i n t + o (3) 


t? 

n 2 


n i 

ti 4tir int 


n i 




+ o{ 2) 


Thus, omitting second order terms, we obtain a relation 
volving quantities of the first order on either side: 


ti 

Tli 


— 4 7T 

nt $ 

which is the rule stated by Richardson. 


reluctance must vary in direct proportion to the 
m. m. h And since the m. m. f. varies in direct 
proportion to the amount of current enclosed, the 
ratio Z/a 22 for the curvilinear rectangles must vary in 
direct proportion to the amount of current enclosed. 
This relation makes it possible to extend the plot into 
the copper. 




— uj. ucojj.ua 




pat h and inversely proportional to the area a of the path. Sine- 
unit thickness is chosen for the plot, the width of a tube represent 

ITS 
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The subsequent, rules will aid materially in shorten¬ 
ing the time necessary to obtain an accurate field plot. 
The reasons for following the directions in the order 
given will be obvious. 

1. I )raw bisectors of the angles at the points a, b, c, 
d, <>, f, as shown in Fig. 25. These are the directions of the 
lines of 11 ux at, these points. Continue them wherever 
it, is possible to do so with any degree of accuracy, as at 
a, b, r, d, entering the opposite side at right angles. 

2. Divide the current into eight equal regions, as 


some point P down in the corner closest to the iron, 
for the kernel. If no iron were present, it would lie in 
the center of the copper; if iron were touching the 
copper along one surface, the kernel would be at the 
copper-iron boundary; if iron were touching the copper 
along two surfaces, the kernel would be on both copper- 
iron boundaries, at the corner. Obviously, the kernel, 
in all practical cases, would lie somewhere between the 
center of the copper and the lower corner near the iron. 
Line No. 4 must divide the current into two equal 



regions. The advantage of the straight construction 
line between Regions 4 and 5, dividing the current into 
two equal portions, is evident. The other construction 
lines are also located so as to be most useful in enabling 
an accurate division of the current to be made by 
judging only small differences in area with the eye. 

4. Starting from some line of flux c c' (Fig. 27), 
draw lines of flux, making curvilinear squares along 
the line a c'f in the region where there is no current. 


shown in Fig. 25. The reason for the* peculiar division 
is that later the lines of no work will roughly coincide 
with the construction lines, thereby providing an easy 
method of sketching the lines of no work so.that they 
will divide the current into equal parts. If it is found 


»,./ / 111 [i f 

i /. iU___ 

\ I l ■ * V lyh 

\ \ V.,< \ < U 

\ \ \ \\vA 
\ ' x x 



Flu. 21) 

Into t hill, warn* of the construction lines are not placed 
to best advantage, of course others may bo drawn. 

:t. Draw a trial set. or seven lines of no work (set 
Fiy. 26 ), crossing the lines of flux a, b, e, d at ng 
angles, hugging the sharp projections closely, "• 
b and c, and keeping away from the inverted comersi a 
at a and d. This trial set must divide the 1 current 
region into eight equal portions. Arbi ra y * 



Fig. 27 - 

Then extend the lines of force into the current region 
orthogonal to the lines of no work. 

5. The correctness of the plot may now be tested as 

follows: 

a. Lines of flux must cross lines of no work at 

right angles. . , . , , 

b. Lines of flux must enter the iron at right 

angles (assuming infinite permeability). 

c. All rectangles outside the current must be 
curvilinear squares (ratio l/a = unity). 

d. Within the current region, the rectangles 
must have a ratio l/a less than unity and equal to 
the ratio between the current enclosed and the 
one-eighth portion of the total current. Thus at a 
point <1 (Fig. 27), if the flux line, and the two lines 
of no work intersected by it, enclose one-half of the 
eighth portion of current, then the length of the 
rectangle at this point should be one-halt of the 

6 W If the ratios l/a are not proportional to_ the 
current enclosed, then the plot must be redrawn, either 
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changing the position of the kernel or else shifting the 
position of the lines of no work, and making the corre¬ 
sponding necessary changes in the lines of flux. 

It is well to use tracing paper, for then each previous 
trial may be used for a guide. 

Fig. 28 is the final plot. Any required accuracy may 
be obtained by continuing the process indefinitely. 
By this method, however, a large portion of the eut- 
and-try is eliminated because as many of the required 
conditions as possible are fulfilled in the first part of the 
construction, and after three or four trials a surprisingly 
accurate sketch can be obtained. 

Appendix C 

Vector Potential in Coplanar Magnetic Fields 
Neither the problems nor the general methods in this 
appendix are new but it is believed that the application 
of the little used conception of vector potential to a 
group of familiar problems will be of interest, 

In problems where the flux distribution can be 
represented by a two-dimensional sketch, 23 the vector 



Fig. 28 


potentials are all perpendicular to the plane of the 
paper and consequently can be added and subtracted 
exactly like scalar quantities. This makes the con¬ 
struction of field plots by lines of equi-vector potential 
very much easier than by the more usual method which 
employs the two components of the vector field 
intensity. 

• Let X and Y be the z and y components of the field. 
Then, integration around any small area in the x y 
plane will show that 24 

57 51 

=iwt ■ (27) 

where i is positive when directed upward out of the 
plane of the paper. 


23. Such fields are said to be coplanar in the plane of the 
paper. 

24. See bibliography, 11. 


Let R be a function 25 such that 



bR 



X = — -w- 

by 

(28) 


bR 



Y = + ~- 

d x 

(29) 

b 2 R 

b 2 R 


b x 2 

' + 3 yl = + 4 ^ 4 

(30) 


Then 


The function R is known as the vector potential of 
the field. In a coplanar magnetic field a line of force 
is characterized by the equation R — d - a constant, 
because 


dR = 


d x + 


dy - 0 


and solving for the slope of the line R = a constant: 
dy _ b.R/bx Y 
dx bR/by ~ X 


which shows that this line has the same direction as 
the magnetic field. 

Also, A </> = = .02 is equal to the flux included 

between the lines of force R - ^ and R = $■>, for 

’ 2 2 

A (j) — f dR = f Y dx — X dy (33) 

may be seen to give the flux included between the 
points 1 and 2 whatever the path of integration 
employed. 

In any problem in which the only sources of m. m. f., 
are currents within the regions under consideration, the 
boundary conditions imposed consist in variations of 
permeability from the region under consideration to the 
adjoining regions and in general from the adjoining 
regions to other regions. 

This type of boundary condition may be recognized 
to consist of a sum of terms containing constants and 
partial derivatives operating on R. 

It is then clear that if two solutions R 1 and R z satisfy 
these boundary conditions and the point Equation (30) 
for current densities i x and i 2 separately, their sum 
must also satisfy these boundary conditions and the 
point Equation (30) for a current density i x + i 2 . 

It is possible, therefore, to superpose solutions for 
vector potential due to two distributions of current 
density an d the result may be extended to any number 

25. In the above, it has been found convenient, in order to 
make the sign of R positive, to define it by the relations: 

Y = b R 

. b x’ by 

instead of 



as in Rogowski’s work. 


X 


b R 
b y 
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of superpositions; and thus from a knowledge of the 

vector potential of an element we may by integration [x + b coth (R/21) p -f if = -Tyy-y-yy-- (43) 

determine the vector potential of a complicated smh * • " 11 

distribution of current density. b. In the special case where the currents are m the 

J. The Vector Potential of an Isolated Straight Wire same direction, / x = J 2 == J, and « x = a 2 — a , 
of Circular Section. Let the radius of the wire be a r / ri \ 1 

and let the total current through the wire be J. R - 21 1 log* ( —yr~ ) + 1J (44) 

Then inside the wire the field intensity 26 is a 




The equation of the line of force in this case is of tb 
(34) fourth degree. 

III. The Vector Potential of a Straight Wire Near tl 


and outside the wire: 


If we choose R — 0 at r = 0, then inside the wire: 


r ~r T 

J I r 
Hdr= — 


and outside the wire: 


R-'jHir+l£-2l[\ 08. (~r)+4] < 37 > 



II. The Vector Potential of Two Isolated Straight Fig - 29 

Wires of Circular Section. Let r x and r 2 be the radii . _ ,. m _• 

vector from wires 1 and 2, respectively, and let o, and Corner of two Infinitely Permeable Planes. Tne wtre 
a, be the respective radii of the conductors. Then and images for this case are shown m Fig. .9. Out- 


inside conductor 1: 


R = 2.1, 


) + t] + L - 


side the wire 

R (x-by + (y-CT- (x - W -_±yy ± Cf 

z —log. --+log. 


Inside conductor 2: 

R = 2/,[log.(-y-) + y] 1 

Outside both conductors: 

R = 2 I, [log. (~N) + \\ +21 ' 1 [ log ‘(“ bT) +_ 23 


1 A , 

(x + by+(y - c)= 


(x+ b) 2J r(y + c)* t J 

-flog* --y f 4 


Equations^of theytype of (45) may be solved by 


a. In the special case where the currents are in 
opposite directions, I 2 = - h = I, and ai = a2} the 
vector potential outside the conductors is 

R = 2 1 log* 


/ 

/ 


Fig. 30 


and the equation of a line of force, R a constant, is ^ ^ ^ ^ roots « desired In the 

J±_ = e R/i (42) ^ under consideration, R/I should te plotted asa 

ri function of x with y as a parameter. Points on a line 

_ .. 0 f f orce 0 f force are then determined by the intersections of the 

The well-known fact follows that the curves along Une s of R/I = a constant. 

outside the conductors are circles. , rv Th y tQr potential of an Isolated Wire of 

In particular, if the centers o to « located IV TUVF^ go. the 

at x = — b, and x = b, respectively, Equation («) ^r potential of an element of the wire is, m general, 
becomes j r> _ r*~\ da 4- a constant ( 46 5 

26. H~= V X 1 + Y l 


vector potential of an element oi tne wire 
dR = i (log* r 2 ) d a + a constant 
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where r is the distance from the point at which R is 
determined to the element under consideration, i is the + 
current density, and d a the area of the element. The 
value of R for the whole wire is, then, 

R = f i (loge r 2 ) d a + a constant (47) 

the integral being taken over the whole surface of the 
wire. If the current density over the cross-section is + 
constant, we have 

R 

— = f (loge r 2 ) d a + a constant 27 (48) 

1 s 


r y + 6 y — 6 *1 

(x + «)• [tan- — - tan- — J 

t y + b y — b 1 

tan " 7 ^ - tan “ 

[ x + a x — a 1 

ten- - ten- 

r x + a x — a~\ 

-{y- 6) 2 [tan- - tan- J 


Y 



Fig. 31 


— 4 a 2 tan -1 -— 4 6 2 tan -1 —r~ (50) 28 

a o 

The field in and around a rectangular conductor of 
dimensions two units by four units, carrying a current 
of 80 amperes, i. e., a = 2, 6 = 1 , i — 1 , has been 
plotted from Equation (50) by one of our associates, 
Mr. R. S. Arthur, and is shown in Figs. 32 and 33. 
Figs. 34 and 35, showing R as a function of x and y t 
were used in plotting Figs. 32 and 33. 

b. Special Case. Infinitely thin ribbon. 

For sufficiently small values of 6, that is, if the 
rectangle degenerates into a ribbon, putting 2 hi — V 
- current per unit length of the ribbon and adding 


a. For the special case of an isolated wire of rec¬ 
tangular section we have, referring to Fig. 31, 

][l q =y +6 i> =x +a 

-j- = f f loge (p 2 + q 2 ) dp dq (49) 

” q <=y —b {> *=x —a 

Integrating and adding the constant terms, 

—4 a b loge (a 2 + 6 2 )—6 a 6—4 a 2 tan -1 —=' -4 6 2 tan— t" 

a b 

R 

In order to make —r— = 0 at the origin, Equation (49) 

can be reduced to the symmetrical form: 

R ... , , . , ... r (X + ay + (y + by 1 
* -(* + «> (V + ») log-L-7T-5- I 


- (x- a) (y + b) log. [ 


a 2 + 6 2 J 

(x - a) 2 + (y + b) 2 
a 2 -f 6 2 


, . w r (* + a) 2 + (y- 6) 2 1 

(X + «)<*- b) log. [ - -J 


+ (x - a) (y- b) log. [— 6)2 ] 


27. This result may be expressed in the form —— = log D* 

' j - ( i 

+ a constant, where D equals the geometric mean distance of the 
point at which R is'to be computed from the area of the section 
of the conductor. 
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Fig. 32 


terms such that = 0 at x = y = 0, Equation (50) 
can be written 

— (a+ x) loge--- 

28. The variable terms in (50) and (51) may be checked against 
those given by Maxwell, “Electricity and Magnetism,” para¬ 
graph 692, for the mean geometric distance of a point from 
a rectangle and a straight line, respectively. 
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(-a - x )‘ 2 + V 2 

-j~ (& X) log, 

+ 2 y [tan- + tan- ] (S»)“ 

Equation (51) corresponds precisely to the case of a 
vanishingly thin isolated conductor, or to a narrow 
strip of conductor on an infinite iron surface. 

In the case of a ribbon conductor two units long, 



carrying a current of 20 amperes, the expi ession for 
vector potential is 

jR«(l+») logo [(1 +*) 2 +'// 2 ] + (l”a) log, [(l-*) a +ffl 

+ 2 )/ [tan- ( 1 y X ) + tan- (“-"*)] ( 52 ) 

The field for this case as plotted by one of the authoi s 
is shown in Fig. 36. The curves of R as a function 
of x and y which were used in plotting Fig. 36 are 
shown in Figs. 37 and 38. 

Appendix D 

The Relation of the Scalar Potential Function 
to the Vector Potential Function in Coplanae 
Magnetic Fields 

For points outside of regions in which current 
density exists, it is legitimate to construct a potential 
function V having the property: 


Bn « 


d n 


V 


(53) 


where B n is the field intensity in a direction 71 and 
where n is distance measured in any direction from 
the point at which H n exists. 
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Then, in particular, 

ay 

dV = ~— 
d x 


d x + 


— H dx + H dy 

V 2 -V 1 = fH x dx + H y dy (54) 

1 

where x and y form any convenient set of coordinate 
axes. The path of integration must be arranged so 
that it does not traverse regions in which current 
density exists. At the same time, it is necessary to 
construct arbitrary boundary surfaces, one beginning 
at some point of each current-carrying region and 
dividing the field into arbitrary sections such that 
within any section it is impossible to enclose current 
by any path of integration outside the zone of current 
density. Equipotential lines may be carried through 
these regions by joining lines which differ by an amount 
4 tt times the current enclosed by any circuit which 
does not cut through any boundaries, and starting at 



Fig. 37 


the same way and subject to the same limitations a 
apply to solutions of vector potential. 

In the following, the scalar potential functions whic 
obtain in the various examples of magnetic fields give: 
in other parts of the paper will be worked out brieflj 

I. Field Pole , or Slot. Referring to Fig. 8, it wii 
be convenient to divide Region II. into a and b parts 
the a part being between the current-carrying zone 
and the b part between the current-carrying zones an< 
the iron, and/fco choose the line x = a from d = ir — 6 



0.4 0.8 1.2 

X 


Fig. 38 

to 6 = 7T, and from tt = d 2 - x to 6 = - tt as th< 
arbitrary boundary surface previously referred to. 
Then, choosing V = 0a,tx = y = 0, and remember 


mg y = 


e,x 

v-f* 


1 bR 
k dx 


fA bR 

J k bx 


Thus, for Region I: 

«> 

= 2 h n [a. £-*»<'’-*> —a/ r i “] cos n 6 
V 1 = 2 [a. -*> - < «f*~] sin „ e 


one side of the boundary and ending at the other side For Region II: 
at the same point. 

If the vector potential of the field is known, we may v— = 4 tt a 0 (x - a) + S n \h <r kn V -*) 
use Equation (54) in the form: a * ' a> + j.n L0 n e 


use Equation (54) in the form: 

T/ f dR . bR 

v, ~ Vl = J ~Si; dy -zT dx W 

Solutions of scalar potential due to particular 
distributions of current density will be superposable in 


- b H 'e *»<*-“>] cos nd 
V Iia = 4 7T a a (x - a) y + 2 [b n “ x) 

i 

- b n f r kn ^~^] & mnd 
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In order to obtain the scalar potential for Region It may be found more convenient however, to 
lib, it is convenient to subtract from the known obtain V indirectly thiough (47) and ( ). 
potential at the iron surface, the potential difference Appendix E 

from the point in question referred to that surface. qf Inmjctance from a Knowledge of 

U-hUS. \Trx/~<mr\T> PAfflilUTT A T. 


1 bR 


4 7 r «o (6 - <0 2 J k bx d 6 

4 7T «o [(& d) ~cf ( 2 ~ 1 


+ 2 [b, 4 <T kn{h "' x) - W e~ k,t{x 0 ] sin n 6 
i 

= Vila + 2 7r Ofo l (J> ~ «) 

For Region III: 

(!) jR . , 7 x i X"' r„ —.X’) 

-r- •=•• 4 7T (V(| (6 — d) + fin e 

d x 1 


C,/ e“* n( * " w ] cos n d 


which gives: 


GO 

Viu « 4 7 T a 0 (?) “ a) y -l- 13 [c» e J:n{c ~ x 


Calculation op Inductance from a Knowledge of 
Vector Potential 

In general, in order that it shall be permissible to 
employ the conception of inductance to a conductor of 
large section, it is necessary that the conductor consist 
of a bundle of smaller conductors, all of these conductors 
supposedly connected in series, or in such a way that the 
same current flows in each 20 . If there is a sufficient 
number of small conductors, it is permissible as an 
approximation to calculate the inductance of the sys- 

(59) tern as the average inductance of a continuous distri¬ 
bution of small current filaments, the density of the 
filaments being in proportion to the density of small 
conductors. It will further be assumed that the current 
distribution may be regarded as continuous within the 

section of the large conductor. 00 

Let (/>„ be the total flux outside some particular line 
of force R - Ra and between that line, and the line 
with respect to which induced voltage is to be com¬ 
puted, where R is the vector potential function of the 

(60) field. 


— c n r 6* JkB( * ] Bin n 0 (60) field. 

The solution for an infinitely deep _ slot may be ■ rhon <j t>, + R„-R 

obtained byJnwuTmg * - Equations w m be the flux outside any line R 

•* 1 T Af 


(54) and (55) become 
y„ ™ v ■, « f B r d r 4- Bo r d 0 

i 

/• 1 bit , bR 

-f— r -To ir+ "*7 ri9 

Taking V » 0 at 0 « 0, there results: 

r bR . „ 


n = the density of small conductors. 
(61) The average flux linkages per conductor are 


(62) 3 


j* = Wi + fl„) _ I 


R n d a 
N 


V ,, j* 


r—d 0 
b r 


For Region II 
(/) 

b R 


. n -~ . r .-V*-" 1 [b n cos n 0] 

ra \ r o / 


where 

N = f nd a 

.S' 

—- the total number of small conductors in the 

section. . ,, 

If I is the total current through the section, the 

component of average inductance due to flux up to 

the point that <j> 0 is computed, is 


which gives: 


(. . b n Bin w 0 d- 210 * (64) ;g u t 

\ r o / 


L = (ii+A)_j 


R n d a 

.aTT 


XXI. Scalar Potential of a Wire of Any Section. i _ —-J 

Evidently, for an isolated circular wire, 

V - 2 I 0 I ^ f Ida 

The solution for several circular wires is obtained ___ . 

hv simernosition The solution for a wire of any 29 From tlio restricted point of view that storod magnetic 
by Super position. lie equal* H x inductance X current squared, it is permissi- 

section IS t0 apply the coneeption of inductance to conductors winch 

V = f 2 id (i a V are not subdivided. . , , . A 

^ if desired, this approximation may he corroded, a 

the integral to be extended over the whole section in correction o£ this typo to slvon l>y “Ulootricity and 

Lae may.u Magnetism,” par, (593. 

which 7 exists. 
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4 > o + Ro 


)-S 


P + r 2 — 2 l r cos 6 


Rida 

P 


Equation (66) may be put in the form, 
L = 4 7T (Po - P) 

where P 0 and P are permeance factors; 

4>o H~ Rq 

•L 0 —“ * y 

4 7T I 


P = 


f R id a 
s ■ _ 

4 7r If i d a ] 2 
s 


In (68) and (69), the quantity P 0 is the permeance 
factor that would obtain if the flux 4> 0 + Ra linked 
all of the conductors, while the factor P takes into 
account the effect of partial linkages. 

It is interesting that in the foregoing equation, 
the vector potential R need not be computed so that 
the minimum value of R = 0. Thus it is not neces¬ 
sary to calculate the value of R at the kernel. If the 
kernel is known to exist on some line such that one 
coordinate x or y, or r or 6, for example, is fixed, the 
calculation of the value of R at the kernel is compara¬ 
tively easy. If, as in the field pole problem, however, 
the value of neither coordinate is known, then on 
account of the unsatisfactory convergence which 
usually obtains at the kernel, the calculation of the 
position and value of R at the kernel is a task of con¬ 
siderable difficulty. It is fortunate, therefore, that 
this calculation is not required. 

Inductance of Two Parallel Cylindrical Conductors. 
As a simple example of formula (66), consider the 
case of two straight conductors of circular section 
carrying currents I and — I, respectively. From 
Formula (38), the vector potential at a point inside 


one wire is 


2J [ log ( J r) + 1/2 ] 


where 


the radius of the section. 


I a 2* 


r d 6 dr 




+ log 


= 2 log 


which is the usual expression for one-half the inductance 
of a circuit formed by two parallel Wires, 

Application to Field Pole Problem. The use of 
formula (69) is "illustrated below by applying it to the 
field pole problem. In this case, and considering all the 
copper as comprising a single coil side, there is 

■K—Qix=b 

2i f f R n dxdy 

p__?-!!£- ■ ('jo') 

. ~ 4 7r [« 0 (b — a) £] 2 K J 

This integral evaluates to the expression: • 

b — a 

■ p - TT ~ p ’ 


where 


16.7r 2 oia 2 .(b — ay n 


[(&»+&/) {l-6~ k « b ~ a) } 


+ 2 K n kn(bp a)] (73) 

Thus, for the field pole shown in Fig. 8, 

P' = 0.0045 

For the case of an infinite slot, c - <*> , (73) becomes 
explicitly: 




(2 _ g~2kna g~kn(b+a) ^ ^ kn(b—a 

Jen (b — a) 


-] ( 74 : 


rx = r 

l - distance between centers of the conductors. 

The component of inductance due to half the flux 
will be calculated. Thus 4> 0 will be chosen equal to 0 
for ri = r 2 . But also, from (41), R = R 0 = 0 at 
r x 'td r 2 . Thus, (66) gives 

/ Rida 

p 

which may be put in the form: 


Thus, for the '‘infinite" slot shown in Fig. 3A, 

P' = 0.0037 

In the case of an infinitely deep slot, it may b< 
verified that the factor P' provides a correction whicl 
gives the increase of inductance due to concentratioi 
of current above the inductance which would be cal 
culated on the assumption that the lines of force weri 
everywhere perpendicular to the slot sides. 

Circular Conductors in a Circular Slot. The expres 
sion for P' in the case of a circular conductor is ver 
simple because for & 0 chosen = 0, the integral over th 
area of the copper of the term which involves the effec 
of the slot is zero and there remains only the tern 
which would exist were the conductor isolated in space 
Thus, with 6 o = 0: 

i r Rida 1 2 r ? r» 

P = 77 J TSida/-I*7fJ 5* 7 ?~ rdrd1 


Rida 


(f i d a) 2 
s 


1 

4 7r 2 r 2 2 


r dr d 
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f Conductors in Air. The calculation of the inductance = - 

of conductors in air permits the development of special 
formulas involving the conception of geometric mean ^ 
distance. Thus, for a system of positive currents with 
return currents within a finite distance, the vector 
potential calculated from (47) will be zero at any point where 


[f f log r d a d a—2 f f log r da da 

S% Si 52 S 2 

+ f f lo grdada] 

, _ s 2 St __—_-- 

A\ A% 


Rll Rll 


r Ri o 

Li = “ J -.. R 


h Tb 


potential calculated from (47) will be zero at any pom we ^ etrical mean distance of section 1 from 
which is an infinite distance from the system m ques- Rn S f 

tion, if the constant term is taken equal to zero. Thus, geometrical mean distance of section 2 from 

if the voltage due to flux between the system of positive - ^ etncal mean 

currents and infinity is to be calculated, and if the geometrical mean distance of section 1 from 

system of currents fulfills the requirements permitting seomeLr^^ 

the calculation of inductance, then: ^ ^ ^ Qf section L 

r Ri d a_ (7?) A 2 - area of section 2. 
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Graphical Determination of Magnetic Fields 

Comparison of Calculations and Tests 

BY E. E. JOHNSON' and C. H. GREEN' 

Associate, A. I. E. E. Non-Member 


Synopsis. —This paper, which deals with the experimental 
determination of magnetic fields, is presented as a verification of 
some of the results described by Messrs. A. 22. Stevenson, Jr., and 
22. TI. Park in a companion paper, 11 Graphical Determination of 
Magnetic Fields—Theoretical Considerationsand to introduce new 


and convenient methods of determining the flux distributions in ai 
spaces and in regions occupied by current carrying media, Th 
particular case dealt with is the determination of the leakage flu 
about the field poles of an alternator at no load, both in the copper an 
in the surrounding air spaces. 


Test Methods and Results 
INCE this investigation involves a large number of 
determinations of direction and intensity of mag¬ 
netic flux in fields of intensity varying from, say, 
50 to 40,000 lines per sq. in., it was essential to have a 
simple, reasonably accurate, and reliable device for the 
explorations. In deciding upon the methods to be 



Fig. 1—Flux Measuring Apparatus 

This instrument consists of a small coil rotating at high speed which is 
inserted in the magnetic field to be measured. Connections are made 
from the coil to a commutator whose brushes are connected to an indicating 
meter. The revolving parts are enclosed in a non-magnetic casing. ' The 
entire instrument is about 6 in. long. . The winding consists of two coils 
2K in. long, of 175 turns each. The rotating parts are driven through a 
flexible shaft by a 3600-rev. per min. synchronous*motor. See Appendix 
A for further details 

employed in measuring magnetic fields, due considera¬ 
tion was given to those which have been used by various 
investigators. 1 2 3 Finally two devices were chosen for 
use. One, due to Professor Dellenbaugh, 4 and devel¬ 
oped by C. H. Green, measures the intensity by"means 
of a revolving search coil equipped with a collecting 
device or commutator, and operating at a high and 

1. General Electric Company, Schenectady, N. Y. 

2. Raytheon Manufacturing Co., Cambridge, Mass.;formerly 
of the General Electric Co., Schenectady, N. Y. 

3. Bibliography, 1,2,3,4,5. 

4. Bibliography, 6. 

Presented at the Winter Convention of the A. I. E. E., New 
York, N. Y ., February 7-11,1927. 


constant speed. The direction of the field is determine' 
by that position of the brush axis which gives eithe 
maximum or zero reading of the instrument. Thi 
device is shown in Fig. 1 and described in Appendix A 
The other device used in this investigation measures th 
intensity of the magnetic field by the angular defleetio: 
of a small current carrying coil, the direction bein 
determined by noting the position of the coil axis fc 
zero deflection of the coil. 5 This device is shown i 
Fig. 2. 

In order to get an experimental check of the plot c 



Fig. 2—Compass Fluxmeter 

This device consists of a current-carrying coil which, is inserted in tJ 
magnetic field to be plotted. The movement of the coil is opposed by 
spring and flux direction is determined by the position of the coil axis f 
zero deflection. The coil and its shaft are enclosed in a non-magnetic cas 
The dimensions are as follows: 

Length of hollow shaft, 6 in.; diameter of hollow shaft (outside), H ii 
diameter of hollow shaft (inside), 3/16 in., length of armature coil (inside bi 
shaft), % in.; diameter of armature coil, 5/32 in.; number of turns 
armature coil, 20 

field flux determined mathematically by Messrs. Stevei 
son and Park, a special pole structure having the require 
dimensions was constructed of laminated iron. This 
shown in Fig. 3. 

5. A similar device employing a bar magnet in place of tl 
coil was first used. It indicated the direction exactly as does 
compass,, the field strength being determined by offsetting t] 
needle from its position of rest in the field and counting tl 
oscillations resulting. The instrument had the objection th 
the bar magnet became saturated at high field intensities, th 1 
changing its strength. 
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The following description of the experimental 
methods employed and the results obtained is divided 
into two parts: first, the Flux Distribution in Air Spaces; 
and second, the Flux Distribution in Current Carrying 
Regions. 

I. Flux Distribution in Air Spaces 
The 11 ux fields in the air spaces between the poles and 
between the poles and armature were explored by both 
types of measuring instruments and checked by the 


It was thought that the practical difficulty of explor¬ 
ing the field within the copper might be overcome by 
the substitution of a liquid conductor such as mercury 
in the place of the copper, thus, of course, reducing t 
winding to one turn. The idea worked out successfully, 
the method of doing it in the case of the field poles being 
perhaps best explained by reference to Fig. 7. 

As indicated in Fig. 7, the field winding consists of one 



ji ia< ».Kxi'HHIMKNTAL vSKT-m* OK AlTEUNATOB PlKM> PoLEB 

iron filing method. Fig- 4 is a reproduction ot an actual 
photograph of the iron filing plot The plot obtained 
by use of the instruments is shown and discussed in 

^ ^ ^ | *|* 'J* 

" The leakage llux at the end of the field poles of a 
generator is shown in Fig. 5 a and B. I he lines m 
Fig. 5 b indicate the direction taken by iron filings and 
the arrows show the directions as indicated by the mea- 






II J I/M 

BUi \\' '//v///. / 


4 Fuix Field in the Intehi-olau Space ok tiie 
Bet-ui- Shown in Fin. », as Dktkkminbd by the Ikon Ini.ma 

Method 

suring instruments. Lines of constant magnetic mten- 
sity 6 of the end leakage llux are shown m 1 ig. «. 

II Flux Dlstribution in Current Carrying 

Regions 

Although a knowledge of the llux distribution wvthm 
the current carrying regions of a field poEwas. m 
available by the. mathematical method described 
fn the paper by Messrs. Stevenson and Park, no experi¬ 
mental determination had been made, as far as is known, 
until the present one, 

TtE» lin* a» U«« ata* whW. the ^ 

constant. They wore useful iti studying the><>«<*'Ls of 
ing stray fluids on tho ond structuro of maclnnos. 


,» V'.'v ■- V , 

P'mWVK v '^ A 


v IQ r Magnetic Leakage Flux at One End ok a Pole ok a> 
(i-Pow, Swcr-A.. 1200 Ilii'.y■ mu Min., - 1000 -Vout AiminuToa 

a As shown by iron filing method 

b! As determined by wo of tho inatmmont, shown in 1 ^ 1 

turn per pole. That part of the winding about pole 
S which is labeled A, is a nonmagnetic tank containing 
mercury. At the top of this tank is a copper plate 
perforated with in. holes, the plate being m electrical 
contact with the mercury. The holes in the copper 
plate are for the purpose of giving access to the inside ot 
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the conductor. The armature structure has been 
purposely omitted from this figure in order to afford a 


The plot obtained by the free hand method is showi 
in Fig. 8a, the plot obtained by the mathematica 


view of the set-up. With the current flowing through method outlined in the paper by Stevenson and Park i: 

rhA r\ 4-irv.v. -C -~ __1 • j • • . • • _ . aa 


the one turn field coils, the conditions as existing in an 
alternator at no load are practically duplicated, except 
that due to the high losses in the mercury it is impossible 



Fig. 6 Lines of Constant Intensity of the Magnetic 
Field Shown in Fig. 5 

to obtain conveniently the flux densities which exist in 
an alternator. 7 

The insertion of the measuring device displaces some 
of the mercury and hence some of the current. This 
involves an error the magnitude of which varies over 
the field but which, for the present investigation, is 
negligible except in places where the flux to be measured 
is of low intensity. In any event, the error is readily 
calculated and the necessary corrections made. A- 
discussion of this point is given in Appendix A. 

The exploring coil element of the measuring instru- 



Fig. 7 Experimental Set-up for Determining the Flux 
Distribution within the Field Winding of an Alternator 

ment must necessarily carry a current, the effect of 
which is to distort the field. This field distortion is 
practically negligible in most magnetic fields about 
electrical machinery. This point is discussed in 
Appendix B. 

7. The actual current employed in the single turn was 1000 
amperes, thus producing an m. m. f. of 1000 ampere-turns per 
pole, which is considerable W + i. . per 


shown in Fig. 8 b, and the experimental plot is shown ir 
Fig. 8c. It may be of considerable interest to know 
that the free hand plot was done first, the mathematica 
plot second, and the experimental plot third, eacl: 




yifl'H -i- \ \\Wi! 


lit 




Pro. 8 -Fi/ox Distkibdtion in thu Aui-Gap and Iktmpouu, 
Spaces of the Set-Up Shown in Figs. 3 and 7 

A. As determined by the free hand graphical method 

B. As determined by mathematical method 
As determined experimentally 
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Appendix A 

Description of the Flux-Measuring Device Shown 

in Fig. 1 

Complete investigation of both the useful and leakage 
flux distributions in the air spaces about an alternator 
requires the measurement of direction and densities in 
fields varying from, say, 50 to 40,000 lines per sq. in. 
The idea* of using for this purpose a revolving search 
coil equipped with collecting device for commutator, is 
due to Mr. F. S. Dellenbaugh (Bibliography, 6). _ 

The instrument developed by C. H. Green is designed 
to be simple and reasonably accurate, as well as portable 
and sturdy, for shop use. Fig. 1 shows the device, 
which is about 6 in. long overall, and therefore easily 
manipulated with one hand. The miniature armature 
runs within a protective stationary sleeve and is 
operated through a pair of small beveled gears driven in 
turn by detachable flexible drive shafts, from a ksth- 
h. p., iieOO-r. p. m. synchronous motor. A dial gradu- 
ated'in degrees may be slipped over the knurled sleeve 


measuring instruments were infinitesimally small, there 
would be no appreciable displacement of the mercury 
and hence no error due to that source would be involved 
in the field plot so obtained. The instruments used m 
this investigation, however, have a diameter o /\ 
inch and an error of some magnitude is to be expected. 

The effect of the displacement of current carrying 
mercury is to remove a portion of the current, the 



at the head end. 

To obtain a maximum reading on an output meter, 
the brush position on the miniature commutator is f 
varied by turning this friction sleeve between the : 
fingers so that the direction of the llux being cut may be ! 
road off the dial. 

The complete dt-vicc ik itumIo of non-ixici^nstic nicui , 
with the exception of Bakelite where required for insula¬ 
tion. Brass is used for the casing, while aluminum 
monel a stainless non-magnetic alloy of extremely high 
resistance, is used for the miniature armature spindle 

and commutator segments. 

The spindle is four inches long, supported by a bearing 
at its outer end, and is 0.094 inch diameter. The 
winding consists of two coils each 2\i inches long, 
confined to the outer end of the spindle. Fach coil 
is wound of 175 turns 0.002 inch enameled copper 
wire separated from each other and retained to the 
spindle with silk floss. 

The completed armature is impregnated m lacquer to 
resist oil that might issue from bearings. Connections 
are made to the four-segment commutator, •/« incil 
diameter. The radio clearance of the armature 
within the H inch outside diametei sleeve is . o 

The miniature armature is calibrated in a magnetic 
field of predetermined intensity, so that a factor between 
milli voltage output and flux density may be applied 
to subsequent meter readings when the instrument is 
used in the shop. 

Appendix 1* 

Investigation of the Error Inv °lvedd^ to tiie 
Displacement of Current Carrying Mercury by 
the Measuring Instruments 
It seems that in order to explore the magnetic field 
inside of a liquid conductor, such as mercury, it is 
necessary to displace some of the mercury. 


Fiq <) —Fi.ux Distribution which Would Exist if this 
Space Occupied by tub Measuring Instrument Shown was 
Filled with a Current Flowing in a Direction Pmbpmndi- 
culau to the Plane of the Paper, and not NmA lt any Orman 
Electric or Magnetic Circuits 



\ :V /f 


~7~7s / 


_Flux Distribution Which Exists in an Infinitely 

Deep Iron Slot Having a Liquid Conductor in its Bottom 

A. Without the measuring instrument „, lnu , 

B. Due to a reverse current In the space occupied by the moasutlng 

instrument after insertion 

removal of this current is equivalent to superposing 
upon the preexisting current in that portion a current of 
opposite direction and of the same density in that 
portion. 8 The magnetic field which results from the 
effect of the normal current distribution and of the 
superposed current is the same as that produced by 
the removal of the portion of current carrying mercury 
in the actual case. 9 

8 . The instrument is properly insulated with varnish to pre¬ 
vent a flow of current through it. 

9 . Neglecting saturation, of course. 
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The problem, then, is to determine what effect the 
current in a cylindrical conductor has on an exploring 
coil placed in the magnetic field within that conductor 
for various configurations of the surrounding magnetic 
circuit. 

If the lines of force in the conductor due to its own 
current are concentric with that conductor, there is no 
effect on the exploring coil, as may be seen by reference 
to Fig. & If, however, the lines of force are not con¬ 
centric with the conductor, as when the conductor is 
brought very near an iron surface, there will be an 
an effect upon the exploring coil. 

As an extreme example of the above, consider the 
case,, shown in Fig. 10, of an infinitely deep slot extend¬ 
ing infinitely in the ' direction perpendicular to the 
paper, the bottom of which is filled with a liquid 


Fig. 11—Image op the Currents in the Measuring Instru¬ 
ments when Near a Plane Iron Surface 

conductor, as indicated. A measuring instrument of 
the sort used in this investigation is inserted in the 
conductor and in contact with the iron. 

The field around the exploring coil is the equivalent of 
the superposition of the two fields shown in Fig. 10, 
the .first (Fig. 10 a) being due to normal current distri¬ 
bution before, the instrument was inserted, the second 
(Fig. 10 b) being due to a reverse current in the space 
occupied by the measuring instrument after insertion. 

The error.in the magnitude and direction of the mag¬ 
netic field in the space occupied by the measuring 
instrument is less than one per cent for the case shown 
in Fig. 10. The error will be the greatest where the 
field to be measured is the weakest, which, in the case 
shown in Fig. 10, is at the bottom of the slot. The 
error there is about 30 per cent, but this error does not 
render the method useless because it can always be 
calculated so that the field plot obtained experimentally 
may be corrected. 

Appendix C 

Error due to the Magnetic Reaction of the 
Measuring Instruments upon the Magnetic Field 
to be Measured 

The error due to this cause may be determined 
readily by making a plot of the magnetic field, which is 


caused by the current in the instruments and finding 
the magnitude and direction of the flux at the place 
occupied by the measuring instrument. If the instru¬ 
ment is near a particular plane iron surface, the mag¬ 
netic field due to current in the instrument may be 
determined by the method of images; that is, the iron 
surface may be considered to be removed and another 
set of currents similar to those in the instrument placed 
at an equal distance from the iron surface and in the 
same direction, as shown in Fig. 11. 

The error due to the cause encountered in this investi- 
■ gation is less than one per cent, except very near the 
kernel where the flux density of the field to be measured 


is zero. 
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Graphical Determination of Magnetic Fields 

Practical Applications to Salient-Pole Synchronous Machine Design 

BY ROBERT W. WIESEMAN 1 

Member, A. I. E. E. 

Synopsis. —There are three methods of obtaining the flux dis- and it can be used for design calculations. His comparatively easy 
tribution in a magnetic field. and it is the quickest method of the three. The graphical method of 

First: By test. Templets or models can be made of the field plotting magnetic fields used in this paper is described in a compan- 
to be explored*and the flux distribution can be obtained by test as ion paper, “Graphical Determination of Magnetic hinds— 
described in a companion paper “Graphical Determination of Theoretical Considerations 1 ' by Messrs. .1. R. Stevenson, Jr. and 
Magnetic Fields—Comparison of Calculations and Tests ” by R.H.Park. 

Messrs. E. E. Johnson and C. H. Green. This paper shows how the graphical flux plots can be used very 

Second: By mathematical analysis. This method is accurate successfully in design calculations. In met, » he pe.jo. txuncc 
and consistent results can be obtained. If the problem is very characteristic of a salient-pole synchronous machine can not be 
complicated, however, the mathematical solution is very laborious predetermined accurately without the use o m > flux ti.-- -..uiora 
and sometimes impossible. coefficients. 

Third: By the graphical method. This method is quite accurate ***** 


Introduction 

T HE distribution of magnetic flux is a very important 
factor in the design of electrical apparatus. In 
order to predetermine the characteristics of an 
electrical device, it is necessary in many cases to plot 
the flux distribution around the several parts. This 
is especially so with salient-pole synchronous machines. 

Carter, Rogowski, Lehmann, and others have plotted 
magnetic fields graphically by drawing the potential 
and flux lines at right angles and by arranging the tubes 
of flux so that they form approximate squares with the 
potential lines. This is naturally a cut-and-try method, 
but usually the symmetry of the figure and the known 
conditions enable one to arrive at a correct or balanced 

plot with only a few trials. . 

As a rule, it is not difficult to determine if the plot is 
correct because, with a little practise, the eye can be 
trained to detect any irregularity in the squares formed 
by the flux and potential lines. The results obtained 
by some of the graphical flux plots were found to be in 
very close agreement with similar results obtained 
mathematically. Furthermore, the flux distribution 
data given in this paper have been used very success¬ 
fully in the design calculations of synchronous machin¬ 
ery by a large manufacturing company for nearly ten 


Carter found this fringing coefficient mainly by the use 
of the theory of functions of a complex variable to 
obtain a solution of La Place’s equation. In this 
solution, Carter assumed that the depth of the slot 
and the width of the tooth were infinite 3 . 



years. 

I. Magnetic Flux Distribution in a Slot 
The first practical application of magnetic flux 
plotting to dynamo design was done by F. W. Carter 
in 1901 2 . Carter determined the value of the air "S a P 
coefficient by introducing a fringing coefficient which 
assumes that all of the fringing flux is confined toa 
limited area instead of to the entire region oyer the slot. 

~~1 A-c. Engineering Dept., General Electric Company. 

o' It is claimed that A. Potier in 1889 derived the permeance 
between a slotted and a plain surface in Ms study of the r °“‘ 
eter. It can be found in Vol. 2, page 563, of Potier 

lation of Maxwell’s treatise. the A IE E., New 

Presented at the Winter Convention of the A. 1. A. , 

York, N. Y., February, 7-11, 1927. 


Fig. i—F lux Distribution in a Slot 


Slot •width 
Slot pitch 


Slot width 
Air gap 


Area ABDEF 

Gap Co-efficient = _^ ea _ 4 C D EF 


Flux pulsation 


Caption Of Air-Gap Coefficients from Graphic 
Flux Plots. Fig. 1 shows the flux distributionjn the 

“TT^tbematieal solution for the Suite depth of tooth by 
Hadamard^an he found in the Annates de Chimie el ie Pkywm, 
1909, Vol. 16, Second Series, page 403. 
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air-gap over one slot pitch. The line ACD shows 
how the flux density varies in the air-gap at the surface 
of a pole. It is evident that the area AB DC repre¬ 
sents the amount of flux which is lost due to the slot. 
In other words, the effective air-gap is increased by the 
introduction of a slot and thus the air-gap coefficient 
(Fig. 1) is equal to the area AB D E F divided by the 
area AC D E F. 



Fig. 2—Air-Gap Coefficient Obtained by Plotting 
Graphically the Flux Distribution Around a Tooth With 
FiniteJWidth and Depth as Used in Present Day Machines 

Forty graphical plots were made similar to Fig. 1 
with various ratios of slot width to air-gap, slot width 
to tooth width, and with a ratio of slot depth to slot 
width equal to four. The air-gap coefficients obtained 
by these plots are shown in Fig. 2. These curves check 
Carter s work very closely and thus there is practically 
no difference between the finite and the infinite tooth 
width and slot depth for open slots which are used 
in present-day synchronous machines. 


Carter’s work for the case of the infinite tooth width 
and slot depth. The flux pulsation caused by the 
armature slots produces a loss in the pole face. This 
loss is part of the open circuit core loss, and it can be 
calculated when the magnitude of the flux pulsation 
is known. 



of a Salient Pole Synchronous Machine for the Maximum 
and Minimum Permeance Positions. 10 Per Cent Flux 
Pulsation 

If the number of teeth spanned by a pole varies when 
the pole moves through a tooth pitch, the pole flux 
will pulsate if the pole has no low impedance damper 
winding, etc. Fig. 4 shows a 10 per cent flux pulsation 
from the maximum to the minimum permeance posi¬ 
tions in a machine which has a small number of wide 
stator slots and a small air-gap. This flux pulsation. 



Fig. 3—Magnitude of Flux Pulsation Obtained by 
Plotting Graphically the Flux Distribution in a Slot 
With a Finite Width and Depth as Used in Present Day 
Machines 

Flux Pulsation Due to Armature Slots . The vari¬ 
ation in the flux density or the flux pulsation 




t IQ ' ^ Magnetic Flux Distribution in Air-Gap of 
Inductor Alternator Pole Width for U 

Voltage at No-Load ' TH Maximum Effective 


( BC \ 

\AF * "v was obtained from the flux plots 

where the tooth width equaled the slot width and the 
results are shown in Fig. 3. This curve also checks 


it mavToduTeV nCreaSe + . the ° pen circuit <*>re loss and 

X 

if'asnmllnumber 
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Inductor Alternator Pole Width Which Gives the Maxi¬ 
mum Effective Voltage. There seems to be an increasing 
demand for high frequency generators for supplying 
power to induction furnaces, and high-speed tools, for 
testing, and for experimental work. Usually if the 
frequency is above 2500 cycles per second, the induc- 
tor^type alternator is used. 



I'jFFKOTIV'K V(>I/rA.UK AT No LOAD 

The voltage induced in an armature coil of an induc¬ 
tor alternator depends upon the flux pulsation, as shown 
in Fig. 5. If the pole width is 100 per cent of the pole 
pitch, and if the air-gap is uniform, the flux wave will 
be a rectangle, and, obviously, the flux pulsation and the 
induced voltage will be zero. As the pole width is 
decreased, Fig. 5, the flux pulsation increases. The 
effective value of the induced voltage, however, in¬ 
creases until it reaches a maximum, and as the pole 
width is further decreased, the effective voltage de¬ 
creases. Thus it is very desirable to shape the pole of 
an inductor alternator so that the voltage induced in 
the armature coil is a maximum. The insert in Fig. 5 
shows how the effective voltage varies with the pole 
width when the air-gap is five per cent of the pole pitch. 
In this case the maximum effective voltage at no load 
occurs when the pole width is 38 per cent of the pole 
pitch, A number of these flux plots were made for 
various ratios of air-gap to pole pitch and the cor¬ 
responding maximum effective voltages were obtained 
and plotted in Fig. 6. It can be seen that a pole width 
equal to half of the pole pitch should be used only when 
the air-gap is infinitely small. For a 10 per cent 
air-gap, the pole width should be 0.35 of the pole pitch 
to give the maximum effective voltage at no load. 
Under load the maximum effective voltage. should 
occur when the pole pitch is a little less than given by 


ture and the dotted flux wave was obtained by test 
with an exploring conductor placed on the surface of 
the armature. The flux wave fundamental is 1.11 
times the maximum value of the flux wave and the flux 
wave third harmonic is 0.085 times the maximum value 
of the fundamental. 

Fundamental and Third Harmonic in, the Air-Gap 
Flux Wave at No Load . Seventy-five hypothetical 
flux plots at no load were made of poles used in present- 
day machines whose pole faces were arcs of circles. 
The pole shapes used are included in the limits of the 
following three variables: 


Minimum Gap 
Pole Pitch 


from 0.01 to 0.05 


Pole Arc 
Pole Pitch 


from 0.50 to 0.75 


Maximum Gap 
Minimum Gap 


from 1 to 3 


The flux waves were analyzed for their fundamentals 
and third harmonics, the values of which are shown in 
Figs. 8 and 9. In Fig. 8, the fundamental A x of the 
flux wave is expressed as a decimal fraction of the maxi- 



IS ExcmsD BY ITS Fimu> Winding 


the curve in Fig. 6, 

II. Magnetic Flux Distribution in the Aiii-Gap 
of a Salient-Pole Synchronous Machine at 
no Load When Excited Only by the Field Coils 

Fig. 7 shows the flux distribution around the pole at 
no load when a salient-pole synchronous machine is 
excited by its field coil. The full line flux wave was 
calculated from the flux plot at the surface of the anna- 


mum value of the flux wave which is taken as unity. 
In Fig. 9, the third harmonic A„ of the flux wave is 
expressed as a decimal fraction of the fundamental 
which is taken as unity. The polarity of the third 
harmonic is also given and it is considered minus 
when it is as shown in the insert of Fig; 9. The pole 
shape, which will have a flux wave with a zero third 
harmonic, can also be obtained from Fig. 9. For 
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example, if the ratio of the minimum gap to the pole 
pitch is 0.02, and if the ratio of the maximum to the 
minimum gap is 1.5, then the ratio of the pole arc to 
the pole pitch should be 0.67 to obtain a flux wave at 
no load which has no third harmonic. 

Calculation of the Open Delta Voltage and the Delta 
Circulating Current of a Synchronous Machine at No 



voltage can appear at the open delta. Since the multi¬ 
ples of the third harmonic flux wave are usually small, 
and since both the armature coil pitch and distribution 
further decrease the voltage produced by these flux 
multiple third harmonics, the multiple third harmonic 
voltages can be neglected. Thus, the calculation of the 
third harmonic voltage at the open corner of a delta- 
connected armature winding is very simple, if the 
amplitude of the flux third harmonic is known. 

Let 

E = Normal phase voltage of the armature winding 
at no load 

A s = Amplitude of the flux wave third harmonic 
expressed as a decimal fraction of its funda¬ 
mental Fig. 9 

k p = Armature coil pitch coefficient for the funda¬ 
mental 

k d = Armature coil distribution coefficient for the 
fundamental 

h P = Armature coil pitch coefficient for the third 
harmonic 

k 3d = Armature coil distribution coefficient for the 
third harmonic 

E z = Open delta voltage (third harmonic) 
then 


Fig. 8—Fundamental op the No-Load Flux Wave in 
the Air-Gap of a Salient-Pole Synchronous Machine 

Maximum value of actual flux wave equals unity 
Fundamental A x = A X B 



Fig. 9—Third Harmonic op the No-Load Flux Wave in 
the Air-Gap op Salient-Pole Synchronous Machine 

Ma xim u m , value of fundamental equals unity 
Third harmonic A 3 = A X B - 0.6 

Load . A very interesting application of the flux wave 
third harmonic curves, Fig. 9, is the calculation of the 
voltage which appears at no load at the open corner of a 
delta-connected armature winding whose coils do not 
have a two-thirds pitch. It is well known that only 
the third harmonic or multiples of the third harmonic 


E 3 = 3EA z -l» ksd 

kp kd 

This method of calculating the third harmonic delta 
voltage assumes that there is no saturation in the mag¬ 
netic circuit and it ignores the effect of the stator 
and the rotor slots. These factors, however, are quite 
small in most machines. The three-phase machine 
whose pole shape is shown in Fig. 7 had 18 slots per 
pole, armature coil pitch 0.777, ratio of minimum gap 
to pole pitch 0.037, ratio of pole arc to pole pitch 
0.674, ratio of maximum to minimum air-gap 1.22, 
and phase voltage of 3810 volts. 

Thus 

k P = 0.939 k d = 0.955 
k 3p = 0.49 k 3d = 0.646 

From 

Fig. 9, A 3 = 1.44 X 0.475 - 0.6 = 0.084 
therefore 


E s = 3 X 0.084 x 3810 


X U.646 
0.955 X 0.939 


= 339 Volts 


E s by test - 300 Volts 
The delta circulating current at no load is 

I 3 = --- L s _ 

Third harmonic synchronous impedance 

Calculation of Air-Gap Ampere-Turns, Using the 
Flux Distribution Coefficients K * and K x . In order to 
predetermine the no-load air-gap ampere-turns accu¬ 
rately for a pole whose pole arc radius is less than the 
radius of the armature face, two flux distribution co- 
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efficients must be obtained. It is well known that if 
the flux wave has a flat top, more flux (lines per pole) 
is required to give a certain effective voltage at the 
terminals of the armature winding than for a peaked 
flux wave. In order to obtain the flux per pole ac¬ 
curately, therefore, it is necessary to modify the flux 
equation which assumes a sinusoidal flux distribution 
and to introduce the flux distribution coefficient/ 
K'i, which is the ratio of the area of the actual no load 
flux wave to the area of its fundamental. 

Messrs. Doherty and Shirley introduced this flux 
coefficient K* in 1918', and they obtained the values of 
from flux distribution plots (see Fig. 36 of Messrs. 
Doherty and Shirley's paper) which assumed that the 
flux density varied inversely as the distance (in a 
straight line) from the pole face to the armature core. 
This, of course, is an approximate solution of the 
problem. Fig. 10 gives the values of K+ which were 
obtained from the 75 hypothetical flux plots similar 


The two flux distribution coefficients K* and a A x , 
calculated from the predetermined flux wave, made 
it possible to predetermine very closely the performance 
characteristics of a two-speed salient-pole synchionous 
motor 5 . This two-speed motor had irregular shaped 
poles arranged in pairs whose flux waves deviated ap¬ 
preciably from a sine wave at either speed. 


Ko-BxO 1 


I ftM 0.U 


^ w 1 . 

G6 '<)0l»r ' »m OM 0 .04 0.05 

Fa!. 10 Flux DwmimmoN Coefficient K,t, 

to Fig. 7 where the flux distribution was obtained by 
actually plotting the tubes of flux. ^ These valuesof K* 
practically cheek the values of A* given in Messrs. 

Doherty and Shirley’s paper. _ 

The introduction of K* thus gives the actual flux per 
pole for any flux wave. The next step is to find the 
average air-gap density over the pole face m order to 
find the necessary ampere turns to force this flux across 
the air-gap. It is very convenient to know the flux 
which passes directly out from the pole and mto the 
armature, as shown by the shaded area, in the insert o 
Fig. 11. This flux is equal to K x times the> flux per 
pole where K\ is the ratio of the area G B C u 1 t 
the area /I B G D E in Fig. 11. The average air-gap 
density over the pole (Region G b, lig. 1. ) is W .line, 
the flux per pole divided by the area of pole face. ^ i 
air-gap ampere turns can now be obtained accurat y 
since the air-gap coefficient, Fig. 2, and the reluctance 
of the air-gap are known. 

T.&» «} Synchrony mdU* 

Dohortv and Shirley, A. 1. K. K., Tuans. Vol. XXXVII, p. 120.1. 



Minimum 
pole Pitch 


Fra. II— Polk Face Flux Coefficient K\ 




Fi«. 12—Magnetic Flux Distribution in tiik/Aiu-Gai* 
Wukn a Salient Pole Synchronous Machine is Excited 
Only by a Sink' Wave Armature M. M. F. Whose Axib 
Coincides With the Pole Center 

Calculation of the Leakage Flux of a Salient-role 
Synchronous Machine . The flux distribution curve of 
the leakage flux between poles is shown in Fig. 7. 

5 ~A ~Two-Sj)ccd, Salient-Polo Synchronous Motor , R. W. 
WieBcm.au, A. I. E. F,, Thanh. Vol. XLIV, l>. 436, 1924, Mgs. 15, 

16.17.18. 
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This curve is plotted on the interpolar center line and it 
neglects the small amount of leakage flux in the lower 
corner of the pole. The ratio of the area under the 
leakage flux distribution curve to the area under the 
main flux distribution curve in Fig. 7 plus 1 gives the 
leakage coefficient which is 1.16 for this pole. This 


described. These armature flux waves were analyzed 
for their fundamentals and third harmonics, the values 
of which are shown in Figs. 13 and 14. In Fig. 13, 
the fundamental A d i is expressed as a decimal fraction 
of the maximum value of the flux wave which is taken 


coefficient should be increased slightly to allow for the 
small end leakage flux. 

III. Magnetic Flux Distribution in the Air-Gap 
When a Salient-Pole Synchronous Machine 
is Excited Only by a Sine Wave Armature 
Magnetomotive Force Whose Axis Coincides 
With the Pole Center 

Fig. 12 shows the flux distribution in the air-gap 
when a salient-pole synchronous machine is excited 
only by a sine wave armature magnetomotive force 



Fig. 13—Fundamental op the Air-Gap Flux Wave When 
a Salient Pole Synchronous Machine is Excited by Only 
a Sine Wave Armature M. M. F. Whose Axis Coincides 
with the Pole Center 

Maximum value of actual flux wave equals uni ty 
Fundamental A dl «= A X B 

whose axis coincides with the pole center. The abrupt 
break in the spacing of the flux lines is simply a change 
in scale for convenience in plotting and for allowing 
more flux lines to be drawn in the interpolar space. 
The armature flux wave in Fig. 12 is peaked while the 
field flux wave, Fig. 7, for the same machine is decidedly 
flat topped. . The peaked flux wave in Fig. 12 is the 
flux wave which balanced polyphase armature currents 
tend to produce at zero power factor. The flux wave 
fundamental, Fig. 12, is 0.94 times the maximum 
value of the flux wave and the flux wave third harmonic 
is 0.092 times the maximum value of the fundamental. 

Calculation of the Fundamental and the Third Har¬ 
monic in the Flux Wave Which Polyphase Armature 
Currents Tend to Produce at Sustained Short Circuit . 
Seventy-five hypothetical flux plots were made similar 
to Fig. 12 for the same range of pole shapes as previously 



Fig. 14—Third Harmonic op the Air-Gap Flux Wave 
When a Salient-Pole Synchronous Machine is Excite» 
Only by a Sine Wave Armature M. M. F. Whose Axis 
Coincides with the Pole Center 

Maximum value of fundamental equals unity 
Third harmonic A d3 - - A X B 


Calculated Flux Density which 
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as unity. In Fig. 14 . the third harmonic A dl is ex- 

Soo f a ClmI fraCtion 0( the fundamental which 
is taken as unity. 
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Polyphase Short, Circuit. When a polyphase salient- 
pole generator is short-circuited, the armature m. m. f. 
is in opposition to the field m. m. f. If the armature 
resistance is neglected, the sustained air-gap short- 
circuit flux, which travels in synchronism with the pole, 
can be obtained readily by subtracting the armature 
flux wave in Fig. 12 from the field flux wave, Fig. 7. This 
short-circuit wave is shown in Fig. 15. Fig. 16 shows 



when a salient-pole machine is excited only by a 
sine wave armature m. m. f. whose axis is in quadrature 
with the pole center. The effect of saturation and of 
the stator and rotor slots is neglected. The armature 
flux wave is made up principally of a fundamental 
and a large third harmonic. The flux wave funda¬ 
mental is 0.54 times the maximum value of the armature 
m. m. f., and the flux wave third harmonic is 0.43 times 
the maximum value of the fundamental. 

Seventy-five hypothetical flux plots similar to Fig. 17 
were made of the air-gap flux which the armature 
currents tend to produce when the armature m. m. f. 
is in quadrature with the pole center, flhese flux 
waves were analyzed for their fundamentals and third 
harmonics, the values of which are shown in I igs. 18 
and 19. In Fig. 18, the armature flux fundamental 


Fm. !ti. -Voltage In DU OKI) in Exploring Conductor 
P i. AC I'll) IN Tint! Air-Gap of a Salient-Pole Machine at 
Sustaining Polyphase Shout Circuit 

the actual short-circuit flux wave obtained with an 
exploring conductor placed on the armature surface 
and this wave is also plotted in Fig. 15. lhe flux 
wave, Fig. K), must include such flux waves which are 
not in synchronism with the pole and, therefore, this 
wave must; be slightly different from the calculated 
flux wave in Fig. 15. 

Calculation of the Stray Core Loss m the Armature 
Teeth of a Salient-Pole Synchronous Machine at Sus¬ 
tained *Polyphase Short Circuit. The short-circuit 
flux wave can be predetermined approximately by 
combining the fundamentals and third harmonics o 
the field flux waves, Figs. 7, 8, and 9, with the armature 
flux waves, Fig«. 12, 13, and 14. Fin- 15 shows lhe 
short-circuit flux wave obtained by this method. 
The stray core loss in the armature teeth of a salient- 
pole machine at sustained polyphase short circuit 
can now lie predetermined. The problem can be simpli¬ 
fied by neglecting the fundamental which is usually 
small and using only the resultant third harmonic 
flux. 

The full-load flux wave of a synchronous condenser 
at zero power factor either over or under excited can 
also be predetermined by this method. 

IV. Magnetic Flux Distribution in the Air-Gap 
When a Salient-Pole Synchronous Machine 
is Excited Only by a Sine-Wave Armatu 
Magnetomotive Force Whose Axis is in Quadra¬ 
ture With the Pole Center 

Fig. 17 shows the flux distribution in the air-gap 


... 1 .\ 

Haunter. * A<ij ^ 



I i! |* •Lb' 
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Fig. 17—Magnetic Flux Distribution in tub Air-Gap 
When a Salient-Pom Synchronous Machine is Excited 
BY Only a Sine-Wave Armature M. M. F. Whose Axis is in 
Quadrature with the Pole Center 

A ai is expressed as a decimal fraction of the armature 
sine wave m. m. f., which is taken as unity, this 
method of evaluating the armature flux fundamental 
is done for convenience in design calculations. In 
Fig. 19, the armature flux third harmonic A« 3 is ex¬ 
pressed as a decimal fraction of the armature flux 
fundamental which is taken as unity. 

Calculation of Displacement Angle of a Salient-Pole 
Synchronous Machine. It is well known that ana-c. 
generator rotor leads its voltage, and a synchronous 
motor rotor lags behind the line voltage. The power or 
displacement angle of lead or lag is caused by the 
armature flux distorting the field flux. The fundamen¬ 
tal A ff i which can be obtained from Fig. 18 is thus a 
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measure of this distortional effect 6 . The harmonics of 
the armature flux have no distortional effect on the 
field flux fundamental, and since the harmonies of the 
field flux are usually small, the displacement angle can 



Fig. 18—Fundamental of the Air-Gap Flux Wave 
When a Salient-Pole Synchronous Machine is Excited 
by Only a Sine Wave Armature M. M. F. Whose Axis is 
in Quadrature with the Pole Center 

Maximum value of armature in. m. f. equals uni ty 
Fundamental A, 2l = A X B 



Fig. 19 Third Harmonic of the Air-Gap Flux Wave 
When a Salient-Pole Synchronous Machine is Excited 
by Only a Sine Wave Armature M. M. F. Whose Axis is in 
Quadrature with the Pole Center 

Maximum value of armature flux fundamental equals unity 
Third harmonic A qz - A X B 

be obtained by combining properly the armature flux 
fundamental A ql with the field flux fundamental A x . 

Furthermore, by combining the fundamentals and 
third harm onics A u A 3 , A dl , A d3 , A 5l ,andA a3 , which 

6. Synchronous Machines, Part I, An Extension of BlondeVt 
Two-Reaction Theory , by Messrs. Doherty and Nickle, A. I. E. E. 
October Journal, 1926, p. 974. 


can be readily obtained from Figs. 8, 9, 13, 14, 18, and 
19, the air-gap flux wave of a salient-pole synchronous 
machine can be approximated for any load condition. 

Additional practical applications of plotting magnetic 
flux distribution curves will be given in a future 
paper. 

The author gratefully acknowledges the assistance of 
Mr. L. P. Shildneck in plotting some of the flux dis¬ 
tribution curves. 


Discussion 

PAPERS ON GRAPHICAL DETERMINATION OF 
MAGNETIC FIELDS 

(Stevenson and Park, Johnson and Green, Wieseman) 
New York, N. Y., February 8, 1927 

C. H. Linder: Any simple experimental method of magnetic 
field plotting is very useful in connection with a mathematical 
investigation of flux distribution. The accompanying Figs. 1 to 9 
demonstrate the efficacy of the iron-filing method for determining 
the general form of a magnetic field. 



Fig. 1 


This is a four-pole induction motor with the rotor removed 'and the 
stator windings excited with three-phase currents for a particular instant 
of balanced operation. The iron filings are aligned to indicate the 4 poles 
of the stator winding. The tuft of the filings around the circumference 
of the stator is due to the presence of the stator teeth. 



f S i° reactance is usually made on the assumption that a 
Cur f nt in the slot Produces no flux between*the 
element and the bottom of the slot. The only flux produced by the hori- 

rSurSf t C T’ 6nt “ USfc Cross the slot above element, assuming 
ennnirSm w th6Se three ? ases the current is confined to a horizontal 
i ? ns ! “ agn f ie fleld exists above the element, whereas 
below no field is indicated by the filings. 
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Fig. 3 

Tli(/strip of current carrying copper along the side of the slot in the right 
hand figure represents, after a manner, the current in the field winding of a 
salient pole machine. The flux indicated by the iron filings is equivalent 
to the field pole leakage flux. Evidently, the flux density increases from 
zero at the bottom of the slot’to a maximum at the top of the current ele¬ 
ment. The center and left hand exposures have no practical application, 
but merely indicate flux distributions with the current element in two 
positions. 



Fig. 6 


This’circ.uit is identical with No. 5 except for the air-gaps inserted in the 
horizontal .arms. 




‘Rv siiDornosing the magnetic fields produced by a current carrying 
conluoSSSat a numb, of positions in the slot ■ 
netic field due to a current carrying armature cofl can be obtained. Supe 
position of fluxes is only allowable where saturation does not exist. 



Fig. 5 


Fig. 7 

ssffKi-es'sn-sSSia 

3 flux density in the gap is very great, indicated dj me 



cicrdtof rectangular form is shown here. exists 

sgs are magnetized to send flux ^ accounts for the large 

r^k^ 


Fig. S 

The air-gaps are situated to 

SET ^ 

force distribution. 
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C. M. Laffoon: The graphical method of mapping electric 
and magnetic fields has been used by designing engineers for a 
large number of years to determine the physical dimensions and 
performance characteristics of electrical machines. In most 
instances, no particular effort was made to insure that the flux 
distribution satisfied all pf the theoretical conditions, yet very 
accurate and reliable results were obtained. This was particu¬ 
larly true in calculating the magnitude and shape of the e. m. f. 
waves of rotating electrical machinery. 



Fig. 9 


The stator and a portion of two field poles of a synchronous machine with 
a fifth harmonic cosine of magnetomotive force impressed along the stator 
periphery. The flux distribution shown is the result. This particular 
circuit was employed in certain studies made in conjunction with the prep- 
aration of the paper “Synchronous Machines—Part I” by Messrs. Doherty 
and Nickle. 

It has only been during the last two or three years that special 
consideration has been given to the problem of determining the 
distribution of the magnetic field in the space occupied by and 
adjacent to the electric conductors, with greater accuracy and 
refinement, by means of both mathematical and graphical 
methods of analysis. There.can hardly be any question but that 
the mathematical method of analysis is the most rigorous and 
scientific, yet in most cases the graphical method is simpler 
and more convenient to use, and gives equally reliable results. 
It is for this reason that our own efforts have been confined to the 
use of the graphical method. 

In Mr. Wieseman’s paper, the graphical determination of 
magnetic fields has been applied to salient pole synchronous 
machines for the case in which the magnetization is produced by 
either the stator or rotor windings alone. The flux distribution 
for these cases are also given in the paper on Additional Losses 
in Synchronous Machines , by Mr. Calvert and myself. It is 
interesting to note that the results are essentially the same in the 
two papers. We have also applied the graphical method of 
determining magnetic fields to turbine-generators in connection 
with studies on additional losses and leakage reactances. In 
this connection, the distribution of the magnetic field in the 
following parts of the magnetic circuit of a turbine generator 
have been determined; 

1. Air-gap space for the following load conditions: 

a. No load with rotor excited to give normal voltage, 

b. No load with the stator excited to give normal voltage, 

c. Full load at power factors of zero, 80, and 100 per cent. 

2. End-bell space under the same load conditions as for No. 1. 

3. Rotor and stator core at no load with the rotor excited 
to give normal voltage. 

Part of these results are given in our paper on Additional 
Losses in Synchronous Machines. Some of the remaining eases 
will be referred to in a discussion by Mr. J. F. Calvert. 

J. F. Calverts La making flux plots, the greatest assistance 
that one can have is another drawing of a similar field. If a 


sufficient number of type cases can be solved then the solution of 
any particular problem becomes quite easy. It is probable that 
twenty or thirty of these reference solutions would cover praeti- 



Fig. 10—Air-Gap and Interpodar Flux for a Tisn-Pode 

Machine 



Fig. 11— Flux Distribution in the Core of a Two-Pole 
Turbine Generator on the Assumption of Uniform 
Permeability 



Fig. 12—Flux Distribution in the Rotor of a Two-Pole- 
Turbine Generator 

cally all of the special types of problems which could be found in 
making the two dimensional figures for rotating apparatus. 
In electrical machines the arrangement of the magnetomotive 
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forces and the iron surfaces are usually such, as to render a 
mathematical solution either very difficult or in many cases 
wholly impossible at the present time. Therefore, it would seem 
that a good procedure would be to project the work by graphical 
solutions which should later be verified or corrected by mathe¬ 
matical solutions whenever possible. 

Somewhat recently wo have boon doing work along similar 



In Figs. 10 to 15 accompanying this discussion are show'll graphi¬ 
cal solutions to some other magnetic problems of interest. In t le 
figures showing the flux distribution inside of the damper bars 
under steady conditions, the exact location of the kernel or center 
is rather difficult. The location of this point makes a consider¬ 
able difference in the appearance of the picture, but usually 
makes very little difference in the total amount of llux and much 
less difference in the flux turn interlinkages. Mathematical 
solution, however, should locate those points beyond a doubt. 


ill 

iti 




pi 1( . ifj_pmjx DisTiummoN Aohosb a Rectangular Blot 

Fig. .13—-Flux Dibtiurutiqn Across a Round Slot When When the Conductor is not in Contact With the Ikon 
the Conductor is in Contact With the Iron 



;j. S. Woodward (contributed after adjournment): In 
discussion of the paper by Messrs. Stevenson and Parle, Mr. 
,j f. Calvert, presented two figures showing the flux distribution 
in a slot containing a conductor carrying current. The correct¬ 
ness or these two flux plots presented was questioned, and Messrs. 
Stevenson and Park asked me to calculate the distributions 
by the mathematical theory, outlined in their paper. _ J he 
result of such calculation is shown in Figs. HI and 17 herewith. 



Fig 14 —Flux ■Distribution Across a Rectangular Slot 
When the Conductor is in Contact With the Iron 

lines to establish graphical solutions, btitour work was done 
primarily in connection with loss studios. 11m theoretical basis 
of our work is described in the latter par t of a paper : on Ad wn 
Losses of Synchronous Machines . Examples arc shown there 
the application of the theoretical principles for ptoltinfc AoMsm 
the intorpolar space on salient polo machines, and m Mho air-gap 
and end-boll stones of non-salient polo macihmes. In the 
solutions for non-salient polo machines, both the stator and t e 
rotor windings arc assumed to he carrying current,s. 


Fig. Hi 


Fig. 10 shows the flux distribution in a slot where the copper 
and iron are in contact with each other. Here, the calculations 
show there are two kernels, or foci, of the lines of no work, 
located in the lower corners of the slot. 

Fig. 17 shows the flux distribution for the case of copper and 
iron insulated from each other, and here, there is but one kernel 
located on the vertical center line slightly above the bottom edge 
of the copper. 

In both cases the flux lines at any appreciable distance Horn 
the kernel are very nearly fiat,, and the Hues of no work are near y 
vortical as they approach the bottom of the slot. Near the 
bottom, they turn sharply toward the kernel and are crowded 
together in the bottom of the slot. An enlarged view ol the flux 
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in the bottom of the slot is shown in’the accompanying Figs. 18 
and 19, which refer to Figs. 16 and 17, respectively. The sharp 
curvature of the lines of flux and also of the lines of no work is 
of particular interest as it illustrates the general statement made 
in Part II of the paper as to the action of these lines in the 
vicinity of the kernel. 

The two cases under discussion are of interest, as they bring up 
the question of the location of the kernel. In free-hand plotting, 
the location of this point is important as it furnishes a basis for 



drawing in the lines of no work. The location of the kernel is 
determined by the boundary conditions of the copper. 

In Fig. 16, were the slot of infinite depth and not partly closed 
at the top, the flux would go straight across the copper and the 
kernel would become the line at the bottom of the slot. If the 
slot were open at the top and not of infinite depth, the flux would 
be concave downward and there would be one kernel located on 
the vertical center line of the slot. 

In Fig. 16, where the top of the slot is partially closed, the flux 
Is concave upward, and this condition, carried to the bottom of 
the slot, causes the flux leaving the sides of the slot near the 
bottom to enter the iron before reaching the vertical center line 
and as a result there are two kernels, one in each lower corner of 
the slot. 

In Fig. 17, if the slot were not partially closed at the top there 
would still be but one kernel, located on the vertical center line, 
but this kernel would be farther from the bottom edge of the 
copper than is the case in the figure. Partially closing the slot 
causes the flux near the top of the slot to have a curvature that 
is concave upward, thus tending to depress the kernel. 

In Fig. 17, it may be observed that the curvature of the flux 
lines reverses approximately at the line marked 100. From 
there down, the curvature is concave downward; hence the effect 
of the insulation predominates and we have but one kernel, 
located as shown. It is possible to obtain two kernels in the 
general case of a partially closed slot, when the conductor is 
insulated from the iron, by making the insulation thinner or by 



making the depth of the slot smaller in comparision with the 
width. 

In locating the kernel from a plot made by the mathematical 
formula, where the flux lines close to the kernel are very flat, 
two considerations may be followed. First, the general location 
of the kernel will be clearly indicated, as it is known to be in the 
region of lowest flux density, the density at the kernel being 
zero. Secondly, the flux lines surround the kernel, and the 
rate of change of flux, along any line passing through the kernel 
will change from positive to negative as the kernel is passed. 


Hence, by taking C) r/£> - i; 
near the kernel, the (x) (M 11)1 


-= () for a value of u/> known to ]j{j 
din,'ilo of llit* kernel will be obtained 


to a high degree of approx""- 1 "" 11 - Tl "'"- 'j' 1 '" 1 " 0 /l ‘- 0 « 11 

along this (x) coordinate . .In good 

The accuracy can be math' 1 


ftvut ;i i tie il’etl by repenting this 


Th. Lehmann (communicated after adjournment i: By their 

ingenious extension of Professor lb<gu\vdu‘ > mot hod of calculat ion 
to interpolar fields, Messrs. Stevenson and 1 ark have how,, that 
in certain eases the Fourier met hod has some mlv milages ov er t he 
method of conformal representation, even though the latter 

method can be used to solve IWm s . . a ban already 

been shown by E. B. Christ oil el-. 

But I maintain that -Messrs. Shwen -mt ami Bark have fur¬ 
nished by their work a very ueleome eel on the graphical 
method of determining lines ui b*ree. I he n tilt oi thi com¬ 
parison is satisfactory, and the same i tine *»f the very cleverly 
arranged experimental cheek by Me John m,, and Green, 
which corroborates perfectly the do-lche t( j the b,n< ui lorn, 
plotted by Messrs. Wiosetnan and Shildm el,. 

The fact that it was possible for Mr \\ ie -email to obtain by Hit, 
graphical method values which check within 1 per rent will, 
Mr. Carter’s equation for air-gap reluclauce oi infinite teeth, 
shows eloquently the greal accuracy which cun he obtained by 
the graphical method if il r used methodically and will, 
judgment. 



Further, the charts and functional curve. riven in then* 
papers for air-gap reluct,mmo, tooth harmonic-',, reactance', etc., 
will be of servico to practical engineer:, and will save them a 
great deal of work, for which much credit should be pit . ,, to the 
authors. 

One might perhaps think that the a umptom of infinite per¬ 
meability in the iron would reduce somewhat the practical a mu 
of the sketches of lines of force given by the author.". 


still interesting and valuable, even in the ca e where the poles 
are saturated, lor the following two rea mi . Fir I, the rat uric* 
tion of the poles does not scout to have more that, n alight, in• 
fiuence on the interpolar (lux for a given ir eful armature this, 
even though the body of t he pole absorbs ir- much ns dU per cent 
of the total ampere-turns. Further, even if one dc-ine; to take 
account of the influence of sal urat ion, the i«}rfi. of the bn< of 
force for m = ® can still ho used m a ha i , 

I will later show how, with the aid of a .ketch of hue of force 
obtained on the assumption of infinite permeability, one ran 

deduce rigorously the actual ... „( ,!, ).! „ ,| m 

circuit is saturated. 

The sketches of lines of force given by the author are, there- 
foie, still of actual practical ... 

able saturation in tlx, im„, WM , j, „ hi |, 

to emphasize this fact. 

ALft Houiilas* Jn turn „f tlx. tl, jiiip.-r,,, prcFcrciu-c is 

expired for graphical imal„„l„ , „ ihl .. „ TOl ni , h f hi „ 

Z, hS” 0 "f "-cling ... ... 

harts the most T t U ° H tt,, r!i in tint! wav, \M him, [t„r- 

X“u Y “ . ... ." . ... 
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The test methods which I have used—namely, the use of high- 
resistance templets—are inadequate for such eases . Neverthe¬ 
less, X c ann ot quite pass the matter without protesting that the 
difficulty attached to making tests with templets is somewhat 
exaggerated. It is a very speedy method, both for determining 
total reactance and also for determining flux densities to any 
point of the boundary. 

I have used all three methods and templets, and I find the 
labor with templets somewhat less than in the case of using 
graphical distribution, and decidedly less than that using the 
functions of complex variable. 

I do not think that the possibilities of the functions of complex 
variable, however, have been fully appreciated. Generally the 
writers feel it incumbent to evaluate the whole field of force. 
Where problems of boundary densities are concerned, which alone 
would be of interest in loss calculations, and where problems of the 
total reactance or permeance of the field is in question, then 
there is a very neat way of handling Schwartz’s and Christophel s 
theorem, which I don’t recall having seen in print. That is a 
method of graphical integration around the boundary. 
Schwartz’s and Christophel’s theorem is a very simple matter of 
formulating, provided the boundaries are straight line boundaries, 
but extremely difficult to integrate, except for the simplest 
cases. Nevertheless, on the boundary, the functions are wholly 
real and a graphical integration is easily possible. 

I ask Mr. Wieseman one or two specific questions. . I should 
like either now or in the written closure, information as to 
whether Fig. 2 cheeks my 1915 work 2 and whether Fig. 3 checks- 

"l should like also to make one or two detailed comments. 

In Mr. Wieseman’s paper is the statement: “If the ™ o 
teeth spanned by a pole varies, a certain amount of flux pulsa- 

^^“Lpe of pole which will avoid all pulsations when 
used with armatures of any amount of slotting and every amount 
of slotting- namely that pole shape which gives a perfect n 
wave on the equivalent armature circuit. Such a Punching cou 
be used with any amount of slotting opposite wittout pulsaboru 
. nr00 f of this proposition was given m the appendix ot t e 
paper read by Douglas and Kane in Chicago two years tins com- 

p “l*, St ,.... -- SESSSXK 

pitch, air-gap, and pole ^now be clear that in order 

the transverse coefficient, but it should n ^ ig needfu i 

to develop extremely sturdy sync ir , very much less, 

that the ratios of A qltoA ^V eated after adjournment) 
Vladimir Karapetoff. ( ,. r - b e given also in 

The mathematical treatment m PP^ aut hors are justified 
the language of vector analyst . ^ ^ tQ make the theory 

in. using ordinary partial denva ’ . eerS) yet> w ith an ever 

comprehensible to a larger circ . ong younger engineers 
increasing interest m vector a y . | treatment, added 

aud physicists to "^tm^s! be out of place, 
below, may not, for the sake o E, . now available. 
Several elementary works The 

BO thattheexpositionisg.yenmttoutpreots . g ^ n0 

great advantage of tins new shor -hand ^ as some 
axes of coordinates are used (crutches 

^ " 1 
n * M , W »■ =• 

Trans. A. I. E. E.. 1915, P- 1067. 


vector analysis enthusiasts call them 
cerned are dealt with directly in their 
space, thus bringing out more clearly . _ 

By tbe definition of vector potential 
H = — V X R 

According to the xnagnetie-eireustation law 
4 7T i — V X II 

Substituting H from (1) in (2), gives 

- 4 7T i = V X W X R 
Since the vector potential is defined through 
an additional condition may be imposed: name! 
solenoidal vector (V . R = 0> 

Hence 

V X (V X R) = V (V . R) — R ~ . 7 = -■ 

Consequently, Eq. (3) becomes 

4 7T i = V- R 

which is identical with Eq. (30) in the paper, 
Laplaeian operator. If, in Eq. 2 . JJ were 
rational units, the factor 4 7T would be entirely^ 
equations, thus still further simplifying^tne resin 
In a two-dimensional field, according to I 
component of H in a certain direction is zero, R u 
in the perpendicular direction. This follows d? 
definition of the curl as a line integral, to: 
equation of a line of force is R = const 
At a point in the two-dimensional ‘ 


at r* 


field, i 
We the: 


rail 


n in which R varies most rapidlv. 
for the absolute value of H: 

H = b R bn 

so that 

d R - H d n 

This result indicates that an increment of R 
between two lines of force to which the two 
Eq. (33) in the paper. 

R. W. Wieseman; Perhaps the most iiMv- 
the most important, application of graphics hux I 
present time is the calculation of the quauratu.r< 
reactance of a salient-pole machine. As a niatn 
value of the quadrature synchronous reac„an«- 
determined only by a field plot. This quaara.ur 
reactance is one of the several codueiem ^ * 
paper Synchronous Machines, Part II, l i- *- G 

andNickle. . 

In a polyphase machine, the armature ■■■. 
sine wave of flux which travels m synehrumrfn 
When the armature m. m. f. axis comeides • > 
(for example, at zero power factor), the 
currents tend to produce is muen more J an . . 
when the armature m. m. f. axis is m quadra. . 
Thus, the direct synchronous reactance i» mo 
svnehronous reactance. 

v Let the normal fundamental flux: per > 

mal armature currents produce a Lax p a m ^ b 
Let the fundamental of this armature 
Let Xu equal the armature leakage reaeta.. 
decimal fraction) in the quadrature axis. 


uen 


! a: R ; p a 

R 4 

3 

\ ‘y * "IP* 


I . if t;:e 


E'!. 1 


f 


;ig. a- u*;ui. as 
[orling at the 
.-yuchrc-notia 

r of fact, the 
car, be pr«- 

i >)T>c ur in - -i *' 
Doherty 

produce- a 


than quadrai 




X 


Then the quadrature synchronous reactance 

The values of as well as many other coeficie: 

“’mh reference to the Laifoon and Cal«rt * 
thl hef^o prefer the graphical method of o 
distribution and the flu. dismbunon coeihe. 

G^iDotiglas stat ed t hat the templet wcun* 
and that the labor involved with temp, .- ' 


A\ f . 


its. arc given in 


,eus-;oiK 1 note 
taming the flux 


p&tdy, 
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than in the case of using the graphical method. There are a 
few simple eases of magnetic-flux distribution where the templet 
method can be used to advantage, especially in illustrating flux 
fringing to students. When, however, the flux distribution is to 
be obtained in the many different magnetic parts of dynamo 
machinery, I prefer the graphical method, and I have found that 
the results obtained by this method are quite accurate. 

Mr. Douglas requested information as to whether Figs. 2 
and 3 cheeked his work. In Mr. Douglas’ 1915 paper, the ratio 
of the slot width to the tooth width is very much larger than is 
used in Fig. 2 of my paper. Consequently, no check can be 
made. Fig. 6 in the article by Messrs. Douglas and Ivane, in 
1924, practically checks my Fig. 3. 

Mr. Douglas stated that the flux pulsations can be avoided 
with armatures having any number of teeth, if the pole gives a 
perfect sine wave of flux on the equivalent armature circuit. 

Salient-pole machines practically never have perfect sine flux 
waves and, therefore, this method of eliminating flux pulsations 
cannot be used. 

A. R. Stevenson: Messrs. Laffoon and Calvert are right in 
saying that the graphical method is the most convenient one for 
use in the everyday designing of electrical machinery, but the 
mathematical method is of importance in the preparation of 
the 20 or 30 typical flux plots which Mr. Calvert mentioned as 
being of great assistance in sketching similar fields. Although 
these typical flux plots can be determined to any degree of ac-* 
curacy by the graphical method, in some eases it takes a great 
deal of experimental sketching before the general outline of the 
distribution can be determined; whereas, in such eases, the 
mathematical method will sometimes give a more accurate answer 
with less work, in less time. 

The best articles on graphical plotting are contained in the 
long series of articles by Lehmann, mentioned in the bibliography 
of our paper. He carried the graphical method of plotting 
much farther than we did, including in the problem the saturation 
in the iron. If anyone desires to study the graphical method 
further, he could not do better than to refer to Lehmann’s work. 

Mr. Calvert, in his discussion, has submitted six pictures of 
flux distributions sketched by the graphical method. The two 
showing the flux distribution in a square bar in a square slot 
did not look quite right to us. They are sufficiently accurate for 
all practical purposes; but we do not agree with the location of 
the kernels, and Mr. Woodward has submitting a discussion in 
which he shows the flux distribution in these same square bars 
in square slots, as determined by the mathematical method 
described in our paper. 

Professor Douglas discussion is of special interest because of 
the articles he has already published on this subject, especially 
with regard to the templet method of determining flux distribu¬ 
tion and also because of his remarks about the use of the theory 


of functions of a complex variable in connection with these 
problems. The valuable work of Dr. Carter in this connection 
is well known, and is especially interesting because of the recent 
publication of another paper in which he applies the method 
to many new distributions which had not been attempted before. 4 
The application of the Schwarz and Christoffel transformation is 
very difficult when it is necessary to integrate around more than 
four angles, and the suggestion by Professor Douglas of a graphi¬ 
cal method of integration should be of great assistance in the 
application of the theory of functions of a complex variable 
to these problems. 

The authors are very grateful to Dr. Lehmann for emphasizing 
that their sketches of magnetic lines of force are of actual practi¬ 
cal value, in spite of the fact that saturation was neglected. 
The article by E. B. Christoffel, which he mentions, we think will 
be a valuable addition to the bibliography, although his discus¬ 
sion came in so late that we have not had a chance yet to look 
it up. The use of conformal representation for the solution of 
Poisson’s equation has been done by St. Venat in the solution of 
the torsion of rods; see, for example, Love’s “Theory of Elas¬ 
ticity.” Herr M. Strutt, in the Archiv fur Elektrotcchuiky 
April 7,1927, has applied this method to the approximate solution 
of the case of a current-carrying rectangular iron conductor 
of constant (high) permeability. 

Mr. E. E. Johnson: While the iron-filing method gives 
excellent indications of the form of the magnetic field, the field 
plots so determined must not bo interpreted too strictly as re¬ 
gards field intensities. When making the iron-filing dis¬ 
tributions, the filings, which are preferably of cast iron, are first 
distributed on some suitable plain surface, such as white paper. 
The m. m. fs. are then applied and the whole structure is gently 
tapped to allow the filings to take tlioir proper conformations. 

In the process of tapping, the iron filings in the near vicinity 
of highly magnetized iron surfaces have a tendency to skip 
along the paper and gather in clusters on those surfaces. Also, 
even in uniform magnetic fields of high intensity the filings cluster 
together in strings. This clustering leaves free open spaces, 
from which it might be inferred, on. superficial examination, 
that the flux density is low at these points. 

Mr. Green and I are very grateful for the comments of Mr. 
Laffoon and Mr. Calvert. The experimental method which wo 
have used for determining the field distribution inside of current- 
carrying regions is not always convenient although there may bo 
cases where it might with profit be employed. The method* was 
used in the particular case of the alternator field poles as a check 
upon the work which Mr. Stevenson and Mr. Park did in their 
paper. 


r 4 ;.;? h6 r M J) gnefcic , of the Dynamo-Electric Machine,” The 

i nstituhon of Electrical Engineers, Yol. G4, No. 359, November, 1026. 



Design of Reactances and Transformers 

Which Carry Direct Current 


BY C. R. HANNA' 

Associate, A, I. E. E. 


Synopsis.- -It is usually necessary to place an air-gap in the 
core of a reactance or transformer which carries direct current 
in order to secure the greatest inductance. The work here reported 


■Tiz -zrzz ssr 


Introduction 

npIUO design of reactances or transformers in which ^ 
I considerable direct current flows is a problem of 
increasing importance. Interstage and output ■ 
transformers for vacuum tube amplifiers, modulator 
chokes for radio-telephone transmitters, and reactances ^ 
for rectifier filter circuits are examples. In all of these j 
a high value of a-e. inductance is required, but the 
saturating effect of the direct current always causes the 
inductance to be lower than if it were not flowing. 

It is well known that in every such case an increase of ; 
inductance will result, if an air-gap is introduced in the 
magnetic, circuit. Where the steady m. m. f. is high 
the best air-gap will be large; where it is low the best 
air-gap will lie small, sometimes small enough so that 
the air spaces in the stacking of the core laminations 

are sufficient. 

So far as the writer is aware, no direct method ot pie 
determining this Best, air-gap has been presented. 
The usual method is to assemble a reactance 01 tnms- 
fomor and determine experimentally the best gap. 
The inductance for this best gap usually does not come 
to the required value, and a re-design is necessary. 
After several attempts, of course, the correct design can 
be determined, but a direct method of design is greatly 

10 The purpose of this paper is to set forth a straight¬ 
forward method of solving this problem. 

Method op Calculation 
Use is made of the permeability curves, both normal 

and incremental, for the core material used. As an 

example, the calculation will be carried thtough 
four per cent silicon steel. (.urves of I* *1 ^ the 
normal and incremental permeabihty to diluent 
values of H. Incremental permeability values are for 
very small minor loops, and were ca'eulated from 
information given in a paper by Spooner 2 . Values 
for very small loops arc usee because m many cases 
the requirements are that the inductance -*aU be equ^ 
to or greater than, a certain value for any applied 
alternating voltage, no matter how small, and it is well 

T~Wwa.iKlu.UHO Kloo. & Mfe. Co., Hast 

o - r Siioonor "EfTw.t of a Suporposod AllomaUnf? l iem 
on Apparent MsgnoUo Pormoahility ami Ilystoroms Loss, 

Ph T^"winUr „J ft. A. /. * Af« 

N. ¥., February 7-11,1027. 


known that the incremental permeability (and there¬ 
fore the inductance), is smallest when the flux variations 
are small. Examples are the modulator choke m a 
radio-telephone transmitter, interstage and output 
transformers in audio amplifiers, etc. In the case of 
reactors for filter circuits where the pulsations are 
always large, advantage can be taken of the larger 
incremental permeability corresponding to tie gica cr 
flux variations. The calculations here given do not 
include this case, but may serve as a guide m the design 
of such reactances. The magnitude of the flux varia¬ 
tions must be known or determinable for such 
calculations. 

The following notation will be used: 

' * „ *. _ A /-w-wiocsrttC! 


XuV iUiWWXWft uwuvvww*. 

B « Steady flux density in iron and air-gap, gausses. 
N « Number of turns in winding. 

I = Direct current, amperes. 

A Area of core section and air-gap, cm. 5 
I “ Length of iron path, cm. 
a - Air-gap length, cm. 

L « A-c. inductance, henries, 

B__ 

ix - Normal permeability = ” ^ 


fx A = Incremental permeability = A where A B 

and A H are the increments from tip to tip 
of a minor hysteresis loop. 


We have 


0.4 7 r N I 


0.4 t r iV 2 A X IO 7 8 


From (1) 


B ^ ~ ~f- (l ^ 

0.4 7T i 
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B-GAUSSES 

Fia. 1 Normal and Incremental Permeability for 4 
Per Cent Silicon Steel 


B 2 


/ 1 a \ 

(jr +_ r) ^x 10 -* 

np-f) 


0.4 7T P 


( 4 ) 


For any assigned value of y (the per cent air-gap) 

equations (5) and ( 6 ) may be considered as parametric 
equations with B as the parameter, and a curve of 

LI 2 . N I 

~~y against -y can be plotted. To do this, 
several values of B are assigned, and the values of fx 



and corresponding to B obtained from curves of 
Fig. 1 .. These values are substituted in equations 
(5) and ( 6 ) to determine corresponding values of 
LP N I N I 

V and l * ~J~ represents the steady ampere 



Letting l A = V, the volume of iron in the core, 


L P 

B 2 (• — 
V M 

^ | 

+ ; 

) 2 X 10- 

V = 

0.4 x ( 

1 . 

a \ 

Also from ( 1 ) 

v ■ 
Ma 

~r) 

A r I 

B ( 

1 

a \ 

l 

0.4 7 r \ 

At + 

l ) 


turns for each centimeter of iron length and is 

y ° 



“ diVid6d by the square of the currei >* 
(5 ) gives the inductance per cm." of core. 

e amily of curves, each for a different value of 


vr 

y, is shown in Fig. 2. It 


N I 

is seen that if —— is in- 


( 6 ) creased, by increasing N or I or by reducing l, ~~ 
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a 

is greater for larger values of y. Evidently the en¬ 
velope of the family of curves gives the relation be- 


LP N I 
tween —y— and —y 


y if the best value of y is cho¬ 


sen. Since each curve of the family corresponds to a 
certain value of y, the point of tangency with the 


From curve 


12 X 0.05 2 
14 X 5.5 


= 3.9 X 10-* 


= 8.43 


8.43 X 14 

N - ~0M~ - 2360 



0.0012 


a = 0.0168 cm. 


iU AMPERE-TU RNS PER CM. 

Fig. 5—Hypernik 

N I , x . ... 

envelope shows the value of that requires this 


Hence along the envelope curve may be plotted a 


It may be that to obtain the 2360 turns in the given 
winding space the resistance will be too high. Where 
this is the case, a larger sized punching or perhaps more 
punchings of the same size should be used, so as to 
increase the iron section. The calculation should.be 
carried through again in the same way, a few trials 
usually being sufficient. 

It frequently happens that the greatest inductance 
possible is desired for a given core size. If I has a 
definite value as before, it is readily seen from the curve 
that the greater the number of turns the greater the 
inductance for a given volume of iron, provided the air- 
gap is increased as shown by the curve. Hence a 
coil with the greatest possible number of turns as de- 


scale which shows the proper value of y. Fig. 3 

shows the envelope curve with the y scale along it. 

Using this curve, it is quite simple to design re¬ 
actances. Suppose a certain core size is chosen and a 
winding and air-gap are to be determined such that 
when a direct current I flows in the winding, the a-c. 

inductance will be L. The value of y is thus e- 

N I , 

termined, and the corresponding value of j can be 

obtained from the curve. The core length l and the 
current I being known, N is determined. The value of 

y- can also be read from the curve, and thus the proper 
air-gap is determined. 

To illustrate with a specific example, suppose 
l = 14 cm. 

A = 5.5 cm. 2 
L = 12 henrys 
J = 0.05 amperes 


2£i ampep.e-turnspercm. 

Fig. 6—Hypernik 

termined by the permissible resistance or capacity of 

the winding should be employed. _ . - , 

For example, suppose with the core given inthe first 
example, 4000 turns could be wound without exceeding 
the limiting value of resistance. If the current is as 
before. 

N I _ 4000 X 0-05 4 g 

7. = 14 


From the curve 


= 8.2 X 10- 4 
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from which in Fig. 7 . Holding the air-gap fixed, the data for one 

L _ 8.2 X 10~ j X 14 X 5.5 _ . LI* N I 

(0.05) 2 “ 25 ' 2henries * curve of - y against —j— can be determined. The 

The value of ~r to obtain this is 0 0018 Therefore a ^ r ga h *nay then be changed and another set of data 

l 1 nereiore obtained, and so on until the whole family of curves 'is 

a = 0.0018 X 14 = 0.025 cm. , , , . a 

The same calculation has been carried through for rmme • en ie enve ope with its ~ scale may 

50 per cent nickle iron. Curves of Fig. 4 show the foe drawn 

normal and incremental permeabilitv, the latter bavin a 0 \ 

e umty, me latter navmg . Fig. 8 shows two curves of the family for 50 per cent 

_a.c. d.c. nickle steel that were determined in this way. The 



L x -x L 

Fig. 7— A-c. Bridge 

been calculated as before. The family of curves of 
LI 2 . N I ' 

V against -pfor different percentages of air- 
gap is shown in Fig. 5. Fig. 6 shows the envelope of 

this family with the scale of best j values plotted 
along it. 

f0r b 0 t i 1 SiliCOn and nickle iron ' hav e been 
haw lT e f de T ° f reactance ® and transformers and 
have been found accurate to a surprising degree when 

annealed punchmgs were employed. Inductance values 
,, wi m 15 per cent, of the calculated values. The 

so thlt^n T 6mg f Critica1 ’ was aIwa Vs dose enough 
“eceX ^ fr ° m the Calculated -lue was 

Alternate Method of Determining Curves 
It is seen readily that the curves may be determined 
from experimental data instead of by comp“ 

Each curve of the family is the relation of r~~ 

against—for a given value-of j. If a core of 

uniform section is secured and a winding placed on it 
its a-c. inductance for different valuta J/ . ° n 

may be measured by means of « b T °T . 

y eans 01 an a -c. bridge as shown ; 



mpn" 


2 * if 


« 16 ) 


Fig. 8—Experimental Curve for Hvmsuwk 

envelope. is also shown and is found to agree fairly 
closely with the calculated envelope of Fig. 6.' 

In using the bridge, the direct current in the choke 
or transformer is varied by the resistance in series with 
f 6 * A reversing switch is used to make sure 

m , d ^ ct * on 111 the core is that corresponding to 
he normal B-H curve. Small values of a-c. voltage 
are employed. 

This method is best adapted to cases where the 
normal and incremental permeability values for the 
material are not available. 

Discussion 

wn?’ Prln 1 Ces T,l ° Question that cm no into mv mind 

ZT t wV S thC ; T 1 m T m th6He ^tancoH? Tin? IZ1 

g that I went through in something like tliiw if wo j,„ Vfi .. 
certain small variable current that is produced by i 1 , , 

the function of the renoil,-u 4c I 1 n , ,mim "c ciimod, 
current, the v«W,Hi" it T m,u " f Ul « lum.„„.„la! 
possible. ° ,me0t to tho dm ° l ®m«t, a* .mall a. 

th^directijurrentVarrietHo tlX' W ° *“* 1° mak " ll "' »«« of 

possible. The inorflmontji.1 ei ° Jncr ^ rltiI, | a current us large a. 

to the reaeCcrTttt 2X1, mV “ Bly 

2 ’T r L, we find that we can consider thaHh '' 
performance of our moon ,# 0 lcl0 , r tJlat tile measure of the 

product of current LScLTf " Pr ° P ° rtU ’“ 1 10 «“> 

and I ^ lw 

I am about it, I mkht a won? * squarod “■ but while 

ght ttS val earr y th0 S ‘“T on, upon the basis 
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that wo usod, which was taking the first power of current instead 
of the square as our .measure. 

'Referring to the accompanying Fig. 1, the product of inductance 
and current is taken vertically; the current is horizontal. Then 
for any particular air-gap we will got a curve of the sort, shown 
rising to a, peak and then falling again. For the larger air-gap, 
the curve rises to a higher value at a higher current, and if we 
secure a number of such curves and then proceed to draw a. curve 
that includes them, you will find that as the air-gap increases, the 
effectiveness of our inductance also increases, and it appears 
to approach a constant value somewhere in the neighborhood of 
corresponding to an air-gap of approximately 4 per cent of the 
total mean magnetic path. 



Fio. 1 


Thai leads then to the question, “Why don’t we always make 
I he air-gap at least -1 per cent or more as long as the curve seems 
to he steadily climbing upward?” The answer to that is more or 
less suggested in Mr, Hanna’s paper, although no direct, attention 
was drawn to it. This small air-gap reactor giving its maximum 
inductance at a low value of current., when you design it is made 
almost wholly of iron, has hardly any copper in it. As you go 
in the direction of greater and greater air-gaps, you get. larger and 
larger rat ios of copper to iron, and it you are making a large piece 
of apparatus such an llm reactor to smooth out the current from 
the rectifier, it becomes very important to strike a. balance be¬ 
tween the copper and iron. For very small pieces of apparatus 
,,f amirse that is less important, hut for the larger things such as 
the chokes for radio transmitters and the tiller reactor for recti¬ 
fiers, the dominant thing is to strike a, balance between copper 
and iron so as to get the most economical structure. 

T,, that end we arrived at a plot slight ly different from the one 
which Mr. 1 lamia has used. We plot inductance for llm unit, 
volume and air-gap, and then wo have another plot, gi\ing the 
relation between the air gap and the ampere-turns as shown in 
Fig. 2 herewith, ’raking such a, plot as that, you simply assume 
a, scries of air-ga ps for each one of which you can design a reactor 
immediately, and then ha ving such a series the most economical 
one may be chosen, and the actual reactor Imilt irom it. 

Tlmr« is just one other point about the paper. Mr. Hanna, has 
been dealing with very small increment ef current, and as the 
alternating components increase, the effective reactance also 
increases, and we have thought it necessary, therefore, to have 
not. one curve for the minimum variation in current but a group 
of curves so that we can design for what the demanded current 
pulsations are. 

O. R. Hanna r I have Converted one of the curves given m 
Mr, Prince's Fig. 2 to which he has called attention. The best 
air-gap is along the abscissas, one curve representing ampeie- 

turns and the other.. I ', These two curves could be properly 

A- 

Converted into one if i lie scale of ampere-turns were plot ted along 

, L 

the — curve. 

A“ 


1 took the lowest curve, interchanged air-gap with ampere- 
turns and multiplied ordinates by the square of tlm abscissa,s, 
convert ing his curves into the same form that I have given in my 
paper. 

As has been brought out, lie considered much greater values of 
st eady magnetization or steady ampere-turns per centimeter than 
I did. 

The lowest of the several curves was chosen because it repre¬ 
sents the smallest percentage variation in current. That corre¬ 
sponds more closely to mine than any other because 1 considered 
very small minor hysteresis loops. 

The derived curve when extrapolated came slightly lower than 
mine all the way. Of course, the difference in material might; 
account for this, but I was wondering it it might not be in the way 
his maxima, were arrived at. 

I). C. Princes As 1 understand it, Mr. 11 anna has struck the 
one real difference in the fundamentals. The question is whether 
t he curve in Fig. 1 goes through a series of peaks or is a curve that 
is tangent. Mr. llaima has made his curve tangent to the family 
and not through the peaks, and his method is undoubtedly cor¬ 
rect. That is, the two give slightly different values and in his 
terms you get slightly higher •values il you take youi cui vo 
tangent to the family than you do if you go through the peaks. 
However, he is dealing with small values of air-gap and the 
reactors that we actually build usually run more than I percent; 
air gap, and when you get more t han 1 per cent air-gap, the tan- 
genl, and the peak come so close together that the choice is 
immaterial. 

C. R. Hanna: As Mr. Prince has pointed out, the envelope 
curve rather than the curve through the maxima should be used. 
Mr. Prince raises t he question as to why L I" was used instead of 
L 1 as in his work. 1 had no particular preference in the matter, 
but when the results are obtained by employing values of ha 
corresponding to very small changes in magneto-motive~l‘oree 

A 1 . 

instead of those which correspond to a constant-. - ., tlm in¬ 

sults will inevitably be in terms of /■■ instead of /. 


11000 • 

S' 10000 ■ 

I wo 

t? goo 

s; c -m 

C H 

A 2 600 

^£soo 

II o 

U». 2 400 

u S. 

g £ 300 

-fcSl < 

ZOO 

<5 100 

Fio. 2 (hJitvK Showing Ekknut ok Aik-Hai' on In- 
MICTANCK OK U NIT UBACTOIt, (1-IN. (JITHM) WlTIt « TURNS 
vku Inch and Kkkkot on Amiuoiik-Tuuns sou Lkaht Pur, na¬ 
tion Factor 

;i. F. II. Douglas: My interest in this topic is childly from 
the standpoint of Heising modulation choke coils. I wish to 
state that I think this paper is an important theoretical advance 
in the design of transformers and chokes carrying direct current,. 

11 gives a better gap for maximum inductance. However, 1 must, 
point out that it is still a trial-and-orror method for evaluating 
the necessary volume in the iron core. 

The values of h P/V, which are roughly proportional to the 
energy storage per unit volume, indicate Jlux densities in the gap 
by rough calculations that I have made of only 24,000 lines per 
sq. in., or roughly 4000 gausses and represent an inefficient use 
of the iron material. 
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It is true in radio receiving apparatus that material cost is not 
such an important item, and the problem is economically handled 
in this particular case since the size of wire which is used though 
not stated here can hardly be much larger than No. 30 B & S 
gage, and the use of any smaller iron core would result in an 
impossible winding problem and an unworkable air-gap. 

One of my senior students, Herbert Wareing, has designed and 
built and installed a Heising radio choke rated for an ultimate of 
10,000 volts, 2 amperes and 60 henrys. The method that he 
used was one which, with slight modifications, I have taught for 
five years for low-frequency chokes and one which was derived 
from Professor Karapetoff. 

I wish to say that I am opposed to empirical methods of design 
whenever rational foundation can be found. The rational 
foundation in Professor KarapetofTs method in the design of 
transformers and, I believe, chokes, is that of economical, specific, 
magnetic, and electric loadings and it should be gratifying to note 
its wide range of application. 

There are other very important factors in the design of a 
Heising choke besides that of seeming maximum inductance for a 
given core. Mr. Wareing reported to me that one important 
factor was leakage flux from the poles of the iron parts. Another 
was the distributed capacity between windings, and a third was 
the saturation which occurred when modulating low-pitched 
sounds of perhaps 20 or 30 cycles frequency. 

The choke coil which he replaced resembled one of the old 
Edison bipolar dynamos, and it showed more inductance when 
the Keeper was entirely removed than when it was in plaee. 
The leakage flux alone saturated the legs at the comer point 
where they joined the yoke. 

The choke that Mr. Wareing designed had a core weighing 


220 lb. and copper coils of about 200 lb. The value of L I 2 / V was 
74 X 10 -4 , some six times greater than the maximum value 
recorded by Mr. Hanna’s graph. The direct-current density 
was in the neighborhood of 60,000 linos per sq. in., roughly 
10,000 gausses, the double air-gap 1 14 in., roughly 3 cm. the core 
6 in. square, the length of the magnetic circuit, exclusive of air 
46 in., and the ratio of air-gap to the mean magnetic path 2.7 per¬ 
cent. 

Obviously in Heising chokes of this rating we must use material 
efficiently, and a eut-and-try method for securing the iron core 
would not be entirely satisfactory. Since the installation of I ho 
choke coil, the music, by station W K A F whore it is in use is 
reported to have much better quality of modulation than 
previously. 

I would be interested to know whether the ratio of air gap to 
mean magnetic path for these higher magnetic densities chocked 
the values that Mr. Hanna advocates, or whether it mom closely 
checks those that Mr. Prince advocates. 

Mr. Wareing intends to publish his results in one of the radio 
publications. 

C. R. Hanna: In regard to Professor Douglas's discussion, 

I want to say first that the value of L l 2 / V does not represent the 
energy storage per unit volume because L is the incremental 
inductance of the winding while I is the steady magnetizing 
current. So his calculation of the flux density from that, figure is 
not correct. He mentioned about 4000 gausses as the density lie 
determined in this way. The actual densities for the range of 
ampere-turns per centimeter given in the paper are about (i(KH) 
or 7000 gausses. Of course the density is greater for larger- values 
of 2V I/l. The scope of the paper was limited, however, to 
reactors and transformers having small steady m. m. fa. 
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Synopsis. In outlining the history of voltage standardization, 
it is observed that there has been separate standardization of voltages 
of various types of apparatus, rather than standardization of a 
complete opera ting system. The results of a questionnaire answered 
by 22 operating companies are analyzed and the conclusion is drawn 
that the use of the old standard transformer voltages involved, in 
many cases, over-exciting the transformers or generators in order to 
maintain satisfactory voltage at the consumers' 1 terminals. The 
reason is that the existing transformer voltage standards do not 
compensate for the line drop in transmission lines and feeders. 
The voltage standards of the International Electrotechnical Commis¬ 
sion are set forth, indicating a partial agreement as to maximum 
system voltages with the proposed standards, although arrived at by a 
different method. The I. E. C. standardization, however, is not so 
complete as the proposed system. 

In describing the proposed standards, certain basic principles are 
laid down as the conditions which must be fulfilled. 

The proposed system of voltage standards starts with already 
standardized utilization voltages at the low end of the scale and 
suggests Iran former voltage ratings and ratios which will allow 
proper voltage to be supplied to the consumers without over-exciting 
any of the transformers or generators in the system, and ties in the 
transformer and apparatus voltages with system voltages, based on 
the A. I. E. E. definition of rated circuit voltages. The proposed 
standards thus cover the rohole field of voltages of a-c. apparatus of all 
hinds a?id harmonize them with system voltages in such a way that all 
reasonable operating requirements may be met. 

The salient features of the proposed standardization are as follows: 

The system, voltage is the same as the highest rated voltage of 
transformers supplying the system; it thus corresponds to the 
A. I. E. E. rated circuit voltage and fixes test voltage on all apparatus 
used on the system. 

Step-down transformer secondary voltages from 115 volts up to 
69,000 volts will be multiples of 11.5, excepting transformers supply¬ 
ing 2400-volt systems, which will be rated 2400 volts. Thus, typical 
step-down transformers will deliver 

460 volts 
6,900 volts 
23,000 volts 
69,000 volts 


For higher voltages, step-down transformers will have secondary 
voltages in multiples of 11, thus: 

88,000 volts 
110,000 volts 
132,000 volts 
154,000 volts 

complying with well established practise. 

In order to enable the step-down transformers to deliver these 
voltages, their primaries will be rated in multiples of 11, thus: 

6,600, 

22,000, etc., up to 66,000 and above that 

multiples of 10%, thus: 

105,000 
126,000 
210,000, etc. 

Step-up transformers, excepting the 2400-volt class, will have their 
high-tension windings .rated in multiples of 1114 up to 69,000, and 
multiples of 11 above that, whereas their low-tension winding will be 
rated five per cent lower than the system voltages or generator voltages. 

Thus, step-up and step-down transformers will not be inter¬ 
changeable, but each will have the proper ratio for its purpose. To 
make them interchangeable would require 25-per cent range, which 
would involve too great an expense if applied to all transformers. 
Transformers of 25-per cent range may be required in many cases 
where power flows in either direction but such transformers should be 
of special design and this extra cost should not involve the whole line 
of transformers. The tabulation of voltages gives also the present 
manufacturers, standards for apparatus voltages, such as oil circuit 
breakers, disconnecting switches, etc. These standards for 88,000 
volts and above correspond to the system voltages of multiples of 11. 
Below 88,000 volts they are somewhat higher than the recognized 
system voltages given in the tabulation in order to meet existing 
conditions in these lower voltages. The tabulation also gives motor 
voltages in multiples of 11, while the generator voltages, in order to 
allow for line drop, are multiples of 12 up to 2400 volts, and multi¬ 
ples of 11 pz from 6900 volts up. 

The last section of the paper gives a discussion of the economic 
advantages of voltage standardization, indicates the magnitude of the 
investments involved, and gives a general idea of the savings which 

may be made by standardization. 

* * * * * 


Introduction 

HE lack of a logical and coordinated voltage 
standardization of apparatus extending from the 
initial supply to the utilization device has resulted 
in an unnecessary expense to the industry. Standardi¬ 
zation up to this time has been largely a matter of 
individual efforts on segregated types of apparatus. 
The result has been that while standards have been 
developed for the several types of apparatus, it is gen¬ 
erally Conceded that these do not harmonize in such a 
manner that standard apparatus can be coordinated 
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readily into a complete operating system. For this 
reason there has been a considerable tendency for the 
users of apparatus to buy equipment of special voltage 
ratings to suit their own particular conditions. Since 
these conditions would naturally vary somewhat from 
operator to operator, the special apparatus ordered by 
them does not constitute a new but unofficial line of 
standards, but a truly special line of apparatus for each 
operating company. 

Considerable attention has been given to this ten¬ 
dency to deviate from the established standards recog¬ 
nized by the A. I. E. E., N. E. L. A., and Electric 
Power Club, since although the use of special apparatus 
. might be advantageous from the point of* view of the 
individual operator, it nevertheless places a burden on 
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the industry as a whole, including those purchasers 
who believe they are being supplied with special 
apparatus at standard price. Users of standard ap¬ 
paratus help to bear this as well as the users of special 
apparatus, since the development costs and extra super¬ 
vision and manufacturing costs caused by the produc¬ 
tion of specials tend to raise the cost of standard 
apparatus. The special tools often required for the 
production of specials also raise the investment in 
manufacturing plant, and this extra cost is usually 
borne by the standard as well as by the special product. 
Furthermore, special apparatus entails longer deliveries 
both on the initial apparatus and on renewal and repair 
parts. 

There is no need to elaborate further on the nature 
of the disadvantages coincident with the widespread 
use of specials, for these are generally well known. The 
importance of these disadvantages, however, is perhaps 
not so well known, and it is in the interests of a wider 
appreciation of the advantages to-be gained through 
complete and acceptable standardization that various 
official bodies have been working the last few years. 
This is all the more important in view of the fact that the 
N. E. L. A. has recommended system interconnection. 
A more or less detailed review of the history of voltage 
standardization follows in a later section. 

Purpose 

This paper is to present the viewpoint of the manu¬ 
facturers on voltage standardization, and its purpose 
in greater detail is: 

1. To outline the history of voltage standardization, 
pointing out that it has been separate standardization of 
various types of apparatus rather than standardization 
of a complete operating system. 

2. To show by the results of a questionnaire how rep¬ 
resentative operating practise lines up with the existing 
standards. 

3. To discuss the need for standardization of the 
complete system and the conditions which such a 
standardization must meet. 

4. To present what is believed to be a workable set 
of standards which meet these conditions and to demon¬ 
strate their application to a typical system. 

5. To discuss the advantages of standardization 
from the manufacturer’s viewpoint and to indicate the 
benefits accruing to the industry as a whole. 

History 

As indicated in the introductory matter, progress 
in the voltage standardization of the complete a-c. 
electrical operating system, including generation, trans¬ 
mission, distribution, and utilization, has been largely 
a matter of the standardization of the several divisions 
of apparatus rather than a concerted standardization of 
the whole operating system. 

High voltage standardization dates back to 1899,- 
when the Standardization Rules of the A. I. E. e! 
recommended that the rated circuit voltage should be 
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measured at the receiving end and that the recom¬ 
mended values should be 1000, 2000, 3000, 6000,10,000, 
15,000, and 20,000 volts. In order to take care of line 
drop, generators were to be rated at 1150, 2300, and 
3450 volts, thus allowing a total transmission regula¬ 
tion of 15 per cent. 

The recommended voltages were extended in the 
1902 Standardization Rules to include 30,000, 40,000, 
and 60,000 volts in order to keep up with progress in 
high voltage transmission, the voltage still 'being 
measured at the receiving end. 

The 1911 Standardization Rules made a sweeping 
revision in that it was decided to measure the circuit 
voltage at the sending end. The recommended voltages 
were no longer based on multiples of 10, but on multiples 
of 11, and the list was extended to include 88,000 and 
110,000 volts. It was also recommended that; trans¬ 
formers should transform between the listed voltages 
and that their ratios should be exact multiples of five. 
Since that time high voltages have always been mea¬ 
sured at the secondary of the sending end transformers 
and have remained on a basis of multiples of 11, al¬ 
though extensions and additions have been made to t he 
recommended list. 

In 1914 the manufacturers of a-c. motors reached an 
Electric Power Club agreement whereby motor voltages 
became standardized at 110, 220, 440, 550, and 2200 
volts, these standards represents ting the voltages at 
which the performance guarantees would be made and 
checked. It was recognized that it would be necessary 
to allow for variations in the supply voltage, and the 
apparatus was designed for successful operation at 10 
per cent above and below the rated voltage although 
the performance would be affected where the voltage 
makes these allowable variations from normal. 

Standardization of lamp voltages came later, due 
to the fact that in the manufacture of carbon lamps it 
was impractical to predetermine the voltage rating of 
units. This had to be determined by test after the 
product was made, and the various operating com¬ 
panies were encouraged to standardize on different 
service voltages in order to provide a market for all 
the lamps which the rating test showed to fall into 
classes suitable for these service voltages. 

The tungsten filament lamp, however, proved not to 
be subject to these limitations, for its voltage rating 
can be predetermined with considerable accuracy before 
manufacture. With the rapid displacement of the 
carbon lamp by the tungsten lamp, therefore, there was 
an increasing tendency to standardize lamp voltage, 
since it was possible and highly desirable to standardize 
the factory output of tungsten lamps. 

The Lamp Committee of the N. E. L. A., along with 
the lamp manufacturers, became increasingly interested 
in this standardization and urged the member operating 
companies of the N. E; L, A. to converge where possible 
upon whichever of three proposed lamp standards! 
namely 110, 115, or 120 volts, they could adopt most 
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economically. For the last twelve years the percentage 
demand for 115-volt lamps has steadily risen from 13.5 
per cent to 44.(5 per cent; and for 120-volt lamps, from 
9 per cent to 31.3 per cent; while the percentage demand 
for 110-volt lamps varied between 20 per cent and 30 
per cen.'. during the period from 1913 to 1924 but is 
showing a gradual decline which reduced it to 16.5 per cent 
in 1925. The point of great significance, however, is 
that in those twelve years the percentage demand for 
odd voltage lamps has declined from 51.5 per cent to 
7.6 per cent. Eighty per cent of this 7.6 per cent con¬ 
sists of 125-volt lamps which are probably used prin¬ 
cipally on d-c. systems. 

Thus the trend in a-c. systems is quite definitely 
toward the use of 115-volt lamps, with 120-volt lamps a 
close second. 

The tendency in the electric heating and household 
appliance field has been to express the voltage rating in 
terms of a voltage range rather than as a definite volt¬ 
age. Actual examples of this method of rating are 
100-114, 105-115, 111-120, and 115-120 volts taken 
from nameplates of well known appliances. This short 
list suflic.es to show that these voltage ratings cover 
ranges varying from 5 to 14 volts, and that little stand¬ 
ardization has been attempted among the appliance 
manufacturers either as to the extent of the range or its 
location in the voltage scale. 

The preceding outline gave a brief description of the 
situation which has developed with respect to utiliza¬ 
tion voltages during the past 10 or 15 years. 

The operating companies are really interested in the 
standardization of service voltage rather than standardi¬ 
zation of the utilization voltage, since their contract 
responsibility is to maintain a specified voltage at the 
service switch. The one depends on the other, of course, 
but it is natural that the power company should be 
interested in the supply and maintenance of its own 
definite commodity, which is voltage at the service 
switch rather than voltage at the lamp socket or motor 
terminals. In the interest of standardization of service 
voltage, the N. E. L. A. Subcommittee on the Stand- 
dardization of Service Voltage undertook in 1.920 to 
make an investigation of this question leading up to the 
recommendation of suitable standards, and preferably a 
* single standard. 

The factors which had to be taken into consideration 
in this investigation were: 

1 . Existing utilization voltage standards, 

2. Existing distribution transformer voltage 
standards, 

3. Regulation between transformer and service 
switch, 

4. Regulation between service switch and lamp 
socket, 

5. Economic advisability of modifying 1 or 2 or both. 

What utilization voltage standardization had been 

accomplished by 1921 has been reviewed above, and 
may be summarized by: 


Motors: Multiples of 110 volts, but will operate suc¬ 
cessfully on variations of ± 10 per cent in the supply. 

Lamps: 110-, 115-, and 120-volt, the 115-volt 
predominating. 

Appliances: No standardization. 

The existing distribution transformer voltage stand¬ 
ard was the triple rated 110, 115, 120 volt secondary. 
The great majority of these distribution transformers 
were of the 20:1 ratio, 2300-volt class, without taps in 
the primary, giving 240/230/220-120/115/110 on 
the secondary when suitably excited on the primary. 

The average regulation between the transformer 
secondary and the service switch was found to be two 
per cent, and between the service switch and the 
utilization device one per cent for lamps and possibly 
double that for motors. 

After considerable discussion between the Subcom¬ 
mittee, the Lamp Committee, and the member operat¬ 
ing companies, it was tentatively recommended in the 
1.921 and 1922 Reports of the N. E. L. A. Electrical 
Apparatus Committee that the standard service voltage 
he such that the proper average voltage would be sup¬ 
plied to 115-volt lamps, with recognized departures for 
supplying the proper average voltage to 110-volt and 
120 -volt lamps, the latter being for only existing systems 
of that, voltage. With any of these average service 
voltages it was intended to use 110-volt motors and 
electric household appliances having a voltage rating 
covering a range of from 110 to 120 volts, since these two 
classes of apparatus do not require the close correspond¬ 
ence between impressed voltage and normal rated 
voltage which lamps require for economical operation. 

The “recognized departure” of service voltage corre¬ 
sponding to 110 volts at the lamp socket was admitted 
due to the number of companies that could not increase 
their delivered service voltage without exceeding the 
safe operating voltage of their generators; and the 
recognized departure of service voltage corresponding 
to 120 volts at the lamp socket was admitted due to the 
number of companies that felt they could not reduce 
their service voltage without losing considerable revenue 
on account of the reduced voltage running of lamps 
which their customers would be reluctant to replace 
before they were worn out. Furthermore, the lamp 
manufacturers were desirous of continuing the triple 
lamp standard which they had been at some pains to 
establish. 

This scheme fitted in fairly well with existing dis¬ 
tribution transformer voltages, except that on systems 
requiring 120 volts at the lamp socket the voltage at the 
transformer secondary must be between 123 and 124 
volts to allow for the drop between transformer and 
lamp, and hence the excitation voltage impressed on the 
primary must be of the order of 2500 volts. This 
would work the iron rather heavily. 

There was also some question raised as to the suc¬ 
cessful operation of 110-volt motors when the average 
service voltage was such that the average impressed 
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voltage was 120 volts, since this average feature im¬ 
plied that at times the impressed voltage might be two 
or tnree volts above 120 and thus exceed the 10 per cent 
tolerance allowed in the Electric Power Club rule. 
Operating companies stated they had never experienced 
any trouble of this nature, however, and the report 
remained on the basis of 110-volt motors. 

It was recognized that the standardization of service 
voltage would be possible and of value only if it could 
be coordinated with the rest of the system all the way 
back to the generator. Accordingly, the final disposi¬ 
tion of the Subcommittee report was that it was recom¬ 
mended in 1923 to be brought to the joint attention of 
the A. L E. E., Electric Power Club, and N. E. L. A., 
with the idea that these agencies might cooperate in the 
future toward the voltage standardization of the electri¬ 
cal system from generator to utilization device. 

Such a sweeping standardization of the complete 
system was evidently needed, since it was stated in the 
N. E. L. A. Electrical Apparatus Committee Report 
for 1924 that a recent investigation showed that less 
than 50 per cent of the transformers 200 kv-a. 
and above, being bought by the operating companies, 
conformed to the transformer voltage standards adopted 
jointly by the N. E. L. A. and Electric Power Club as 
formulated in 1919 and amended in 1922. This in¬ 
vestigation was prompted by several operating com¬ 
panies that communicated to the N. E. L. A. their 
feeling that systems should be so arranged and appara¬ 
tus so rated that a higher voltage should be obtainable 
at transformer secondaries than was now possible. The 
results of the investigation indicated that the standards 
as adopted were not ideally suited to operating con¬ 
ditions, since the operating companies were finding it 
to their advantage to purchase transformers which 
varied from the recommended standards. 

The causes which produced these conditions became 
the object of an investigation by the Transformer 
Subcommittee of the N. E. L. A. Electrical Apparatus 
Committee in 1925. By means of a questionnaire to 
representative operating companies they inquired into 
the actual operating voltage at each point in a complete 
system, in an effort to find out what apparatus ratings 
would be best suited to operating conditions, to what 
degree existing apparatus standards would suffice, 
and what changes would be necessary in order that 
operating companies would find it to their advantage to 
buy apparatus conforming to a new set of standards 
rather than to buy special apparatus. The question¬ 
naire inquired specifically into the voltage ratings 
of all generators and transformers on the system, the 
tap voltage rating used on the transformers, the actual 
operating voltage at the generators and on the primary 
and secondaries of all transformer banks and at the 
service switch, for conditions of light and maximum 
load and on the longest feeder and the shortest feeder, and 
the range of feeder induction voltage regulators, if used. 

Replies were received from 22 power companies, 


representing the two cases: (a) systems where the 
feeders were fed directly off the generator bus at genera¬ 
tor voltage and the stepping down to service voltage 
accomplished through two or more transformations, and 
(b) systems where transmission at high voltage inter¬ 
venes between the generator bus and the distribution 
system. While there were several discrepancies in the 
figures submitted, it was felt nevertheless that in the main 
they were reliable and representative of general practise. 

The salient points which the questionnaire developed 
were as follows: 

1. Eleven of the twenty-two companies had trans¬ 
formers on their system over-excited by more than 
five per cent above the connected tap rating. In 
five cases this over-induction was 10 per cent or more 
above the connected tap rating. 

2. Three companies reported their generators to be 
operating at more than five per cent above their normal 
rating, the maximum being nine per cent above normal. 
Thirteen of the remaining companies operate their 
generators above normal but not more than five per 
cent above the normal voltage rating. 

3. Whereas feeder induction voltage regulators 
were required to operate at greater buck than boost 
in five cases in order to maintain satisfactory service 
voltage, and to operate at equal buck and boost in 
seven cases, there were twelve cases where they were 
required to operate at greater boost than buck. 

The evidence was plain that the existing voltage 
standards did not allow the maintaining of voltage at 
the point of utilization under load conditions unless 
the voltage at the various generation and transforma¬ 
tion points was maintained above normal. The ex¬ 
planation of this was that whereas the existing trans¬ 
former voltage standards provide for the regulation 
in the transformer itself by means of taps in the primary, 
insufficient provision is made for compensating for the 
line drop in the transmission line and feeders, for, 
according to the standards, the rated secondary voltage 
of each transformer is equal to the rated primary volt¬ 
age of the transformer at the receiving end of the line 
which the former supplies. Since induction regulators 
are generally used at only one point in the network, 
it is often impossible to keep the voltage at all trans¬ 
formation points within the desired limits. 

In order to remedy this situation, the Transformer 
Subcommittee suggested to the Electrical Apparatus 
Committee as a basis for criticism and discussion, 
a system of standards where the rated secondary 
voltage of each sending-end transformer would -be 
five per cent higher than the rated primary voltage 
of the corresponding receiving-end transformer, in 
order to allow partially, at least, for the drop in the 
line. The proposed standards included voltage ratings 
for generators, synchronous condensers, 'induction 
motors, and switching, control, and protective appara¬ 
tus, in addition to transformer ratings, since the idea of 
coordinating all of the apparatus on the system 
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had been kept well in view from the beginning. 

The Transformer Subcommittee had now reached the 
point at which the Subcommittee on Standardization 
ot Service Voltage had arrived in 1923, namely, at the 
limit of its scope; and it was in order to refer the ques¬ 
tion to bodies in a position to come to authoritative 
agreements on the whole voltage question. Ac¬ 
cordingly, action was commenced for making a very 
complete presentation of the entire problem to the 
industry as a whole, in order that concerted and general 
action might result after all interested parties had been 
thoroughly informed and afforded ample opportunity 
for presenting their views. The broadest vehicle 
for this presentation was considered to be a group of 
papers submitted before a convention of the American 
Institute of Electrical Engineers, these papers to be 
prepared by representatives of the operating companies, 
holding companies, consulting engineers, European 
engineers, and the manufacturers. From the discus¬ 
sion following these papers it was hoped that conclusive 
results would be obtained. 

This paper is based on a memorandum which resulted 
from the cooperative action of the manufacturers. This 
memorandum will be quoted in full except for some 
introductory matter which has already been covered in 
the preceding paragraphs. 

Before the presentation and discussion of the mem¬ 
orandum is taken up, however, some attention should 
be paid to the relation existing between American 
practise and the standards recommended at the 1926 
meeting of the International Electrotechnical Com¬ 
mission, which took place in New York during April. 
These recommendations are summarized as follows: 

I. Definition of “nominal high voltage”: The nom¬ 
inal high voltage shall be the mean voltage at the 
consumers' terminals and shall be called nominal 
I. E. C. voltage of the network of that voltage range. 

II. The maximum voltages at the generators and 
secondary terminals of transformers shall be considered 
as to be about 10 per cent higher than the mean voltages 
at the consumers' terminals. The values of the 
recommended nominal I. E. C. voltages and maximum 
voltages are included in the following table, the pre¬ 
ferred voltages being in heavy type. 

Nominal I.E.C. Voltages 
Mean Value at 

Consumers’ Terminals Jvlaximum Voltages 

' iooo * iioo 

3000 3300 

6000 6600 

10000 11000 

15000 16500 

20000 22000 

30000 3 3000 

45000 50000 

60000 66000 

80000 S 8000 

100000 110000 

150000 165000 

200000 220000 

300000 330000 
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It will be noted that these recommendations do not 
line up with present American practise, either as to the 
point at which the rated voltage of the circuit is 
measured, or as to the actual values of the voltage 
rating. The interested organizations and persons in 
America were at that time engaged in the consideration 
of a thorough revision of the whole subject of the voltage 
standardization of transmission and distribution circuits 
and of machinery and apparatus for those circuits. 
At the April meeting of the I. E. C. these studies had 
not arrived, however, at the stage where the American 
Committee had a definite program to offer. Neither 
did the American Committee feel justified in opposing 
progress on the part of other nations. It was believed 
that this situation was appreciated by the representa¬ 
tives of other nations and that the American Committee 
would on some later occasion be presenting before the 
I. E. C. the recommendations at which it would be 
arriving as the results of these studies. 

Proposed System of Voltage Standards 
The electrical manufacturers are interested in 
voltage standardization of apparatus to a perhaps even 
greater degree than the operators. While the latter 
are interested in the low prices, rapid shipments, and 
effective replacement and repair service made possible 
by standardization, nevertheless it is but natural they 
should be primarily interested in apparatus which will 
most perfectly meet their own particular requirements. 
Thus there is an inherent tendency for individual 
operating companies to set up standards of their own 
which might or might not agree with the practise of 
other operating companies. 

The manufacturers, on the other hand, are desirous 
of a set of standards which will be universal for all 
customers, in order that their entire output might 
consist of standard lines of apparatus. The number 
.of types could then be cut to a minimum, develop¬ 
ment costs reduced, and if proper standards were set up 
it would be possible to select standard equipment with 
the assurance that it could be incorporated into a 
system and form an operative whole. 

With these interests in mind, the manufacturing 
companies which the authors represent have been at 
some pains to formulate a new set of voltage standards 
which are believed to be workable and possible of 
universal application. These will now be discussed in 
detail. The proposed standards were drawn up to 
m eet the following five conditions: 

(a) The new standards must provide apparatus 
capable of meeting most of the sendee requirements of a 
well designed and operated system. 

(b) The voltages selected must closely resemble 
those now in use to permit a reasonable degree of 
interchangeability of new- and old apparatus. 

(c) The changes involved must not necessitate too 
great an expense in the development of new apparatus. 

(d) Admittedly, universality of use is an_essential 
end to be sought in all standardization.J|IJsually 
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its complete attainment involves an excessive ex¬ 
penditure, and so is not economically desirable. It 
should be sought in so far as it can be obtained without 
burdening the cost of standard apparatus to obtain 
characteristics which will be used rarely. 

(e) The new standards must provide apparatus that 
will meet, in spirit as well as in letter, all requirements as 
set forth in the standards of the American Institute of 
Electrical Engineers. The apparatus should not only 
be capable of meeting the test requirements of the 
A. I. E. E. Standards, but should readily lend itself to 
operation within the limits as defined by them. The 
design of electrical systems contemplating the use of 
apparatus under conditions more severe than sanc¬ 
tioned by the A. I. E. E. Standards should be 
discouraged. 

The first four of the foregoing principles are self- 
explanatory but the last will permit of further elabora¬ 
tion. We have to deal here primarily with the test 
voltage to which apparatus is subjected and its relation 
to the normal operating voltage' of the. apparatus. 
In general, the A. I. E. E. Standards specify a potential 
test of twice the rated voltage of the apparatus plus 
1000 volts in the case of rotating apparatus and trans¬ 
formers (excepting current transformers) and 2 % times 
rated voltage plus 2000 volts in the case of switching 
equipment, bus supports and current transformers. 
Except where specific mention is made to the contrary 
apparatus is designed to be operated at substantially its 
rated voltage, certainly not materially above it. The 
ratio of test to rated voltage has been selected to 
introduce a reasonable factor of safety, presumably as 
the result of theoretical consideration and operating 
experience. To operate normally above rated voltage 
is to decrease the recommended factor of safety, and 
to decrease the factor of safety is to introduce a hazard 
to life and property not sanctioned by the A. I. E. E. 
Standards. Or, to put it another way, those who 
operate apparatus above its rated voltage, operate it 
with a factor of safety less than the engineers respon¬ 
sible for the A. I. E. E. Standards deem advisable. 
Can any other conclusion be drawn? It can probably 
be said, without fear of contradiction, that the practise 
of encroaching on the universally accepted factors of 
sa ety ls T ^° re P rev alent in the electrical arts than in 
others. Who would contemplate normally operating 
a steam boiler above its rated pressure? Simply to ask 
e question is to answer it. The present system of 
voltage standards has in no small degree contributed to 
the present undesirable practise. In the case of an 
average system composed of generators, transformers 
and motors, rated in accordance with the present 
voltage standards, either the generators and trans¬ 
formers must be operated above their rated voltages or 
a sub-normal voltage will prevail at the motor when 
the system is loaded. 

In addition to encroaching on the factor of safety 
re a mg to test voltage, the operation of generators and i 


■ transformers for considerable periods of time at pre 
; sures exceeding their rated voltage may result in ove 
; heating and tends towards reduced life and low* 
reliability. Such operation may also distort ti 
voltage wave and lead to interference with commitnict 
tion circuits. The operation of oil circuit breakers £ 
pressures materially exceeding their rated voltage ma 
involve marked reduction in their interrupting capacity 

As individual pieces of apparatus are interconnects 
electrically to form any operative system, it is metin' 
bent upon the designers to determine the maximal 
voltage at which the system will be normally operate 
and to be certain that this will not materially exceed th 
accepted factors of safety for the individual pieces c: 
apparatus of which it is composed. At present th 
most important rule—if not the only rule in th 
A. I. E. E. Standards defining “Rated Circuit Voltage 1 
appears in the Transformer Section (13-110), It ha 
been suggested in the Standards Committee to issue : 
new general rule, resembling the present one, read in] 
substantially as follows: 

Rated Circuit Voltage: Eor the purpose of fixing i 
value to be used in designing and testing elect,rica 
apparatus, the rated voltage.of a circuit (or system) ii 
defined as the highest rated voltage of the apparatus 
supplying it. By “circuit voltage“ is meant I hi 
voltage from line to line as distinguished from line t< 
neutral. This voltage rating applies to all part s of t ht 
circuit. The actual operating voltage of the circuit 
may vary from the rated circuit but should not exceed it 

Such a rule as this and those pertaining to th< 
individual pieces of apparatus would definitely set thi 
rated voltages of apparatus, their test voltages ami 
maximum operating voltage if they are to be operated 
as parts of a common system. 

The present voltage standards, excepting apparat us 
rated 2300 volts and below, call for apparatus whose 
voltage ratings are expressed in even multiples of 11; 
for example, 6600-volt, 13,200-volt, 44,000-volt, etc. 
These voltages apply to motors, transformers (both 
their primary and secondary windings) and generators, 
wi the exception that in some cases transformers are 
given a double rating. The second transformer rating 
simply permits their use at approximately five per cent 
over-voltage without any change in their voltage ratio. 
The transformer ratios referred to, of course, are no 
load or turn ratios. It is usual practise to equip step- 
own transformers, whose voltage rating exceeds 2300 
vo is, with lour 2K per cent primary taps below rated 

, A ™ ple sy^em, employing the present 
voltage standards, is shown in Fig. 1. 

volteiMrafS^^ 817 re * )resen tatlve system, the 
IwdnJn 'T g / generators ' motors, step-up and 

exrent- ^ shown as multiples of 11, 

the 9 qoo g vnif t ^ e .f ub , statlon transformers supplying 

and Hnes are rated 2300 volt *> 

nd the distribution transformers are given the usual 

tnple rating of 2400-2300-2200 volts'. 
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The voltage drops assumed are as follows: 


182-kv. line. 

(jG-kv. line. 

13.2-kv. line. 

2300-volt line. 

280-115 mains. 

and services... 
Power transformers 


10 per cent approx. 

7 3 2 per cent approx. 

5 per cent approx. 

5 per cent approx. 

3 per cent to lamps 

6 per cent to motors 
5 per cent 


Distribution transformers.. 2 percent 
This diagram shows that with the generator operated 
at rated voltage this voltage at the 115-volt lamps 
would be only 102 volts at full load on the system, and 
the voltage at: motors 10 per cent low, even if each 
transformer is operated on its lowest high-tension tap 
and a regulate>r boosting 10 per cent is allowed for. The 


generators, will be equipped with the equivalent of two 
234 per cent taps in the primary windings below rated 
voltage to provide additional range for compensating 
for the voltage regulation of the transformers and to 
avoid over-excitation of generators. A cursory study 
of the simple principles of voltage standardization as 
illustrated in Fig. 2 will show that the deficiencies of the 
present standards have been eliminated. Here, the 
windings from which power flows have voltage ratings 
approximately five per cent greater than those at which 
power is received. It is believed that ample provision 
has been made in the voltage ratings of apparatus, ratios 
of transformation, and transformer taps to meet most 
normal conditions of system design and operation. It 
will be noted that in Fig. 2, while the generators are 



alternative at present is to over-excite the generating 
end of {.he system. It is this that is now so commonly 
done. If we assume motor and lamp voltages as fixed, 
it would seem obvious that the principal faults with 
the present system are that transformer ratios (ratios 
of primary to secondary) are too high and generator 
potentials too low. 

The new system of standard voltages here proposed 
contemplates a change in the principle of the present 
system. An example of the new system is shown in 
Fig. 2. Here, as in the present system,. step-down 
transformers (in fact all used at the receiving ends of 
lines) will be equipped with the equivalent of four 234 
per cent taps in the primary windings, below rated 
voltage. Step-up transformers, for location adjacent to 


operated at rated voltage, and rated voltage is supplied 
to lamps and motors, there are still remaining taps in 
reserve in the transformer banks, and only half the 
boost in the regulator is used. So much for the prin¬ 
ciple involved in the proposed system—now let us 
consider the actual voltage values it is proposed to as¬ 
sign to the several voltage classes. These are shown in 
the accompanying tabulation. They are admittedly a 
compromise with the present standards. The motor 
voltages now in use have been retained. In the 
lower voltage range generator voltages will not be 
changed; in the upper they will be increased approxi¬ 
mately five per cent. Step-down transformers having 
primaries rated 2300 volts, in which class fall the 
millions of kv-a. capacity now in use for lighting service, 
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will not be changed. It is proposed to change the ratios 
of all others so that they will readily conform to the new 
system. Even here it has been possible to retain ratios 
(when using tap connections) that will permit parallel¬ 
ing new with old units to a limited extent. 

By the definitions previously quoted, the rated 
system voltage becomes the rated voltage of the gen¬ 
erators or secondaries of the transformers supplying the 
system. It will be noted in the accompanying tabula¬ 
tion that above 4150 volts recommended system volt¬ 
ages are approximately multiples of 11.5 up to and 
including 69,000 volts; above they are multiples of 11.0. 
This is a compromise based on a study of existing 
systems and the cost involved in changing manufactur¬ 
ers’ present standard designs. There are so many 
step-down transformers in the 66,000-volt class and 


the high voltages as on the low. 
of the higher values would prol 
redesign of most of the present; 
particularly that of oil circuit fc>] 
of which, along with the specie 
their manufacture, would be an ex] 
industry. 

The previously cited proposed 
Circuit Voltage” provides that t] 
should not exceed the rated cirei 
an extremely difficult, if not imp 
meet in normal operating prac 
condition, the generating end of 
normally operated below the rate 
provision is to be made to have a i 
range to overcome abnormal vol 



below whose primaries are multiples of 11.0 that it 
was thought inadvisable to change their voltage 
ratings, and it was necessary therefore to increase the 
system voltage ratings and step-up transformer secon¬ 
dary voltages for these classes to multiples of 11.5. 
The manufacturei s present standard switching equip¬ 
ment (up to and including 73,000 volts) has ample 
margin in their voltage ratings to permit the proposed 
increase in system voltage ratings without necessitating 
changes in their design. Above 69,000 volts, the prac¬ 
tise now in general use of standard system voltages that 
are multiples of 11.0 seems to be satisfactory. While 
there are theoretical reasons to indicate that a single 
standard based on voltages which are multiples of 
11.5 should be established above 69,000 volts, general 
practise still indicates that this is not as necessary on 


the sources of generation and utili: 
gency conditions, such as the loss < 
parallel group of transmission lines 
Standards recognize a not dissimil. 
case of motors and transformers (s< 
.7-700, 13-500). In the case of mo' 
specify that they should operate si 
load at any voltage not more than 1 
below rated voltage; in that of tran 
should operate successfully at rated 
on full winding at five per cent ab 
This might be interpreted as a reec 
that under usual conditions it is not 
to operate apparatus at rated volta^ 
that this recognition be extended 
apparatus. To make the range 20 
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case of motors, will be costiy and probably unnecessary. 

It is here suggested that a 10-per cent range be 
recognized in the case of generators, synchronous con¬ 
densers, transformers, and apparatus (excluding motors) 
employed in generating, transmission and distribution 
systems with the exception of maximum rated appara¬ 
tus (including under column titled “Apparatus”). 
It is recommended that these classes of apparatus, 
which are normally rated, be designed to operate 
successfully (but not necessarily within the guaranteed 
limits set for operation at rating) at rated load at any 
voltage not more than five per cent above or below 
rated voltage. Of course, apparatus will be operative 
below 1)5 per cent of rated voltage, but at reduced 
capacity. Such a change in the A. I. E. E. Standards 
will necessitate the manufacture of apparatus capable of 
operating at rated kv-a. output throughout the voltage 
range from 1)5 to 105 per cent of rated voltage. It is 
expected that the live per cent range above rated volt¬ 
age will bo reserved to meet emergency conditions. 
In other words, systems will be designed to operate 
normally at a voltage not to exceed their rated voltage. 
High potential tests will be based, as at present, on the 
rated voltage of apparatus, or, more accurately, on the 
“rated circuit voltage” of the system of which the 
apparatus forms a part. Maximum rated apparatus 


as given in the attached tabulation, i . £., circuit 
breakers, disconnecting switches, etc., already contains 
the necessary tolerances in their maximum ratings 
and should not be used above such ratings. 

It is expected that the rated voltages proposed here 
for step-up and step-down transformers, the essential 
feature of the plan, will make it possible to standardize 
apparatus so that it will meet most existing operating 
conditions without the necessity, which now prevails, 
of exceeding the established rating limits of the 
apparatus. Operators, under most conditions, will 
find it possible, when employing the proposed standard 
apparatus, to deliver rated voltage to apparatus at all 
points of their systems without exceeding the rated 
voltages of their systems. 

The accompanying tabulation, with the loot-notes 
included with it, presents a brief summary of the pro¬ 
posed new system of voltage standards. A few further 
explanatory remarks might prove helpful in understand¬ 
ing it. The first column presents a list of the proposed 
“Rated Circuit Voltages.” These set the maximum 
normal operating voltages of systems. It is proposed 
to permit operation at five per cent above these values 
but, as just mentioned, it is suggested that this margin 
be reserved for emergency operation. The second and 
third columns hardly need further explanation. In 


PROPOSED VOLTAGE RATINGS FOR SYSTEMS. GENERATORS, SWITCHING, CONTROL AND 

' transformers, eto. 


PROTECTIVE APPARATUS. 


Systems 


u.too 

4,150 
(5,900 
11,500 (K) 
13,KUO 

20.000 

34.0(10 

.1(5,000 
(iU.000 
KM,0(10 
1 10,000 
132.000 
lrt-UlOO 

2 110,000 


(ienerntors 
and syn. 
condensers 
VHCO "A") 

120 
210 
4 HO 
(500 
2,400 
4,150 
(5,1)00 
1 1,500 
1(1, MOO 


Induction 

motors 

(SCO "B") 

110 

220 

440 

550 

2,200 

.'1,800 

(5,000 

11,000 

13,200 


Apparatus 
(son "O" 
and "I)") 


7,500 

15,000 

25,000 

37,000 

50,000 

73,000 

88,000 

110,000 

132,000 

154,000 

220,000 


Stop-up transformers 


Primary 
(soo “US”) 


},300/3,080 Y 

0.000 
11,000 
13,200 
22,000 
33,000 
44,000 
00,000 
84,000 
105,000 
120,000 
147,000 


Secondary 
(hoc "E") 


2,400/4,150 Y 

0,900 

11.500 
13,800 
23,000 

34.500 
40,000 
09,000 
88,000 

110,000 

132,000 

154,000 

220.000 


Stop-down transformers 


Primary 
(soo “K”) 


2,300/3,080 Y 

0,000 

11,000 

13,200 

22,000 

33,000 

44,000 

0(5,000 

81,000 

105,000 

12(5,000 

147,000 

210,000 


Secondary 
(see “E") 

11.5 

230 

400 

575 

2,400/4,150 Y 

0,900 

11.500 
18,800 
23,000 

34.500 
40,000 
(59,000 
88,000 

110,000 

132,000 

154,000 


MEN (ORAL NOTE 

Guarantees of etlieieiiey, limit Imp overload, etc., and over-voltage tests 
of all apparatus should lx? based on the rated voltage of the apparatus 
with the exception of stop down transformers, the over-voltage tests on 
which should he based on rated secondary voltage; and a primary voltage 
live percent greater than rated voltage. 

SPECIFIC NOTES 

••A" -.(tenoralor,s and synchronous condensers should bo designed to 
deliver rated kv-a. output at rated power factor and frequency throughout 
a range of live per cent below to live per cent above rated voltage. 

"B"..Induction motors should bo designed to deliver rated i. p. 

throughout a range of 19 per cent below to 10 per cent above rated voltage 

at rated frequency. ... , , , 

"C" - Apparatus, as here used, Includes oil circuit breakers, disconnect¬ 
ing switches, current transformers, Insulators, bushings, and fuses. 1 ho 
voltage ratings of potential transformers should bo the same as the recom¬ 
mended system voltage ratings; their secondaries should he rated approxi¬ 
mately 115 volts to permit the employment of the now existing evon 
ratios of transformation. Above 73,000 volts, apparatus should ho de¬ 


signed to operate successfully at live per cent above rated voltage (lining 
emergencies. Up to and Including 73,000 volts, apparatus Is maximum 
rated For maximum rated apparatus the operating voltage or the system 
on which it is used should not exceed the rated voltage of the apparatus 
oven during emergency operation. 

••ly—Lightning arrest,or voltage standardization recommendations 
have been omitted pending further study. 

Transformers should tie designed to operate during emergencies 
at ilve per cent above rated voltage, the over-voltage being obtained by 
ovor-oxeltatiou and not through the use of taps. They should be equipped 
witii taps as follows; 

(a) Step-up transformers should be equipped with the equivalent 
of two 2D per cent full capacity taps in the primary windings to 
provide additional range for compensating for the voltage regulation 
of the transformers and to avoid ovor-oxoltatlon of generators. 

(b) Htep-down transformers should be equipped with the equiva¬ 
lent of four 2D per cent full capacity taps In the primary windings to 
provide additional range for compensating for line voltage drop. 

"P"—When possible, 11,500-volt systems should be discouraged In 
favor of 13,800-volt ones. 
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the fourth column the heading “Apparatus” is employed 
in a restricted sense, in the absence of a better term, 
to include oil circuit breakers, disconnecting switches, 
current transformers, insulators, bushings, and fuses. 
Years ago manufacturers standardized “apparatus” 
voltages up to and including 73,000 volts on the basis 
of maximum ratings, which is to say, without a five 
per cent over-voltage margin. The values were chosen 
after a study of the operating voltages of the then 
existing systems. The investigation revealed a con¬ 
spicuous absence of voltage standardization in the 
range considered and maximum voltage values therefore 
were chosen somewhat above the more common voltages 
in use to include the numerous groups operating above 
the average voltages. The voltages of systems operat- 


drop between the generators and transformers is nil 
The seventh and eighth columns refer to transformer! 
used at the receiving ends of lines. Most of these wil 
be step-down units. There are a few instances when 
step-up transformers must be installed at the ends o: 
transmission lines. The voltages and taps of thes< 
should be selected from the seventh and eighth columns 
Of course, the transformer voltages given in the tabu¬ 
lation are no load or turn-ratio voltages. 

Economic Advantages of Voltage Standardization 
The proportion of standard and special apparatus 
now in use is indicated by Fig. 3, which shows the 
kv-a. of transformers produced by two manufac¬ 
turers up to May 30,1926, arranged according to high- 



ing above 73,000 volts were fairly well standardized 
as multiples of 11.0, and so for these groups manu¬ 
facturers standardized apparatus voltages as mul¬ 
tiples of 11.0, but included a five per cent over¬ 
voltage operating margin for emergency operation. 
Higher values and greater over-voltage margins were 
considered but rejected because there seemed to be 
no logical reason or necessity to justify burdening users 
with the greater expense of higher voltage apparatus 
particularly as all high-voltage apparatus is inherently 
expensive. Such is the explanation of why apparatus 
up to 73,000 volts is maximum rated and above nominal 
rated. The fifth and sixth columns, headed “step-up 
transformers,” include the voltage ratings of trans¬ 
formers used at generating stations, where the potential 


VOl i ag ^ n atmg ’ for tran sformers 250 kv-a. and over 
and , 44 ' 000 . volts and above - The total kv-a. at 
standard voltages, namely, 44, 66, 88,110,132,154 and 

49 percent 51 ^ ^ ^ th ® kV “ a ' at special volta ^s 

Since the chart does not take into account trans¬ 
formers which have special low voltage ratings, it 
—f at ! east half th( ; informers are special as 

SP6C1 Ere ° f StiH greater per ~ 
centage if other features are counted. 

The situation is not quite so bad in most other lines 

be ewecteTto h* ^ motors which mi « ht 

w T . V as oom P leteI y standardized as any 

relatively tf 8 ® ?'S* and and the number and the 
elatively small size of the units, are found to include 
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20 per cent special units. It is of interest to note 
in this connection that a study made by one manufac¬ 
turer shows that these 20 per cent require 60 per cent 
of the total shop supervision, whereas the 80 per cent 
standard units require only 40 per cent of the super¬ 
vision. Switchboards, on the other hand, are practi¬ 
cally 100 per cent special when considered as a complete 
unit, although of course the equipment mounted on 
them is mostly standard. This is to be expected since 
hardly any two generating stations or substations 
arc sudiciently alike to require the same switchboard. 

Truck type' switchboards are a notable exception 
to this, however, since the individual cells and trucks 
lend themselves very readily to standardization. 
Unfortunately, there is a tendency here for various 
operating companies to standardize on a design worked 
up by themselves, rattier than to standardize on the 
manufacturers’ designs, so that so far as the manu¬ 
facturer is concerned, each order is special. An 


2. The increased sale of standards to take the 
place of the specials would have caused a further reduc¬ 
tion in their price in accordance with the law of quantity 
production. 

Estimates by various methods indicate that the 
effect of the use of special apparatus has been to 
increase the total investment in electrical apparatus by 
from 100 to 200 millions or from five to ten per cent of 
the total. 

The proposed standardization of system voltages and 
apparatus voltages fitting in with the already standard 
utilization voltages should have a marked effect in the 
reduction of these extra investments in the future. 
This standardization should also make available con¬ 
siderable economies in the industry through facilitating 
interconnection and reducing the extra investments 
required for interconnection. 

Conclusions 


example of what- this means in price is found in a recent 
case where a large order of trucks and cells built accord¬ 
ing to the purchaser's designs cost eight per cent more 
than if they had been built according to the manufac¬ 
turer’s standard designs for exactly the same duty. 

It is or great interest to consider some figures which 
have been worked up on the development costs for some 
selected types of apparatus, on the assumption that 
each unit is completely special in every particular. 
These figures are presented because their magnitude is 
truly surprising and indicates in somewhat startling 
fashion the seriousness of this problem of the production 
of special apparatus in modern manufacturing establish¬ 
ments. By development cost; is meant the cost of 
patterns, dies, special tools, supervision, engineeiing, 
and drafting. For various classes of electrical equip¬ 
ment such as large power apparatus, truck type switch¬ 
boards, industrial apparatus, etc., these costs vary from 
150 per cent; to 900 per cent in excess of the first unit 
cost of a similar standardized line of apparatus. 

In order to visualize the amounts which special 
apparatus has cost the electrical industry, data ^ have 
been compiled from statistics in the United States 
Census and oilier sources that show the investments up 
to date in various classes of electrical apparatus used in 
the generation, transmission, distribution, and utiliza¬ 
tion of electricity. 

From these it is estimated that there is roughly two 
billion dollars worth of electrical apparatus now in 
operation in the United States, of which somewhere 
between 20 per rent and 50 per cent is special, de¬ 
pending on the particular type, with the exception of 
lamps winch are only about eight per cent special. If all 
the specials had been eliminated, the industry would 
have experienced, from t.wo causes, a worth while 
reduction in this two billion dollars, the effects of which 
are roughly evaluable: 

1. Standard apparatus would not have had to bear 
part of the development cost of the specials, 


1. The present system of voltage standards is not 
suited to operating conditions since insufficient allow¬ 
ance is made for voltage drop in lines and transformers. 

2. The extensive use of special apparatus for main¬ 
taining proper voltage at the load, supports this 
contention. 

3. The use of special apparatus is undesirable since 
it raises costs, delays deliveries, reduces interchange- 
ability of apparatus from point to point of a system or 
connected systems, impedes the policy of system inter¬ 
connection recommended by the National Electrical 
Light Association, and reduces the efficiency of renewal 
and repair part service. 

4. A new system of voltage standards is proposed 
whereby all apparatus on the system will be rated to 
conform to the following transformer ratings: Up to and 
including 69,000 volts, the primaries of transformers 
will be rated on the basis of multiples of 11 (except the 
2300-volt class), and the secondaries on the basis of 
multiples of 11.5; above that voltage the primaries will 
be rated on the basis of multiples of 10.5, and the 
secondaries on the basis of 11. This will allow for 
approximately five per cent greater voltage drop in 
lines and transformers than is now possible without 
reducing the voltage at the load. All othci appm at-us 
on the system will be rated in accordance with those 
voltages. 

5. It is expected that the adoption of these proposed 
standards would eliminate the use of apparatus which is 
special with respect to voltage, and would therefore 
help remedy a situation which has cost the public from 
$100,000,000 to $200,000,000. 

6. It is believed that the plan set foKh here will 
fulfill the live conditions set forth in earlier paragraphs 
and furnish an escape from the present embarrassing 
dilemma, and it is hoped that those interested in this 
question of a-c. voltage standards wifi accept and con¬ 
sider this proposal in the spirit in which it is offered, 














172 


ARGERSINGER: VOLTAGE STANDARDIZATION 


Transactions A. I. E. I 


namely, simply as a basis of discussion, as a seriously employed with a reasonable degree of success in nei 
and comprehensively thought out plan of voltage systems and throughout an appreciable part of existin 
standards for all apparatus employed in transmission ones. 

systems. It will fully serve its purpose should it lead Discussion 

ultimately to a rational set of standards which can be For discussion of this paper see page 205. 


Voltage Standardization 

From a Consulting Engineer’s Point of View 

BY R. E. ARGERSINGER- 

Member, A. I. E. E. 


Synopsis. The author points out certain reasons why speci¬ 
fications for -purchased equipment have not followed the manufac¬ 
turers existing standards and recommends certain changes in 
standards tor system and apparatus voltages. The importance 
ot hating transformers interchangeable as step-up and step-down 
units is pointed out and, by means of five per cent taps above and 
belou rated voltages in both landings, it is proposed to obtain 


sufficient flexibility for such interchangeable use. The pape\ 
gives a comparison between transformers designed as suggeslei 
above and transformers designed according to the manufacturers 
recommendations, and the suitability of the suggested tap range it 
pointed out. 

A recommendation is also made that the number of ratings of oil 
circuit breakers should be reduced. 


V OLTAGE standardization is of value to the 
consumer principally in two ways; first, that 
equipment may be used under a variety of operat¬ 
ing conditions, and second, that it may be obtained 
more quickly and at less cost. 

If the first result can be secured, the electrical manu¬ 
facturer's production problems should be so simplified 
that the second would follow readily. It should be 
remembered that in discussing the possibility of securing 
apparatus, such as transformers, at lower prices by 
standardization, comparisons should be based on the 
cost of equipment actually purchased at present rather 
than on the cost of the present standard transformers 
since it appears that less than half the transformers 
purchased are standard. 

The present standards have not been closely followed 
because, first, the operating companies in general 
ave given too little consideration to simplifying 
their requirements, and second, in designingfor stand¬ 
ardization the manufacturers have placed too much 
emphasis on cost reduction and have paid too little 
attention to flexibility of use. 

fr^MI^r? iS 1 0n Kne data published in the Elec¬ 
trical U orld for January 3, 1925, list eighteen different 

circuit voltages between 44,000 and 220,000 far. other 
variables have been brought into the situation until 
one manufacturer now lists 63 different oil circuit 
breaker ratings between 15,000 and 220,000 vote 
Some of these are subject to two and some to three 
modificatio ns for altitude so that something like one 

1. Chief Electrical Engineer, Stone & Webster Inc 


hundred fifty presumably standard breaker ratings 
are listed for the voltage range indicated, and these do 
not include the H breaker or other low-voltage 
indoor switches. On the other hand, in their laudable 
effort to reduce costs, the manufacturers have stand¬ 
ardized a range of transformer taps that is not suffi¬ 
ciently flexible for general purposes and have limited too 
closely the allowable range of terminal voltages. 

In the N. E. L. A. Bulletin for September, 1926 
a proposed plan is offered as a remedy for existing 
conditions, but it appears to be open to several objec¬ 
tions 2 . First, it is not simple; here are at least two 
and m most cases three, standard equipment voltages 
for each system voltage. Second, it is not flexible. 

andard transformers and breakers should be inter¬ 
changeable through the greatest possible number of 
applications. Transformers should be rated in terms 
of standard system voltages and should be capable of 

clii e d^ et Tn ee fF any two . systems whose voltages are in- 

from hf u amep if 6 ratmg ° f the trans f°rmer, 

from which it follows that they should be interchange¬ 
able as step-up or step-down units. Third it does 
not appear to offer sufficient simplification n manu¬ 
facturing processes to yield enough benefit to the pur- 

In L euT 86 h T t0 5Pedfy standard equipment, 
same time tTIZ ““‘i these ob i ections and at the 
practis^ the “ C l 0S6ly as possible t0 Present 
TW fT 1 * Scheme is suggested: 

Table! dard VoItages shou M be as given in 

2. See also Voltage Standardization of 4 n a , . 

Viewpoint of the Electrical Manufactured bv <3 F Zff"" a 
H. R. Summerhayes A T TP ‘P w* ± 1 Hanker and 

1927. ' E ' Wmt6r Convention, February 
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Second. All apparatus except motors should be 
rated at a standard system voltage. 

All motors for use on systems of 600 volts and less 
should be rated at approximately 8)4 per cent less 
than system voltage. All motors for use on systems 


tap above and one full capacity 5 per cent voltage 
tap below rated voltage. Small power and distribution 
transformers should be rated in accordance with existing 
standards. 
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voltage. 

Third. Each winding of all large power transformers 
should have one full capacity 5 per cent voltage 


Fourth. All generators, synchronous condensers, 
synchronous converters, arc rectifiers, small power and 
distribution transformers should operate at rated 
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load without exceeding rated temperature rise through 
a range of from 95 to 105 per cent rated voltage. 

All large power transformers should operate at rated 
load without exceeding rated temperature rise when 
excited at 7 14 per cent above the rated voltage for the 
winding terminal to which the circuit is connected. 

All motors should operate at rated load without 
exceeding rated temperature rise through a range of 
from 90 to 110 per cent rated voltage. All circuit 
breakers, disconnecting switches, fuses and instrument 
transformers should operate at rated current without 
exceeding rated temperature rise when used at iy 2 
per cent above rated voltage. 

Fifth. Proposed definition of rated circuit voltage. 
Rated voltage of a circuit or system is the highest 
rated voltage of the apparatus supplying it and should 
be stated in terms of line-to-line voltage. In order to 
conform to A. I. E. E. Standards, the dielectric tests 
of all apparatus connected to a system should be based 
on rated circuit voltage. 

Sixth. The A. I. E. E. standard dielectric tests 
for oil circuit breakers, disconnecting and horn gap 
switches and current transformers, should be modified 
so that all such equipment for use on all system voltages 
of more than 600 and less than 110,000 will be tested 
at two and one-half times rated voltage plus 2000 
volts, tests for similar equipment built for 110,000 
volts and above to remain as at present. 

Following the general method outlined in the N. E. 
L. A. Bulletin, a comparison has been made of system 
transformer arrangements based on the use of (a) 
existing standards, (b) those proposed in the Bulletin 
and (c) those proposed herewith and designated 
Scheme A. Conditions which will obtain when 
buying, as well as when selling, power, have been 
analyzed. Results are shown in Table II. 

Considerable stress has been laid on the matter of 
buying power because with the rapid increase in system 
interconnections, it is almost essential to have trans¬ 
formers wound so that they may transfer energy in 
either direction. It is also desirable, in order to keep 
pace with the demands of a growing system, to have 
transformers suitable for transferring from one part 
of the system to another. All large power transformers 
should be designed, therefore, for use either as step-up 
or step-down units. 

Curves have been plotted as shown in Figs. 1, 2, and 3 
to indicate approximately in per cent the variation 
of the actual circuit voltage from the winding voltage at 
various points in the system designated as generator 
(Gen.) first step-up transformer (1st S. U. T.), first 
step-down transformer (1st S. D. T.), distribution 


transformer (Dist. Trans.), device (Dev.), etc. Fig. 
1 gives the variations in per cent between actual 
voltage and winding voltage when using transformers 
built to existing standards; Fig. 2, similar data, using 
transformers as proposed in the Bulletin; and Fig. 3, 
using transformers according to Scheme A. 

Table III shows the maximum variation m per cent 
between actual circuit voltage and rated circuit voltage 
measured at the transformers but omitting distribution 
transformers. 

It is possible with transformers designed according to 
Scheme A that voltages approximately 13 per cent 
above rating (1]4 per cent over-excitation) may be 
impressed on the winding. It appears that there 
are many transformers built to existing standards now 
in operation at equal over-voltages and the record of 
trouble does not seem to indicate the necessity of 
increasing the transformer dielectric test. In rating 
oil circuit breakers at a standard system voltage in¬ 
stead of at a considerable over-voltage, as is the 
present custom with breakers below 110,000 volts, 
encroachment should not be made on the existing 
insulation factor of safety and the proposed change in 
the circuit breaker dielectric test therefore has been 
offered. 

While not strictly a matter of voltage standardization, 
there is an opportunity for a very considerable reduction 
in the number of standard circuit breaker ratings if 
careful standardization is undertaken. By following 
the proposed system voltages and by elimination of 
many current, as well as rupturing capacity ratings, 
the number of standard ratings and list of standard 
breakers could be so shortened that the increase in 
production of breakers having duplicate ratings should 
produce a considerable reduction in manufacturing costs. 

Conclusions 

The data seem to indicate that the so-called Scheme 
A is preferable for the following reasons: 

First. The number of standard voltage ratings is 
reduced. 

Second. The flexibility of apparatus is increased, 
lhe transformers are practically interchangeable as 
s ep-up or step-down units and should be suitable for 
use on any well-designed system of the same rated 
voltage. 

Third. The rated voltages of the transformers are 
close to the corresponding rated system voltages. 

fourth. The actual operating voltages are close to 
the winding voltage. 

Discussion 

For discussion of this paper see page 205. 
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Synopsis- This paper undertakes to analyze the voltage 
practises and n <piin incuts of allvrnatvng current power systems with 
the aim of arriving at collage standards that adequately correct and 
extend present standards. 

Utilization, or receiving terminals, is taken as the point of reference 


and for designation of system, circuit, and equipment voltages. 

For this analysis and development of voltage standards a compre¬ 
hensive chart, slimming operating voltage limits of representative 
systems, is given in' Hate 1. .1 inhalation summarizing the 

pro posed standard voltage ratings is given in l able A I. 


Fundamental Considerations 
N the preparation of this paper the authors 
endeavor to express the results of their experience 
in dealing with the voltage problems of a number of 
alternating current power systems well distributed 
throughout the Uni ted States. These systems, while not 
serving the largest metropolitan areas, do include a wide 
diversity in size and kind which makes them perhaps 
representative of usual requirements. 

It is not the purpose of this paper to demonstrate the 
inadequacy of existing standards of equipment voltage 
ratings, a condition already recognized by manu¬ 
facturers and operators. Nor is it the purpose to 
elaborate on the benefits of standardization of equip¬ 
ment voltages. The resultant economy through reduc¬ 
tion in a multiplicity of types, through efficiency and 
convenience in manufacture, in the handling of spare 
parts, and in flexibility in use, is self-evident. 

The purpose of this paper is to develop and propose 
a schedule of standard voltages believed to meet actual 
operating requirements and practises in alternating- 
current power systems. The authors endeavor to deal 
with the problem without undue adherence to A. I. E. E. 
or other existing standards wherever experience places 
the adequacy of any such standards in question. It is 
believed desirable that in any such standardization, the 
opportunity be taken to correct inadequacies of this 
kind. 

It must be recognized that many systems, particu¬ 
larly among those that are larger and of pioneer origin, 
are non-standard, and probably for a long time will 
continue non-standard, as regards any revised general 
voltage standards that may be worked out. It seems 
impracticable to develop voltage standards with suf¬ 
ficient steps to include all of these systems, ^ Some of 
those will doubtless continue with their individual 
standards, and move toward general standards only 
as the opportunity to benefit arises from time to time in 
the natural course of replacements or reconstruction. 
Voltage standards, when determined, will in practise, 
fall short of universal application. They will m 

1. Kltselrit'ol Engineer, Kleetrie Bond and Share Company. 
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effect be schedules of preferred voltages serving as a 
guide to the maximum practicable uniformity of 
practise. 

The system or class voltages now recognized and 
established by usage in the United States are as given 
in Table I. 

The inadequacies of present standards of equipment 
voltages seem to have come about from lack of sufficient 
appreciation of the relation between voltage levels and 
functions of a modern power system. For example, 
take the case of present standard transformers which 
were developed for distribution service purposes. 
Many users have purchased these distribution ratio 
transformers and applied them at supply substations 

TABLE i 

SYSTEM OU GLASS VOLTAGES 

11 fi 
set) 

400 

575 

2:100/4000 Y 
4.000 

0000/11,4:10 v 
11,000 

7020/10,200 Y 
10,200 
22,000 
00,000 
44,000 
00,000 
88,000 
110,000 
102,000 
154,000 
220,000 

and even for step-up purposes. Experience shows that 
they cannot be used successfully for all three of these 
functions. .Many of the conditions obtaining on 
present systems, of equipment operating at voltages 
seriously in excess of rating, have doubtless come 
about in this way. 

It is reasonable and in accord with operating conditions 
to define the fundamental reference plane for all voltage 
standardization of a given class, or the ‘nominal 
system voltage,” as the mean voltage at utilization 
terminals, that is, at receiving terminals. This is the 
plane where the central station company meets the 
consumer, the “counter” where the product of the 
industry is delivered. The consumer is interested only 
in the voltage at his utilization terminals, not at some 
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point in the complex supply system which he does not 
understand. A power company which purchases its 
energy is interested in the voltage maintained at the 
point where it is received, not at some remote point in 
the system of the transmission company. The present 
habit of designating system voltage in terms of genera¬ 
tion or supply voltage gives an undue appearance of 
non-uniformity of voltages among systems. This is 
because generation voltage is used extensively as a 
means of taking up the voltage “slack” of the system, 
so that efforts to maintain uniform utilization voltage 
may bring substantial differences between voltage 
values at the respective points of generation. The 
point of utilization is thus the point of practical voltage 
reference. It is the logical point to establish as nominal 
or designation voltage. 

In the usual power channel between the point of 
utilization and the source, there are essentially three 
voltage steps or levels, that of the utilization and dis¬ 
tribution zone, that of the high voltage distribution 
zone, and that of the remote source or transmission 
zone. In building up a practical schedule of standard 
voltage ratings for equipment to fit these three zones 
and to give essentially nominal voltage at receiving 
terminals, first consideration should be given to actual 
operating requirements and practises. However, 
standard equipment ratings now in use should be re¬ 
tained as far as may be reasonably practicable, although 
this will require that suitable correction be made in 
some of these standards which now limit effective and 
efficient power supply under existing and modern 
methods. 

Obviously, standardization in voltages of utilization 
equipment such as lamps, appliances and motors, where 
the great bulk of equipment is used, is basic. Voltage 
standardization for distribution equipment is of next 
importance, voltage standardization for transmission 
and high voltage equipment is of least importance. 
The latter applies in that portion of the system where 
inequalities can best and most economically be adjusted 
because units affected are relatively few in number and 
of large size. It is logical then that a study intended to 
review, to revise, and to better coordinate existing 
voltage standards should progress from the utilization 
end of the system. 

Utilization Requirements 

The basic assumption in this paper is a standard 
lamp and appliance rating of 115 volts and a standard 
motor rating of 220 volts. No conclusions are drawn 
as to the suitability of 115 volts as a lamp standard, as 
compared with 110,120 or any other voltage, but rather 
the 115-volt rating is taken as essentially averaging 
present usage and recommendations of the National 
Electric Light Association Lamp Committee. Being 
a fundamental of voltage standardization, this 115- 
volt rating should be confirmed or some other 
thoroughly considered value definitely decided upon. 


If by reason of further study the 115 volt lamp standard 
should be changed, corresponding adjustments must be 
made in those values here given which are built upon 
this basic value. 

In practise small utilization demands are served ex¬ 
tensively from combined three-phase motor and lighting 
secondaries arranged in the 3 wire delta or 4 wire star 
system. The delta circuits probably constitute the 
usual distribution arrangement; however, the more 
recent rapidly extending and advantageous use of 4 
wire secondary networks establishes the star system 
as an important distribution circuit arrangement, 
particularly in areas of heavy load density. Lamps and 
appliances of 115 volts, 220-volt motors and distribution 
step-down service transformers, particularly of the 2300- 
volt class, are in extensive use on both of these systems. 
It is essential that standardization be such that lamps, 
appliances, moto's, and service transformers can be used 
interchangeably on both delta and star systems. 

Table II indicates voltage conditions obtaining when 
present utilization equipment designed for and rated at 

TABLE II 

OPERATING VOLTAGES OF UTILIZATION EQUIPMENT 
Average approximate per cent departures from present nameplate fated 
_voltages 


Lamp socket 
or 

terminal voltage 

Lamps 

rated 

115 v 

Motors 
rated 
110/220 v 

Service 
transformers 
rated 
115/230 v 

110-220 delta 

- 5 

0 

- 3 

110-190 star 

- 5 

- 15 

- 3 

115-230 delta 

0 

+ 5 

+ 2 

115-199 star 

0 

- 10 

+ 2 

120-240 delta 

+ 5 

+ 10 

j_ 7 

120-208 star 

+ 5 

- 5 

+ 7 


115 volts (or 110/220 volts for motors) is used at each 
of the three voltages, 110,115, and 120. The values in 
the. table give an approximate picture of the necessary 
excitation range of equipment, without intending any 
expression as to the correctness of present nameplate 
ratings in respect to service results. The minimum 
departures from rated voltage obtain with the 115-230 
volt delta and 115-199-volt star terminal voltages con¬ 
sidered jointly. 

The Distribution System 

By definition, as previously noted, nominal system 
voltage is the mean voltage of equipment at utilization 
terminals or receiving terminals. It follows that in the 
ideally designed and operated distribution system 
nominal voltage of 115 will always obtain at that lamp 
or appliance so located in the distribution system as to 
receive the mean voltage of all lamps and appliances, 
that is to say, the divergence from the standard of 115 
volts at the lamp terminals will be the same percentage 
for that lamp in the distribution system nearest the 
supply source, as it is for that lamp in the distribution 
system most remote from the supply source. 

A typical distribution circuit comprises house wiring, 
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service taps, secondary mains, sendee transformers, 
primary mains, primary feeders, and feeder regulators. 
To these various parts of the circuit are assigned as¬ 
sumed percentage limits of voltage drop, which are 
believed to conform reasonably to good practise. 

These assigned values of voltage drop for a distribu¬ 
tion system are given in Table III. 

In developing voltage standard schedules, it is 
necessary to lay down a background comprising the 
limits of the various factors that must be covered and 
coordinated in the spread of such standards. To be 
worth while, these standards must anticipate future 
development and growth so far as practicable; that is, 
standards established now must not only be adapted to 
present needs but also must be developed with thorough 
consideration of future needs. Plate 1 is a chart 
indicating these limits sufficiently, it is believed, to serve 
as a guide in building voltage standards, at least 
tentatively, although further survey and analysis of 
actual conditions is desirable if not essential to final 


a variation in voltage at the supply substation bus of 
from 13,190 volts at light load to 14,705 volts at heavy 
load or a mean voltage of approximately 13,900 volts. 

Note A: As regards voltage regulation calculations by refer¬ 
ring to Plate 1 and Table III, if we call X the per cent voltage 
drop from the secondary of the step-down service transformer to 
the mean voltage lamp, then from this lamp the voltage will rise 
X per cent to the secondary of the service transformer, 2.5 per 
cent through the transformer and 1.2 per cent back to the 
primary feeder load center. The lamp having the highest 
voltage will have the voltage of this load center reduced by 2.5 
per cent through the transformer and 1 per cent through the 
service tap. Similarly the lamp having the lowest voltage will 
have this load center voltage reduced by 2 + 2.5 4- 2 + 1 + 2 or 
9.5 per cent. 

Now calling C the percentage departure from normal voltage, 
for the’lamps, we have: 

-j- C (highest voltage lamp) = (X + 2.5 + 1.2 — 2.5 — 1> 

— C (lowest voltage lamp) = (X+2.5+1.2 — 2— 2.5— 2 — 1 — 2) 
+ C = X + 0.2 • 

- C = X - 5.S 
X =5.8 -C 
C = 5.S - C + 0.2 
C = 3.0 


standardization. 

Plate 1 includes typical 2300 and 13,200 nominal 
voltage distribution with primary. feeders serving 
primary load centers, remote from the supply source. 

TABLE III 

LIMITS FOR DISTRIBUTION SYSTEM VOLTAGE DROPS -IN 
PER CENT 


House wiring. 

Service tap. 

Secondary main.... 
Service transformer. 

Primary main. 

Primary feeder. 


Heavy load 

Light load 

2.0 

0.5 

1.0 

0.25 

2.0 

0.5 

2.5 

1.0 

2.0 

0.8 

8.0 

2.5 

;tor. Light load is taken at 


25 per cent of heavy load and at 0.75 power factor. 

In the 2300-volt portion of the chart, there are assumed 
distribution or service transformers of the present 20:1 
ratio and 115 volts delivered under all loads at the lamp 
receiving mean voltage. It will be noted that this 
system requires a variation in voltage at the supply 
station bus of from 2398 volts at light load to 2674 
volts at heavy load, or a mean voltage of 2536. 

In the 13,200-volt nominal system shown on the 
chart, if there are assumed service transformers of the 
present ratio, 120:1, and 115 volts delivered -at the 
lamp receiving mean voltage as before, there will e 
required a variation in voltage at the. supply station 
from 14,400 volts at light load to 16..010 volts at heavy 
load or a mean voltage of 15,200 volts. Obviously, 
these values are excessive and untenable. For reasons 
that will be explained more fully later, a voltage of 
13,900, that is, approximately 5 per cent above nomma , 
is considered the upper limit of permissible mean 
voltage for a distribution system of this voltage class. 
It follows that a change from the present standard 
transformer ratio for this class is essential. Assuming 
a ratio of 110:1, that is, 13,200:120-volt distribution 
transformers, it U be noted that the system requires 


X = 2.S 

That is, the lamp having mean voltage will be so located that 
the voltage drop from the secondary of the service transformer 
to the lamp will be 2.8 per cent. 

It is an important consideration that, next to utiliza¬ 
tion equipment, step-down service transformers repre¬ 
sent the largest single class of standardized equipment 
in use today on alternating current power systems. 

It is accordingly essential to practical standardization to 
utilize these present ratio step-down sendee trans¬ 
formers, so far as practicable. 

As has been shown it is practicable to utilize present 
ratios in the 2300 volt class. These transformers, now 
so extensively in use on nominal 2300 volt distribution 
systems, can be used for delivering rated voltage to 
standard 115-volt lamps. While this requires increas¬ 
ing the excitation of the transformers above nameplate 
rated value, it does keep within limits which experience 
has shown permissible. Reference to Plate 1 will 
indicate the voltage limits encountered in practise. 
Adoption of a 120-volt lamp standard would necessitate 
carrying the excitation of these transformers still higher 
and probably excessively above the voltage limits for 
which they are suited. While no modification m 
present 2300-volt service transformer ratios is necessary 
and full benefit of interchangeability with existing 
equipment of this class can be retained, the nameplate 
rating should be revised to 120-volt secondary, ». e., 
2400:120 volts. 

For service transformers in the 13,200-volt class, and 
in fact all distribution classes except the 2300- and 
4600-volt classes, new ratios and ratings _must be 
assigned if excessive bus voltages and excessive feeder 
regulator ranges are to be avoided. As has been shown 
the proper ratio in the 13,200-volt class is 110:1, 
13 200:120, and similarly for other classes. 

On the foregoing basis, step-down service trans¬ 
former ratings as in Table IY are proposed. 
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From Plate 1 it also becomes evident that feeder 
regulators, oil circuit breakers, disconnecting switches, 
lightning arresters, and other miscellaneous equipment 
used on distribution systems, under limiting load con¬ 
ditions may be subjected to operating voltages approxi¬ 
mately 10 per cent, and in some cases 15 per cent, in 
excess of nominal system voltage. The proposed 


TABLE IV 

PROPOSED STEP-DOWN SERVICE TRANSFORMER 
VOLTAGE RATINGS 


Nominal system or 
class voltage 


2300/4000 y 
4.600 

6600/11,430 Y 
11,000 

7620/13,200 y 
13,200 
22,000 
33,000 
44,000 
66,000 
SS.OOO 
110,000 
132,000 


High, voltage* 


2400/4150 y 
4,800 

6600/11,430 Y 
11,000 

7620/13,200 Y 
13,200 
22,000 
33,000 
44,000 
66,000 
88,000 
110,000 
132,000 


Low voltage* 


2300/4000 y 
4,600 

6600/11,430 Y 
11,000 

7620/13,200 Y 
13,200 


T i le „ h i gl1 voltage winding has two 5 per cent full-capacity taps except 
that all taps are omitted in the classes 2300-volt and below 
*AU values are at nominal except 4600 volt and below in the high 

r^nro 5 !°i V K 0lt and bGl0w in the low side - These values are raised 
pproxunately 5 per cent to more nearly conform to voltages actually 
encountered in practise. y 

ratings for general apparatus are somewhat adjusted 
where practicable, in order to retain some existing 
voltage ratings of this apparatus. It is understood 
that all equipment, transformers and generators in¬ 
cluded, is designed for successful operation, with an 
emergency tolerance of 5 per cent above voltage rating. 
The proposed ratings closely approximate and in most 
cases coincide with existing ratings for general ap¬ 
paratus. In practical application some elimination 
and consolidation to reduce the number of classes may 
be found feasible. It will be noted also that the pro- 
posed ratings extend so as to overlap and include 
on the same basis, equipment used in the transmission 
zone of voltages. As will be shown later, these ratings 
are suitable for use in the transmission zone. 

The proposed voltage ratings for general apparatus 
are given m Table V. 

The receiving voltage at a centrally located supply 
substation should be logically nominal system voltage 
as by definition this receiving point becomes essentially 

a major utilization terminal. y 

or A P ° Wer C01 fP an F ^y supply several distribution 
substations and customer service substations from the 
same feeder. It is of course not feasible to deliver 
nominal system voltage to all simultaneously. As¬ 
suming a maximum limit of 10 per cent total voltage 


drop of feeders extending across a major load area and 
assuming nominal system voltage at the central or mean 
point of that load area, the feeder voltage at the begin¬ 
ning, or leading edge, of the receiving zone will be at 
approximately 5 per cent above nominal, the far limits 
at 5 per cent below nominal. 

Under these conditions, it is obvious that step-down 
transformers at the leading edge of a major load area 
would operate on full winding, those at the load center 
would operate on a 5 per cent tap and at the far limits 
of the area on a 10 per cent tap. 

As indicated on Plate 1, in order to maintain constant 
voltage at the mean lamps, feeder regulators may be 
called upon to operate between the limits given in Table 
VI. Present standardization of 10 per cent buck and 
10 per cent boost for feeder regulators, is, therefore, 
reasonably adequate. Without the change in service 
transformer ratios in the 13,200-volt class, heretofore 
discussed, a feeder regulator operating range of at least 
20 per cent all on the boost side, is required. 

Table VI shows conditions imposed on feeder 
regulators. 

It is assumed as the basis of the voltage chart, 
Plate 1, that constant voltage is held at the supply 
substation bus at the beginning of the distribution zone, 
by generator voltage variation. Essentially constant 
voltage, held by synchronous condensers or otherwise, 


TABLE V 

F0R S’HJCDBM regulators, 
OIL CIRCUIT BREAKERS, LIGHTNING ARRESTERS AND 
_ OTHER MISCELLANEOUS APPARATUS 


Nominal system or 
class voltage 

115 

230 

460 

575 

2300/4000 y 
4,600 

6600/11,430 Y 
11,000 

7620/13,200 Y 
13,200 
22,000 
33,000 
44,000 
66,000 
88,000 
110,000 
132,000 
164,000 
220,000 


Apparatus 
voltago rating* 

125 

250 

600 

026 

2500/4330 Y 
5,000 

7500/13,000 y 
12,000 

8500/16,000 y 

15,000 

25,000 

37,000 

50,000 

73,000 

06,000 

120,000 

146,000 

170,000 

240,000 


V ° ltWi rattaK ™ Um WPmximatoly'nomtaai 

and S 0 Sne^?L P °- nt imtermediate between utilization 
elective ^ 18 T ry t0 avoid a Prohibitive 

on Plate 1 shows the relative vXeltnd spread ofvoR 

- -- - -- 

direct^terr^ th6 f Pr0fi,ea are not Pitted 
S t i r f I 0 ‘ ta ? e dr °P- M customary. In¬ 
stead, they are plotted m per cent variation from 
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nominal voltage. The purpose is to bring out more 
clearly the improved relations maintained between 
voltage levels and nominal voltage and the corrective 
benefits throughout the system, gained by utilizing the 
transformer ratios proposed in this paper. If these 
voltage profiles were carried back from utilization 
terminals to generator terminals, using the present 
standard single ratio transformer throughout, the volt¬ 
age departure from nominal would be much greater 

TABLE VI 


OPERATING VOLTAGE RA 

,NUK FOR t 

i’KEDER UE< 

Approximate; 

per cent, buttle and boost, 

—.....■.. 

2300-vulti 



eirettits 

13,200 volt 


Present, rat In 

Present, ratio 


distribution 

distribution 

Location of regulat or 

transformers 

transformers t 

(Refer It) Plate I) 

20:1 

120:1 

Distribution at end of loud area 

i 15, ft 

c- it:.M 

•1 2l.fi 
(T V.fi) 

Distribution at center of load] 

i tun 

1 I7.fi 

area,.. 

( 10.0) 

( P fi.f*) 

Distribution at beginning of 

I 11, ft 

1 13.fi 

load urea. 

< “■ V' .5) 

( 1 2.fi) 

High voltage distribution at 

•1 ti.fi 

1 LI .0 

end of load area... 

( (5,0) 

( 1 0.0) 

High voltage dintrlbution at 

1 tl.fi 

I M ,0 

center of loud area. 

( -i.fi) 

( 1 4,0) 

High voltage dint rllmt Ion at 

1 fi.fi 

i lfi.fi 

beginning nf load area ...... . 

( 2.0) 

( L n. fi) _ 


Prop* ISlgl 
ratio 

distribution 

ansl'ormtu’H 

U():l 

| u.r> 
l.i.r») 

I 10.0 

t - :t.oj 

i r, . ft 
(MO) 

( 

( 


15.0 

(5.0) 


0,0 

• 1.0 


•I fi.n 
C - 2.0) 


To the respective parts of representative 1 transmission 
and high voltage distribution systems are assigned as¬ 
sumed limits of voltage drop as given in Table VII. 
These values of Table VII determine the necessary 


TABLE VII 

LIMITS FOR HIGH VOLTAGE SYSTEM VOLTAGE DROPS IN 
PER CENT 

Heavy load Light load 

Stop-down supply substation transformin'. MO 2.0 

Higii-voltaKostop-downsurvici! transformin'. . . MO 2,0 

High-voltage distribution feeder (to cantor of 

liigh-voltage distribution zone). MO 2,0 

Transmission lino (to boginning of high-voltage ^ ^ 

distribution zone)... M () “'| s 

Nolo: Heavy load taken at 0.0 power factor average, light load taken 
at 35 per coni, of heavy load anil at. O.Hfi power factor average. The 
values of per cent drop given above also take to account load diversities, 
power factors, load factors, and line charging cluiructiuistics 

voltage ratings of supply substation step-down trans¬ 
formers at ratios as given in Table VIII. 

Plate 1 indicates the necessary voltages on the gen¬ 
erating station high-volt,age buses which thus deter¬ 
mines the high-voltage rating of step-up transformers. 
The low-voltage rating of these transformers must for 
standardization purposes be consistent with the voltage 


TABLE VIII 

PROPOSED STEP-DOWN SUPPLY SUBSTATION TRANSFORMER 
VOLTAGE RATINGS 


than shown. In fact, the departure from nominal 
would be increasingly upon the excess voltage side and 
at the generator terminals would reach .18 per cent 
above nominal at heavy load and 4.5 per cent above 
at light load. 

The High-Voltage System 

The preceding discussion, starting from utilization 
requirements and working back through the distribution 
system, determines the necessary bus voltages at the 
supply substation. If this supply is derived from 
transmission or high voltage distribution circuits, then 
the low voltage windings of supply substation step- 
down transformers must deliver this required voltage. 

Plate 1 includes a representative high voltage dis¬ 
tribution system (66,000 volts nominal), comprising 
high voltage service transformers, supply substation 
transformers, transmission circuits and step-up trans¬ 
formers. Plate 1 also extends further to include a 
representative transmission system, (132,000 volts 
nominal), serving this high voltage distribution system 
from a remote generating source. Generating equip¬ 
ment may be used on any. or all of the several supply 
buses in the composite picture. Many combinations 
other than those shown on Plate 1 are possible. Inis 
chart is intended only to set forth representative 
limits adequate for voltage standardization purposes. 


Nominal system or 
class voltage 

High Voltage* 

Low voltttgot 

•2300/4,000 Y 


2500/4330 Y 

4,1500 

4,000 

fi.OOO 

(5(100/11,430 Y 

(5(500/11,430 V 

(5000/11,5)50 V 

11,000 

11,000 

11,500 

7020/10.200 Y 

7(520/13,200 Y 

8000/13,8(50 Y 

13,200 

13,200 

13,800 

22,000 

22,000 

23,000 

33,000 

33,000 

34,500 

44,000 

44,000 

4(5,000 

00,000 

00,000 

(50,000 

88,000 

88,000 

1 ) 2,000 

110,000 

110,000 

1115,000 

132,000 

154,000 

132,000 

138,000 

154,000 

1(52,000 

220,000 

220,000 

. 


All high voltngo windings have two 5 por cent full-capacity and on* 

5 pot* cent reduced-capacity taps. 

‘♦Rated at nominal. 

■| 4 (l ()0 volts and below rated at nominal T 10 por cent. 

(1000 volts and above rated at nominal 4- 5 per cent, 

rating for generators as described in later paragraphs. 
The voltage ratings for step-up transformers given in 
Table IX will satisfy these conditions assuming excita¬ 
tion of the low-voltage winding to be normal when 
overcoming transformer regulation. 

At a generating station bus a step-up transformer is 
often used to serve a long high-voltage transmission to a 
remote load area. A high-voltage rating to provide for 
10 per cent voltage drop in transmission seems a reason¬ 
able upper limit for standardization purposes. 

Step-up transformers will operate normally on taps 
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when located at the edge of the receiving or load area equipment, it is assumed of course that designers 
so that the transmission zone in effect is eliminated. will make allowance for differences in fundamental 

Table IX provides for the foregoing conditions. characteristics. Furthermore, as rapidly as advance 

While separate types are proposed to meet the fore- of knowledge will permit, it is essential that the effects 
going three functional duties of transformers, it is of impulse and other transient voltage phenomena 
recognized that by providing a broader tap range with be taken to account. 


increased iron to enable full voltage excitation on under- 

TABLE IX 


PROPOSED STEP-UP TRANSFORMER VOLTAGE RATINGS 


Nominal system or 
class voltage 

Low voltage* _ , 

High voltagef 

115 

115 


230 

230 

250 

460 

460 

500 

575 

575 

625 

2300/4000 Y 

2300/4000 y 

2500/4330 Y 

4,600 

4,600 

5,000 

6600/11,430 Y 

6600/11,430 y 

7200/12,500 Y 

11,000 

11,000 

12,000 

7620/13,200 Y 

7620/13,200 y 

8400/14,500 Y 

13,200 

13,200 

14,500 

22,000 

22,000 

24,000 

33,000 

33,000 

36,000 

44,000 

44,000 

48,000 

66,000 

66,000 

72,000 

88,000 

S8,000 

96,000 

110,000 

110,000 

120,000 

132,000 

132,000 

145,000 

154,000 

154,000 

170,000 

220,000 


240,000 


All high-voltage windings have two 5 per cent full-capacity taps. 
*Rated at nominal. 

•[ Rated at nominal -+ 10 per cent. 


voltage taps, any two or all three of these types can be 
consolidated into a single standard. For example, to 
consolidate the service type and the supply substation 
type requires a high-voltage winding rated at nominal 
voltage with a 15 per cent full capacity tap range and 
20 per cent total tap range and capable of normal excita¬ 
tion with full normal voltage impressed on the 95 per 
cent tap. Similarly, to consolidate all three types 
requires a high-voltage winding rated at 10 per cent 
above nominal voltage with a 25 per cent full capacity 
tap range and 30 per cent total tap range, and capable 
of step-down duty at normal excitation with full normal 
voltage impressed on the 85 per cent tap. The extent 
to which these three types should be consolidated, if at 
all, in final standards, is essentially an economic 
problem that must be decided by thoroughly weighing 
the benefits of interchangeability against the increased 
cost and other factors concerned. 

A study of the limits shown on Plate 1 indicates that 
voltage ratings of oil circuit breakers, disconnecting 
switches, lightning arresters, and other miscellaneous 
apparatus as previously shown in Table V meet the 
requirements and operating practises of the high voltage 
system. 

While the proposed ratings raise the present test 
voltages for general apparatus in the higher voltage 
classes, redesign of this apparatus is not necessarily 
required. Much of this apparatus is now operating 
successfully at voltages in excess of nameplate rating. 
In determining test voltages for these various types of 


Generation Requirements 

Generators, in many and perhaps the usual cases, 
deliver directly into supply buses and may operate at 
fixed voltage with feeder regulators or at variable 
voltage without regulators, within the limits shown on 
Plate 1. They must also coordinate with the low- 
voltage ratings of supply substation step-down trans¬ 
formers and step-up transformers, as previously pro¬ 
posed in Tables VIII and IX respectively. Further¬ 
more, they must be suitable for use in industrial or 
isolated plant application. 

Table X gives proposed generator voltage ratings to 
cover these requirements. 

While synchronous condensers closely resemble genera¬ 
tors in form, they are different in operating characteris¬ 
tics. They require special consideration in the matter 
of voltage rating and their comparatively limited use 
makes standardization at the present time probably 
premature. 

Summary Tabulations of Proposed Voltage 
Ratings 

The foregoing analyses are tabulated, for convenient 
reference, in Table XI, which assembles the proposed 
voltage ratings for equipment for alternating current 
power systems. In this tabulation are shown voltage 


TABLE X 

PROPOSED GENERATOR VOLTAGE RATINGS 


Nominal system or 
class voltage 

Normal voltage 
rating* 

Rated operating voltage range 
± 10% 

115 

120 

110-130 

230 

240 

220-260 

460 

480 

440-520 

575 

600 

550-650 

2300/4000 Y 

2400/4150 Y 

2200/3800 Y - 2600/4500 Y 

4,600 

4,800 

4,400-5,200 

6600/11,430 Y 

6900/11,950 Y 

6300/11,000 Y—7620/13,200 Y 

11,000 

11,500 

10,500-12,500 

7620/13,200 Y 

8000/13,860 Y 

7200/12,500 Y-8S00/15,200 Y 

13,200 

13,800 

12,500-15,200 


*Rated at nominal + 5 per cent. 


steps and values considered sufficient to cove: 
the range of system conditions reasonably subject t( 
standardization. 

In reading the values in these tabulations, it shoulc 
be borne in mind that ideal precision has been avoide< 
as impracticable. It is believed that the-frequen 
approximations employed are within reasonble limits o 
precision considering the many variables and in 
consistencies being dealt with. 
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p |, v j 7 HILVKR AN \J HMunnu. oiiuwux.-,— 

Conclusions arK J 

1 Present voltage standards for alternating cunent nti 
nower systems ami equipment are inadequate as they twe 
,lo not 'lit the needs and practises of representative 
power systems. This condition is generally recognized, age 

2 In developing general voltage standards, it must sys 
be recognized that there are some systems, particularly me 
[hose of pioneer origin, which, because ol large size and tin 
individual characteristics of voltage, will doubtless B. 
continue their individual standards and move toward vo. 
general standards only as the opportunity to benefit t 
•irises from lime to time in the natural course »l replace- a 
ments and reconstnietion. Oeneral voltage standards 
will, in clTcct, he schedules of preferred voltages, serving - 
as a guide to the maximum practicable unilonmt.y o: ^ 

1)1 q ' 1 hi -developing voltage standards, a fundamental 
is to establish a suitable reference level or plane for si 
volume designation. Thu present, practise ol a 
reference level established at the point ol generation is 
not suitable. As voltage "slack” of the system is most U 
frequently taken up at the generating stations, this i 
method of designation gives an undue appearance o - 
non-uniformity of voltages as Ik— systems. M 
nt ilizat ion, or receiving terminals, is the point ol max 
muni inherent voltage uniformity because^ this>» -he 
t ,i..I,,. w bere the product is delivered and soviet, 
ig I. Uniformity of product at the point o delivery > 
t goal of system design and operation. 1 herefoie, 

toe fimdamonkd reference plane for all voltages^ a 

given class, or "nominal system voltage, is < tf ncd 
as the mean voltage at utilization terminals, that is, ^ 
at rmuving terminals. . +lw , 

4, Another fundamental is to segrogal • : T ' 
system along funrtimml lines into *«k* «1» d.f uu l 
voltage levels, it. is especially essential n my >ng at 
standards for transformer voltages and a h l 

correct relation between the zones ol (1 sUdm-■<« 
voltage distribution and transmission be t.lu y 

*f»«,.t— 

ards anil practises in so lai as rea.on ; related 
However, where experience shows U. • ^ ^ 

standards including ^ " f |^Umwlions anil ex- 
corn'd or itiKuflieient, Any 

tensions slmuld be made. f or. V olts 

(i. A standard lamp and appliance ia mg of * 

ami a standard motor rating of W 

No conclusions are <lrawn a.s .o . it . < ()ther lamp 

taken Ua«y 

avcnSng present, usage and ret—“ ^ 

h* andtlmuld constitute an initial step in developing 
general voUage standards^ standing systems 

of 5.S mZ secondaries, the three-wire delta 


'ind the four-wire star. It is important that standard 
utilization equipment be fully interchangeable as be¬ 
tween these two systems of supply. . 

8 A chart is given, Plate 1, which brings out volt 
age relations between the essential features o power 
systems together with operating voltage lim > 
means of determining the spread of 
that must be provided for in general voltage standards^ 

Basic assumptions for this chart include constant 
voltage held at the mean lamp terminal of each dis 
tribution feeder load area, by means of feeder regulators, 

•md constant voltage held at some other plane inter- 
mediate’ between utilization terminals and ffmeratag 
station by generator voltage variation. - ‘ 

shows a profile of voltages progressively tluough the 

Sy <} e Tabulations in Table XI summarize the proposed 
standard voltage ratings for systems and vanous^ypes 
on liniment. A foot note shows the illations, in 
percentages, between the proposed sj.an.lard sys em and 
equipment voltages. However, in he to! u ", 
frequent approximations are accepted m 
„i lv . or adherence to present standaids. the moie 
important features of the voltage standards proposed 

m a ^ThiMiresent 20:1 ratio for 2300-volt distribution 
; uAsf! Tinim is retained but normal rated voltages are 
r viinod from 2300:115 to 2400:120. 

‘ b. Both ratio and normal rated voltages are changed 
; f ()r the distribution transformers of the 1^00 volt 

! Three types of transformers are established For 

’’ each voltage class,, each having a ratio specific to its 

own functional duty. These types are service step-down, 

h ciinnlv substation step-down, and step-up. , 

T'&onner ratings are such, in relation to circuit 
t voUages hat excitation on full winding is correct when 
l the transformer is located at the beginning 
Iv edge of a load area. Taps m 5 per cent steps ate pro 
y vital for compensating regulation across the load ai 
,1 o The present range of 10 per cent buck and 10 per 
■ e cent boost for feeder regulators is retained. 

f. Normal rated voltage for generators is t«l fl> 
tmixinrilolv 5 per cent from present standaids, and a 
”1 SSttUngnmge from plus 10 per cent, to mint. 

Us 10 g U1 l>rescnt 1 normal rated motor voltage is retamed, 
!!i. and a normal operating range from plus 10 per ct.nl. to 

ase minus 10 per coni; is required. f , regulators 

np h. General apparatus, such as feedtr icguhl. , 

nl switching equipment and lightning arresteis, an. iatu 
Z fS operation at 10 per cent above nominal 

sh system voltage tolerance above rated 

'£ maximum 1 operating voltage for all equipment is 

re< Jo' r The proposed standard voltage ratings for all 
Z equipment, aliove 66,000 volts are higher than present 
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TABLE XI 


PROPOSED SYSTEM AND EQUIPMENT VOLTAGE RATINGS FOR ALTERNATING-CURRENT POWER SYSTEMS 


Nominal 

Lamps 


Ser 

step-down t: 

idee 

ransformers 

Supply sc 
step-down t: 

ib-station 

ransformers 

Step-up tr; 

msformers 



system 
or class 
voltage* 

and 

appli¬ 

ances 

Motorsf 

High 

voltage 

Low 

voltage 

High 

voltage 

Low 

voltage 

Low 

voltage 

High 

voltage 

General 

apparatus 

Generators 

115 

230 

460 

575 

2300/4000 Y 
■ 4,600 

6600/11,430Y 

11,000 

7620/13,200 Y 
13,200 
22,000 
33,000 
44,000 
66,000 
8 S.OOO 
110,000 
132,000 
154,000 
220,000 

115 

230 

110 

220 

440 

550 

22O0/3SOO Y 
4,400 

6300/ll,000Y 

10.500 ' 
7200/12,500 Y 

12.500 

480 

600 

2400/4150 Y 
4,800 

6600/11,430Y 
11,000 

7620/13,200 Y 
13,200 
22,000 
33,000 
44,000 
66,000 
88,000 
110,000 
132,000 

2400 v class 
and below-no 
taps others 2- 
5% full ca¬ 
pacity taps 

120 

240 

480 

600 

2300/4000 Y 
4,600 

6600/11,430Y 
11,000 

7620/13,200 Y 
13,200 

4,600 

6600/11,430Y 
11,000 

7620/13,200Y 
13,200 
22,000 
33,000 
44,000 
66,000 
88,000 
110,000 
132,000 
154,000 
220,000 

2-5% full ca¬ 
pacity taps 1- 
5 %reduced 
capacity tap 

2500/4330 Y 
5,000 

6900/11,950Y 

11.500 

8000/13,860Y 
13,800 
23,000 

34.500 
46,000 
69,000 
92,000 

115,000 

138,000 

162,000 

115 

230 

460 

575 

2300/4000 Y 
4,600 

6600/ll,430Y 

11,000 

7620/13,200Y 
13,200 
22,000 
33,000 
44,000 
66,000 
88,000 
110,000 
132,000 
154,000 

250 

500 

625 

2500/4330 Y 
5,000 

7200/12,500Y 
12,000 

8400/14,500Y 
14,500 
24,000 
36,000 
48,000 
72,000 
96,000 
120,000 
145,000 
170,000 
240,000 

2-5% full ca¬ 
pacity taps 

125 

250 

500 

625 

2500/4330 Y 
5,000 

,7500/13,000Y 
12,000 

8500/15,OOOY 
15,000 
25,000 
37,000 
50,000 
73,000 
96,000 
120,000 
145,000 
170,000 
240,000 

120 

240 

480 

600 

2400/4150 Y 
4,800 

6900/11,950Y 
11,500 

8000/13,860Y 
13,800 


Notes: Except for service transformers up to and including 4800 volts, which are deviated to adhere to ratios now in use, the voltage ratings of all 
transformer primaries coincide with the value of nominal system voltage. Except for this deviation and some other approximations, to more closely 
coincide with existing standard ratings, the values in this table bear essentially uniform relations to values of nominal system voltage as follows: 

Lamps and appliances—at nominal Service transformers Supply substation transformers Step-up transformers 

Motors —at nominal minus 5 % High voltage—at nominal High voltage—at nominal Low voltage—at nominal 

General apparatus —at nominal plus 10 % Low voltage—at nominal Low voltage —at nominal plus 5 % High voltage—at nominal plus 10 % 

Generators —at nominal plus 5 % 

Generators and motors have a normal operating range of 10 per cent above and 10 per cent below rated voltage. 

Feeder regulators have a normal operating range of 10 per cent boost and 10 per cent buck. 

For transformers in general excitation is normal when the voltage impressed on the primary terminals under full rated load is sufficient to overcome 
regulation and maintain rated.voltage on the secondary terminals. 

All equipment has an emergency tolerance of 5 per cent above rated maximum operating voltage. 

*As between the 6600/11,430 Y, 11,000 classes and the 7620/13,200 Y, 13,300 classes, it is recommended that so far as practicable, preference be 
given to the 7620/13,200 Y, 13,200 classes with the aim of eventual elimination of the 6600/11,430 Y, 11,000 classes. Possibly other eliminations may 
eventually be found advisable. 

-fPresent nameplate ratings. 


ratings. Because much of this equipment now in ser¬ 
vice is of necessity being operated at voltages above 
present ratings with reasonably satisfactory results, no 
extensive redesign of equipment should be imposed by 
these requirements. Revision of nameplate data should 
frequently be sufficient. 

11. It is not undertaken to offer test voltage re¬ 
quirements for the proposed voltage standards. 
Doubtless, some increases and changes from present 


standards will be required. The standardization of 
test voltage practises must be deliberate. This will 
call not only for changes in the A. I. E. E. standardiza¬ 
tion rules but also must take into account the effects of 
is impulse and other transient voltage phenomena, the 
present knowledge of which, though advancing, is limited. 

Discussion 

For discussion of this paper see page 205. 
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Voltage Standards for Electrical Distribution 

H. B. GEAR 1 

Fellow, A. I. E. E. 

Synopsis. —This 'paper discusses the necessity for standardizing form at all voltages. It also proposes that there ^ . -ey 

voltages and advocates the utilization voltage as the most logical nixed standard for transformers m which out > u 
reference base. It suggests that the ratios adopted should be -uni- flow is subject to change. 

T HE necessity of standardization of utilization together, and which, m some cases, adds anotnei voltage 

voltages has been recognized and accepted since level to those already in service.. . 

the days when electric lighting systems com- Each additional transformation, with its accompany- 
petitive with different lamp voltages and operating ing line, has addedl to the drop 

frequencies constituted such an obstacle to progress tated provision of taps or other means oi compcn.ac g 
that standard voltages and frequency became a com- forthe^ . g being operated 

“ SylmT'operating at 55 volts for lighting were dis- at voltages above that towhichit wasde^nel specml 
carded for 110 volts, and a 220-volt rating was chosen have 

for use where energy was taken chiefly for power ^ ^ necessavy to call a halt for the discussion of 

P lovld flotation of what is taking place in some 

srs?s: , asrsrm 

TTi-iiinroFirm vnltaffc stnndurds are now- so well recog consumer. 
nizVthat a multitude of household and motor-driven The drops chosen lor illustration £ 

aunliances have been produced in quantities and at and do n ot represent cases which could 
prices which would have been totally impossible with- prac tise involving greater drops. , a _ 

states are required by regulatory P«oU® ^ 


0U Utih?tes“a°ny states are required by regulatory ti “ an t™^h h conditio“s is a difficult problemwith 
bodies to adopt a utilization voltage standard and to th best of equipment, and when theie is P 

Ssssa——““ *” * 

This to a considerable extent, fixes the voltages m eases be exceeded, 
other parts of the system and makes the uti iza ion Proposed Changes in Practise 

voltage the natural base of reference. . , f t , rers j, ave presented a scheme for 

The proposal to establish ratings which are integral The man increasing secondary voltage 

an electricity supply system. as provides a no-load pressure about o per cent 

Ttp utilization voltage is one which must ^ , ... ■ pn bv p de present standard and a full- 

«2v constant ns possible thrnush ■" Sd’iSii „ h i ofuts tb. imp i. th. mn.tnm.r 

*b.—°< —>*•* a ES'-t« - “ ;r, : 

true. l n„..innpC durinstbe derived tronr traneferaters of tbs pre=en. .tnnan 

sr?£rsws” “— -K'rsSrSSsatrj 

pressure. _ constructing a super- within a range, from plus o 

We are now in the process o being tied standard rating. 

power network through which these staniarii^ of 

—* - - - - 

York, N. Y-., February 7-11, 1927. .185 
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Some Limitations of the Proposal 

The example presented shows the application of the 
new plan under full-load conditions, where a single 
series of circuits is involved 

The complete picture of an average system would 
reveal other circuits taken off at the generating station 
delivering energy at the generator voltage level. It 
would also include additional lines taken off at the 
132/66/13.2-kv. levels, haying various percentages of 
line drop, which must be taken into account in fixing 
the setting of transformer taps. 

Inevitably there will be certain of these branches 
which will deliver a pressure above or below normal 
during certain parts of the day. 

In the particular circuit shown, the pressure at 
quarter load would be from 10 to 12 per cent above 
normal at the utilization circuits, assuming that the 
generator pressure was reduced from 13.8 to 12.8, as 
proposed, during the light load period and the feeder 
regulator were run at full choke. In addition to this, 
the transformer and line equipment at the 69-kv. and 
13.8-kv. levels are also operating at 10 to 12 per cent 
above the proposed maximum voltage ratings. 

This, of course, can be avoided by the use of tap 
changing devices operable under load, and it is quite 
apparent that such auxiliary equipment must be 
included in the completed picture of the situation. 

The necessity of having a considerable range of con¬ 
trol between light-load and full-load conditions suggests 
the desirability of having as wide a range as is economi¬ 
cally feasible in the generator voltage. It is proposed to 
get a range of 10 per cent by operating at pressures 
below normal (down to minus 5 per cent) during light 
load, and at pressures above normal (up to plus 5 per 
cent) during hours of heavy load. 

This will prevent over-excitation of generators if 
transformer taps are connected to give the necessary 
boosting voltage to compensate for full-load drop. 
At light load periods, tap changers will be required where 
the total compensation in transformers is more than 
the combined range of generator and potential regulators. 

It is proposed that the voltages above 69 kv. be left 
as multiples of 110. 

The stage of development thus'far attained may be 
such that it is a difficult matter to make a change now, 
but to those of us who have not until recent years been 
brought into pressures above 69 kv., it comes as some¬ 
thing of a shock to learn that if we subject our 132-kv. 
equipment to any pressure above 132 kv., we are ex¬ 
ceeding the manufacturer's rating and presumably 
taking a risk in operation which is not shared by the 
manufacturer. 

The manufacturer's explanation that it is not 
necessary to use the,multiples of 11.5 in fixing rated 
voltages at pressures above 69 kv. is lacking in any 
reasons sufficient to warrant a break of so fundamental 
a character in the proposed standards. 

Whether the 132-kv. equipment in service has been 
designed for a maximum pressure of 132 kv. or not, 


much of the existing 132-kv. equipment is so related 
to the system of which it is a part that inevitably it 
must be subjected to pressures up to 138 kv. or higher, 
under the normal conditions of daily operation. 

The proposed plan of adding 5 per cent to the sec¬ 
ondary as a part of the fixed ratio of a transformer 
obviously can not be followed on lines where the direc¬ 
tion of flow of energy is changed from time to time, as is 
often the case in tie-lines between power stations. 

In such lines the transformers must meet the voltage 
requirements of both step-up and step-down trans¬ 
formers. Also, they are often so related to each other 
that, in order to transfer energy in the desired amount 
without displacing the general level of system pressure, 
they must be equipped with pressure taps adjustable 
under load. 

This requires pressure taps giving a range of 15 to 20 
per cent in either direction to deliver proper pressure 
at the bus of the receiving station. 

Observance of Standards 

It is obvious that if a standard is to accomplish its 
purpose, it must be one which will be generally recognized 
as practicable of application and feasible in operation. 

The failure of previously adopted standards to be 
generally observed seems to have resulted, in part, from 
a lack of adaptability of apparatus to working con¬ 
ditions, and perhaps from a lack of appreciation on the 
part of some engineers of the wide range of voltage drops 
which have been introduced in recent years into dis¬ 
tributing systems. 

The lack of adaptability has been met as nearly as is 
possible by the manufacturer's proposal to increase 
voltage ratings to a point where they will be similar to 
pressures which are normally encountered in practise. 

The discussion of this subject in connection with the 
proposed changes has and will further serve to bring a 
greater number of engineers face to face with the situa¬ 
tion in a way which will be beneficial. 

The adoption of standards which automatically add 
voltage for full-load conditions will draw attention to 
the necessity of providing means of preventing over¬ 
voltage at light loads. 

Conclusion 

Voltage standards are a basic necessity for utilization 
equipment and are the basis of voltage throughout the 
system. 

The manufacturer's proposal offers a decided 
improvement over present standards, but should treat 
all voltages on a uniform basis. 

There should be a recognized standard for trans¬ 
formers used in interconnections where the direction of 
flow is subject to change. 

When standards have been fixed which are applicable 
without radical change in existing equipment, they will, 
no doubt, be accepted and adopted by users of 
equipment. 

Discussion 

For discussion of this paper see page 205. 
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Sunopnis. Yaltage standardization has long been recognized 
as dimratdr, and to dntr n» definite standards hove tu rn accepted and 
applied. An nlte >n pi in non' living mndv In coord in ale the reeonnuen- 
dalionn of the different power row panic* and manufacturers with a 
view toward* adopting definite voltage standards far all apparatus. 


A proposal has recently been sut,milled by the mnnujacturers 
which is lint applicable in Us entirety to conditions in the bout,head 
anil (bis paper contains a counter-proposal submitted as being mou 
readily acceptable to the interconnected power systems of the 
Southeast. 


j Introduction and .IuktH'Tcation for Voltage i 
Standardization ' 

A proposed sot of voltage standards appeared in t 
1P22, but lack of cooperation on the part, ol both r/ 
manufacturers and operators prevented any gen- } 
oral acceptance of them. This was partially due to , 
(he fact that insufficient consideration was given to 
existing appandus. In C .22 ItM-owcr O 

the United States were valued at $1 ,o00,000 000, 
while today they arc valued at $!!, 000 , 000 , 000 . 1 lus 

tremendous increase, appearing largely as new equip¬ 
ment. indicates the truth of the statement, that, the 
longer standardization remains a nonentity, the Dime 
complicated will he its final acceptance. Very lew 
operating companies have attempted to eliminate what 
might be termed otf-sUtntlurd voltages m oi -- 
conform to the 11122 standards; m most (rases 1 owcva r 
they cannot be justly criticized tor tins. 1 me was 
required for a realization of the savings to lx. had an 
as they have grown closer together, the benefits <<> >« 
derived from standardization have pic.su ,, ’ ' , 

Helves. Today most, companies are willing to accept 
any such standards resulting in eithe ; r financial gams 
to Umm or improvuinonts 1° IRoh - service. 

No lime need l.e wasted in consideration of standards 
to lie put. into eltVct immediately. No opuraUUK 1:01 " 
oauy afford to chnnw its present e<,u.,.ment over 
mml'd. Standardization in its imal . |l >™ 
about, by virtue of a slow influx of semi-sUm ai cqu I 
men) Which, when the absorption is cmn>1ote cam b. 
operated on standard volt,ages. I lus transition peri 
will cover a number of years. Mo.N.UavUons ora**- 

simis l.o present properties made necessai y n o du U 

be in accord with any suwpttKl standaids■ ma . 

sistont with proper (inane,ny and 

and any expense incident, to such nhitn(?es m .... 

ceedthe monetary values or slundardizatmn. 

The elliciemdes of electrical equipment me m most 


t. All of Hie Manama 1 ’"'™ <tem]i«ny, Birmin B liam, 

Alabama.. , . t *,■ /,> 

/Wirt.* -It 1/m H'inbT Cmmrtim »/ the A. I. *• " 

New York, N. Y., February 7-11,1M7. 


instances probably as high as will be attained, so that 
further large economies must be looked for in the de¬ 
velopment of radically new apparatus, in increasing 
the load factor of present equipment, and m standardi¬ 
zation. The recent acceptance of lamp standards 
has gone far to bring about the present low cost and 
greater efficiency of lamps which the public now enjoys. 

In a like manner, actual savings in the cost ot generating 
and transmission equipment will be evidenced by the 
standardization of voltages. . 

It is not to be expected that any expense inclined 
by carrying out the features of standardization will be 
returnable immediately in the form of huge savings, 
but economies will result from the enormous reductions 
in capital investment required over a long period of 
lime as compared to what would be necessary were 
the. present policies to continue. The value o voltage 
standardization has also been emphasized by the bene¬ 
fits which may be obtained therefrom on interconnected 
systems. Interconnection will he practised more 
extensively in the future than at present, or course, 
because of the resulting economies. For example, 
in the territory covered by the interconnected South¬ 
eastern systems there are three distinct wat.er-sheds 
covering very extensive areas over which the i ami all 
varies in different rivers in such a way that excess 
hydro capacity in one section can be used at times to 
assist systems in other sections in meeting their domain s 
or in filling their storage reservoirs, thereby reducing the 

■ amount of reserve steam capacity required and also 
i utilizing water which would otherwise go to waste. 

1 In addition to these economies, which are very great, 

■ the interconnected systems have been able to improve 
) voltage regulation and service to their customers. 

The economic, and commercial justification for the 
, standardization of ail types of equipment has been 
- proved many times and has ultimately icsuU, , 

practically all cases, in simpler manufacturing *™thods 
t an( l a lower cost of the product to the pun,baser. 

There can be no doubt, therefore, as to the feasibility 


of standardization oi vu lw ^ *. ” 

Any standards must be adaptable, however, to the large 
amount of equipment which has already been installed 
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TABLE I 

PRESENT RATED CIRCUIT VOLTAGES ON SOUTHEASTERN INTERCONNECTED SYSTEMS 


Southern 

Power Co. 

Carolina 

Pr. & Lt. Co. 

Tennessee 

Elec. Pr. Co. 

Alabama 

Power Co. 

Georgia 

Ry. & Pr. Co. 

Columbus 

Elec. & Pr. Co. 

Central 

Ga. Pr. Co. 

2,300 

2400/4150 Y 

2,300 

2300/4000 Y 

2300/4000 Y 

2,300 

2,300 


6,600 






6,600 

7200/12,4S0 Y 

6,600 

6,600 

6,600 

5,500 

6,600 




6900/11,950 Y 




11,000 

11,000 


12,000 

11,000 

11,000 

11,000 

13,200 


13,200 

13,200 


12,000 






19,000 


19,000 


22,000 

22,000 

22,000 

22,000 





33,000 


38,000 



44,000 


44,000 

44,000 

44,000 




60,000 

66,000 



66,000 

66,000 

88,000 







100,000 

100,000 

120,000 

110,000 

110,000 

110,000 

110,000 


this territory. The generation in this section during a 
normal year is approximately 60 per cent from run-of- 
river hydro plants (some having storage capacity) and 
40 per cent from steam reserve plants. The average 
annual load factor of the hydro electric stations is from 
30 to 60 per cent, and of the steam electric stations from 
10 to 40 per cent. Generating plants are located both 
adjacent to, and remote from, load centers, and may be 
operating during different seasons of the year as base 
load plants or as voltage boosting stations. 

With such operations as outlined above, due mainly 
to location and types of plants, the annual load factor on 
the main high voltage circuits is low (approximately 30 
per cent) as compared to systems the generation of 
which is entirely from base load steam plants, or from 
hydro plants where the river flow is not seasonal. For 
this reason a higher voltage drop on the transmission 


and, to be of any value, must be accepted by the major¬ 
ity of operating companies. 

II. General Problems Confronting Southeast 
in Standardization 

Table I gives the present rated circuit voltages of the 
interconnected companies in the Southeast and shows 
the conditions to be met in recommending any set of 
standards. It should be noted here that some of 
these systems are being operated at voltages slightly 
higher than those indicated in Table I. A map, Fig. 1, 
shows the transmission systems of these companies. 

Before proceeding further, some of the general 
problems confronting the acceptance of a set of general 
voltage standards will be presented, and these problems 
should be borne in mind when referring to the standards 
which the writers have recommended as best suited for 
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circuits may be considered economical and is at present 
accepted, as compared to that which is economical on 
lines between base load plants and load centers. 

Lengths of transmission circuits and location of sub¬ 
stations at many different positions with respect to the 
generating equipment, prohibits the acceptance of any 
definite point on the system as a reference for constant 
voltage except the consumers’ bus bars. The receiving 
voltage at primary substations must be varied according 
to load conditions on the distribution lines, by regu¬ 
lating the generating units, or by using synchronous 


The above comments will serve the purpose of an 
outline of the feelings and position of the companies in 
regard to standardization as a general proposition. 
In particular, the remainder of this paper covers a 
detailed analysis of the mechanics of adjustment to an} 
proposed standards. The main problems confronting 
the companies concerned in this paper are those 
relative to generation and transmission since the bulk of 
their power is derived from hydroelectric and steam 
electric stations situated at a considerable distance from 
load centers. The problem of working out a set of 


TABLE II . 

PROPOSED VOLTAGE RATINGS FOR SYSTEMS. GENERATORS. SWITCHING. CONTROL & PROTECTIVE APPARATUS, 
ntuiuafiu TRANSFORMER S, ETC. _________ 

-——- j -- = j j Step-up transformers j Step-down transformers 


Generators & 
sync, condensers 


Systems 


Ind. motors 


Apparatus 


Primary 


Secondary 


Primary I Secondary 


2,400 

4,150 

0,900 

7200/12,470 Y* 

11.500 
13,800 
23,000 

34.500 
40,000 
00,000 
92,000 

103,500 

115,000 

138,000 

101.000 

230,000 


2300/3980 Y 2400/4150 Y 2300/39S0 V 


13,800 

23,000 

34,500 

46,000 

69,000 

92,000 

103,500 

115,000 

138,000 

161,000 

230,000 


6,600 

6,600 

11,000 

13,200 

22,000 

33,000 

44,000 

66,000 

88,000 

99,000 

110,000 

132,000 

154,000 


6,900 

7200/12,470 Y* 

11.500 
13,800 
23.000 

34.500 
46,000 
69,000 
92,000 

103.500 
115,000 
138,000 
161,000 
230,000 


6,600 

6900, 11,950 Y 
11,000 
13,200 
22.000 
33,000 
44,000 
66,000 
SS.OOO 
99,000 
110,000 
132,000 
154,000 
220.000 


2400/4150 Y 
6,14)0 

7200, 12,470 Y* 

11.500 
13,800 
23.000 

34.500 
46,000 
69,000 
92,000 

103,500 

115,000 

13S.OOO 

161,000 


23 0,000 | .—i ' /-■*tt'a.ttjpat T'TOT’F 

continuous operation. . output at sate* po.et factor and W — * «- 

“■ cent tap ^ from ^ to fu.»oad and a„o ,o ptov.de -*« 

b 

•winding. 

*For rural distribution lines. , TA lfocrA distribution lines Can 


condensers to boost or buck the voltage as becomes 

to meet future demands i n t he t q{ standards for 
This, in some cases, will call fo The ma ; n 

equipment different ^°™ ;table trans formers having 

problem will be that DO ssibly as many as 

multiple ratios for adap a an d. for locations 

two or three different circ , > ^ ^ line, 

dose to the source of supply and at the end 


standards for the lower voltage distribution lines can 
best be handled, it is believed, by the metropoli s, 
companies the generation of which takes place near t 
W Because of the diversity in present practises of 
• mont nf this class anv set of standards satisfactory 
rXomranief co^ probably be adjusted with 
equal facility to conditions here. 

III. Authors’ Proposal 
. . 0 , . Q _ -i no a M E L. A. Bulletin there 
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mended by the manufacturers. 9 These standards are not 
applicable in their entirety to the present operations in 
the Southeast. For the sake of simplicity in future 
discussion they will be referred to and used as a basis 
for the author's proposed standards which are shown in 
Table II. 

Criticism of the manufacturers' proposed standards is 
not intended to be destructive, but rather a sincere at¬ 
tempt to show their applicability to the interconnected 
companies of the Southeast, and to acquaint those 
interested in this subject with the existing conditions. 
Quite naturally, comments are more directly bearing on 
the properties of the Southeastern Power and Light 
Company since it is with these properties that the 
writers are most familiar. 

It appears to the writers that the manufacturers' 
definition of rated voltage is satisfactory, namely: 
“Rated Circuit Voltage: For the purpose of fixing a 
value to be used in designing and testing electrical 
apparatus, the rated voltage of a circuit (or system) is 
defined as the highest rated voltage of the apparatus 
supplying it. By ‘circuit voltage' is meant the voltage 
from line to line as distinguished from line to neutral. 
This voltage rating applies to all parts of .the circuit. 
The actual operating voltage of the circuit may 
vary from the rated circuit voltage but should not ex¬ 
ceed it.” 

The manufacturers’ proposed standards would permit 
a 5 per cent margin above rated voltage for equip¬ 
ment of one class and strictly forbid the employment of 
such a margin for other classes. The dividing point has 
been made between 69,000 volts and 88,000 volts to 
suit the present ratings, and as stated, to prevent any 
re-design of equipment above 88,000 volts. Restric¬ 
tions discriminating between classes of voltage serve 
only to complicate definitions and destroy uniformity in 
tests and application. 

The system rated voltages in the manufacturers' 
proposal are, with the exception of the first two (2400 
and 4150), multiples of 11.5 up to 69,000 volts and 
beyond this are multiples of 11.0. If the history of the 
development of these voltage ratings is traced it will be 
remembered that practically all systems coming within 
the range of the tabulation ’ started "with maximum 
operating voltages which were multiples of 11.0. The 
range of operation to take care of peak load conditions 
was from maximum operating voltages in multiples of 
11.0 at the generating end to voltages in multiples of 
10.5 at the receiving end. As the load grew and the 
lines were extended it was necessary to raise the voltage 
at the generating end to values as high as 11.5 in order 
to maintain voltages in multiples of 10.5 at the receiving 
end. In order to accomplish this, it was necessary to 
over-excite generators and transformers, or, as has been 

2. See also Voltage Standardization of A-C. Systems from the 
Viewpoint of the Electrical Manufacturer, by F. C. Hanker and 
H. R. Summerhayes, A. I. E. E. Winter Convention, February 
1927. 


done in recent years, to purchase transformers having 
taps fco give voltages five per cent above the multiples 
of 11.0. The increase in potential at the source rathei 
than the decrease at the load end of the line has been 
necessary and justifiable. Many thousands of trans¬ 
formers have been purchased with ratios, for example, 
of 110/44 kv. with four 2]/ 2 per cent taps below normal, 
in the primary winding. As loads on the distribution 
circuits were increased it was necessary to maintain 
higher than 44 kv. on the secondary by over-exciting 
the transformers. This was undesirable and recently 
transformers have been purchased having a ratio of 
110/45 kv. with five 3 per cent taps below normal 
in the primary winding which resulted in better voltage 
at the distribution substations. The higher voltage 
transmission lines gradually became loaded so that the 
potential at some substations dropped as low as 100 
kv. and with 110 kv. maintained at the generating 
plants, and primary substation transformers having 
four 2 y 2 per cent taps below normal in the primary, 
and connected on the lowest tap, the secondary voltage 
could not be maintained at its rated value when carrying 
peak loads. The evolution was the same as in the case 
of distribution circuits, namely, raising the potential 
at the source by means of over-excitation, or by the 
purchase of step-up transformers having taps to deliver 
above rated voltages. Thus it will be seen that trans¬ 
mission circuits of the higher voltages have already 
reached the stage where it is desirable that rated volt¬ 
ages should be multiples of 11.5, as are the distribution 
voltages, and in fact must be such in order to utilize 
present equipment. It should be remembered, how¬ 
ever, that maximum operating voltages in multiples of 
11.5 will not occur at all generating stations, but only 
at those most remote from the load centers. The 
reason for this will be evident by referring to Fig. 1. 
In many instances several hydro plants are located on 
the same stream. Where these plants are distant from 
the load centers, separate lines from each of them to 
the load would be uneconomical and hence they are 
tapped to a group of circuits of one or more lines, 
extending from the most remote plant to the load. 

During extreme emergencies, such as tornadoes, 
floods, etc., voltage ratings may be exceeded justifiably 
in order to maintain service; hence all equipment 
should have sufficient factors of safety to permit short 
time operation at five per cent above rated voltage. 
The operating companies should also realize that such 
practises, although necessary at times, are encroaching 
on the factors of safety of the apparatus and must be 
only for short time operation. 

It will be noted that a voltage class of 103,500 hag 
been included in the authors' proposed voltage stand¬ 
ards. There are two large companies in this sectior 
with an installed transformer capacity of over one and 
a half million kv-a. falling in this class. To select the 
next voltage class above or below 103,500 volts would 
involve excessive costs in the rewinding or replacemeni 


SCHOLZ, EBEUIIARDT AND JONES: VOLTAGE STANDARDIZATION 


ID 1 


1<YI>. 1D*27 

of these transformers alone, which probably could not 
be justified. 

IV. Generators and Synchronous Condensers 

The rated voltages of camera tors and synchronous 
condensers, as listed in the manufacturers’ proposal 
would, in general, be acceptable. At present, genera¬ 
tors rated (WOO volts are of necessity being operated 
over peak load hours at, (WOO volts. This probably 
shortens the life of the machine insulation, but since 
the circumstance prevails, future design at the suggested 
voltage will prove advantageous. The necessity for 
operating generators at five per cent above their rated 
voltage will only occur during emergency conditions. 
Synchronous condensers where; operated on the tertiary 
of a three-winding transformer bank throughout the 
range of full leading and lagging kv-a. must of necessity 
be designed for rated kv-a. from five per cent below to 
live per cent above rated voltage. 

V. Induction Motors 

The ratings of induction motors and customers’ 
equipment should remain the same as stated in the 
manufacturers' proposal, due to the tremendous amount 
or apparatus at these voltages now in service, and the 
remainder of the system'modified as necessary to main¬ 
tain these voltages at the customers’ terminals. 


VI. Apparatus 

The term “apparatus” as used in this section is to be 
interpreted to include oil circuit breakers, disconnecting 
switches, current and potential transformers, insulators, 
bushings, bus-bar supports, lightning arresters. and 
fuses. It would seem logical that the above listed 
apparatus should have voltage ratings exactly the same 
as the system vol tage ratings. The ratings given in the 
manufacturers’ proposal are merely those of present 
equipment, which are adaptable to their proposed 
system rated voltages. In some instances these are 
similar to the system voltage ratings and in others 
they are not,. The reason for variations in present 
ratings is apparently an attempt of the manufacturer 
to best, fit, t heir equipment to the multiplicity of voltages 
now in use. In order to accomplish the objective in 
standardizing voltages, the manufacturers would aid 
materially by rating their apparatus identically with 
system voltage ratings. This would tend to eliminate 
the present, practise of gradually increasing cncuit 

voltages. , ..... 

Reference to the manufacturers published ratings, 

particularly those for oil circuit breakers, horn gap and 
disconnecting switches, will show an appreciable varia¬ 
tion in the ratings of apparatus for application on 
circuits of a given voltage. Closer attention should be 
given to the design and application of insulation m order 
to secure more uniformity in dielectric strength and 
flaahover values of the various apparatus connected to 
circuits of given voltage ratings. A complete discus¬ 


sion of this matter and the factors of safety to be given 
different types of equipment involves entirely too much 
space to be more than mentioned in this paper, but 
unquestionably deserves serious consideiation. 

If the rated voltage is the maximum continuous 
operating voltage, lightning arresters should be rated 
the same as other apparatus. At stations where condi¬ 
tions of dynamic and static over-voltages require special 
design, the voltage rating should be that of the circuit 
and the nameplate should indicate that they are suit¬ 
able for one location only. Present lines of apparatus, 
other than transformers, can no doubt he redesigned 
and re-rated where necessary to conform to any reason¬ 
able set of standards immediately upon their accep¬ 
tance, without undue burden to either manufacturer or 
operating company. 

VII. Transformers General 

The problems relating to step-up and step-down 
transformers are by far the most important of the entire 
subject of standardization. The system rated voltages 
which the authors have recommended have been made 
after careful investigation of their adaptability to 
present operations in this territory; likewise the pro¬ 
posed standards for transformers have been based on 
present operating experience and while they are not 
suitable for all operating conditions they are believed 
practical. Transformers to be entirely interchangeable 
between stations of the same voltage class would require 
five per cent more taps than indicated in I able li¬ 
lt is recognized, however, that incorporation of sufficient 
taps in standard transformers to fulfill every operating 
requirement would penalize the standards and make 
them inconsistent with proper engineering practise. 
Due to this fact it is inevitable that there will always he 
a demand for certain classes of transformers meet 
special operating conditions. The great majority of 
this special apparatus will be such as can be used on the 
standard voltages. Although a difference will be found 
in the high-tension and low-tension voltage ratings for 
step-up and step-down transformers, their test voltages 
should he based on the rated circuit voltage at which the 
equipment will operate and not on the actual primary 01 
secondary voltage rating. The following comments 
apply especially to two-winding transformers, but three- 
winding transformers should come under the same 
classification of ratings, except that in most cases they 
will require special design due to short-circuit conditions 
or reactance requirements between windings when one 
winding is used for the operation of a synchronous 
condenser. 

The voltage ratings of transmission and distribution 
transformers must be such that they will dovetail 
together to form a well balanced system from the 
generators to the consumer. Fig. 2 illustrates present, 
operating practise and the application of the* proposed 
voltage ratings of generators, step-up and step-down 
transformers. 
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Under present conditions with generators over¬ 
excited five per cent, it is permissible to take only a 
seven-per cent voltage drop in the transmission line and 
eight per cent in the primary distribution circuits. 
This limitation is due to the fact that: first, the genera¬ 
tor voltage rating is the same as the rating of the 
primary windings of step-up transformers, and second, 
the voltage ratings of step-up and step-down transform¬ 
ers of transmission and primary distribution circuits 
are alike. 


step-down transformers must be changed, necessitating 
the rebuilding of a large amount of present installed 
equipment. 

VIII. Step-Up Transformers 

Only generating station transformers will be con¬ 
sidered in this section since it is believed that step-up 
transformers used in tying two systems together, or for 
like uses, will be entirely special and dependent upon 
their location and the purpose which they serve. 


Fig. 
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PPOPOSEQ APPLICATION 

-Present and Proposed Ratings of Generators, and of Step-Up, and Step-Down Transformers, with Ileus- 
itvd »rnT/vwa Rt'.pr'rrrntative Applications under Full Load 


Recently the Alabama Power Company has pur¬ 
chased step-down transformers rated 110/45 kv. to 
meet the limitation outlined under Table II and would not 
hesitate to go a step further to the use of 110/46-kv. 
transformers, if such a rating is adopted as a standard. 
In Fig. 2, illustrating the use of the authors’ proposed 
standards, a 10 per cent voltage drop can be allowed in 
transmission lines and eight per cent in primary distri¬ 
bution circuits without over-exciting the generators. 
Uncertain systems in the Southeast it would be easier 


Step-up transformers at generating stations in the 
Southeast will require taps and ratios which will com¬ 
pensate for their inherent regulation and which will be 
adaptable also for stations located adjacent to, and re¬ 
mote from, the load centers. 

A maximum transformer regulation of seven per cent 
will be assumed in further discussion. This figure 
should be sufficiently high to include the majority of 
step-up transformers purchased. One case where 
higher than seven-per cent regulation may occur is at 


Plant Remote 
from" Load Center 



7 °jo reg. 



115 Kilovolts 


10 °!o reg. 


Load 


reg. 


Vma/ 


105 Kilovolts 1 


Plant Adjacent 
to Load Center 



Fig. 3—Diagram Showing Step-Up Transformer 

The venerators are rated 13.8 kv. The transformers are rated 13. 2/115 kv. and their primaries (low-voltage side) have two 2 5-per cent taps 
, rmrmal and one 2 o-ner cent tap below normal. They have 7 per cent regulation. At full load the generator at the remote plant operates at 
lf 8 .£>’transformer. With 7-per cent drop in the transformer and 10 per content in the line, the voltngo 

at the load is 105 kv. The generator near the load operates at 13.5 kv. and the 13.8-kv. tap is used in its transformer, giving 105 kv. at the load. 


to make a transition from present ratings to the stand¬ 
ards proposed by the writers, than to meet the stand¬ 
ards proposed by the manufacturers because all that is 
required is an over-excitation of the generators and the 
operation of step-up transformers at five per- cent above 
rated voltage. The disadvantage of reduced life of 
insulation of present transformer and generator wind¬ 
ings, it is believed, is overbalanced by the operating 
advantages obtained. If the step-up transformers are 
operated at a maximum of 110,000 volts, the rating of 


seasonal generating plants where during one period of 
operation the plant is run at full capacity near unity 
power factor, and a second condition where the plant is 
carrying rated kv-a. capacity at low power factor, 
using the generators for voltage boosting. 

Fig. 3 is included to indicate the ratios and taps 
required for step-up transformers on a basis of seven- 
per cent transformer regulation and 10 per cent maxi¬ 
mum line drop. The voltage taps as shown in Fig. 3 
will not only compensate for the transformer regulation. 
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but are suitable for plants located at different points 
with respect to the load and for seasonal operation. 

IX. Step-Down Transformers 

Step-down transformers should have ratings and 
voltage taps for service in locations adjacent to, and 
remote from, the generating plants and to compensate 
for their inherent regulation. Step-down transformers 
will of necessity be shifted from one point on the system 
to another due to load growth, and should therefore be 
more flexible than step-up transformers which are rarely 
moved. Thu ratings which the writers have recom¬ 
mended will be found to vary from the manufacturers’ 
recommendations only m so far as the changes which 
have been suggested in the system rated voltages. A 
maximum regulation of five per cent for step-down 
transformers has been assumed and this value will 
seldom he exceeded. The equivalent of four 234 per 
cent taps as proposed, while not being sufficient to 
include all operating requirements, should include a 
large majority of the transformers purchased. 


X. Transformers for Rural Distribution System 

Although the problem of rural distribution is com¬ 
paratively new, experience to date indicates that 
the most economical circuit voltage for rural lines is 
7200/12,470 Y. 

The manufacturers’ publications state that trans¬ 
formers for this voltage class are given a test from 
high-voltage winding to low-voltage winding and core 
of 25,1)40 volts (2 X 12,470) plus 1000 volte On the 
basis of the proposed definition of Rated Circuit 
Voltage," apparatus for rural distribution lines should 
berated 7200/12,470 Y, and has been so listed in I able 
IL The advantage of this rating is that it is a multip e 
of 2400/4,160 Y, making it possible to use multiple 
windings on the secondaries of power transformers 
supplying distribution circuits which can econnec'e 
in parallel for2400/4150 Y or m senes for 7200/12,470 Y 
This also allows a four-per cent voltage differentia 
between supply transformers and customers trans¬ 
formers, As the latter have a voltage r ^ tl “ 
6900/11,050 Y to 115/230, the maintenance of 7200 
volts at the supply end makes it possible to mamUm 
rated secondary voltage on the customers Premises 
without the use of excessive Laps on the pnmary 
windings of the step-down transformers. 

XL Conclusion 

1. The writers have suggested modifications of the 
manufacturers’ proposed standards to ma e 
adaptable to the interconnected systems of the bouth- 
east. These changes consist of: 

a. Addition of 103 , 600 -volt class, 

b. Uniform voltage ratings, multiples or 11 . 

“rss...<“-> 

identical with system voltage ratings, 


d. Providing equivalent of one 244 per cent full 
capacity voltage tap below normal, and equivalent of 
two 2^4 per 1 cent full capacity taps above normal in the 
primary winding of step-up transformers to take care 
of transformer regulation in excess of five per cent, 
and location of transformers adjacent to, or remote 
from, load centers, . 

e. Addition of 7200/12,470 Y voltage class for rural 
distribution systems. 

2. The interconnected power companies in the 
Southeast are in accord with the proposition of stand¬ 
ardization and it is believed that these proposed 
standards in general would be practicable and accept¬ 
able to the majority of operating companies in this 
section. 

XII. Appendix 

The appendix will be used for a detailed discussion 
of the reasons why some of the authors’ proposed 
standards differ from those recommended _ by the 
manufacturers, and also to bring attention to instances 
where special equipment will be required. 

A. An analysis of operating reports of companies in 
the Southeast would indicate many systems operating 
considerably above rated voltages, and with excessive 
voltage drop. For example, 110,000-volt systems 
during peak conditions will be found with voltages as 
high as 118,000 volts at the remote generating plants 
and as low as 98,000 volts at remote substations. There 
are reasons for this, some of which are probably justi¬ 
fiable and others which are not. Needless to say, a 
; 20 per cent voltage drop on any system should not be 

tolerated except during emergencies, because voltages 
) of 15 and 20 per cent above ratings of equipment not 
; only shorten the life of insulation but encroach on the 
i factors of safety. 

3 In the standards proposed herein a 10 per ce 
1 voltage drop on transmission circuits has been assume 
! as a maximum. 

1 in at least one instance m the Southeast. The par 

- lar situation is one in which the load center is dis 

f from the source of supply. During the P® k hom-s of 
0 the day the load is carried from one set of plants 100 
a mi distant, and the remainder of the time it is fed from 

7 transmissio^rircuite'^s very Uv^ence a voltage drop 
of 15 per cent on these lines, when carrying peak loads, 
wilfbe found economical. The maximum transmission 
p losses at peak load in this illustration are but 9.8 per 
$ cent which,will be admitted, are not “ 

t limits. The annual losses are approximately . P 
cent of the total energy transmitted. 

To correct this condition to come m thm ajlO^per cent 
- _ rnlfnff p drop would necessitate one of two things, eith r 

■ 5 sfsif*-/, “ 

- s ™‘ h 
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a new transmission circuit, the peak load line losses 
are reduced to 4.5 per cent and the yearly losses re¬ 
duced to 1.5 per cent; capitalizing the difference in 
annual losses based on the power transmitted at 10 
per cent would only justify the expenditure of $315,000, 
hence the line is uneconomical. A synchronous con¬ 
denser likewise cannot be justified since the trans¬ 
mission losses remain practically the same and the 
condenser has only corrected voltage conditions. 

With a 15 per cent line drop, the standard trans¬ 
formers cannot be used at the remote substations, 
and units having the equivalent of 15 per cent taps 
below normal in the primary winding, will be required 
at an estimated increase in price above standard trans¬ 
formers of from three to five per cent. These trans¬ 
formers are satisfactoiy, however, for operation at 
any point on the circuit, and proposed standards have 
not been penalized by the necessity of these special trans¬ 
formers to fit operating conditions. 

B. It is very probable that some of the utilities 
having a large amount of what may be termed off- 
standard apparatus in service will be unable to justify 
a change to meet standards. This is especially true 
where to abide by the standards would mean lowering 
present circuit voltages. By reducing operating volt¬ 
ages, the power transmitted over present equipment 
would be reduced, of course, and the power limit of 
lines would be decreased. The problem of stability 
had not been given serious consideration until some few 
years ago, but as transmission distances have increased 
and lines become more heavily loaded these problems 
have been encountered and it is known that lowering 
the circuit voltage will decrease the static and transient 
power limits of a line. 

A specific example where the reduction of circuit 
voltages from those recommended by the writers would 
bring considerable hardship is on the Alabama Power 
Company's system if it were necessary to reduce the 
operating voltage on transmission lines from a maximum 
of 115,000 volts down to a maximum of 110,000 volts. 
The generating plants with the exception of one steam 
plant are all remote from the load centers of Birming¬ 
ham, Bessemer, and Anniston. The high-tension volt¬ 
age at these load centers is, as would be expected, the 
lowest on the system, and at present varies between 
105,000 and 108,000 volts. To reduce this voltage 
five per cent, as would be necessary were the maximum 
operating voltage 110,000 instead of 115,000, would 
require the installation of complete new transformers 
at these substations. Present transformers have taps 
as low as 100,025 volts which with 100,000 volts 
impressed would not give normal voltage on the secon¬ 
dary when operating at full load; thus the vqltage must 
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be maintained at approximately 105,000 volts. T1 
total transformer capacity installed at these thr 
substations is 140,000 kv-a. and even granting th 
these transformers could be rebuilt to deliver rah 
secondary voltage with 100,000 volts impressed on t] 
primary, which we seriously doubt, without reducii 
their rating, the expense involved would be unjustifie 
These stations are at present heavily loaded and 
different secondary voltages so that at least two cor 
plete new banks of transformers would be requiri 
were it possible to rebuild the present units. 

Aside from the difficulties involved with transforme 
if the circuit voltage were to be reduced, such a pr 
cedure would involve the immediate construction 
some 150 mi. of 110-kv. lines at a cost of not less th; 
$1,500,000, which would hardly be justifiable. 

This is only one specific case where the necessity 
reducing operating voltages from those recommend 
would entail considerable hardship; there are sevei 
other such examples which could be cited. The or 
justification for such expenditures would be in the eve 
of the acceptance of 110,000 volts as standard, requiri: 
those companies operating at 115,000 volts to purchs 
all equipment of the next higher voltage class, but 1 
do not believe that any standards are intended to pen; 
ize present operating conditions where there is such 
prevalence of equipment now in service which could r 
be operated on the manufacturers' proposed standar< 

If to be in complete accord with any standar 
involves increasing the circuit voltage, a careful analy 
of conditions must be made. If spacings, insulatic 
corona limit and other electrical factors are satisfactc 
with increased voltage, the number of customer a 
other step-down substations must also be consider* 
The cost of relocation, retiring or rebuilding pres* 
transformers must be balanced against the increas 
carrying capacity of the line at the higher voltage, a 
decreased losses; also the cost of future apparatus w: 
standard ratings balanced against the cost of off-stai 
ard transformers. The increases in costs of spec 
transformers above the price for standard units v 
have to be given by the manufacturers. It is belies 
that on lines containing few substations it will be fou 
practical to gradually work toward standard voltag 
On other circuits containing numerous substations a 
customers, and where alterations in station layoi 
would be necessary to operate on a higher circ 
voltage, such changes may not be feasible. Th 
questions will require careful study for each differ; 
proposition and hence no definite conclusions can 
made. 

Discussion 

For discussion of this paper see page 205. 
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Suggested Transformer Voltage Standards 

Their Relationship to Pacific Coast Practise 

Committee Report 1 

H. II. MINOR, Chairman 


Synopsis. Explanation of authorship and basis of paper. 
General discussion of the proposed system voltage standards and the 
principles underlying tin in. Listing of transformer voltages and 


1 1HIS paper is presented by the Subcommittee on 
'Transformer Standardization of the Electrical 
~ Apparatus and Overhead Systems Committees 
of the Pacific (’oast Electrical Association as the result 
of a study of transformer ratios made last year and a 
further investigation carried on during the past few 
months, it is felt that it will be of interest as part of a 
general discussion of the subject, system voltage stand¬ 
ardization, as it is a composite of the views ol repre¬ 
sentatives of the several Member Companies of the 

P. C. E. A. 

The work last year was carried on by means of ques¬ 
tionnaires and by discussion at joint meetings of the 
two parent committees. The table of “Proposed 
Voltage Ratings Eor Systems” presented to the 
National Electric Eight Association by a special corn- 
mil,tee appointed by the National Apparatus Committee 
to study data collected by that body was discussed, 
in so far as it applied to transformers, at some length. 
This year a survey has boon made of the voltage ratings 
and liv-a. capacity of transformers in use by P. C. E. A. 
Companies. Further discussion of possible new stand¬ 
ards and the probable application of those suggested 
to Pacific (’oast conditions was invited. "The following 
is an attempt to present, an analysis ol the data collected 
and to present an outline of the opinions of the 
P. C. E. A. members that have, come to the 
committee. 

The general view is that, there is need of revision of the 
present transformer standards with respect to voltage 
rating. The five principles upon which such revision 
should be based, as set. forth in the Memorandum of the 
Special N. E. E. A. Committee which was published 
in the September 11)2(5 issue of the N. E. E. A. bulletin, 

1. Pacific (Jims I, Electrical Association Subcommittee on 
Transformer Standardization. 11* IP Minor, San Joaquin Right 
anti Power t.lorj*,, Chairman; K. B. Ayres, Sun Diego (on sol i- 
dal,nd (las A Electric (.’o.; A. W. (’oploy, \VestingheuseElociti«& 
;Mfg. do.; ,1. 11. < 'unningliam, (ionoral Electric. (An; IP H. Lane, 
Pacific (las & Electric do.; IP U Sampson, Southern California 
Edison do. 

Presented at the Winter Convention of the A. L E. E., New 
York, N. P., Feb. 7-11, 11)27. 


Jcv-a. connected now in use by P. C. E. A. Loin ponies. Detailed 
discussion of changes in proposed standards to bring them into 
conformity with Pacific Coast practise. Summary and conclusion. 


are excellent. 2 Of these, principle B which reads: 

“The voltage selected must closely resemble those 
now in use to permit a reasonable degree of inter¬ 
change ability of old and new apparatus” is of partic¬ 
ular importance. It will probably result that this is the 
vital point to be considered in any attempt at revision 
of the standards. 

Principle C, which states that the changes involved 
must not necessitate too great an expense in the de¬ 
velopment, of new apparatus, is also of extreme impor¬ 
tance. This expense, however, should be the expense 
to the user of the apparatus and not simply the cost of 
development and manufacture. It should include the 
probable cost to the user because of the fact that 
principle B is not adhered to, sufficiently. Most of the 
present-day systems for the transmission and dis¬ 
tribution of electrical energy are so greatly involved 
through interconnection on their own systems and with 
other systems that the voltages in use are fixed within 
rather narrow limits. That present standard trans¬ 
formers do not lend themselves to use on many of these 
systems without operating them at considerable vari¬ 
ance with their rated voltages and those upon which 
tests and guarantees are based, is very true. This 
has naturally resulted in the purchase of a great amount 
of “special” or “off-standard” equipment. 

To be successful, a new set of transformer standards 
must result in a decrease in the percentage of such 
specially designed transformers purchased. This re¬ 
sult must not be obtained, however, by the inclusion 
in the standards of a great number of new 
designs. 

Adherence to principle/i will result in a great reduction 
in the special transformers but principle C will have to 
receive careful consideration so that the ultimate cost 
to the industry as a whole will be lessened. Thus the 
task before those to whom is delegated the fixing of 
standard voltages for, systems is one of making such 
compromise as is necessary between an ideal or thooreti- 

2. Boo also Voltage Standardisation of A-C. Systems from the. 
Viewpoint of the Electrical Manufacturer, by F. <!. I Ian lair and 
IL R. Buiumorhayos, A. L K. E. Win tor Convention, February 

1927. 
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cal standard and the voltage ratings of equipment 
now in use in order to arrive at a result that will be most 
satisfactory. That this is no easy task is evidenced 
by the study made by the N. E. L. A. Special 
Committee. 

The proposed set of standard voltages and the ex¬ 
planatory notes with them are a wonderful improve¬ 
ment in many, ways over the present standards. It 
may be the best possible compromise to which reference 
is made above. Certainly very careful thought has 
been given to its preparation, that the weaknesses of 
the present system of voltages shall be largely elimi¬ 
nated. The transformers and their taps listed will fit 
nicely into the somewhat ideal simple system used as 
an- illustration in the Memorandum of the Special 
N. E. L. A. Committee. That such transformers would 
fit as well into existing systems may be open to question. 
In the West, where transmission distances are long, 
the full load drops encountered in the lines are consid¬ 
erably greater than the limits set in this example. The 
result is that in many cases step-down transformers are 
purchased with a much greater range of taps than the 
proposal allows in order to arrive at flexibility in the 
use of these transformers over a large system, or varia¬ 
tions in their voltage ratings are specified to conform 
with existing drop conditions. 

The accompanying tabulation gives an idea of the 
great variety of voltages and ratios in use by the 
P. C. E. A. Companies. Also is listed in part the kv-a. 
connected of transformers of the different classes shown. 
While this is not a complete listing, due to lack of in¬ 
formation from a few of the Companies, it is felt that it 
presents a fair picture of the transformer situation on 
the Pacific Coast with respect to the possibility of 
arriving at a new set of standards that will fit into 
existing conditions. 

A study of this tabulation shows that in the lower 
voltage classes, which include the great number of 
distribution transformers supplying utilization voltages, 
approximate conformity with the proposed standard 
exists. There are some changes, however, that seem 
advisable in view of present practise. In the higher 
voltage classes there is not such close conformity to the 
proposed ratings. The very great variety of voltages 
used is due in part to the above practise of specifying 
special transformers for use at different points on sys¬ 
tems.- For the most part, also, the larger systems have 
been built up by a gathering together of many small 
systems and interconnecting them by means of trans¬ 
mission lines. Each of these smaller companies had 
their own particular voltages and they were usually 
continued by the use of more or less “special transform¬ 
ers/' This also has contributed to the great variety 
of transformer ratings. 

The use of 2300-volt, delta-connected systems of 
distribution, supplying 110 to 115 volts to the consumer, 
has been the original set-up of most systems. As load 


TABLE OF TRANSFORMER VOLTAGES IN USE AND KV-A. IN 
TRANSFORMERS CONNECTED TO LINES OF PART OF 
P. O. E. A. COMPANIES 


Nearest 

voltage 

class 

Primary voltages 
(Full winding) 

Secondary voltages 
(Full winding) 

Kv-a, 

connected 

2,400 

2000 to 2900 volts 
(2300 predominant) 

110 to 850 volts 
(115-230 predominant) 

1,055,200 

4,150 

3810 to 4800 volts 
(4000 predominant) 

110 to 2300 volts 
(115-230 predominant) 

28,721 

6,900 

6000 to 7000 volts 
(6000 predominant) 

110 to 2300 volts 
(115-230 predominant) 

469,753 

11,500 

10,000 to 12,500 volts 
(11,500 predominant) 

110 to 2300 volts 
(115-230 predominant) 

625,210 

13,800 

13,200 to 14,400 volts 

110 to 850 volts 

9,400 

15,000 to 18,000 volts 

110 to 2400/4150 Y 

421,000 

23,000 

20,000 to 26,400 volts 

110 to 6900 volts 

46,700 

20,000/34,600 Y and 
22,000/39,000 Y. 

2200 and 2300 volts 

10,087 

34,500 

29,705 to 36,415 volts 

110 to 4150 volts 

6900/11,1)50 Y 

7500/13,000 Y 

257,266 

91,075 

44,500 


(Connected Y on 

11,500 V0lt,8 

18,500 


00-kv. systems) 

13,200 Volts 

17,000 volts 

22,000 volts 

72,110 

8,000 

18,007 

34,500 

33,000 volts 
(Connected delta) 

2400-11,500 volts 

20,000 

34,500 

38,100 to 41,600 volts 

110 to 4150 volts 

60(H)/II,950 Y 
7200/12,500 Y 

180,092 

89,825 

200,000 


(Connected Y on 

7500/1300 Y 

8,350 


06 -lcv. systems) 

11,500 Volts 

16.500- 11,500 volts 
22,000 volt,8 

2400-11,500 and 

10.500- 33,000 Volts 

187,000 

323,000 

8,250 

580,000 

69,000 

50,000 to 70,200 volts 

110 to 4150 Volts 
6000/11,950 Y 
7200/12,500 Y 

72,888 

188,333 

12,000 


(Connected Y on 

7500/1300 Y 

112,833 


110-kv. systems) 

11,600 volts 

18,200 volts 

17,000 to 17,500 volts 
31,215/54,000 Y 

34,640/60,000 Y 
45,800/79,300 Y 

181,817 

164,167 

9,900 

26,667 

135,500 

185,000 

69,000 

50,000 to 66,000 volts 

110 to 4150 volts 
6900/11,060 Y. 
11,500-16,500 volts 
20,000/34,000 Y 

37,800 

10,750 

121,000 

5,000 


(Delta connected) 

22,000-11,000 volts 
86,000 volts 

2400-11,500 and 
16,500-33,000 

0,000 

000 

05,000 

88,000 

81,000 to 88,000 volts 

2000 to 2400 volts 
11,600-2400 volts 

28,250 

167,500 


(Delta connected) 

86,000-6000 volts 

76,700 



55,00-2800 volts 

37,500 

110,000 

110,000 volts 
(Delta connected) 

9500/10,460 Y 

37,500 

132,000 

115,470 to 127,000 volts 

11,600 volts 

206,730 


(Connected Y on 

08,600 volts 

166,667 


220-kv. systoms) 

06,000 volts 

72,000 volts 

360,000 

815,000 

154,000 

150,000 volts 

66,000-16,500 volts 

805,000 


154,000-115,000 volts 

11,000 

80,000 
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density increased it became necessary to provide 
mvater rapacity to existing lines. The logical set,-up 
an,! tin* one taken hy most, of the Companies was t,o 
use 2255 volts connected V or tin* so-called 4050- 
volt, system. In many eases I he lines were made t hree- 
phase’, four-wire, the 2255 volt class transformers being 
connected Yaleita for three-phase service and from 
phase wire to neutral for single-phase service. As 
i\ie territory covered grew and longer feeders became 
necessary, it was found best, economy to discontinue 
stringing the neutral wire and make use of a special 
4000- to 11 a 220-volt transformer for single-phase use 
on these lines, still employing three 2000-volt trans¬ 
formers connected Y-delta for three-phase service. 
This practise has been and is being extended rapidly. 
One manufacturer has catalogued a 1000-volt, distribu¬ 
tion transformer. It would seem advisable to include 
such a transformer in the proposed standards. Its 
rating, to conform with the Y voltage of the 2000-volt 
transformer, should In* MONO to tin 220. etc., for step- 
down transformers. 

The next higher voltage class of transformers in use 
is the WMO-vult. As shown by the accompanying 
tabulation, there are a great many of this class in use on 
the Puri tie Toast, There are, however, very few 
0000-volt delta systems or lines. 'Hie almost universal 
practise is to use these transformers connected Y-delta 
on U.atKhvnii systems, just as the 2255-volt class is 
used on 4UtHI-volt systems. Tim present standards 
recognize this use by making tin* rating for distribution 
transformers of this elans 5500/11555 to lie, f -«o0, 
etc 

There are also in use many 11,500-volt, class trans¬ 
formers on these same systems, either connected delta- 
delta for three-phase service or used separately for 
single-phase loads. There is, however, a disci epuney 
between the ratios of these transformers and the 
6900-volt class in the present standards. 'I he rela¬ 
tionship between these two classes should be ns l.<d 
is to 1 instead of as 1 TV is to 1, which is present practise. 
The practical result has been that the 0000-volt class 
is connected on the 5585-vult tap and the 11,500-volt 
class on full winding to more nearly approach the 
proper secondary voltage when both classes ate i ou¬ 
nce! ed to the same line. This, in eiTect, cuts down the 
available taps on the thttio volt transformer and the 
user is paving for more than he needs. 

In the proposed standards the actual ratios of these 
two classes are changed. The step-down proposal 
is respectively for the 11,500-volt system and the 
6900-volt system. 11.000 to 115 220, ete„amM>000 to 
TIG/220, He. The relationship between them is still us 
before: 1,0V to L No provision is made in the pro¬ 
posed standard, however, for Y-operation of the OUOO- 
voU class transformer. To conform as nearly as 
possible with the proposed standards and also with the 
Pacific Coast practise, it. will he advisable to make the 


proposed standard for these two classes substantially as 
below: 


Hti'P-up Transformer Ntop-down Transforms! 

System Primary Nueotalary Primary Surondiuy 


U.UUO 0,(500 

upon ti, too 


o.nun 
11 .noo 


(5.00(0n.tao Y upon 

n.tso n.oou 


This rating of the step-down. 5550-volt class trans¬ 
former will require if. to be tested lor lT5n5 volts 
under the recommendation of the Special N. b. L. A. 
Committee that high potential tests be based on 
"rated circuit, voltage” of (he system of which the 
apparatus forms a part. That this is correct lor such 
transformers connected Y is undoubtedly true. Should 
there la? sullieient. use of 5550-volt, transformers on 
5555-volt circuits to warrant it, it. may he advisable to 
include both the above suggestion and the MOO-volt 
step-down transformer for use* on 5550-volt delta lines. 
This is not the ease on the Pacific Coast, as practically 
all of the 455,782 kv-a. listed in the accompanying 
(ableare used on 11,500-volt systems. 

In the proposal of the N. K. L. A. Special ('ommittee, 
the following recommendation is made in Note h 
accompanying the propost»d Table of Voltages: 

"When possible, 11,500-volt systems should he 
discouraged in favor of 12,NO0-volt ones. . 

On the Pacific Coast, tins suggestion is not. at all possible. 
The practise, mentioned above, of using both 5505- 
and tl,500-volt class transformers so universally on 
11 500-volt systems cannot, he changed without im¬ 
mense cost. To change to 12,800 volts would necessi¬ 
tate 1 the replacement of more than 1,000,000 kv-a. m 
5tt()0- and 11,500-volt, distribution transformers and 
almost as much capacit y in station transformers serving 
them It is the unanimous opinion of the P. C. h. A, 
membership that the 11,500-volt system should ho 
retained with such changes as are necessary to hiing it 
into conformity with the 5000-volt class step-down 
transformers, connected Y on such systems. 

The failure to include a 5000-volt class n! trans¬ 
former for Y operation in the proposed table is really 
only a special ease of a general condition. The very 
great, use of Y-conneHed transformer banks for both 
step-up and step-down purposes seems to point to the 
advisability of including such transformers in a new set. 
of standards. Thatthis use of transformers is large on 
the Pacific Coast, is shown by the accompanying table. 
Of transformers above the 1:1,800-volt class there wen? 
reported approximately 4,000,050 kv-a. connected Y 
and about, 1,000,000 kv-a, connected della. She 
proposal of the N. K. L. A. Committee only includes 
transformer voltages fur use connected delta, with the 
single exception of the 2200/2080 Y for step-down and 
2400/4150 Y for step-up high voltage ratings. I hat 
inclusion of transformers for Y-connect ion for the 
various system voltages chosen will appioximately 
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double the number of transformers in the standards, is 
evident, but it will not greatly increase the number of 
designs necessary and should not increase the cost of 
either class. If the proposed standards were to be 
adopted, those companies using Y-connected trans¬ 
formers would be forced to buy “special equipment” 
and the designs, patterns, etc., would still have to be 
made. 

The “General Note” accompanying the Table of 
Proposed Voltage Ratings referring to guarantees of 
efficiency, heating, overload, etc., and over-voltage 
tests has caused some comment. It is felt that this 
note is correct with respect to over-voltage tests of 
primaries of step-down transformers being based on 
five per cent over rated primary voltage. This is neces¬ 
sary to care for the over-excitation of the transformer 
necessary to overcome transformer regulation drop. 
The same provision, however, would seem advisable for 
the primary or low voltage winding of step-up trans¬ 
formers. With these it is also necessary to over-excite 
approximately five per cent in order to supply rated 
secondary voltage at full load, due to transformer 
regulation. It would seem that this same result would 
be obtained, however, if the suggestion, mentioned 
before, that all apparatus have high potential tests 
based on “rated circuit voltage” of the system of which 
the apparatus forms a part, were adopted. 

“Special Note E” states that transformers should be 
designed to operate during emergencies at five per cent 
above rated voltage, the over-voltage being obtained 
by over-excitation. Comment has been made that 
this statement is very indefinite. The question is 
asked as to just what constitutes such an emergency 
and how 7 long such an emergency might be allowed to 
exist. In the Memorandum of the Special N. E. L. A. 
Committee the loss of one or more of a parallel group of 
transmission lines, causing abnormal drops between 
sources of generation and utilization, is .cited as an 
emergency. One can well imagine such a condition 
lasting for many hours or even days when the lines are 
in mountainous and inaccessible regions. Under such 
“emergency” operation the transformer would be sub¬ 
ject to the same conditions as would obtain for con¬ 
tinuous opeiation in this over-excited condition. 
Anothei emergency that is often encountered on almost 
all systems is the sudden failure of apparatus or lines 
that will cause a large block of load to be disconnected 
from a long transmission system. The result is a very 
decided rise in voltage at points distant from the source 
of energy due to the decrease of line drop and trans¬ 
former regulation. 

^Referring to the. Memorandum of the Special 
N. E. L. A. Committee and particularly to Fig. 2A 
theiein, let it be assumed that this represents part of a 
system at full load served from a 13,800-volt and 2400- 
volt distribution system. In order to approximate 
probable practical conditions let it also be assumed that 
there are four such 69-kv. radical feeders from the 


132-kv. line, each carrying 25 per cent of its load. 
If, then, a fault should occur which would open up the 
13,800 feeder switches and drop their load, the five per 
cent regulation drop of the 66,000- to 13,000-volt 
transformers would be eliminated as would the 4.5-kv. 
drop in the 69-kv. line and 25 per cent of the line drop 
and transformer regulation of the 132-kv. line and the 
126,000- to 69,000-volt transformation respectively. 
This would result in approximately 18 per cent over¬ 
excitation of the 66,000- to 13,200-volt transformer. 
Thus this emergency, which would of course be of very 
short duration, would cause very much over the five per 
cent set up by “Note E.” It is suggested that a more 
exact statement of the meaning of “emergencies” 
should be included in these notes. 

As stated above, the long transmission distances in 
the West make it advisable to allow quite large line 
drops at full load, and this condition has -made some of 
the companies specify quite a range of taps for their 
step-down transformers. The following is from one of 
the larger P. C. E. A. companies: 

“While it may be possible in the eastern part of the 
country with concentrated loads in relatively restricted 
areas to keep transmission line drops within the limits 
indicated by the discussion of the proposed standards 
and consequently to maintain the transmission system 
voltage level with only four %y 2 per cent taps in step- 
down transformers, we do not consider this economically 
practicable under the conditions prevalent on this 
coast. Our system, for instance, is spread over a 
veritable empire, with widely scattered power sources 
and load centers, and we find it necessary to provide 
taps for about 11 y per cent, particularly for trans¬ 
formers connected to the transmission systems. For 
instance, our present practise for transformers con¬ 
nected to our so-called 60-kv. system provides for two 
5 per cent taps and one iy per cent tap, enabling these 
transformers to be used interchangeably on any part of 
the system. We therefore feel that more than 10 per 
cent in taps should be provided by these standards, 
either in 2 y 2 per cent or larger steps as may be found 
necessary. Other companies operating over ex¬ 
tensive territories find the same conditions confronting 
them and the practise of employing a greater than 
10 per cent range in taps is quite common. Thus 
the Special Note E (b)” might also be given more 
thought. 

To summarize the foregoing briefly, Pacific Coast 
practise in the use of transformers points to the ad¬ 
visability of some change from the present standards. 
The proposed standards are a great improvement over 
the old and the principles upon which they are based 
are sound. There is need of the inclusion of a 3980- 
volt step-down distribution transformer and of a 
change in the 6900-volt and 11,500-volt class to bring 
them into conformity for operation on the same 11,500- 
volt lines. There is a distinct need of the standards 
including transformers rated for Y-connection as well as 
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delta connections on standard systems. The “General 
Note” referring to over-voltage tests could be clarified 
as could the “Special Note E” referring to emergency 
operation. More study of the advisable range of taps 
on step-down transformers seems advisable. “Special 
Note F” suggesting the elimination of 11,500-volt 
■systems is not at all in keeping with Pacific Coast 
practise. 


In .conclusion, it might be repeated that the task 
before those responsible for the formation of a set of 
voltage standards is a most difficult one. It must be a 
compromise between the ideal and the practical. Its 
result must be an economic gain to the industry as a 
whole. 

Discussion 

For discussion of this paper see page 205. 


Voltage Standardization 

BY A. HUBER-RUF' 

Non.-Member 


Synopsis. —A review of the 'points of view which in general 
influence standardization of voltages and a number of proposals 
of certain standards are given in this paper. The discussion pertains 


I. General 

HE standardization of voltages forms the most 
important basis for the economic manufacture 
of electrical machinery and apparatus, and for 
the installation of electrical plants. 

In recognition of this fact, the electrotechnical bodies 
in various countries have drawn up standards, and the 
International Electrotechnical Commission has now 
undertaken the task of bringing into line the various 
standards set up in different countries so as to provide 
a better international basis for the manufacture of 
electrical plants, and to facilitate the exchange of energy 
between neighboring countries. 

This report contains only a brief review of the points 
■of view which, generally speaking, influenced the stand¬ 
ardization of voltages, and gives a short summary of 
the results of this standardization. 

A few remarks are made at the end concerning Ameri¬ 
can practise so far as the writer of this report was able 
to obtain information on it on the occasion of the I. E. C. 
Conference in New York in April 1926 and from various 
other sources. 

The following were the principal deciding factors m 
the selection of standard voltages: 

1. Consideration of the voltages most used in the 
countries concerned, 

2. Consideration of the voltages standardized m 

neighboring countries, ,. 

3. The fixing of as few voltages as possible, at suitable 

intervals. . ,. , 

The consideration of the three points mentioned 
presented some difficulties and the solutions proposed 
are consequently the results of compromise- _ 

Exhaustive inquiries were made in various countries 
in order to settle the first question, concerning the extent 
to which the different voltages were employed. The 

1. Brown Boveri Company, Switzerland. „ 

Presented at the Winter Convention of the A. 1. A. A., 
New York, N. Y., February 7-11,1927. 


to classes of voltages, three-phase systems, d-c. systems, and notninal 
voltages. A plea is made for the use of the ratio of If sS for 
working voltages. 


importance of the various voltages, considered from the 
point of view of connected load in kilowatts, and the 
extent of the transmission plant was recorded 
graphically. 

Fig. 1 gives an example of such a graphic record 
drawn up for Switzerland in 1919 for lighting and power 
systems. 

Tables and graphical records were also made for the 



p IG- i—F requency of Occurrence of Nominal Voltages 
In Lighting and Power Systems in Switzerland (1919). 
The Vertical Lines or Areas Represent the Loads Con¬ 
nected to the Corresponding Voltages in Per Cent of the 
Total Load Connected to the System in Question 

settlement of the second question, concerning standard¬ 
ized voltages in different countries. 

Fig. 2 contains such a record for three-phase voltages 
in various countries. 

The third point, “The fixing of as few" voltages as 
possible, at suitable intervals,” offered special diffi¬ 
culties. 

It was generally recognized to be advantageous for 
three-phase working thatjthe voltages should bear to 
one another the ratio 1: \/3 on account of the possibility 
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of changing over the windings of machines and trans¬ 
formers from star to delta, and the increased possibility 
of utilization of material resulting therefrom. 

Voltages have hitherto been standardized, however, 
mainly with the ratio 1:2, having regard, obviously, to 
the series-parallel connection of d-c. or single-phase 
a-c. machinery. 

Series-parallel connection is also possible with three- 
phase windings but it presents considerable disadvan¬ 
tages as compared with delta-star connection. This 
point wall be brought forward again later on as it is of 
great importance. 

II. Classes of Voltages 
In this report, distinction will be ma.de between the 
following classes: 

Class A, up to 99 volts, 

Class B, 100 to 990 volts, 

Class C, 1000 to 29,000 volts, 

Class D, 30,000 to 100,000 volts, 

Class E, over 100,000 volts. 

Further particulars concerning the standardization of 
d-c. and three-phase voltages are given in the following, 
three-phase voltages being considered first as being more 
important as regards generation, distribution, and 
utilization of electrical energy. 

III. Standard for Three-Phase Systems 
Class A, u'p to 99 Volts. This class is of importance 
mainly for direct current and single-phase alternating 
current. There are already several standards existing 



Fig. 2—-Voltages for Three-Phase Systems. Comparison 
of the Standards of Various Countries 


in various countries. Hitherto the voltages falling 
within this class have not been dealt with by the 
I. E. C.. They are of chief importance for the lighting 
of electric vehicles, etc., for telegraphy, and for electro¬ 
therapeutics. 

Class B, 100 Volts to 990 Volts. This is the most 
important class as it comprises house installations and 
the majority of apparatus utilizing electrical energy. 

One hundred ten volts was used at first for lighting 
and power. When the load and the length of lines 
Increased, the distribution voltage was raised succes¬ 
sively and separate mains for higher voltages were 


frequently installed in towns for supplying electricity 
for power purpose. In many places this has led to 
complicated installations. 

It has now been the practise for many years to supply 
energy for lighting, power, and heating, as far as 
possible from the same mains. Experience has shown 
that in this case the three-phase, four-wire system 
presents the most economic solution. For lighting and 
for small heating apparatus, about 220 volts between 
the phase leads and neutral is used while about 380 
volts between star-connected phase leads is used for 
motors and larger apparatus. 

Higher voltages are also suitable for power purposes, 
but lighting voltages much above 220 volts, which would 
result from the use of higher voltages for power in the 
same mains, are not to be recommended at present 
owing to the impossibility of manufacturing satisfactory 
lamps. 

Two hundred twenty volts was also selected for three- 
phase because this voltage was widely used in d-c. and 
single-phase a-c. systems; lamps and small apparatus for 
domestic and industrial purposes can therefore be 
used for all systems, an important feature for the 
economic manufacture and use of apparatus of this 
nature. 

In addition to 220-380 volts, it is advantageous, 
from the point of view of existing plants and special 
conditions, to fix two other standard voltages in 
Class B, one above and one below in the ratio l:v% 
namely, about 127 and 660 volts. By changing over 
star-delta, motors and transformers can thus be used 
for two adjacent voltages. See Fig. 3. ' 

The ratio 1:2 between adjacent voltages would be 
very desirable for direct current. Series-parallel con¬ 
nection for three-phase motors, however, necessitates 
subdivision of the windings and bringing nine leads out 
of the stator frame when the ratio 1:2 is used, whereas 
for changing over from star to delta, only the six ends 
of the three phases need be led out. 

In European practise, motors are provided with ter¬ 
minal plates having six terminals corresponding to the 
beginnings and ends of the three phases.. The change 
from delta to star can then be effected simply by chang¬ 
ing over three connecting links on the outside terminal 
plate. There usually is not sufficient space on small and 
medium sized motors to accommodate nine terminals for 
changing over from series to parallel. 

Changing over transformer windings from star to 
delta is also simpler than using series-parallel con¬ 
nections. Furthermore, three-phase motors and trans¬ 
formers are more reliable in operation when arranged 
for star-delta connection than when arranged for series- 
parallel connections, since the latter requires more 
internal connections and therefore offers more sources 
of trouble. 


these considerations into account by deciding on 
standard voltages for Group II. The voltages sts 
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ardiwnl an* 127 220 UNO volts and also 110 190 volts. 
In addition to (host* 115 200 volts and 122 220 400 
volts wort* designated as standard, hut with tin* reser¬ 
vation that each country must decide upon either one 
or tlu? ot her series. Tin* most reeommendahle voltages, 
however, are 220 UNO <Three-phase, four-wire system 
with 220 volts between phases and neutral for light 
and UNO volts between phases for power). 

Claw (\ wi)0 Volt* to 18,000 Volta. From the com¬ 
parison of tin* standards of various countries, (Fig. 2,) 
it is evident that, the L K. C. voltages, viz„ 2000, 
(5'JOO, 10,000, 15,000, and 20,000 volts are standard 
in most count ries, or at all events there are only rel¬ 
atively slight variations. 

In the connection it should he noted that in each 


1.0,000 and 17,300. Unfortunately this proposal 
(Appendix I) was not accepted at the conference in 
New York. The change would not have altered the size 
of machines, transformers, apparatus, and types of 
insulators, but the windings would have had to be 
altered slightly. The result of the alterations would 
have been a considerable simplification, however, 
and for this reason the question will be brought up 
again when it comes to standardizing windings and 
transformer taps. 

Class I), 80,000 Volts to 100,000 Volts. The voltages 
of this class accepted as standard by the I. E. C. were 
the widely used values of 30,000,45,000,60,000, 80,000, 
and 100,000 volts, those in heavy type being preferred 
voltages. 

The Swiss Committee also placed a proposal for this 
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individual distribuUon system, generally only one or 
another«>f l best* voltages is used. ... 

To hr»ng about u subsequent reduction m the com¬ 
paratively large number of steps, the voltages in heavy 
type were specified as preferred standard voltages. 

The following proposal, which had a similai object 
in view, was submitted to the 1. K* f • by the bwi.ss 
Committee, In order to allow an iucicased range o 
application for this class of voltages by means of the 
star-delta change-over on machines and transformer, 
and at the same time to omit one step, it. was proposed 
to alter the voltages UOOO and 6000 to some small 
extent and to bring together in one step the voltages 
15,000'-20,000. The resulting series was 3200, 5800, 


class (Appendix I) before the I. E. C., suggesting that 
the pressures of 30,000 and 60,000 volts should be 
changed to 22,000 and 58,000 volts so as to ensure the 
possibility of star-delta connection between these 
pressures and between 58,000 and 100,000 volts. 

Considerations of the present state of affairs and 
doubts as to the utility of the proposal regarding.these 
high voltages led to this proposal also being rejected 
by the I. E. C. 

It was asserted in particular that it would not be 
economical to use, for example, transformers insulated 
for 100,000 volts in 60,000-volt installations. This was 
not intended for general practise, however. It should 
be made possible, however, for reserve transformers or 
even normal transformers, to be used in emergency 
eases in systems of the next lower voltage by changing 
over from star to delta. 

In this connection an actual case should be mentioned 
which came to the knowledge of the writer of this re¬ 
port, after the Conference in New York. In the 
Queenston Power Station at Niagara, transformer 
units each comprising three single-phase transformers 
with a total capacity of about 50,000 kw. are changed 
over from 120,000 volts to about 60,000 volts with 
disconnecting switches, by means of the star-delta 
connection. The correct voltage is obtained by regula¬ 
tion on the generators. Although the voltages are 
approximately in the ratio 1:2, use was not made of the 
series-parallel connection of the windings, but of star- 
delta change-over instead; this in spite of the disad¬ 
vantage that the voltage of the generators has to be 
regulated to a considerable extent. 

Transformers of Class D usually have low-voltage 
windings belonging to Class C. If the change-over 
could be effected in both classes, the advantages, 
of course, would be correspondingly greater, as indicated 

m Ctos'/i, Over wo.ooo Volts. The I. E. C- lm 
decided on 150,000, 200,000 and .100,000 volts as 
standard voltages above 100,000 volts. 

; These voltages bear to each other and to 100,000 voi 
the ratio 1:2. It was assumed that it would be general 
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practise in such plants to use a combination of three 
single-phase transformers instead of one three-core 
transformer, so that if necessary, series-parallel con¬ 
nection would be used with some advantage. Three- 
core transformers are also designed, however, for 
pressures over 100,000 volts. The example of the 
Queenston Plant shows that for groups of three single¬ 
phase transformers, also, the star-delta change-over 
connection is preferable to series-parallel connection, 
particularly so because it is frequently necessary to 
change over relatively quickly outside the transformer, 
and for this purpose single-phase transformers must 
each be provided with four high-voltage terminals for 
series-parallel connection. 

It is often the practise in high-voltage and extra 
high-voltage plants to use lower transmission voltages 
when starting operation and during the first period of 
operation. This is done on the one hand to test the 
plant more carefully and on the other hand because the 
load demand at first usually is not equal to its subse¬ 
quent maximum. 

These considerations, too, indicate that the possibility 
of a simple change-over to a lower voltage is desirable 
with transformers, and that wherever possible the lower 
voltage should also be a standard voltage. 

IV. Standard Voltages for D-C. Systems 

Class A, Up to 99 Volts . The fields of application are 
the same as mentioned in paragraph III A. The 
• d-e. voltages also of class A have nGt yet been dealt 
with by the I. E. C. 

Class B, 100 Volts to 1000 Volts. The more extensive 
d-c. systems are to be found in towns. New d-c. 
systems, however, are no longer installed on a larger 
scale for lighting and power as the economic advantages 
of three-phase, four-wire distribution are very con¬ 
siderable. A certain relationship, i. e., common 
voltages for d-c. and three-phase systems, is very 
advantageous, however. 

It might have been possible to obtain this relationship 
at 110 volts, but this was considered too low for lighting 
and domestic apparatus generally on account of the 
large cross-sections of conductor necessary. The fact 
that 110-volt lamps are more reliable than, for example, 
lamps for 220 volts, was not of such importance because 
the manufacture of lamps will be improved. The 
pressure derived from 110 volts between phase leads and 
neutral, i. e., .190 volts for power mains, is, generally 
speaking, also too low. 

.In addition to 100 and 220 volts, 440 volts is also 
widely used in d-c. systems, and various combinations 
of 110 and 220 volts, namely 2 x 110,4 X 110, and 2 X 
220 volts, were accepted as standards by the I. E. C. 

The I. E. C. has also designated as standard the 
piessuies 115, 230, and 460 volts, but-with the reserva¬ 
tion that each country must decide upon either one or 
another series. 

Higher voltages in this class and voltages in the 


next classes are used principally for electric traction 
which for the time being is not being taken into 
consideration. 

V. Nominal Voltages, Voltages at Consumers’ 
Terminals, Maximum Voltages and Test Voltages 

According to the standards in some countries the 
mean voltages at consumers’ terminals are taken as 
nominal voltages for class B, while for classes C and D 
the maximum voltages at the generators and secondary 
terminals of transformers were fixed as nominal volt¬ 
ages. In favor of the second ruling, it is maintained 
that the calculation of the test voltage for a plant should 
be based on the nominal voltage and that the highest 
voltage normally occurring should be used as a basis 
for the calculation of the test voltage. 

This consideration is correct as far as it goes. It is 
also easily possible, however, to base the calculation of 
the test voltage on the mean nominal voltage at con- 
consumers’ terminals, provided allowance is made for 
the difference between this and the maximum allowable 
voltage in the system in question. According to various 
standards and also according to the I. E. C., this dif¬ 
ference amounts to about 10 per cent for class C and the 
higher classes of voltage. 

The question as to which voltage in a plant is to be 
taken as the nominal voltage is thus of secondary 
importance as far as the reliability of material is 
concerned. The most important point is that the 
• same voltage shall be used throughout as a basis, and 
that the same safety factors and factors for calculation 
of test voltage be employed by the different countries. 

The opinion in Switzerland is prevailing that the 
formula given by the I. E. C. in Publication 34 for 
medium sized machines and transformers, viz., 
test voltage = 2 E -f 1000, is sufficient for testing the 
insulation of windings, i.e., when a solid or liquid 
insulation material is in question, thus including also 
large machines and transformers. A test voltage of 
2 E + 10,000 is proposed for insulators where air is the 
dielectric medium. In other countries there is a 
question of increasing the factors to some extent. 
As this does not directly affect the standardization of 
voltages, further details will not be dealt with here. 

The fixing of the mean voltage at consumers’ terminals 
as nominal voltage was very strongly advocated in 
France on the grounds that this voltage usually figures 
in contracts for the supply of electricity and should 
therefore be considered as the nominal voltage. The 
I. E. C. accepted this proposal. This solution has the 
advantage that the nominal voltage of all classes is 
referred to the same point in the system, i. e., to the 
mean voltages at the consumers’ terminals (lamps, 
motors, and primary terminals of transformers). 

This point is not made sufficiently clear in various 
regulations, including those of the Electric Power Club. 
The next section of the report will deal with this subject 
more fully. The decisions of the I. E. C. relative to 
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the question and the table of accepted nominal voltages 
are given in Appendixes II and IIa. 

Figs- 3 and 4 show diagrams of connections for three- 
phase installations. These give the maximum voltages 
at the generators and secondary terminals of transform¬ 
ers, and also the mean nominal voltages at the lamps, 
motors and primary terminals of transformers, for 
net-work of nominally 220-380, 10,000 and 100,000 
volts. 

Fig. 3 also indicates various possibilities of changing 
over on the primary and secondary sides of transformers 
and motors. 

VI. Remarks on American Practise 

The relations between Europe and America in the 
field of electrical engineering have always been relatively 
close. In the conferences of the I. E. C., and when 
drawing up standards for various countries in Europe, 
endeavors have been made to give due regard to Ameri¬ 
can practise, also. 


lines, i. e., at the primary terminals of the step-down 
transformers. It was thus supposed that the American 
standards agreed with the European standards, as these 
give as nominal voltages the same values, 6000, 10,000, 
20,000, 30,000, 60,000, 80,000, 100,000, and 200,000 
volts, at the consumers’ terminals and at the primary 
terminals of transformers, these values being about 10 
per cent lower than the maximal voltages. The differ¬ 
ence of about 10 per cent between the mean nominal 
voltages and the maximum voltages on one and the 
same system was accepted as I. E. C. standard. 

The view that the voltages, 6600 volts, etc., are an 
American standard maximum is confirmed apparently 
by some standards of the Electric Power Club. On 
page 185, for example, taps of five per cent (6270 volts) 
and 10 per cent (5940 volts) are quoted for 6600-volt 
transformers. This would obviously indicate that at 
the consumers’ end of a line, i. e., in this case at the 
primary terminals of the transformer, the pressure is 
about 5940 or 6000 volts according to the load and the 



length of the line. This would correspond exactly 
to the nominal voltage or mean voltage at consumers’ 
terminals accepted by the I. E. C. 

The low-tension voltage quoted by the Electric Power 
Club as standard for 6600-volt transformers is 220-440 
volts. This appears not to agree with other standards 
defined by the Electric Power Club. On page 129, 
220-440 volts are quoted, amongst others, as standards 
for motors. Lamps and other apparatus are also 
constructed for 220 volts. Such apparatus, however, 


POWER STATION No. 2 
and TransformerStation 



so' 380 ! 


Fig. 4 —Distribution of Voltage. Limiting Values 
The following case is assumed: Two power stations operating in parallel. 
Generators for 11,000 volts at full load, one in each station connected to 
11000/400-volt transformer for direct distribution in the immediate 
vicinity; 380 volts at motor. One 11 , 000 -volt outgoing feeder to a trans¬ 
former station for supplying another district; as before, transformation 
ratio 11,000/400 volts and 380 volts at motor. _ 

There are also 11,000/110,000-volt transformers m each power station 
supplying a substation situated about half way between them, containing 
100 ,000/11,000-volt transformers. Energy is distributed from the u 
station by moans of 11,000/400-volt transformers. There is aEo an 11 00m 
volt outgoing'feeder for supplying a transformer station at 10 000 vo ts m 

another district. This station also transforms d™® ^ULditning) 

volts for a pressure of 380 volts at motor terminals (220 volts for lightning). 

The Conference in New York in April, 1926 made 
possible a still closer cooperation between electrical 
engineers in America and Europe. Earlier discussions 
of the I. E. C. led to the opinion that American 
practise regarding standard voltages shows many 
points of similarity to European practise. In par- 
tieular, the view was held that the Amman standard 
voltages, 6600, 11,000, 22,000, 33,000, 66,000, 88,000, 
110,000, and 220,000, represented the maximum 
voltages of the systems in question, m which 6000 
10,000, 20,000, 30,000, 60,000, 100,000 and 200 000 
respectively were the mean voltages at the end ot the 


is very seldom installed immediately near the tians- 
former terminals, but some length of network is usually 
necessary, involving a voltage drop which must be 
taken into consideration. This drop for low voltage 
is assumed to be about five per cent on an a\ erage. 
The mean voltage at the secondary terminals of the 
transformer should therefore be raised by this amount. 
Thus, if motors are wound for 220-440 volts, the voltage 
at the secondary terminals of the transformers should 
be about 230-460 at full load. With this correction, 
the transformers would correspond to the I. E. C. 
standards. The latter standards do not yet contain 
data for increased voltages at the transformer secondai y 
terminals for the low voltages but this question is to be 
settled at the next meeting. 

The above remarks concerning the transformers for 
6600 volts as defined by the Electric Power Club apply 
similarly to the transformers of other standard voltages, 
i. e., 11,000 volts, 22,000 volts, etc. 

VII. Concluding Remarks 

The foregoing report emphasizes intentionally the 
importance of the three-phase current for the distribution 
of energy for lighting and power, as the standardization 
of voltage is influenced thereby. 

The report also deals very fully with the question of 
star-delta change-over of machine and transformer 
windings, for the following reasons: In standaidizmg, 
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great importance is rightly attached to voltages used 
hitherto. In addition to this, there is, however, 
the not less important question of adapting the stand¬ 
ardized voltages to three-phase current, to be con¬ 
sidered. If it is asserted that the change-over from 
star to delta is relatively seldom used at medium and 
high voltages and that it will not therefore be of great 
importance, it should be remarked that up until now 
it was not possible to make use of this change-over with 
many of the voltage used hitherto, as the resulting 
voltages are not standard. It is nevertheless frequently 
pointed out that the pressures 3, 6, 10 kv., and 30, 60, 
100 kv. allow the change-over to a large extent. The 
approximation, however, especially at 3-6 and 30-60 kv., 
is not sufficiently close. Swiss electrical engineers are 
of the opinion that a closer agreement between the 
values would be of great advantage to manufacturers 
and electric supply companies. 

These remarks should in no way lessen the importance 
of the fact that the I. E. C. has succeeded in fixing 
standard voltages to which all concerned are agreed. 
These voltages also form a basis for considerable sim¬ 
plification, as compared with conditions hitherto 
prevailing. 

Appendix I 

International Electrotechnical Commission 

Proposals op the Swiss Committee Regarding 
Standard Voltages for Three-Phase Currents 

A. Proposal. At the meeting held on the 21st 
April, 1925, at the Hague, it was decided to submit to 
the National Committees the following proposal of the 
Swiss delegate, M. A. Huber-Ruf, in regard to the 
standardization of high pressures. This proposal was 
inadvertently omitted from the Minutes R. M. 22. 

The three-phase pressures proposed by the Advisory 
Committee on Standard Pressures, which'bear to each 
other an approximate ratio of l:Vs, should be modified 
and fixed as shown below, in order to make star-delta 
interconnection possible. 

Two series should be formed, one starting from 10,000 
volts and the other from 100,000 volts, as follows: 

1st series. 3300 5800 10000 17300 

2nd series.... 33000 58000 100000 

It is recommended that the pressures of 3000, 6000, 
and 15,000-20000 volts should be replaced by the pres¬ 
sures of the first series above,.and pressures of 30,000 
and 60,000 volts by those of the second series, in all new 
installations or when important additions or modifica¬ 
tions are made to existing installations. 

B. Explanation of the Reasons for the Proposal. The 
rational manufacture in series of three-phase machines 
and transformers requires above all the use of standard 
pressures interrelated by the ratio 1:V3. This scale 
is the only one in which a standard pressure is obtained 
when the change from star coupling to delta coupling, 
or vice versa, is made. 

The foregoing proposal satisfies this requirement for 


the most commonly used pressures and will also make it 
possible to establish in the future a standard series of 
high three-phase pressures as rational as that which 
has been fixed for low three-phase pressures on the 
basis of the ratio 1:V3. 


Appendix II 

STANDARD VOLTAGES, R. M. 42 
A. Decisions of the New York Conference of 
I. E. C., 1926 
1. Voltages, Cl ass A. 

TABLE I 


Voltage at Consumers’ Terminals 




Alternatin 

ig Current 

Series 

Direct Current 

Single-phase 

Three-phase 


1 X no 

1 X no 

110 


2 X 110 

2 X 110 

127 

I 

4 X 110 

1 X 220 

2 X 220 

1 X 440 

1 X 220 

220 


1 X 115 

1 X 115 

115 


'2 X 115 

2 X 115 

133 

II 

4 X 115 

1 X 230 

2 X 230 

1 X 460 

1 X 230 

230 


a. Each country must decide either on Series I or Series II. 

b. The values given for three-phase are the voltages between line and 
neutral. The voltages between phase leads corresponding to the given 
values between line and neutral must also be considered as standard 
values, e. g., 380 volts. (This note will be added to the table drawn up by 
the I. E. C.) 

2. Voltages, Class B. • 

a. THREE-PHASE VOLTAGES 
TABLE II 


Nominal I. E. C.Volt-i 


ages Mean Value at 


Consumers’ Terminals 

Maximum Voltages 

1,000 

1,100 

3,000 

3,300 

6,000 

6,600 

10,000 

11,000 

15,000 

16,500 

20,000 

22,000 

30,000 

33,000 

45,000 

- 50,000 

60,000 

66,000 

80,000 

88,000 

100,000 

110,000 

150,000 

165,000 

200,000 

220,000 

300,000 

330,000 


d. uenmtion of nominal high voltage:" The nominal high volt 
shall be the mean voltage at the consumers’ terminals and shall bo ca 
nominal I. E. C. voltage of the network of that voltage range. 

c. The maximum voltages at the generators and secondary terminal 
transformers shall be considered to be about 10 per cent higher than 
mean voltages at the consumers’ terminals. The values are included In 
above table, 

and 111131111111111 values of the voltages according 
°“° trtas w “ te ' ,or,tin8 “““* 

T “ 6 V0lt0e,5S wUch ln hMvy * 
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Discussion 

papers on voltage .standards 

(Summukh ui:s wall vmrkk. A ; iic; .1 x«; i:»i, Su.vku and 11 aim»- 
(Ii»;ah 1 Si in Kiu;uiiaui»t and .Ion ms, Minou, . 

II! id u ID 1 ‘ 

Xkvv Vuisk, X. V,. Fmuui’auv 0. 1027 
(>. Jnmtexom This di mi inn was organized for the 
purjiose of presmiting this \oltiigi* qimslion in such a broad light 
Ilia! if may arouse a titiif y of purpose him I a spirit of compromise 
so 1 1ml following this pi’o ontation there may ho substantial 
progress tcnviu’tls oil hoi* a sell lemon) of l ho question or a 
dotimto statement that perhaps wo are too far apart, over to 
sol ih* it . 

A fow reference . may ho mittlo to previous work. Thin subject 
was recognized as preeminently important h.v tho Electrical 
Apparatus <’ommittoo of the X. E. L. A. about 1021 amt 11122, 
willi purlirulur roforoiioo to 0110 of its several aspects, naiuoly 
IratisforiiMTH. A?> a result tho 1022 standard of tho Electrical 
Append hm f "oiotnif loo for t ho t rmmformors was compiled anil 


HO volts. Tho inherent spread in voltage encountered in the 
manufacture of carbon lamps induced a corresponding spread in 
voltage on the part of central station lighting companies so that 
in tho early years of the century lamps were supplied in a large 
number of voltages between 100 and 130 volts. After the advent 
of the drawn-wire tungsten filament, the spread in voltage in 
lamp manufacture ceased. The outstanding voltages of greatest 
demand wore 110, 115, and 120 volts, wherefore the lamp manu¬ 
facturers started a movement to centralize the lamp demand on 
these three voltages. 

The original 110 volts continued to bo the favorite voltage 
until 1010, when the percentage of demand at this voltage was 
exceeded by I hat at 115 volts. 

In 1023 the National Electric Light Association put forth 
tho recommendations in reference to standardization of service 
voltage as quoted in the paper by Messrs. Hanker and 
Summerlin,yes.' -1 

The percentage of total lamp demand at 115 volts has risen 
continuously, and for 1020 stands at 47 per cent. For tho last 
seven years there has been a steady decrease in the demand for 


approved. 

In 1021 fie* juiumfurftin r > began to complain that less than 
50 per cent of the power transformers were being ordered in 
accordance with these standard's and an investigation by the. 
Transformer t’omimtteeof the \ K. L. A. revealed that not only 
was a revision of the 1922 transformer standards necessary hut 
that any such revision should fake into account the whole system 
from the generator to the eon-mming device. 

In Itt’itl the International Fleet m Technical t ’omntis. ion 
held a meeting in New York, at which time standard system 
voltages was a major topic in the program, and it became evi¬ 
dent that the l ulled State** was unable to present anything like 
a nationally endorsed schedule of system voltages. 1 in* recogni¬ 
tion of this dilemma brought about a serious committee activity 
which lia« crysfidli/.od into this symposium. 

Ah l wiid in the beginning, it is but an expression of a very 
earnest endeavor to bring ab oil some unity of sentiment on this 
subject. 

President t‘he*Hey in hi* address* on February 7 stressed the 
topic of Htundardi/at ion and the Just it tile's obligation in this work. 
In the appreciative re>>pome?* to his appeal, a suggestion "us 
altered, and that particular suggest ion seemed to me to be pnr- 
ticularly worth our eomuderntion. The *ub*tiuie«of it was that 
wo accomplish our end?* i meaning the greater elliniey in out wink 
of attempts at wealled standardization) by a somewhat dimin¬ 
ished stressing of that term. That in to any. instead of stressing 
the word "’standard," letN see if we can’t nwi some other word 
perhaps that will help in bringing about what we desire. 

If, for example, we can convey to engineer* t hat w hut we really 
are seeking is not in the nature of the absolute which the word 
••standard” alwavs suggest* nor of that lived character, nor a 
futile academic ideal, but the ideal that engineers as ecouoi.ustH 
all really appreciate, namely* that we ought to unify tuu t u it 
simplify our practise, perhaps this avowed concession to contem¬ 
poraneous practise and, of course, lived capital, will at I ran 
and soften some of the irmmncilable elements now prevent ing t to 
desired uniftofttiuti. Disrating practise will change with tho 
development of the art, but we should, of course, maintain tin 
orderly direction. 

M« D» Ommr* Hinoo the focal point of all ondeavor along 
lines of voltage rtandardi/Hti«m h the ultimate service voltage, 
it may be interesting to review briefly tho development of lho 
present program of standardi/jvtiou in reference lo lighting vo 
ages arid iju'&ndoxoeiit lamp demand. 

The original Kdi -on central *uUalw practically all operated at 

SlsnrimdtmUm. *Mmm by O. O. Ohwmay. A. I. «• 
JoensAJ.. March, 1927, fNMfl# fettewiiu? p. Stt 4* 


us) m. 




Fig. 1 

] J0-volt lamps. This decrease has been accelerated in recent 
years by the increasing favor of tho 3-phaso, 4-wiro network, 
which gives an undesirably low-power voltage when operated at 
j 10 volts for lighting. In 1920 the demand for 1.1.0-volt lamps 
was only 12 per cent of the total. 

There will always be a theoretical advantage in operation at 
120 volts in preference lo 115 volts. With growing load, how¬ 
ever, it will he increasingly difficult to work line apparatus at 
sufficiently high voltages to maintain 120-volt service at peak 

load. . .. „ 

With the added impetus which will be given to operation ol 
the new network system at 1 15/200 volts by the probable stand¬ 
ardization of a line of 200-volt motors in the near future 
we can anticipate an increase in percentage of the total demand at 
115 veils at tlnvexpense of all other voltages. 

it is often di Hi cull, to place any cash value upon any one partic¬ 
ular step in it program of standardization. If wo go back far 
enough in the history of the art, however, and draw a comparative 
picture between conditions then and now, wo cannot ail to see 
the great advantage of standardization. For example, m the 
Year 1900 standardization was just beginning to be felt in the 
matter of incandescent lamps. At that time there wei eo princi¬ 
pal sizes of lamps ranging from 2 to 32 candle power and m most 
of these types there were available 4 types of h lament eonstru > 
lion 3 different efficiencies of lamp, 3 different finishes of bu >s, 
30 different voltages and 13 different bases. Multiplying all 
these factors together we find that there were more than *>0,000 
tv lies or lamps in current demand, At the present time with 

much greater range of size, viz, .10 to 1000 watts with one 

standard efficiency, base, filament construction and bulb tor 
every size of lamp- one typo of bulb finish for tho majority of the 
liW m d only 8 voltages, the number of lamp types for general 
Wing has decreased from 50,000 to 54. The completion of tho 

xTvotUw Standardization of A-C. S ^msbyF. and 

H. It. BummorlmytiH, A. I. K. K. Journal, May, ’ 
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voltage standardization as recommended by the National 
Electric Light Association will still further reduce this number of 
types to only 18. 

The writer had occasion to see what standardization means in 
ordinary business on a recent European trip. In Vienna there 
was a lamp manufacturer who maintained a factory stock of 
about 3,000.000 lamps. The biggest single item (lamps of the 
same description) in this stock was one of 3000 lamps. This 
condition resulted from a lack of standardization wdth its resul¬ 
tant complication in requirements of different voltages, style of 
lamp, bulb finish, bases, etc. In a factory stock in this country of 
approximately the same total size the largest single item was 
40-watt, 115-volt lamps of which there were 198,000, or about 
70 times as great a stock of the most popular item as could be 
maintained under the European conditions of non-standardiza¬ 
tion. The greater availability of the product under conditions 
of standardization makes, for much more convenient commercial 
sendee as well as greatly decreased cost of warehousing, 
less investment in stocks, less delay, duplication of ship¬ 
ments, etc. 

No one needs to speak to the electrical industry in this country 
on the advantages to be gained by standardization, and I draw 
this parallel to emphasize more fully the advantages that can 
accrue to us by a thorough standardization from the lamp 
back to the generator. 

C. E. Skinner: It seems to be -well established that we need 
national industrial standardization. In the electrical field, there 
has been considerable effort, particularly through the work of the 
I. E. C. to bring about international standardization, especially 
with regard to fundamentals, such as the basis of rating. This 
effort has been continued for a number of years and further prog¬ 
ress was made at the meeting of the I. E. C. in New York, April 
1926, where this general question of voltage standards was 
considered. 

Unfortunately, international accord seems difficult, due to the 
fact that in Europe they have been inclined to use the even 
thousands, while we in America have in general adopted voltages 
which are multiples of eleven. The lack of voltage standards 
is responsible for much of the confusion and non-standardization 
in international electrical trade. For example, a manufacturer 
of incandescent lamps doing a truly international business, is 
forced to manufacture something over 70,000 sizes, types and 
varieties. This makes mass production, as we understand it, 
impossible. 

International standardization is of importance to everyone 
having anything to do with international trade and in trying to 
arrive at national standards we should continuously keep in 
mind the desirability of international accord wherever this may 
be at all possible. 

A. H. Kehoe: I assume it to be generally accepted that the 
“mean lamp voltage” is the proper basis to use in any standardi¬ 
zation of voltages. Some of the papers fail to indicate that 
standardization has not been rigorously adopted but is still on a 
tentative basis with three recognized lamp voltages, namely, 
110,115, and 120 volts. It appears that the immediate practical 
result to be sought is simplification or unification of practise, 
rather than hard and fast standardization which is likely to be 
too narrow to be suitable for future requirements. Last year’s 
Electrical World 'statistics recorded over 50 per cent of the resi¬ 
dential customer being supplied with 110 volts. Data presented 
today indicate 120-volt lamp use to be 35 per cent of this class 
of lamp. With these conditions existing it appears evident that 
simplification, particularly of the lower voltages, may be possible, 
but standardization of voltages or equipment unless broad enough 
to cover such conditions would be standardization in name only, 
similar to former eases mentioned in the papers. 

I differ with statements in certain of the papers which indicate 
that adopted standards are endowed with properties whereby it 


becomes a moral duty to adopt them. It is recognized that con¬ 
tractual obligations, in the absence of other specifications, are 
controlled by existing standards, and the responsibility for the 
operation of apparatus outside of standards when not covered by 
specifications places a responsibility on the operator which 
would not otherwise be present. In practise, probably most 
of the departures are covered by specification, and I hold the real 
concern should be for the blind follower of standards regardless 
of their value for his conditions. For instance, consider the sys¬ 
tems equipped with the present standard transformer—this 
group of papers indicates how inadequate they are for proper 
operating conditions. I disagree with the statement in the 
Hanker-Summerhayes paper that “The design of electrical sys¬ 
tems contemplating the use of apparatus under conditions more 
severe than sanctioned by the A. I. E. E. standards should be 
discouraged.” In certain instances, equipment is (and, in my 
opinion, should be) purchased with insulation in excess of the 
values which are standard at present, and if conditions warrant 
the use of apparatus with less than standard values, I see no 
moral reason why it should not be done. To discourage such 
action is merely to retard progress temporarily. When varia¬ 
tions from standards become of economic importance, changes in 
standards should be considered. These cases do not have the 
hazards of a steam boiler, and are not incorporated in the safety 
requirements of the industry. 

It appears possible to me for present conditions to be covered 
by modifying minor details of the proposals made in the different 
papers so that a large percentage in the industry can adopt a 
unified practise. To do this it will be necessary to recognize that 
we have three “lamp base” voltages, that important economic 
results are to be obtained by unification, and that the standards 
are very likely to require changes from time to time as develop¬ 
ments in the art change the economics of the situation. If the 
first step is comprehensive, further simplification at a later date 
will doubtless be possible. What the future simplification is 
likely to be should be indicated only in a general way so that 
future progress will not be delayed if new conditions require 
changes from what is indicated at present. 


W. F. Dawson: This standardization of voltages means 
much to all of us, but it appears that in starting out for stand¬ 
ardization, existing practise has been ignored. 

It is now proposed to make standard voltages 5 per cent higher 
than heretofore and to permit an operating leeway between plus 
5 per cent or minus 5 per cent. Previously the plus or minus 
margin of 5 per cent was permissible but with the understanding 
that standard temperature guarantees did not apply; in other 
words, the departure from standard voltage was assumed to be 
an overload condition. Now apparently, it is proposed that in 
addition to raising the standard voltages 5 per cent, we are also 
to guarantee standard temperatures with 5 per cent margin, 
which is equivalent to raising the voltage standard 10 per cent! 
Many operators have come to consider dynamo-electric ma¬ 
chinery as capable of overloads and special operating conditions 
much beyond the specifications. They found apparatus rather 
generously rated, but overlooked the fact that competition has 
been gradually driving manufacturers to adjust ratings more 
nearly in accordance with performance ability. 


- - -- —— w jjiujjustus, uni veniui 

tne hope that one year, or five years from now, we shall not 1: 
confronted with another new “standardization” which will nc 
be standardization, but actually “destandardization.” 

Many of the smaller turbine alternators are built in advanc 
on stock orders and when special requirements are insisted upoi 
it means that these standardized and stock machines cannc 
be utilized. Special requirements mean that machines must It 
built to order, and involve special development which adc 
greatly to the cost The time required for building the apparatr 
is also increased substantially. 
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J. H. Foote: Perhaps it is all right to standardize the volt¬ 
ages on the basis of utilization voltage. But we don’t -want to 
forget that the correct basis for apparatus design is not the 
utilization voltage or multiples thereof. In my opinion, the 
correct basis is the maximum voltage to which the apparatus 
will be subjected under the maximum load. 

For instance, we may say that the correct utilization voltage 
is 115 volts in terms of a distribution system with 20-to-l ratio 
transformers. We can say that the nominal for the distribution 
voltage is 2300 volts. That is fine, but don’t buy 2300-volt 
generators and don’t buy 2300-volt secondary transformers to 
feed a 2300-volt system, or you are in just the same trouble that 
you are in now. 

That is what caused all this trouble—a generator which has 
a voltage rating and which was designed to supply that voltage 
at full load. That means that the generator will probably be a 
2500-volt generator. The paper of Messrs. Silver and Harding 
bring that our very nicely. 

Their paper seems to recognize the actual voltage situation 
more than the other papers in that they figure out what the volt¬ 
age should be, but apparently have not the courage to say that 
voltage is impossible and, therefore, they will change the trans¬ 
former ratio. To jump from the 2300-volt class to the 6600- 
volt class, a 6600-volt system is just three times a 2200-volt sys¬ 
tem. Therefore on the same basis on which we say a 2500-volt 
generator would be needed for a 2300-volt system, a 7500-volt 
generator would be needed for a 6600-volt system. 

Just double that and you have instead of a 13,200-volt genera¬ 
tor a 15,000-volt generator. 

You say, “That is impossible.” Well, it is done. Much 
13,200-volt equipment is now operating under full-load conditions 
at potentials largely in excess of 14,000 volts, and the only reason 
they don’t operate at 15,000 volts is that the machines would 
probably burn up if operated at that voltage at full load and 
some of them do burn up once in a while. The temperatures 
run to excessive degrees, and the operators change the ratio of 
their distribution transformers from the 120-to-l ratio, to a 
lower ratio by dropping down on the 5 per cent tap. 

That means that in place of using the taps in our transformers 
for line regulation or for transformer regulation, we have to use 
that range because of the inability of the generator to produce 
a dequate voltage. 

Now that is the fundamental picture that comes to me when I 
think of this transformer standardization. I always have to 
think of the starting from the utilization voltage. Most of us 
are led astray in these profiles by starting at the generating end 
of the transmission system. We should start with the motor and 
the lamp and see what the voltage must be to supply their 


and because the manufacturers found it convenient to limit the 
tap range to 10 per cent. Ten per cent has been shown in any 
number of transmission systems to be an inadequate range. 

This is brought out in one or two of the papers, and most of us 
who operate systems involving ups and downs and transmission 
distances know that 10 per cent is not enough. The remainder of 
the required range is taken out by over-voltage apparatus. 

We have found in the systems I am connected with, that a tap 
range of 16 to 17 per cent seems to be indicated as necessary in 
an interconnected system for transmission transformers. That 
does not mean distribution transformers. It is our opinion that 
distribution transformers should be without taps; that is, the 
generator voltage is adequate, and straight-ratio transformers 
and proper feed regulatoi's are used, but there is no necessity for 
taps in a straight distribution transformer. 

Another difficulty is that due to following present standards 
we have been using not only generator voltages but also trans¬ 
former secondary voltages, which are too low to supply adequate 
voltage to the distribution systems. 

Perhaps the last difficulty, which has not been really brought 
out in this meeting, is that in the years that have passed, people 
have adopted two different schemes of raising the voltage on 
their system. One is to use multiples of two. For instance, a 
man who had a 6600-volt system, some day when he needed it 
doubled his voltage, and then he had 13,200. The other man 
bought the 6600-volt transformer, and instead of doubling his 
voltage he ^-connected it and got 11,400 or thereabouts. 

Then a third man adopted 11,000 volts as his voltage. And 
so there are at least three voltages all in the same range and we 
wonder why they aren’t the same. 

Any new standard which we may adopt, which will displace 
those three lines of transformers or unify them must have a 
sufficient range of taps so that it will take care of the situation 
adequately and in following these proposed standards, limiting 
the taps to 10 per cent or so, that is impossible of solution. 

In the solutions which are offered, I note a dread to change 
the name of the voltage. Instead of that we change the ratio of 
the transformer. I seriously question that we should do that. 
Transformers are rather flexible. We have thousands of them 
already installed and in supplying the new standard transformers 
to operate on the same system they must, of course, have approx¬ 
imately the same ratio. I think that, that has been brought out 
by Mr. Kehoe in his discussion. 

There is another matter that seems to complicate the situation. 
That is, that all the new standards are proposed to be nominally 
rated. This was started four or five years ago and is a reversion 
to the old standard of rating at the receiving end and applying 
certain factors to take care of the drops and the like. It gets us 
into trouble. 


requirements adequately. 

Now there are some more complications that make the present 
situation, I believe, besides this tenacious hold on the 11-multiple 
and the like. One is that most of us are using standard distribu¬ 
tion transformers which are of straight ratio. Five or six years 
ago the Transformer Committee changed the ratio of the trans¬ 
former stepping down to primary voltages from standard to a 
little off standard at that time. For instance, they changed from 
13,200/2200 volts, which was the former standard, to 13,_.0U/2rfUU 
volts, giving us 100 volts boost and helping out the situation 

somewhat. 


Now we have all those transformers and we have the present 
venerators and we have a situation. The solution that we must 
arrive at is something which will utilize as much of this equip- 
nent as possible, and I do not think that the solutions as proposed 
generally take adequate care of that situation., 

There is another reason for our difficulty. We have without 
bought for many years brought transformers with either four 
iy 2 per cent taps, or two 5 per cent taps, because it was standard 


For instance, take the 132,000-volt class of transformers. A 
voltage of 132,000 is largely a nominal voltage and means abso¬ 
lutely nothing. If a man buys a 132,000-volt transformer, we 
would not know what he was talking about unless he specified 
whether it would have one 5 per cent tap, or two 5 per cent taps 
in an extended winding supposedly to hold voltage under load. 

That would mean that the extreme ratio of the transformer 
would give a no-load voltage of about 145,000 volts. If ve rate 
that a maximum-rate transformer it would be a 145,000-volt 
transformer, and according to the present A. I. E. E. standards 
would be subject to a considerably higher test than a 132,000- 

volt transformer. _ . . 

Therefore the proponent of the nominal rating says that it is 
to our advantage to rate apparatus nominally and supply over¬ 
voltage specifications in order that the A. I. E. E. test be not 
increased and, therefore, the expense of the equipment. 

I think that that is a subterfuge. If the A. I. E. E. test at 
132,000 volts is adequate for a transformer with a top-tap ratio 
giving 140,000 volts, then the thing to do is to change the 
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standards. Instead of making them twice normal plus 1000, 
make them 1.9 normal plus 1000 or anything else. But why 
try to fool ourselves about this situation? 

Another difficulty is that by nominally rating equipment, the 
manufacturer rates his insulated apparatus, such as the lightning 
arresters and oil circuit breakers and other apparatus, at that 
nominal rating. This means that any engineer who is desirous 
that the apparatus be adequate as regards test voltage must go 
into the next class if he is honest with himself and specifies a 
transformer at the maximum rating. 

It seems to me that such apparatus should have the division 
point half-way between one class and the other class. This is 
particularly true of lightning arresters, because the performance 
of the arrester is absolutely dependent upon the actual voltage. 
Rating a lightning arrester at a maximum of 138,000 volts and a 
minimum of 126,000 or something like that, which is established 
practise, means that a system having 140,000 volts must either 
have special apparatus, or else must go into the next class which 
is 154,000. 

If the division point between the 132,000 volts and the 154,000 
volts were made at something around 147,000 volts just about 
half-way between, then the range of apparatus would fit the 
standard more adequately. 

As I see it, the result, if we go ahead on any such basis as has 
been proposed, namely to change the distribution transformer 
ratios in order to keep the names correct, not a present standard 
and a present special, but a new standard, an old standard, and a 
present special. We are going to have three sets of transformers 
in a few years instead of two, and I should like to emphasize that 
in my opinion any new standard must be decidedly broader in 
sccpe than anything that has been offered yet, in order that it 
may not only include the present standard of transformers, but 
may also absorb as many of these present specials as possible. 

This circuit-voltage rating is something I should like to men¬ 
tion. This A. I. E. E. definition, I believe, should be clarified, 
the definitions for the purpose of fixing a value to be used in 
designing and testing electrical apparatus. The rated'voltage is 
defined as the highest rated voltage of the apparatus. That 
means that if you rate a machine at anything less than maximum 
voltage that is the rated voltage. That keeps the test down and 
cheapens the apparatus without changing the test definition, but 
the A. I. E. E. says, “This voltage rating applies to all parts of 
the circuit. The actual operating voltage may vary from the 
rated circuit voltage but should not exceed it.” 

We are proposing in these new standards to exceed the voltage. 
If that is all right, the A. I. E. E. rule should be changed. I 
think the A. I. E. E. rule is all right except that it should say, “It 
must not exceed it,” instead of “should.” I t hink we should 
bring the ratings of our systems up to what they really are. 

To summarize the situation, as I see it: Adequate standards 
must be technically correct, or else engineers who really think 
they have worked out the solution adequately will continue as 
they are at present to buy so-called special apparatus. These 
new standards must include as much as possible of the present 
special standard apparatus. They must be based upon premises 
which will avoid the mistakes of the past, and I think the present 
standards are merely trying to make standard equipment which 
has been proved to be inadequate in the past. 

They must recognize transformers as ratio machines only, 
with a certain maximum voltage rating. They must have an 
adequate tap range, which inter-connected systems find is at 
least 15 per cent, although full capacity is not necessarily re¬ 
quired above 10 per cent. 

Generators particularly must be rated at maximum voltage in 
order that injurious heating will not be experienced. Transform¬ 
ers should be rated at maximum voltage in order to clarify the 
situation and work in accordance with the present A. I. E. E 
installation standards. 

Finally, the general apparatus names should be such as to 


place the nominal rating of the apparatus midway between the 
maximum and minimum ratings of the new standard itself. 

F. L. Hunt: It is not difficult to pick out details in the va¬ 
rious papers which have been presented with which we disagree, 
but I believe, if possible, this discussion should be confined to 
the general features of the question before us. 

I am willing to express my opinion as to one of the general 
points under discussion, and that is that we should base our 
standardization on the idea that power will flow in two direction's 
on most of our important circuits. In general terms, I like the 
idea that Mr. Argersinger has proposed. 

H. C. Sutton: In my opinion, generators should be designed 
to deliver full rated output throughout a range of 10 per cent 
above or below rated voltage. The manufacturers’- proposal 
of 5 per cent voltage range does not give sufficient flexibility for 
operation. 

There is one other point that I particularly want to stress, 
and that is, the difficulty due to the present rating of apparatus 
for voltages above 66 kv. For instance, step-down transformers 
have a voltage rating in multiples of 11.5 up to 69,000 volts. 
This same rate should apply for the higher voltage ratings. 
There is no logical reason for changing the multiple to 11 when the 
figure of 6900 volts is exceeded. 

N. B. Ames: It seems to me that we have overlooked the 
main point in this proposition entirely. After all, is it a matter 
of the particular voltage to use or is it a matter of regulation? 
That seems to me to be the answer to the question. There are 
two very practical theories in conflict here, of course, (1) whether 
we shall have excessive reactance in our transformers and gen¬ 
erators producing poor regulation and ample protection, or (2) 
whether we shall reduce this reactance and get better regulation 
and depend upon our protective devices to give us the protection. 

Eugene Vinet: To my mind the essential thing to decide as 
a first step is what planes or levels of voltages we want to take 
as standards. That is to say, do we want to take, say, 33,000 
volts as a standard or do we want to take 44,000 volts? Whether 
it is 33,600 or 31,500, etc., is only a matter of fluctuation or regu¬ 
lation as a result of the usual operation. What we have to decide 
are the planes of voltages that we want to use. 

One thing which strikes me in these proposed voltages is that 
there are too many of them. The purpose of standardization 
is to reduce to a minimum. My feeling is that we should suggest 
only approximately 7 or 8 voltages. I speak from personal! 
experience with the organization with which I am connected. 
Some two years ago we felt that there was a necessity for a 
standardization of voltages, as, owing to the growth of loads, 
a good many of the transformers became obsolete, and when we- 
wanted to do some interchanging of transformers we were- 
hindered because the voltages were too varied. We found on a 
survey of our conditions that we had 21 different voltages. 

We have standardized on seven, which is a considerable- 
reduction, and have tried to make everything as simple as pos¬ 
sible. That was two years ago. Now every one is fairly well 
agreed that it has simplified matters considerably and has been 
of very great help in operation and interchangeability of material, 
not to mention the saving in money. 

It seems to me that it might be well to make a definite issue 
of certain voltages, and debate them and see whether we can 
agree on them. For instance, some people favor 11,400, others 
13,200. In our own case we have standardized on 11,400 volts, 
star. The reason for that is because we have a great many 
rural lines which are growing all the time. We felt that the thing 
to be considered first was the distribution in preference to the 
generation, because we have got to give service and that should! 
be me dictating factor. * 

In the case of rural distribution, very often the loads did not. 
warrant voltages of 13,200. We can start at 6600 volts very 
often single-phase; then we make it three-phase, and then as the 
load grows we star it and get 11,400. That suits our purpose 
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vorv nicely. We also standardized on MO,000 volts. It was a 
quasi ion whether \v »* should go up directly to (>0,000 volts, hut. 
for economical reasons wo felt that it was advisable Itmtaliua 
step between 11 kv. and 00 kv. Wo lmvo situations whore wo 
have relatively .small towns to roach for service. In scattered 
communities we may have a town of f.OOO people or thereabout 
to serve. We may have to build 20 or 2a mi. of line to reach 
(hat town with smaller places to be served from such a line. 

If would not he economical to build a 00,000*-volt line. V\ e can I 
build it at 11,000 volts because if won’t give the semen, There- 
fore MM kv. is u very nice intermediate step. That was one 
reason for our MM kv. Then we c.o up to 00 kv. and IM2 kv. 

'1’he lower vollar.es are 1 la, 2M0, and 100. Then we have 2M00 
delta or'1000 sdnr. Those are the only standard voltages which 
\V(» have, We take care of voltage variations by means of taps. 

I am mentioning these voltages because they may otter some 
ground for discussion. We have been very happy with these 
f(HV Volta pi *s so far, 1 miejd mention in connection with the 
0000 volts 11,100 star that it might be a {food thine; to go up to 
OSKK) volts or 12,000 volts .tar. It occur., to me at this time that 
if Jiiipld be a way of emuprnmi dug with the advocates of 10,201) 
Volts. There i n't any doubt that there will have to be com¬ 
promises. 

Ko far as we are concerned, we feel co much the importance and 
the benefit of stundnrdizatmn in volumes, that we certainly will 
do everv I hint' we can I n c»loperat e in this movement and help ret 
it, over if possible. 

1'k <!„ Stonei It seems to me that there are certain funda¬ 
mental principle brought out in this demission llutt we can all 
vvi-ll recognize, Tim tint one i that sfandardizal ion will start, 
at. the utilization volume, We have heard there were three 
utilization volume: 110, lb., 120. 1 wonder if it means that, 

we have font art with t hr. -e different standards and build up. 

The second point i that we mu 4 recognize the voltage 
regulation or drop in the tram mi- ion system. This varies 
widely on different .cystoma, being mmll on some and large on 
others but in any event, in the general problem of volume stand- 
ardizuliou, the volume drop in the various parts; of the Inina- 
ndwinii distribution .* t< u. must be recognized. 

That itn am. 1 think, fundamentally that the old setup ol 
KMo-l ratios for 1 ran formers amt multiples of lb to ! mtuei 
jk no longer acceptable, and we must break away from that 

nyfUem of ratio' to soiuelhiim else. 

' The suggestion that 1 »i h to offer for immediate eon: ideralmu 
if< that tim essential mechanical features of power tram formers be 
atimdnrdized, The. is done to a eornddemble extent nf the 
present time but might be carried further. By meehaumal 
features 1 mean ilm core, bmhiim*, end frames, tanka, termuml 
boards, terminal urrangeimmts, number of taps, number and 
arrangement of outgoing h ad . With these elements standaii -• 
i/.ed, the aettml number of turn* in tie* winding, tie* ratios, and 
the exact, location of taps in the winding might *«• 1,fl 114 ll,n 
lowest-cost flexible link in the irawumwdou .system, to be worked 
euk to meet to best advantage the local conditions which are 
peculiar to any particular system. It hardly seem reaona > e 
to install on the system which lists very low volume drops 
transformers which are designed with perhaps to per cent and 
20 per cent full capacity taps, to meet conditions on aystemH 
lmvum lorn; overhead trmmmiwion and correspondumly high- 
volume drops, 

ft. Ci, Jamlesom Mr. Stone luts enumerated some funda- 
mentals that apply particularly to transformer*, and there are 
others apply ing to transformers which will probably make t to 
wisdom or Much tditmlimlt/nlion apparent, an we iind ourselves 
requiring exciting transformers and series transformer nnd tap 
changer* and plum.* shifters and various tdher auxiliaries, that 
are now coming to be recognized as necessities with .large trans¬ 
formers in the larger and more complex systems. 

Of course there are standards to be considered m connection 


with generators. It is proposed by one of the authors that a 
simple way to get more ilexihility without, greater complication 
is to increase the range of generator voltage. That is something 
that might be discussed profitably. If, for example, we assume 
that generators will be built to deliver energy on the busses at 
25,(MM) or M0,(100 volts in the near future, perhaps we have more 
to think about, in that connection than we nmv have when we are 
generating at pressures below 15,000. 

It. is quite a simple matter to specify any voltage and get any 
voltage in a generator so long as you stay below 15,000 volts, 
but before very long on aecouut of general desirability of a lower 
current in t hese large machines, we shall probably see liigher- 
volutgo generators, and then it may not be so easy to got the 10 
or 15 per cent range suggested by the simple device of varying 
t lie voltage. 

There are other fundamentals in this problem. There is the 
general question of means of limiting the necessary voltage 
range, such as is accomplished in part by the use of synchronous 
condensers. 'Pie- Pacific Coast companies are using 1714 or 
20 per cent tap ranges partly because the use of the devices 
really makes it possible for them to keep within that range. 

We to knew whether we must, allow our systems to 

respond to this upward urge or trend of voltage that seems to 
be so evident. We need to know, in order to meet that, on. what 
basis a gradation of steps in system voltages is to bo founded. 
We need to know whether they are to bo on a Y-della basis or 
on a preferred-number basis or on the basis of approximation of 
our old standards or what not, 

We need to know whether those steps can be met by apparatus 
having sullieieut flexibility without being out of the pale of the 
standard dans, or whether wo must allow in our contemplated 
schemes for a very extended number of steps which will give us a 
minimum in flexibility requirements ol individual apparatus 
forming, part-of the system. 

We need to know whether or not, the problem of high voltage 
resulting from open circuits is something that, can he succensfally 
taken care of. 

in connection with the fundamentals of this matter, the 
Commit fee has made a survey and has been able to get almost 
universal assent to the basic acceptance of the principle (if 
utilization voltage as a standard of reference lit connection with 
any standard -voltage system. Thai, point has been, we con¬ 
sider, gained and we hope it, won't be upset, though of course if it, 
need be, it will be l presume. 

Another point referred to by Mr. .bums, namely the question 
of rated circuit voltage or, as lie put it, the system voltage, was 
fixed by the Committee and approved by the Institute. Now it 
would lie possible to undo that also, if necessary, but 1 mention 
that, as another achievement of the Committee so that you will 
understand that, at least two of the fundamentals necessary 
in consideration of a standard system voltage have boon, wo 
think, sulliciently set tled so the discussion may proceed on that 

assumption. . 

(1. K» tSktnacn At the meeting of the International hleel to~ 
technical Commission in Nmv York last spring, sonic of our 
Kuropcun friends brought to us the term, "voltage zones" 
and if, seems to me that this is a very apt term in connection with 
certain features of our standardization program. By “voltage 
zone." is meant a certain range of voltages Between which all 
dielectric, tests for apparatus are to be the same. This would be 
of distinct, advantage in allowing manufacturers to stock such 
parts as out let bushings and other feat ures of design which have a 
dclimlo limit due to the dielectric test. In many cases, it would 
probably be cheaper to take an outlet bushing, for example, from 
the next zone than to manufacture one for a speed Ho purpose 
which happened to fall just, beyond the part icular zone. I would 
suggest, that this question of voltage zones be kept lit mind in 
connection with this standardization proposition, especially with 
regard to the application of dielectric tests. 
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R. K. McMaster: An important point is the breaking away 
from any attempt to have transformers of a single ratio suitable 
for use on both the 6600- and the 7200/12,470-volt systems. 
There should be a ratio of 2-to-l between the % oltage ratings of 
transformers for the 6600- and 13,200-\olt systems and a ratio of 
3-to-l for the 2400 4150- and 7200/12,470-volt systems. 

In the paper by Messrs. Silver and Harding the recommenda¬ 
tion is made that 120 volts be the accepted secondary voltage for 
transformers of the seiwiee class. This is quite a step forward, 

' and also will do much toward the consolidation of the 12,470- 
and 13,200-volt systems. There is only 6 per cent difference 
between these two voltages. It would be quite possible to have 
a tap at about that point, or even to use one of the standard 
taps for 13,200-volt transformers. In the same paper it is 
recommended that the voltage ratings of motors for use on 6600- 
and 13,200-volt volt systems should be reduced. This is a good 
idea and will go a long way toward avoiding step-by-step in¬ 
creases above these voltages. 

One of the disadvantages of the 13,200-volt system is that 
twice this voltage, namely 26,400, is not standard. Might it not 
be that the real purpose of standardization would be served by 
adopting 16,500 volts as a standard voltage, this being half of 
33,000 volts? 

It is very important to maintain the ratio of 2-to-l between 
66,000 and 132,000 volts and between 69,000 and 138,000 volts, 
allowing the use of series-parallel transformer connections with¬ 
out complications due to a little lower ratio. 

In the paper by Mr. Huber-Ruf voltage ratios based on the 
star-delta arrangement of motor and transformer connections are 
advocated. In some cases this is advantageous for motors. 
It is not, however, advantageous for high-voltage systems; not 
alone for the reason that there are already at least approxi¬ 
mately standard voltages which do not allow for this, but also 
because of the grounding of the neutral which should be pro¬ 
vided for at certain stations necessarily and at others 'as prac¬ 
ticable to provide alternate points of grounding. 

Regarding transformer taps in general the percentages of taps 
should be standardized, rather than the number of taps, so that 
transformers having a non-standard range of taps will parallel 
with standard transformers. Simple figures are desirable for 
tap voltages. An example of this would be the use of 64,500-, 
63,000-, 61,500- and 60,000-volt taps for 66,000-volt trans¬ 
formers. There will be a readjustment of parallel operating 
conditions in any event in connection with standardization of 
percentages of reactance as well as standardization of voltages. 

It is also desirable to give considerable attention from a 
standardization viewpoint to the phase angle between lines of all 
voltages, in the higher ranges to facilitate interconnections which 
are not thought of at the present time, and in the lower ranges to 
facilitate networks supplied from systems of more than one 
voltage. 

For transformers of all ratios, with the exception of those 
involving 120 volts and small multiples thereof, it should be 
recognized that a zero phase angle is permissible, at least under 
certain conditions. The cases where a 30-deg. angle is desirable 
or permissible should be standardized so that there will not be 
more than a minimum possibility of a 30-deg. angle existing 
between systems of the same voltage in the same vicinity. It is 
also important to have the 30-deg. angle in the same direction 
wherever it occurs between systems of any two voltages operating 
under similar conditions. 

Mr. Minor s paper mentions the use of transformers having a 
ratio suitable for connection directly between the phase wires of 
4150-volt systems, permitting the omission of the fourth wire. 
Such transformers should be used wherever practicable, not only 
to eli min ate the need for running the fourth wire, but also to 
facilitate the use of the combined light and power system with 
service voltages of 115 and 199. 

P. H. Chase: I should like to ask what the manufacturers 


consider is the relative influence on transformer cost of standardi¬ 
zation of reactance, also of such things as insulation of the neutral 
lead for full-line potentials as against treating it as a fully 
grounded neutral lead? On lower-voltage distribution trans¬ 
formers, such as those for subway installation, what is the in¬ 
fluence of standardization on the number of phases? There are 
also certain dimensional and other manufacturing standardiza¬ 
tion points that, to my mind, must influence cost to a degree 
commensurate with the influence of voltage, as such. 

H. L. Wallau: The point has been raised about reducing the 
number of voltage standards in use. I think that is something 
we can all consider. The figure mentioned by one of the pre¬ 
vious speakers was a reduction from 21 to 7. I might say that in 
our own system we are gradually tending to 5, if we consider the 
2300-4600 volt class as one. Five might be plenty for most of us. 
It may not be enough for all of us. 

Messrs. Hanker and Summerhayes have enumerated five 
principles to which any proposed system of voltage standards 
should conform. These will not be challenged. 

Undoubtedly the definition of “rated circuit voltage” will 
meet with general approval, and it is obvious that equipment 
should tested in conformity with the maximum line to line 
voltage to which it may be subjected. 

The A. I. E. E. test, for transformers, Rule 6356, is twice line- 
to-line voltage plus 1000. An exception, Rule 6363 for “Trans¬ 
formers with Graded Insulation” is very vague. The manu¬ 
facturers’ present practise is to test at 2.73 times the voltage from 
line to ground. What test is proposed for this class of insulation? 
I quote in part “Such a rule . . . would definitely set the rated 
voltages of apparatus, their test voltages and maximum operating 
voltage.” 

If test voltages are to meet Rule 6356 even though induced 
in the windings must we not sacrifice graded insulation and its 
resultant economy? Should not the A. I. E. E. Standards 
Committee provide for a definite test voltage for transformers of 
this class? 

Among low-voltage distribution systems of today are some 
involving transformers with windings for 2080/4160 and 2300/ 
4600 volts delta. The proposed standards recognize only the 
2300-volt class. 

Cleveland, Detroit and, I believe, Chicago, have thousands 
of kilowatts of transformers connected of the above off-standard 
voltages. Too much is involved to discard these. By building 
transformers of this general class with coils for series or parallel 
connection, we establish the 4600-volt standard from the 2300- 
volt standard and by providing a 10 per cent tap, we can obtain 
2070/4140 volts from these, which probably would be acceptable 
to operators. 

. ■^ or new systems the 11,500-volt standard may be abandoned 
m favor of the 13,800-volt. For many existing systems it must 
be maintained and transformers for both 6600 volts and 11,500 
volts delta connection are required. The former group has been 
entirely eliminated. 


To me, another grave defect in these proposed standards is the 
lack of reversibility of power transfer, due to -the use of different 
turn ratios for step-up and step-down transformers. With inter¬ 
connections growing apace, if full benefit is to be realized from 
t cm, powei should be able to flow in the direction reverse from 
normal and the voltage delivered under this condition closely 
approximate the normal sending voltage. 

Mr. Argersinger has most clearly indicated this disadvantage 
and suggested a remedy. It merits close study. His proposed 
voltage standards retain the values made familiar to us by long 
usage and his 5 per cent over-voltage tap automatically brings 
ms system into. practical agreement with the manufacturers’. 

However, he omits the 88- and 154-kv. ratings and adds a 176- 
kv. rating. 


., .. ° w ma/uvisaoie oecause o 

considerable mileage in 88- to 90-kv. and of 140- to 154-kv. lines 
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Also the 176-kv. standard would necessitate the design of a 
complete new line of equipment and there is a permissible 
argument that a project requiring at least 176 kv. should be 
developed at 220 kv. at the outset. 

I am in general agreement with his views which, though 
differently expressed, result in standards not far different from 
those proposed, except for an additional 2% per cent of over¬ 
voltage operation suggested and the omission of the emergency 
limitation. What constitutes an emergency and how long does it 
last? Mr. Argersinger’s proposal is the more clear-cut. 

Two taps per winding as suggested by him may not prove 
enough for certain long transmissions. It should be simple 
to provide others at a slight increase in cost, when required. 

All powder transformers should be equipped with externally 
operated ratio adjusters. 

Referring to maximum voltage rated “apparatus,” when 
standards are agreed upon, cannot this apparatus be derated to 
fit, that is, name plate data changed and equipment left as is? 

F. C. Hanker: In considering the subject of voltage stand¬ 
ardization an effort has been made to investigate the possibility 
of developing a practical system of voltages that will meet the 
needs of a large percentage of electricity supply systems. 

There has been a tendency in the discussion to cite certain 
specific needs that appear of paramount importance, for a 
particular district. Where there is sufficient justification for 
certain values they should unquestionably be adopted but we 
should carefully scrutinize these suggestions to be sure that they 
are not an expedient to care for a temporary condition. We 
should be sure that they conform to a logical plan. 

The Pacific Coast has a condition where they are meeting 
distribution requirements with transformers arranged for 
11,000-volt star connection and 6600-volt delta connection. 
The decision that we burden the entire industry with costs of a 
6600-volt transformer that will he satisfactory for operation on 
11,000 volts can only be determined by a survey to see whether 
the cost is justified. In the lower voltages the difference is not 
as great as it would be in the higher classes. It is very possible 
if the demand is sufficient that it would be justified. That same 
condition exists I feel throughout this standardization.. We 
should study the conditions and where there is justification it 
should be recognized by being included in a standard line. 
Obviously it would be agreeable to everyone concerned if 
standards could be made flexible enough to meet all conditions. 
Unfortunately this cannot be done without increasing costs and 
only those that are suitable for general use would be included. 

The objection to the star-delta proposal is greater for the 
higher voltages. For example if you take a transformer suitable 
for delta connection on 66,000 volts and star connection on 
114,000 volts you must of necessity design the insulation for the 
higher voltage service. This means in the first place that the 
apparatus will cost from 35 to 40 per cent more for the star-delta 
combination than would be the case if it was designed for the 
66 000-volt service. The design must be satisfactory for insula¬ 
tion to ground and insulation between turns when operated on 
the higher voltage. This adds to the expense of those trans¬ 
formers that are equipped only for the 66,000-volt service. In 
addition to higher cost you have a lower performance ^ ve 
of these disadvantages it does not seem i desirable that the entire 
capacity of 66,000-volt apparatus should be ur ene , 

greater expense for the possible benefit to those systems that 
would use the transformers at the higher voltage. 

It is generally recognised that the greatest return from stand¬ 
ardization is in those classes where quantity production a 
possibility. Every effort should be made to reach an agreement 
on the lower voltages applying to utilization equipment, *s- 
tribution transformers, substation transformers, an p 
some of the lower transmission voltages that are) generai y ■ ^ 

In the higher voltage classes it may not be possible to secur 
a general agreement on the requirements. The range that h 


been suggested by several of the groups varies from 5 per cent 
proposed by the manufacturers to a maximum of 25 per cent for 
those eases ivhere reversal of po wer flow may be necessary. 
There are undoubtedly cases where a greater range than 5 per 
cent is necessary. We would suggest that a survey be made to 
establish the capacity of equipment that would come outside the 
proposed 5 per cent range. This study could be based on 
equipment already in service. It is probable that the curve 
would be somewhat similar to the “use-factor curve” showing 
the time generating apparatus is required to meet load conditions 
on a particular system. These curves show that the capacity 
required to care for the peak loads is in use only a relatively few 
hours during the year representing a high investment cost for 
these increments of load. If we establish the capacity of trans¬ 
formers operating at normal voltage and at voltages up to 25 per 
cent above normal, and determine a corresponding cost for 
transformers with different voltage ranges, we would then be able 
to establish the total cost to the industry that would result from 
the adoption of different zones. At the present time the range is 
based on opinion. Before a final decision is made it is recom¬ 
mended that a study similar to that proposed would be of value 
in establishing the most satisfactory range. 

On the higher voltage transformers it is not the actual turn 
ratio that is so important as a standardization of the voltage 
classes. Such a standardization would minimize the number of 
designs necessary for the manufacturers and result in a reduction 
in development costs. With such a standardization the mechan¬ 
ical construction of the core, insulation structure, tanks and 
terminals could be standardized and advantage taken of this 
condition. 

Ernest Prafist: I should like to comment on these papers 
and the discussion largely from the point of view of the 
manufacturer. 

A n umb er of years ago, tlie operators of public utilities and the 
manufacturers of electrical apparatus undertook to standardize 
the voltages of apparatus. Out of this w r ork a set of standards 
finally emerged which were sponsored and issued by the National 
Electric Light Association. 

The fact now seems to make itself apparent that when the 
standards were adopted, little or no consideration was given to 
■ the system as a whole. Each type of apparatus was standardized 
as to voltage with little or no consideration given to its operation 
in connection with other types of apparatus.. Because of these 
oversights, we now find ourselves with an inoperative set of 
standards* 

Now, the manufacturer has accepted the standards and has a 
number of standard lines of generators, transformers and motors. 
When he attempts to sell this standard apparatus, he discovers 
that his customer cannot operate it in a system without exceeding 
the limits for which it has been designed and guaranteed. 

The operators of public utilities realized some time ago that 
the standards as adopted could not be used successfully so they 
simply abandoned them. Each has sought his own solution m 
his own way, with the result that but little uniformity of practise 

now exists. _ 

After listening to the many diverse opinions expressed 1 hnd 
myself in a quandary when I try to reconcile them. Some 
might have been led to believe that the manufacturers seeking a 
new set of standards wifi he next asking the discarding of present 
equipment. Nothing like this is contemplated. Moreover, 
nothing particularly radical is being asked. 

In preparing the standards proposed by the manufacturers aud 
presented by Messrs. Summerhayes and Hanker, I am sure every 
effort was made to depart as little as possible from the .present 
standards. A comparison of the proposed standards ^h the 
present standards as issued by the National Electric Light 
Association will reveal the close similarity between the two 
Generator voltages are such that the old can be paralleled with 
the new; transformer ratios are such that through the use of taps 
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parallel operation of old with new transformers will usually be 
possible; motor voltages are to remain the same. 

I am convinced that greater benefits will accrue to the operator 
than to the manufacturer through standardization and that the 
manufacturers are seeking only a workable set of standards that 
will meet an appreciable part of the requirements of the operating 
companies. With such diverse views as now exist (most of 
which are not without merit) an agreement will be reached only 
if we can realize the necessity of compromise and practise it to the 
utmost. 

L. L. Eldens It is believed that an analysis of the value and 
quantities of equipment which have been found unsuited for 
operation under the voltage standards referred to, will be found 
to be only a relatively small percentage of the units in service and 
that such difficulties as have developed in this direction will be 
largely found in high-tension equipment. 

The discussion whieh I will present is one in which Mr. Oliver 
of the New England Power Company and the writer have col¬ 
laborated to some extent to present very briefly some views 
covering our experience in New England. One of us is operating 
a system utilizing moderate voltages in supplying a compact area, 
with interconnections to several adjacent systems. The other is 
operating an extensive transmission system reaching into five 
states and utilizing voltages of 66,000 and 110,000. The present 
transformer standards have been entirely satisfactory to the 
former, and with the addition of standard feeder regulators, high 
grade, efficient and reliable service has been maintained. 

For the second system existing transformer standards have 
been found unsatisfactory, and apparatus has been purchased 
whieh does not conform to A. I. E. E. standards in order to meet 
operating requirements. Power-factor correction equipment 
has been found necessary at several points to insure a proper 
degree of regulation, with the result that substantially uniform 
voltage conditions are maintained throughout the system. In 
passing it may also be said that the voltage standards proposed 
by the manufacturers would still be unsatisfactory for this 
system. 

In this discussion we have refrained from presenting any table 
of values, believing that the determination of final values 
applicable to the entire industry cannot be effected at this time. 
If broad principles applicable to the situation can be agreed ■ 
upon, much will have been accomplished. 

Any undertaking aiming to standardize voltages is bound to 
meet with many difficulties in view of the many interests affected. 
Many of the conditions to be met are not fully appreciated. 
On this phase of the question we may refer to the proposed basis 
of standardization outlined in the manufacturers’ paper. 

An analj sis of the hypothetical system shown therein discloses 
the fact that as between full- and no-load conditions, an overall 
uncontrolled reflation of about 30 per cent would be developed, 
an amount which could at best only be divided between the 
generator and receiver if any load be served from, or near the 
generating station. 

If the system is expanded and becomes an interconnected 
network with additional generating stations, difficulties im¬ 
mediately develop. For example, a second generating station 
connected to the 69,000-volt section of the system must experi¬ 
ence voltage or reactive-power difficulties wdth changing load 
conditions on the main system. It is, of course, granted that the 
addition of regulating apparatus may obviate some of these 
difficulties. 

The system described is hardly sufficiently comprehensive to 
illustrate the needs of practical application. Even if such a 
simple .system exists, it may be short-sighted to design it so 
with no provision for expansion. If transmission systems or lines 
are interconnected, it is questionable whether a considerable 
difference of potential can be allowed to exist between any 
two parts. Probably it would always be found desirable to 
regulate the voltage very closely by power-factor control. 


Even if not, a step-down transformer may be installed close 
(electrically) to a step-up transformer, so close that the voltages 
at the two points are practically identical, and in this case also 
the proposed standards become inadequate. Some of these 
difficulties would be eliminated by the following suggested 
changes in the proposed transformer standards. 

Step-Up Transformers 

Adhere to proposed secondary voltage ratings and provide one 
5 per cent tap above normal rating to maintain secondary rated 
voltages under load. 

Provide two 5 per cent (each) reduced-voltage full-capacity 
taps. 

Taps should preferably be located in the high-voltage windings 
(low-voltage taps in large transformers involve difficulties, 
particularly in regard to ratio-adjuster design on account of 
high current densities). 


Step-Down Transformers 

Increase proposed primary voltage ratings 5 per cent (which 
raises this voltage rating to agree with the rating of step-up 
transformers at zero regulation). 

Provide three 5 per cent (each) reduced-voltage full-capacity 
taps. 

Transformers should be designed to operate under emergency 
conditions at 5 per cent over-voltage (over-excited). Emer¬ 
gency conditions should be defined as existing a considerable 
length of time, perhaps several days. 

Standardization to be effective must recognize that present- 
day developments indicate that interconnected systems covering 
large areas, with many sources of power supply are to be more 
and more important features of transmission and distribution 
practise in the near future and that voltage requirements in such 
systems must be studied from all points of view. 

It is believed that standardization of voltages cannot be 
effective if based upon conditions assumed in any radial system. 
At least one of the papers has presented the question from the 
network point of view with favorable results. 

Conservation of existing investments is no small portion of the 
main problem and any new standards must be devised to protect 
such investments. 

Progress, however, has been made and agreement Seems quite 
general upon certain items. Generators and transformers should 
be capable of operating at least 5 to 10 per cent above rated 
voltage. 

Step-up and step-down transformers should be identical in 
operating characteristics and be equipped with similar taps 
ranging from 5 per cent above to 15 per cent below rated voltage. 
The definition of ‘rated voltage” is logical and acceptable. 
Certain other features require further study. 

The point at which “system voltages” should be standardized 
must be agreed upon. European practise recognizes receiver 
voltage as most desirable. American opinion is divided upon 
this point, and before national progress can be made, agreement 
must be reached. ' ~ 

There is much to be said in favor of receiver voltage as it is at 
receiver locations that constant and normal conditions are 
t0 Prevail. Elsewhere wide variation may exist. 
A difference of opinion exists between Mr. Oliver and myself on 
account of the difference in the practise of our respective 
interests. 


Standards should be on same basis throughout the full range 

Rfimn m u and n0t Change fr0m receiver t0 ending values above 
oo,UUU volts as proposed by the manufacturers. 

In connection with test voltages applicable to apparatus 

T ^ J oltages ’ it; is suggested that apparatus 
ahould be reclassified for test purposes. Apparatus including 
windings, for example transformers, should be tested sub¬ 
stantially m accordance with present standards as such apparatus 
has proved most rehable. Oil switches, disconnecting switches, 



Feb. 1927 


HUBER-RUF: VOLTAGE STANDARDIZATION 


213 


lightning arresters, high-tension bushings, etc., should.be sub- voltage at receiver end as suggested. In short, responsibility for 
jected to higher tests than at present. The many failures which some of these matters must rest where it belongs, 
occur in this apparatus justify this recommendation. Standardization of voltages has been and is really being 

Further support to this theory is afforded from the data impeded to a great extent by manufacturing interests who, 


submitted in papers on surge investigations presented at this 
convention. 

In general it is contended the switch ratings in the higher 
voltage classes (66,000 and over) are much too close to the 
operating voltages. The added cost of a higher voltage switch 
is sometimes considered prohibitive and as cost is too often a 
controlling element, the factor of safety secured is sometimes 
insufficient. Studies of dimensional data for switches in ad¬ 
jacent classes frequently show but small differences, which leads 
to the constructive suggestion that costs to the user might be 
lower all around if the manufacturers would eliminate certain 
classes of SAvitches and utilize possibly 5 or 6 classes to cover the 
entire range of usage. 

The following groupings are suggested: 


for competitive purposes, create new classifications in design of 
apparatus which might well be eliminated through liberality 
in existing designs. Users’ specifications may be responsible for 
certain of this undesirable effort, but a brief renew of the many 
types of similar equipment which are offered from year to year is 
most convincing. Cooperative effort such as is being considered 
here should eliminate many of these conditions. 

Assuming that standardization is really effected, will costs be 
reduced? We belie\ r e not, at least so they can be distinguished 
since it appears that in high-voltage construction, for example, 
most equipment is non-standard and is usually designed to meet 
requirements of individual systems, hence if such methods are to 
continue there is little opportunity for cost reduction. W ith 
years of progress in present switch design, rising prices are 


For System Voltages 
of the Kv. Below 


Use SAvitches of the 
Kv. Below 


220 to 154 . 220 

132 to 110.. 132 

88 to 66. 88 

44 to 22. 44 

15 to 6.6... 13.2 

Substantial savings in manufacturing costs would result. 
Substantial savings would accrue to users through more general 
interchangeability, reduction in stock of parts, etc. 

There never has appeared to he any justification for develop¬ 
ment of 33,000-volt switches as a separate class between 22,000 
and 44,000 volts, or for certain other intermediate classes. 

All SAvitches should he designed with ample factor of safety 
in service at A'oltages 50 per cent above rated voltage. Puncture 
and flash-over tests should be based upon the 50 per cent excess 
voltages to enable apparatus to meet known impulse and suige 
values to be encountered under service conditions. 

The net result of this proposal should he a better and safer 
product at no higher, if not actually less, cost than^ at present. 
This proposal is not out of line with present practise in other 
branches of the industry, namely, one size of tank for several 
transformer sizes, one motor frame for several different motor 
capacities, etc. 

The suggested elimination of certain classes of switches leads to 
the further suggestion that certain system voltages might also be 
eliminated from the standards, for example, 4600,11,000, 33,uuu, 
and 88,000. These might be considered exceptions and no new 
construction be undertaken for these voltages. 

The responsibility for the present situation rests upon all 
interests; users and manufacturers, utilities, consulting engineers, 
designing engineers, and oivners of projects, all of w om ave 
contributed to present conditions. Much construction has been 
created in which through lack of foresight, knowledge or appre¬ 
ciation of future requirements, great sums have, actually been 
wasted. Even today construction is going forward which is 
limited in its future usefulness and as designed represents 
substantial waste. 

Failure to supply conductors of adequate capacity andsuitable 
operating facilities leads to ultimate losses which are enormous 
when compared with the small additional investment reqmredfor 
an adequate arrangement. Isolated construction “ 
noted which involves factors preventing the use of any standard 

It mav well he that certain interests delay or obstruct stand- 
ari"—ending that motors be d«gned or ■opem. 
tion for 90-110 per cent of -r"age and 
InwfiT vfllnft contrary to tn.6 mtJGnu o iy , . 

. Systems should not be designed for 20 per cent variation in 


encountered. 

On the other hand a revieAV of many transactions im'olving 
purchases of apparatus under highly competitive conditions, 
manufacturing prices seem to ha\ r e no anchor. Possibly we are 
really saving as much noAV as Avould be represented by increases 
in cost of higher rated apparatus which seems so necessary. It 
has been suggested that the cost of non-standardization in 
matters of voltages may total 8150,000,000 to §200,000,000. 

This is really not an excessi\ r e expenditure to be incurred in the 
development of a 810,000,000,000 industry, it being only 2 per 
eent of the total. What industry can show equal efficiency 
through an extended development period? We.are really not so 
badly off as might appear from some of the comparisons A\hieh 
have been made. 

Finally, if standardization is actually accomplished, the 
following queries suggest themselves: 

(a) Will prescribed standards be followed by all? W e helieAe 
the answer is “no,” that special construction will still continue as 
controlled by the acts of individuals, and that there will always 
be special classes outside of the standards which we may create. 

(b) Will not special voltages still be selected for certain proj¬ 
ects as best harmonizing with local conditions, such as load, 
distance, preferred sizes and types of conductors,^ economic 
conditions to be met, etc.? We believe the ansAver is yes. 

It is common knoAvledge that many projects are designed and 
built as isolated units, to meet certain local conditions with no 
thought of future connection AAdth other systems. W here is this 
condition more prevalent than in industrial plants A\liere eAerv 
standard is sometimes sacrificed to make a sale. In many more 
important undertakings operating conditions are seriously 
affected by economical limitations, imposed by investment 
restrictions supposedly to meet some theoretical or calculated 
load cycle to the entire disregard of future requirements. 

P. H. Chase: It seems to me that Air. Elden s remarks 
reflect the Avell-reasoned attitude of the central station man 
considering the problem from the broad point of view, looking 
forward to the day when we Avill have more interconnection, 
when the voltage regulation must be taken care of by a o ag 
regulating means for poAver flow in both directions. 

W. R. Bullard (by letter): Messrs. Silver and Harding have 
presented a comprehensive picture of a rational and P ractie 
method of assigning voltage ratings to different types of ap¬ 
paratus, so as to maintain the proper voltage levels at different 
points in the system. Under this method, the starting point 
assigning voltage ratings is the lamp socket, This is as it shou 
he since the lamp-socket voltage is fixed by service requirements 
and the values of other voltages are very largely dependent upon 
the necessity for holding this voltage 

nominal value. Therefore, m connection AVith t g 
problem of voltage standardization, it is highly dearable that a 
single lamp-socket or utilization voltage standard be ultimate y 
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established, and a brief discussion of this phase of the problem 
may not be out of place. 

A lamp-socket voltage standard of 115 volts was assumed by 
Messrs. Silver and Harding in building up the tentative assign¬ 
ment of voltage ratings. Of the two remaining voltages in 
general use—namely, 110 and 120 volts,—the popularity of the 
lower voltage is on the decline; 110 volts can therefore probably 
be eliminated from consideration as far as eventual standards are 
concerned. This leaves the choice of the ultimate standard be¬ 
tween 115 and 120 volts, if the selection is to be made from 
existing standards. 

Of these two voltages the latter has the advantage of providing 
a slightly higher copper efficiency in the low-voltage distribution 
circuits, while the former has the advantage of conforming, on the 
whole, more nearly to existing voltage standards of utilization and 
distribution devices and apparatus, as will be seen from the 
following: 

Incandescent lamps are short-lived and are now furnished at 
the same cost and efficiency for both voltages. The selection 
of either 115 or 120 volts as a universal standard would therefore 
involve no difficulties as far as the manufacture of lamps is 
concerned. 

In the ease of motors and devices of the 220-volt class, existing 
designs are not entirely suitable for delta-connected distribution 
systems of either 115 or 120 volts at the lamp socket. They are, 
however, more suitable for the former than for the latter voltage 
in delta systems, since 240 \ olts, the delta voltage for the 120- 
volt standard, is nearly 10 per cent high for equipment rated at 
220 volts. 

Delta-connected distribution systems wall doubtless continue to 
be used for many years. However, low-voltage systems of the 
4~wire Y-conneeted type are rapidly coming into use in con¬ 
nection with underground distribution in business districts of 
both medium-sized and large cities, and therefore the relation of 
motor voltage standards to this type of system must be carefully 
considered. In Y-eonnected systems, the delta voltage corre¬ 
sponding to the 120-volt standard, or 208 volts, conforms more 
nearly to existing 220-volt apparatus designs than does the delta 
voltage corresponding to the 115-volt standard, or 199 volts. 
How'ever, actual operating experience obtained in connection 
with several underground distribution systems of the 4-wire 
network type has demonstrated that 220-volt motors, both of 
ancient vintage and of present design, wall with very few excep¬ 
tions, function satisfactorily at 199 volts, in much the same 
manner as they will function satisfactorily at 240 volts in a 
120/240-volt delta system. 

In order to meet the demands of both delta and Y-eonneeted 
systems and at the same time avoid developing two lines of 
motors and devices of the 220-volt class, the logical solution of 
this phase of the problem is to make slight changes in the future 
designs of this apparatus so as to make them conform to an 
intermediate voltage value between those of the two types of 
sj. stems w ith the necessary tolerance above and below this value. 
This w ould be advantageous not only from the manufacturer’s 
viewpoint but also from that of the customer, since the latter 
would be enabled to use his motors interchangeably in both types 
of sj-stems. ^ Assuming this procedure, there is little to choose 
between 115 or 120 volts as a universal standard as far as this 
class of apparatus is concerned. In one case the mean value 
betw een the delta v oltages of the two types of systems would he 
214.5 and in the other case, 224. Neither of these values con- 
conforms exactly to the present 220-volt rating, but the relation 
is so close in each case that the necessary changes would be slight 
The situation is slightly different wdth respect to appliances of 
the. 115-volt class. Many of the existing standard lines are 
designed to apply to a v oltage range from 110 to 120 volts. This 
of course makes them entirely satisfactory for 115-volt distribu¬ 
tion and m some measure out of line for a universal standard 
of 120 volts. Consequently, it seems fair to assume that the 


adoption of 120 volts as a single utilization standard would 
eventually bring about some general changes in the design of 
appliances whereas a 115-volt standard would almost exactly fit 
existing designs. 

The most serious phase of the situation is encountered in the 
case of 2300-volt distribution transformers. The present voltage 
rating in this case,—namely 115/230/2300 volts,—is primarily 
suitable for use in systems having nominal 110 lamp-socket 
voltage. In 115-volt systems, it is quite generally necessary to 
over-exeite these transformers by some 5 per cent or more in order 
to maintain 115 volts at the lamp socket. This is working out 
fairly well in practise, particularly since present transformer 
designs are probably liberal as to the allowable upper limit of 
operating voltage. However, a lamp-socket voltage of 120 
w r ould in many cases require an overexcitation of more than 10 
per cent and even then it would be difficult in many systems to 
maintain normal voltage at the lamp socket with generators and 
station transformers of present v oltage ratings. 

It can of course be assumed that these difficulties would 
eventually be taken care of by some comprehensive method of 
voltage ratings in the future design of system apparatus. How¬ 
ever, the number of standard distribution transformers of present 
ratings in service, and the present capital investment represented 
by other apparatus involved in the question of system voltage 
levels, are so great that existing equipment in this case must be 
given serious consideration. 


On the other side of the picture is the fact that the 120-volt 
standard would provide a slightly higher copper efficiency in the 
low-voltage distribution circuits. The difference would indeed 
be slight in the case of a-c. systems, since it would represent 
only some 10 per cent of the secondary copper losses or, in 
usual types of a-c. distribution systems, a fraction of 1 per cent of 
the delivered energy. In d-c. systems the situation is somewhat 
more serious, and it is worthy of note in this connection that the 
d-c. systems provide a very large portion of the present market 
for 120-volt lamps and appliances. This suggests that a satis¬ 
factory solution to the problem might be the general adoption of 
115 volts for a-c. systems and 120 volts for d-c. systems. This, 
however, has the serious disadvantage that in cities having both 
a-c. and d-e. distribution it would be necessary either to maintain 
two utilization voltage standards, or to depart from the standard 
voltage in one of the two systems. In practically all except the 
very largest cities, d-c. systems are being converted into or 
merged wdth a-c. systems, and the importance of establishing 
standards which will facilitate this process can easily be ap¬ 
preciated. I urthermore, although lamps and appliances are now 
furnished for both voltages, and would have little influence upon 
the question of which voltage should be selected, nevertheless a 
considerable simplification of manufacture and stocking of these 
articles would be brought about by the establishment of a single 
standard. 

The ultimate solution of the problem must of course be based 
upon a very careful, weighing of all the factors involved, and it 
will no doubt be a difficult matter to bring about, in any reason¬ 
able length of time the complete application of a single lamp- 
voltage standard. Nevertheless, in view of the large ultimate 
saving which would accrue to the industry, it can hardly be 
doubted that a well coordinated effort to fix upon such a single 
standard should be made in the near future. 


7 awnuuaa'uwabion or apparatus voltage 

ratings is largely dependent upon the establishment of such a 
single standard. Messrs. Silver and Harding have suggested a 
seheduie of standard voltage ratings that is entirely practicable 
if the ultimate lamp-voltage standard is to be 115 volts. If, 
however, 120 volts should ultimately be selected it would seem’ 
r °7 6 p re g°ing that a. change from the existing standard 

vo tage ratings of distribution transformers would be necessary. 
The logical form for this change to take would be a change in 
ratio. For instance, the ratio of 18-to-l might be adopted, this 
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being an existing commercial rating in use in a number of sys¬ 
tems. For a 120-volt standard this ratio would permit operating 
the distribution transformers at a more favorable excitation 
voltage than does the present standard 20-to-l ratio in connection 
with 115-volt systems. Furthermore, with this one change in the 
schedule of voltage ratings suggested by Messrs. Silver and 
Harding, this schedule would apply as well to the 120-volt 
standard as it does in its present form to the 115-volt standard. 

M. T. Crawford (by telegraph): I can endorse general plan of 
voltages proposed by Messrs. Silver and Harding as our dis¬ 
tribution installations recent years conform thereto. There is 
considerable investment in 6600-volt /11,00-volt-Y systems in the 
northwest, which are very economical for rural distribution. 
I doubt the possibility of their eventual elimination. I suggest 
careful consideration in the discussion of Mr. Argersinger’s 
scheme combining step-up and step-down types by adding taps. 

H. Carl Wolf (communicated after adjournment): Voltage 
standardization has been discussed from practically every view¬ 
point except that of the public, and in the final analysis we all 
fall into this latter classification. Speaking broadly and col¬ 
lectively, the consumer wants standardization of voltages and 
wants it to begin at what is to him the most tangible point, his 
equipment. From data presented on the sales of lamps, it 
appears that lamp voltages will very soon be standardized at 115 
or 120, either one of which provides a reliable starting point. 

The consumer is interested in service and is vailing to pay the 
price to get the very best service obtainable. He is also interested 
in flexibility, simplicity, sturdiness, and universality of equipment. 
Simplification of practise as to voltages is the most effective 


means of accomplishing these ends. A great deal of stress has 
been laid in discussions on this subject on the need for trans¬ 
former taps in order to keep the voltage up during loads. Greater 
stress should, in my opinion, be laid on the regulation of voltage, 
thus necessitating more care in the design of lines and equipment 
in order to reduce voltage drop to the lowest point commensurate 
with the economics of the situation. With the development of 
equipment for changing taps under load, a larger number of taps 
might be justified, but until such time the other engineering 
features of the system should be stressed. 

If we are to have simplified practise, the fewer the number of 
voltages agreed upon, the nearer will be attained the goal. It 
should not be forgotten that the electric industry is still in its 
infancy and present investment is still only a fraction of what 
will ultimately obtain. The present medley of voltages and 
practises should not be permitted to stand too much, in the way 
of adoption of standards for the future. After all, this question of 
voltage standardization is nothing more than the preparation of a 
voltage budget within the limits of which good practise can 
move. Present equipment and present standards should not be 
rendered obsolete over night, but the industry should be given a 
goal toward which to work. 

In selecting the voltages to be concentrated on and in con¬ 
sidering the relative merits of the delta-Y or other systems of 
connections, the telephone situation should not be lost sight of. 
Joint construction is very desirable in a large number of eases and 
any standardization adopted should conform as far as possible to 
that operating practise which will reduce to a minimum inductive 
interference. 



Combined Light and Power Systems 

For A-C. Secondary Networks 

BY H. RICHTER* 


Associate, 

Synopsis. —If the situation being created by the extensive use 
of combined light and poicer systems for secondary distribution 
is to be squarely met, widespread discussion is necessary. 

The increase of alternating-current low-voltage network systems 
employing automatic sectionalizing equipment has been very 
rapid. This move has been attended by a diversity of choice of 
combined light and power schemes for the secondary mains. 

Carrying this condition to its logical conclusion may result in an 
extremely complicated situation for apparatus connected to these 
mains. There might thus be imposed on the industry as a whole a 
heavy expense tending to cancel a part of the savings attributed to the 
advent of the combined system. 

Previous mvestigation of the probable effect of each of the principal 
light and power schemes on apparatus connected to the secondaries 
has been confined largely to general purpose motors. A study of the 
effects of six other types of equipment concerned showed, however, 
that general purpose motors are hardly more important than most of 
the other devices. 


C LOSE contact with the discussion and use of the 
various combined light and power connection 
schemes that are rapidly being adopted as part of 
a-c. network systems brings the realization that: 

a. The gross savings attributed to the combined 
scheme may be reduced by the expense incurred in the 
production of suitable utilization equipment, 

b. This expense might range from a minimum of 
75 million dollars to a maximum of 150 million dollars 
even under the favorable condition of a single combined 
scheme adopted universally, and 

c. The latter sum may be exceeded if the three- 
principal combinations are continued without the 
advantage of standardization on one system. 

This gives good cause to wonder whether this may not 
be the proper time to investigate which method of 
supplying both power and light from the same secondary 
mains will give the greatest benefit with the least 
expense to the industry as a whole. 

The rapidity with which this combined secondary 
system is spreading is indicated by the increase in the 
number of automatic network systems in use or under 
actual construction. Beginning about four years ago 
with a single network installation in New York City, 
the progress has been such that 11 cities will have in 
operation by the end of this year (1926) networks 
embodying combined secondary schemes of one design 
or another. Furthermore, early next year, this number 
will be increased by three and the possibilities of these 
networks are now being investigated in at least 16 other 
cities. 

♦General Engineer, Westinghouse E. & M. Company, 
East Pittsburgh, Pa. 

Presented at the Winter Convention of the A. I. E. E., New 
York, N. Y., February 7-11,1927. 


This analysis included not only the applicability of existing 
apparatus standards to each of the combined systems but also the 
probable developments that the future may bring. For a compre¬ 
hensive comparison of the various schemes it was found necessary to 
consider the commercial as well as the engineering aspects. ■ 

If the operating companies decide to employ the combined light and 
power system universally for secondary networks, it is urged that 
they will soon apply the practise of standardization to the com¬ 
binations of connection and voltage. In this regard due con¬ 
sideration should be given to the bearing of numerous trends in the 
industry. 

The avoidance of such uneconomic situations as have attended 
failure to standardize in similar cases in the past makes all the more 
desirable a nation-wide discussion of this problem immediately. 
Such a discussion would also bring out the various points of view for 
the use of those groups which would choose the standard and promote 
its application. 


Where two networks are employed, one for light and 
the other for power, the distribution system may be¬ 
come very expensive and occupy too much space 
(ducts or pin positions). The combined secondary 
system, it is claimed, furnishes an economic solution for 
extending the a-c. network system into areas where 
lack of space would make very difficult the installation 
of two separate networks. And—just as in the d-c. 
three-wire system—the combined method permits the 
immediate servicing of any customer for either power 
or light, or both, from the same set of low-voltage 
mains. 

In attempting to avail themselves of the advantages 
of this system, the operating companies have considered 
many different combinations of connections and 
voltages, each scheme admirably suited to the local 
conditions surrounding its development. Un¬ 
fortunately, the three-phase schemes differ in the re¬ 
sulting voltages available for light and power, and the 
existence of the two-phase combined system further 
increases the number of possibilities. 

All of the proposed arrangements that have received 
marked attention, except one, the two-phase, furnish 
some voltage that does not coincide with the voltages 
at present accepted as standard. While the exception 
gives voltages that do agree with existing standards, it 
has been claimed* that except for existing two-phase 
systems it has certain features which, from the stand¬ 
point of the industry as a whole, may outweigh all of its 
advantages. 

There are indications that adoption of these various 
schemes on an extended scale may have considerable 

♦Discussion of Engineering and Economic Elements of Two- 
Phase, Five-Wire Distribution, P. H. Chase, A. I. E. E. 
Journal, XLIV, November 1925, p. 1249. 
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effect upon l.lii* operation ot electrical devices now con¬ 
nected to secondary systems, and result, in a more or Jess 
complete re-adaptation of many, if notall.ot the devices 
for future application*. The magnitude of such a 
change in apparatus, for even one of the many types of 
combined schemes, can scarcely he realized without a 
careful study of all the factors involved. To gage the 
probable consequences of having several different 
schemes adopted for numerous large distribution sys¬ 
tems is impossible without a careful study requiring 
the earnest cooperation of all the operating companies. 
This paper is offered to show the result of an approxi¬ 
mate analysis of what, might, be the effect on various 
types of apparatus wort* networks incorporating any 
one of the principal combined light and power systems 
adopted extensively. The analysis included considera¬ 
tion of such major lines as: 

Lamps 

Motors and Control Equipment 

Appliances 

Distribution Apparatus 


to keep the total voltage drop to the lamps within the 
limits required to prevent flickering of light. 

2. Seeking to decrease the total number of trans¬ 
formers on their overhead radial systems, several 
companies use a single bank of three single-phase 
transformers for both power and light. This is done 
mainly in outlying districts when minimum installation 
cost is essential. Where better voltage regulation must 
be maintained at the lamps the lighting secondaries 
are separate from the power; also, transformer and 
secondary capacities are liberal. The transformer 
low-voltage windings are usually connected 230 volts 
delta and lighting loads at 115/230 volts are supplied 
from one of the transformers with mid-point grounded. 

3. In one western New York city, a similar practise 
has been followed for the past few years in the down- 



This preliminary study revealed decided differ¬ 
ences in probable expense to the industry when com¬ 
paring the principal combined schemes. ^ From a 
minimum of some $75,000,000 in one plan, this expense 
rose to as much as $ 1 50 , 000,000 in anot her. The consid¬ 
erable difference in probable expense of the. various 
schemes, and 1 hemagniludeof even theminimum expense, 
urges the question whether there should not he initiated 
on the part, of the operating companies a move to 
prevent the growth of an unnecessary number of now 
standards. 

If the advantages of tins step become universally 
apparent, this paper may lx* the starting point for a 
wide spread discussion of how to minimize the expense 
of adopting tin* combined secondary system for a-c. 
networks. 

Present States of Application of Combined 



--Primary Line 

—- - Secondary Line 

.lighting Service 

Power Service 
Transformer 


KEY 

Combined Light and Power Service 
D Switch Junction Box or Disconnecting Pothead 
o Cutout, fuse or Switch 
Q Network Unit 
• Splice 


Fig. l—T ypical Dibthibution Systems 


LinitT and Power Secondary Bystems 

To better understand the nature of these combined 
systems and their extemlve application, an outline of 
their present status may be of value. 

Spread of Combined Seetmdary Systems, The steps 
that have preceded the spread of the combined light; 
and power secondary system may be reviewed as 
follows: 

1. In the usual radial distribution system, power 
loads greater than about live kw. each are mosty 
supplied by transformers separate from those cm trying 
lighting loads, as shown in Fig. 1a. If the two loads 
are connected to the same transformer and its capacity 
is correct for both light ing and steady motor loads, this 
capacity, in conjunction with the design of the res 
of the distribution system, is usually not great enough 


town area, but the transformers are connected m star 
to give 120 volts at lamps and 208 volts three-phase at 
motors. These hanks are usually installed m base¬ 
ment vaults of large buildings and each serves only the 
building to which it is assigned. Power service lines 
are separate from lighting lines. The customers are 
well satisfied with the voltage supplied, even though 
motors up to 40 hp., including elevator motors, may 

be located in a pent house on the roof. 

4 gome companies have experimented with the 
combined light and power method tor sec<md”ies, 
as well as tor transformers and services, on radal 
systems. In most cases the practise has been aban¬ 
doned upon the unexpected burning out of bwmI 
motors, caused by heavy load occurring coincident 

with too low voltage. 
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5. For 14 years a city in California has operated 
a 120/208-volt three-phase four-wire system under¬ 
ground, using combined light and power secondaries 
as well as transformers. The latter are not banked 
and the secondaries are not bussed from block to block, 
but the low voltage mains are of ample size. 

6. A city in Minnesota has for many years used on 
its overhead lines a four-wire combined secondary 
network system giving 230 volts three-phase delta 
for power, and 115/230 volts for lighting, taken from 
one of the three transformers in the bank. As the 
lighting load is carried by only one phase in each dis¬ 
trict, each network is of small size and confined to the 
transformers from but one feeder, as in Fig. 1b. 

7. During the past 11 years a city in Tennessee 
has had a comparatively large three-phase underground 
network, supplied by numerous feeders and employing 
115/199 volts at the utilization devices. Motors up to 
50 hp. are connected to the combined light and power 
mains even at points between transformer banks. 
The majority of the motors are the standard 220-volt 
type; only rarely is a 200-volt motor encountered; and 
the very few complaints of low voltage due to the use of 
199 volts have been remedied in a simple and inexpen¬ 
sive manner by means of small boosting auto¬ 
transformers. 

8. About one year ago a city in Louisiana started up 
a combined light and power network system with 
nominal voltage of 115/199 volts. Many expected 
troubles proved imaginary and it was easy, to dispose of 
the few that did materialize. 

The combined secondary system was first publicly 
urged for universal application in this country by Mr. 
W. C. L. Eglin,* who recommended that this scheme, in 
three-phase form, be adopted as standard for all 
miscellaneous light and power distribution and street 
lighting. Active spread of the multiple primary feed 
low-voltage a-c. network using combined secondaries 
and automatic protective equipment, as illustrated in 
Fig. lc, started shortly after it was demonstrated in 
1924f that this system was successful in operation, 
and more economical and reliable, than any previous 
a-c. system, f 

Past Discussion. The subject of combined light and 
power secondary systems has been discussed in detail 

*Paper before Association of Edison Illuminating Com¬ 
panies in 1922. See Bibliography. 

|See A. H. Kehoe and W. R. Bullard in Bibliography. 

^Construction of such networks is now going on in 13 cities, 
which are, in chronological order of starting work: Manhattan, 
N. Y., New Orleans, La., Memphis, Term., Dallas, Tex., Phila¬ 
delphia, Pa., Knoxville, Tenn., Atlanta, Ga., Bronx, N. Y., 
Miami, Fla., Ft. Wayne, Ind., Pittsburgh, Pa., Canton, 0., and 
Brooklyn, N. Y. Construction has been started in one city in 
the east and a trial network is being installed in a western city. 
There are at least 10 networks of this type in successful operation 
in four of these cities. Adoption of such networks is now being 
planned for 3 other cities and is under consideration in at least 12 
more. The number of cities thus totals 30. In two of them, 
overhead networks of a similar kind are also being considered. 


in one A. I. E. E. paper specifically confined to com¬ 
bined secondary- systems, in several papers concerned 
with networks, and in two Serial Reports, dated 1925 
and 1926, by the Electrical Apparatus Committee of the 
National Electric Light Association. § 

Some Combined Schemes. The combinations of 
connection and voltage for combined secondary sys¬ 
tems that have been given the most study are indicated 
in Fig. 2,— A, B, C, D, and F applying to three-phase 
and E to two-phase. It should be noted that Fig. 2d is 
a combined light and power transformer system and not 
a combined secondary system. A complete discussion 
of the advantages and disadvantages of each of these 
combinations is contained in the 1925 and 1926 Serial 
Reports previously referred to. The schemes of 




KEY 

-Lighting Service 

-Power Service 

Fig. 1—Schemes for Combined Light and Power 


Figs. 2e and 2f are receiving the most attention at the 
present time. 

Of the network systems now under construction, 
eleven will use Fig. 2f arrangement, two Fig. 2e, one 
Fig. 2d, and one Fig. 2c as a preliminary to Fig. 2f. 
For the majority of the fifteen networks planned and 
under consideration, Fig. 2f scheme is favored for the 
underground. For overhead network systems Fig. 2c 
is planned in one case. In the three-phase distribution 
systems to which Fig. 2f applies, 125/216 volts is being 
considered in only one place; for the remainder, about 
half prefer 115/199 volts at the utilization device and 
half 120/208 volts. While there are no present indica¬ 
tions that the number of two-phase combined secondary 


§See Bibliography. 











R.KM IT Kit; COMBINED LIGHT AND POWER SYSTEMS 


219 


Felt. 1927 


systems will increase in the immediate future, un¬ 
fortunately the groups favoring 110/IPS) volts and 
120/208 volts for three-phase' networks appear to have 
found no common ground for preventing complication 
of the apparatus situation in the future. 

Probable Iimilt of Prewitt Tendencies. It often 
happens that a given set of conditions, usually viewed 
separately, take on a different, aspect when correlated. 
This is largely true when the probable effects of present 
tendencies within each of the three groups three-phase 
network, two-phase* network,and radial are considered 
collectively in t he light of past, experience. 

A. Three-phase Networks. There are indications 
that a move will be made, as the number of systems 
using the two principal combined secondary arrange¬ 
ments increases, to change the design of apparatus used 
on these systems to suit each combination. Such 


other radial systems giving 110 volts or less at the 
utilization devices, will be confined to miscellaneous 
load systems in cities, towns, villages, and farms where 
load density is light (up to about 2500 kv-a. per square 
mile); to bulk loads fed by operating companies; 
and to isolated plant systems. These would thus 
ultimately take a little less than half of all phase-to- 
neutral apparatus and four-fifths of all phase-to-phase 
apparatus. As any change in standards would in¬ 
convenience the engineers of these systems and their 
customers, the present lines of equipment would 
probably be required in addition to all new lines. 

In an effort to obtain a more tangible conception of 
the relative effect these four systems would have on the 
total quantity of apparatus, exclusive of lamps, con¬ 
nected to secondary systems, Table I was derived. 
This assumes, for phase-to-neutral apparatus, that: 


developments are matters of common occurrence. 
Whenever a new idea is adopted on a relatively small 
scale it is titled to conditions as found, in order that an 
immediate gain may he obtained from it. As the 
application becomes more extensive, the natural 
tendency is towards a change in the conditions to make 
it more simple or economical. 

Thus, tlfi/HHkvoH star systems are likely to require 
changes eventually in tin* design of polyphase and 
other apparatus connected between phase-wires. It is 
estimated that if all underground distribution systems, 
and the systems feeding two-thirds of the total over¬ 
head miscellaneous distribution load in cities, should 
adopt net works using the combined method, this would 
affect up to about one-fifth of all phase-to-phase 
apparatus, the remainder being used outside of the 
network areas and on isolat ed plant syst ems. 

The 120-20H-volt star system will probably require 
changes in design for both apparatus connected between 
phase-wires and that connected from phase-wire to 
neutral. An effort to estimate what part, of all the 
phase-to-neutral equipment would he thus affected 
might place If at about half. 

U, To‘u. phase Networks. For the few two-phase 
systems, production and stocking of two-phase appara¬ 
tus will no doubt continue, tending to keep up the 
prices of all polyphase equipment. In addition, the 
copper in a two-phase motor is about b per cent less 
effective than in a three-phase motor; in some cases this 
appears as a decrease of 0,6 per cent, in power factor, 
0,4 per cent in efficiency, and 11.4 per cent in starting 
torque, as compared with a three-phase motor, fur¬ 
thermore, the companies operating two-phase systems 
may have somewhat higher annual charges than with 
the three-phase system*. 

(\ Radial Semndury Systems. It. is probable that 
radial three-phase ltd, 220-and .11 a 220-volt distribu¬ 
tion systems, some of which use single-phase feed, and 

*F. If. ('haw'* |»h|mt liihlioKmphy) shows the annual 

tdmrget* in mu* to ho from 2 h> U par **ont highw or wo 

phaw*. 


a. Of all equipment, 6 per cent would be on two- 
phase systems and 94 per cent on three-phase systems; 

b. Of the apparatus on three-phase systems, half on 
radial and half on network systems; and 

c. Of the apparatus on three-phase networks, half on 
115/1.99-volt and half on 120/208-volt systems. 

The same assumptions were used with phase-to-phase 
devices, except that for equipment employed on three- 
phase systems 80 per cent were assumed on radial sys¬ 
tems and 20 per cent on networks. This ratio takes into 
consideration, first, the preponderance of polyphase 
apparatus in industrial plants on the outskirts of 
cities, and, second, the condition that a considerable 
number of large plants might follow the example of one 
in Brooklyn which buys its power wholesale and is 
planning to install its own automatic network system 
employing the combined secondary scheme. Practi¬ 
cally all such plants have hitherto been supplied by 
the radial method. 

The right half of Table I gives an approximate 
idea of the relative values of apparatus that would be 
affected by these four systems. Assuming the sales of 
phase-to-neutral equipment for the entire industry to be 
09 per cent of the total sales of all apparatus applied to 
secondary systems, the percentages in the left half of 
the table were multiplied by 0.69; similarly, for phase- 
to-phase equipment the percentages were multiplied by 

It thus appears, if existing tendencies continue, 
that about 22 per cent of all phase-to-neutral appara *us 
and 9 per cent of all phase-to-phase apparatus would be 
of non-standard voltage, while 6 per cent of the latter 
type of equipment would be two-phase. About lJ 
per cent of all sales for both types of apparatus might 
be for non-standard voltages; also, about 2 per cent of 
all sales might be for 220-volt two-phase equipment. 
In addition to showing what a miscellaneous deman 
may arise if present tendencies continue, 
indicates that the relative quantity and value of non- 
standard apparatus which would be affected by the 
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120/208-volt star system is much greater than that 
affected by the 115/199-volt system. 

The requirement of supplying various standard lines 
of equipment for a plurality of distribution groups will 
have a tendency to increase apparatus development and 
distributing costs. It is only reasonable to expect, as 
these costs become greater due to uncontrollable eco¬ 
nomic factors, that an increase of prices in these lines is 


Furthermore, an increase in the number of classes 
of apparatus and of types of distribution system may be 
expected to add complications in the choice of equip¬ 
ment having the proper rating, and confusion to cus¬ 
tomers by change of system in moving from city to 
city. With the higher prices, these factors would 
tend to reduce consumption of apparatus and electric 
energy. 


TABLE I 

PERCENTAGE OF APPARATUS AFFECTED BY VARIOUS DISTRIBUTION SCHEMES 
ASSUMING EXISTING TENDENCIES 


. 

Scheme 

Relating to number of units 

Weighted according to total sales 

Apparatus connected from 

Apparatus connected from 

Phase-wire to 
neutral 

Phase-wire to 
phase-wire 

Phase-wire to 
neutral 

Phase-wire to 
phase-wire 

Rating of 
apparatus 

Rating of 
apparatus 

Rating of 
apparatus 


Rating of 
apparatus 


115 

volts 

single 

phase 

120 

volts 

single 

phase 

199 

volts 

three 

phase 

220 

volts 

three 

phase 

220 

volts 

two 

phase 

115 

volts 

single 

phase 

120 

volts 

single 

phase 

199 

volts 

three 

phase 

220 
. volts 
three 
phase 

220 

volts 

two 

phase 

1. Radial, three-phase. 

2. Network, 115/199 volts.... 

3. Network, 120/208 volts. 

4. Two-phase, rad. and net. 

47.0 

23.5 

6 .0- 

23.5 

9.4 

75.2 

9.4 

6.0 

. i 




23.3 

2.9 

1.9 

Totals. 

76.5 

23.5 

9.4 

84.6 

6.0 

52.8 

16.2 

2.9 J 

26.2 

1.9 


TABLE II 


ASSUMING THREE-PHASE NETWORKS ALL 120/208 VOLTS 


1. Radial, three-phase... 

2 . Network, 120/208 volts. 

3. Two-phase, rad. and net. 

47.0 

6.0 

47.0 




32.4 

4.2 

32.4 


23.3 
5.8 

1.9 

Totals. 

53.0 

47.0 

o 

94.0 

6.0 

36.6 

32.4 


29.1 

1.9 


TABLE III 


ASSUMING ALL NETWORKS THREE-PHASE, 120/208 VOLTS 


1. Radial, three-phase. 

2. Network, 120/208 volts. 

47.0 

53.0 


75.2 

24.8 


32.4 

36.6 


23.3 

7.7 


Totals. 

47.0 

53.0 

0 

100.0 

0 

32.4 


0 

31.0 

0 


TABLE IV 

ASSUMING ALL NETWORKS TWO-PHASE, 115/230 VOLTS 


1 . Radial, three-phase.. 

2. Network, two-phase. 

47.0 

53.0 



75.2 

24.8 

32.4 

36.6 



23.3 

7.7 

Totals... 

100.0 

0 

.0 

75.2 

24.8 

69.0 

0 

0 

23.3 

7.7 


TABLE V 

ASSUMING ALL NETWORKS THREE-PHASE, 115/199 VOLTS 


1. Radial, three-phase. 

2. Network, 115/199 volts. 

47.0 
• 53.0 


24.8 

75.2 


32.4 

36.6 


7.7 

23.3 


Totals. 

100.0 

0 

24.8 

75.2 

0 

69.0 

0 

7.7 

23.3 

0 


likely to occur; this presupposes that the quality is not 
to be lowered. That higher prices sometimes do not im¬ 
mediately follow changed conditions must not be 
allowed to obscure the fact that such causes contribute 
largely to price advances. It is thus clear how an 
unbridled growth in the number of connection schemes 
and voltages may eventually result in higher prices to 
all purchasers of apparatus connected to secondary 
systems. 


Standardization as a Remedy. These troubles 'previously 
discussed could be avoided by the adoption, as a standard 
for combined light and power secondary systems , of that 
scheme which fits in best with existing standards. Such 
standardization would also result in this benefit — that, 
instead of spending time on problems introduced by vari¬ 
ous^ kinds of systems, all interested parties could confine 
their research to improving the one standard combined 
system . 
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Premises of the Qualitative Analysis 
Tlu* result of an investigal'ton into the died; of the 
various combined schemes upon the operation and 
manufacture of each of thi* types of apparatus con- 
neded toseeomlary systems will bepresented as a Quali- 
lalive Analysis. Only the most, important combina¬ 
tions have been chosen and each in turn has been 
assumed to be the standard. Those are 115/199 volts 
three-phase star, 120/208 volts three-phase star, and 
115 250 volts two-phase live-winy since they are now 
in' use; also 125/210 volts and 110/190 volts star be¬ 
cause there appears to be some question as to the 
possibility of employing them. 

in the absence of any definite data easily available 
for use in such an analysis, approximations must 
necessarily be made. Without some analysis of this 
sort as a guide, even though approximate, the com¬ 
plexity of t lu* problem might result, in unduly stressing 
some 'one aspect. It is not surprising that such 
undue emphasis might easily he given. For example, 
if motors alone are considered, there appears the as¬ 
tounding total of some 10,00(1 diflerent ratings. 1 heso 
may he grouped as follows; 

Capacities at least MO sixes in small and general 


Qualitative Analysis for Apparatus 
Connected to Secondary System 

Effect of Change to Combined Light and Power 
System for Three-Phase Star Secondary Networks 

This analysis applies to the seven dasses of ap¬ 
paratus that would be directly affected by the applica¬ 
tion of a three-phase star connected combined system 
to network secondaries. These classes are: 

1. Small motors, 

2. General purpose motors, 

8. Motor control equipment, 

4. Safety switches, 

5. Distribution transformers, 

6. Miscellaneous apparatus, and 

7. Electric heating devices. 

The analysis was made on the assumption that all of the 
systems that may be networked would adopt this 
three-phase four-wire scheme, while all other systems 
would continue to be served by the three-phase radial 
method. 

L Effect on Small Motors. 110/220 volts is the 
present standard for this line, with allowable variation 
of 10 per cent plus or minus. 

Polyphase Motors; 125/216 Volts. There would be 


purpose motors 

Windings three types in small motors and five in 
general purpose motors 

Speeds four standard speeds 

Enclosures three t ypes 

Power Supply direct-current, and alternating- 
current 

Phases three kinds 

Frequencies five 

Voltages seven. 

To add yet another voltage rating would further 
complicate a situation that already seems burdensome 
to tlu* industry. And yet a similar condition with 
regard to the other types of apparatus, sueh as control 
equipment, transformers, etc., stands out with,equal 
prominence. This can be observed in t he analysis , in 
follows.' 

Due to the numerous unforeseen factors that may 
affect the situation in the future, it is possible that the 
conclusions to he drawn from this analysis are as close 
to the conditions of the future as would bo those based 
on a laborious research into t he exact effect of every at or 
on each type of apparatus. It is the result, of an in¬ 
vestigation last ing over a period of over two and one- 

half years. , ... 

It should he dearly understood that in submitting 
this analysis there was no inclination to favor any 
particular system of secondary connection. Its mam 
function is to point out what factors will tend to cancel 
the tangible savings and other benefits that have been 
counted on by those companies which are adopting 
the combined system* 


no trouble with this voltage. 

120/208 volts. Practically all standard 220-volt 
ratings could be used as they stand. However, it 
would be disadvantageous to put a double rating on 
the nameplate for, if performance guarantees at 208 
volts must be given, these motors would be at a dis¬ 
advantage as compared with lines designed for and rated 
at 208 volts. New designs could be reduced to a 
minimum, by having it generally agreed that 220- 
volt motors will be satisfactory for operation on 208- 
volt networks and that no change in the nameplate will 

be required. • , , 

Both study and experience have brought about a 
general assumption that five per cent voltage variation 
at utilization apparatus should be considered an ex¬ 
treme condition in low-voltage networks. If, as a 
result, five per cent plus or minus could be settled upon 
as the maximum tolerance for all types of apparatus 
connected to secondary networks, the extra expense due 
to adopting the combined system would be consider¬ 
ably reduced. This step would. prevent penalizing a 
large number of customers for the relatively few cases 
where excessive voltage drop occurs m the mterio 

wiring or distribution system. 

115/199 or 110/190 Volts. A separate line of motors 
would have to be brought out and the expenditure 
involved would be fairly large; it would even be exces¬ 
sive for 190 volts if the greater production of the future 

“ S°S-Phase Motors, 2:1 Voltage Winding: For any 
voltage ot the combined three-phase four-wire seco 
dary system this class of motor must operate either 
across two phase wires or from phase-wire to neutral. 
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As this does not give a 2:1 ratio and the motor winding 
must be designed to operate satisfactorily on both the 
upper and the lower voltages, the tendency would be to 
design it for sufficient power on the series connection 
and with sufficient material to withstand the voltage to 
neutral on the parallel connection. 

For instance, with the 120/208-volt scheme, instead 
of 208 -r 2 or 104 volts the parallel connection would 
have to withstand 120 volts. This means a range of 15 
per cent in nominal voltage, and to this must be added 
5 per cent to cover maximum regulation for the network. 
This vmuld result in a motor considerably larger and 
from ten to fifteen per cent more expensive than the 
present standard. Double guarantees would be nec¬ 
essary and unusual care in application would be re¬ 
quired to ensure that sufficient capacity be always 
available for the connection between phase-wires. 

For these reasons, and also because the majority 
of single-phase small motors are used at the lower 
voltage (which would be phase-to-neutral voltage in the 
combined secondary system), it is hardly advisable to 
introduce 2:1 voltage winding motors for combined 
three-phase four-wire secondary networks. Any com¬ 
promise using a double rating would also be unwise, as so 
many single-phase motors are sold to resale manufac¬ 
turers wiio distribute their products throughout the 
country that it would be very embarrassing to these 
companies if they supplied motors with more than one 
rating. 

Single-Phase Motors, Single Voltage Winding: Only 
a small percentage of these motors are used at the 
higher voltage. The present 220-volt ratings could be 
employed for 216 or 208 volts on network systems, 
but the risk at 199 or 190 volts would require the 
development of a separate line for these voltages. 

On the few" existing combined light and power sys¬ 
tems where potentials higher than 115 volts are actually 
obtained at the motor terminals, 110-volt motors have 
caused almost no complaints. However, it is antici¬ 
pated that if such systems become more numerous and 
are in the form of networks, whereby closer secondary 
voltage regulation is obtained, trouble may be ex- ■ 
peiien'ced due to overheating, noise, increased starting 
current, and lower efficiency and power factor. This « 
would be particularly true for 125 volts, which means i 
that motors for this voltage would have to be redesigned . 
almost immediately. 

With small motors future results cannot be deter- 1 
mmed entirely from past experience of a more or less 1 
limited nature. For instance, in the case of 120 volts i 
it is reasonably certain that difficulty would arise should i 
customers begin to order 120-volt motors, making it t 
necessary to give guarantees and eventually to mark the 1 
nameplates at 120 volts. To build a single line on the r 
basis of such network voltages as 120 or 125 volts 
would result in unsatisfactory operation on the in- \ 
numerable circuits that now deliver less than 110 volts t 
o single-phase motors; for example, considerable \ 


g trouble is already encountered on radial 110-volt 
e systems due to low voltage at starting. Building and 
o stocking a new line of 120- or 125-volt motors as a 
i parallel to the present 110-volt line would require a 
d fairly large expenditure. In addition, there would be 
considerable expense and confusion on the part of the 
1 utilization device manufacturers, for they would have to 
1 buy motors of both classes and carry large stocks at 
> their factories and distributors’ warehouses. 

I 2. Effect on General Purpose Motors. 110/220 
. volts is the existing standard for these motors, with 
[ permissible variation of 10 per cent plus or minus, 
i The principal factors that limit the design of standard 
■ general purpose motors are: 

a. Starting torque, especially in the smaller sizes; 
i b. Efficiency and power-factor (and principally the 
latter) which are of particular importance in low speed 
motors since heating ordinarily gives no difficulty if 
good performance is obtained; and 

c. Heating, mainly in connection with high-speed 
motors as good performance is inherent in them. 

The analysis, except for the sections on characteristic 
curves, is based on actual performance data for all 
sizes from 5 to 150 hp. in all lines. 

125/216 Volts: There would be practically no 
difficulty with this voltage. 

120/208 Volts .‘Starting Torque: Since starting torque 
varies approximately as the square of the voltage, the 
application of 208 volts to a 220-volt motor results in a 
reduction of about 11 per cent in starting torque. How¬ 
ever, at least 50 per cent of the standard 220-volt ratings 
would still give satisfactory torque at 208 volts plus or 
minus 10 per cent. 

For the remaining ratings it would be necessary to 
rewind, the motors to provide the same guarantees, 
the expenditure in development and other costs 
would be large for the motors that would require 
rewinding. If the number of classes and sizes of motors 
that would have to be changed were relatively small it 
mig be more expensive to keep a separate stock of 
motors for these ratings at 208 volts than to incorporate 
the rewound motors in one complete line good for 208 
to 220 volts plus or minus 10 per cent. The latter 
course would however, result in a reduction of the 
power factor of these rewound machines when operating 
on 220-volt circuits. 

° f 5 per cent plus or ™nus 

! S V egUlatl0n “ secondar y networks established, 
these changes could be avoided, provided only 

a small number of 220-volt motors would require 
rewinding to operate satisfactorily on 208 volts. Where 
this procedure might result in too low a starting torque 

mTghtbe 0 tool re d UCe ti VOltage at Starting ’ the motors 
might be thrown directly on the line at 208 volts. 

btartmg these motors directly across the line at tbi<? 

vo tage would probably not require any cha “ e witHn 

volts'iuJt h astt mg CUrrent W0Uld be reduced at 208 
volts, just as when using a reduced voltage starter on a 



Fob. 1027 


LIGHTER: COMBINED LIGHT AND POWER SYSTEMS 


230 -volt line. The starting torque, corresponding to 
the 208-volt point., would presumably be suflicient. 
That the motors could stand this method of operation 
mechanically seems assured because general purpose 
motors now in use, at least those up to 50 lip. in rating, 
can be and are connected direct ly across the line at the 
present standard voltages. Furthermore, with the 
frequency of starting usually encountered, there is also 
not likely to be any t rouble so far as heating is con¬ 
cerned, 

Should the number of motors that would need 
rewinding he burly large, however, and this may come to 
be the average condit ion a few years from now, it might 
be desirable to establish a new line of motors rated at 
208 volts. The performance in this case would natu¬ 
rally he improved as compared with the single line, but 


PERFORMANCE AT 208 VOLTS COMPARED WITH 220 
VOLTS 
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I t'liWfS Ltrhit • . >» 


THHOP' PHASE 
INDUCTION MOT OK 


; p : j il •• m VOLTS, 

r -'/l 1 0 IURATION AT ?20 V. 

\ -4 / A Hit > ortRMION AT UK V 

»j | 1:0,1. iit ',V i I //A 3 W1W1IUN AIUW V. 

'i ii—owiifltii f i s 


, \m-i rm'yt 



m\m 3 V 12 2 ? 

mu HWMorp: , 


StAtUINft TOUjllT^ 
illll \M\\ TORQUE 


40 nil m , Uw 

PtKilhl Ul KAUO HOKMI ;W!H 

Kim. 3 Monm PeitmuMANcr, CJuitvsu 


At 100 per cent of 
full load 


At 50-60 per cent 
of full load 


Speed. 

Power-factor 
Eflieieney... 

Current;. 

Pullout Torn 


0.3 per cent lower 0.15 per cent lower 

0.5 per cent higher 2.3 per cent higher 

0.5 per cent lower 0.5 per cent higher 

5.2 per cent higher 3.0 per cent higher 

11.0 per cent lower 


1781.63 M8 


115/199 Volts: Starting Torque: The starting torque 
of a 220-volt motor is reduced 18 per cent when a volt¬ 
age of only 199 volts is impressed. The number of 220- 
volt ratings that would give satisfactory torque at 199 
volts plus or minus 10 per cent ranges from about 50 
per cent of the total to a percentage considerably 
below this. 

The factors that would determine whether a single 
complete line of motors or two separate lines would be 
preferable are similar to those treated under the heading 
120/208 volts. The decision between one line or two 
lines in this case, however, might lean towards the 
latter on account of the difference in conditions under¬ 
lying the comparison between this and the 120/208-volt 
system. Two of the factors against a single line are 
the large number of motors that would require re¬ 
winding, and the fact that with a single line to operate 
at 220 or 199 volts the power-factor when 220 volts is 
used would be possibly 2 per cent lower at full load and 4 
t o 5 per cent lower at half load. Due to the greater num¬ 
ber of ratings involved the expenditure would be much 
larger than in the case of 120/208 volts. 

Characteristic Curves: The differences listed below 
are t aken from the curves of operation in Fig. 3 at 220 
volts and 199 volts. 

PERFORMANCE AT 100 VOLTS COMPARED WITH 220 

VOLTS 

AT 100 por «ont of At 60-60 per cent 
full load of full load 


the maint aining of a .separate st ock for each of the two 
lines would prove extremely burdensome from both the 
investment and delivery standpoints. 

Characteristic Curves: The following characteristics 
are taken from the curves in Fig. 3 of a typical standard 
220-volt three-phase squirrel-cage induction motor 
showing performance at rated voltage and at 208 volts. 
For speeds lower t han 1750 rev. per min. the perform¬ 
ance is not quite as good and the differences ore some¬ 
what greater. The values for 50 to 50 per cent of full 
load are added as it is found that this is the average load 
on general purpose motors connected to typical under¬ 
ground distribution systems and these values are there¬ 
fore the ones that will be of more interest during the 
immediate future. All values are approximate. 


Hpiutd... 

Powor-fa.<‘l.or... • 

Eflii'Lney. 

Curron I. 

Pullout. Torquo.. 


0.0 por oonl lowor 0.3 per cent lowor 

1.() por Mint higher 4.0 per cent higher 

1.0 por Mint lower 1.0 por cent higher 

10.3 por cent higher 6.0 por cent higher 

19 .0 por cent lowor 


Temperature Rise: There is no reason for applying 
any higher temperature rise motor on 199 or 208 volts 
(ban on 220 volts. The customers will probably prefer 
40 degree rated motors for general purpose application 
if the combined systems adopted require the use of 
199-, 208-, or 216-volt motors. Should a motor rated at 
ooo volts be operated at 208 volts or at 199 volts a 
higher temperature rise may he expected. As con¬ 
siderable variation in the results may be secured and 
induction motors in general must be considered, only 
very general statements can be made. 

The accepted custom which permits a maximum volt¬ 
age variation of 10 per cent from the nameplate rating 
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is based on the assumption that when so operated at full 
load the motor may rise 10 deg. higher than at its normal 
voltage and rated load. It may thus be assumed that 
at 199 volts the standard 220-volt 40-deg. general 
purpose motors will usually operate at close to 50 deg. 
rise and that at 208 volts they will operate at about 
45 deg. rise. These estimates will, of course, vary 
somewhat with the characteristics of the individual 
ratings. 

110/190 Volts: A decrease to 190 volts from the 
present standard of 220 volts is very great. In addi¬ 
tion, to provide for a further variation of 5 per cent 
(if this principle be accepted generally) widens the range 
to a point where difficulties might be encountered with 
the majority of existing motors. Should 10 per cent 
voltage variation be maintained as the accepted custom, 
the conditions would of course be even worse. 

If the original guarantees were required, the adoption 
of 110/190 volts would necessitate two lines and the 
expense would be so great as to be uneconomic. 

8. Motor Control Equipment. 220/440 volts is now 
standard for this apparatus, with allowable variation 
of 10 per cent plus or minus. 

In the past the transformer secondaries of power 
banks have usually been connected in delta and two 
overload trip coils have sufficed for full protection of 
motors. A new National Electrical Code rule permits 
the use of two trip coils with a fuse in the third phase 
for motor starters on three-phase four-wire systems 
with grounded neutral such as are employed in the 
majority of combined network systems. 

This rule may be used as an expedient to make 
unnecessary the equipping of existing control apparatus 
with additional trip coils when the secondary distribu¬ 
tion system is changed to the combined light and power 
type. It is reasonable to expect, however, that con¬ 
siderable experience with or study of the combined 
secondary system for networks will bring about a 
demand for that form of apparatus which suits the 
application best. 

It is thus justifiable to assume, regardless of the 
manufacturing costs involved, that extensive applica¬ 
tion of the combined system will finally result in a 
widespread demand for three-coil protection in starters 
for three-phase motors. Already there seems to be a 
move in this direction by numerous Underwriters’ 
inspectors. This would necessitate rearranging all 
general purpose motor controller designs to provide the 
third trip coil, and that would entail a large item of 
expense. 

125/216 Volts: The present standard coils could be 
used in most cases, but where the voltage is low special 
coils would be required. 

120/208 Volts: 115/199 Volts: 110/190 Volts: Any 
of these voltages involves adding at least 33 per cent 
to the number of a-c. coils in stock and the maintaining 
of a double set of standards since the original standard 
of 220 volts will still hold for other than network 


systems. The expense of all necessary changes would 
be large, especially for 190 volts. 

A Safety Switches. 125/250 volts is standard at 
present for these switches and is the maximum rating. 

To comply with the latest safety code ruling it will 
be necessary to ehange the construction of the standard 
triple-pole entrance switches by adding a neutral strap, 
for such services as will be three-phase four-wire. It 
is probable that this will apply to all standard sizes. 

Where four-pole general purpose switches have been 
employed on delta-connected circuits, there might be 
a demand for three-pole switches with solid neutral 
connection. Motor starters having thermal cutouts 
may have to be redesigned to include an additional 
thermal cutout, for the same reasons as given under 
“Effect on Motor Control Equipment.” 

The expenditures thus incurred will be considerable. 

5. Distribution Transformers. 115/230 volts is the 
standard now. A tolerance of 5 per cent plus is 
allowed for single-rated transformers. The majority 
of tranformers are triple-rated at 110/115/120 volts, 
and 120 volts is the allowable upper limit. 

125/216 Volts: When the voltage impressed on a 
distribution transformer is raised within the limit that 
results in saturation of the iron, the per cent copper 
loss decrease is about the same as the per cent iron loss 
increase. In the sizes from 50 ky-a. up, which generally 
obtain in the present types of low-voltage networks, 
the copper loss is predominant at full load but is sub¬ 
ordinate to the iron loss at light loads. Therefore, at 
full load an increase in voltage to 125 volts results in a 
net decrease in total loss. 

Thus, for those networks in which the practise 
may be adopted of tripping out feeders during light¬ 
load periods to save iron loss and in which the trans¬ 
formers will be fairly well loaded throughout the day, 
heating will be reduced and efficiency improved by an 
increase in impressed voltage. But where all feeders 
will be left in service the entire day and the transformers 
will be lightly loaded for a considerable number of 
hours, the all-day efficiency will be decreased by 
voltage increase. In either case, regulation is 
improved. 

The salient effect is on exciting current, which 
increases about 300 per cent when a 115-volt trans¬ 
former is stressed to give 125 volts. As this is decidedly 
beyond the allowable limit for the majority of distribu¬ 
tion systems, all ratings would have to be redesigned. 
The expense of this would be excessive. 

120/208 Volts: Standard transformers will operate 
satisfactorily at this voltage. The exciting current of a 
115-volt transformer, however, is still increased con¬ 
siderably when operated at 120 volts. The very com¬ 
mendable effort being put forth at the present time by 
the operating companies to reduce the exciting current 
on their lines may make such an increase undesirable. 
There is also the necessity of allowing for the voltage 
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drop in secondary mains, services, and house wiring. 
Thus, the possibility (hat a line of 115 120/125-volt 
transformers would be required is apparent. The 
cos l: of such a change in all ratings would be very 
large. To 1 his expense might he added that of continu¬ 
ing the present standard line of transformers, due to 
the probability (hat conditions on the majority 
of radial systems might make the new ratings 
unsatisfactory, 

115 199 or 110. 100 Volts: No changes would he 
necessary. 

(L Misri'lhninutit Apparatus. This group includes 
carbon and oil circuit breakers, relays, meters, instru¬ 
ments, voltage regulators, rectifiers, rectigons, fan 
motors, condensers, and lint* material. 

115/200 Volts, with tolerance of 5 per cent, plus, 
is the existing standard for the majority of this 
equipment. 

125 210 Volts: As 120 volts is now the allowable 


7. Electric Heating Devices. 115/230 volts is the 
present standard, with allowable variation of 5 per cent 
plus or minus. 

On a combined secondary system the lower voltage 
heating units are usually connected between the 
outside conductors and neutral, and balanced among the 
three phases as often as possible. 

125/216 Volts: Since the upper limit would be ex¬ 
ceeded at 125 volts, two separate lines of heating 
devices would very likely have to be maintained, both 
for industrial and household uses. The expense involved 
would be excessive and customers moving from one 
zone to another would undoubtedly experience trouble. 

This voltage, if applied to the enormous number of 
heating appliances now connected on distribution 
systems, is so much in excess of their present voltage 
ratings that great trouble could be reasonably expected 
because of too high temperature or even burnout of 
elements. 
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upper limit for most of the apparatus, much re¬ 
design would be necessary, resulting in excessive 
expenditure. 

120 20H Volts: With most of the apparatus there 
would he little serious difficulty in operation, but there 
would be considerable expense eonneeted with changing 
the design of fan motors and rectifiers for 120 volts, 
and static condensers for208 volts. 

The application of condensers is comparatively 
new and growing rapidly, so that present estimates of 
the effect of a non-standard voltage on them should be 
multiplied by a large factor when considering the in¬ 
fluence on future applicat ions. 

115/100 Volts: For this voltage the expenditure 
would be the least. The only change might be a new 
line of static condensers rated at 190 volts. 

110 100 Volts: Some 220-volt apparatus could not 
operate satisfactorily on 190 volts and there would be 
considerable expense in redesign and extra stock. 


120/208 Volts: There would be a small item of ex¬ 
pense to allow for voltage variation up to 5 per cent 
above 120 volts in connection with a few types of 
equipment. 

There is an advantage in having 230-volt elements 
for heavy duty service. In some cases the 230-volt 
elements in large electrically heated apparatus for 
industrial use, such as in furnaces and ovens, cannot be 
operated properly at 208 volts. This may or may not 
be a serious matter, according to the conditions 
encountered. 

115/199 Volts: 115-volt elements are standard, but 
the condition, described for devices operated at 208 volts 
applies more particularly with 199 volts. 

110/190 Volts: There would be no difficulty with 
standard apparatus on 110 volts, but it is possible that 
a new line of 190-volt equipment would have to be de¬ 
veloped, with considerable expense attached. 

8. Summary for Three-Phase Combined Systems. 
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The study of the three-phase combined system for net¬ 
works has included an analysis of the effect of the four 
voltages—all that have been seriously proposed as yet 
in this country. 

The fact that 125 volts, the first voltage studied, has 
not yet been considered a recognized departure from the 
accepted standard lamp voltage, coupled with the 
excessive cost to consumers and operating companies 
for small motors, transformers, miscellaneous apparatus, 
and heating devices, would seem to weigh heavily 
against the general adoption of the 125/216-volt scheme. 

The 110/190 volt system voltage of the analysis 
likewise appears to have serious disadvantages 
under existing conditions, due to similar excessive 
expense in connection with general purpose motors, 
small motors, and motor control equipment. 

There remain for further consideration in the three- 
phase combined system group only the two voltages, 
115/199 and 120/208. These will be studied later in 
the Quantitative Analysis. 

Table VI summarizes the effects of the various three- 
phase voltage combinations on the different classes of 
apparatus discussed in the Qualitative Analysis. The 
numbers in the left portion of the table are those ap¬ 
plied to the various classes in the Analysis. Basing a 
comparison between the various schemes only on the 
summary in the left portion might be incorrect, since 
the relative importance of each class of apparatus 
should be given due consideration. Hence, in the right 
portion of Table VI there has been substituted for each 
class a number proportional to the total annual sales of 
that product for the entire industry. The large adverse 
totals against 125/216 volts and 110/190 volts in this 
summary substantiate the proposition to eliminate those 
voltages; and the indicated parity between 115/199, 
volts and 120/208 volts points to the desirability 
of studying these two voltages further. 

Effect of Change to Combined Light and Power 
System for Two-Phase 115/230-Volt Secondary 
■Networks 

This portion of the Qualitative Analysis considers 
only 115/230 volts, as that is the only two-phase voltage 
so far suggested for combined secondary systems. 
Similar to the analysis of the three-phase schemes, it is 
assumed that this two-phase five-wire scheme would be 
adopted in all areas that could be networked and that 
in all other systems the present methods of distribution 
would be maintained. 

1. Small Motors. The widespread retention of 
three-phase radial systems in addition to the general 
adoption of two-phase networks would, under 
conditions of the present, have an important effect 
on small motors as regards the industry as a 
whole. This would be due to the considerable expense 
in the production, distribution, and maintenance 
of an increased number of two-phase motors to parallel 
the line of three-phase motors. 


2. General Purpose Motors. As with small motors, 
if all networks were two-phase the production and 
stocking of two-phase motors would be greatly in¬ 
creased, with a consequent very large increase in motor 
costs. 

For equal amounts of material, that part which is 
active in a three-phase motor is practically 6 per cent 
more effective than in a two-phase motor. In perform¬ 
ance, the actual results of this difference depend, of 
course, on the balance struck between the various motor 
characteristics when designing the machines. In any 
event, all parties would have to share this loss of 6 
per cent in the effective use of materials entering into 
the construction of apparatus. 

Regarding the feasibility of changing three-phase 
motors to two-phase, the potential should be reduced to 
188 volts when a three-phase 220-volt motor is recon¬ 
nected for two-phase, 220 volts. If operated at 230 
volts the power factor would decrease from 4 to (J per 
cent depending on the motor speed, and efficiency 
would increase somewhat, but the motor would gener¬ 
ally operate within its temperature rating. Where 
extra insulation has been provided between phases in 
three-phase motors, similar insulation is required be¬ 
tween phases after reconnection. 

3. Motor Control Equipment, Due to the use 
of a grounded neutral in two-phase live-wire com¬ 
bined secondary systems, four overload trip coils may bo 
required to give full protection, which means the addi¬ 
tion of two coils and rearrangement of all controllers 
for motors intended for connection to networks. A 
fourth pole must also be added. The combined increased 
expense in development, manufacture, and stocking 
would be very large. 

A Safety Switches. A neutral strap and fourth 
pole must be added where entrance switches will 
be used on five-wire services; all standard sizes will 
probably be affected. Four-pole general purpose 
switches used on lighting feeders may require the addi¬ 
tion of a solid neutral connection. Motor starters 
must have a fourth pole added and it is probable that 
where thermal cutouts are used two extra cutouts may 
have to be provided to make a total of four. 

The entire extra expenditure would be very large. 

5. Transformers. Since the majority of the feeders 
would eventually be three-phase, transformers would 
require Scott tap construction. Subway transformers 
of this type would have to be furnished. As the Scott 
connection for distribution transformers requires inter¬ 
laced windings, the design is special. 

There is some question as to whether a separate 
stock would have to be developed. If there were 
general agreement that these transformers would be 
used at full rating for other than network installations 
and at reduced rating in three-phase to two-phase net¬ 
work banks, one line would suffice. However, if the 
operating companies employing networks should desire 
to operate the transformers at full rated capacity and 
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the other companies could set* no value in ihe special 
design, a separate line for each of these groups would 
have to be carried in slock. The total extra expense 
would he very large. 

<), M' iscclhtitroim A pimrnhix. The main changes 
would he the addition of a fourth pole on certain oil 
switches and carbon circuit breakers, and the extra 
cost of two double-pole network protectors or one four- 
pole in the place of a tripie-pole protector at, each 
polyphase transformer hank. The expenditure in¬ 
volved would he very large. 

Klevtrir Ilratintj Ihrirtv, The two-phase system 
uses devices of standard rating, 

y. Summitry fur Ttra- (Aomhiiit'rf Syxlmm s\ 

The Qualitative Analysis for the two-phase I 15/230- 
volt; live-wire combined light and power system thus 
indicates the possibility of certain disadvantages with 
regard to small motors, general purpose motors, motor 
control equipment, safety switches, transformers, and 
miscellaneous apparaf us. 

To make it possible to gage how important these 
factors may hr* will require some form of quantitative 
analysis. 

Qtiati tit a t ire A nah sis 

In any comprehensive study leading to a comparison 
between the most important of tin* combined secondary 
schemes thus far proposed, a qualitative analysis has 
its place. A quantitative analysis, however, may also 
be desirable, particularly to assist in forming a better 
conception of tin 4 increased cost that; might hr* incurred if 
any one combination should la* adopted for all network 
systems. 

As a step in this direction, dairies II, 111, IV,and V 
were developed, Kmploying the assumptions used for 
Table 1, these tables offer an approximate measure of the 
percentage uf all apparatus connected to secondary 
systems that would he affected by each of the throe 
principal combined schemes and also by the radial 
system, The combined schemes chosen for considera¬ 
tion arc the fwo phase combination and the two princi¬ 
pal three-phase arrangements selected for reasons 
previously explained in this paper. 

The left portion of each table applies to number 
of apparatus units grouped as phasedo-neutml and 
phased e-phase equipment. The right portions repre¬ 
sent the percentages of the left parts weighted in pro¬ 
portion to total sales of the phasedo-neutml and phase- 
to-phase groups. 

In Tahiti It, all the three-phase network systems are 
assumed to be 120 208-volt, hut allowance has been 
made for some two-phase systems still existing. Table 
III is similar to Table 11 with the exception that all two- 
phase systems are supposed to have been converted into 
120/208 volt three-phase networks. Table IV gives the 
reverse condition, all systems operating as two-phase 
networks except the radial systems. In Table V the 
network system percentages of Table III are assumed 
to apply to 115/1 UP volt networks. 


These tables indicate that apparatus to the value 
of about 37 per cent of the total sales would be different 
from the existing standard if all equipment in network 
areas were exactly suited to the 120/208-volt system; 
and that the 115/199-volt and two-phase schemes would 
each involve non-standard apparatus valued at only 
about 8 per cent of the total. As the preference for 
three-phase appears to predominate among operating 
companies and manufacturers, these tables show that 
the 115/199-volt scheme as a common choice for com¬ 
bined secondary systems would probably affect the 
least apparatus. 

The main assumptions on which the Quantitative 
Analysis was based are listed in Tables VII, VIII, and 
IX. These tallies bring out the changes that may be 
required in each of the seven apparatus classes of 
'Fable V I if any of the three principal schemes should be 
adopted as the standard for all networks. It was also 
assumed in this Analysis that the transition to network 
systems would be completed for the entire country 
within ten years. 

Table X gives the results of the Quantitative Analysis. 
The relative index numbers represent the approximate 
expense to the entire electrical industry for small 
motors, general purpose motors, etc., and the totals 
summarize these expenses for each' of the combined 
schemes considered. 

The operating companies that have applied the 
combined light and power method of secondary dis¬ 
tribution have been prompted mainly by the desire to 
effect a great saving to the entire electrical industry. 
Table X shows that if any type of combined secondary 
scheme is generally adopted for networks there will be a 
heavy expenditure tending to offset some of the gain. 

1 (, also discloses that failure to standardize immediately 
will add further to this tendency. 

Table X reveals the possibility that there may be a 
definite difference between the 120/208- and .115/199- 
voll three-phase systems, in favor of the latter; and that 
the adverse effect of the two-phase combined scheme 
may be relatively much greater than that of either of 
the three-phase combinations. 

Relation of Trends in the Industry to 
This Problem 

The Qualitative and Quantitative Analyses deal 
with the effect of the combined schemes themselves on 
apparatus as existing and as required in the future. 
If the task of choosing a standard scheme is undertaken, 
other influences should also be considered. For in¬ 
stance, what bearing may the numerous trends in the 
industry have on the contemplated standard? A 
discussion of a few of these tendencies will serve to 
illustrate the importance of giving them proper weight. 

Trend of Low Voltages 

The trend of system voltages throughout the country 
appears to have received the most attention among 
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t0 uredominate in low-voltage distribution systems 
s the analysis of the lamp sales in the voltages of the 
... i, r rVio curves m Purs. 4 and 5. 


, .j —a i n a_ 1 20-volt class. 


table VII 

assumptions for analysis 

■PVPWSE TO ENTIRE INDUisTKx 

ovS ten year transition period 


TABLE VIII 

ASSUMPTIONS for QUANTITATIVE ANALYSIS 
assume loj tq BNTIRE INDUSTRY 

OVER TEN YEAR TRANSITION PERIOD 

THREE-PHASE 120/208 VOLT SCHEME 


Class No. r 

so changes required 

Changes required 

V\ 

ii 

A 

f 

1. 

Single-phase motors 
-ith 2:1 voltage wind- 2: 
ng would not be de¬ 
veloped. c 

Single-phase 110/ 

>20 volt motors satis- ii 
'act or y on 115 volts. 

c 

Rewind certain single-phase 

20 volt ratings for 199 volts: 

a. Considerable development 
ost. 

b. Considerable shop cost 
□.crease. 

c. Some additional expense 

Lue to stock increase. 

Small - 

motors 

c 

Rewind certain polyphase 
>20 volt ratings for 199 volts: 

a. Considerable development 
;ost. 

b. Some shop cost increase. 

c. Some additional expense 
due to stock increase. 

2. 

General 

purpose 

motors 

Less than 50% of 
present ratings satis¬ 
factory on 199 volts. 

Rewind more than 50% of 

220 volt ratings for 199 volts: 

a. Large development cost. 

b. Considerable shop cost 
increase. 

c. Some additional expense 
due to stock increase. 

3. 

Control 

equipment 


Add third coil for 3-coil 
overload protection; redesign 
all 3 coils for 199 volts: 

a. Considerable development 
cost. 

b. Considerable shop cost 
increase. 

c. Considerable additional 
expense due to stock Increase. 

4. 

Safety 

switches 

No change in motor 
starters that do not 
use thermal cutouts. 

Add neutral strap in all en¬ 
trance switches; develop 3- 
pole general purpose switch 
with neutral strap; add third 
thermal cutout to certain 
motor starters: 

a. Considerable development 
cost. 

b. Some shop cost increase. 

c. Some additional expense 
due to stock increase. 

5. 

Transformers 

This system uses 
standard transformers 


6. 

Miscellaneous 

apparatus 

Relatively smal 

changes required h 
apparatus other thai 
static condensers. 

1 New line of static condensers 
a for 199 volts: 
a a. Small development cost. 

b. Some shop cost increase. 

c. Some additional expense 
due to stock increase. 

7. 

Electric 

heating 

devices 

Eor 115 volts a 
apparatus is stanc 
ard. Changes in n 
dustrial apparatus f< 
199 volts would is 
volve relatively litt 
1 expense. 

11 

1- 

l- 

jr 

n- 

le 


Class No. j ^ 

STo changes required 

Changes required 

y 

Y 

d 

2 

s 

1. 5 

Single-phase motors 
uth 2:1 voltage 1 
rinding would not be 
leveloped. c 

Single-phase 110/ 

;20 volt motors prob- t 
b bly satisfactory on 
>08 volts. c 

Rewind certain single-phase 

10 volt ratings for 120 volts: 

a. Considerable development 
ost. 

b. Considerable shop cost 
ncrease. 

c. Large additional expense 
lue to stock increase. 

Small ~ 

motors 

Polyphase 110/220 
rolt motors probably 
satisfactory on 208 
volts. 


2. 

General 

purpose 

motors 

More than 50% of 
present ratings satis¬ 
factory on 208 volts. 

Rewind loss than 50 % of 220 
volt ratings for 208 volts: 

a. ' Some development cost. 

b. Some shop cost increase. 
Note: No stock increase. 

3. 

Control 

equipment 


Add third coil for 3-coil 
overload protection; re-design 
all 3 coils for 208 volts: 

a. Considerable development 
cost. 

b. Considerable shop cost 
increase. 

c. Considerable additional 
expense due to stock increase. 

4. 

Safety 

switches 

No change in motor 
starters that do not 1 
use thermal cutouts. 

Add neutral strap in all en¬ 
trance switches; develop 3- 
pole general purpose switch 
with neutral strap; add third 
thermal cutout to certain 
motor starters: 

a. Considerable development 
cost. 

b. Some shop cost increase. 

c. Some additional expense 
due to stock increase. 

5. 

Transformers 


Change standard rating to 
115/120/125 volts: 

a. Some development cost. 

b. Largo shop cost increase. 
Note: No stock increase. 

6. 

Miscellaneous 

apparatus 

Relatively small 

changes required in 
apparatus other that 
static condensers, far 
motors, and rectifiers 

[ New line of static condensers 
i for 208 volts; now lines of fan 
l motors and rectifiers for 120 
t volts: 

a. Considerable development 
cost. 

b. Some shop cost increase. 

c. Some additional expense 
duo to stock increase. 

7. 

Electric 

heating 

devices 

Changes in Indus 
trial apparatus fo 
208 volts would in 
volve relatively litt! 
expense. 

i- Modification of some 115 
r volt ratings for 120 volts: 

L - a. Small development cosfc. 
o Note: No shop cost or stock 
' increase. 


scheme. Only a thorough survey can give a measure 
of the extent to which each voltage is now in use. 

rw -method often used in gaging which voltages will 


applying to lamps sold during the past nine years, at e 
based on data contained in reports of the National 
u.Wfvic T.irrhf Asancio+irm Tamn Committees. 
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Fig. 4* gives, for each year, I,he percent,age of the 
sales in 115-volt lamps (the* recognized lamp standard) 
as part of the sales in the entire 100-1 J'lO-volt group, 
and also similar percentages for 110- and 120-volt lamps 
(the two recognized departures from the standard). 

TAIU.K IX 

ASSUMPTIONS pllli gUANTITATIVK ANALYSIS 
KXPKNSK To ENTIRE INDUSTRY 
OVER TEN \ EAR TUANHITION CKHHJO 

TWiM'llASK u;. run vol.T scheme 


convergence of these two curves between 1923 and 1925 
is probably no more definite indication of a decided 
change in favor of 120 volts than was the divergence 
between the curves from 1921 to 1923 a sign that 115 
volts would soon outstrip 120 volts. 

The curves of Fig. 5 show another way of determining 
the probable tendency of system voltages. These 
curves give the total annual lamp sales for each of the 
three main voltages. In applying them it is assumed 
that the total number of lamps sold in a given voltage 


t minimi 


j \ti reipdred 
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i \ nil nutiiii'?: '.;tl i'. 

I faefoii mi 1 Li \utl!i 
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| Nii addiiimial ilrvi'l lucrea-ail polvplucie prmlue- 
uptimet rcipiiivd ini' 1 loll i'oM and Mock : 

| pul,v pit.r ■< iiiu'ni ■, a. Hun it* * Imp i'll-, i increase. 

It. Sniim mlilliiunal i*\|icnse 
| tim* in Murli iiuTi'iiM'. 

| Nu mltlilmnul ilrirl luci'ravcd production nisi, 


TABLE X 

0II ANTI TATI VE AN ALY SI S 
EXPENSE TO ENTIRE INDUSTRY 
OVER TEN YEAR TRANSITION PERIOD 


Class of apparat us 


Tliroe-pluise Throe-phaso Two-phase 
115/11)9 volt 120/208 volt 115/230 volt 


optimal ri uuimt 


< iem-ral 
purpirw 
iimlnra 


:i, 

('mil ml 
ripiiplll.’. 1 


ami Mui’U: 

U Sunm ,'dmp i’iisI increase, 

I. Larpr iiiliHHiiiial cvpense 
illlr In slilt’li illiTfllMv 

\dd nmir niotlnad pm 
liTflun enlK and luurili pule: 
a, Very larm* development 

; 1‘n’ii, 

! h 1 ante Ump iwl limt'ense. 
r, t ’nusiiliTitlili* itiltllf Iottiil 


Small motors. 

(ien’l. purpose motors_ 

Conlrol oiiuipmont. 

Safety switches. 

Transformers. 

M IseellaneotiH apparatus. 
Eleelrie UcatluK devices,. 


Totals.1 

*T(ki small to lnlluunco total. 


$75,000,000 I $100,000,000 | $150,000,000 


i vp.-nmdue in Mock Iiiitciim*. 


Add Imii i li jmlf and neutral 

Mt.ip in all i nhainv swllelns. 

m 40 

add uniiral -.trap m fmtr pole 

n: 

O 

t’l iu i ii| purpmi* »*« lichen: add 

luurili pul*' lo umlor Marieim 

o 

aEii l«n (hermal niimda lo 
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to 

a ! ’miHideruMi* development 

5 

ru4, 

s 

It 1 ’uie illei aide hlmp coil, 

24 

inert-jw 

u< 

O 

e, home addUlmiiil evprnso 

ui 

dui' lo Mock luiTeiiHc, 

cjl 

£ 

as 16 


Ti'iUi'ilmiinis 


M I'.i’elliiin un i 
apparaiip. 


Add Mi’nlf lap lt» all I’iitllliss: 
a, UmiUdendih* development 

| »"* ml. 

(‘uinitilelillile shop CoMt 
iuireane. 

Suit*: \t» Muck IiHTense. 

piiU f i. alH uu MudiHeal ioo» in oil sw itches, 

eliiUWte* t. unln d hi : tuition eheolt lueakers. and 
appauhim n»ln r Hunt : nuioinalle network units; 
nil will 'lies, Carlton* a, < *o»»ltle«ahle development 



. nil »»«lli'lii-’i. e.uliult , 11, 
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aiiluio hi*' tut null, It 
• nod ! , ‘‘ 


h Some liuTiitsed simp host., 
e, < 'mmldenihln additional 
\pen*M' due to Mock llPTeilKC. 


7, ) M'lpn m, Melll uses 

Eire!l ie ' ,p ip'i ■< id Miuidard 

heal hut dt vires. i taihut. 


The approximate parallelism of the 115- and 120-volt 
curves appears to indicate that 120 volts Is not dis¬ 
placing 115 volts as the preferred voltage. The slight 

*Tukou from Fig. 0, Vn^ X of 102",-192(5 Report of Lamp 
Committee, Natimml Elm-trie Light Acmeuilioit. Publication 
25(1*47. 


Fin, 4 Pmi portion or Lamp Bales in Recoonizko Standard 
Group to Total Saleh in 1.00-130 Volt Group 

is a measure of the number of customers served at that 
voltage and hence of the extent to which the voltage is 

tiP jjp to 1921 the total lamp sales for 120 volts appear 
to have kept pace with those for 115 volts, with the 
latter in the lead, but Fig. 5 shows that since 1921 
there has been a more rapid upward climb ol: the 115- 
volt sales. If the tendencies indicated by these curves 
become the realities of the future, then it is likely that 

„ ,. u. i i.i ... ...j .wiciro In umnf* 
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Furthermore, there appears to be little evidence at 
present of any trend that may change this situation. 
Noting the continued decrease in the number of 110 
volts lamps sold since 1921, it is interesting to determine 
whether the companies that are dropping 110 volts may 
be adopting 120 volts instead of 115 volts. It is 
difficult to draw any such conclusion from Figs. 4 and 5, 
for the curves give no indication as to how much of the 
increase in 115-volt or 120-volt lamp sales is attributable 
to” normal growth of connected load in 115- or 120- 



tion for a basis of standardization for combined lig 
and power schemes to be made later in this paper. 

Good Public Relations 

The maintenance of good public relations is a 
knowledged by operating companies as increasing 
important. System changes are being made in t 
manner that disturbs the fewest number of custome: 
Universal adoption of a standard combined system m 
inconvenience some consumers at the start regardk 
of the kind of scheme chosen, but taking into accou 
good public relations calls for minimizing the numb 
thus involved. 

The motor users that would be affected by a; 
standard combined system constitute a relatively sm 
part of the entire group of customers. The simi 
means that have been employed to remedy the mot 
troubles have been pointed out previously here: 
Thus, from the standpoint of good public relatioi 
consideration of the other utilization devices would se( 
to be of more importance. 


From 125% Load Up 


5% of H.P. 


6% of Motors 


From 0-100% Load 


88% of H.P. 


85% of Motors 


rom 100% Load Up 


12% of H.P. 


15% of Motors 


Fig. 5 —Total Lamp Sales in Recognized Standard Volt 

Group 

volt systems and how much to acquisitions from 110- 
volt systems. 

While the tendency in the past has been towards 
a steady upward climb of distribution voltage; this 
seems to have been checked by the approach towards 
standardization in the last few years. As an illustra¬ 
tion, there is the action of a few of the larger syndicates 
in standardizing on 115 volts for their properties, even 
though it appeared that the extra capacity available 
at 120 volts would have resulted in greater return on 
the investment. 

Considering the above deductions, namely: (a) the 
increase in use of 120 volts will probably not overreach 
that of 115 volts, while the use of 110 volts is declining; 
and (b) seemingly, no trend or development important 
enough to change these conditions has been brought to 
light thus far; it appears that what had the semblance 
of an endless process of increase in voltage standards 
has been halted. 

The subject of lamp standards brings to mind the 
method that was employed when the situation regarding 
lamp voltages was at least as difficult as is the combined 
secondary situation today—adoption of a single lamp 
standard with recognized departures. This, precedent 
should be of value when considering the recommenda- 



NORMAL MAXIMUM LOAD 


120 160 200 
PER CENT OF MOTOR RATING 


Fig. 6—Load Survey of General Purpose Motors 

Standardization of Transmission System Voltac 

The present trend toward standardization of tra 
mission system voltages will affect the ability of m? 
'companies to apply a given combined light and po^ 
secondary scheme chosen as the standard. This m 
be given due weight. There are numerous compai 
operating secondary systems at 110 and 115 volts t 
cannot raise the potential to 120 volts at peak lo 
the limit of voltage capacity of all apparatus on tl 
systems having been reached. Usually 115 volts 
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the utilisation device requires 120 volts at, the 
trail sformcr. 

The choice of transmission voltage standards should 
take into consideration the possibility of adopting as 
the standard for combined secondary systems that 
scheme which conforms closest wit h nil t lu» requirements 
for a combined standard. These will he listed near the 
end of the paper". 

Standardization on Systems for Distribution 
There appears to be a tendency for operating <*om- 
panies to standardize on certain designs of systems 
for distribution when (be concensus of opinion agrees 
on such designs as the best obtainable. 

Thus, almost all direel -current dislribul.ion systems 
have the same pattern, some form of three-wire net¬ 
work at 120/2-1(1 volts. The majority of primary sys- 
terns in cities have been changed from 2200 volts three- 
wire three-phase and 2200 volts three-wire or four-wire 
two-phase to 2200 •IflOO volts four-wire three-phase or 
something similar. Sixty cycles has practically become 
the standard frequency for alternating-current distri¬ 
bution systems. Most street lighting' systems use 
series circuits and railway distribution systems are 
usually boo volts, d -c. 

Standardization on a.single system fnreombined light 
and power secondaries in network systems would 
not therefore be a radical departure from existing 
tendencies, 

< Iyeu-Motouing 

Manv operating companies favor making use of the 
present degree of over-motoring where possible, yet dis¬ 
courage its continuance into the future. These ten¬ 
dencies will improve tin* power-factor and make less 
costly both the plant required to render power service 
and the motor installations. To avoid any injustice to 
customers who ha ve purposely allowed spare capacit y in 
motors for future increase in loads, these operating 
companies stand ready to install the boosting auto- 
transbtmi* iv; whenever required. 

Tig. (1 is the result of a load survey of all the general 
purpose motors served by a large underground distribu¬ 
tion system. Load eoneentrations averaging 20,000 
1,o 40,000 kv-a. per square mill* prevailed. Kvery type 
of motor encountered was tested carefully and it. may be 
said that the results are fairly typical for most of the 
underground areas where a-c. networks will be applied. 

These curves indicate that for the majority of motors 
and motor hp. in such districts the maximum load is 
only 50 to 00 per cent of tin* rating, and that in but 10 
to 15 per cent: of the eases is 100 per cent or more load 
encountered. How the power-fuel or of underloaded 
motors is somewhat improved by operat ion at reduced 
voltage has been disclosed in the Qualitative Analysis. 

*lt Tab,, { H*rfiucnl m tube into amount the probftbh)Hunt-oof 
an internutkmid stitnduni for low voltages in distribution systems. 
See Report of Now York Plenary Meeting, April, H>2b, Inter¬ 
national ElectroteehuieiU Publication 20, Page Ho. 


T AND POWER SYSTEMS 

Two-Phase Distribution 

The original alternating-current system was two- 
phase. The fact that, the use of the newer three-phase 
system has increased so rapidly in radial distribution 
practise leads one to the conclusion that it has some 
important advantages over two-phase. At the thresh¬ 
old of selecting a standard combined scheme for net¬ 
work systems it may be desirable to investigate whet,her 
the choice of three-phase would likewise be on a sound 
economic basis. 

In some quarters there appears to be the general 
impression that two-phase is becoming obsolete, but 
there is not, much information available whereby this 
may be investigated. A recent survey of motors used 
in industrial plants* indicates a decrease in the number 
of two-phase motors by slightly more than 18 per cent 
in five years. As was brought out in the discussion of a 
recent. Institute paper,f the assumption that, appioxi- 
mately (5 per cent, of all polyphase motors in use are 
two-pluise may not. be far from correct, (combining 
this rate of decrease with this present, status gives 
only about 2 per cent as the percentage of two-phase 
motors 25 years Irom now. 

it costs a little more to manufacture a two-phase 
motor than a three-phase motor ol the same nameplate 
rating. At some time in the future, when two-phase 
motors are fewer in number than at present, this extra 
cost may become proportionately so large as to warrant 
an increase in the price of two-phase motors over three- 
phase; deliveries of two-phase machines would also be 
slower. At that time, the combination of these factors 
may have a very noteworthy influence on the de¬ 
mand for three phase in t hose areas now supplied with 
two-phase. 

Consideration from all angles makes it appear un¬ 
likely that, there will be additions to the two-phaso 
group from companies now operating three-phase 
systems or contemplating new systems. Due mainly 
to the motor problem, several companies have expressed 
great opposition to any change to two-phase for net¬ 
works. Although a two-phase live-wire secondary 
network with mains on both sides of. the street involves 
only a small increase in total annual charges over a 
three-phase four-wire network,this difference would 
be much increased in the many systems that would 
desire or tie compelled to use only one side ol the street 
for mains. In such cases the companies object to the 
fifth wire even if it can tie pulled into the existing ducts. 

SUPPLEMENTARY RATINE FOR MOTORS 

The supplementary load rating of 1.15 that has 
recently been generally accepted lor application to 
standard 40-deg. general purpose motors is based on 
permitting operation at 1.15 times the rated full load 

* Electrical World, January 22, 1U20, Page 20b. 

fA, I. E. K. Jm/tiNAL, Vol. XIjIV, November, H>25, Pago 1252. 

{Paper by V, It. (Uioho. Sue Bibliography. 
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provided the motor is operated at its rated voltage and 
frequency. , 

This rule has been interpreted as not applying to 
standard motors operated at either 208 or 199 volts. 
The same is true for 40-deg. 208- or 199-volt rated 
motors since these ratings have not been recognized 
as standard for general purpose motors. Hence, if 
the combined secondary system chosen as standard 
should employ a voltage less than 220 volts, it would be 
necessary to warn customers using motors in network 
areas to avoid applying the supplementary rating 
without a load check by the operating company. 

It is likely, however, that the motor users in network 
districts receiving reduced voltage would also want 
the supplementary rating, as otherwise there would be a 
15 per cent differential against their motors merely 
because they were not located in radial distribution 
districts. This would make the application of rated 
voltage to motors more necessary and so increase the 
tendency towards a change in motor design to fit the 
115/199- and 120/208-volt schemes. 

It has been previously noted that present lines of 
general purpose motors would probably require re¬ 
winding of almost 50 per cent of the ratings to give the 
original torque guarantees at 208 volts. If the supple¬ 
mentary rating were also applied, a large majority of 
the 220-volt ratings would have to be rewound.to 
ensure satisfactory heating and characteristics at 208 
volts. For operation at 199 volts, practicaly all of the 
ratings would need rewinding. 

Standard two-phase motors need not be' changed 
to permit application of the supplementary rating, but 
its use on three-phase motors at 199 volts might call for 
an entirely new line. A recalculation of the quantita¬ 
tive comparison between the costs of the 115/199-volt 
three-phase and the two-phase combinations was there¬ 
fore made on that basis. The two-phase system still 
appeared to be considerably more expensive than the 
three-phase, the main reason for this being that general 
purpose motors constitute only one of six factors in¬ 
fluencing the results, as can be seen from Table X. 

Since the limiting feature in most applications of 
small motors, including fan motors, is not heating but 
torque, it is questionable whether the supplementary 
rating will even be applied to them. 

Frequency of Redesign of Apparatus 

The strides of the industry in the past seem to have 
brought about the impression that redesign of apparatus 
is not only frequent but periodic. It might be thought 
that these rapid changes will absorb the expense 
for such alterations in design as would be required if 
any one of the principal combined systems is chosen 
as standard. 

Apparatus redesigns however, are very irregular 
in occurrence and are sometimes quite infrequent. 
In one case there was a lapse of 10 years for general 
purpose motors and in another a line of distribution 


transformers stood unchanged foi 
redesigns occur more often it is g< 
dividual parts must be modified i 
Seldom does it become possible t< 
these changes in one general redesig 
the expense of each individual chang 

Even if demands on the part c 
operating companies for new ck 
should be coincident, it is only rar 
apply to the same parts. Hence 
the increases in shop cost and stoc 
main items of expense that woulc 
extensive change to combined 
secondaries. 

Based on this past experience the 
ity that redesigns of apparatus to si 
secondary scheme could be include 
of cost at the time of some other moc 

Weighing of the Principj 
Systems and Recommei 
Basis for Standard] 

After determining the effect of e 
combined schemes on apparatus 
secondary system and the bearing 
dustry upon the establishing of a 
of a given choice will depend on the 
these factors. 

It may be well to list the main poi 
in this regard, without attempting 
the order of importance. 

1. The scheme chosen must 
possible expense to purchasers of 
these are mainly the consumers. 

The thought has often been exp 
more to purchase and maintain the 
equipment than it does to buy the 
it. If this is true, it may be even 
adopt that policy which will result 
in cost of this apparatus and its upk 
to make the greatest possible sav 
generating and distributing the pow< 

2. The scheme should give m 
users and purchasers of apparat 
closely with present tendencies in 
should not destroy the results ob 
effort, without due compensation. 

3. It should be the cheapest to 
panies when considered from all a] 
to total annual cost of the entire < 
and also to first cost if possible, i 
looking ten years into the future. .< 
effect of the scheme on future revem 
projecting these studies beyond 1 
period. 

4. The scheme should be an im] 
operating point of view, by giving ■ 
plant and the least maintenance. 
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5. ]t should be such Hint, non-standard systems can 
change to it with minimum expense and effort; for 
instance, in the case of changing; two-phase systems 
to three-phase, or 110-volt systems to a higher voltage. 

The completeness wit h which standardizing for com¬ 
bined secondary systems may be adopted would pre¬ 
sumably he affected by (he manner in which the plan 
is carried out. Having determined upon a single 
standard, its acceptance might thus lie greatly helped if 
consideration were given to any other combination 
already employed by an appreciable number of 
companies. 

// is therefore recommended that la) in determinimy 
upon a Inna's for standardization, that combined scheme 
be chosen as the standard irhivh is preferable uccordiny to 
the most important of the requirements that have been 
listeil above, a nit ib) if the next best combined system has 
already received icide application , it he adopted as a 
rccoyni'jd tie part a re. 

< onehmlmig Suggestions 


To have a complete study of these requirements 
made as promptly as the importance of the problem 
merits and to allocate in each its proper relative weigh* 
will require the concerted attention ot the oleitiicul 
opera I mg companies. Nor can tin* manufacturing com¬ 
panies hope to avoid their proper share ol any task that, 
may arise as the result of a derision based upon that 
study, 'rim full cooperation of both branches of the 
industry will be necessary to arrive at a solution involv¬ 
ing the least, burden to all concerned. 

The following are a few suggestions for action 
whereby this purpose may he accomplished. 

The active interest of the leading men in the industry 
should ho enlisted. Their long experience with such 
problems and their intimate knowledge of the losses 
due to lack of prompt action in the past should be 
brought to hear. Them efforts would result in arrang¬ 
ing in the order of importance not. only the factors 
discussed in this paper hut also those aspects that have 
not been brought out. _ 

An intensive effort to improve the design of combined 
light and power systems for networks, in order to 
eliminate compromise as far as possible, would he ol 
distinct value, 'the translator scheme is apraiseworthy 
step in this direct km, but apparently it is not (lie 
final solid ion ’ . 

Agreement among t he operating companies on a 
standard scheme of connection and voltages, with an 
accepted departure if necessary, is recommendet . 
Stops should be taken immediately to bring about, 
such standardization before too much damage is clone 
by the rapid increase of systems requiring non-slatulaic 
apparatus. 

*()m< mnhunH ibw-rihcH if n* "com plicated, justly, and 
intloxil.lt*," all In emit if delivers standard voltages in a (In*cc- 
plmso light and power system. Kor other opinions so.« A. 1. h. h. 
Jouiin \h, V.*I. \ LV, February, R*2<>, page IHt). 


Cooperative effort will be needed to encourage the 
active support of this agreement, on the part ot all 
operating companies. Experience with other problems 
shows that this is usually necessary, for at the beginning 
of any standardization there is often considerable 
inertia to overcome. A conservative campaign of 
education on the value of adopting one standard for 
combined secondary systems would decidedly aid this 
effort. 

The manufacturing companies should make sure 
that none of their policies tends to promote the use of 
such schemes and voltages for combined light and power 
secondary systems as may differ from the standard 
that will be chosen. 
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Appendix A. 

Details of Network. System Design Applying 
to Underground Combined Eight and Power 
Segondaries 

Observations and analysis ol the operation ol com¬ 
bined secondary systems have shown that close atten¬ 
tion to the details of system design is necessary to 
obtain the full benefit,s of the combined method of 
secondary disl.ribut.ion for networks. Without; due 
regard to such details, complications detrimental to 
operating companies, or customers, or manulaeturers, 
or all three, might result from some well-meant effort. 
For example, a certain part of the network system 
might, he designed to better one condition at too great 
disadvantage to another part,; or too expensive appara¬ 
tus might be added to permit an economic* advantage 
over d-c. net,work or a-c, radial systems, where contin¬ 
uity of service is not of paramount, importance. Borne 
types of net.work systems call for equipment that makes 
operation cumbersome or dangerous; for others, special 
apparatus might; be considered necessary to meet a 
given local condition whereas a change ol system plan 
would he more beneficial*. 

*Tho desirable charnel,eristics ol network design, tin din* 
tinguislmd from Hu* mwoumry foal,urns, are discussed in “Evolu¬ 
tion of Alternating-Gummi, Secondary Networks, ’ 11. Richter, 
Electric J nurn at, .1 uly, 1025. 
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Transactions A. T. K. E. 


The following details of distribution system design, 
applying specifically to three-phase four-wire under¬ 
ground low-voltage networks, are suggested in the 
light of the present art. Some of these requirements 
are still controversial among those designing networks. 

1. Where extra heavy motor load occurs in the same 
building with lighting load, the power service should be 
separate from the lighting service. 

2. Service lines carrying power loads should be of 
ample size, and architects and electricians should be 
counselled to be particularly liberal in the design of 
power wiring in buildings. 

3. Service lines should be as short as possible to 
cut down the voltage drop from the secondary mains 
to the utilization devices. 

4. Where motors already installed require full rated 
voltage for normal operation, auto-transformers or 
booster starting compensators should be employed. 
This measure gives the least trouble to customers and 
the operating company. 

There are several precedents for using such auxiliary 
apparatus. Among these are the small transformers 
or auto-transformers in street lighting systems to adapt 
the form of energy supplied to the form required by the 
lamps, in order to transmit by the most advantageous 
method. There are also the auto-transformers for 
serving 2300-volt three-phase motors from 2300/4000- 
volt star primary lines that have been changed over 
from 2300 volts delta. 

The boosting apparatus employed should be well- 
built and have ample capacity. To reduce its cost it 
should be of indoor type and located inside the building 
where possible. Where manhole location is necessary, 
valuable space can be saved by mounting the auto¬ 
transformers on the ceiling or high up on a wall. When 
several power services coming from the same trans¬ 
former bank all require full rated voltage for motors, 
one auto-transformer may be employed for all such 
services. 

5. All three phase wires of a set of secondary mains 
should be put in the same duct. Where feasible, the 
neutral should also be installed in this duct. 

6. The copper cross-section of secondary mains 
should be ample, that is 200,000 to 500,000 cir. mils. 

7. Transformer banks should be of liberal capacity. 
As the saving in transformer capacity by diversity is 
usually large, some spare capacity to prevent high 
voltage drops on starting of the larger size motors can 
be afforded. 

8. Care should be taken against spacing transformer 
banks too far apart. 

9. High voltage for feeders '(11,000, 13,200, and 
even 27,600 volt primary lines are being planned) 
will greatly assist in cutting down the voltage drop on 
motor starting. By this means one company will 
obtain a maximum voltage variation not exceeding 
2 per cent when a 100 hp. motor starts up anywhere 
on the secondary network. 


10. The copper cross-section of primary feeders 
should be of ample size, for instance, 1/0 to 300,000 
cir. mils. This is inexpensive, due to savings by diver¬ 
sity and the ability to evenly load the feeders at all 
times. 

11. There should always be connected to the net¬ 
work enough feeders to minimize the feeder voltage 
drop when the largest motor on the network is started. 
This usually fits in with the proper practise for securing 
continuity of service on the network on outage of one 
or more feeders. 

12. The system design should be such that the 
voltage variation at lamps when a motor is started 
should be not greater than 2 per cent for the best class 
of service and 3 per cent for the next best. 


Discussion 

ft. K. Blake: Mr. Richter's paper does not attempt to lake 
sides. He tried very hard to avoid that. Some years ago, 
together with others, I made a similar study and obtained similar 
results, showing that the 115/190-volt, system had the lowest 
cost, the 120/208 next, and then the two-phase system. 

Of course this problem will not ho settled in this meeting. It 
will have to he settled by the N. 10. L. A., the Power < ’Ink ami the 
N. E. M. A., hut I would like to state my positive convictions 
along these lines. 

I believe, based upon my discussion with various operating 
engineers and knowing the manufacturers’ conditions, that, the 
115/199-volt system will be the solution to our problem. 1 
am just going to make three statements, without attempting to 
prove them. They are by no means all of the reasons. 

The first, is because of the lower cost. The second is because of 
the .large number of consumers unaffected by retaining t he 115- 
volt standard. When I stop and think of I,he data t ha I were given 
in the Electrical World showing that we have somewhere around 
14,000,000 domestic customers, about, 2,000,000 commercial 
lighting customers, and about a half-million power customers, I 
think that in view of our attempts at good public relations, it, is 
by far better to change tilings that affect the least number of 
consumers even though they may have more kilowatt demand 
and about an equivalent revenue. 

The third thing is that I recognize the work that has already 
been done by the N. 10. L. A. in attempting to make the I If,-veil, 
system a standard. Now of course if that is the answer, if the 
committee’s work proves that 1.15/199-volt syst em is preferable, 
it means two lines of polyphase induction motors. I know posi¬ 
tively that no manufacturer recommends thb use of 220-volt 
motors on systems rated, nominally 199 volts, 

. Now .1 want to say a word about, the practise of using 220-volt 
motors on 208-volt systems. Suppose you decide on a 120/208- 
volt system, and use the old arguments of lower power factor 
and over-motoring, etc., to justify utilizing the 220-volt, motor. 
You then have a system that 110-volt single-phase devices do not 
tit. I think those arguments are perfectly valid for existing 
conditions, and during the period of change-over, but 1 think it is 
wrong to continue to grow throughout, the years without having 
a system supplying devices that do not tit the system voltage, 

Therefore I can see no other answer than two lines of motors. 

Now the manufacturers in the past have alw ays, to the best, of 
my knowledge, built additional lines of devices whenever I,here 
was a sufficient demand, 1 have no doubt in my own mind that 
they will do so in case it is the general opinion that two lines of 
‘ motors would be desirable. 




Fob. lb-7 


K|( ’ll'l’KK: CUMUINKI) LKHIT AN D POWKIi SYSTEMS 


j> i|. C’.haso: Mr. Uiehl.-ris |i;i|ht covers a very broad field 
•uk!" lists so matiy nmdes bulb from tlm manul'a.-tiiriiio; point of 
‘ vi((W | Ills" from tlo- ciii ra I >1 a I i< hi relations a ml 

m)I)nm i,. point nif v'ievv. dial It i- < hffmnl t to mukr an a«If.,uat«• 

analysis. . , ,, ,. .. 

I would libr to labr lli- ilia rly at tin - ttmrol dmciimiim a l«*w 

of bis asHiim|it intis ami point of v ievv . Ill : papi r, as I iimlcr- 
siaml if, lirst pivaait . a lat.im-nl that Mm expmme in<*urr« «i in 
snitabb- utilisation equipment may rnupe troui S ( o.dtttMlbO to 
Slat) IIItO.tHlU i■ v sn umb r tbr 1111 b!.*• I\ romlitioti ot a si1 11 ■.I<• com¬ 
bined seh. mm adopt..I uutv .rally . 

Mr l-'J.loii’s rmiarls, on n.ltai-v lamlardma! ion roiil.l well hr 
mad into tin- record mi 1 1n paper. It m opm to -« rimi «pi« lion 
vvlml t ii * r ium'U roan m t ton ■imde, unm r ally adopted standard, 

..-moo oarb op. ration company bn it <>w u local pul be policy . 

loumcial and coir t met on romiitioim to moot, it may be true 
ltl|l t one system compared with other sy stems tlmorolically may 

show an rconomm ml. antae. a few p' r e< lit I.etPr, \\ Ia n dial 

si t tia I ion is rod need to form- of die mm i im* r.y : ,« m. a: many of m 
ha ve done, a el,amp to aimlli. r ■ y !' m may impair Hm quality of 
service, llama", public relation-. doeroa-o Hosibilily, and involve 
expeiiaiveel.ai.ee reo t for at b. t a mall savin;*. which may 
even be realm, d Tim b ad one to .pm d-m w It. liter a 

.. sVo.tii it iy it a i to sioti.nbtMiun proud over a «ci year 

truir.il ion period is really important, eoinpar. d with the expense 
I hat U til si hr incurred to . IP H dm .-Immm and with dm hu/ants 
i 11 Vi d veil, 

S'ovv this brut.. SV.TtMHUfttt) »•* ,»tt t» n year 

iratisitim, period mean SV.MHMICUt to Sln.lHHMJdU a year. 
'I'hat in compared with .'.bat other plan «.r plum'.’ '1‘iie paper 
does not pive any iron* show in?.* what d will cost to «-««*»Imlie 
wilb die pr. sent standard .. far im the utilrinti.m of equipment 
is c.mceriio.b In otb. r words, we have no hire line will, whirl. 

In compare those hour. It an. ms to urn dud lh. re should be 
■furthor atiidy m to draw up a lull ot the c ■> of mi,l,iniii„! w'h a 
(livers. 1 standard ba n * Vrtamly it will not be tmew ary to 
spend this sy.b.mtuwiu to >i ..u.t,t;n,i;ctt if the pm cut .tandards 

arc kept . . 

possibly tin* central s.iafion compaim may have to spruit 
pin,my in eoutrminip with dm development ot ■ vi tint. bin 
which may not be .juile .o > tlfomnt th<-..reticitUy a * one tint- 
V.-rsid rvi’-tein implit bo. However, Sho e op<ratmr sy *'lit - 
will ha.\ o a v oid.'d dm V. n b. uvy t .. which (hi paper dor-. not 
pretend to deal will., ot elmmouc ..u r to some mla r > t- tn than 
da-mm daw now ham The paper do. ! not deal will, dm extra 
open,lit.,, expense' that will met dunup the (run , dm, period 

which, mi a ten > .-at I a iar« \ - ry nppr* ••table. 'bb. re i ■ a I" 
extra investment durum Iran ita.ie 

To come back apam b. this *V.YtHttUHWI *'» SI.MMHHMinct. am 
those proas m*m* , or art timy net htbire , ad*i allow in,, bit 

the expected inaimfael m sm* * eoiiotna that would .. Tom 

the adoption of a duple lundurd? If dm . are cr.-m iipures, 
Mien limy are im b adme If they are net, the puldic m .me way 
urmmtber must pay what <*. m Lima hipli price for at amlardiwa 

linn tilde .' it i a ... that m th«- uv. rail problem dn re are 

marked ruvimm over dm pros* ttl diversity *»l sy-vleum.. 

The paper is admittedly written Iron, Mm uuumfuef nrerT 
point of view. Tim umrnitude of the potential * ! uv imm to I u 
tipemlitip eoutpttny of any propo s'd system rn.f tin ' %l ,IU| ‘- 
Hysteni pep; down to a v. ry ■ hd ..rate analysis. Met us take tin- 
X. V. '/„ l.leeirm Lipid and I’ 1 *? * r <’<> opera liar. in a metm 
politan area, eoverim* ■ u! urban an ie. and some ratal ttmu 
An has been brouph? muI. by far dm lamed number of eu -tomer.', 
tire tin* residence custom. 'V and all then* needs cult la .>upp u 1 
by duple phase, Mime-wire service. Power loads may Me ihree- 
plume, Mirer vim three pha r, four win*; phase, four-wire, 
iual so on. 

Mont tifitn distribution plnnt and mod of the load ismd in the 
dense portion of the fen-dory. Also, possibly the dense poitnm 


of the territory requires iinderpTouml construct imi: possibly dm 
local conditions require only 10 or lb per cent of dm hm-\ollupn 
load to be umlerproillld. 

Sueb a company will not determine its system for all Uh 
territory from conditions pertaiuinp to a small fraction "I flu* 
load. Can it afford to start out on a policy dial in volv. w askinp 
its customers to have a different type of motor in dilterent, 
portions of its territory - .’ Is that company pome: t<> consider 
seri.mslv, without a preat deal of si inly , cbanpiim its miles and 
miles of aerial secondary distribution and its hundreds of thou¬ 
sands of services to residence customers to conform to n system 
dial may be diphdy nd\anlapeoiis from a theoretical point of 
view i» 11 1x for ibis central densely loaded aiea. 

I , liiuk, as lias been mentioned by Mr. Mlake, this whole siib-- 
jeel tle erVeS and must have extended study by dm X, I (. is A. 
and the Power < ’lub b, f,.r» llmre can be an ov erall answer. 

H. I.. Wollait: Mr. Picbi. r has pointed mil t<> us dm cimr- 
niuim expense to be dimmed jipainst the electrical industry due 
lo I he re.b•sipitiiitr of lit ili/.aI ion equipment if any of the I'l'estml. 
a C. low-tension network s.-lmums is adopted. The letittitivn 
lipui’esr. I up by him are appatlimp 

In Cleveland for over leu years we have be. n m um the three- 
pine o;;ti volt system with the four wit'.* lipliMnp neutral 
l*'ic. C P of his pap. r• with radial feed. This system was lir.’T 
in:,, ailed in a new iiiiderprouml dint riel, latter, a similar system 
was ic . d to replace a three-phase, four-v*. ire, I lo lb'.) volt, 

system, limit at least L> years old, 'This system bus die ad- 

v niilnpe of usinp lamps, appbat.ees, motors, emit ml equipment , 
etc, , as ion slaudardi'.ed. 

C;,n this system he modilied slif* Ii I ly and Lecoiim suitable fur 
network me'.' 1 believe it CUM. but do Hot recall dial die fob 

low ill" .ell.me has ever been tl! 1 . 1 '.. .led. Iv’ef. ITinc. In tlm 

accompany immltaj'i'am you will note three primary feeder which 
univ i'up irniu uin* nr uumv a I i< Hi t hih! ;u< ni|i|inc < 

have the mi lomary over current protection at the '>1 latum 
,,„,|. | have shown these conneeled lo merely one 'ntU -lontmr 

haul-, each, Tim trail IWarnr banks are show u eommeb'.l delta- 
della but mif'lil be J eoimeeteil on the primary. A network 
protector is assumed cut into the Mcotidnry lead between Mm 
Iran form, r and Mm network. Cut mil's elm, have iml been 
indicated. Tim cables formiup the Mirer plume, pbU-volt mamn 
are eoiitiu,ions and the Iratinforuier haulm commit of three uiiilii 
(ti ’ ,.qiial capacity, or of .me lhive-phase unit. Tim Imhimp 
neutrals carry imp the oul-of balance current are .// cuinnim 
there i.eiur; mm section t»er trattsforiuer Lank. Pmlw. eu a pair 
of pot) volt phase wires tlmre in conn.vied a balatu*.* <’otl at. 
each bank b.cati.m, each ame.xsnive balance eoil beiim; rotated no 
a ; to be across the mml saeeeasive phase. Tin* middle points of 
these balance eoilfi are respectively colU»t*c|e.l to tile I ,f*;tl $ Utf? 
mtitral of their part ieulsir section, We now have a system 
baviur, M.'IU volts between any two-plume wires and llo^ volts 
between any neutral and its correnpomliup plume wire ., 'I Imre 
is also a difference of potential of ib. volts l.etwemi any two 
lipbtiim, a.at nils, lienee these neutrals should preferably remain 
discoidinuoim but could he made cuiitimmim bv tlm iim. rtmii <>f 
a suitable iron-cred reactance between I he junction pmniH. 
So far we have not protiuded this system. A ermiml in provided 
by means of a siur-cmmected auto transformer, wound with 
|:;:? \oll coils, the common junction point of which is pivutided. 
M’his provides a difference of potential of I Ti volts bet wen plumes 
ami around and t'»b 1 voils between neutrals and ffrouml. If the 
H.-eomlnry, three-phase muitm are to be arranped for eeli.malL 
wati.m at limes, it would be desirable to haven proiiridinr. tranu- 
foruier for each w-ctioti. If not no nmttiped. fewer uupld be 
used but at leant t wo should be provided in case of failure of man 
The total number would depend somewhat upon the extent of 
the interconnected network. The balance coils used need 
be only larpe emmph lo carry safely the maximum unbalanced 
load of any section. They would probably be wtnudardi/.ed for 
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any network as of the maximum size required, due to local 
conditions. In certain specific cases where a large amount of 
lighting load was connected to one section, as compared with 
adjacent sections, it would be advisable to select certain buildings 
and connect their lighting load across phases other than that 
normally supplying that section, additional balance coils being 
located either in the street or in the buildings selected. 

The lighting neutral should be fused preferably to at least twice 
the value of the phase wires at both service entrance and in all 
house circuit panel hoards, in order that internal faults might 
not cause the neutral to open, thereby unbalancing the voltage 
across the three-wire lighting system. Should a ground develop 
on a neutral within a building, the neutral fuse would, of course, 
blown No ground should be installed on any of the house or 
service wires but the grounding transformers should preferably 
have their neutral leads securely bonded to the nearest water 
system in some adjacent building. I assume that the present 
network protectors may be used as now r designed or with some 
slight modification; possibly a zigzag, instead of a star-connected 
grounding transformer, would be required to obtain certain 
necessary phase relations for relay operations. 

Before this system could be adopted, certain changes in the 
code would probably have to be agreed upon, such as over¬ 
fusing a lighting neutral in order that the neutral wire size need 
notbe increased. There may be others. 
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I advance this scheme as being worthy of study at this time 
when standardization is still in the embryo. If feasible, I believe 
that the cost to the industry of additional equipment required, 
in the way of balance coils and grounding transformers, would be 
many millions low r er than Mr. Richter’s lowest estimate of the 
cost of the required changes in present equipment using the most 
favorable of the schemes at present contemplated. Perhaps 
Mr. Richter could contribute a comparative estimate later. 

In the time at my disposal between the conception of this idea 
and the present, I have not thought of any vital objection to 
it. It may have some very vulnerable features which make it 
impractical. It should, therefore, be thoroughly checked for 
any such faults and if none can be pointed out, given serious 
consideration before being thrown into the discard. 

A. H. Kehoe: I disagree with the conclusions which w r ould 
be inferred from reading the paper, and claim that the 120/208- 
volt system is the preferable one to adopt. In discussions before 
the Institute ou voltage standardization, it has been stated that 
110—, 115-, and 120-volt systems are each being operated success¬ 
fully throughout the country on a single-phase, three-wire 
basis. One unfamiliar with conditions might readily think in 


reading the paper that 120/240-volt supply existed only on some 
of the older d-c. systems. It should also be noted that items of 
cost are included for changes in single-phase equipment that is 
regularly sold by the manufacturers, who guarantee its successful 
operation for the same service which in the paper is indicated as 
causing these heavy redesign expenses. Such single-phase 
equipment, today, as in the past, is designed to operate suc¬ 
cessfully on 110-, 115-, and 120-volt services. It is difficult to 
understand how any charges for changes in these conditions will 
be incurred in time to affect the economics of the situation here 
under consideration. 

The paper states in the qualitative treatment of the 120/208- 
volt system that there is a possibility of using either a 5-per cent 
or a 10-per cent maximum allowable voltage variation. The 
5-per cent variation is ignored in the quantitative results. This 
omission is made regardless of the fact that it has been many 
times stated that the 120/208-volt system operating with a 
maximum terminal voltage variation of 5 per cent is the only one 
of the combined balanced light and power systems which can 
supply all of the standard utilization equipment within the limits 
covered by existing agreements at which the equipment is guaran¬ 
teed to operate successfully. Needless to say, such a system is 
the only one which will avoid the expense which in the paper is 
estimated in the millions. 

It is questionable whether third-leg protection on some motor 
circuits should he included in the costs, as the industry now uses 
this and will have to do so with any of the combined systems. 
Watthour meter costs, on the other hand, are not mentioned, 
presumably because the meters have been developed and are 
required in practise today. However, the watthour meter charge 
is an important one to consider in any three-phase case, and 
should not be overlooked when considering costs. A fact to note, 
in this connection, is that for the moment three-element meters 
cost more than three separate single-element meters. 

I am not in accord with most of the statements made on public 
relations. It is paramount for good public relations that a 
customer never he inconvenienced from the viewpoint of our 
service to him, and that equipment which be wishes to buy, sell, 
or use can be readily utilized. Universal use covers more than 
equipment; it means service availability as well, on the fifth or 
fiftieth floor, if need he, without major reconstruction of the 
system while the consumer waits. The principal objection to 
the 115/199-volt system is due to public relations, in that it is 
impossible to guarantee delivery of a terminal voltage at which 
standard equipment is sold to operate successfully within its 
rating. 

From time to time it has been stated that a special motor of 
200 volts wall be produced. Such a motor should not be pro¬ 
duced unless it can be designed for universal application. How¬ 
ever, if one is produced, it will he possible to operate it success¬ 
fully on a well-regulated 120/208-volt system. 

I am of the opinion that no single combined light and power 
system will be used for some time to come; but if one system 
should he generally adopted in the next, few years, it will be the 
120/208-volt, three-phase, four-wire with a-maximum variation 
of 5 per cent in terminal voltage. 

W. B. Kirke: I heartily agree with Mr. Kehoe on what he 
has to say in regard to the 120-volt versus the 115-volt system; 
I also am definitely on the 120-volt side. 

If we look ahead to the future and consider possibly a 10- or 
15-year period, we might make the assumption that in that time 
there will be a possible 10,000,000-kw. demand on network 
systems. If we ascribe a figure of $20 or $25 a kilowatt to the 
cost of secondary mains and subways, if it represents 
underground system, we shall have a capital investment of 
$250,000,000. A comparison of the kilowatt capacity of the 
115-volt system with that of the 120-volt system has to be based 
primarily upon voltage regulations, and in round figures one is 
10 per cent greater than the other. Ten per cent of $250,000,000 
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addit itmal i-ost,, il, may be the w ay out, of the situation with which 
we are coutondiup. 

Mr. Blake has very definitely stated that manufacturers do 
not a pprove, of the operation of 220-volt standard motors on 199- 
volt service. 11, appears, however, that manufacturers’ represen¬ 
tatives are puaranteeinp such motors for operation on the lower 
\oltapes without hesitation. This appears to be a most un¬ 
desirable procedure and in the end will be very destructive of 
any efforts which may be made to secure a definite standardiza- 
1 ion of motor ral inps. 

It, is to be hoped that out of this situation something will be 
developed in the form of a motor product which will he universal 
in application and leave us free to develop networks at will 
w it limit detriment to other interests. 

D. K. Wake: It is by no means out of the question to have a 
motor llial, will operate successfully, a universal motor, on 199 
or 22(1 volts. 11 may lie a, lit tle difficult to do, hut it seems that 
a qreat deal mm be accomplished by a combination of parallel -Y 
niul series-delta. 1 would merely suggest something like perhaps; 
parallel” r 195 volts, series-delta 225 volts. Not all motors can 
bo built llial way easily, bui- a large number can. 

P. II. Chase* 1 would like to ask whether a motor of that 
type will run into considerable extra expense? It means heavier 
coil eost and it may affect the frame. 

1>. K. Make; 11 is my understanding that it will not run into 
a very heavy expense except on some sizes and speeds. .1 can’t 
say definitely because that has not been pursued far enough, but 
then is that hope. 

\V. IV, Ktrke* 1 would like to add one more point. In 
Brooklyn we have t he 120-volt service standard. VV o attempt to 
keep thiil \ ullage w ilhin I he limits of 110 to 121 volts. 

t tur complaints on utilization equipments connected from lino 
in neutral due to 120-voll standard are practically nil. It may 
hair seine bearing upon the costs which Mr. Richter has given 
on rewinding of 120-voll, pandlel-couuected or 220-volt series- 
emtueef ed motors. The netw ork system that we intend to install 
will take care of loads up to 10-kvv. demand from line to neutral. 
Tins will lake care of the great majority of small motors. Above 
that capacity we expect to serve on a four-wire basis. 

Our distribution transformers are operating above the 120- 
vult maximum rating. 1 should say 00 per cent ol thorn are 
operating dose lo 121 volts or above, or rather 00 per cent are 
operating above 120 volts, and -10 per cent are operating below. 

1 would like to make one other reference to Fig. -1 showing the 
proportion of lamp sales. 1 believe the figures lor 1920 on five 
120-volt, group are about, 35 per emit, and on the 115-volt group 
approximately 37 per emit. This shows an increase of approxi¬ 
mately 1 per cent during the past year at 120 volts and closer to a 
3-pi r cent-gain on 115 volts. 

The parallelism is, therefore, converging, and there seems to 
1,0 n very good ecuuumie justification for tlm increase in 120-volt 


service. 

I* II Cihaxc* 1 would like to ask one specific quest,ion, 
Ti 1( ‘m. figures of $75,000,0000 to $150,000,000 stick in my mind 
maw dHlnitely. Mr. Richter explained that those figures were 
the*net figures. In a ten-year period there would accumulate 
$75,1100,000 b» $150,000,000 deficit that somebody has got to pay. 
1 don't, imagine that the manufacturing companies will absorb 
that kind of a deficit out of profit and loss account. It will 


mused oil. . . . , ... 

ow many years after that ten-year transition, period will li 
. t„ make up that deficit? In other words, I am asking in 
ther way, what is the gross figure? After we have spent 1 10 
1,000,000, there must he some economies resulting at the am 
he transition period that are going to pay back, wo wont 
e very shortly, the money wo spent. 

am much interested in that figure and how long it is going to 
i, tr if jh 25 years wo must have a groat deal ol hope. 

*' >v dVutvfard * fbv telegraph) I suggest for discussion 
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that consideration be given to the delta system, Fig. 2c, as it 
permits the supply of full normal voltage to all utilization equip¬ 
ment which will become more necessary with increased use of 
heating devices. Seattle has had multiple primary feed low- 
voltage netw orks in operation six years with success, using this 
delta system for combined light and power on recent work. We 
have no difficulty in balancing phase loads on primary feeders. 

H. P. Seelye: iby letter ) One cannot help but agree that the 
adoption of one system as a standard would be very desirable, if 
possible. It usually occurs, however, that standardization follows 
considerably behind utilization and is accomplished for the pur¬ 
pose of bringing order out of chaos but after the chaos is pretty 
well established. It w ould appear somewhat doubtful if the use 
of combined secondaries has yet reached such a point as to make a 
general agreement on a single standard possible, no matter how 
desirable it may be. A comparatively small percentage of the 
industry is using such secondaries as yet although consideration 
is being given to the subject quite universally. A satisfactory 
generally accepted standard cannot be impressed on such a 
situation but will come only after a wide experience with all the 
variations points to one type as most desirable. 

The present trend seems to be quite generally tow T ard the 
adoption of a Y-eonneeted, 4-w'ire, three-phase scheme at either 
120/208 volts or 115,199 volts. There seem to be enough argu¬ 
ments in favor of both these voltage combinations to make it 
quite certain that neither one will be universally accepted for 
some time. Companies will probably choose the voltage which 
corresponds best with their present standards and those which 
they will use elsew here on the system (the combined secondaries 
will in most eases form only a part of the total secondary system). 
This might point to the adoption of one as a standard and the 
other as an accepted departure, as Mr. Richter suggests, but aside 
from the probable controversy as to which will be the standard 
and which the departure, can the desired result be gained by such 
a standardization? The two voltages are far enough apart so 
that most of the changes noted by Mr. Richter for both systems 
would be necessary. The manufacturer would be bound to 
furnish apparatus both for the standard and the accepted de¬ 
parture. A possible solution might be a compromise between 
the two, say 117.5/203.5 volts for apparatus which would be 
only about 2 per cent aw ay from either utilization voltage. 

Regardless of w hich voltage might he accepted as standard, 
there will no doubt be a demand by motor users for motors in the 
200-volt range. This demand will probably not be entirely 
satisfied by 220-volt motors either with or without supplemental 
ratings or understandings as to reduced allowable voltage 
variation. It will be met by some manufacturer by 200-volt 
motors. It would seem the best practicable solution to accept 
the fact that there probably will he systems at both 115/199 and 
120/208 volts (as well as at 115/230 volts) and to develop a line . 
of apparatus, if possible, which will be suitable for both voltages 
with satisfactory rating and guarantees. 

H. Richter: The question was raised by Mr. Chase as to 
whether the diverse conditions in the various distribution 
systems will allow r the application of any standard for com¬ 
bined light and power secondaries. I wish to call attention to the 
fact that when standardization of frequencies was suggested 
many years ago, and of lamp voltages more recently, similar 
doubts were raised. Time has shown that in the general good of 
the industry the numerous local objections were relinquished. 
Basically, the conditions treated in the paper are the same as were 
those of the frequency and lamp-voltage problems. 

There seems to be a doubt that the cost of continuing tbe 
present unstandardized conditions would exceed tbe total of 
$75,000,000 to $150,000,000. An approximate analysis made a 
short time ago gave a sum greatly in excess of $150,000,000. 
Tbe assumptions included the usual process of developing equip¬ 
ment exactly fitted to each of the different systems. 

The total expenditures given in Table II, incidentally, are net. 


In pointing out that the paper omits consideration of increase 
in investment and operating costs due to incidentals diming the 
ten-year transition period, Mr. Chase lends support to those parts 
of the conclusions that suggest a comprehensive study by tbe 
leading men of the industry. His question as to how soon the 
huge totals against the combined system may be cancelled by 
economies introduced by this system can also be answered 
properly only by such a study. 

I fail to see wherein there would be undue difficulty in stand¬ 
ardizing on one combined scheme for secondary networks 
because of objections to operating in the congested area of a 
city a system differing from that in the remainder of the city or 
to changing the rest of the distribution system to conform with 
the network. What of the numerous d-e. underground systems 
now surrounded by extensive a-c. overhead systems? At least, 
with the Fig. 2f scheme, many of the motors can he used inter¬ 
changeably on both radial and network systems. In one large 
city there are 120/240 volts direct current; 120/208 volts, three- 
phase, four-ware; 115/230 volts radial alternating current; and 
115/230 volts, two-phase, five-wire. Of course, this is ideal but 
it shows what is done in practise for expediency. 

Mr. Wallau’s suggestion, like J. C. Parker’s translator system, 
is another of those admirable attempts to derive a combined 
scheme for three-phase networks which I hope will eventually 
result in eliminating compromises with existing standards. 
It should be given due consideration, but already I see some of tbe 
vulnerable features that be seemed to feel impending as he closed 
his remarks. The necessity of leaving the neutral wires un¬ 
grounded does not meet the National Electrical Safety Code 
requirement to ground the neutrals at all services. The advan¬ 
tage of a thoroughly grounded solid neutral network over the 
entire system is also lost. Similar to the translator scheme, 
Mr. Wallau’s. suggestion involves that added complexity in the 
distribution system due to auxiliary apparatus which is directly 
opposed to the simplicity of the Fig. 2f scheme and may therefore 
be undesirable to tbe operating companies. 

Mr. Kehoe objects to those assumptions in the paper that 
provide for changes in phase-to-neutral apparatus to suit the 
120/208-volt system. Surely we cannot ignore the fact that on a 
nominal 120-volt system the apparatus must he guaranteed for 
at least 120 volts plus or minus 5 per cent. It is incorrect to 
think that the guarantees on all standard equipment are covered 
at these limits, which are 126 to 114 volts. This would ignore 
the electric heating devices rated at 115 volts plus or minus 5 
per cent, or 121 volts maximum; miscellaneous apparatus, in¬ 
cluding fan motors, rectifiers, static condensers, etc., with the 
same rating; and distribution transformers rated at 110/115/120 
volts, that is, 120 volts maximum. 

It w r as even considered necessary to assume 10 per cent plus 
or minus for the limits on small motors, general-purpose motors 
and motor-control equipment. The reason was that this is the 
only standard that has been definitely agreed upon. It can be 
readily understood that such limits may not suit metropolitan 
network systems maintaining very close regulation at utilization 
devices. But the guarantees are formulated according to the 
requirements of the majority of the systems in the country. 
For years the apparatus connected to radial systems in large 
cities has similarly had the same limitations as equipment for 
outlying towns and villages. 

Likewise, it is probable that the combined secondary scheme 
acceptable to the majority of companies operating networks may 
not be applicable to skyscraper services as well as to small stores 
and apartment houses, without some modification. 

Mr. Kirke claims that the 5-per cent economic advantage of 
120 volts over 115 volts will cancel the difference between the 
$100,000,000 expenditure for the 120/208-volt system and the 
$75,000,000 for 115/199 volts. In view of the decision of the 
industry to standardize on 115 volts for lamps and the indications 
that this decision is being put into effect, it would seem that the 
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A New 132,000-Volt Gable Joint 

BY DONALD M. SIMONS' 

Member, A. I. E. E. 


Synopsis . —This paper describes what is believed to be a new 
form of high-voltage joint. The main novelties in the joint are that 
the metallic union of the conductors is insulated by wrapping on a 
single sheet of wide, impregnated paper by machine. The ends of 
the cable insulation are cut into a series of steps , or a taper, and 
knives on the machine cut the wide sheet of paper exactly to fit the 
steps or taper as the wide paper is being applied, until a smooth 
cylinder is built up to the original diameter of cable insulation. At 
this moment, the knives are removed, and at each end of the wide piece 
of paper, strips of tinfoil which have previously been cemented to the 


paper appear, and these strips gradually taper inward so that as the 
wide paper is applied, a flaring cone of metal is formed in the body 
of the insulation itself. This metallic cone acts as an electrostatic 
screen to control the longitudinal and radial stresses. 'It is formed 
automatically without any attention on the part of the splicer in the 
field, and it insures that all the insulation under stress is solid 
laminate paper insulation of the highest quality and breakdown 
strength, especially in the regions where the diameter is enlarged 
from that of the cable sheath to that of the joint sleeve. Test results 
are given. 


I. The Problem 

HE problem to be faced (and our description will 
deal in terms of single-conductor joints only), can 
be explained in Fig. 1, in which we have diagramat- 
ically shown two single-conductor cable ends, the 
conductors of which have been mechanically joined by 
connector No. 1. For any single-conductor joint, the 
first problem is to insulate the region of No. 2, in order 
to build up the insulation over the connector to the 



diameter of the original cable. The classic methods of 
preparing the cable ends are to pencil (or bevel) the 
insulation as shown in the drawing/or to cut the sur¬ 
faces into steps. 

When this is done, additional insulation must be 
applied, and this is shown as made up of insulation 
No. 3, which is ordinarily applied in tape form. In 
place of this, tubes could be used, or a combination of 
tape and tubes. The metal sleeve is then passed over 
the insulated union, wiped to the lead at each end, and 
the whole is filled with compound. This is sufficient 
for the lower voltages. 

As voltages go up, however, a new point of weakness 
appears, due to the concentration of stress at the point 
where the diameter of the outer electrode changes, under 
the slope A B in Fig. 1. For medium voltages, it 
becomes necessary to bell out the lead sheath, thus re¬ 
ducing the stresses.at this point; and in fact joint casings 
have been designed so as to be practically a continuation 
of the bell of the lead, and act, themselves, as a flaring 
of the lead sheath. This, however, did not remove all 
the difficulties. As voltages became higher, it was 
found that the oil or compound in the region where the 

1. Standard Underground Cable Co., Pittsburgh, Pa. 
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lead sleeve tapers under the slope, A B, would be over¬ 
stressed, break down, and would lead to eventual 
breakdown of the cable at that point, or to a surface arc 
from the connector No. 1. 

This phenomenon is rather an interesting one, and is 
apparently due to the following: A liquid insulator has 
the characteristic that its breakdown strength decreases 
with thickness. Of course the breakdown voltage (in 
volts) will increase the thicker the layer of liquid, but its 
specific strength (in volts per mil) will decrease. A 
certain voltage is impressed between the conductor and 
the outer electrode, which, in the cable, is the cable 
sheath and in most of the joint is the cylindrical surface 
of the joint sleeve. In the region, A B, however, there 
is a taper, and proceeding from A to B, more and more 
of the voltage is impressed on the oil or compound in the 
joint, and less and less on the factory-made insulation 
of the cable. As we proceed from A to B, however, 
the thickness of the oil which is under stress becomes 
greater and greater. From A to B, the voltage im¬ 
pressed on the oil becomes greater and greater, and yet 
its breakdown strength becomes less and less. A point 



Fig. 2 


is reached therefore at which the oil becomes over¬ 
stressed and breaks down, and this leads to failure of the 
cable. The author once had a striking illustration of 
this principle in developing some extra-high-voltage 
cable terminals. The occurrence is illustrated by Fig. 
2, which represents the metallic end-bell at the bottom 
of a terminal. A is the conductor, B is the end-bell. 
The end-bell was filled in the space C with oil, and of 
course breakdown would have taken place in the region 
where the taper of the end-bell approached the cable 
surface had we not taken some precaution to relieve the 
condition. This region, therefore, was wrapped with 
saturated fibrous material in the mass marked D. 
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The diameter of this wrapping could not be increased 
further as we desired to do because of a projecting flange 
at the right of B ; but we hoped that we had enough 
there to relieve conditions. Voltage was applied, and 
breakdown took place as shown by the dotted line. In 
other words, the puncture took place through an inch 
of cable insulation, about 1}4 in. of saturated fibrous 
material, and about 1 in. of oil, rather than in the cable 
itself where we had merely the 1 in. of insulation. 

The method of preventing breakdown in the oil under 
the tapering sleeve consists in general in filling this 
region with solid material, such as paper tape, V. C. 
tape, or impregnated candle wicking, shown as No. 4 in 
Fig. 1. The reason that these materials are effective 
is .twofold; in the first place, these saturated materials 
have a higher S. I. C. than the liquid oil, and thus the 
actual voltage to be withstood is less; and secondly, 
the insertion of these materials in effect splits the oil up 
into thin layers, and we thus get away from the reduc¬ 
tion in breakdown strength of oil in thick layers. 

The question is, how to apply this principle. In one 
well-known and successful joint for high voltages, this 
was accomplished by building up a tapering surface of 
candle wicking at each end of the joint, the sleeve being 
split in the middle in a plane perpendicular to the axis 
of the cable. These two half-sleeves could therefore be 
brought up against the candle wicking, and since this is 
more or less flexible, it would take the shape of the 
tapering surface, A B. There are two objections to 
this method, though it has been entirely successful for 
the purpose for which it was designed. _ The objections 
are the time required to apply this wicking, which is 
considerable, and the fact that paper tape and V. C. 
tape have a higher breakdown strength. If it is desired 
to fill this region with tape insulation of paper or 
V. C., this also takes a long time and the tape has the 
disadvantage of being very difficult to apply to a given 
curvature, and when it is applied there is very little 
flexibility, and it is thus practically impossible to make 



Fig. 3 


the curvature at the ends fit the surface A B which may 
have any desired curvature; the tapering surface of the 
wrapped material must therefore be metallized in some 
form, up to a certain distance, which again is a difficult 
process in the field. 

It will be seen, therefore, that in a very high-voltage 
joint not only must the regions No. 2 and No. 3 of 
Fig. 1 be insulated, but steps must be taken to insulate 
the regions under the tapering section of the outer 
sleeve A B, namely the two regions No. 4. the 
taping by hand of the regions No. 2, No. 3, . and the 
masses of insulation No. 4 at each end of the join , an 


the application of metal to the outer surface of the latter 
sections, is something which requires time, the building 
up of large masses of insulation by hand application of 
thin tape being a slow process. 

II. The New Joint 

In the new j oint which we will now describe, the insula¬ 
tions in No. 2, No. 3, and the two regions No. 4, as well 
as the metallization, is all done by applying one sheet of 
insulation, and this is applied by machine. The joint 
is shown in Fig. 3; the length of the joint is about 40 in., 
the distance from edge of sheath to edge of sheath being 
38 in., and the inside diameter of the lead sleeve being 



Fig. 4—Long, Unrolled, Single Sheet of Impregnated 
Paper, UGNOV, Used to Insulate the Joint of Fig. 3 
(To vert Different Scale) The Region to the Left has 
been Cut so as to Fit the Steps of the Joint when the 
Sheet is Rolled around the Joint. The Lines G H and 
I K are Thin Strips of Tinfoil Cemented to the Paper. 
The Region H K L M is Covered with Tinfoil. 

5 in., the length of the applied insulation C E is 35.5 in., 
and its thickness E F is 1 in.; the conductor diameter 
and cable insulation thickness are each about 1 in. 
An ordinary connector is used, and a few layers of 
ordinary hand-applied tape and saturated twine are 
applied over the beveled ends of the connector, filling 
up the lowest step until a smooth cylinder is obtained. 
From that point on up to the surface C E, a long roll of 
paper the full width of the joint is wrapped around, 
this being one continuous operation with one piece of 
paper shown diagramatically in Fig. 4. This long sheet 
of impregnated paper, which is 165 ft. long and 35in. 
wide, could be cut in advance to fit the steps, as shown 
in Fig. 4. Actually, we cut it by machine as it is being 
applied, thus making a very perfect fit. Referring to 
Fig. 4, lines G H and I K have been metallized (as will 
be described later) and also the region HKLM. It 
should be pointed out that Fig. 4 is quite diagramatic, 
as in the actual roll the ratio of length to width is about 
eleven times as great as in Fig. 4. When, therefore, this 
wide roll of paper is wrapped around the joint in its 
final position, it will be obvious that there will be 
formed in effect a solid tube of paper, containing metal 
cones. A B and D F in Fig. 3 are the metal cones 
imbedded in the tube, and the entire outer surface of the 
applied insulation B D will also be metal-covered due to 
the metallized region HKLM. After the wide roll has 
been applied, the usual metal sleeve is applied, which 
may be of any diameter desired as long as it clears the 
line C E, and then this sleeve can be filled with com¬ 
pound which has low dielectric loss. It may be a hard 
compound if desired, so that the joint.itself will 
require no maintenance at all, in view of the fact that 
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the compound is entirely shielded from stress in the 
joint. There is no problem of a suitable jointing 
compound for this joint. 

As to the details of applying the wide roll of paper to 
the steps, and the latter part containing the metal, this 
is done by the machine shown mounted in place in the 
manhole, Fig. 5. The picture was taken actually on the 
laboratory wall, but the stanchions are actual stanchions 
used and the spacing between joints is the same as that 
used in the case of a Philadelphia company’s 75-kv. 
cable. The cable ends can be seen sweated together by 



Fig. 5—Machine Ready to Wrap Paper Insulation 
in Steps 

the connector in the middle, with the insulation cut 
into a series of steps. At the top of the machine is the 
wide roll of metallized paper, and on the bottom rods of 
the machine can be seen the knives for cutting the 
paper to fit the steps; also the two Y-blocks which bear 
against the steps and hold the cable central in the 
machine against the tension of the wide paper. Fig. 6 
shows the process after the steps have been filled with 
paper, the full-width paper being. wrapped on. The 
strips of tapering tinfoil can be seen at each end. 
The roll of wide paper is mounted on the drum and the 
drum revolved around the cable, feeding off the wide 
paper as it goes. The paper passes in and out of 
alternate rods and is put under tension, adjustable by 
the number of rods used, by the course of the paper on 
the rods, and by the location of the movable rods. 
Tension is also applied by pressure on the roll of paper. 

The two cable ends are stripped to have enough con¬ 
ductor exposed at each end to permit their being 
jointed together by a copper tube which is sweated to 
both of them. The lead sheath is then removed for the 
required distance from each end and the necessary 
number of steps are cut in the cable insulation by 
hand, though we have planned to have this also done by 
the same or another machine. The jointing machine is 
then clamped onto the cable, and in its latest form it is 
supported by brackets which are held by the same 
vertical racks that hold the cable hangers. After the 
steps have been cut, saturated twine and a few layers 
of paper tape are applied over the connector to build it 
up to a smooth cylindrical surface at about the level of 
the lowest step. In another form, no twine nor tape is 


used. Perforated tinfoil is then applied to the cable 
insulation for a few inches at each end adjacent to the 
lead sheath (i. e., from the sheath to slightly beyond A 
and F respectively), and grounded to it so as to con¬ 
tinue, electrically, the lead sheath out to the point 
where the tinfoil cone will eventually be formed. The 
foil is perforated so as to offer an easy path for the flow 
of fresh compound from the joint (and its reservoir, if 
used) to the cable insulation. 

Then the wide roll of paper is put on the machine and 
the two small cutters are set on one of the tie-rods 
directly opposite the shoulders of the first step. The 
paper is drawn through the cutters by hand to cut a few 
inches of the right width, and this is fastened to the 
hand-applied tape around the connector. The machine 
is then started, being driven either by motor or by hand. 
As the paper is rolled onto the cable, the two knives cut 
it exactly to the width of the first step, the spare paper 
at each side being cut off and thrown away as it accumu¬ 
lates. When the space between the first steps is filled 
up, the cutters are moved out to the shoulders of the 
next step and the paper is cut to fit there, and so on, 
until the paper has been wrapped up to the diameter of 
the original cable. 

At this point the tinfoil strips appear on the sheet of 
paper (points G and I of Fig. 4), and are wrapped over 
the tinfoil which extends out from the lead sheath at 
each end. The knives are removed from the machine 
and the machine revolves, wrapping on the wide roll of 
metallized paper continuously until it forms the com¬ 
pleted tube, the metallized portions taking care of them- 



Fig. 6—Showing Cable after Steps have been Filled with 
Paper and Full-Width Paper Wrapped On 

selves. Compound is poured onto the wide roll at 
each revolution. The tension is maintained steadily, 
and thus the final result is a mass of solid insulation, 
free from air and of the highest quality. 

The fundamental requirement of a joint is high break¬ 
down strength, and the test results will be given 
later. We have, however, in this joint the fortunate 
combination of high breakdown strength with excellent 
and simple mechanical qualities. It will be seen that 
the whole operation is extremely simple, only one article 
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b e j[ n jr applied to insulate I he entire joint., and t ho difler- 
en.ee in time between this method and the method of 
hand or machine taping is very great. For instance, in 
an actual hold installation in a rather small manhole 
and with a crude and rudimentary form of machine, the 
entire process of applying the metallized tube, in¬ 
cluding cutlin.n the paper to lit the steps and wrapping 
it on the steps, was done in a minimum time of 1 hr. 
and 2 min., and a maximum lime of about. 1 hr. and 20 
min. In the field, with tin* final de-ism of machine, 
75-kv. joints have been insulated in as short.a time as 
20 min. This means that the entire insulating of the 
joint with the exception of one or two layers of hand- 
applied tape over the connector was done in these 
respective periods of t ime. 


considerably above its long-time breakdown strength. 
For that, reason, most, of our tests have been at voltages 
which the joint, could maintain for u period of hours. 
It hardly seems worth while to present a tabulation of 
the tests on all the hundred odd joints made, as this 
would involve details ol their construction, a treat deal 
of which would not boo! permanent value, duo to changes 

later made in the joint. The author will therefore 
merely give the tests on the final design of joints, after 
numerous small modifications had been made in view 
of his earlier work. Table 1 gives the test results on all 
of the joints of the final design of cable insulated with 
20/22-in. 

After completing this series of tests, tests on cable 
insulated with 24 '22-in. were 1 started and it was iound 


One additional feature should he emphasized: The 
first joints made were somewhat, different. Narrow 
tape used to he applied to the stepped region by hand 
and then the metallized tube was applied from that, 
point on. making a much longer process because of the 
time required for the taping. It is extremely difficult 
to start a sheet of paper as wide as 20 in. without 
entrapping air, and there is always some curvature 
of the cable core, which greatly increases the trouble. 
In fact, the only reason good results were obtained was 
because even though air-gaps may have existed when 
the wide paper was first put on, the later tension 
applied squeezed out. tin* air and compound and 
straightened the cable. The author thinks that. it. 
would lie almost, impracticable, however, to attempt 
the use by hand of any roll of paper wider than the 
2-fl. When wide paper is applied to the steps hy 
machine, however, tin* paper roll is essent ially a st raight 
cylinder after its applicat ion. It will be seen, t herefore, 
that as it is applied, the cable con* is straightened 
automatically and gradually, as it is held central against 
the tension of the paper by adjustable arms on tin* 
machine. As soon as the paper has tilled up any 
particular set of steps, that region is straight., and it is 
believed that tin* method could lie used for almost any 
length of joint which need he considered, because the 
cable core will be straightened, step by step, and when 
the final metallized tube is to be applied, a perfectly 
straight cylindrical surface will be available. 

HI. Test Results 

In developing this joint, there have been made and 
tested over 100 of the metallized tube joints, the first 
60 joints tested were in t he form of short, straight pieces 
of cable, there being only about. 1 ft. of lead between the 
wipe of the joint and the temporary test ^ terminal, 
this straight sample being tested in oil. From that 
time on. due to the ditfieulties with temporary terminals 
for the higher voltages, we have jointed two 15-ft sec¬ 
tions of cable, bending the cable into a U, and applying 
complete out-door porcelain terminals to each end. 

The joint is of such a type that its breakdown 
strength for voltages applied for a short time will be 
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that, the breakdown strength of the joint was by no 
means as good, the failures invariably occurring in the 
joint rather than in the cable. After a series ol experi¬ 
ments, it. was found that with the higher stresses due to 
the thinner insulation, it was necessary to make the 
change in the field less abrupt as the diameter enlaiged 
in the joint. The angle between the cone of tinfoil 
and the axis of the cable in the joint described above was 
11 deg. For a (‘able? with 24/22 in., excellent; t est, results 
could be obtained if the slope was decreased to 7 cleg., 
and Table IT gives a tabulation of the tests made on 
cable with thin insulation and modified slope of foil* 
For purposes of convenience, since the tests took such 
long periods of time and tied up the whole laboratory, 
it was decided to accelerate the tests by keeping the 
voltage at 200,000 for 6 hrs. only, and then increasing 
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the voltage 10 per cent per hour. Unfortunately, it was 
not practicable to make, a series of tests to tie together 
the two tables and make them directly comparable. 

All voltages mentioned in this section are 60 cycles, 
a-c. (r. m. s.) the voltage being measured by a crest 
voltmeter, checked by a 50-cm. sphere-gap with the load 
on, and are between the conductors and lead sheath of 
a cable. 

In addition to this experimental evidence, six of the 
joints have been in service since February 1926 at 75 kv. 
in Philadelphia, at the end of a cable line and where it 
connects to an overhead line about 40 mi. long, where 
the joints are thus exposed to all incoming voltage rises. 
One hundred forty of these joints have been in service 
also in Philadelphia since October 1926, and it is planned 
to use this joint on three of the experimental lines of 
132-kv. cable shortly to be installed. 

IV. Metal-Bearing Paper 

The principle embodied in the long sheet of paper 
which when applied forms a cone of metal, has a wider 
application than merely to joints. It may be applied 
wherever it is desired to reduce stresses by enlarging the 
surface of an electrode and at the same time to insulate 



Fig. 7—Single Sheet op Impregnated Paper Bearing 
Two Strips op Tinpoil, Converging at Their Ends, used to 
Form the Terminal shown below. (The Vertical Scale is 
Correct; the Horizontal should be Increased about One 
Hundred Times) 



Fig- 7A—Temporary Test Terminal for a Cable 

this enlarged surface. It has an obvious application in 
connection with terminals, either temporary terminals 
or permanent terminals, for cables, or in connection with 
bushings in general. One form we have tried out is 
illustrated in Fig. 7, where the lines of metallization of 
the paper and a cross-section of the completed terminal 
are shown. By applying metal to a wide roll of paper as 
shown in Fig. 7 a, and applying it to the cable, a com¬ 
plete torus can be formed which, itself, is insulated 
positively and definitely by solid insulation of high 
quality. This greatly reduces the stresses at the edge of 


the sheath, and at the same time insulates the points to 
which flashover is likely to take place. There is an 
endless variety of shapes which can be thus formed by 
different methods of applying the metal to the long 
sheet of paper. 

In regard to actual details of how the metal is 
applied, this can be done in various ways. A thin 
strip of tinfoil can be applied on one or both sides of the 
sheet. The paper can be metallized by a spray process 
on one or both sides, on one side by a spray process and 
having this region perforated so that the metal would 
go through the sheet. It also could be done in a very- 
perfect way by metallic inlays so that the surface would 
be entirely smooth and there would be no building up of 
thickness at this point. In our actual joints, we have 
used throughout the very simple method of cementing a 
1-mil strip of tinfoil ^ in. wide to one side of the paper. 
We have never had any trouble with the tinfoil; it 
stays on through impregnation, it is not bothered by the 
jointing machine, and it has given no difficulty. In 
fact, we had so little difficulty with the wide paper rolls 
that when we were using the wide paper over the outer 
part, applying it over a hand-taped stepped region, 
we used the same roll for as many as four test joints, 
reimpregnating each time. Even with this handling the 
foil gave us no difficulty. Obviously the foil does not 
make a continuous cylinder but is really in the form of a 
flaring spiral, whose edges simulate a cone. The only 
trouble we have had at all with this simple construction 
has been in making terminals such as that shown in 
Fig. 7. In this figure the layers of foil are superimposed 
over each other so many times that there is a building 
up, and some spaces are formed between paper layers, 
tending to form wrinkles. For a construction such as 
in Fig. 7, special means should be taken. 

V. Conclusions 

The main purpose of this paper is to describe what is 
believed to be a new principle in the making of cable 
joints and to give the experimental results obtained with 
a joint of given dimensions. Whether the particular 
tests shown in Table I are sufficient for cable for 132,000 
volts, three-phase is a point which may be debatable.. 
If it should be considered that they are not sufficiently 
high, better results may be obtained by making a larger 
joint, and this is entirely practicable. Obviously, it 
will be seen that the joint could be applied also to three- 
conductor cable with some modifications, or without 
modifications to the three-conductor Type H cable. 

This method of making joints is applicable to the 
jointing of paper-insulated cable impregnated with such 
a thin and fluid oil that the oil would escape if the lead is 
cut. It is merely necessary to surround the present 
machine with a tank full of clear oil and, without going 
into all the details, remove the lead sheath of the cable 
under the. oil, thus preventing any loss of oil. The 
present joint can then be made under oil, and, in fact, 
there are some advantages of insulating under oil in any 
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case since* the trapping; of air is oven more definitely 
impossible. The completed joint is then enclosed in a 
split oil-tight easing which can be bolted together, the 
machine and oil tank are removed, and finally an outer 
sleeve is wiped to tin* cable at each end around the 
inner sleeve and the space between them filled with oil. 

The various features of the joint; are covered by 
patents of the author, and the machine, by a joint 
patent held by him and K. i>. Harbour, all being 
the property of the company with which they art* both 
associated. 

The cooperation and assistance of Mr. .i. ('adwallader 
and Mr. W. (’adwallader, in the development of the 
joint, are gratefully acknowledged. 
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ill cable-joint ill ice t'.i w liidi lie hould r.-Cl-i VI- dm- civil it. 

\\Y }|., v ,. u , ,| it |i v. of ill. i- joint; in t ‘Iliracu. In muling 
up t.ln- j«iiit! ,! Iif t-iit.lt jilici-ri and Hu * engim rr w Ini were - 111 m r- 
v j s j,,,. i in ,.,,(1 | ntt-1 lull, Inn! < if.’! il.ti 111 life 1 * I "I"* compare - 
liu-lv minor rleiitf-i■ wind, Huy thought would improve lie- 
joint. Tin- «* i i :* i »?* ■ v*. a* in 'I ;i*-o*il upon ''* *«*»d\« d with any 
I decree 11 1 ni!Inr in ni niiiI we «Ii«I not urge il. However, in 
j\ in.. Miiiit* I'url Iter f bought in l li»’ ul.ji i'i and in 1+ over 

: U 11 ut III' lilt |hi lfiit I hill itn v e tit« li i* ut'tl till joint !<> • »<lit. 

\vr ill covered itiii! flu- upgejiou v. hit'll Ml- had made i'"|- 
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of centra! !.-o..i> «l. it*1 1 wbwh threatened hamper »>»* ' 1 

opmeut ni" Hi. imlii'J ry, ami after it uequHtioU the* the 
pjiti-nl open f i , v, cry body w it in nit further charge. 

II 1 11,, id,S<- j,,iut patent ••dilation develop* into » somewhat 
siiiiiiur ||i1 1 -, i* may h» HitiniiHii for tin iniiii* try to eon idet, 
ill Hi, - aim *,* if, , lli*’ ?aiihe m« I* uf t he patent *. ini' J* eolisidetH- 
|ion, ti that to a combination of the feature*"., covered by tin* 
paten! ,,f van <<h Httie. uiual* . a much better joint can be i» i;m i«*, 
than i'i-mih the jinteiit■ <>(' any one mdiv uinat or corporation. 

T. I*'. JY t«- i*sc,m: i tin point v.hieh the author impha iKe 
Mcenr, I,, nit :.i lr i|ia t mi,a.Mr, Failure ni' the eotnpo: itr 1 ou* * 

tun* cun i in.?* nt oil, | <ap» r, * It’., »l"lit! the 'hit I **it lint* ut t* if • •» • * 
a M i il mi t, <i * i, tiie .!, esv;t . ,! to ngth • F the called long *> it path. 
This ;■ hould !..• im.ro fully demonstrated. nr 'll* IniiOa tcl by 
proof i.oi.in i.oilin ;ninp*> .1 n* tn the true r.a mi fur the 
ni’ciirreiice. 

< * 1*11 alter the • h im Diary ea a <4 f«n iiiMitatiiur iiiutenala m 

h usd h 1 ., t permit licit ii . f\ <. A ■■ 
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Pmin equation ele it isevideiil dial as 1, increases r/, decreases. 
If seems quite impmliable that, even tlmuid 1 with maximum 
stress is not, broken down, a path can be round where a lower 
stress is actually in excess of breakdown value. Such a condi¬ 
tion could exist only when rate of change of strength with in¬ 


crease in 1 1 is greater t hau 
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1 doubt very miicli whet her 


this is the case for series oil paths less Ilian 1 in. i Breakdown 
gradient, of oil remains tairly constant within this iaiigo.1 

I should much prefer to consider failure as being due to over- 
stressing a. comparatively short path of oil (A, ‘J.M in series 
with a long path of paper (A.? approx. •>.;»). this is in 
accord with my experience with testing crotches, composite 
insulation, ell*. The latter has lead to our avoiding short paths of 
oil in series with high-di. 1« -cl rie-con slant materials rather than 




Turning now to t he joint proper, it in indeed surprising to note 
that the author considers the use of hard compound permissible. 

(u Bmoklyn we have a great mass of data. Hn* migration ol 

pet rolaI nut compound from joint s. 'This has seriously weakened 
penciled paths and necessitated refilling at <1 mold h intervals or 
continually by means ol‘reservoirs. If this has been round noces- 
ary at I'M kv., how much more so is it* necessary to insure keeping 
even a-"si icky" oil in paper of a IM’d-liv . joint. 

Mr. Simons romplnius of dil'lieult ies experienced ill wrapping 
metal foil mi conical surfaces. Wo have hem doing this in llm 
liehl for about 1 1 years, wit hold any apparent trouble. 

1 am si ni iew ha l skeptical concerning the use of llm uincliiuo or 
--ingle paper application to three conductor joints in meial- 
sheattied cable. I' ir t, the general met hod docs not lend itself 
very well to jointing* sector cable. Then too, its use makes it, 
impossible to maintain a lay or l vv ial of conductors, through joints. 
This i of considerable advantage in "phasing out euble, 11. 
would seem that hand wrapping must needs continue in such 

I„ concluding I might say that I consider none of the fumla- 
melital principles used in the design of the joint as being; new. 
We have used built-up conical structures of solid insulation 
wrapped with metal foil thus Helling a, Ihired _ wro potential 
surface For several years; stepped insulation is Mandat'd in 
many joint ; one piece paper wrapping is an important tealiire ol 
i lie Pirelli joint. 

However, the method of const ruction which results in the 
practical introduction and m oof all these principles, in oiieoperu- 
l ion, is decidedly unique. 

S. I- Oestcrrcicber: Aside from the new and comparatively 
simple method of making an almost factory -taped im ulnlion in 
the field, it seeiiiM to me that this joint is no radical depart urn 
from »il her shielded cable joints. 

The method of paper application may eliminate llm much 
feared-voids; however, the fact that- the joint is also shielded, 
would indicate that there arc other weak places besides voids in 
cable joints. 

NaIurally, one may ask, where* 

Mr, Simons partly answers this h.v describing the breakdown 
of some extra high-voltage cabin terminals which tailed at a 
certain point on llm llaro of the end bell, where there was by far 
more insulation Hum in tlm cubic proper. I have had similar 
disappointing experiences about the behavior ol certain di¬ 
electrics. However, I do not helievo that the insulation failed 
been use 1 lowered the dielectric strength per unit thickness, but. 

it failed became it had a greater slreas along llte line or breakdown 

Hum anywhere else. 
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Transactions A. I. E. E. 


In my opinion, the shape of the end bell, or that of a cable 
sleeve, or in more general terms the size and shape of two elec¬ 
trodes separated by a dielectric may considerably increase the 
dielectric layer stress at certain critical points. 

In his classical work, Maxwell shows the field layer displace¬ 
ment upon unsymmetrieal electrodes by his model condenser 
consisting of two electrodes, -one a half plane, the other a full 
plane. While this model condenser might not be the exact 
duplicate of the conditions existing in a cable joint, the similarity 
is apparent. 

Disregarding the ends and joints of a single-conductor cable, 
it may be represented by a concentric coaxial condenser of infinite 
length, or in a diagrammatic way by two symmetrical electrodes 
separated by a uniform dielectric. At the ends or at the joints 
the symmetry of electrode arrangement is disturbed, and the 
internal layer stress becomes distorted. With certain assump¬ 
tions, Loebner, a research worker of the Duisburg Cable Works, 
obtained for cable ends identical curves to the ones of Maxwell’s 
model condenser. 
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Pig.. 1 — Streamer Discharge Starts at A—30 Kv., 
B—40 Kv., C—60 Kv. and D—80 Kv., Plus or Minus 2.5 Kv. 

From this data a nomogram was constructed by which—if the 
normal internal cable field intensity is known, the horizontal 
critical stresses may be readily found. 

The practical importance of this investigation is readily under¬ 
stood by the following diagram from Loebner’s work in which 
four sections of the same cable are shown. The outer sleeve of 
each section is formed to a different shape. While the straight 
sleeve show's streamer discharge at 30 kv., already, the funnel- 
shaped sleeve may be stressed to 80 kv. before streamer dis¬ 
charges appear. 

Thus, I believe that a cable joint insulated in the most careful 
manner, may be unsatisfactory if the sleeve design is not fitted 
to the other characteristics of the joint. 

While an electrostatic shield, if properly applied does distrib¬ 
ute the unequal strains, it ■will not protect without reservations. 

In view of this, it seems to me that the claim in the paper, 
that any diameter of a sleeve may be put over the insulated joint, 
providing it clears the paper insulation, should not be accepted 
in its strict sense. 


R. J. Wiseman: For testing the joints, in Table I, Mr. 
Simons used 200 kv. In Table II, he started with 200 lev. 
and then raised the voltage in steps. Now we cannot evaluate 
just by looking at the tables, the relative advantages of this type 
of joint for the two different operating voltages. If we can only 
decide upon some single method of testing cable joints, and then 
evaluate to a specified voltage stress at the conductor rather than 
the average stress, I think we shall all get a better idea of how 
good joints can be. Today we do not do it, one company uses 
one method and another company a different method. 

W. A. Del Mar: Dr. Wiseman has made a very good point, 
in my opinion, in making a plea for standardization of such tests. 

One of the features that should be standardized is the internal 
pressure of the joint when it is being tested. Ordinarily, tests on 
joints have been made with the joint closed in the ordinary way. 
When voltage is applied, there is dielectric loss, which causes a 
temperature rise with consequent expansion, and internal pres¬ 
sure in the joint. The result is that the breakdown voltage in the 
joint is materially increased over what it would be with atmos¬ 
pheric pressure. 

Under the term “dielectric loss” I include and refer particularly 
to the energy liberated just prior to failure by destructive 
ionization. 

This situation can be averted either by attaching a bellows 
device to the joint, or by leaving an opening in the sleeve, either 
of which will introduce atmospheric pressure. If we do not do 
this, a high breakdown voltage may mean nothing more or less 
than a high dielectric loss or ionization in the joint, and this 
defect would be accounted a virtue on the basis of a high break¬ 
down voltage. 

C. N. Rakestraw: I want to discuss the fact that Mr. 
Simons apparently takes for granted that the type of joint 
should be a stepped or penciled joint, as far as the insulation is 
concerned. 

As a good many of you probably know, in connection with our 
development work in Cleveland about four years ago we did a con¬ 
siderable amount of experimenting with just this type of joint, 
and in fact eventually did develop a joint of wrapped or taped 
insulation which apparently would stand up. Our experiments 
showed very conclusively that one certain number of steps was 
preferable to anything else, and a considerably less number than 
Mr. Simons has shown in his diagram. As a matter of fact, of 
course we later found a combination still better than that, and 
abandoned the idea of a stepped insulation entirely. We went to 
a conical connector obtained by undercutting the insulation, and 
the use of this conical connector increased the voltage of any joint 
on which it was used about 50,000 volts. So it seems to me that 
it is a step backward to use the insulation wrapped joint. 

With a joint made by cutting the original cable insulation in 
steps, and then wrapping these with tape, I think it is universally 
found that a breakdown, when a breakdown can be accomplished, 
starts somewhere in the center of the joint, very often under the 
first step or the second step, and passes almost entirely within 
the original insulation, and then to whatever sleeve encloses 
the joint. 

In Mr. Simon’s joint, the end is protected at an angle of about 
15 deg. Now, it doesn’t seem to me that the difference made by 
wrapping the center of the joint with one single sheet of paper 
as compared with tape makes a great deal of difference; but it 
does make a great deal of difference if the insulation is carried 
unbroken to the center and the central connector is protected at 
an angle of about 15 deg. This, as I say, has shown an increase 
in breakdown voltage of about 50,000 volts on this type of cable. 

E. D. Eby: This paper conveys the impression that there 
are insurmountable difficulties in the way of making a successful 
joint with tape, which is economically competitive with the joint 
insulated with a single sheet of paper. It would seem proper to 
con eet this impression by referring to the fact, that practically 
all the joints which have been made on these high-voltage cables 
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duriufV lln* pa I year, have been made * il In r with pa pop tape nr 
spooially processed varnished cambric lape. Tin- V.Vkv. juiuis 
Hindi' in ( ‘liicnpn were produced t*ninpti-f• in about I hr. 'i ln• 
|M2-kv. joint h now lining made in < "hicapo. I am told, an* hemp 

pi,.ind in uliuul ti hr. In our experience, h*»th in factory 
te.Ms and cm tomcrT le>K 1 hi: lypr of joint iia proved Onmcvr 
llinii I lie cal do in rii'l'.v cio*. From thro far!' , 1 think il i 
oviiloiit that tin* tapod joint i; onliroly practical. 

With reference to t ho prnct io- of rrmm inp t ho ra I do iie-uln I ion 
in slop::, tin* merit of lilts 1 - well dhi (rated in ill application to 
somo or tin* tlevehmd typo joint in Philadelphia. which won* 
nuulo with tho enlarged enimeelnr hnv inp tin- amo diaim let* a 
(lit* ooiitliii’tor in nlnl ion. Somo id* l ho: e joint failed wdion tin- 
<<;ddo lino was (n Iod» apparonlly lo'im o of incomplete tiilinn, 
of tin* under out in tho in illation with tho older. The e joint 
woi’o slim- fully repaired hy feppine tin in relation and apply 
in,,.- varnishod cambric tapo, withoiil haviiie to r.-i;nv tho cable 
Moot ion. 

| want to mid a word to tho : abject of to rim*', It i hichly 
doi inildn that ottr to ts should ho cumpamm o and 1 would 
roeuiiunotid, a . a bands of to t for joint and torminal , t In* pro 
,*;ratn of lost inp • ot foldh in I ho A. I, t *. rnU* lor raid*■■ W o 
lidvo boon following tho o rules in mu development work on 
jidtdaio that onrown tod> ooidd he compared. If rid pro;*,rum 
wot'opotiomlly n ml, 1 in*diffon nt «lo iplr ol joint'mould be readily 
oontptit'od. 

|,i.| Hir emphimi/e nlso Ihtrt any hij'h voliapo joint, a woll m. 
tho adjoining cable, in greatly bout fited if a thin milu-nd oil i: 
tn-d in, it tiller, Tim nupmtion of tho oil into tho oaldo, if it 
j : . not ah’oiidy u «*»ejilled oil tilled oaldo, uupmo tin- oaldo by 
prevent mp I he format ion of voioh in tho in; illation, Hy plucinp. 
an oil ro orvoir in tho form of mi oil tilled joint in each oml ol 
tho oaldo > not mu, oaoh lolled h of cubb r fod from two dirrotioio 
Soiiio opoiatinp companies have already found that th<- idiom ol 
joint , w ith nil hint *»uflieiei«!b uopiov rd lho dr< noth of old eabh 
ro that tho opomtiiifi voltage mold ho man iinlly mi rd and 
!,Iloi*o fill operation si out rd 

I). H,.Slitittillt Mr, iVti froii apparently do. not iipree with 
mo in my explanation of flu* ffnhiir ’ how n in hip. 2. I here an* 
of coitr e two i iTrotn, liiiiiid) I ho derma < d tr* npl h ol oil hi 
thiokor liai'IS and ut**o f htolifforrlipnitt p< oilii' induct iv e oa parit y 
hot will! tin oil mid till* HOpirpnm* d bbioti in ’datum. Mr. 
I’oforfon rtuphlnd/e* tin* lit!lor, »Uilo I rniplm rio* thr ioimri. 
Tho firlual truth n> probabh U rotubmurioij of flu* !w«* «dt<-ot", 
hut I nuitmt apt or with Mr I'rf rroH fluid tho Piiakdown 
pradtonl of oil rotmu«« eomuauf up to path 1 in, km?*, and would 
roior him f o peek'* Iticicetrtr !'h< u**iu» ua, l id do l«X i\ Hu 
imasuioo, A third i fleet i» undoubtedly tin funpetitinl or 
loupitutlinid nfro«,i* in tin* fibrous or ulati*»n ami pa» tjcuhulv 
alufip tin dividing surface la lw*» U I ho bloom m ulat i«*u and tho 
nil, which Stress f« Il ftttiol h»< of I ho ?iop* of th. h nr a <<tnplm~ 
ai/od hy Mr, u»»«»forroiohor in hi** di^oiis ioii. 

It, is of oouf»t* v»*fy iwwfv that fin* o«U‘l'o»*f *-l*»|»o : hoidd hr 
ti o.l in thr tapi-ritip jrorfnui of a joint or tormina!, ami 1 hroupht 
nut tin* importama* of thin m flu* f*M iimurdiatrly t.dh.winp 
Tuhlo II, TlwHindiwlly. 1 m:n , with Mr, «»• trnrmhrr that tin* 
hlupo should not ho « ulruipht lino. HraotioaHy, howi-vor. with 
till* HU Hi It ailiflow linod, Ihoro lu* .ulhoirn! pi t ifira t ion lot 

Uniiip olhor than iho wlratpld lim* ) , otiafiu« , iion lor tin* lopis 
Mr, i lr til i rn'liri* qur .tiMiird my 1 da!*io« IP that thr dimm toi ol 
tho sloovi* WHS Ilf tw noli ripn nor I'o*. dd*. hr hits forrpd ti ll 
that tin* 1 'idirr* joint i« ahiotdod m*idr hy a na tal onatimt .»t tlm 
oylindrioal portion and by tho fujudrinp tinfoil at tho rmls. 1 hat 
is, |ho joint in oomplolok shuddod ifi*»ido, mid fh*‘ oiitrr • I* f\t i ■ 
itioj’oly a uioohiuiii’n! um'i’Hiip, and H* ^'tupr and dimou don 1 «.m.«- 
iiu oh.rlrioni fuupf ion. 


I hour I ily aproo wit h all 1 hr remarks about joint-lost inp.stnmF 
anli/.ation." It is usually possihlu to oblain a joint or to dosipii 
a joint, wlii.-h will stand any pivrn test up to tlm demands of 
prosont oaldo practise, if the eon-eel desipu prinoiplos are Used, 
duo of tin* most difth'iill questions for a pdveii Mdtapo however is 
to determine w lull the proper tests should be, 

Mr. l>ol Mar's remarks on internal pressures are mtioh to tin' 
point, j iiiiplil add that some of our tests on joints were made 
w il li i he joints as c-old us minus 10 dep;. oonb and up to about 
20 doc;, ren 1. w it hold obseiw hip any effects on t In* st rcuv,th. 

Mr. Kakcslraw tells us that in their desipn of joint, they are 
ablo to add 00,000 volts breakdown si renpl li by abamlotiitU'; 
strpp.-d iie itlalion and dmelopinp; their eiilarm*d oiiiiiiool.nr w ith 
undercut im-iilation. lb* unfortunately does not mention 
whether lie* i tie reuse of oO.OOO volts was in short-lime Stl'eliplll 
or in hum; time strenplli, and there is a vast difference in sipuiti* 
eam-e he)weeu the lwo, lb* nIso indicates ihat a certain number 
,,f steps seems. bt‘Mi*r than either a pTeator or less number. It is 
difficult (<• pciienili/.o Oil such questions, and all that cun us ually 
he stated is that a specific lutiuher of steps or a particular type ol 
connector i hotter with a certain* derdpfu of joint. 1 formerly 
hared Mr. I hi host raw's belief that a certain number of steps 
v. a the be l. While not desirinp; t o j*eneralbm too tiliieh my elf, 

I Itelieve now that the greater the number of steps tie* si rolipel* 
tie* joint, but that the pereentape pain is ho slitfhl after a certain 
number of tip have been olmsou as not to justify tin* increased 
labor .d' cuttini: more steps. In repurd to Urn enlarged eoiiiicotur 
mol undereut in .ulutton, while thiseuimlruction has increased the 
sirenpth of the type of joint Mr, Hakestraw was dhemomp, it 
di ainetly is not as elTeotive as the stepped im illation with mu* 
type of joint, a ■ th’leriiiiueil hy practical experience, I do not, 












m otor is better than any ot her, but merely that certain types am 
best bn* certain designs nf joint m, and the only criterion in the 
Uvupih of the completed joint, which in our case is indicated in 
t In* tallies pivou. 

I am plnd that Mr, Khy lias commented on their success with 
applying tapes by hum!, as opposed to tin* use nf wide paper, 
f may state to Mr, Kby that my paper was actually written 
before the development of tlm joint to wllieli lie refer u atol that 
l„, ihly my tateliiolilH were a little too empliutie. lu peiierul, 
however, t he applied)ion of w idc paper is inherently quicker than 
that of narrow tape. For instance, if the applied insulation is to 
bed ft. loiip ami tape 1 in. wide is to hi* used, tin* roll of tape musk 
hi* wrapped about Mti times around the joint to form one layer of 
insulation, while one turn of wide paper will do the equivalent 
amount of work 1 am sure that we all spree with Mr, h.hv m 
hi remarks about oil Tor fitting .joints, and the hetieileinl elfcet 
of nch oil upon the immlation of the hiple vollnpe cable which is 
heinp joint i*d, 


Mr. Peterson questions the novelty of the joint, and possibly 
1 was not dear emniph in emphasi/an^ exactly what new points 
were presented in the paper. Stepped joints and electrodutie, 
shield*; at tin* ends of a joint are of course known, but 1 believe 
that a stepped joint with wide paper in tin* steps (particularly a 
stepped joint with wide paper cut In lit the steps at the moment 
of application}, ami shields formed by metal previously applied 
to sheets of insulation in a, predetermined slope arc new develop¬ 
ments, lu addition. 1 mitdif include the machine-wrtippiuts 
of wid«* paper, which process insulates from the connector to the 
outride and automatu*all,v forms the electrostatic shields. 


Ah a matter of general interest, 1 mipht add that ei^hl of these 
joints have gone into service at IH2,000 volts, three-phase, within 
t la* 12 } ;* months since the presentation of the pa|»er, mt Februarv 
21 in mi experimental Uili-kv. line, and luiv** operated without 
incident to the pri*Hent time. 




Oil Breakdown at Large Spacings 

BY DOUGLAS F. MINER 1 

Associate, A. I. .E. E. 


Synopsis. —Much work has been done on the breakdown of 
insulating oil at small spacings between electrodes. Information 
for electrode separations of several inches is 7iot as complete. It 
has been found that sources of ionization external to the gap influence 
the gap breakdown, so that the design of electrode supports and 
parts is of great importance. 

Data on several sizes of spherically terminated rods or cylinders 
are presented. Short-time breakdown tests are shown to be quite 
erratic and a form of long-time test schedule was developed which 
gives more consistent results. The final test used is called a ten- 
minute-hold and yields values for a given condition representing 


I N common with other dielectrics, whether gaseous, 
liquid, or solid, transformer and switch oils ex¬ 
hibit a non-linear relation between breakdown 
voltage and spacing of electrodes in the dielectric. 
The breakdown value of the standard test cup spacing 
gives no clue as to the breakdown at large spacings. 
In bulk, oil has a relatively low dielectric strength 
due to the rapid increase in ionization by collision. 
Ionization at the electrodes leads to local breakdown 
and consequent total rupture. Thus the shape of the 
electrodes and supports is of prime importance. It is 
essential that the breakdown between the electrodes 
chosen is not influenced by corona in the neighborhood, 
originating in some part of the support with a smaller 
radius of curvature than the electrode itself. In order 
to yield useful data on large oil spacings, work has been 
carried on under carefully controlled conditions. 

A number of excellent studies of oil breakdown at 
small spacings (below two to four in.) have been made 2 
and reliable data are available. At larger distances, 
however, the data are not as complete. The results to 
to be discussed help to fill out this region and will serve 
as guides to design where such spacings are necessary. 

When the characteristics of materials are investi¬ 
gated, it is always a question whether the material 
tested should be in ideal condition—a perfect sample, 
or an average. This will depend on whether the object 
is to arrive at the maximum quality or at that which can 
be relied upon for a general run. In the case of insula¬ 
ting oil, extremely high dielectric strength can be ob¬ 
tained with carefully filtered and vacuum dried samples 
(50 kv. r. m. s. for standard 0.1-in. gap between one-in. 
diameter flat electrodes). 

This quality is exceptional, however, and cannot be 
commercially maintained. Both the designer and the 
operator of apparatus have to rely on what more nearly 
approaches the allowable minimum instead of the maxi- 

1. Section Engineer, Experimental Section, Westinghouse 
Elec, and Mfg. Co., East Pittsburgh, Pa. 

2. Bibliography, 1,5, 6,7. 

Presented at the Winter Convention of the A. I. E. E., 
New York, N. Y., February 7-11 , 1927. 


the maximum voltage that can be held consistently. This is of 
special interest in design. 

The empirical curves of oil breakdown are analyzed by mathe¬ 
matical methods. A general equation for breakdown voltage 
in terms of electrode diameter and separation is developed which 
agrees quite ivell with the experimental data. 

Evidence is presented to show that water in globular form sus¬ 
pended in oil may increase the breakdown potential considerably 
with spherical electrodes if the separation is several times the 
diameter. 

* * * * * 


mum quality. For example, good oil of commercial 
grade may test 30 to 35 kv., r. m. s. for standard test, 
but in apparatus the oil may be allowed to deteriorate 
to the point where it tests 22 kv., r. m. s. before it is 
considered unsatisfactory. The weakest point in 
insulation or the poorest condition the oil may be in, 
under normal good practise, may determine the factor 



Fig. 1—Oil Breakdown—Effect of Ionization—5'8-In. 
Diameter Spheres. (Each Point is Average of Three or 
More Tests) 

of safety of the insulation. These tests, therefore, 
were made at room temperature using transformer oil 
of good commercial quality testing 30 to 35 kv. for 0.1 
in. in the standard test cup. 

I—Effect of Ionization on Oil Breakdown 

Before considering the test data on large spacings, 
it will be necessary to present evidence to show why it is 
important to eliminate ionization other than that of the 
electrode itself. A set-up was made . using ^§-in. 
diameter spherical electrodes, placed vertically in 
an insulating frame under oil. Comparison of break¬ 
down was made with 

a. -in. sphere with Vio-in. diameter shanks, 

b. %-in. spherical ended rods, 

c. %-in. spherical ended rods with sharp wire 
attached. 

Test Conditions. The oil was in very good condition, 
having been obtained fresh, and testing better than 35 
kv. for 0.1-in. gap. The test tank was ft. in diam¬ 
eter and 5 ft. deep. Voltage supply was a 300-kv., 
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100-kv-ii., (>()-eyele testing transformer wi1.li drum con- 
trolU'r giving 500-voll steps cm the high side. The 
tests were what is known as Ihree-minut e-hold tests in 
which the voltage is raised continuously to about 70 
per cent of breakdown and t hen increased at. the end 
of fhroe-min, intervals by live per cent increments. 
The value used is the last voltage successfully held. 
The frame for holding t he electmiles was made of bake- 
lite paper micurla strips > •. in. thick and four in. wide 
with a length of 1M in. and width of 20 in. The 
arrangement is shown in Fig. 1. The sharp wire was a 
piece of No. 18 B & S copper wire wound around the 
uitper electrode and bent down, the tip being two in. 
back of the end of tin* electrode and two in. out to the 

side. 

t’urvi*H uf I* t show Hinirly tin* i iv o 
breakdown. At sparing# up to i 1 -, in., tin* rods show 
slight lyhightT breakdown tin per cent t but with separa¬ 
tions from 2 in. to a in., a pronounced increase,* over 
tin* spheres is apparent. The rod curve can he brought, 
down nearly to the sphere curve by tin* addition oi the 
auxiliary source of ionization shown. This test, being 
typical of results obtained, shows the eiferf of the 
electrode support shape. For this reason tin* tests 
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subsequently described «w undertaken with electrodes 
of such a design that no medal part bail a radius of 
curvat ure less t ban t he end of t lie electrode. Sphei ica 1- 
ended cylinders or rcslssatisfy this requirement. 


It Oil Breakdown at Large Spaeings 
In undertaking to obtain data under the limitations 
imposed, a considerable amount of study and work was 
put, on the* design and construction of testing apparatus. 
A description of this will bit given to show difficulties 
encountered and methods used. The two chief (h Ii- 
cullies were in bringing the high potential lead into t ic 
oil and in building a test frame that would not fail 

mechanically or electrically. 

A small-sized wire (No. tHi was first used for a lead- 


in, entering the oil surface in the center of a 20-ft. 
diameter tank and connecting several feet below the 
surface to the electrodes under test. This form of 
lead showed great disturbance, especially at the oil 
surface, and llashover occurred over a.radial distance of 
10 ft, at 3f>0 kv. This was due to the excess gradient 
adjacent to the oil surface which accompanies the dis¬ 
tortion of flux due to difference in dielectric constants 
of air and oil. Excessive corona was evident above the 
oil surface. A 3 i «-in. diameter brass pipe was later 
used, being suspended from a string of suspension in¬ 
sulators. This brought about very little improve¬ 
ment., allowing tests up to 400 kv. only, before flash- 
over occurred. This means that the average gradient 
over the 10-1’t. distance is only about three kv. per in. 
whereas needle points 10 ft. apart flash at 1200 kv. 
or 10 kv. per in. 

The final form of lead adopted is shown in Figs. 2 and 
3. It consists of a miearta tube 8 ft. long (spliced) 
and 21 in. in diameter, covered with thin sheet metal 
smoothly applied and carefully soldered at the joints. 
The lower end was fitted with a toroidal piece of wood 
sprayed with copper. The torus (4-in. section) was 
cut, away to fit Hush with the outside of the cylinder. 
This device was suspended from insulators and electri¬ 
cally connected to a 3)s-in. diameter brass tube 
running through the center. r l he testing rig was hung 
on this t ube. Test voltages up to 700 kv. or more are 
successfully brought beneath the oil surface with this 
form of lead. 

Tin* first, struct ure used to hold the rod electrodes was 
a crude affair built; to determine the requirements of the 
problem. It, consisted of a spruce board on which two 
porcelain pillars were mounted 31 in. apart and the rods 
clamped to these. This arrangement was tied to an 
IH-ft, wooden ladder and suspended horizontally in the 
20-ft, tank. Ropes on the ladder aided in raising and 

lowering the outfit for adjustment, 

The board soon failed by leakage and when the 
ground wire was arranged not to touch the board, the 
ladder and supporting rope finally showed leakage and 
burned badly. The porcelain pillars were also chipped 
and fused, From this it was shown that a highly 
insulating frame must be made with no metal parts to 
cause corona or parts of widely differing specific in¬ 
ductive capacity to cause stress concentration. 

The second frame was built of miearta tubes and 
wooden end clamps arranged for a vertical gap. bee 
Fig 3 

i Two miearta tubes 2-in, in diameter were, used with 
, split end pieces of maple clamped around the tubes 
with Fritt. threaded wooden rods and miearta nuts. 

4 The upper electrode was a 3 Mi-in. brass tube passing 

- through the upper wooden pieces for an adjustable 
s length. The frame was damped to this tube so that the 
1 whole rig was hung from it. The lower electrode was a 

similar brass tube extending below the frame threesf. 

- and ending in a chain which was dropped to the bottom 
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of the tank for a ground connection. The inner ends of 
the brass tubes were closed with a hemispherical 
plug tapped to receive various-sized rods, so designed 
that no threads or parts were exposed with a radius of 
curvature smaller .than the electrodes under test. 

The conclusion drawn from these experiences is that 
for very high voltage tests under oil, wood, even the best 
seasoned hardwood commercially obtainable, is un¬ 
satisfactory as an insulator. It is suitable for a non- 
metallic spacer or mechanical support but the insulation 
must be obtained from porcelain, micarta, fuller board, 
or similar high class dielectrics. 

Two transformers were used in these tests, one 500 
kv., 500 kv-a., 60 cycle, 5000 volts primary; and the 
other 1000 kv., 1000 kv-a., 60 cycle, 5000 volts primary. 
Both of these are single-terminal, one end grounded. 
units. 



Fig. 3 Test Frame. Electrodes and Arrangement ov 
Apparatus 

Voltage was measured by both crest voltmeter and 
ratio meter checked against sphere spark-gap values. 

Test Methods and Results. Early tests demonstrated 
that with favorably controlled conditions (no neighbor¬ 
ing ionization due to sharp corners, bolts, etc., and no 
adjacent field-distorting bodies) instantaneous break¬ 
down values were obtained higher than those given in 
any existing data. This is of great value in determin¬ 
ing the maximum strength of oil. Wide variations in 
test results were found, however. Later work involved 
the introduction of time tests and the tendency has been 
towards data on maximum holding voltages for longer 
times, one min., three min., five min., and finally 10 min. 
More consistent data, although much lower than 
instantaneous breakdown, are hereby obtained. From 
a design standpoint,, these are the values usable in 
calculating oil insulation—the long-time holding volt¬ 
ages and not the occasional extra high voltages. The 
curves shown in this report are based on over 1850 


observations or applications of potential, a large number 
being for 10 min. 

The discouraging diversity of points shown in the 
instantaneous breakdown curves led to a study of test 
conditions, voltage measurement, etc., but reasonble 
control of these factors did not yield satisfactory results. 

Curves of average values do not tell the whole story, 
especially with instantaneous breakdowns. We con¬ 
sequently have shown in some cases a number of repre¬ 
sentative points. The relation of average to maximum 
and minimum can be seen and the dispersion 
demonstrated. 

Instantaneous Breakdown. It has been noted by 
several observers that oil breakdown for short-time 
application of voltage is quite variable, even when 
greatest care in controlling conditions is exercised. 
This deviation from an average value is far greater than 
with air 3 . This variation was shown by Hayden 
and Eddy to be a characteristic of oil apparently due 
to its chemical complexity. Other dielectrics, such as 
benzol, were not as erratic. Filtering, vacuum treat¬ 
ment, high temperature, etc., were found to be ineffec¬ 
tive in changing this behavior. 

Fig. 4, a typical curve, shows the individual break¬ 
down points for one-in. diameter electrodes against 
spacing. 

Voltage was raised continuously by induction regu¬ 
lator to breakdown in less than one min. It is at once 
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Fig. 4—Instantaneous Breakdown Voltages ok One-Inch 
Diameter Hods 

apparent that the widest deviation occurs at small 
spacings (two in.). For example, with the one-in. 
electrodes, two-in. breakdown varies between 125 kv. 
and 320 kv., over 100 per cent. 

The following table shows typical results obtained, 
being data for the two-in. diameter curve. 

Spacing 

in 

Inches Instantaneous Breakdown in K v. 

2 310 , 285 , 280 , 280 , 328 , 200 , 310 , 100 , 200 , 310 , 140 , 180 , 100 170 

4 320 , 230 , 310 , 390 , 270 , 210 

5 375 , 340 , 205 , 285 , 410 , 300 , 340 , 200 , 345,325 

8 360 , 340 , 300 , 350 , 345 , 410 , 450 , 340 , 470 

11 425 , 450 , 300 , 400 , 340 , 480 , 476 , 480 , 480 

12 380 , 380 , 380 . 

14 410 , 425 , 370 , 350 , 450 , 360 , 400 , 470 , 450 

3. Bibliography, L 
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r Phis dispersion decreases in all cases with increased 
spacing, giving credaun* l.o the idea that. with small 
gaps, then* is an erratic lining-up of conducting particles 
or ionized oil. With longer distances, Ihese variations 
are ironed out- info an average stall* of conductivity. 
Thus the etfeci of poor oil will he more evident, at. small 
separation. The instantaneous data are presented to 
show t hat even an average of a large number of points 
cannot mean much when individual tests may depart 


Hijc.uomiw \-it i v.i ., Om: Mini n. lliM i* .Mki - hi>iis 

a 'riivr: AM' S 11 v . 

50 per cent in either direction from the average curve. 
After spending months trying to improve the consis¬ 
tency by a study of test conditions and voltage measure- 
ment, we were thoroughly convinced that the proper 
form of test of oil spaces is a time test in which the 
minimum consistent holding value of potential will he 
found. 

(>m-M ntt/h' niuf 77m r-,1/ mtifr dins test is 

defined as the maximum voltage that can he held 
for one min. without breakdown. Two methods 
were tried in determining these data, the step method 
and the curve method •see Fig. oh After several 
scries of test s made with the c met hods, the impwve- 
meat in flic matter of consistency hoped for, was tint. 




Flu. n Is.- u VtimM. . Tiiiuo dra n ihu.u 

I J »j.| DM.Mi.TMt fp«»*s 

obtained. The. lop method was found to he preferable. 
The time was thou extended to three min. Much better 
agreement between data taken at three different times 
some months apart is noted. The variation is still 
excessive for a relatively small number of tests, l‘ig. b 
shows a typical curve, 

Tu;-M:r»u (h>l<i I* Jr, Instead of increasing the 
number of test s, jt was felt, that: a better method was to 
increase the um> to ju min., fendmg to eliminate the 
occasional freak values. 'This followed successful^ use 
of the method on transformer insulation tests. I he 
method in very slow and tedious hut seems to yield 


dependable results. A certain, voltage is chosen 
below expected failure. This is applied for 10 min. 
and then taken oil' for live min. (to eliminate ionization), 
and is repeated live times. If no failure occurs, the 
voltage is raised a certain increment and the five 10- 
min. holds made. This proceeds until failure occurs 


1 


"it .■ .1 I, ^ H I'* >•' I' 1 "> 

Pus, 7 BhKAMMiW N V i il.TAfi KS Tk.N-M I NUTS II'U.I* 
Bktw !•;(•;n Points 

A ... e. W. IV«-L,.lr. . 

„ Si,lit! iMirvr drawn IVom «luia of pri'scitl invi’.llralinn (Kv.Ml .S ) 
Unlit from W. H. Tolir.y. V, I. K. K. C.UO 

during one or more of the live tests. Then t he previous 
value is repeated live times and ii cheeked (no iailure), 
t hat value is selected as correct. r l bus the least number 
of individual voltage applications necessary to deter¬ 
mine one point. is 15, requiring at least: 225 minutes. 
Typical results of these tests are shown in Itigs, t and 8, 
curves for points and one in. diameter electrodes. 
Fig. b gives a summary of 8-min. and 10-min. tests on 
logarithmic coordinates. 

On some of the curves the dal a of various in vest,iga¬ 
tors have* been shown for comparison. In Fig. 1, the 
curve for one-in. spheres given by F. W. Feck, ,Jr. 
appears slightly higher than the average curve of 
data obtained, but still well within the limits ot individ¬ 
ual points. Fig. 7 is an interesting comparison of 
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data from t hree sources, The clash curve is taken from 
"Dielectric Phenomena," by F, W. Peek, Jr. and the 
solid curve is drawn from dat a of the present investiga¬ 
tion (kv. 58 S ). The A*’s are from data of W. H. 
Tobuy 4 and coincide* nicely with the present curve. 
It seems probable that Peek's curve* represents instan¬ 
taneous breakdown and is consequently higher. The 
ten-minute-hold values are much lower. 

4 . Bibliography, ,8. 
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General Remarks on Test Results.. From the results 
of the tests, the following may be inferred: 

1. The instantaneous breakdown voltage for oils is 
not very definite, depending on too many factors that 
are sometimes not controllable. 

2. The "time” tests show better consistency. 

3. At short spacings, the breakdown voltage decreases 
with increased time of application of voltage. At 
large spacings, the differences between the sparking 
voltages for a long time of application and those for a 
short time of application are small and negligible. 

4. The breakdown voltage increases with the diam¬ 
eter of the electodes at short spacing rather rapidly. 
At large spacings these values seem to be the same; that 
is, independent of the diameter. 

Analysis of Test Data. The wide diversity of the 
test data rendered average readings for instantaneous 
tests unintelligible. Although results for the three-min. 
and 10-min. tests were more consistent, still there were 
some very pronounced deviations. In order to obtain 
conclusions that might prove of value in design, these 
data were analyzed so as to bring out some , general 
relation that seemed to be representative of all the 
test data. 



Pig. 9 Breakdown Voltages of Oil in Electrodes of 
Various Diameters on Three-Minute Hold 

A. Three-Minute-Hold Values 
Plotting results of the three-minute-hold tests on 
logarithmic paper, (Fig. 9) shows that all the curves 
seem to be tangent to a straight line at large spacings. 
From the manner in which the curves behave, it seems 
probable that the straight line denotes the sparking 
voltage for electrodes with diameter equal to zero, i. e., 
for needle points. That-all other curves are tangent to 
and emerge into this straight line may be explained by 
the following speculation as to the nature of oil break¬ 
down. 

It is assumed that there is a definite breakdown 
potential gradient for oil. When this gradient is 
reached at the surface of the electrode, the oil surround¬ 
ing the rod is ionized, the effect being to increase the 
effective size of the electrode. Whether a complete 
breakdown as shown by a spark over will follow this 


ionization or not depends on whether or not the in¬ 
creased size of the electrode causes the gradient to 
increase. Thus, if the spacing between the electrodes 
is large, the gradient decreases as ionization increases 
and in this case corona precedes a complete breakdown, 
so that if the applied voltage is not too high, only corona 
is observed. On the other hand, if the spacing is small, 
the gradient increases as ionization increases and a 
complete breakdown will follow as soon as the gradient 
at the surface of the electrode exceeds the breakdown 
value. It thus appears that for a given size of electrode 
there is a largest spacing—a critical spacing—at which 
no corona will occur before a complete breakdown. 

Applying this to the case of two sharp points, it is 
seen that corona will always precede a complete break¬ 
down. Thus, the sharp points are in effect two elec¬ 
trodes of varying diameter, their size being dependent 
upon the spacing and the applied voltage. For a given 
spacing the complete breakdown voltage is then the 
same as that for two electrodes having such a diameter 
that the given spacing is the critical one for such a size. 

In the light of this speculation, we can readily ex¬ 
plain why the curves for the electrodes with small di¬ 
ameters seem to intersect and finally emerge into the 
curve for sharp points. Thus the intersection of the 
> 2 -in. curve and the sharp point curve defines the 
critical spacing for 3^-in. rod. At spacings greater than 
this, corona will occur first so that the breakdown 
voltage follows essentially the same curve given by 
the sharp points. 

The points of tangency of the curves (on logarithmic 
scale) and the line denoting needle point might be 
thought of as those at which corona begins. These 
points as obtained from the curves do not agree with 
those that were obtained visually. The discrepancy 
might'be due to the difficulties in making visual observa¬ 
tions on the starting point of corona under oil or to the 
effect of surface irregularities. Above these points of 
tangency, the sparking voltage curves, on the basis of the 
above speculations, will follow a law different from that 
which holds below them. In constructing the sparking 
curves we should then expect a change in the direction 
of the curve at some point. 

Mathematical Expression for Three-Minute-Hold Tests. 
As the plot on the logarithmic paper does not yield much 
information on the relations among the various curves, 
another plot was made on semi-logarithmic paper, since 
the general shape of the curves showed them to be of 
logarithmic form. 

The straight line, i. e., the probable curve for needle 
points on the logarithmic paper, becomes a curve on the 
semi-logarithmic paper. By trial it was found possible 
to represent the average test results approximately by 
a series of straight lines on the semi-logarithmic paper. 
The general form of the equations connecting the spark¬ 
ing voltage kv. and the spacing S is 

Kv. = A log S + B 


1'Vli. 
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when 1 A and a an* constants and Kv. ~~ sparking 
voltage in kv., S spacing in inches. 

Moreover, when (lie various values of A and a were 
plotted on logarithmic, paper against the respective 
values of the diameter of the rods, two parallel straight 
lines were obtained. Thus these two constants could 
be further expressed as funct ions of the diameter of the 
rods. These relations become 
A m <r 

a c <r 

when* m, r, and n are constants and d diameter of 
rod in inches. I 'sing these relations, it is then possible 
t;o express the sparking voltage in terms of the diameter 
and the spacing, dims the general equation for 
the three-minute-hold tents is 


TintUK-MINUTE-HOLU TESTS ON DIELECTRIC 
STRENGTH OF OIL 
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K v. in d" log (l „ 

With all the constantsevaluaied, t his is 

Kv. \Ti \ d log |} ]f . ^ (l 

H will he noted that Hu* above equation does not 
become zero, for .S' o. It will be noted, furthei, 
that the quantity whose logarithm is to be taken is 
large in all our eases. Thus it we add one to t he numbel 
S/{).U \ d and then take the logarithm, the values 
of the logarithm will not he increased greatly. In 
view of the fact that our data scatter more or less, such 
a modification will not change the results appreciably 
while the modified equations will give curves that, do 
pass through t he origin. Thus we have. 

Kv. 177 \ ding (i f (U< * v (i ) 

for three-min. tests 

(.turves calculated from this general equation have 
been plotted and found to he reasonably representative 
of the test data. For the smaller rods, these curves 
were calculated only up to the points where they inter¬ 
sect, tiie probable needle-point curve. After that, 
since we assume the formation of corona, the curve is 
continued by the equation that represents the probable 
needle point, which, as already pointed out, is a straight 
line on logarithmic paper and hence is of the fonm 
Kv, D S m in which it and in are constants. I he 
numerical values substituted give the following as the 
equation: 

Kv, •* 51 »S ,M ’ 7 

The following table gives the calculated values. 
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r P osts 

SttiM-luK of which oni-vi* of rmln Inftnwot. anti <«uu»W» Into m*.<Kltn-KiU» 
ell f vo (gnipltlcal .solution from mlculuU'tl <*ut*vo) 

B Tbn-Minutb Hosts 
Applying the same general equation, viz., 



it. has been found that the following equation agrees 
with test results quite well. 



in which K v. ;t : safe or holding vol tage in kv., 

(I rr.~. diameter of electrodes in inches, 

« a* spacing of electrodes in inches. 

This is applied when ionization does not occur before 
breakdown. The same equation as before, kv. 

; • f,g ,s ,u ? , applies when ionization precedes breakdown. 

The intersection of these curves is called the critical 
spacing and might coincide with appearance of corona 
if accurate data were available. Fig. 10 was plotted 
showing the relation between calculated critical spacing* 
and electrode diameter. The equation satisfied by 
diameters between H in. and 4 in. is S =* 5 T 12 d. 
Breakdown curves for 3-in. and 4-in. diameter were 
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calculated from the general equation. The equations 
for 10-minute-hold are as follows: 


10-MINUTE-HOLD TESTS ON OIL 
Electrode 

diam. (in.) Breakdown Kv. 


0 

1 

2 

3 

4 


500 logio l 1 + 


380 1og IO ( 1 + —f—) 

logio (1 + S) 

( _ . 3 S \ 

logio ^ 1 + g J 


388 logio (1 + S) 


418 logio (1 +2 S) 


presents a curve (Fig. 11) which indicates a remarkable 
increase in breakdown between a point and a disk 
for a 300-mil gap in fiber-free oil. This increase from 
21 kv. to 52 kv. takes place for an increase from zero 
to 0.028 per cent moisture content. Dr. Hi robe then 
goes on to show that with J^-in. spheres 150 mils apart 
there is a decrease from 90 to 61 kv. for the same 
moisture addition. 

A number of tests were made by the author to find 
the effect, not of small traces of moisture, but of large 
percentages of actual water in visible globule form, 
such as may be present when leakage of rain into ap¬ 
paratus occurs. 

Wet Oil Tests. A' series of tests was made with 


Conclusions. The principal result of all this work is 
the development of more suitable test methods and the 
fundamental recognition of the inconsistency of short- 
time tests. Values obtained by long-time tests are 
much more reliable from a design point of view. On the 
basis of this information obtained with ideal or standard 
electrodes, future work of great value is*possible, using 
electrodes of practical and special form. 


TABLE i 

AVERAGE KV. EOR INSTANTANEOUS BREAKDOWN, TEST 
VALUES 




Electrode Diam. 

i 

(In.) 


(In.) 

1 /& 

X 

H 

1 

2 

2 

225 


290 

205 

245 

4 

285 


315 

275 

325 

6 

335 

315 

345 

325 

370 

8 

370 

335 

305 

355 

410 

12 

405 

370 

400 

390 

450 

16 

435 

425 

430 

410 

490 


TABLE II 

AVERAGE BREAKDOWN KV. 
EOR ONE-MINUTE-HOLD, TEST 
VALUES 



| Electrode I 

Nam. (In.) 

1, 

(In.) 

Va 

V 4 

2 

185 

190 

4 

230 

235 

6 

265 

205 

. 8 

306 

275 

12 

355 

330 

16 

370 

375 


in. and *^-in. spherical electrodes using oil into 
which water had been stirred. The water was intro¬ 
duced in finely divided spray by definitely weighed 
amounts and agitated thoroughly before test. By 
this means the water was held in suspension in very 
fine globules less than one mm. in diameter. 



Fig. 11—Effect of Moistuum on On, Break no w.v 

0.3-in. Gap—noodlo and disk (Dr. T. Hlrobo, Roporl, No. 25, Kiwi.. Twin 
Lab., Tokyo) 


Preliminary Tests. Two %-in. spheres were placed 
vertically in a large glass jar holding 25 lb. of oil. The 
gap was one inch. Various percentages of water were 
added and the test values were as follows: 


For cont. Water 


0 

x (20 cu. cm.) 
% 

?< 

1 


Instantaneous Breakdown 

50, 60, 64, 54 avg. fifi k v. 

00, (50, 00 uvk. (SO kv. 

60, 60, 5(5, 60, fi«, f>8 uvg. fid,3 kv. 

00, (52, (ii, (52, (53, (12 avg, 01 .() kv. 

01, 04, 59, (52, (54 avg. 02 kv. 


Ill—Effect of Water in Large Quantities 

Oil Breakdown. Low breakdown of oil samples is 
frequently ascribed to moisture or foreign materials. 
It has long been known that very slight percentages of 
moisture in oil, when in a dissolved state, lower the test 
value at small spacings. For example, one part in 
10,000 will reduce the dielectric strength of dry oil to 
about 30 per cent of its original value. 6 . 

Some evidence exists, however, showing that under 
certain conditions water may increase the dielectric 
strength of a mass of oil, In Report No. 25 of Electro¬ 
chemical L aboratories, Tokyo, Japan, Dr. T. Hirobe 

5. Bibliography, 1. 


. More extensive tests were then run in a metal tank 
holding about 1000 lb. of oil Percentages of water of 
Vs, M, and % were introduced and instantaneous 
breakdown tests made. It was found that j* £ per cent 
was about the maximum amount of water that could be 
held in suspension long enough for test. Instantaneous 
(rapid rise) values were obtained. As usual, a great 
divergence of points resulted, the average of which has 
no great significance unless hundreds of tests are made* 
With only a few shots (10), these averages are incon¬ 
sistent, the ^-in. sphere breakdown being less than 
%-m. spheres for some cases. 

Average curves for the various water contents, 
(Fig. 12), were plotted and seemed to indicate that ad- 
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dition of water may increase the breakdown of oil 
gaps through gradient equalizal ion. Small amounts 
(g/ per cent or less) may possibly <lecri‘ase the break- 
down at small separat ion, probably because the water 
is either in partial solut ion or so finely divided that it has 
the elements of a low resistance path. Increase in 
wafer content causes agglomeration and the larger 
globules distribute the stress like a string of condensers. 
This elfect increases with increase in voltage. 

Another effect noted at high gradients is the throwing 
out of water from the strongest field. 'Phis gives a 
clarifying action that will ultimately improve the oil 
considerably if breakdown does not. occur before this 
action is complete. These statements do not contra¬ 
dict, the usual information about standard tests on oil 
with a test, cup having (Udm separation of electrodes 
for here the water hridg.es the gap and causes failure 
through conduction. In the curves for : ‘s-iu. spheres 
this appears to he the case below I by-in. with *'s 
percent, water. 

The curves show a greater increase in breakdown 
for the smaller electrodes (’•>.,-in. diameter). These 
results differ from Dr. Uirobe’s in that he could obtain 
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no increase with spherical elect nodes. If may be con¬ 
cluded then that with spa rings several times the 
electrode diameter, water in globular form evenly 
distributed may give a higher breakdown value than 
commercially dry oil, behaving entirely ditleiwd. from 
the case of dissolved water in small gaps. 

The curves of oil breakdown under various conditions 
as described m this paper show the range of values to 
be expected but are not intended as accurate data. 
Exactly duplicable results on oil are impossible. It. is 
the purpose of this account rather to emphasize two 
points: First, f hat short-time tests are hopelessly erratic 
and that the linn* test, of several minutes duration is 
preferable in establishing values of use in design; and 
second, that the experimental data on different sizes of 
electrodes are related and are subject to mat hematical 
analysis, one form of which is presented herewith. 

The author gratefully acknowledges the assistance 
given by Mr A. I\ T. Sah in analysis of test results. 
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Discussion 

O. It. S< hurlg: Tim prolilc-m allackcd h.v Mr. Miner, i. e., 

1 n j* nil breakdown at large spaciugs of from I in. I*> 15 in. 
and more, and when subjected lo susl.lined voltage idrcsscs, is 
,,f real imporlanee to engineers because O) I he gaps in high- 
voltage apparatus are commonly of I lie order of 1 in. or more and 
02 . because the voltage stresses fora good part of the limeare of a 
sustained nature. The designers of oil-immersed I ran. formers 
ami circuit breakers must therefore lake into account the be¬ 
havior of oils between widely spaced gaps and under sindained 
Voltage tre el. Mr. Miner's data represent an advance of 
I.now ledge in I hi'. Held. 

At the same time, however, designers must also provide for 
■ ullieietii dielectric •! reng'l h a! small spacing:; and under suddenly 
applied voltages. In oil eimiit breaker:;, for instance, the sudden 
formation of ionized gases during circuit interruption has vir¬ 
tually the effect of shortening I to* clearances, for a few instants, 
between live and grounded paths ot the (HI vessel. Moreover, 
the temporary stresses acting on the oil at Hindi times will often 
be higher than linen occurring during normal operation under 
sustained voltages. lienee, in llte design of such apparatus 
and ill tin* selection of oils, engineers will need to lake into 
account the dielectric strength of small gaps and for sudden 
voltages a* well. 

The second item that ! wish to discuss is the point stressed 
by Mr. Miner that tin* results of short-dime tests 5 are 'hope- 
h- ly erratic. 1 believe that he does not intend to have that 
statement apply to tests properly conducted vvith small gaps, 
such as the customary 0.1-iu. gap between 1-in. disk.:. If 
reasonable care is taken in cleaning and drying I lie elect rndeu 
before t he lest. results of good reliability are obtained. 

Tim following table giver, the whorl “time breakdown voltage:; 
with a U. I -in. gap of three sample:; of oil of various degrees of 

purity. 


Sample 

No. 


Breakdown volt age kv. 


Ave. 


Pl ot ml lie 
error of 
uvo. In kv. 


t ;.i, /to, an, .'.h, c.g, tig, -is, dm -tv, m r.;» t .7 

•* in, yu, -is, *>, w.t, ti.i.:» t.*, ,ti *n .i.. 

a no, as, hi. '-M, an. at*, aa. aa. an. *',u ;.:m t . * 

The lireakdown values of samples No. I and 2 are taken 
from the test, values from which the curve of the accompanying 
Fig. 1 (which will lie discussed later) has been [dotted, sample 


I. Meaning tests In which the voltage la raised fairly rapidly from zero 
to (tie point of breakdown, at a rate of, say, HOOD volt s per we. 
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No. 1 is the oil sample before being mixed with water and sample 
No. 2 is the same oil after being mixed with water and standing 
l.S days. Sample No. 3 is a transformer oil containing fibrous 
particles which were purposely mixed in the oil. By the 
“probable error,” as given in the last column of the table,'is 
meant an error of such a value that the probability of having a 
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Fig. 1—The Rate of Settling of Water in a Trans¬ 
former Oil as Indicated by the Breakdown Voltage of a 
0.1-in. Gap Between 1-in. Flat Disk Electrodes. 

3 per cent of distilled water mixed in 1.5 liters of new oil by shaking for 
4 min. 

Number of breakdowns per point 10. 

Rate of increase of voltage 3000 volts per sec. 

Oil at room temperature, 20 deg. cent. 

Breakdown voltage of oil before mixing with water; 55 kv. 



Fig. 2—Electrodes and Mounting; 1-in. Diameter Brass 
Disks, With 0.1-in. Gap. 

The electrodes were made for placing on a glass jar 3 in. by 5 in. by 7 in 
high. 

greater error is just equal to that of having a lesser error. This 
probable error is calculate d[from 

p. b. = 

V N - 1 

where a. d. is the average deviation of the breakdown values 
from the mean and N is the number of breakdown values, in 
this ease 10. 

The third point that I wish to discuss refers to the effect of 
water on th e dielectric strength of oils. Mr. Miner has pre- 

*Precision of Measurements’and Gaphic Methods by H. M. Goodwin 
McGraw-Hill B ook Co. 


sented data on the dielectric strength of oil containing water for 
wide gaps. I wash to outline the results obtained on the di¬ 
electric strength of oils mixed with finely divided particles of 
■water. 

The tests in question, made with some of the customary high- 
grade mineral insulating oils, tested with a 0.1-in. gap between 
1-in. plane disk electrodes, showed that a thoroughly shaken up 
mixture of the oil with, say, 3 per cent of water gave initially 
less than 5 kv. dielectric strength, i. e., when tested immediately 
after mixing, as is well known. After standing, however, the 
mixture began to separate with a consequent rising of the di¬ 
electric strength until after several days, the water had settled 
to the bottom, the oil had cleared up and had regained a relatively 
high dielectric strength although there was a layer of water under 
the oil and in contact with it. This result was consistently re¬ 
peated in the absence of impurities other than water. 

A typical curve is given in Fig. 1, showing the dielectric 
strength recovery of an oil-and-water mixture allowed to stand 
after throughly shaking up. 

Fig. 2 is an illustration of the electrodes and their support. 

The tests were made at Schenectady, as part of a research 
program aimed at determining the effects of various factors, such 
as water, carbon, heat, time, exposure to air, fibers, electric 
field, metals, etc., on the dielectric strength of circuit breaker and 
transformer oils. 

V. M. Montsinfier: Generally the breakdown voltage of 
oil is so erratic that few, if any, investigators have felt like trying 
to express it by a mathematical formula. The answer to this 
appears to be, as pointed out by Mr. Miner, that too small 
spacings have been used, spacings below the critical breakdown 
value. 

I was interested to see that the author finds that for certain 
conditions, the dielectric strength varies as the spacing raised to 
the 0.7 power. For design purposes we have used in transformer 
work a similar law of strength varying as the 2 / 3 power of the 
spacing or distance between electrodes. This expression seems 
to be one of nature’s dielectric law r s. Not only oil but solid 
dielectrics with similar electrodes follow somewhat the same law. 
However, if the electrodes are large flat planes with edges having 
large radii and the field is approximately uniform, the strength is 
practically a linear function of the spacing for both oil and solids. 
In other words, the strength varies almost directly with the 
spacing. This fact should be kept clearly in mind in general¬ 
izing on the laws of dielectrics. 

The question of why the difference in the laws suggests itself 
naturally. The explanation for this is probably about as follows: 
When the electrodes are of such a shape as to produce a distorted 
field, this distortion becomes more and more pronounced as the 
spacing increases. Thus, for example, if the electrodes are small 
rods or spheres, at small spacings the dielectric field causing 
breakdown is more nearly uniform than when the spacing is 
increased. Finally, when the distance becomes great enough, 
the distortion becomes so great that the electrodes act like needle 
points, even though they may be many times larger. Mr. 
Miner s explanation of why they act like needle points above the 
critical spacing, by the ionization theory, seems a logical one. 

The main points which I wish to emphasize are (1), that for 
uniform dielectric fields the strength of oil is approximately a 
linear function of the spacing and (2), for distorted fields the 
dielectric strength varies approximately as the 2 / 3 power of the 
spacing or 0.7, as Mr. Miner states in his formulas. I prefer to 
use 2 / 3 because it is a value very easy to remember. Roughly 
speaking,, this means that if the spacing in oil is trebled, the 
strength is doubled, or to be more correct is increased 2.08 times. 

As regards uniform fields, in practise this condition is seldom, if 
ever, found. Consequently the 2 / 3 power law is more nearly 
applicable than the first power or linear function law. 

R. J. Wiseman: In regard to Mr. Miner’s paper, where 
he refers to the effect of water or moisture in his oil, I wonder 
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if he h;i taken into fiffuiml ilit- possibilit t v ilial under high 
S(n , ss vv ith wide spacing^, then* b a certain at I nod imi of the 
moist an toward tin* surfaei of the eoiiduHor, can ins* : t u increase 
in the diameter of that eojnluelor which will then-use the stress 
teitiporarih until breakdown occur . I think that is partially 
tlieexplniiiitioiiof vvli.v weare getting a higher breakdown voltage 
with a wide : pacing and a large amount of moisture present. 

1 w;e w ry glad to see that Mr. Miner Ims tackled tIdo proltleni 
from the point of view of miii/utioii. W'e all know rather 
definitely inui/athm occur in ea « Home of ns have a pretty 
detinite idea of ionization in olid:, This is a sort of connecting 
link hetween the two, and 1 hope further work along this line 
will ho ea tried on . 

Mr. Roper ..ugge led that we too! a new way of testing cables 
for their ipiaiity. We are all iuteiv h ei in cable; and want to 
know how we can determine tv hat is a pood eaide and what is not. 
W'e make a good man; to * today in order to pick out pood 
(-aide Another test menu additional work on the part of tin* 
euhle manufacturer; it is roily to Roth the pureha er and 
iiuuiufacturer, Apparently tin t< > today arc not giving us 
what we want, W hen the eaide leaves the factory, a far a*, we 
know, it is UK! pet cent pet fir l. When it pets into semee, ii 
apparentl\ break* down t . it a ipn !i><n entirely of tests in the 
factory, or is it also a ipn lam of operation in the ii. id? 

I hope we shall he aide to hud a new te.t that will help ns to 
determine high quality eaide, lad if we are going to have ad¬ 
ditional tents, let »p* drop *«ini >d' the tests we tlow make which 
are mirath factory . rather than ‘.imply add one or more new tests 
In the number we non have, 

I**, W. Peek* 1'lccc of irn who have had experience with 
nil an used in apparatus know that it in not only the mo t reliable 
and roman!eat imulafioii tad aha* one of the he t, However, 
oil is very erratie under few!, and 1 wMi to point out a few of the 
mtHiitiH. 

Am ured ttt appuiMu-., Ha oil spac. -h are always divided h> 
barriers of solid iiontUHinn. These- harriers' change oil from no 
unreliable to the most rdiliklt: *1 *Mili*fi»*ll hy preventing lining UP 
uf conduct mg particle*. Some * f Hit* principal chumcs of 
erraf ic cluiugcs in the brook dm* I* * oil ape of mi! are > eeluded eases 
and foreign par!teles Hindi m- moisture or tibroti* materials. For- 
sign particles may line up m the . !> etrieiaiie tick)*. In the 
raw* of In rue eh ctmde* torch tin plane warfares the linea of foree urn 
straight lines to mod* a In Id parftries readily form chains from 
electrode to electrode .along these hues A short u»p with large 
electrode ,m hin* very high dielectric strength for very pood oil hut 
very low at re up tli for poor oil The p» leetdagi change in thus 
very pn al for such a held. ImptirUn w are easily detected by 
such a pap. -V* tin- **pne»iig *» iiwreased the chance of lining up 
bceomen lews 

'rim other extreme in ib-ef ivolew e> the needle pap. 1 la* lines 
of force are carved, and are very concentrated at tin* points os 
a! till* elect lodes. Any pci * ales m t Ilia Held will tend to go 
toward the electrodes to make them larger and chore a greater 
amount of energy, Tho*e that strike Hie- electrode* will be 
charged to the mint' poieldud and immediatel* repelled or shot 
away, Then r» no tendency to Jim* up. hi fact (hi* action 
purities the oil between the terminal*. Ho, with a needle tv I*** "I 
gap there will lie very little difference m dielectric strength, 
whether the oil in very good or very bad. This i# especially so 
if the spacing is large. 

The same effect *mmr® w d 1. sphere* or »d her forms of elect males 
at large tqtnciiiu*. 1 had an experiment nl apparatus which 
showed this* very nicely. It eoiiduted of a test, tube filled with «i 
light -colored oil in which tin «nm! ion wii* made with Colored 
water. A wire wan extended t hrough a cork and down t he center 
af the tuhi* About two-thirds of the lower part of the leal lube 
"hh then placed in n 1111 " of clear water, The wire acted its one 
electrode, the tmttn|Wrni water w-s the other, 

As mm ii« voltage* applied the oil immediately chared up. 


Au oxamiuathm showed the particles of colored water around, the 
inner surface of the test tube as well sis at the bottom of the tube. 
'Tin* walor particles had boon attracted to the inner electrode and 
then repelled to the opposite side where, because of the less dense 
held, they gradually settled down to the bottom. 

I 1 ’. ML Clark: The hope has been expressed by one of the 
previous speakers that continued research will eventually result 
in a thorough understanding of the dielectric phenomena oc¬ 
curring in oils which are subjected to high or low voltage stress. 

Tim average theorist, in considering the insulation problem, 
becomes very largely discouraged as soon as he starts to look up 
the previous literature history. Solids themselves are bad 
enough and show a, very erratic nature; oils we know are blamed 
much more. However, it is probably true that a large part of the 
Idunie. instead of being placed upon the insulation, should he 
placed upon the various investigators who have not carefully 
considered tin* physical and chemical characteristics of the 
materials tested. Oils for example must he considered as 
chemical mixtures, the constituents of which are variable to a 
large degree. To understand thoroughly the behavior of a 
mixture we must, know something of the behavior of each of its 
constituents. 'Phis is a- difficult problem involving much funda¬ 
mental research. If, however, we work on “commercial grade” 
oil such as Mr. Miner has carefully staled he used in liis experi¬ 
ments, we have increased the difticuHies of the problem by 
increasing the number of constituents of the mixture on which 
we are working. And worse still, the added constituents are 
variable in amount from day to day since the chief “foreign” 
material in commcrcial-grado oil consists of water and fibrous 
material over which we have ordinarily hut little control. It 
may be claimed that if the dielectric strength is maintained, the 
water content may lie considered negligible or fixed. Yet we 
have some evidence that wet oil may have high dielectric strength 
if properly tested. 

In the same way, much of the difficulty besetting the solution 
of insulating phenomena, is to some extent increased by broad 
conclusions drawn from limited data. Tims Mr. Minor states 
in his paper that solids and liquid insulators show a non-linear 
dielectric. HlrctigllHliicknesH relation. If, by this, Mr. Minor 
menus idh*d solids, lasted with small electrodes or oils tested 
with small electrodes, he is largely correct. Yet it has been 
shown in a previous publication (The .Dielectric Strength- 
Thickness Relation in Fibrous Insulation—<7. E. Review , 
Vo!. 2K, page 2S(S for 1U25) by V. M. Mon I,singer and myself 
that this is very largely a function of the testing method, for 
oiled solids at least. Thus with large electrodes, oiled paper 
si lows a linear strength-thickness relation, Moreover, untreated 
papers also show a dielectric strength very largely independent 
of thickness. In certain unpublished researches which we have 
curried out at l'it tafield, if appears that oils behave likewise and 
allow a linear strength-thickness relation wlien large electrodes 
are used for the test. We hope to present this research to the 
Instilutcat a later date. 

Mr. Miner advocates a long-time test in preference to the 
standard, rapidly applied test 011 oils, A more reliable test 
rcsuli is claimed. With carefully prepared oils, I believe that 
considerable of tins erratic nature of oil breakdown might be 
eliminated. Unless care is taken, long-time tests merely indicate 
the time anti voltage relation necessary to “sack” sufficient 
impurities into the Jiehl to bridge the electrodes. The test 
becomes one for impurities (such as fibres) rather than a tost on 
the oil itself. This is illustrated clearly by the researches de¬ 
tailed in tlm Heimen’s ZeUnchrift for January, 1025, page. 20. 
The short-time lost, comes nearer being a test on the oil itself. 
Tim fact that betr/.ol gives more reliable test results is merely an 
indication of the effect of purify. With bonsol, a degree of 
freedom from foreign substances can he obtained which cannot 
be approached in oil unless extreme care is taken in preparing 
the sample. 
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Another contributing cause to the confusion at present existing 
in the study of dielectric phenomena is the lack of proper defini¬ 
tion of the experimental conditions. The dielectric strength- 
thickness relation for oil can very largely he upset, by varying the 
position of the testing electrodes. With 10-in. plane electrodes, 
the test results are largely dependent on whether the electrode 
face is vertical or horizontal. 

In the consideration of insulation data from the standpoint of 
fundamental theory, we must be very careful in accepting results 
based on ordinary commercial-grade material. . In the same way, 
the designing engineer must be very careful in accepting data 
based on material which appears to approximate his operating 
conditions. Thus the dielectric strength of oil can be made low 
by a variety of methods some of which m,ay or may not be 
applicable to his special machine. It is very difficult and 
dangerous to attempt to apply laboratory oil data to the explana¬ 
tion of fundamental theory, or even to the design of electrical 
machinery, if the tests involved concern foreign material dis¬ 
solved or suspended in the oil, rather than tests oh the oil itself. 

Jacob Katzman (communicated after adjournment). Mr. 
Miner circumvents the difficulty he encountered in the erratic 
action of oil for short-time tests by lengthening the testing time, 
and apparently the effect of the time factor on the breakdown 
voltage is not taken into account in the final conclusions. His 
results for 10 -min. hold tests are obviously more consistent than 
his instantaneous results, consistent enough to be mathematically 
expressed. It seems to me that this subterfuge may seriously 
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Fig. 3—Combined Curves of Breakdown Voltages for 
One-Inch Diameter Rods 

Solid curve is from Pig. 8 of original paper and represents breakdown 
voltages for ten-minute bold. 

Dash curve and circles are from Pig. 4 of original paper and is for 
instantaneous breakdown voltages. 

mislead us if we are not on guard. Mr. Miner correctly recog¬ 
nized, ( 1 ), that the greatest variations obtained occur at small 
spacings, and (2), as shown under General Remarks on Test 
Results, that at short spacings, the breakdown voltage decreases 
with increased time of application of voltage. Is not the second 
phenomenon the reason for the first? Is it not likely that that 
condition which would really give a comparatively high break¬ 
down for instantaneous voltage application, is brought to within 
the average breakdown by this extension of time? 

The fallacy in ignoring the time effect is more readily ap¬ 
preciated when considering the behavior of a solid dielectric, 
such as oil-impregnated paper, under similar conditions. A 
number of apparently uniform dielectrics when given an instan¬ 
taneous breakdown test, show very erratic results, perhaps more 
so than oil. Some will break down at voltages two or more times 
higher than others. However, every dielectric has a definite 
life at some particular voltage, and samples of one kind of 
dielectric show no more variable life than is shown by the in¬ 
stantaneous breakdown voltages. But, as is well known, the 
life of the dielectric varies inversely as the seventh power of 
voltage, and, hence at the high testing voltages, the life is rather 
small. If, therefore, instead of several seconds of voltage ap¬ 
plication, ten minutes is used, or, better still, five times ten 
minutes, then, of course, materials having variations of strength 


of 10 or even 20 to 1 will break down within *rs v, 11 

the weakest samples will break first, and the - ^ v ( , n f h* 

in the order of their strength. In other \v°rt t | u ; 

their variations in strength are still existent, ■- 

long enough so that the life of almost al . ^ r « , ft »n . »' 

spent, at the voltage applied. We have, R 1 , )V ,|i 

parently succeeded in obtaining uniform resul t -• 

the important element of time. ^ , M ,, 

That this is actually the case also with the oi ‘ 

Mr. Miner’s own findings. He finds that she** ^ ^ 
down "will occur at smaller voltages if apphe< ^ ^ . m Usj 
At these’ smaller spacings, time is, thereto! s 

factor. Now, by plotting Mr. Miner’s curve* <» ^ , 

same graph sheet with his curve of Fig. 4 retai^ . j ( , „ ( , 
time all the points showing the large variations tv ^ ^ ^ 
breakdown we get the curve showm in the aeoo.ii « ^ ^ / 
From this combined figure it becomes immediate ^ ^ f 
for the 10 -min. hold, he used in every ease iv v« * '* ] ^ , 

equal to the lowest voltage obtained at instan tsm >« *« * ** ' * J 

and by extending the time to five times ten n 111 »’' •••" ^ 
in breaking down the oil that might otherwisei s!>«'« 
instantaneous breakdown! voltage. 

The whole process seems to me to be alcin to 1 * * r ' ' ! * f ■ 
micrometer because it shows up inaccuracies, a.x «< 1 11 s 

carpenter’s rule to avoid detection of these iii»i>< * J 1111 5 
is evident that by maldng a time test the proixvn t i i -.. < >i 
not changed, and its molecular arrangement or ti rrtttn m s 
particles of impurities is not affected or control led t *’• *' 
varying instantaneous voltage breakdown s 4 x.vt' 1 * 111 ‘ ’ 

by varying lengths of time of breakdown at ti.me f b<.ld i » 

From the same combined curves too, it is Tin.vc I > " ‘ ' 

Miner could deduce that at large spacings lenjdb * f 
voltage application does not affect voltages 
tween instantaneous and' 10 -min. hold a cliff ei*< vi i «.*o * if £ * 1 
is seen at 16-in. spacing. Of course this is licit b**t! 

100 per cent at 2 -in. spacing. It should bo note- d , f * ■<** 
get these changes, there was a change of lengl 1 * of Uian 

few seconds to many minutes or probably a. mlh. vaiy: 

100 -to-l to 1000 -to-l. 

It is interesting to note also that at tho liwrjjft »t* j . j *str 8 »-i^ 
time is not as important an element, his resn l i st :;! ** * w i 
the same variation for long as for short-time tost, t-t. 

D. F. Miner: I was very much interested in Mr * 
remarks about the erratic results obtained on 1 : tr*»i» 5 . 

to small gaps. It seems that we must define* w h;u « * 
“large” or “small.” We found a great deal of v jt rut? 
obtained at 2 -in. spacing, which we in our t c*; .t ft**#* 
small. But if you call a gap of 0.1 in. or O.M j t , • .« r , 
I certainly agree with him. If we had to j>u t, v*j» w 
vergence of results on small gaps in our stam iuni 
that we find on real large gaps of several i n < - 1 , t . „ 

would not complete very many standard oil | f ..> } ,,, r „ g ; ^ 

There seems to be a good deal in the literal ,11 rt * ;t1 1 , 

presented by Mr. Schurig as to the effect of 1 ^ 
w r ater on oil. In other words, if it doesn’t ini j > v*» v t . , j 
oil, at least it doesn’t harm it under certain cu >u t f *? ,,.... 

would not be a good reason for reeommon< | j, J|r , , M 
people: “Dump w r ater into the oil in your * ‘ |»|>i 
harm of the water in the oil is not in. tho c'It*.***• *. . ^ ' 

strength itself, but the effect on the insnlatioi) - , t ' 
sulating surfaces and leads to creepage bread* < 1 <', v . ' 

I was very much gratified to have the 
results by Mr. Montsinger on breakdown for j 111 ^ “ 6 *" * 

I agree with him that the two-thirds powor ,, j- * *** ‘ 

much better figure to remember than 0.7. Jt, 4 , 
curvature electrodes, at large spacings. I n*}* ** ** ” " ^ 
needle gaps, as far as the actual voltage bread* 1 1 1 % ' 9 

but of course with sharp points or small elecl w * ** s ** |! ( 

* c > < i * **., * 


j 55 jw 

imv |i|* 



Foh. HW7 


M URNACMIAN: .MAXWELL’S THEORY OF THE LAYER DIELECTRIC 


259 


at an narlinr voltuR'c. Ho (hat Iho reason for increasing the 
diameter of hiu'Iapotmiiial parts is to suppress ionization and 
corona rather limn to increase the total breakdown voltage. 

In connection wilh tin* argument as to whether tests should be 
made on commercial grades of dielectrics, such as oil, or whet her 
we should purify our oil to the greatest possible extent and ob¬ 
tain data on that, there is a divergence of opinion. In this 
particular investigation we were interested in information that a 
design engineer could use. Now, it does not help him much to 


know that a certain gap once stood 300 lev. hut the next time 
it might go clown to 150. The 300-kv. value is not going to be of 
use. lie has to design for minimum breakdowns, with a factor of 
safety then added to that. So that theoretical considerations 
in the true dielectric strength of oil did not enter into this 
problem. It was an engineering problem which was part of a 
series of tests on other electrodes besides spherical, that is, 
actual shapes occurring in apparatus, to develop design 
information. 


Maxwell’s Theory of the Layer Dielectric 

. BY FRANCIS D. MURNAGHAN* 

. Non-member 

(wil.li an Introduction by J. B. Whitehead) 

HyrwptiiH, Maxwell stated in It in " I'Ueclricity and MagndisnW e. m.J. This equation and its detailed solution are given here ana 
that JOT a nm-hninayrtiemis dielectric I mill up of n piano layers the two cases of greatest practical interest namely the case where the 
of varying thirknesni ■« mid varying ration of resistivity to specific applied c. m. f. is constant and the case where it is a pwe 
capacity, the charging current will he given, hy a linear differential harmonic-are treated fully. By a Fourier analysis the general 
equation of order «»/ involving the nth derivative of the applied case can he. reduced to these two. 


Introduction 

The phenomenon of dicier trie absorption has recently 
attracted renewed interest; by reason of its importance 
in problems of the insulation of high voltage electrical 
circuits. It. is recognized that absorption causes energy 
losses in the body of the insulation; these losses increase 
the temperature, leading to deterioration and final 
failure of the insulation. 

No completely satisfactory theory of the nature of 
dielectric absorption has been proposed. In recent 
years a number have been offered invoking newly 
discovered physical phenomena in the fields of gaseous 
ionizat ion, dissociation, and conductivity in liquids, and 
the elect ronurhunies of atomic structure. These 
theories, for the most part, however, are mere specula¬ 
tions and none of them is subject to exact experimental 
test. The earliest theory proposed to account for 
dielectric absorption is that of Clerk Maxwell. It 
shares with all other theories the disadvantage that it 
has rawer been satisfactorily supported by experiment. 
It has nevert heless maintained its position as the most, 
satisfactory theory yet offered, largely because it 
invokes only well recognized properties of dielectrics, 
namely, specific inductive capacity and conductivity, 
and makes no appeal to new properties nor any molec¬ 
ular nor sub-atomic phenomena. 

All students of dielectric theory are familiar with 
MaxwelLs treatment. He assumes a dielectric built 
up of a number of plane strata of different materials, 
stating that a medium formed of a conglomeration of 
small pieces of different materials would behave in the 
same way. He does not support this latter statement 

1. JohiiH Hopkins University. 
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by further analysis, however. The most familiar 
manifestation of absorption is a sustained but continu¬ 
ously decreasing current when a continuous electro¬ 
motive force is applied to a condenser having a solid 
dielectric. The same type of phenomenon occurs 
when the condenser is discharged. In this case it is 
the outflow of the familiar residual charge of the con¬ 
denser. In the case of Maxwell’s layer condenser, the 
different values of the specific capacity and resistivity 
in successive layers accounts for the relatively long time 
necessary for complete charge or discharge. 

Many experimental studies have aimed to determine 
the law governing the gradual decay of the charging 
current of a condenser. Some of these have indicated a 
simple negative power of the time, others an exponential 
relation, and still others more complicated relationships. 
Maxwell did not extend his analysis to the derivation 
of the form of the function controlling the decay of the 
charging current of a layer dielectric nor, apparently, 
has this extension ever been made, under his theory, 
for the completely general case. It may be readily 
shown, however, that for the case of two layers the 
charging current decreases in accordance with a simple 
exponential function of the time with negative exponent. 
It has been generally assumed by supporters of Max¬ 
well’s theory that in the general case of any number of 
layers, or of a dielectric consisting of a mixture of any 
number of different materials, the complex form of the 
charging current curve is due to the superposition of a 
number of separate exponential terms with negative 
exponents. This assumption is supported by Maxwell’s 
statement that for n layers of materials having different 
values of the ratio of resistivity to specific capacity 
there will result for the charging current a differential 
equation of order n- 1, involving the nth order 
derivative of the applied electromotive force. Max- 
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well, however, does not derive the expression supporting 
this statement, and this omission has always constituted 
a difficulty for those seeking experimental means for 
testing the validity of his theory. Dr. Murnaghan has 
now supplied this deficiency and has derived in an 
elegant and satisfactory manner the expression for the 
charging current for the most general case of a layer 
dielectric. Equation (14) shows that this current is 
made up of a constant term, giving the final conduction 
current, plus n - 1 negative exponential terms of which 
the coefficients and constant parts of the exponents are 
given in terms of the constants of the various layers. 
This confirms Maxwell’s statement and provides a 
ready means whereby one may use the convenient 
charging current as a basis for analysis and experimental 
check. 

The extension of Maxwell’s expressions to the 
alternating case has always involved great difficulty. 
Dr. Murnaghan has now made this extension in its 
most general form. His equations may be readily 
transformed to the simplest cases and they should offer 
frequent and convenient opportunity for application 
to experimental problems. 

The National Research Council, through its division 
of Engineering and Industrial Research, has organized a 
Committee on Electrical Insulation. This committee 
during the past two years has been making a review of 
the widely scattered literature on dielectric behavior, 
in an attempt to point out the direction in which'experi- 
ment may be prosecuted with the best- chance of profit¬ 
able result. As a result of conversations with the writer 
in connection with this review, Dr. Murnaghan has 
been good enough to undertake the analysis which he 
now presents and to consent to its being offered under 
the auspices of the committee mentioned above. The 
committee also has in progress reviews of our present 
knowledge of dielectric behavior from the standpoints 
of resistivity and dielectric strength, and in connection 
with all these reviews it is proposing problems for 
experimental research. Of particular interest in con¬ 
nection with Dr. Murnaghan’s paper is a series of 
experimental investigations now under way at Johns 
Hopkins University on the origin and nature of dielec¬ 
tric absorption, one of the first phases of which will be 
an attempt to test the validity of Maxwell’s theory. 
The investigation was suggested by the work of the 
Committee on Electrical Insulation, N. R. C., and is 
receiving substantial financial support from the Engi¬ 
neering Foundation. 

***** 

C ONSIDERING unit cross-section of the plane 
strata of Maxwell’s layer dielectric, let X h X 2 , 
etc., be the electric intensities in the several strata; 
fu h, etc., the displacements; fa, fa, etc., the reciprocals 
of the specific inductive capacities; r x , r 2 , etc., the spe¬ 
cific resistances. Then at any instant the conduction 
current in the first layer is X x /r x , while the displacement' 


1 dXi 

current in the same layer is > s0 that we 

have u = (Ah /r x ) + (1/4 tt fa) dX x /dt where u is the 
current density in the outer circuit and so in each layer. 
Denoting the thicknesses of the various layers by a h a 2 , 
etc., the e. m. f. across the first layer is a x X x , that 
across the second layer is a 2 X 2 , and so on for each 
layer. If there are altogether n layers, the total 
e. m. f. across the dielectric is connected with the 
various intensities by the relation 

E = di X\ 4 - 0j 2 X 2 4- . . . 4- cin X n ( 1 ) 

It is more convenient to deal with the displacements f, 
than with the electric intensities X; on introducing the 
abbreviations 

4 tt fair i = 6 X ; 4 r fa/r 2 = b 2 ; . . . 4 tt k n /r n - b n 
4 7 r fa a x = a x ; 4 ir fa a 2 = a 2 ; . . . 4 t k n a n = a n (2) 

the equations expressing the fact that the current 

density in each layer is the same, take the form 

(.D 4- 6 i) f x = (D b 2 ) f 2 — . . . = (D - f- b n ) f n = u 

(3) 

where, for convenience, we have used the symbol D for 
the sign of differentiation d/d t. Also equation (1) 
takes the form 

oq/l + 0 : 2/2 + . . . + OLnfn — E (4) 

Solving for one of the displacements, say f h from (4) 
we have 

Ctifi = E — 0 : 2 / 2 - ... - CX-nln 
and on substituting this in the equation (D + b x ) f x 
= (D + b 2 ) / 2 we obtain 

[(o'! 4- q: 2 ) D -f- (oq b 2 -+- 61 a 2 ) ] fi + 0:3 (D 4 * b x ) / 3 

4 - . . . 4- oi n {D 4 - fa) f n = (D 4 - 6 j) E 

In addition to this equation connecting the n — 1 
displacements (/>, / 3 , . . . /„) we have the n — 2 equa¬ 
tions 

(Z) 4 - b 2 ) f 2 — (D 4 - 63 ) fz = 0 

(D 4 62 ) h — (D 4- fa) U = 0 


(D 4" b 2 ) f 2 — (D -j- b n ) f n — 0 

From the n - 1 equations now in our possession all but 
one of- the displacements, say / 2 , may be eliminated by 
the usual algebraic process. The determinant of the 
coefficients is quite simple; for convenience of writing 
let us take n - 4 although it will be quite obvious that 
the reasoning is general. The determinant of the 
coefficients being 

(cki 4 - a 2 )D 4" (oq b 2 4~ ol 2 6 /) 0:3 (D 4~ bf) ct* ( D 4- bf) 
(D -J- 6 2 ) — (D 4* bf) 0 

(D 4- fa) 0 - {D + 64 ) 

we expand it in terms of its first row. The result is 
cn(D+b 2 ) (D+ 63 ) (D-\-bi)-\-a 2 (D+bi) (D+bf) (D+bf) 
+ot 3 (D+b x ) (D+b 2 ) (D+fa)+at(D+b x )(D+b 2 )(D+b 3 ) 
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In the general ease of n layers we may write the determi¬ 
nant of the coefficients of our equations conveniently 
in the form 

(D + hi) (J> I />•„■) - ■ . (I) f bn) 


[ /> “ 


This is a polynomial in the sign of differentiation D of 

degree n -. 1 , the coefficient of I) n l being (aq + 

+ . . . T fv„). This sum of the a* s occurs so fre¬ 
quently that; it. will he well to have a single symbol for 
it; denote it simply by a and write the determinant of 
the coefficients in the form a ip (/>), so that <p (IJ) is a 
polynomial of degree n 1 in /), the coefficient of the 
highest power in I) being unity. The equation for 
/., is, then, 

a <p V*)h U> ~b bt) (I) + /;») . . . (D + h n ) E 

where the operator (J) 1 F.) is missing from the product 
on the right. The equations for the other displace¬ 
ments are similar; they may be conveniently written 
in the symbolical form 


( 6 ) into the single term (aq T a*)/{D + b->) and imagine 
that instead of the two layers 1 and 2 we have a single 
equivalent layer whose a is the sum of the two ofs of 
the layers which it replaces. We shall suppose from 
this on, therefore, that all the b’ s are different. We 
shall also find it more convenient to consider the equa¬ 
tions ( 6 ) rather than the equation ( 8 ) for the current 
density to which Maxwell called attention, the reason 
being that a determinate solution of a differential 
equation is not possible unless some information, such 
as the initial value of the unknown and its various 
derivatives, is at hand. Now the initial values of the 
displacements were shown by Maxwell to be all equal, 
the dielectric being supposed initially uncharged, his 
reasoning being as follows. From (3) we have, on 
integrating with respect to the time from 0 to A l, 
results such as 

A i a/ 

A/, + f hxfxdt « a/., T f biftdt 

0 O 

A< 

each side being equal to the charge per unit area f u d t 



/V” 

I) I h,, 


(X n 

l) -f bn 



E 

BT hr 


(6) 


which means that the various denominators (D + b) 
are first removed by multiplying through by the com¬ 
mon denominator (D T In) (I) I lh) . . . (D + &»)♦ 
It follows at once from ( 6 ) and (3) that the current 
density u is given by the equation 



O'l 


l> -\ hi 


(Vn 

dTk- 


71 - E 


( 7 ) 


which flows through the dielectric in time A t. If we 
let the time interval A t tend to zero and assume that 
the displacements / remain finite during the sudden 
imposition of an e. m. f., we have the limiting equation 
A/j = A /a, and if/i and / 8 were zero before the e. m.f. 
was applied this says that their initial values, i. e the 
values immediately after the imposition of the e. m. f., 
will be equal. If E (0) denotes the initial value of the 
applied e. m. f., we find from (4) that the common 
initial value of the displacements is 

/o - E (())/« O) 

where 

a = T- a* T . . . ~f~ «„ (10) 

We now proceed to solve the equations ( 6 ) in the 


or, in nun-symbolic form, 

tv <p (D) u (I.) T- In) (P T b<>) ... (I) T b n ) E ( 8 ) 

Equation ( 8 ) is the equation to which Maxwell referred 
but which he rather unfortunately neglected to give 
explicitly. There is every probability that he arrived 
at it by the following reasoning; we may write the 
equations (3) in t he symbolic form 

fr = U/(D + hr) 

and on inserting these values in (4) we arrive im- 


partieular case' where a constant e. m. f of amount 
unity is applied at time t = 0 to the uncharged dielec¬ 
tric,' the initial values of the displacements / being 
accordingly 1/a. A possible solution of ( 6 ) in this case 
where E ~ 1 may be found by giving /,. the constant 
value 1/br (S <Xr/hr) but this is not the solution of the 

r 

problem before us since it does not give all the /’s the 
same initial value. The difference between this value 
of f r and the solution we need, however, will satisfy the 
homogeneous equation 


mediately at. (7). 

The equations ( 6 ) and ( 8 ) are linear differential 
equations with constant coefficients and are of the order 
n — 1 provided all the ratios of capacity to resistivity 
for the various layers are different; it is apparent from 
the symmetrical form of the left-hand side of ( 6 ) that 
the order in which the layers arc supposed arranged is 
of no importance and if two of the b% hi and b 2 let us 
say, are equal, we may combine the first two terms 
ai/(D 4 - In) and a»/(P + b/) of the left-hand side of 


r _ , . _1 f o 

L D + bi + D + K 

i.e., a <p (D) f r ~ 0 (H) 

which, being a linear homogeneous differential equation 
with constant coefficients of order n — 1 , has for its 
general solution a combination of n - 1 exponential 
functions of the time with arbitrary constant multi¬ 
pliers. To determine the exponents of the exponential 
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functions we observe that since <p (D) is a sum of n 
terms each- of which has all the (D + ft) but one as a 
factor the value of <p (— b r ) is a r (b x — b r ) (62 — b r ) 
. . . (ft ~ b T )/a. Now let us suppose the quantities 
(b x, bo, . . . b n ) arranged in ascending order of magni¬ 
tude; then <p (— 61 ) will be positive since all its factors 
are positive but <p (— ft) will be negative since one of 
its factors, (ft — ft), is negative. <p (— ft) will be 
positive since two of its factors are negative, and so on. 
This tells us that the polynomial p of degree n — 1 has 
all its zeros real and negative and that they lie in the 
intervals between the negative values of the &’s. Let 
us denote these zeros by '(— ft, — ft, . . . - ft_i) 
where the /S’s are supposed arranged in ascending order 
of magnitude. We have, then, the series of inequalities, 

61 < /Si < b 2 < ft < . . . < &„_i < /S„_i < ft (12) 

and the most general solution of ( 11 ) is a linear combina¬ 
tion with constant coefficients of the exponential 
functions e~ Plt , e~ P2t , . . €~ pn ~ li . Remembering the 
relation (D + b r ) f T = (D + ft) f» connecting any 
two of the /’s and noting that D (e~ Prt ) = — ft e~ Prt , 
we write the general solution of ( 11 ) in the form 


(ft-ft) 


-An-1 

+ (6,-18..>) e " 


ether words, the most general solution of the equations 
(f 1 (with F = 1), which obeys the relations (3) is 


1 

r " 6,2 (a,/b.) + 

r 


(ft-ft) 


6 


-fill 



where the A’s are arbitrary constants. All that is 
necessary to complete the solution is to so determine 
the values of these constants that the/’s may all assume 
initially the common value 1/a. Before proceeding to 
do this we may remark that it follows at once from (3) 
and (13) that the current density u is given by the 
expression 

U ~ 1/(2 (otr/br) +Ai €~ Plt + . . . + A n _x e ~ Pn — 1< 

( 14 ) 

where the A’s have the numerical values we are about to 
determine. The first term in this expression is the 
value to which u tends as t increases indefinitely and 
gives what is known as the permanent or conduction 
current. 

The equations which determine the numerical values 
of the A’s are found by putting f r = 1/a and t = 0 in 
(13). They are 

Ai,/(ft — ft) + A 2 /(6 r — ft) + . . „ + A n _i/(6 r —/3 n _x) 
= l/«-l/a r (2a r /6 f ) (15) 

r 

where r is to be assigned, in turn, the values 
(1, 2, 3, ... n) so that there are n equations in all. 


As there are only n — 1 A’s to be found, these equations 
cannot be independent of one another; in fact if we 
multiply the equation written above by a r and add all 
the results obtained by giving r the values 1 to n, both 
sides of the total vanish identically, showing that a set 
of A’s satisfying n — 1 of the equations will satisfy the 
equation remaining. We may confine our attention, 
therefore, to the first n— 1 of the equations (15). A 
direct solution of these n — 1 equations would not be 
very elegant, however, on account of the lack of sym¬ 
metry involved in the omission of one of the equations 
and it is better to proceed as follows: 

Consider the quotient of the two polynomials of 
degree n 

(x + 61 ) (x -f ft) . . . (x + b n )/x (p (x) 

where <p (x) is the function defined by the statement 
that a <p ( D) is the expression (5). This quotient can 

g 

be written in the form 1 +-— where g (x) = (aj-f&i) 

(p { (C j 

. . . (x + &„) — x cp (x) is a polynomial of degree less 
than n. From its very definition the quotient 
g (x)/x <p (x) has the value — 1 when x is assigned any 
one of the n values (- 61 , - & 2 , . . . - b n ) and, further¬ 
more, since the zeros of <p are the n— 1 numbers 
- p r , we have p (-ft) = (&i - ft.) (&* - ft) . . . (ft - ft). 
Now the usual method of analysis of the quotient of 
two polynomials into a series of simple fractions 2 tells 
us that 

gfr) = g(Q) g (- ft) 

x <p(x) x.<p(0) ~ft,ft(_ft) ( 3 +ft) 

where <p' (x) denotes the derivative of <p (x ) with 
respect to x. Giving x the n values - ft, in turn, we 
have the n equations 

„_ g (- ft) 

? 8, <?' (~ M (b. -»,) ” 1 ~ g (0)/b - v (0); 

s = 1,2, . . . n. (16) 

Now g (0) has the value ft ft . . .ft and ip ( 0 ) has the 
value ft ft . . . ft [N (oi r /b r )]/a, so that g ( 0 )/<p ( 0 )has 

r 

the value a/J} ( a r /b r ). On substituting this in (16) 
r 

and comparing the result with (15) we see that the 
desired values of the A’s are furnished by the formulas 

a - 1 r LtzM 1 

a L ft ip' (- ft) J : 

= - (ft - ft) (ft - ft) . . . (ft - ft )/a ft p’ (- ft) (17) 
Since 

<p (x) = (x + 61 ) (x + 62 ) . . . (x -f b n ) 


2. See note at end of paper. 
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1_iK —{— & i + X + b n J 

and since the factor in square brackets vanishes when 
x = — fir, we have 


<P* (~ fir) = 


(fix ~ ft) . . . (&„ ~ fir) 


r_ Oi 

L (&1 — 


ft0 5 + ■ ■ ■ + (K-M 


a* _“1 

- SA 2 J 


so that 


f r OL\ Pin ~| 

*fir\_ (ft - ft) 2 + • • • + (6, - fir) 2 J 

(17 6, '0 

This form is not particularly suited for purposes of 
calculation hut it has the advantage of showing that 
all the constants A r are positive. The expression for 
the initial value of the current, i. 

-j- Ax T* A% -j - . • • -H A n ~i 


follows directly from the equations (3). Denoting 
initial values of the subscript zero, we have (D f i)o 
= uo-bjo; . • ■ (D/«)o = Mo - bnfo and on substi¬ 
tuting these in the equation 2 a r (D f r )o = (D E) 0 ob¬ 
tained by differentiating (4) and then setting t = 0, we 

find 

au 0 - (53 oL r b r )jo = (DE )o 


so that 


(.D E) o 


(^a r b r )E( 0) 


by (9) 


In Wagner’s notation 3 we have ft = 4 tt ki X 1 
= y Xi/ei; «i = y a,i/ei where 7 = 36 x . 10 u is a 
constant depending on the choice of units. Hence ft 
has the form 7 (a x X 2 + a 2 Xi)/(< 2 i e» + n 2 € 1 ); the 
reciprocal of ft measures the time taken for the tran¬ 
sient part Ai e - ^ 1 * of the current to reduce to the frac¬ 
tion 1/e of its original value, and is called the time 
constant of the dielectric. For two equally thick layers 
the time constant has the expression 

T = (ex + e/)f 7 (Xi + X 2 ) 

while in general if the second layer is m times as 
thick as the first one, T — (me 1 + e 2 )/7 Xx + X 2 ). 
For paper €1 may be taken around 2 whfie Xi is around 
10 -u and for glass the values are around 8 and 1 Q -1S 
respectively. If m = 1 , so that the layers are equally 
thick, T = 0.09 sec., while if m = 2, so that the layer 
of glass is twice as thick as the layer of paper, T — 0.05 
sec.; if m = 1/2 so that the layer of paper is twice as 
thick as the layer of glass, T = 0.16. The larger the 
ratio of the thickness of the paper to that of the glass 
the larger is the time constant, the theoretical limit 
when m — 0 being 7 e^/Xo which is about 700 sec. 

The constant Ax is given by (17); since - 1 it is 
{fix - ft) (ft — fix)/a fix which reduces to 
Ax = otiOi2 (ft - ft) 2 /(ai + « 2) 2 (ai 62 + a 2 bx) 

— ax a 2 (X 2 €1 — Xi € 2 ) 2 /(a , i + «2 ex ) 2 (®i X 2 + ciz X x } 

= (X 2 €1 — Xi e 2 ) 2// ( a i £ 2 + ^2 fii ) 2 ^ “h an )(^) 

It will be observed that if the thickness of one of the 
layers, say the first, tends to zero, A x also tends to zero 
on account of the term Xi/cq in the denominator; if, 
however, Xx is very small in comparison with X 2 , it is 
possible that a■ will be small in comparison with a 2 
without the term Xi /a x becoming significant. 

In Wagner’s notation, the constant term in the 
expression (14) for the current has the forml/( 2 ®r/X f ) 


In the case of a constant unit e. m. f. we have 

S Or br 

U 0 = ~ --- 

a 2 

Upon substitution of the values given in (17) in the 
expressions (13) and (14), the displacements and current 
density at any instant are determined and the problem 
may be regarded as completely solved. We proceed 
to give an example of the method of procedure in the 
simple case of two layers. 

When n = 2, <p (D) is the simple linear expression 
D+ (axb 2 +a,bx)/a. Hence there is only one 
exponential term and the value of fii is 

fit = (ai ft + « 2 &l)/(«l + OLi) (18) 

It is rather noteworthy that when the thickness of one 
of the layers gets very small so that a u say, tends to 
zero, the value of fix tends to the definite limit 1 . or 
numerical calculations it is well to express ft directly m 
terms of the capacities and conductivities of the layers. 


which is, for the two-layer dielectric, X, X«/(ui X a 
+ a 2 Xi). The initial value of the current is 

gi h + h or {or the ^ of 


(«i + QLzY 


(Ui € 2 -j- € 1 ) 


Xx e-i 2 + X 2 € X 3 

two layers of equal thickness d this is • 

Section 2 . The Alternating Case 
Here we suppose an e. m. f. of the form E — 
applied at time t = 0. Since (D + b n U = 
(i w + & n ) e i03t and so on,- our equations ( 6 ) for the 

various displacements take the form 

(i cxi + bx) • . • (i b n ) iut 

a $ (P) f* = {i 0) + b r ) 

3. See "article in Die Isolierstoffe der Electrotechnik edited 
by Sobering, H., pp. 1-59. Berlin, 1924. 
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A particular solution of these equations, which is con¬ 
sistent with the equations (3), is 

B e iat 

fr = -- r~r ( 20 ) 

% co -f- b r 

where the constant B is determined by the equation 
a <fi (fr co) B — (i co 4- &i) . . . (fr co + b n ) (21) 


and on comparing these with (23) we see that the n - 1 
quantities (B h . . . B n . i) are given by the formulas 

1 (bi-fa) ■ ■ ■ (J^n fir) 

: ( iT +W TW (24) 


From this it follows that 


B r = A r 


(3 r -|- i CO 


a.\ a 2 

- I - ! I - 

i co + 6 i i co + 6 2 fr 


OCn ~1 
\ CO 4* 


(21"*) 

The generaf solution of the equations ( 6 ) is of the type 


where the A's are the constants of the unit e. m. f. case 
whose values have been given in (17). 

If we introduce the time constants T r which are the 
reciprocals of the fi r , our equation (25) takes the form 


B x e-^ 


i 00 + b r 




B n „ x e~ Pn 1 ‘ 

b r ~ fin- 1 


(25"*) 


where the factors fi in the exponents are the same as 
before and the (B h B 2 , . . . B n _ x ) are arbitrary con¬ 
stants. The values to be assigned to these must be 
such that the initial values of the displacements / are 
all E (0 )/a, (see (9)); or, since here E (0) = 1, 

1 

The n- 1 constants (B x , . . . B n ~ 1 ) must 
therefore satisfy the n linear equations 

Bi a. • 

b r - fi x b r ~ fi 2 b r — fi n „ x 


— _ -—■— : —j r = 1, 2, . . . n (23) 

a br + fr 60 ’ ’ ' y 

That these equations are not independent follows at 
once on multiplication by (a h . . . a n ) and addition 
when both sides vanish. To find the values of the B’ s, 
consider the analysis of the quotient (x + 61 ) . . . 
(x 4 - b n )/(x — i 00 ) <p (x) into its simple fractions. 

n 

Writing it in the form 1 + -j- ZTT^lp („) where S (*) 
is of lower degree than n, we find 


B r = Arid + i CO Tr) 

The two-layer dielectric in an alternating field. 
Here the equation for the constant B is 

g _ (i co -|- b x ) (i co + 

(oti b-z + as > hi) -|- (cvi 4- cv 2 ) fr 

(i co 4 “ b i) (i co 4 - hi) 

(ai b 2 -(- ai b x ) (1 4- i co r T) 


This is but a particular case of the general formula 
(see ( 21 )) 

» _ (^ co 4 - b x ) . . . (i co A- b n ) 

a (fi (% co) 

(fr co 4~ b x ) . . . ( i co 4 * b n ) 

~ oc(i co 4 - fit) . . . (fr co + fi n ^ x ) 

= _ (fr co 4- b x ) , . . (fr CO + bn) 

• 6 »( 2 ir) (14 " ! “ “ T >) ■ 


(!+*'« ?'.-■) 


Since 


(X + b x ) . . ■ (X + bn) 
(x — i co) (p (x) 


(bi+i co) . , . (b n 4 *fr co) 
<p (fr co) (x — i co) 


Oi fix . . . fi n „x an a <p (0) as . . . }) n ( ^ 

In Wagner's notation (26) takes the form 


A OC r 
► ——> 
J br 


2 (b 1 ~ fir) . . ■ (b n ~ fir) 

(fir + fr co) <p' (— 0 r ) . (as + /Sr) 

J 4 

Setting x = (- b x , - hs, . . . - 6 n ) in turn in this 
identity, we obtain the n relations 

V _ (b x ~fi r ) . , , (6 n - fl f ) 

(&■ + fr CO) <p' (- j8 r ) (6, ~ /3 r ) 


i i • , S — 1 , . . frfrl 

+ fr co ’ 


( 4- fr~y l ) ( 


. co 


(ax X 3 4- a 2 X A ) (1 4- fr co T 


( Xl + fr~) ^ X 2 


. CO € 2 ' 


ax X a + a 8 Xx 4- fr co ‘ 

7 

Similarly, the general expression (27) for n layers 
becomes 
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(Xx 

Cj v 

|- z co •.• ) . 

. . ( X„ - 

. € n \ 

• z co-) 

\ 

7 / 

\ 

7 / 


\i . . , X,(% (lr .) (1 I"* w TO . . . (I4z co T n „0 

r K 

(27 bis ) 

In the two-layer cases the constant B t in the complete 
expression 

u r.- He""* I Ih tr™ Be iMl + B x r J/r 
has the value 

At (As €i — X» eQ 2 . 

“ r («,«, i «,«o»(.A‘-+-H.ja+<« t ) 

V «i a 2 7 


in the case n = 2 where 0 (z co) = z <4 4 /L = z'co 4 


the numerator is i co £ 


I) | [) g 

T 


hi-.] 


i co at «2 ( b» — b 0 2 . 1 QU &2 4~ o ;2 hi 

(ax 4 «0 2 SmCe T ai 4 a 2 
€ 

Hence X 4 z co —— 


from (19) ( 2 ®) 

When to * 0 the expression (27'"*) reduces to the con- 

l 

duction current ^ „ ~ under a constant unit e. m. f. 


(cii 4- ftg) i to oi <X 2 (&g — ,&x) 8 __ 

(«i •+■ «u) 2 (<*t ^2 4 o: 2 hi) (i 4 ~~jr) 


(tti 4 q 8 ) i co ai a* (fra — &i) 2 

, , . , ~ (on 4 0 = 2 ) (ai &2 4 « 2 hi) 2 (1 4 z co T) 

duction current „ under a constant unit e. m. f. . ' 

"V In Wagner’s notation this is 

X r ZjCO (ffli 4 ft 8 ) (X s €1 -- Xi € 2 ) 2 

If the dielectric were uniform, the electric intensity 7 0- 4 i co T) (<xi X 2 4 <h ^i) 2 + ~) 

1 h) «r 

would he v t and so we write X - - r _ • - and call it . _ ico e.k , 

1> a < v. a r ,, Writing this m the form ~^T^+717 t) Lh ab 

tion constant” A; has the value 

the offer I ive conduct ivit.y. For very high frequency we ^ (X# €i _ Xi €a)2 

i co , z co k — €l €z (flj \ 2 4 (Z 2 Xi) 2 

see from (21) that B tends to -"**«., 

'V TV -- \ 


r ^ « w \ ax 0s ' 

i co e .k t 

Writing this in the form + i ~uT) tie absorp ~ 


* " Writing a* =■■ m ai this becomes ^ ^ 4 m Xi) 2 ' 

v a, regarded as a function of m it has a maximum value 

r * for the capacity constant of the 

V fIr « w j ien m « , the corresponding value of k being 

■a rnmJ Xl 


m (X2 61 — Xi e 2 ) 3 


Writing c 


lielw.triK for very high frciuoncies, we may consider the (X , „ _ Xt & dielectric consists of paper 

difference 4 6l €ii Xx X 2 ‘ 

<»«,)/< (x I /«-“-) - K + i« aa y> “ with impurities in the form of: moisture, we may set 

’ y / y Xx = 10 _u , €x = 2 (paper) and X 2 = 10 S e 2 - 80 and 

lue to the lack of homogeneity of the dielectric. Writ- k becomes 0.025 m. _ 

... /) iU f. Wa mav indicate, m conclusion, some of the calcu- 


uetotnr lackoi nmnogcneiby ui ..... « owoxixw w.u^« # . _ j-u 

ng B in the form We may indicate, m conclusion, some of 

ng tnc ^ lations for the three-layer case although some-of the 

(i c 0 4 1h) . . . (i co 4- M formulas become quite complicated. Here there are 

^ ' « 0 (* W) two exponential terms and - /3i, - ^2 are the zeros of 

t x . • . the quadratic polynomial 

;ie difference in question is the product of ^ a r an ^ ^ ^ ^ ^ + aa 4. as ) x 2 + { ai (ha + h 3 ) 

* . t f l. h \ h b i co 4- 0Ci (6 S + bi) 4 a 3 (b x 4 ha) 1 31 

^ " ’"a 0 (0)'“ “IT" 4 «x 6 * h, 4 a»h, hi 4 hxh 2 

^ ^ . » , w’e have 6 (i co) => (z co 4 181 ) (z co 4 £ 2 ) — (1 4 z co Ti) 

)n reducing to a common denominator the numerator T . the numerator of the expression 

aeks the term in co, and also the constant term. Thus + 
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A + i oj has two terms, one involving to and the 
other to 2 . On using the relations 

1 oti bo &3 + oio & 3 bi 4" a.s bi bo 

T i To (Xi 4~ oiz 4" ois 

1 1 _ <^i(bo-rbs) + 0 : 2 ( 63 + 51 ) +Qj3(&i4-&g) 

T\ To oq 4- Oio 4- <x a 

we find 


- , . e i to (ai 4- ao 4- a 3 ) \L + M i to] 

A j™ % CO -v = “ -—- *-- 

h (qq 4 - 0:2 4-< 23 ) (A 1 bo b 3 -\-a 2 63 foi 4 -ct 3 bi bf) 2 

(1 4- i co 74) (1 4 - * to T 2 ) 

where 

L = oli ao by (bi - b 2 y- 4 - a 2 a 3 by ( b 2 - 6 3 ) 2 

4- 0:3 oli by (63 - b x y 

M = ctq a 2 63 (bi - b 2 ) 2 + ao_ a 3 bi (bo - b 3 ) 2 

+ ot -3 ah b 2 (63 - 61 ) 2 . 

We hope in a second paper to give a rigorous proof of 
the Boltzmann-Hopkinson Principle of Superposition, 
from which all the formulas given above for the alter¬ 
nating case can be deduced, and to apply it to the case 
E = t where an e. m. f. with constant time gradient is 
applied. 

Note on the analysis of a quotient of two polynomials 
into simple fractions . 

The quotient G (x)/F ( x ) where G (x) is a polynomial 
of degree less than n and F (x) = (x - x() . . . (x-x n ) 
may be written in the form 

' G (s). A, A n 

F (x) x - xi + • • • + x- x n 

where (Aj, . . . A n ) are constants to be determined. 
To find them we multiply up by x ~ x h say, and then 
let x — Xi giving 

G ( Xi ) 

~(xx ~x 2 ) . . . ( Xl - xn) = Al ' NowF ^ = (*- *0 

H (x), say, where H (x) = (x - xf) . . . (x - x n ) and so 
the ordinary rule for the derivative of a product gives 
F f (x) = H' (x ). (s - Xl ) 4 - H (x) 

Whence 

F' ( Xi ) = H ( Xi ) = (z x — xf) . . . ( x x — x n ) 

Hence 


X — Xi 


+ . . . 4- 


X — X n 


Ai. NowH ( x ) = (x- xf) 


,, G (z x ) . 

- F' ( Xj ) and > m general, A r 


G (z r ) 

F (X r ) ’ 


We have supposed here, as is the case in the text, that 
no two of the numbers (x h x 2 , . . . x n ) are equal. 

Discussion 

Vladimir Karapetoff: The phenomenon of absorption in a 
composite dielectric, each layer of which separately shows no 
absorption, has been graphically explained by Grunewald 1 . 
Referring to the accompanying sketch, consider the simplest 

1. Arch, fur Elek., 1923, Vol. 12, p. 98. 


case of two slabs A B C D and C D E F, of equal thickness and of 
equal insulation resistance to direct current. Let the material 
I be of much lower permittivity than the material 11. Let A B, 
CD, E F, represent very thin layers of metal foil, to insure the 
positions of equipotential surfaces. Assume the metal sheet 
A B grounded at G and a d-c. potential of value N F suddenly 
applied to the surface E F. The instantaneous distribution 
of potential may then be represented by the broken line H K F. 
The permittivity of the layer I being lower, a major portion, 
S K, of the total voltage is applied across it, and a minor portion, 
Ii C, across 11. The slopes of the two lines are inversely as the 
permittivities, or directly as the elastivities of the two materials. 

At the first instant, there can be no electric charge on 
the surface C D, and the displacements of electricity through 
both dielectrics must be equal to each other. The line P R 
indicates this condition, the ordinate H P representing the 
displacement of electricity or the charge on the plates. It will 
be seen that the positive and negative charges on the plate C D 
cancel each other, .leaving equal and positive charges on A B 
and E F. 

Now, let the same voltage remain applied indefinitely, causing 
a conduction current through, the dielectrics. Since, by assump¬ 
tion, the resistivities of the two materials are equal, the final 
distribution of potential will be represented by the straight 
line ELF. The voltage gradient in the material I has been 
reduced in the ratio of L S to K S, and consequently the dis¬ 
placement of electricity will be reduced in the same ratio, say 



Fig. 1 

from H P to H P 1 . The potential gradient in 11 has been 
increased from C K to C L, and the displacement increased in 
the same ratio, say from N R to N R 1 . Thus, the middle plate 
C D receives a positive charge S Q 1 and a negative charge 
* 1 ’ or a net negative charge Q 1 T 1 . An electroscope con¬ 
nected to C D would indicate this charge, corresponding to the 
dxtterenee K L m the voltages at the first instant and under 
steady-state conditions. 

. Let , tlie P° teil tial N F be suddenly removed and the plate E F 
immediately grounded. The new distribution of potential will 
then be represented by the line H M N, the potential of the 
epae emg negative because it carries a negative charge. 
Numerically, SM = LK. The charge o n CD will be equal 

cm d that 0U eaela of Sanded plates -f 0.5 Q 1 T l , 

Should the plate E F be left grounded indefinitely, the charge 
v T would ultimately leak to the ground in both directions. 

pIate however, be grounded for ah instant only, 
and then an equal and opposite voltage, N E, applied to it. 
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The new instantaneous distribution of potential will be H D E, < 
where M D = S K. In other words, the new distribution of 1 
potential may be considered as a result of superposition of the < 
distribution H K F in the neutral state and of the distribution 3 
H M N due to the accumulated charge on CD. : 

It will thus be seen that the new distribution involves a 
greater stress in the material I than without absorption. More¬ 
over, the absorbed change can reach C D only through conduc- ; 
tion which involves heat loss. The materials themselves have 
no property of absorption, but because the ratio of their con¬ 
ductivities is different from that of the permittivities, a residual 
charge, alternately positive and negative, accumulates on the 
dividing surface as the applied voltage changes its sign. This graph¬ 
ical interpretation may b e carried further, to include more layers or 
layers of different thicknesses and different resistivities. Some 
years ago, the writer designed a kinematic model to show dielec¬ 
tric absorption according to Griinewald’s representation. Cer¬ 
tain linkages were connected through a spring and a dash-pot. 
At the first instant, as the point N on the linkage was suddenly 
raised to F, the linkage assumed the shape II K F. Then the 
spring gradually moved point K to L, overcoming the resistance 
of the dash-pot. Moving the point F suddenly to E gave the 
configuration H D E. Some parts of the model were made 
but the work was never completed due to a pressure of other 
investigations. - 

While Maxwell’s theory of absorption has considerable 
methodological value, its practical usefulness is limited by the 
fundamental assumption that the layers which constitute a 
dielectric possess no absorption when tested separately. This 
may be true of such pure materials as white paraffin and xylol, but 
dielectrics used in practise show considerable absorption even in 
their constituent parts, such as paper, oil, mica leaves, etc. 

It is, therefore, not clear how to apply Maxwell’s theory to a 
given ease of say molded insulation, built-up mica, paper and 
oil, etc. 

For this reason, it seems necessary for the present to assume 
the existence of the phenomenon of absorption in a given piece of 
insulation as a fact, and simply try to express mathematically 
the observed behavior, having made plausible assumptions 
about the shape of the functions expressing variations of current 
and flux density with the time. This method is used in the 
writer’s paper on the subject presented at the 1926 Winter 
Convention . 2 

D. W. Roper? I should like to comment upon the necessity 
for such fundamental research. The industry at the. present 
time is forging ahead of the science in cable dielectrics, par¬ 
ticularly in high-voltage cables, and in this country that means 
paper-insulated cables. We are not yet able to test a cable and 
predetermine with reasonable accuracy its operating char¬ 
acteristics. A cable which has passed ah of the requirements of 
the specifications agreed upon by the manufacturers and com¬ 
mittees of the various associations will fail in service, and some¬ 
times within a few months after being placed m service, two 
instances of that sort have occurred within the past year, lhej 
were not confined to any one operating company, nor to any one 
manufacturer. In each ease, after one or two fai ures a 
occurred, the manufacturers looked over their factory recor s 
and found evidence which caused them to be suspicious of 
certain other sections of cable that had been sent out from their 
factories, so they arranged with their customer to remove and 
replace certain other sections that had not ye a e , 
the manufacturers thought would probably fail, and the expense 
of the change was borne by the manufacturers Now there 1 
perfectly definite evidence that the manufacturer 
factory records, can tell something about the caWe that was 
not shown by any test that we know how to make, either m the 

factory or after it is placed in service. „ . , 

We can make life teste on cable, and it we do. we get a fanly 


2. (A. I. E. E. Teans., 1926, Vol. 45, p. 124.) 


definite line between the voltage and the time. If we plot the 
logarithm of the kilovolts against the logarithm of time, we 
obtain a straight line, and for the types of cables that we are 
getting nowadays the kilovolts vary inversely as the seventh 
root of the time. Now, if you test that cable for a part of its life, 
there is no way of which we know at the present time to deter¬ 
mine what fraction of that life has been spent, except by looking 
at the clock and the voltmeter. There is no electrical test that 
can be made to detennine deterioration. 

The lower part of that curve is of great interest because if you 
simply extend that curve, you get a finite time for zero voltage; 
but we know that if you get the voltage low enough, the time 
becomes infinitely long. 

We have that problem before us continually. As a company 
increases in size and builds new generating stations, it scatters 
them about the territory which it supplies, so as to reduce the 
transmission distances, among other things, and that- means that 
every time a new station is built, it is necessary to take out of 
service some cable which is no longer of value in its original 
location and remove it to some new location. As the voltages 
increase and we operate a little closer to the limit, there is every 
prospect that we shall at some future time be taking out of 
service cable which has lost so much of its life that it would 
hardly pay to reinstall it in a new location, hut there is no way 
of telling that except to go ahead and install it and then replace 
it if it fails. 

There is one other point: In connection with the cable failures 
in Chicago and the determination of their cause, we found it 
expedient to train some of our younger engineers in methods of 
systematic and careful inspection and analysis of cable in the 
vicinity of the failure and at points on the same section remote 
from the failure, so as to tell whether the cause of the trouble was 
one which existed throughout the entire length or which was 
local. A local case of trouble might for example, be due to 
irregular impregnation,—spotty impregnation, as the manu¬ 
facturers call it. As these young engineers have competent 
supervision and instruction, you might say that their ability 
is proportional to their experience, and along certain lines the 
circumstances have been such that they had ample experience. 

A few years ago we had some trouble with the joints on 33 -kv. 
3 -eonductor cables, and we had to remake the joints so as to use a- 
different joint-filling compound. The one used was unsuitable 
for the purpose. In remaking these joints, we carefully examined 
the ends of the factory insulation in the joint, in some eases 
cutting back a few inches or a few feet, if necessary, and in a few 
cases replacing entire sections, because examination disclosed the 
evidence of ionization, and when those evidences of ionization 
were sufficiently definite and numerous throughout- the insulation 
at one point, we removed that cable either by cutting it back m 
the manhole or by replacing the entire section.. That gave us a 
very good opportunity for getting an average idea of the insula¬ 
tion of the entire line and from the evidence so gathered, the 
engineers making the inspection predicted the failure of the 
line very shortly from ionization. They reported that the life 
had been well spent at the operating voltage. The prediction 

was verified within six months. 

The point to which I wash to call attention is that we can get 
this evidence and this prediction from a visual examination 
but w r e cannot make any tests whatever, that we know now how 
to make, which wifi warrant the same prediction. Y e are now 
maldng, I believe, all the tests that we know how to make, on the 
data that w r e have available, and apparently what we nee is 
more fundamental research that will enable us to make more 
tests and determine some of these features that we can now 
determine by visual examination or other methods which are not 
electrical tests. 

Joseph Slepian: I should like to raise the question as to how 
r much actual information about dielectrics such mathematical 
investigations can give. Essentially, Dr. Murnag an s ows, 
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following M ax well, that if a dielectric is composed of n layers of 
dielectric with different dielectric constants and resistivities the 
relation between voltage and current is one which satisfies an 
nth order differential equation and hence there must be a certain 
final relation between current and voltage. But it does not 
follow that if for any particular dielectric the voltage and current 
do satisfy such a relationship that the dielectric must be com¬ 
posed of n layers. 

They are infinitely many' hypothetical structures of the di¬ 
electric which will give the same relationship between voltage and 
current. For example, if we insist on explaining the behavior of 
the dielectric by inhomogeneities, we will have equally great 
success by imagining the inhomogeneities to be in the form of 
little spheres. Wagner, I believe, has carried out a mathematical 
investigation of such a dielectric. A year ago Professor 
Karapetoff also considered the mathematical theory of a dielec¬ 
tric with v'hat he called particles, each particle having dielectric 
properties expressed by means of a first order of differential 
equations. 3 By suitable hypotheses as to the distribution of 
these particles, any relationship between voltage and current 
satisfying the principle of superposition may be derived. 

The fact that an actual dielectric has voltage-current relation¬ 
ships which correspond to the results obtained by such analyses 
throws no light upon the structure of the dielectric itself at all, 
since all these hypotheses lead to the same results. By merely 
measuring voltage and current no information can be obtained 
which permits one to decide which hypothesis, if any, is the 
actual truth. 

Hence I want particularly to point out the need of other kinds 
of information than relations between current and voltage. 
Before we can attach importance to any inhomogeneity theory, 
we must somehow show by other means the existence of the 
inhomogeneities which the theory postulates. In this connection 
I am glad to mention the work of Professor Joffe of Leningrad, 
■whom I was fortunate enough to hear not long ago in Pittsburgh. 
Professor Joffe described some experiments upon crystals of rock 
salt in -which, a priori, you wouldn’t expect any inhomogeneity at 
all. In spite of this apparent homogeneity Professor Joffe did 
observe absorption, and after voltage had been applied to the 
crystal long enough for the absorption current to die down to 
nearly its zero value, he investigated the distribution of the 
potential through the crystal. By a very skillful technique 
which consisted of shaving away with insulated knives ex¬ 
ceedingly thin layers of the dielectric he found that the distribu¬ 
tion of potential through this dielectric consisted of a very small 
gradient through the body of the material with almost all of the 
potential concentrated in thin layers immediately next to the 
electrodes. Thus he showed the actual existence of a layer, next 
to the one electrode which had such different characteristics from 
the rest of the dielectric as to cause the voltage to be highly 
concentrated on that layer. The most significant thing about 
Joffe’s experiment is that the layer in question had its peculiar 
properties only because of its relation to the electrode. If after 
the layer was cut off voltage was applied to the remaining crystal 
a concentration of potential upon the layer next to the electrode 
would again be obtained. The inhomogeneity which is active 
here is not in the material to begin with. It is an inhomogeneity 
which is produced by the electric current itself. For an under¬ 
standing of the phenomena in dielectrics, it is not sufficient to 
treat the dielectric as if it had a simple ohmic conductivity. The 
nature of the carriers of current must be considered and account 
tqken of the space charges which these carriers produce as a result 
of the flow of current. 

In the absence of evidence other than the voltage-current 
relationships, the layers of Maxwell, spheres of Wagner, particles 
of Karapetoff, must be considered as mathematical fictions or 
conveniences, or simply individual preferences as to the manner 

.3. Theory of Absorption in Solid Dielectrics, by V. Karapetoff, A. I.E.E. 
Trans., 1926, p. 124. 


of describing the phenomenon that is going on. Personally, I 
prefer to say that the homogeneous dielectric has its own complex 
properties rather than to assume a hypothetical complex hetero¬ 
geneous structure, built up of.parts having hypothetically simple 
dielectric properties. 

Donald Bratt: In regard to the physical conditions of the 
problem, it is well to remember that Maxwell’s idea was nothing 
more than to show that there is no such thing as “absorption” 
of charge in a dielectric. He did show, that the phenomena 
known as “absorption” are the result of lack of homogeneity and 
confined himself to the simple case of two plane condensers in series, 
subjected to a sudden application of a d-c. voltage. He further 
indicates, that the natiu'e of these phenomena remains the same 
even if the dielectrics assume a geometrical shape other than 
plane. The proof of this statement could, perhaps, be given in 
strict mathematical language, there is nothing however to make 
one believe that the phenomena in physics should change their 
nature by changing the geometrical configuration of the 
boundaries. In all problems where phenomena obey for in¬ 
stance the well-known Laplace differential equation a purely 
mathematical transformation exists, which will refer any bound¬ 
ary to the cubical dement on which wo base our physical laws, 
as well as our calculus. Maxwell did not, apparently, consider it 
necessary to emphasize this. 

It is not safe to base an extended, analysis on M axwell’s work, 
for the further reason that Maxwell omitted the magnetic 
permeability from this problem to get a simpler analysis of the 
initial displacements due to a suddenly impressed d-c. voltage, 
I-Ie’found these displacements all equal initially. Had Maxwell 
wanted to go a little further, it would have been necessary for him 
to emphasize that there cannot be any such thing as a displace¬ 
ment until the wave starting from one end of the dielectric has 
had time to reach the other end. 

The idea of a wave does not, of course, occur unless magnetic 
permeability is introduced. 

The term “dielectric absorption” is doubtless derived from a 
supposed analogy with heat. It was this idea Maxwell tried to 
refute by showing how different were the laws governing dielectric 
phenomena from those governing the flow of heat. On page 
458 (Vol. I) in his work Maxwell says (referring to lvis above- 
mentioned analysis): “The object of the investigation is merely 
to point out the true mathematical character of the so-called 
electric absorption and to show how fundament,ally it differs 
from the phenomena of heat which seem at first sight analogous.” 

To give a general solution of a stratified condenser, consider 
first the conventional.picture of a dielectric: a non-inductive 
resistance in parallel with an ideal condenser. Should a d-c. 
voltage be suddenly impressed on such a condenser, the initial 
rush, of current would be infinite. The same would happen if 
several such condensers were connected in series. To avoid this 
difficulty it is necessary to make certain restricting assumptions, 
on the form of the impressed voltage, as will he shown below. 

Take, now, Dr. Murnaghan’s aquation (7) 
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which I prefer to solve for the curren t, writing, symbolically 
__ E (t) 


Vi + V Cl 1 J7a + v e« + f/„, + pc n 

where i is the total charging current at any time i E ( t) is the' 
external voltage impressed, and may for the moment bo assumed 
to be perfectly unrestricted. * 

(jk and Cu are the conductance and capacity of the /cth condenser, 

* . d 

V is the differential operator —- (Heavisides notation) 

(l t 
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Re-arranging, we obtain an expression 
.1 (n i 

i , ■ /-,’(/) 

/>’ ( ]>) 

where A au<l /> are algebraic polynomials in p; .1 being 1 degree 
kip her than It. 

To reduce st ill I'urther, perform Mia division • we. get 

It ip) 

■' I./*) . (! (/*) 

/; ip) 1 ii ip) 

where M is a constant directly olitaitiad by the division, <1 and 
II are polynomials in p of the r.iiiiir degree (i. <•. in — 1) if Micro 
are ii condensers in series.) 

According to the Heaviside Expansion Theorem, we now have 

. . A"„ i A i 1 I . A‘„ i“. —--—.; where 
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y, h f,„ , /.i„ i are lhe roots of // (/») 0 whieli are all 

negative and real, no two roots being alike, by assumption. 
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'Phe operation ^ performed on I'l It) gives a solution 
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Further 

A'ii PI it ) means nothing but Ad. I'l it) since A*» is a constant 
»/ /•; it: 

M p Ii it ) means ,u . 

ho that the solution enn be written 
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best form to adopt for the test voltage H (£), and part icularly the 
form of Ii it) near / = 0. 

There are three principal forms that, may occur: 

( 1 ) D-e. voltage is entirely inadnnssablo, as it would intro¬ 
duce wave motion that lias not been considered above. 

( 2 ) Alternative (sine-wave) voltage is better, but gives a Unite 
value of current for t - 0 in the formula above, atul is therefore 
not recommended. 

( 2 ) Voltage, possessing zero derivative at t — 0 should be 
used, for instance Ii it.) — /'A, (1 — cos w t). 

In other words: an a-e. voltage super-imposed on a d-e. voltage 
so as to produce a gradual smooth rise <>(: voltage at the first 
moments would probably be the best to visit when testing tlui 
theory. 

To sum up: The weak spots in any theory of Mm dielectric 
omitting the magnetic permeability will be lound around dis¬ 
continuous points in the external voltage-eurve or its fust deiiva- 
live. In particular it seems inadmissible from a physical 
standpoint to base a general solution on the solution lor a 
suddenly impressed d-e. voltage. 

Vladimir Karapcloh: I am glad that Mr. Bratt brought up 
the question of discontinuity in the current at the llrst instant. 
This discontinuity is not confined to Dr. Muruaghan s paper, 
auv problem on a combination ol resistances ami capacitances 
leads to a similar inconsistency if you omit the magnetic (lux. 
The system then has no inertia, and theoretically the current 
rises instantly from zero to a Unite value. 

W. Ii- Kouwcuhovcm We are carrying on an investigation 
of Maxwell’s theory at lolms llopkins University under the 
auspices of the Engineering Foundation. We are endeavoring 
to obtain two or more perfect dielectrics having no absorption 
but different conductivities and dielectric constants. Wo will 
then make a mixture of these two dielectrics and il Maxwell s 
theory is correct, the resulting mixture will show absorption. 
This work is still in its early stages and we are not ready to report 
any results as yet, but simply to say that wo are making progress. 

A. F. Fuclisteim (communicated: after adjournment) Dr. 
Murnaghan uses the concepts of the physicist rather than those 
of the engineer. Would it not have been easier for the engineer¬ 
ing reader if the set-up had been based, on the idea ol capacitances 
instead of electric intensities and displacements? 

On this basis, the same value of current passes through all 
of the dielectrics, then for a two-layer arrangement 

i, -i, CD 

Since each layer may he regarded as a condenser shunted by a 
resistance we have the relations, 
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The displacement /. of the rfh condenser would he, 


whieli solves into 


•isle, I *1 *kr, 
t /* f “ 1 * 


mid can be calculated when i is known. 

It should he noticed, that these solutions tor i ami J, au, per 
fee 1,1 y general, inasmuch as the voltage Ji it) has not been subject 
to any restrictions. 

Our immediate concern, us physicists, would now bo to check 
Mu* theory by experiment. It would then be a question el the 


in which e,*and e a are the potential drops across (.he different 
layers; r, and r« are the insulation resistances; and m and r* 
are the capacitances of the condensers formed by each layer. 

In addition, the total potential drop a is the sum of the several 
drops, and this sum is at all times equal to the internal voltage Ji 
of the supply source minus its internal ir drop. It is assumed 
that the system is initially uncharged. From this we have 

V. /?l |. C» as Ji i r (4) 

At this point, the theory here given diverges from that of 
Dr. Murnaghan in that he assumes Mm displacemen ts at the first 
moment to remain (mite, with no further restriction, except, that 
initially A /1 « A/ a , while here a limit is set by the i r drop in the 
supply source. The letter / stands for displacement. 

There is an obscurity of statement where we read, * * the 
polynomial <p degree n - l lias all its zeros real and negative 
and that they lie in the intervals between the negative values of 
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Irs. Let us denote these zeros by (— jSi, — p 2 , ... — Pn-i)***-’’ 
This may he correct, but it carries no meaning to one not 
initiated into its mysteries. 

To solve the above equations, equate (2) and (3), combine 


(2) and s4i, use D in place of —-—, and solve for Ci when 

a t 


c 2 D + 
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Equation (5j may be solved by the rules of operational calculus 
or by the rules for solving simultaneous equations. The latter 
method is used here. We may solve for both or either ey and e 2 , 
and obtain the other by interchanging the subscripts. This 
last is the simplest and will be used here. 

If we put 


a — r Ci c 
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ri r 2 

then equation (3) becomes, since E is independent of time, 
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a d- + b D + c 

The roots of the denominator in (9) are 
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and the solution, 

ei = A e Wli + B e m * + 
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( 6 ) 

(7) 

( 8 ) 

(9) 

( 10 ) 
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where A and B are the constants of integration. To determine 
these, we notice that e t is zero when t is zero, then from (11) 


0 = A -f- B -f- 


r 2 c 


Also, when t is zero, from (2) and (4), 


i = ii 


d Ci 

d t 


Substituting e.y from (11) in (13), 
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Ci r 


— A nii + B m 2 . 


Solving (12) and (14), 


A = 


B — — 
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r 2 c 


E (r 2 c — w 2 r ci) 
r i r 2 c Ci (m 2 — m i) 

r 2 c — m 2 r Cy 

Tl Cl (m 2 — mi) 
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( 12 ) 

(13) 

( 11 ) 

(15) 

(16) 


To obtain e 2 , interchange all subscripts 1, 2, except those of nh 
and m 2 . 

This theory is easily extended to the case of n layers and to 
alternating currents, though the solutions are more complicated. 

F. D. Murna^han: I have been very interested in the various 
comments on my paper but shall coniine myself here to some 
remarks on Mr. Puchstein’s communication since it is almost 
entirely mathematical in character. His idea of allowing for 
the internal resistance in the supply source is quite interesting 
and may be at once cared for by the general method of my paper. 
The E in equation (7) is now to be replaced by E — r u so that 
our fundamental equation for the current is 
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It is now of the nth order instead of the (n — l)th as before. 
In the case of two layers the determining equation for the 
exponents is 

r B 2 + D { r (bi + b 2 ) + ai + a 2 } + r by b 2 + ai b 2 + a* — 0 
Our a’s are the reciprocals of Mr. Puchstein’s c’s while our 
b’s^are the reciprocals of the product of his c’s and r’s, i. e., 

, 1 

—- etc. This equation checks, on substitution of these 

Ci Ti • 

values, with his results (6), (7), (8). The same method takes 
care of the general case of n layers. 



Space Charge and Current in Alternating Corona 


BY C. H. WILLIS 1 

Associate, A. I. E. E. 


Synopsis. — 1. The physical nature of ionization in a corona 
discharge in air is studied; by means of the corona spectrum, the 
saturation current in air around the corona voltage, and the influence 
of the material of the wire on the saturation current. The results 
indicate that nitrogen only is ionized in a corona discharge in air; 
that the ionization of the nitrogen results in the separation of an 
electron from the nitrogen molecule; and that the electron quickly 
attaches to a molecule or group of molecules, probably water or 
oxygen, to form, an ion. 

2. The free charge in the neighborhood of the wire called the 
space charge, is found to be alternating in character and to have a 
definite boundary. The space charge formed on any half-wave 
returns to the wire on the next succeeding half-wave. 

3. The mobility of the ions is calculated from the boundary of 
the space charge. A limiting value of about 10 cm./sec. per 


volt/'em. is indicated for the positive ions. The negative ions show no 
sign of a limiting value and the mobility varies fr'om about 1.6 to 
10 cm./sec. per volt/cm. as the maximum impressed voltage rises 
from the corona voltage to twice the corona voltage. 

4- Ionization is found to occur at lower voltages on the positive 
half-waves than on the negative half-waves and the ionization on the 
positive half-waves becomes much more copious with the beginning of 
ionization on the. negative half-waves. 

5. A formula for the corona current based on theoretical con¬ 
siderations, is developed by the aid of certain empirical assumptions. 
This formula gives excellent agreement with the observed currents 
measured in large cylinders. A calculation of the corona, current 
for a 100-mile three-phase trajismission line gives a satisfactory 
agreement with the values of current as measured by IT. If. Lewis. 


Introduction 

I N 1913 J. S, Towsend published an explanation of 
corona on the basis of ionization by collision, 20 which 
has been widely accepted. In developing this 
theory Towsend assumed ionization by collision for both 
electrons and ions. However, recent work on the 
ionizing ability of charged molecules 31 ■ 32 • 49 has led to 
considerable doubt as to the possibility of any action by 
the positive ions in corona. Also recent studies of 
corona 40 have developed a number of anomalies in the 
behavior of gases under corona conditions. Among 
these anomalies may be mentioned the facts that: 
a, oxygen forms corona at a gradient below that required 
by nitrogen, but in the air the oxygen takes no 
part in the corona discharge, 42 - 46 6, no simple relation 
seems to exist between the ionizing potential and the 
corona gradient. For instance, helium with an ionizing 
potential of 24.5 volts forms corona at a gradient much 
below that required by nitrogen with an ionizing 
potential of 17.0 volts. 44 ■ 46 (The ionizing potential is the 
voltage through which an electron must drop unimpeded 
to gain sufficient energy to produce ionization.) A 
number of such instances can be pointed out and the 
results are no more rational if ionization is assumed to 
take place in two stages, first excitation and then 
ionizing the excited molecules. _ 

It is the purpose of this investigation f to obtain further 
experimental evidence about the physical nature of the 
breakdown of the gases in corona and to obtain informa¬ 
tion about the space charges formed by the corona which 
may lead to analytical expressions for the corona 
current, corona loss, and extra capacity due to corona. 
Description of Apparatus 
The electrode arrangement chosen was a wire and 
large plane, as this gives a representation of half of a two 

1. Princeton University, Princeton, N. J. 

t TMs work was carried out at Johns Hopkms University. 

‘20. For references see Bibliography. New York 

Presented at the Winter Convention of the A. I. E. E., New York, 
N. Y., February 7-11,1927. 


wire transmission line, and permits an easy adjustment 
of the distance between electrodes. See Fig. 1. P P 
represents a plane 270 cm. by 420 cm. made of copper 
screen wire, number 16 mesh. E E represents a copper 
electrode 30 cm. by 91.5 cm. and about 0.2 cm. back of 
the plane. W W represents the corona wire 355 cm. 
long. The sizes of wire used and the distances used 
between the wire and plane, which are represented by c, 
are given in the corresponding data. 

The potential source was a 5-kv-a. 60-cycle, 125- 
volt motor-driven generator, connected to a 10-kv-a., 
120/240-100,000-volt, 25-cycle transformer. The dia- 
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Fig. 1 

gram of connections is shown in Fig. 2. The trans¬ 
former was used only in the 240-100,000 volt con¬ 
nection. , , 

The electrode EE is connected to a battery throug 
a galvanometer G and a protective resistance R. By 
making E E positive with respect to the grounded 
plane P P, a portion of any negative ionic charge 
arriving at the plane will be drawn through the meshes 
of the wire to the electrode, and cause a deflection of the 
galvanometer G. By reversing the potential^ of the 
electrode EE, a portion of the positive ions arriving at 
the screen will be drawn to the electrode EE and 
cause a deflection of the galvanometer G in the opposite 
direction. This is essentially the same method for 
detecting the corona charges as that described by 

Whitehead in 1912. 13 . 

The potential on the wire was regulated by resistance 
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in the generator field. This method may cause varia¬ 
tions in the wave form but these were not serious over 
the range of voltage used as shown by oscillograms. 
In order to maintain constant voltage the field and 
driving motor of the generator were supplied from a 
storage battery. 

The high-tension voltage was in most cases deter¬ 
mined by measuring the primary voltage. The ratio of 
transformation was determined by a potential trans¬ 
former, and as the load was small and almost constant 
this ratio was assumed to hold for all measurements. 


±120 Volt Battery 


Vi 

120 Volt Battery 

Generator 


Fig. 2 

All voltmeters used were of the dynamometer type 
and were calibrated on direct-current by a potenti¬ 
ometer and standard cell. The galvanometer was a 
Leeds and Northrup type N instrument with a period of 
20 seconds and a sensitivity of 370 megohms with the 
scale as used. 

Theory of Space Charge 
(Wire and Concentric Cylinder) 

It is generally accepted that the region of ionization 
in corona is a thin layer of the gas around the corona 
wire. Under this condition the ions formed of the same 
sign as the potential of the wire are driven out while 
the ions formed of the opposite sign to the potential on 
the wire will be drawn in to the wire at once. On 
reaching the wire the charge of these ions flows im¬ 
mediately through the conductor of the potential 
source to the opposite electrode. It is the flow of this 
charge that constitutes the corona current. 

During the time that the charge of opposite sign to 
the potential of the wire is passing from the region of 
ionization to the wire and then to the opposite electrode 
the charge of the same sign as the potential of the wire 
moves very little because the charges move much 
more slowly through air than through a conductor. 
The charge of the same sign as the potential of the wire 
is then left as a space charge immediately surrounding 
the wire when the charge of the opposite sign reaches 
the opposite electrode. The energy represented by the 
corona current flowing through the high tension circuit 
is now stored as an electric displacement between the 
space charge and the charge on the opposite electrode. 
See Fig. 3 a. 

So far the corona wire and the opposite electrode have 
behaved just as a condenser but there is this important 
difference; the space charge is free to move under the 




0 




~n e 


w 




Tfr | 


action of the electric field, and, as the space charge 
does move out, the energy stored in it is dissipated, 
reappearing in other forms. 

If the source of potential is continuous this space 
charge will reach the opposite electrode and all of the 
energy will be dissipated. However, if the source of 
potential is alternating the space charge may or may 
not have time to reach the opposite electrode, before the 
potential reverses, depending on the frequency and 'the 
distance between the electrodes. 

Under these conditions the behavior of the space 
charge may be accurately represented by a circuit com¬ 
posed of a resistance in series with a capacity. Fig. 3a 
represents the condition just after a layer of space 
charge has been formed, and Fig. 3ii represents the 
condition after this layer has moved out a distance from 
the wire. It must not be assumed that the entire space 
charge is formed instantly and in one layer for its forma¬ 
tion starts when the voltage passes the corona voltage 
and continues certainly past the crest of the voltage 
wave. Figs. 3a and 3b refer to any particular layer of 
the space charge. 

An ion formed at any point on a voltage wave will 




have the time of the remainder of that wave for its 
outward journey, and the entire succeeding wave in 
which to return. All ions will therefore have more 
time in which to return to the wire than they have for 
their outward path, since ionization does not begin until 
the instantaneous voltage has risen to the corona volt¬ 
age. If then we neglect diffusion and the slowing 
down of ions due to the formation of molecular 
aggregates, all of the space charge which does not 
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reach the opposite electrode before the voltage reverses 
should ret urn to t he wire at which it was formed during 
the voltage half-wave succeeding that on which it was 
formed. 

The returning space charge of course meets the out¬ 
going space charge and any recombination between 
these two is equivalent to a return of t he space charge 
to the wire. Recombination therefore increases the 
probability of the return of all of the space charge to 
the wire. 

The corona loss is due to the movement of the space 
charge through the electric field surrounding the wire. 
We may concentrate our attention on any average ion, 
of the space charge. Beginning just after its formation 
at the surface of t he wire, and assuming that the ion has 
the average velocity of thermal agitation this ion will be 
accelerated by a force due to the electric field. As the 
ion move's through a free path its velocity increases due 
to the acceleration. At the first collision between the 
ion under consideration and a neutral molecule, the 


courtesy of Dr. R. W. Wood. The spectrum showed 
the band spectrum of nitrogen but no trace of the 
oxygen spectrum even at a voltage twice the corona 
voltage. These spectrograms were unfortunately de¬ 
stroyed by a fire in the Physics Laboratory. However, 
the results were in accord with the spectra of the arc in 
nitrogen as studied by K. T. Compton ,w and the point, 
discharge in air as studied by U. Yoshida and H. 
Hirata. 1 " They have therefore not been repeated. 

It has been found by K. T. Compton 80 that the 
the dissociation of nitrogen occurs at a much higher 
voltage than that required for ionization and that the 
dissociation is accompanied by the appearance of the 
line spectrum. The corona spectrum, a band spectrum, 
therefore indicates that the ionization in corona is the 
breaking off of electrons from the neutral molecule and 
not a dissociation of nitrogen molecules. The results 
of the corona ionization are electrons and charged 
nitrogen molecules. The absence of the oxygen 
spectrum indicates that the nitrogen alone is ionized, or 


ion imparts to tin* neutral molecule, a portion of the 
energy gained from the electric field, even though the 
collision be perfectly elastic. However, the ion will 
start its second free path with a velocity greater than 
the average velocity of thermal agitation and therefore 
will have a higher velocity at the end of its second free 
path than at 1 he end of its first free path. _ It will there¬ 
fore' lose more energy in the-second collision. In this 
manner the velocity of the ion rises above the mean 
velocity of thermal agitation, to a value, called the 
terminal velocity,*" such that the'ion loses as much 
energy at a collision as it. gains during a free path. 
(The ion requires a number of collisions to reach this 
terminal velocity, and the terminal velocity of course 
varies with the field in which the ion travels.) 

If flu- terminal velocity of the ion attains a value 
sufficient to ionize a neutral molecule, ionization occurs 
and the ion loses practically all of its energy, and must 
then start, the process of building up its terminal 
velocity again. From this if is evident that as the 
space charge moves through the electric field, the energy 
stored in t he space charge is converted into heat in the 
, elastic collisions between ions anti molecules, or in case of 
an inelast ic collision may produce a disturbance of the 
atomic st.ruct.urc resulting in ionization, or sometimes 
only the radiation of light. This conversion of electric 
energy into heat, light, and free charge constitutes the 
corona loss. 

In the case the space charge does not reach the 
opposite electrode, some of the energy stoied in the 
space charge is not dissipated because the ions do not 
travel through the entire potential difference. 1 he 
energy stored in the space charge and not dissipated by 
the ions as they travel out is returned to the system and 
results in the extra capacity effect observed m corona. 

Spectrum of Corona 

The spectrum of the corona light was photogiaphed 
by means of a sensitive spectroscope through the 
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that the oxygen does not play any appreciable part in 
the corona ionization. 

Saturation Current in Air Near the Corona 

Voltage 

In order to obtain further information on the physical 
nature of the ionization in corona, the saturation current 
of the air was measured as the voltage approaches the 
corona value. Whitehead-, 11 and Lee and Kurrelmeyer w 
found no effect on the corona voltage due to ionization 
of the air by external means. A quartz mercury arc was 
therefore used to increase the conductivity of the air and 
give an appreciable saturation current. 

It was found that a quartz arc placed about 10 cm. 
from the wire and in a position central to the electrode 
E E would cause sufficient ionization to give an appreci¬ 
able deflection of the galvanometer due to the charge 
drawn through the plane. With the electrode E E posi¬ 
tive and the wire close to the plane, the alternating high- 
tension voltage was raised by small steps past the corona 
voltage, and the galvanometer deflections observed at 
each step. These galvanometer deflections give a 
measure of the space charge formed on the voltage half- 
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waves when the wire is negative. These observations 
were repeated with the mercury arc illuminated, care 
being taken to have the arc illuminate the side of the 
wire nearest the plane. A typical set of observations 
on a magnesium wire are shown in Fig. 4. In a similar 
manner observations were made on the space charge 
produced during the half waves when the wire was 
positive. These results are also shown in Fig. 4. 

A measurement of the lower portions of the current 
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nor so copiously as the electrons. This conclusion is 
substantiated by the following observations. 

In Fig. 5 we have curves taken on a copper wire with 
the arc directly in front of the wire so that it did not 
shine on the side of the wire nearest the plane. The 
crossing of the curves for positive wire with the arc on 
and arc off is probably due to the fact that the arc 
caused the brass wires in the plane between the wire and 
electrode (see Fig. 1), to emit negative electrons and 
therefore reduced the number of positive ions drawn 
through the plane to the electrode. In the other cases 
. shown the arc did not shine directly at the plane behind 
the wire and this effect was therefore greatly reduced so 
that it became inappreciable. 

The two curves with the arc on, shown in Fig. 5, 
are Quite similar and indicate that the ionizing agent 
was the same type of carrier in both cases. Since there 
is no positive carrier of the dimensions of an electron 
we must either assume that ionization in both cases was 
due to ions of molecular dimensions, or that we have 


Fig. 5 —Copper Wire Mercury Arc 10 Cm. prom Wire. 
Temperature 15.1 Deg. Cent., Barometer 77.0 Cm., Wire 
Diameter 1.583 Mm. Distance from Wire to Plane 6.0 Cm. 
Transformer Ratio 401. 

curve with the arc on showed the typical saturation 
curve for gases discussed by Towsend (34, page 2). 
These curves show that the corona voltage coincides 
approximately with the sharp rise in the saturation 
curve due to the ionization by collision for both the 
positive and negative corona voltages. 

However, the curve with a negative wire starts to rise 




e—N egative Corona on Copper Wire. Wire 
Screened prom Arc. Arc 10 Cm. prom Wire. Temperature 
16.9 Deg. Cent., Barometer 76.1 Cm., Diameter op Wire 
Mm. 1.583 Distance from Wire to Plane 4 Cm. Transfor¬ 
mer Ratio 401 

at much lower voltages than the curve with a positive 
wire. This has been interpreted as indicating that with 
the wire negative the photoelectrons emitted by the wire 
cause ionization but with the wire positive the action is 
due to the charges coming in from the ionized gas. 
These incoming charges come from a lower gradient and 
have attached to molecules, forming ions. They, 
therefore, do not cause ionization at such low gradients 


PRIMARY VOLTAGE HIGH-TENSION TRANSFORMER 
jp IG . 7 —Negative Corona on Magnesium Wire. Wire 
Screened from Arc. Arc 10 Cm. from Wire. Temperature 
26 Deg. Cent., Barometer 76.0 Cm., Diameter ofWire 1.14 
Mm. Distance from Wire to Plane 4.1 Cm. Transfor¬ 
mer Ratio 401 

electrons liberated from the metallic surface in the case 
of the negative wire. Recent experiments on the 
ionizing ability of molecular ions have not shown any evi¬ 
dence of ionization by charged molecules. 32 ■ 49 However, 
Horton and Davies 31 have shown that the action attribu¬ 
ted to the positive ions may be due, in some cases, to the 
emission of electrons by the metal electrodes under the 
bombardment of the positive ions. If this be the case 
in corona the saturation curve should rise much more 
rapidly for a magnesium wire than for a copper wire 
when the wire is not illuminated by the arc. To test 
this conclusion curves 6 and 7 were taken for negative 
corona on copper and magnesium wires respectively.. 

In addition to having the arc behind the wires so it did 
not illuminate the side of the wire next to the plane, the 
wires were screened from the rays of the arc by a glass 
tube one cm. in diameter and with a two-mm. wall. 
These results are shown in Figs. 6 and 7. 

The ordinates for the curve on magnesium wire axe 
not materially different from those on copper. While 
this evidence is negative and may not be considered 
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incontrovertible, it seems highly probable that the 
corona gradient is a field intensity where the positive 
molecular carriers become active ionizing agents as 
Towsend has assumed. The ionizing action of molecu¬ 
lar carriers is quite unknown and probably entirely 
different in nature from the action of electrons. This is 
a possible cause of the anomalies in the behavior of the 
different gases. 

Break in the Discharge Curve for Positive 

Corona 

As previously shown, when corona forms at the 
crest of the voltage wave, the ions produced have a 



Fig. 8 — Coeona Discharge Curves. Temperature 21.6 
Dbg. Cent., Barometer 75.4 Cm., Frequency 59.5 Cycles. 
Wire Diameter 0.440 Mm. Transformer Ratio 401 

quarter period for their outward journey and the next 
succeeding half period in which to return. Under these 
conditions all of the space charge produced in any half 
wave returns during the next half wave and there is a 
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Fig. 9—Corona Discharge Curves. Temperature 24.4 
Deg. Cent., Barometer 75.4 Cm., Frequency 59.5 Cycles, 
Wire Diameter 0.440 Mm. Transformer Ratio 401 

definite boundary beyond which none of the space 
charge is found. (See Figs. 14 and 15.) Typical 
curves of the galvanometer deflections (proportional to 
the charge reaching the plane) against voltage are 
shown in Figs. 8 and 9. Fig. 8 gives the type of curves 
found when the. wire is close to the plane. Fig. 9 shows 
the curves found when the wire is distant from the plane. 

The break in the curves for the positive corona shown 
in Fig. 8 is due to the start of negative corona on the 
opposite half waves. In order to establish this point 


definitely a battery was connected in series with the high 
voltage winding of the transformer. In this way the 
a-c. voltage may be given either a positive or a negative 
bias. 

The start of the positive corona appears at a constant 
value of the positive gradient, while the break of the 
positive corona appears at an approximately constant 
value of the negative gradient coinciding with the start 
of the negative corona, as shown in Table I. 

An inspection of the curves shown in Fig. 10 (for 


TABLE i 



Positive gradient at 

Negative gradient at 


start of positive corona 

break of positive corona 

Curve A. 

79.0 Kv/cm. 

81.7 Kv/cm. 

B. 

79.0 

82.3 

C. 

78.9 • ' 

81.6 


positive corona with varying distances between wire 
and plane) shows that the portion of the positive dis¬ 
charge curve previous to the break is found only at 
distances from the wire to plane less than 8 cm. for a 
one-mm. wire. With greater distances than this the 



Fig. 10 —Galvanometer Deflections vs. Primary Volt¬ 
age for Corona on Positive Half-Waves. Temperature 
18.9 Deg. Cent., Barometer 76.9., Diameter Wire 1.00 Mm. 
Ratio of Transformer 401 

first appearance of the positive corona is not detected 
but the point determined corresponds to the break in the 
positive discharge curve at which point the positive 
discharge becomes much more copious and also much 
more mobile. 

This break in the discharge curve for positive corona 
is of considerable interest in view of the fact that other 
observers have found only one voltage for alternating 
corona, but different voltages for the positive and 
negative continuous corona. Whitehead and Brown 30 
using the free charge in the air to detect the corona 
found the alternating corona to coincide with the 
negative continuous corona or the higher value. This is 
unquestionably due to the fact that their device for 
detecting free charges was not sufficiently sensitive 
to detect the first appearance of positive corona. Those 
observers using visual and aural methods to detect 
corona undoubtedly determined the voltage for nega¬ 
tive corona, because the volume of the discharge 
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becomes much more copious at this voltage. We were 
unable to detect any sound or light with the first 
appearance of positive corona. It seems probable that 
Whitehead and Isshiki 33 determined the voltage at which 
positive corona first formed but this is not certain. 
The size of their apparatus put them very near the 
boundary of the positive space charge at atmospheric 
pressure. So far we have made no observations under 
conditions which should give negative corona at the 
lower voltage. 

Corona Gradients 

The positive and negative corona gradients as 
determined by a wire and parallel plane on alternating 
current are given in Table II. 

The extreme constancy of the gradients for positive 

TABLE II 

CORONA GRADIENTS EOR WIRE AND PARALLEL PLANE COR¬ 
RECTED TO 20 DEG. CENT. AND 70 CM. PRESSURE 
FREQUENCY =GO CYCLES 


Distance 

from 

wire 

to plane 
in Cm. 

Wire 

diameter 

0.0440 cm. 

Wire 

diameter 

0.1000 cm. 

Wire 

diameter 

0.1584 cm. 

positive 
corona 
lev. /cm. 

Negative 

corona 

lcv./cm. 

positive 

corona 

lcv./cm. 

Negative 

corona 

lcv./cm. 

positive 

corona 

lcv./cm. 

Negative 

corona 

lcv./cm. 

3. 

81.37 

86.71 





4. 

81.49 

85.88 

03.53 

09.89 

56.87 

59.04 

4.5 

81.12 

85.15 





5. 

81.06 

84.70 

63.45 

68.45 

56.39 

59.89 

5.5 



63.38 

68.15 



6. 



03.48 

68.17 

56.47 

58.84 

6.5 



63.58 

08.10 

56.44 

58.74 

7. 





50.51 

58.75 

Mean... 

81.26 

85.61 

63.49 

68.35 

50.54 

58.97 

Max. % 







dev... 

0.28 

1.29 

0.17 

2.26 

0.58 

1 .13 


corona is worthy of especial attention here. In no case 
does the maximum deviation from the mean represent 
as great a deviation in voltage as one-tenth of the 
smallest scale division on the meter as used. There are 
two factors entering into this. The first is that the 
galvanometer deflections for positive corona before the 
break lie quite accurately on a straight line. Therefore 
several readings above the corona voltage can be taken 
with the voltmeter needle coinciding with a line on the 
scale and the corona voltage determined by extrapolat¬ 
ing these values back to the axis. This gives an 
exceedingly accurate determination of the point at 
which the positive corona starts. The second factor 
influencing the relative constancy of the positive 
corona is the fact that the negative corona gradient 
seems to change with varying distances from the plane. 
The gradient for the wire nearest the plane is in every 
case about 2 per cent higher than the value a few 
centimeters further out. This may be due either to the 
distortion of the field due to returning positive charge 
or it may be due to the fact that the negative gradient 
is higher with a more rapidly divergent field. 

In support of this latter explanation it may be 
mentioned: a, that with large wires (less divergent fields) 


in concentric cylinders the negative gradient drops 
below the positive gradient; 33 b, with the wire screened 
with a glass tube it was found that the gradient for 
negative corona was reduced until it coincided approxi¬ 
mately with the gradient for positive corona, while the 
positive gradient was not appreciably affected. These 
facts seem to confirm K. T. Compton's* 10 explanation of 
the increased strength of the air around small wires. 
Compton shows that the terminal velocity of an electron 
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Fig. 11—Positive Corona. Distance from Wire to Plank 

4.0 Cm, 

builds up through a number of elastic collisions thus 
requiring a voltage distance relation to produce ioniza¬ 
tion. His calculations seem to be of the proper order of 
magnitude but a quantitative check is hardly to be 
expected until more is known about the ionizing action 
of ions and electrons. 

Distortion of the Electrostatic Field dtje to 
Returning Space Charge 
It is to be expected that the space charge of a previous* 
half wave will distort the electrostatic field as it returns 



PRIMARY VOLTAGE HIGH-TENSION TRANSFORMER 
Fig. 12—Negative Corona. Distance from Wire to Plan® 

16.0 Cm. 

to the wire.' Evidence of this is found in the fact that 
the negative corona ceases at a lower value of the 
effective voltage than that at which it starts, when the 
wire is far enough from the plane to permit the return of 
of the positive space charge. However, when the wire 
is so close that the positive space charge reaches the 
plane and does not return, the voltage for the start 
and stop of corona coincides. 

This effect is shown in Figs. 11 and 12. Fig, 11 with 
the wire four cm. from the plane, shows that the curve 
of positive discharge for increasing voltage coincides 
with the curve for decreasing voltage. The same was 
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found true for the negative corona at this distance. 
Fig. 12 with the wire 1(> cm. from the plane shows that 
the curve for negative corona with decreasing voltages 
extends below the start, of the curve for increasing 
voltages. The first appearance of positive corona 
cannot be detected at this distance, and the break in the 
positive corona curve due to the negative corona, which 
can be detected behaves just as the curve for negative 
corona, shown in Fig. 12. 

Boundary of the Space Charge 
The curves shown in Figs. 10 and 13 give gal¬ 
vanometer deflect ions against, voltage for a number of 
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Fai. IM (Ul.VANOMKTKK I llifl.KCTlON VB. PuiMAKY 
Vni/J'AOl'i 1‘<'H ( 'iiliftNA ON NlCIIATlVK It AI.F-W AVKH. TkMPKUA- 
TiutH IK.tt Duo. Gum*., Hakomktkh 70.R (hi., Diamktbu Wiuk 
UK) Mm. Ratio opT«ANHFOUMKtt4(M 

(listunces between tin* wire and plane. The start of 
positive corona for dist ances below seven cm. is given by 
the intersection of fhe discharge curve with the axis. 
Calculaf ing the gradient for the start of positive corona, 
we find this constant, and using this value of the 
gradient, we can calculate the voltage tor the start of 
positive corona for greater distances between the wire 
and plane. 1 n t his maimer the primary voltage for the 
start of positive corona with 15 cm. between the wire 
and plane was calculated to he 33.6 primary volts. 
At a high-tension voltage 400 effective volts above the 
corona voltage the primary voltage would be 24.6 volts. 
At this voltage the galvanometer deflection was three 
cm. (Bee Fig. 10.) In a similar manner we can find the 
galvanomet er deflection at 400 effective volts above the 
corona voltage for all distances between the wire and 
plane, We thus obtain the relation between gal- 
vanomefer deflections for space charge reaching the 
plane) and the distance between wire and plane for a 
given rise in voltage above the corona voltage. Curves 
of this type for positive corona are shown in lug. 14. 
However, they refer to a different size of wire from that 
used for the curves in Figs. 10and 13. 

The three small curves shown in the lower left hand, 
corner of Fig. 14 give t he charge reaching the plane for 
voltage increments insufficient to cause negative corona. 
These curves intersect sharply with the axis and this 
intersection is the boundary of the space charge at tha 
voltage. Thus with a voltage 100 volts above t e 


positive corona voltage no ions can be detected at a 
distance greater than 5.2 cm. from a 0.1-em. wire. . If 
the voltage rises 200 effective volts above the positive 
corona voltage the boundary of the positive space 
charge is 5.6 cm. from the wire. A few readings were 
taken at 40 and 80 cycles showing that the boundary 
of the space charge depends on the frequency. How¬ 
ever, the machine used was not suited to these speeds. 
The results shown all refer to 60 cycles. 

Jf the voltage rises 400 volts above the positive corona 
voltage, negative corona also forms. The start of 
negative corona influences the quantity of the positive 
discharge greatly and it also greatly increases the 
mobility of the charge as shown by the fact that the 
sharp drop in the curve comes at a much greater 
distance from the wire. Above the negative corona 
voltage the discharge curves for positive charge do not 
cut the axis sharply but approach asymtotically. 
This is believed to be clue to diffusion. With the great 
increase in the density of the charge the effect of 
diffusion would be more important. Also as the voltage 
is carried higher and higher above the corona value, 
the time during which the first charges can travel out 
approaches nearer and nearer to the time they have to 
return, that is a half wave. Therefore we would expect 
more and more charge to he carried out by diffusion as 



Fig. 14 ~CimvKH Showing Boundaux of Positive Shack 

Oil A It Cl 1C AS V OI.TAGE InCKKASISS AH o VIC Co HON A. 1 MMl’KItATUBB 

24 Dkg. Cent., l.UuoMjcTioK75.r> Cm., Diamktku Wire0.440Mm. 


the voltage rises above the corona value. However, the 
discharge curves descend finite rapidly in every case and 
this marks the practical boundary of the space charge. 

The maximum shown in the curves for 400 and 800 
volts above the corona value is probably due to the fact 
that with a very small distance between the wire and 
plane most of the negative charge reaches the plane and 
therefore the effect on the positive charge is less impor¬ 
tant with small distances. This maximum should become 
less prominent as the voltage is raised because in that 
case the last charges formed will have a shorter time to 
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travel out and therefore the amount of charge returning 
to the wire will be greater as the voltage is raised. 

The curves shown in Fig. 15 are constructed in a 
similar manner for the negative eharge, except that in 
the case of the negative charge the start of negative 
corona can be detected at any distance from the wire 
to plane by the break in the discharge curve for the 
positive corona. At great distances from the wire to 
plane, this is the first appearance of positive charge. 
These curves for negative charge all show a sharp inter¬ 
section with the axis and a definite boundary of the 
negative space charge. Since the positive charge is 
more mobile than the negative eharge (except for very 
high voltages) and since the positive corona starts at 
lower voltages for the wires used, the negative ions 
which fail to return to the wire are probably destroyed 
by recombination. This prevents the curves for 
negative corona from becoming asymtotic to the axis. 

Mobility of Ions in Corona Discharge 

Ions moving through a gas under the action of an 
electric field obey the laws for bodies moving in a 



DISTANCE FROM WIRE PLANE IN CM. 

Fig. 15—Curves Showing Boundary op Negative Space 
Charge as Voltage Increases above Corona. Temperature 
24 Deg. Cent., Barometer 75.5 Cm., Wire Diameter0.440 Mm. 

viscous medium approximately. That is, the velocity is 
approximately proportional to the field strength. The 
mobility K is defined as the velocity of an ion in a unit 
field. K is usually given in cm./sec. per volt/cm. The 
velocity S at any field strength E will therefore be, 

S = KE 

The distance d r traveled in an element of time d t is 
dr = K E dt 

If now we consider the ions which travel along the 
shortest path from the wire to the plane, the field along 
this path, neglecting the distortion due to the ions 
themselves, is approximately 

E = 2 c V/r (2 c - r) log 2 c/a Since —— > > 1 

CL 

where c is the distance from the axis of the wire to the 


plane, a is the radius of the wire, r is the variable 
distance measured from the axis of the wire, and V is the 
potential difference between the wire and plane. (See 
Russell, Alternating Currents, Vol. I, p. 99.) Therefore 

d r/d t = K c V/r (2 c — r) log 2 c/a (3) 

If now we assume V to be an alternating voltage 

V — V" sin w t 

and let V' be the voltage necessary to produce corona 
such that 

V' = V" sin d' 

The time which the first charges formed will have 
for their outward path will be 

7 r — 6' 

t = - 

w 

If now V" and E", the maximum voltage and gradient 
be so chosen that the space charge just reaches the 
plane it can be easily shown by integrating equation (3) 
and substituting limits that approximately 

2 TT f C 2 

K ~ 3 E" a (1 + cos O') ^ 

Where 

K = mobility of ions 
c = distance from wire to plane 
a - radius of wire 
/ = frequency 

E" = electrostatic gradient at the surface of the wire 
for the voltage V" 

V" = maximum voltage necessary to just drive the 
space charge to the plane 
6' — angle whose sine is V'/V" 

V' = maximum voltage necessary to start corona, 
The quantities which must be determined experi¬ 
mentally are a, f, c, V', and V". a, c, and / can be 
measured directly. V' can be calculated, for any dis¬ 
tance between wire and plane, from the maximum 
gradient for corona when the wire is near the plane. 
(In the case of negative corona, V* is the observed 
voltage for the break in the discharge curve for positive 
corona which can be measured for any distance between 
wire and plane.) V" is the quantity most difficult to 
determine experimentally. This is due to the fact 
mentioned above that the boundary of the space charge 
is not very distinct on account of diffusion. However, 
it will be noticed that the upper part of the discharge 
curves becomes fairly straight for all distances between 
the wire and plane. This is shown well in Fig. 9. It is 
assumed that the straight portion of those curves 
represents the passage of charge to the plane on the same 
wave on which it is formed and without the aid of 
diffusion. Therefore the straight portion has been 
extrapolated back to the axis, and the voltage at which 
it intersects the axis taken as the voltage V" at which 
the charge begins to reach the plane on the same wave 
on which it is formed. 

The mobilities of the positive ions calculated in the 
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manner outlined above are given in Table III. The 
corresponding mobilities for the negative ions are given 
in Table IV. 

The curves in Fig. 16 show the variation of the 
mobility of positive ions plotted against the difference 
between corona voltage and the voltage at which the 
mobility was calculated. The corresponding curves 
for negative ions are shown in Fig. 17. 

! The initial values of the mobility check very well with 


table in 

MOBILITIES OP POSITIVE IONS K' 
FREQUENCY = 60 CYCLES 


Distance 

Wire dia. 0.0440 cm. | 

Wire dia. 0.1000 cm. j 

Wire dia. 0.1584 cm. 

from 


K' 


K' 


K’ 

wire 

to plane 

V" - V' 
primary 

cm./sec. 

V" - V' 
primary 

cm./sec. 

V" _ V' 
primary 

cm./sec. 




in Cm. 

volts 

volts/cm. 

volts 

volts/cm. 

volts 

volts/cm. 

5.5 

0.3 

1.8 





6. 

0.5 

2.1 





6.5 

0.4 

2.5 





7. 

0.6 

‘ 2.7 

0.3 

1.7 



7.5 



0.7 

1.8 

1.2 

1.3 

8. 





1.3 

1.4 

8.5 





1.9 

1.5 

10. 

0.5 

5.7 





12. 

1.9 

6.7 



1.7 

3.0 

14. 





1.9 

4.2 

15. 1 

6.5 

7.4 

. 1.4 

6.6 



16. 





4.0 

4.8 

20. 

16.9 

8.8 

10.7 

7.3 

12.0 

5.6 

25. 

30.8 

9.8 

23.2 

9.2 

24.5 

6.6 

30. 



37.5 

9.5 

41.0 

7.5 


TABLE IV 

MOBILITIES OP NEGATIVE IONS K" 
FREQUENCY = 60 CYCLES 


Distance 

from 

wire 

to plane 
in Cm. 

5. 

5.5 

6 . 

6 5 

7. 

8. 

8.5 
9. 

10 . 

11 . 

12 

13. 

14. 

15. 

16. 

20 . 

25. 

30. 


Wire dia. 0.0440 cm. 


V" - V 
primary 
volts 


0.0 

0.3 

0.5 

1.3 
2.2 

3.3 

4.1 
5.0 

7.2 


10.9 


19.8 

31.5 


K" 

cm./sec. 


volts/cm. 


1.7 

1.7 

2.0 

2.0 

2.1 

2.5 

3.0 

3.5 

*4.5 


5.9 


8.0 

9.7 


Wire dia. 0.1000 cm. 


V" - V' 
primary 
volts 


0.3 

1.0 

2.6 

4.2 

5.7 

6.8 

8.0 

15.0 

24.4 

35.3 


K" 

cm./sec. 


volts/cm. 


2.2 

2.4 
2.6 
2.8 

3.1 

3.5 

4.4 

6.3 

8.1 
9.7 


Wire dia. 0.1584 cm. 


V" - V' 
primary 
volts 


0.2 

0.8 

0.6 

1.0 

3.0 

4.0 

7.5 

8.5 

14.5 
25.0 

36.5 


K" 

cm./sec. 


volts/cm. 


1.6 

1.5 

1.7 
2.0 
2.3 

2.6 

3.0 

3.8 
5.1 
6.5 

7.8 


predicted value. The error is much below the probable 
error in our values of the mobility. 

No explanation can be offered of the lower values 
found for the larger wire. However, it must be borne 
in mind that there are several approximations under- 



RISE OF PRIMARY VOLTAGE ABOVE CORONA VOLTAGE 
Fig. 16 —Mobility op Positive Ions 


A—Barometer 75.5 cm., Temperature 23,3-24.5 deg. cent., Humidity 
8.6 mm. Hg. 

B—Barometer 76.9 cm., Temperature 17.8-20 deg. cent. 

G—Barometer 76.2 cm., Temperature 17.6-23 deg. cent.. Humidity 
7.4 mm. Hg. 

lying these calculations. The most serious of these 
are: a , the fact that a sine wave voltage was assumed for 
the calculations whereas the oscillograms showed a ratio 
of maximum to effective value of 1.52; 6, the fact that an 
electrostatic distribution of gradient has been assumed 
for the calculations whereas the actual gradient differs 
far from that, when the voltage rises considerably above 
the corona value, as will be shown later. Both of these 
errors would cause the calculated value of the mobility 
to be lower than the value actually possessed by the ions 
however. The lowered values for the large wire cannot 
be considered as due to a greater humidity on the day 
when this run was taken for the humidity was some¬ 
what less that day than for the day when the values 
were determined for the small wires. The effect of the 



le values given by the physicists, varying from 1.3 to 
,8 cm./sec. per volt/cm. for the positive ions and from 
,6 to 2.2 cm./sec. per volt/cm. for the negative ions, 
he mobility of the positive ions rises quite rapidly with 
le appearance of negative corona and then becomes 
lirly constant at a value around 10 cm./sec. per volt/ 
n. Loeb 48 calculates from Langevin’s equation that the 
lobilitv of a charged nitrogen molecule at atmospheric 
ressure would be 9.85 cm./sec. per volt/cm. The 
alue here found is a surprisingly good check of this 


Fig. 17 —Mobility op Negative Ions 

A—Barometer 75.5 cm.. Temperature 23.3-24.5 deg. cent., Humidity 

8.6mm. Hg. * „ „ , . 

B—Barometer 76.9 cm.. Temperature 1/.S-20 deg. cent. 

C—Barometer 76.2 cm., Temperature 17.6-23 deg. cent,. Humidity 

7.4 mm. Hg. 

humidity could not be studied because there was no 
means of controlling the humidity and the normal 

variations in the room were not great. 

A few measurements were made with 40 and 80 
cycles to determine the aging of the- ions but any 
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variation due to this cause was masked by the variation 
due to the voltage increase above corona. 

The sharp rise in the mobility curve for the positive 
ions just above the voltage for negative corona suggests 
that the ions, as they become much more copious are 
washing out some impurity from the air such as mois¬ 
ture, and that when there are enough ions to wash 
out the impurity the remaining ions travel as simple 
molecular carriers. If we calculate the current neces¬ 
sary to carry out all of the water molecules in a cylinder 
of one cm. radius around the wire, assuming a vapor 
pressure for the water vapor of 7.6 mm. of mercury; 
that each molecule requires one electronic charge; and 
that the water vapor must be carried out each half 
cycle, we find that current of the order of 10 amperes 
per cm. length of wire would be required. If the water 
vapor is carried out it must be a process extending over 
a number of cycles, but even this does not seem 
probable. 

The curves for the mobility of negative ions do not 
show a sharp break as found for the positive ions. 
However, the curves continue to rise more steeply than 
the curves for positive ions and there seems less evidence 
of a final maximum value. This is to be expected as the 
mobility of an electron as predicted by Loeb 17 for 
atmospheric pressure is of the order of 1500 cm./sec. per 
volt/cm. The electrons evidently do not travel a very 
great portion of their paths before attaching to form 
ions, even in the high field around a corona wire. This 
is to be expected from the work done on electrons in 
moist air at low pressures. 

At a voltage practically twice the corona voltage the 
mobility of the positive and negative ions is the same 
and around 10 cm./sec. per volt/cm. as calculated from 
the boundary of the space charge. 

Theory of Corona Current 

In explaining corona on the basis of ionization by 
collision it must not be assumed that ionization by 
collision starts at the corona voltage or that it starts so 
sharply as does corona. An inspection of the saturation 
curves of air around the corona voltage, Figs. 4 to 7 
inclusive, shows that ionization by collision is present 
below the corona voltage. The corona voltage is 
determined rather by the condition' that the ionization 
by collision has become cumulative in such a way as to 
lead to an unstable condition. 

This may be illustrated by assuming that the poten¬ 
tial gradient around the wire draws to the wire ions due 
to the ambient ionization of the atmQsphere, As these 
ions pass through the layer in which corona will form 
some of the ions will cause ionization by collision if the 
potential gradient is high enough. Also some of these 
newly formed ions due to the ionization'by collision, in 
their turn will produce further ionization by collision, 
and any group of ions will in this way tend to reproduce 
itself indefinitely. 

However, if the new ions formed by any group are less 


numerous than the original group, the descendants of 
this group will soon disappear and the current will be 
approximately the saturation current of the air. On 
the other hand if the new ions formed by any group are 
more numerous than the original group the descendants 
of this group will increase indefinitely and the saturation 
current of the air will be similarly magnified. 

This serves to show that a small increase in the 
gradient just at the corona voltage would lead to an 
infinite current or a short-circuit condition; provided 
the gradient remained at the increased value. (The 
exposition of the current given above is not rigid because 
of the assumptions for the average value. However, 
the rigid treatment given by Towsend" shows the same 
characteristics for the current but in more complicated 
mathematical language.) In the case of corona, the 
gradient does not remain constant at the wire when 
ionization begins, for the space charge driven out from 



the wire increases the gradient at a distance from the 
wire, where the gradient is low. Thus the space charge 
absorbs a part of the impressed voltage when ionization 
is taking place, as shown below. 

Consider a wire inside a concentric cylinder as shown 
in Fig. 18. When ionization begins the charge of the 
same sign as the wire is driven out into space. This 
layer of charge raises the gradient at all points outside 
the layer and thus absorbs a part of the impressed 
voltage and reduces the gradient at the wire, where 
ionization is taking place. Thus there m established a 
condition of equilibrium between the space charge 
around the wire and the rate of formation of new 
charge, for any voltage. The space charge serves to 
shield the wire so that the gradient at the wire never 
rises above the critical value at which corona starts. 
In the alternating case the conditions are further 
complicated by the return of the space charge formed 
on any previous half-wave. 

In order to obtain some idea of the nature of the 
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corona current with an alternating electromotive force 
we will consider a wire of radius a inside a large cylinder 
of radius 6 with an impressed voltage. 

v = V" sin w t 

When any transient conditions have passed, and the 
instantaneous voltage is above the corona voltage there 
are three charges that must be considered. First, 
there is the surface charge on the wire which has a 
limiting value q and is constant for all values of voltage 
above the corona voltage (because the gradient at the 
surface of the wire is limited to the corona gradient by 
the formation of new space charge); second, there is the 
space charge Q' formed on this same voltage half-wave 
and moving out from the wire; third, there is the space 
charge Q' r which was formed on the previous voltage 
half-wave and is now returning to the wire. 

For simplicity we will assume that the charge Q', 
instead of being distributed through space is concen¬ 
trated in a cylindrical layer of radius L', such that its 
effect on the gradient in the ionizing layer around the 
wire is equivalent to the actual distribution, and that 
similarly Q" is concentrated on an equivalent layer of 
radius U . 

We may now divide the impressed voltage into three 
parts. First, a component v'" which is supported by 
the surface charge q' on the wire; second, a component v' 
which is supported by the space charge Q' which has just 
formed and is now traveling out from the wire; third, 
a component v" due to the space charge Q" which is now 
returning to the wire. This last component is negative 
in sign. 

We have then 

v r " = 2 q log b/a ( 8 ) 

v’ = 2 Q'log 6/1/ (9) 

v" = 2 Q" log b/L" (10) 

and also that 

v = d"' -f v' - v" = V* sin w t ( 11 ) 

Substituting the values of v 1 ", v', and v" in equation ( 11 ) 
and differentiating with respect to time we have 


d V _ML 

dt L' 



2 Q" 
+ L- 


dU _ dQ’ 
dt dt 


2 Log . b/a = w V" cos w t 


(The derivatives of the charge with respect to time are 
multiplied by log b/a because the charge is formed and 
absorbed at the surface of the wire and not on the 
equivalent cylinder.) 

The current i is 

dQ : dQ" (n) 

1 ~ dt dt 


Transposing and substituting we obtain 


1 r 2Q' dU 2 Q" dL " 

1 ~ 2 Log b/a L L' dt ~ L” dt 

+ w V" cos w t J (13) 

A solution of this equation when the proper values 
are substituted for the Q’s and I/s seems at present 
impossible. However, some information about the 
corona current can be obtained from a discussion of the 
different terms. 

The first term in the expression for the corona 
current, namely: 

Q' ^ dU 
L' log b/a ^ d t 

represents the rate at which new space charge must be 
formed to compensate for the outward movement of the 
space charge already formed. This term does not 
change sign during a given voltage half-wave and is of 
the same sign as the voltage half-wave. 

The second term in the expression for the corona 
current, 

Q" dL" 

L" log b/a ^ dt 

represents the rate at which space charge must be 
formed to compensate for the return motion of the space 
charge formed on the previous voltage half-wave. 
The motion of this charge is opposite to that of the out¬ 
going charge so that the current required by this term is 
in the same direction as that required by the previous 
term and these two. terms add their effects as shown by 
the negative sign before this term. 

The third term in the expression for the current 

w V " cos w t 
2 Log b/a 

represents the current due to variation in the impressed 
voltage, and is the current due to electrostatic capacity. 
This term is of the same sign as the voltage wave on the 
rising part of the wave but reverses in sign at the crest of 
the voltage wave. 

We see therefore that on the rising portion of the 
voltage half-wave all terms in the current relation add 
their effects, but when the voltage is decreasing the last 
term reverses in sign and tends to cancel the first two 
terms. The current will then decrease rapidly past the 
crest of the voltage wave and will probably reach zero 
slightly past the crest of the voltage wave. The max¬ 
imum value of the corona current should come ahead of 
the crest of the voltage. If the frequency be high, the 
current will reach zero just past the crest of the voltage 
wave; if the frequency be low the outward motion of the 
space charge may produce a greater effect than the fall m 
the voltage and the current may continue down to the 
corona voltage, on the decreasing side of the voltage 
wave. An y recombination between the outgoing and 
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returning space charges tends to reduce the terms 
representing the motion of these charges and causes the 
current to reverse nearer the crest of the voltage wave. 

These facts suggest the possibility of expressing the 
total space charge and therefore the current in terms of 
the charge necessary to support the maximum voltage. 
This is attempted in the next section. Holm 42 has also 
devised a method for doing this. However, we think the 
approximation given below represents more closely the 
theoretical conditions than Holm’s method. 

Some precautions necessary in an experimental study 
of alternating corona are also evident from the dis¬ 
cussion of equation (13). When the outer cylinder is 
too small some of the space charge will reach it. In 
this case the returning space charge is reduced in value 
and the current is therefore reduced in magnitude. If 
the cylinder be further reduced in size the outgoing 
space charge may begin to reach the cylinder before the 
crest of the voltage wave. In this case the current is 
increased again and we are approaching the conditions 
found in d-c. corona. It seems therefore, that there 
should be some size of cylinder which would give a 
minimum current for a given rise of voltage above the 
corona voltage. For a somewhat larger cylinder there 
should be a maximum current and then any further 
increase in the size of the cylinder would lead to a 
reduction in the current. No attempt has been made 
to check this experimentally. 

In taking oscillograms of the corona current care 
should be taken to allow sufficient room for the space 
charge, if its full effect is desired. The oscillograms of 
Bennett 13 were taken in a cylinder so small that the 
effect of the space charge is almost-if not entirely lost. 
They do not, therefore, represent the normal alternating 
condition. It will be seen later that when the space 
charge returns the average current on the opposite half¬ 
waves must be equal. This is far from true in most of 
Bennett’s oscillo,grams. 

The corona current curves of Whitehead and Inouye 38 
were also taken in a cylinder too small to allow the full 
effect of the space charge. There is evidence in some of 
these curves that a part of the space charge was return¬ 
ing but it is also certain that a part of it did not return. 
It is impossible to know how nearly these curves repre¬ 
sent the normal alternating condition. 

The curves taken on transmission lines, 15,16 are the 
only ones allowing sufficient room for the full effect 
of the space charge and in these the corona current is a 
very small part of the total current, so that its true 
shape is difficult to determine. It would be very 
interesting to see the changes in the wave form of the 
current as the effect of the space charge is reduced by the 
size of the cylinder. Also the ratio of the average to the 
effective value of the corona current is of practical value. 

Approximate Formula for Corona Currents 

As seen above, an exact solution of equation (13) for 
the corona current seems impossible. However, an 


approximate solution may be obtained by assuming 
that all of the space charge is formed previous to the 
crest of the voltage wave and that it is just sufficient to 
support the rise in voltage above the corona voltage at 
the crest of the voltage wave. In order to make the 
calculations possible we must also assume that at the 
crest of the voltage wave this space charge is concen¬ 
trated on a layer of equivalent radius L' as was pre¬ 
viously done. (The method used for approximating L' 
will be given later.) 

As shown above, the surface charge per unit length 
of the corona wire never exceeds the value q which it 
attains just at the corona voltage V'. Any increase in 
the voltage causes ionization and the formation of a 
space charge around the wire which absorbs the excess of 
the voltage above the corona value. 

If we measure the current into a wire from zero 
voltage up to a voltage above the corona voltage we 
observe a current relation as shown in Fig. 19. There 
is a sharp break in the current curve at the corona volt¬ 
age V'. At any voltage V above the corona voltage the 



current may be resolved into two parts; I' a constant 
part due to the surface charge on the wire and I due to 
the space charge around the wire. This part due to 
the space charge we will call the corona current. Let 
Q represent the maximum value of the space charge per 
unit length of wire in statcoulombs, l the length of the 
wire in cm., and / the frequency in cycles per second. We 
have then that the corona current (average value) is 


lav 4 Qfl (Statamperes) ( 14 ) 


Since the space charge Q must support the excess of 
the voltage above the corona voltage, (by our assump¬ 
tion above) we have, if we assume Q concentrated on a 
cylinder of radius I/, 


V" - V' 
2 log b/L' 



where V" and V' represent the maximum values of the 
impressed and the corona voltages respectively in 
statvolts, b is the radius of the outside cylinder in cm., 
and L' is the radius of the equivalent space charge 
layer in cm. See Fig. 20. • 
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We may determine L' as follows. Let the impressed 
voltage be, 

v = V" sin w t, 

and let 6' be the value of w t when the instantaneous 
voltage has risen to the corona value such that, 

y / = y ,/ sind / 

We have then 

•I V " 2 - y /2 

eos e ' “ \-- (16) 

We will now assume that the entire space charge is 
formed at an equivalent instant V" such that 

cos d' 1 - 

cos io t ,n = — i — = -^yr v y ,/2 - y /2 (i7) 

See Fig. 21. (The introduction of the factor 4 must be 
considered as a purely arbitrary assumption. However, 
it[is justified by the fact that the first charge formed will 
tend; to neutralize the returning space charge. There¬ 
fore the center of the formation of the space charge will 
bp displaced toward the crest of the voltage wave. 
The introduction of the factor 4 is nearly equivalent to 
assuming that the formation of the space charge is due 
to the rise in the impressed voltage with the assumption 



Fig. 20 


that the first half of the space charge formed neutralizes 
the returning space charge and that therefore the 
center of formation of the useful space charge is at the 
point where three-quarters of the entire charge has been 
formed. Oscillograms would be of little use m deter¬ 
mining the center of formation of. the space c arge 
because there is no way of distinguishing between t e 
current due to the return of the previous space charge 
and the formation of new space charge.) . , 

Calculating now by equation ( 4 ) the distance L that 
the charge formed at the equivalent instant wi 
travel by the time the voltage reaches the crest value, 

we have 




where K is the mobility of the ions, and the other 
symbols have the values assigned to them above. K is 
practically an arbitrary constant and the value of 
4 cm./sec. per volts/cm. was adopted because it gave 
the best agreement with the observed values. However, 
this value for the average mobility of the positive and 
negative ions agrees well with what might be expected 


I 



Fig. 21 


from the measurement of the maximum mobility in the 
first part. 

It must also be noted that the value of K is dependent 
on the arbitrary factor 4 introduced above. We might 
combine these two arbitrary constants but we would 
then lose sight of the theoretical significance of the two 
parts of the arbitrary constant. From theoretical 
considerations the first constant was thought to be 
approximately 4 and having introduced this, a value of 
K was chosen to give the best agreement with the 

observations. _ 

Our formula for the corona current in practical units 


is now, 


I on 


/ ipr - y o 

4.5 log b/L' 


X io - 11 


( 19 ) 


and L’ has the value 

ti = J 1 - W’ s - V’- (20) 

V 71 -/ log b/a 

I av = average value of the corona current in amperes 
/ = frequency in cycles per second 

l = length of the corona wire in cm. 
y» — maximum value of the impressed voltage in 

volts 

V' = ma ximu m value of the corona voltage in volts 
b = radius of outer cylinder in cm. 
a = radius of corona wire in cm. 

In order to apply this to a two-wire transmission line 

we have the f ollowing changes: 

V" = ma ximum value of impressed voltage to mid¬ 
point between wires (ground) 
b = distance between wires, in cm. 

This formula is not applicable unless all of the space 
charge formed on one half-wave returns on the next. 
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When a wire and concentric cylinder are used the 
cylinder should be so large that the space charge does 
not reach the cylinder. The size of cylinder required of 
course depends on the frequency, size of wire, and the 
rise of the voltage above the corona voltage. The 
radius required in any case can be determined by 
calculating the distance traveled on any half-wave, by 
the ions formed just as the instantaneous voltage reaches 
the corona voltage. This distance may be calculated by 
assuming the ions to have a mobility of 10 cm./sec. per 
volt/cm. For 60 cycles on a No. 10 wire with a 



voltage twice the corona voltage the radius of the 
cylinders should be about 30 cm. This was checked 
experimentally. 

In case parallel wires are used the space charge should 
not go more than half way between the wires for it will 
then meet the space charge from the opposite wire. The 
necessary distance between the wires may be calculated 
by using the gradient along the line joining the wires 
and assuming a mobility for the ions of 10 cm./sec. per 
volt/cm. as above. For No. 10 wires with a 60-cycle 
impressed voltage twice the corona voltage, the distance 
between the wires should be about 60 cm. This value 
was also checked experimentally. 

Measurement of Corona Currents 

CorOna currents were measured in two large cylinders 
by rectifying the charging current to a central section of 
the cylinder through three-electrode vacuum tubes with 
grid connected to plate. -The current was measured by 
a calibrated D’Arsonval galvanometer which could be 
connected to measure either the positive or negative 
waves. A diagram of connections is shown in Fig. 22. 

Power was supplied by a 50-kv-a. 60-cycle motor- 
driven generator. The voltage was maintained by a 
Tirrill regulator. However, the speed was subject to 
fluctuations of about 1 per cent. By means of the tap¬ 
changing transformer and auto-transformers shown, the 
voltage could be varied by steps of one volt from zero 
to 240 volts. This arrangement was used to avoid wave 
distortion at varying voltages. The voltage was mea¬ 


sured from a calibrated tertiary coil on the 10-kv-a. 
120/240 to 100,000-volt high-tension transformer. The 
transformer was used only on the 240-volt connection. 

The galvanometer G was shunted by the combination 
of resistances R and S for varying its range. It was 
calibrated by connecting a known e. m. f. and a known 
R' in series with the galvanometer and its shunt. The 
opposite side of the circuit was balanced by a resistance 
T equal to the resulting resistance of the galvanometer 
and its shunt. By means of the switch S 2 the gal¬ 
vanometer could be thrown in series with tube 1 or 
tube 2. A reversing switch in the galvanometer circuit 
was provided (not shown in figure) to keep the gal¬ 
vanometer deflection in the same direction for both 
tubes. 

Switch 1 permitted the rectifying and measuring 
device to be thrown in series with either cylinder A 
or cylinder B. Cylinder A. was 61 cm. inside diameter 
and composed of a central section 62 cm. long and a 
guard ring on each end of approximately the same 
length. The central section in which the current was 
measured was screened from stray fields by a gauze wire 



Fig. 23 —Corona Current Curves. Aver auk Vapue ov 
Half-Waves. Diameter Cylinder 61 Cm. Active Length op 
Wire 62 Cm. Frequency 64 Cycles. 

around the outside. The separation between the 
central and end sections was about five mm. 

Cylinder B was 155 cm. in diameter. It was com¬ 
posed of a central section 154 cm. long and guard rings 
on each end of approximately the same length. As in 
cylinder A, the central section in which the current 
was measured was carefully screened. The separation 
between the central and end sections was about five mm. 
as in cylinder A. 

Measurement of the insulation resistance and 
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capacity to ground of the central sections of cylinders 
.4. and It, and of the plate voltage required for the 
rectifying tubes, showed that the error caused by the 
admittance to ground of the central sections of the 
cylinders was less than 0.5 per cent. 

The charging current of the central section of each 
cylinder was measured for three sizes of wire, up to a 
voltage at, least; twice the corona voltage. These 
values are shown in Pigs. 2d and 24. The currents 
plotted are .rectified halfwaves, and therefore represent 
half of the total current expressed in average values. 

The readings of the positive and negative half waves 
were equal except when t he space charge began to reach 
the cylinder. Tim symmetry of the current waves is no 
indication that the positive and negative space charges 
are equal because any half wave measures the outgoing 
charge of one sign and the returning charge of opposite 



HIGH II N'WN VOt TAUf IN KILOVOLTS 


Phi, 2i Cormna CruimNT (hotvisa. Average Vamib op 
Half-Waveh. I ) jam mam t»e Gymndbu 155 Cm. Effective 
Lin noth of W i im 154 t -M, Frequency <H Cycler 

sign. 'Huh is not true when the cylinder is small. 
With small distances between the. wire and cylinder 
the current corresponding to t he formation of negative 
space charge exceeds tin* current corresponding to the for¬ 
mation of positive space charge. This may be explained 
as due to a decrease in the return of the negative space 
charge or on increase in the formation of the negative 
space charge. The voltage corresponds roughly to the 
voltage at which the negative charge should reach the 
cylinder and it seems most probable that this difference 
is due to a decrease in the return of the negative space 
charge. This indicates that _ the negative space 
charge reaches the cylinder first, which is in accord with 
our previous determinations of the mobility of the 
negative space charge for this voltage, ft or the large 
cylinder it was not possible to raise the voltage to such a 
value that the positive and negative current half waves 
became unequal. 

CAIXItlLATiON OF COltONA CURRENTS 

In the calculation of the corona currents the corona 
voltage is determined experimentally from the break in 
the current curves* A comparison of the observed 


values of the corona voltage with the values calculated 
from the formula of Whitehead and Brown, Peek, and 
Whitehead and Isshiki are given in Table V. 

The ratio of the maximum voltage to the effective 
voltage at 240 volts for the generator used had been 
previously determined by oscillograms to be 1.46. 
This value is used in the calculations of the corona 
current. The calculated values are shown by crosses 

table v 


Cylinder 

dia. 

Cm. 

Wire 
<11 a. 

cm. 

Observed 
lev. eir. 

Corona voltage 
calculated by formula of 

. . . _ i. 

Eq. 2 
kv. elf. 

White¬ 
head and 
Brown 
lev. elf. 

Book 
lev. elf. 

White¬ 
head and 
Isslvlld 
kv. oir. 

<11 

0.040 

8,7 

10.27 

9.03 

9.02 

9.35 

<51 

0.1(50 

20.0 

20.0 

19.8 

20.2 

18.7 

61 

0.200 

2(5.5 

27.0 

20.0 

20.8 

24.7 

155 

0.040 

10.5 

11.05 

11.55 

11.53 

10.88 

155 

0.1(50 

23.0 

24.5 

23.2 

23.7 

22.0 

155 

0.2(50 

30.0 

33.5 

31.0 

32.(5 

30.1 


on the curves of the observed corona current Pigs. 23 
and 24. 

The agreement is entirely satisfactory in all cases. 
Any differences between observed and calculated cur¬ 
rents are of the order of the probable experimental 
error. The agreement is even more impressive when 



RISE OF. VOLTAGE ABOVE OBSERVED CORONA VOLTAGE IN KILOVOLTS 
(EFFECTIVE LINE VOLTAGE) 

Fig. 25.Corona Current Calculation. Tests of W. W. 

Lewis, A. I. 33. E.Thanh., Vol. 40, p. 1059. Three Phase 
Lin io Wires in Vertical Plane. Length 101.5 Mi. Bracing 
12 Ft. Conductors No. 0, Seven Strand. Diameter 0.19 
In. Frequency 30 Cycles 

we notice that the voltage range is quite wide, In 
Fig. 23 the voltage was raised to nine times the corona 
voltage for the small wire. This indicates that the 
corona current formula is of the correct mathematical 
form. 

The corona currents are also calculated for the three- 
phase transmission line studied by W. W. ‘Lewis. 37 
This line consisted of three 110,000-eir. mil, seven- 
strand conductors spaced 12 ft. in a vertical plane. The 
length was 101.5 miles, and the radius of the conductors 
was 0.19 in. The corona voltage is here agaip deter- 
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mined by the break in the charging current curves given 
by Lewis. In calculating the corona current, voltages 
to neutral are employed. The measured currents are 
in effective amperes. In order to convert the corona 
current from average to effective values the factor 1.11 
is used—(the ratio for a sine wave.) This is open to 
criticism but no better method presented itself. A 
comparison of the observed and calculated values for 
this transmission line is given in Fig. 25. 

The agreement is” surprising when we consider the 
possible causes for discrepancy. Among these causes 
may be mentioned; 1, the fact that the voltage rose 
about 10 per cent along the line so that different parts 
of the line were at different stages of corona formation; 
2, the space charge around the wire with corona on it 
distorted the electric field and therefore the neutral of 
the system (this may cause a shift of the voltage away 
from the corona wire); 3, the ratio of the effective to 
the average value of the current is probably not 1.11 
as assumed; 4, the frequency of these tests was 30 
cycles while the formula fcr corona current was de¬ 
veloped for 60 cycles. 

Summary 

1. The spectrum of corona shows the band spectrum 
of nitrogen indicating that only the nitrogen breaks 
down in a corona discharge in air and that the ionization 
produces electrons and positively charged nitrogen 
molecules rather than a dissociation of nitrogen mole¬ 
cules into atoms. The electrons even in the high 
electric field around corona wires almost immediately 
attach themselves to molecules (probably of water 
vapor or oxygen), forming ions as seen from the mobility 
below. 

2. The air was rendered more conducting by a 
quartz mercury arc and the saturation current mea¬ 
sured as the voltage approached the corona voltage. 
The corona voltage lies somewhat above the first rise 
of the saturation current due to ionization by collision. 
Saturation curves taken on copper and magnesium wires 
show no influence due to the material of the conductor. 
This indicates that the positive ions are active ionizing 
agents as Towsend has assumed. 

3. Corona forms on the positive half-waves of an 
alternating impressed voltage about 2 per cent below 
the voltage required to form corona on the negative half¬ 
waves. (This has been tested only at atmospheric 
pressure for wires between No. 25 and No. 10 B. & S. 
gage.) The first appearance of positive corona does not 
give appreciable sound nor light, and ions due to this 
corona do not penetrate the air to a distance greater 
than about 8 cm. (for a No. 10 wire at atmospheric 
pressure). 

4. The amount of ionization on the positive half¬ 
wave becomes very much more copious with the appear¬ 
ance of corona on the negative half waves. 


5. The observed voltage for positive corona was 
found to be much less subject to errors due to surface 
irregularities and the divergence of the field, than the 
observed voltage for negative corona. This is to be 
expected from similar work on the continuous corona. 

6. . The ions formed around a corona wire, during any 
half-wave, which are of the same sign as the potential 
of the wire, are driven out from the wire forming a space 
charge. This space charge moves out from the wire 
until the voltage reverses. It then returns to the wire. 
Thus the space charge is able to penetrate the air around 
the wire only to a definite distance, or may be said to 
have a boundary. This boundary of the space charge 
varies with the corona voltage, the rise in voltage above 
the corona voltage, and the frequency. Diffusion 
reduces the sharpness of the boundary of the space 
charge. (See Figs. 14 and 15.) 

Since the space charge formed on any half-wave' 
returns to the wire on the next succeeding half-wave, 
we must consider during a half-wave two approxi¬ 
mately equal space charges, one space charge of the 
same sign as the potential on the wire traveling out, and 
the other space charge of the opposite sign to the 
.instantaneous potential of the wire and returning. 

7. The mobility of the ions formed in the corona 
discharge was calculated from the boundaries of the 
space charges. The mobility of the positive ions was 
found to increase with the rise of the voltage above the 
corona voltage from about 1.3 to 10 cm./sec. per volt/ 
cm. The mobility of the negative ions was found to 
rise with the increase of the voltage above the corona 
voltage from about 1.6 to 10. cm. sec. per volt/cm. 

The curves of mobility of positive ions plotted against 
rise in voltage above the corona voltage indicate a 
limiting value of the mobility of about 10 cm./sec. per 
volt/cm. This is in good agreement with the value 
9.85 calculated by Loeb 48 from LangeviiTs equation. 
The curves for the mobility of negative ions do not 
indicate that a limiting maximum value is probable. 

8. An analysis of the conditions of corona formation 
indicate that the gradient near the surface of the wire 
can never rise above the value it has at the corona 
voltage. This requires that the surface charge on the 
wire be constant for all voltages above the corona 
voltage and that the space charge support any rise in 
the voltage above the corona voltage. The differential 
equation of the corona current based on these conditions 
does not admit of a simple solution. 

9. An approximate formula for the average current: 
due to the space charge has been derived by the aid 
of certain empirical assumptions. This formula gives, 
a good agreement for the corona currents measured in 
two large cylinders. The corona currents were cal¬ 
culated by this formula for a 101.5-mile three-phase 
transmission line and the agreement is reasonable, 
with the measurements made on this line by W. W., 
Lewis. 37 
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Discussion 

Joseph Slepian: One thing that Mr. Willis brings out and 
which is worth emphasizing is that the beginning of corona is not 
the point where ionization by collision begins. This is important 
because very frequently in the past it has been assumed that the 
beginning of ionization by collision is also the beginning of 
breakdown or of corona under various conditions. Mr. Willis has 
shown by his experiments here that the corona comes at a 
higher gradient than that at which appreciable ionization by 
collision occurs and that corona sets in when a sufficiently great 
cumulative reaction takes place between the ionization produced 
by collisions of the negative ions and that produced by collisions 



Fia i —Two-c. m. Sphere-Gap Sparking Voltage at 
Various Frequencies 


of the positive ions. Hence the gradient at w hich the corona 
begins is not a constant of the gas but also depends upon the 
geometrical configuration of the electrodes; that is, it depend* 
also upon the radius of the wire and the distance to the other 
electrode. 

Alexander Nyman: 1 should very much like to see this work 
extended to include operation at high fi equency. 

Probably many people are familiar with the fact that at high 
frequency the corona begins to appear at much low er \ oltage than 
at 60 evcles; in fact, perhaps two or three times lower at fre¬ 
quencies as high as 1,000,000 cycles. At frequencies as high as 
5,000,000 or 10,000,000 cycles, corona begins even at lower 
voltages than this; it is possible to observe a corona on sharp 
points at 1000 or 1500 volts. This fact became apparent in the 
first place during the measurement of voltage on static condenser* 
and on insulators for condensers for use on power transmitting 
stations. A sphere-gap calibrated at high frequency showed 
values as illustrated in the accompanying figure from ^liieh it w 
evident that the sparking voltage at 1,000,000 or _,000,000 
cycles is considerably lower than at 60 cycles. At 10,000,000 

cycles these voltages are lower yet. 

Now, it is evident that the discharge between sphere-gaps is 
not of the- nature of corona, but the reduction between the 
sphere-gaps brought to the attention a similar reduction of 
discharge voltage between sharp points and it was then even more 

C °Witrthe S spacing of Y% in. and a frequency of 10,000,000 cycles, 
a sparking distance of 4000 or 5000 volts is quite usual between 
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edges which are not strictly sharp. Of course, with sharper 
edges this voltage is considerably lower. The question will 
arise “How do we know that this is a correct voltage measure¬ 
ment?” The process to ascertain this fact is rather lengthy, but 
consists in general of the following: 

A static condenser, which remains constant at different 
frequencies, and a measurement of current and frequency gives a 
measurement of voltage. 

The measurement of current may be again in doubt, but can 
be assured by a proper design of an ammeter, suitable for this 
specific purpose. 

W. A. Del Mar: On the third page of Mr. Willis’ paper there 
is this statement: “The results of the corona ionization are 
electrons and charged nitrogen molecules. The absence of the 
oxygen spectrum indicates that the nitrogen alone is ionized, or 
that the oxygen does not play any appreciable part in. the corona 
ionization.” On the sixteenth page there is something which 
appears to be contradictory. Under “Summary,” paragraph one 
it says: “The electrons, even in the high electric field around 
corona wires, almost immediately attach themselves to molecules, 
(probably of water vapor or oxygen), forming ions as seen from 
the mobility below.” Oxygen is here mentioned as one of the 
types of ions, whereas in the preceding paragraph it is said to 
have practically no part. I slumld appreciate an explanation. 

H. J. Ryan and J. S. Carroll: (communicated after ad¬ 
journment) Three papers have been presented to the Institute, 
heretofore, that deal largely with the space charges which sur¬ 
round conductors in alternating corona a,b - c . These papers are 
not mentioned in the bibliography given at the end of the paper 
and no reference is made to their conclusions, which are quite 
different from those here presented. The facts presented in the 
proceeding papers were obtained by quantitative studies of the 
whole space charge that surrounds a conductor in corona duo to 
high voltages at low frequencies,—generally GO cycles. The 
studies reported in the papers presented at Seattle, b 1925, 
and Salt Lake City, 0 1926, included the cyclic time element 
and the radial positions of the space charges. 

The electrodynamic behavior of the ions in the alternating 
corona cycle is far too complex and too little understood, as yet, 
to enable anyone to formulate a theory of tho space charge such 
as attempted in this paper. The author is apparently convinced 
that the integrity of his theory is ample to warrant him in setting 
forth the complete quantitative behavior of the space charge from 
qualitative observations of diffuse remnants of alternating space 
charges with the determinations of the radial positions incomplete 
and the cyclic time elements wholly omitted. 

We submit that one cannot .inform himself reliably about these 
space charges by that sort of procedure and that he certainly 
cannot help others. Surely knowledge of all facts that it 
is possible to obtain must como first; tho facts must be studied 
thoroughly to develop an understanding of their mutual relation 
and then only can a theory be formulated and put forth to assist 
others to acquire, with economic effort, such understanding. 

Dependable knowledge as to these space charges is of un¬ 
doubted importance in high-voltage engineering. Wo regret that 
Mr. Willis has made it so difficult for us to join in a more hearty 
welcome to him with his results, as a worker in. this field in which 
we hope we can all continue to work unremittingly. Wo earn¬ 
estly trust that we will soon be able to resolve our differences with 
understanding, so that we can present the facts about these 
space charges, without confusion, to the membership of the 
Institute. 

C. H. Wil lis: I appreciate Dr. Slepian’s emphasis of the fact 

a. H. J. Ryan and H. H. Henline. The Ifijslercsis Character of Corona 
Formation. A. I. E. E. Trans. Vol. 43,1924, p. 1118. 

b. O. T. Hesselmeyer and J. K. Kostlco. On the Nature of Corona 
Loss. A. I. E, E. Trans., Vol. 44, 1925. p. 1016. 

c. J. S. Carroll and H. J. Ryan. The Space Charge that Surrounds a 
Conductor in Corona at 60 Cycles. A. I. E. E. Journal, Vol. 45, p. 1136, 

Nov. 1926. 
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that the corona gradient is not the beginning of ionization by 
collision. In ionization by collision wo are measuring average 
effects, but the probability of ionization at any particular 
collision between an ion and a molecule depends on the actual 
free path which the ion has just traversed and also on tho type of 
collision. The saturation current in the gas increases as the 
voltage rises and the explanation of this increase is ionization by 
collision. We cannot, however, pick any particular voltage as 
the point where ionization by collision begins. 

In corona, the current rises abruptly at a certain voltage. 
The explanation is that at Ibis voltage tho ionization has become 
cumulative to such an extent that it would haul to a short circuit, 
but for the action of tho space charge. 

Mr. Nyman speaks of the lowering of the voltage at high 
frequency. IT is remarks were quite interesting to me. Tlie 
only work T know‘of in this regard is tho work by Gorton and 
Whitehead, in which they found the corona gradient to be 
affected to about two or three per cent at frequencies up to 
3600 cycles per second. I should be very much interested in 
seeing further work if it has been published. 

In regard to Mr. Del Mar’s question, 1 believe my statement; 
was that the nitrogen played the main role in ionization by 
collision. We have in the air a mixture of Nt molecules and 
Pa ■ molecules. There are, of course, two ways in which we may 
produce ionization. We can dissociate the molecules into N 
plus and N minus. This would give a, line spectrum. There¬ 
fore, this is not the form of ionization which occurs ill corona, nor 
does that occur except at very much higher gradients than the 
corona gradient. But the band spectrum indicates that tho 
N'z molecule breaks up into a positively charged N » molecule 
and an electron. Wo must remember that t he electron has a 
mass of Vih hundredth of the hydrogen molecule and therefore, 
is very much smaller than a nitrogen molecule. The probable 
mobility of the nitrogen molecule is around 10 cm./sec. per 
volt/cm. I had expected in this work to find that the negative 
space charge would have a very high mobility and would pene¬ 
trate tho air to a very much greater distance than the positive 
space charge. To my surprise, 1 found that t he two charges 
penetrated to practically the same distance, and the con¬ 
clusion which follows is that the electron attaches itself to a 
molecule very quickly forming an ion. 

The nitrogen molecule is ionized and the electron then attaches 
itself either to a water or oxygen molecule to produce an ionic 
carrier rather than an electronic carrier. The reason that I 
conclude that the electron attaches to water vapor or oxygen is 
the fact that water vapor and oxygen have a very much higher 
electron affinity than nitrogen. We would expect that tho 
nitrogen would not attract the electrons, from the work done 
by physicists. 

The author wishes - to apologize for Urn omission of the 
paper by Messrs. Ryan and Henline, from his bibliography. 
The bibliography however is by no means complete, as only those 
papers are given which seemed to have a direct hearing on our 
work. The other papers men tioned by Messrs, Ryan and (larroll 
were published after this work was pin,lined and the bibliography 
prepared. 

We feel that the criticism of Messrs. Ryan and Carroll that our 
work was qualitative is hardly justified. Tins method of de¬ 
termining the total space charge by measuring the rectified 
current is probably the most accurate method, and is certainly 
not subject to the very serious criticisms which may be made 
against the other methods which have been employed, ({. e. t that 
these methods either limit the space charge or distort the field 
or both.) 

We also feel that any serious criticism of our generalizations 
in regard to the space charge, which are used in developing the 
expression for the average value of the corona current, should 
include a demonstration of the inaccuracy of the expression tor 
the corona current. 
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Synopsis- I lulu /rum a targe number of tests on several types of 1,250,000 kv-a., and (<?) 132 lev., 750,000 kv-a. 1 hesetests wete 
oil cirvnit Ur> ah re tin- given in thin paper. The tests wore made on 'made on power systems having sufficient connected capacity ’ to niau, 
breakers with the fallowing ratings: (a) 150 km, 1,500,000 kv-a.; the. tests conclusive. Complete data arc tabulated and oscillograms 
(/,) hr., ,vw o,i mtt kv-a.; Hi Toot ) volts, 7500 kv-a.; (d) 132 kv., arc shown. Some valuable- conclusions resulted from the Usui*. 


Introduction 

1 UIK American Las and Electric Company has 
carried mil a, number of tests on high- and low- 
* voltage oil circuit breakers, these tests falling into 
three principal groups which are as follows: 

1. 'The first group of tests was brought about by 
the purchase from the Brown Boveri Company of a 
number of 150-kv. and 35-kv. breakers, the acceptance 
of which was made conditional upon the results of 
rupturing capacity tests. The 150-kv, breaker, de¬ 
scribed and illustrated more fully in later paragraphs, 
is of the* round tank multiple break typo equipped with 
oil tilled 1 fiO-kv. bushings. A total of 10 breaks per 
pole is employed using simple ball type butt contacts. 

Although it was not possible to obtain sufficient 
short-circuit current, at any point on the interconnected 
ITTkv. system of the American Gas and Electric Com¬ 
pany to test the breaker at its full rated interrupting 
capacity of 1,500,000 kv-a:, it. was fell,, nevertheless, 
that, a series of t est s at t he maximum capacity available, 
approximately 750,000 kv-a., would serve to indicate 
whether the breaker would be acceptable lor the in¬ 
tended service. The Sutmyside Substation of the 
Ohio Bower f umpany at Canton, Ohio, was selected as 


the various generating stations on the interconnected 
system through the intervening lines between Sunny- 
side Substation and the generating stations. 

The 35-kv. breaker was of the plain break type, two 
breaks per pole, with all three poles in one rectangular 
tank. Several of these switches had been purchased 
subject to the results of tests to be made at 22 kv. 
(the only voltage of that class available at Sunnyside 
Substation) and carried to the full breaker rating of 
250,000 kv-a. 

2. The second group of tests, conducted at Schenec- 
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Fiu. 1 nnm\ s- Bi.vf.iii l.W-Kv. Bkkakfu in Position koh 
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riN.i Ki i.wi¬ 
the logical place to carry out the tests, since not only 
was it. possible to obtain a maximum concentration of 
short-circuit capacity at. that point, but also because the 
particular point being a substation, any short circuit 
placed oil the system there would be divided between 

1. Belli „f .he American tta and Blootrio Co., 30 Chur* St., 

' l'mu ntnl niHit Winter fmmntien „/ the A. I. V. E., New Yorl, 
N. Y„ fthrmiry 7-11. 1IH7. 


Fig. 2—UiHMait Riotb Contacts (Invkktkd) and Onm Set 
ok Bauhikrs 

ta<ly, using the regular testing equipment of the General 
Electric Company, was made on one unit of the Eeyrolle 
compound filled switchgear, type C-l-ORD, rated at 
7000 volts, 400 amperes, and having a guaranteed lup- 
turing capacity of 75,000 kv-a. As in the case of the 
Brown Boveri breakers a number of these units had been 
purchased subject to satisfactory perfoi mance under 
short-circuit tests. These tests, more fully described 
later, were made first at 2300 volts beginning with less 
than rated duty and carried to a point considerably 
beyond the rating, and later at 0600 volts at moio than 
full 

3 . The third group of tests was made on two General 
Electric Company breakers, the breakers selected being 
two 132-lev. breakers, one of them an FHKO-39-B 
and the other an FHKO-136-B. The first, that fa, the 
FHKO-39-B, had a rated rupturing capacity of 
1,250,000 kv-a. This breaker, as is well known, is of 
the round tank, explosion chamber type. The other, 
the FHKO-136-B, is rated at 750,000 kv-a. and is of 
the oval tank explosion chamber type. It was felt 
that a short-circuit test on this breaker at the Sunny- 
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side Substation, where a capacity practically equal to 
the breaker rating was available, would serve as an 
excellent check on the design principles embodied in 
other high-voltage breakers of the same type. 

Tests on the Brown Boveri Type 2 A F 24/1A 
150,000-Volt Oil Circuit Breakers 
The general appearance of the 150-kv. Brown 
Boveri breaker is shown in Fig. 1. This illustration 



Fig. 3—Diagram op Test Connections for the Brown 
Boveri 150-Kv. Breaker Tests at Shnnyside Substation 

also shows the method of mounting the breaker and of 
bringing the leads on the short-circuit side to a small 
shelter in which were placed the 2500-ampere current 
transformers and the relays used in tripping the 
breaker. The foundation for the breaker consisted 
of heavy timbers placed directly on the ground as 
shown. 

The breaker tanks have a diameter of 653^ in. and a 
height of 8 ft. 10 in. from the truck wheel to the center 
line of the horizontal operating shaft. The ball type 
contacts are shown in Fig. 2, which is a view of the upper 
stationary contacts in an inverted position. The upper 
contacts are rigidly attached to the lower end of the 
bushing. Fig. 2 also shows an assembly of flash barriers 
placed between the contacts. 

Diagram Fig. 3 shows the test connections and rela¬ 
tive location of equipment. The test breaker was con¬ 
nected solidly to the Alliance 132-kv. circuit at the 
first tower outside of the substation yard, the G-2 
switch on this line serving as a back-up breaker. The 
current transformers used for obtaining current records 
were Westinghouse type FB 2500 amperes, 2300 volts 
indoor busbar type with the insulation reinforced by 
adding a micarta tube three in. in diameter, three ft. 
long, with a %~m. wall, and wrapping the bare 4/0 
conductor with varnished cambric to a thickness of 

2. See also Electrical World of May 9,1925. 


approximately 3^-in. before placing the tube and current 
transformer over it. It was felt that this insulation 
would withstand any voltage that could be built up 
on the grounded side of the switch even though the 



Fig. 4—System Diagram Showing Capacity Available 
for Brown Boveri and General Electric Oil Circuit 
Breaker Tests 

Explanation of Diagram: 

Lalteshore 7 generators; total 226,000 kv-a. 2.10 per cent on 30,000 
kv-a. Two 30,000-kv-a. banks, 7.2 per cent each.. 
Two 66 lev. cable circuits each 8 mi., 1/0 cu. 6.1 in. flat 
spacing. 

Oak Avenue Two 30,000-kv-a. transformer banks 4.8 per cent each. 
Gorge Plant (1) Several transformers total 6.6 per cent on 30,000 kv-a. 

(2) Several 22-kv. circuits total reactance 13.7 per cent on 
30,000 kv-a. 

South Akron Two banks 11.4 per cent each, on 30,000 kv-a. 

Sunnyside Two 7500-kv-a. condensers 11.5 per cent each. Two 
transformer banks 11 per cent each on 30,000 lcv-a. 
(132-kv. to 6.6-kv. windings). 

Phil0 Two 42,100-kv-a. generators, 13.7 per cent each. Two 

45,000-lcv-a. banks 8.9 per cent each. 

Windsor Five 30,000-kv-a. generators 15 per cent each. Two 

50,000-kv-a. banks 8.4 per cont each. Reactors each. 
30,000 kv-a., 5 per cent. 

Note: On all tests using full capacity available, all 
reactors were short-circuited. 

Transmission Cleveland-Akron 200,000-cm. copper, 16.6 ft. effective 

Lines spacing. 

Akron-Canton 200,000-cm. copper, 13,6 ft. offoctivo 

spacing 

Windsor-Canton 200,000-cm. copper, 15.9 ft. effective 
spacing. 

Pliilo-Oanton 336,400-cm. AOSR, 16.6 ft. effective 

spacing. 

ground connection was not of particularly low resis¬ 
tance. The breaker tanks were grounded to separate 
ground pipes driven near the tanks and not tied in 
with the short-circuit ground connection. 

Professor H. E. Dyche who, assisted by Professor 
E. R. Rath, both of the University of Pittsburgh, was 
engaged to take oscillographic records and to furnish. 
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the necessary equipment, had added to an original 
Siemens and Halske oscillograph a number of automatic 
features making it possible to start the film at an exact 
predetermined time delay after the actual closing of the 
test breaker control circuit, and to automatically 
stop the film after a predetermined travel. This 
feature made it possible to record as many as four shots 
on one film without reloading the instrument even 
though the shots were made in rapid succession. A 
film taken in this manner is shown in Fig. 6. 

Complete results of all tests including data on the 


system set-up are summarized in Table I. The system 
data given will be sufficient, when combined with the 
system diagram Fig. 4, to show the set-up for each 
test. 

Beginning with a standard duty cycle of 2-0 C 0 
shots with a two-minute interval and with a system 
set-up calculated to give approximately 225,000 kv-a., 
the duty on this breaker was increased by steps until 
on Tests No. 16 to No. 26 the full system capacity 
available was applied. 

After Test No. 5 the oil was drained from one tank in 


TABLE i 

RESULTS OF TESTS ON 150-KV. BROWN BOVERI OIL CIRCUIT BREAKER 


Duty cycle and 
system set-up 


2-0 CO 2-min. inter¬ 
val 4 gen. at Wind¬ 
sor 2 lines, 2 banks 
reactors in.. 


l-OCO to test oscil¬ 
lograph. Same set¬ 
up as Test 1. 


2-OCO 2-min. inter¬ 
val. Same set-up 
except no reactors 
at Windsor and 2 
condensers at Can 
ton. 


Test 

number 


8-0 GO in rapid suc¬ 
cession. Interval 
approx. 10 sec. 
System same as 
Tost 4. 


Test 

voltage 


140,000 

140,000 


150,000 


. Recovery volts 


Peak 
value 
line 2-3 


177,000 

192,000 


2-000 2-min. system 
as in Fig. 4 except 
Cleveland off and 
22 , 000 -lcv-a. gen. 
only at Akron. 4 
gen., at Windsor... 


2-000 2-min. inter¬ 
val. System set¬ 
up as in Fig. 4 ex¬ 
cept 22 , 000 -kv-a. 
gen. at Akron 
omitted. 


9 

10 

11 

12 

13 


132,000 


130,000 


14 


15 


16 

17 


2-000 2-min. system 
same as Test 16 
except only 4 gen. 
at Windsor. 


7-000 1-min. inter¬ 
val. System same 
as Test 18. 


135,000 

135,000 

135,000 

135,000 

135,000 

135,000 

135,000 

135,000 


No 

record 


Ditto 


104,400 


Per 

cent 

initial 


Current 


Closing 


89.2 

97.0 


57.8 


Peak 


1990 


R.M.S. 


Initial 
in arc 
R.M.S. 


1190 


Could not 
be read 


3740 


2160 


940 


Duration of 
short, l A cycles 


*Total Arcing 


43 


Could not 
be read 


No oscillogram taken 
Ditto 


134,000 


134,000 


135,000 

135,000 


No 

record 

Ditto 

Ditto 

Ditto 

Ditto 

Ditto 


134,000 


111,000 


196,000 

166,500 


4160 


2400 


Could not 
be read 
3630 1 2160 


70.7 


58.5 


103.0 

87.3 


4270 

3740 

3310 


2490 

2170 

2010 


Could not 
be read 


6920 


4000 


18 


19 


20 

21 


22 

23 


24 


25 

26 


Oscillogram no good 


Ditto 


132,000 

132,000 

132,000 

132,000 

132,000 

132,000 


262,000 

164,000 

No 

record 

180,000 

No 

record 

144,000 


140.0 

87.0 


96.5 


77.0 


8000 

7930 

f7750 

6660 

f7000. 


4680 
4580 

t4480 
4020 

f4150 
Could not 
be read 

ex vi I 4900 


1020 


1260 


1320 


1420 

1435 

1435 

1320 

1435 

1455 


2340 


2180 


44 


38 


37 


36 

38 

40 

37 
36 

t36 


40 


3S 


No record 
No record 


2830 

2800 


2830 

2830 


2860 


2920 

2920 


34 

37 


20 


15 


14 


13 


12 

14 

15 
14 
13 

+13 


Short-circuit 

kv-a. 


Closed 


288,000 


14 


13 


14 

16 


No record 


40 


17 


No record 


39 

34 


16 

13 


Opened 


2SS.OOO 


492,000 


560,000 


520,000 

582,000 

507,000 

470,000 


283,000 


2SS.OOO 


297,000 


Remarks 


Opened O. K. trace of 
smoke. 

Ditto 


Ditto 


930,000 


332,000 

335,000 

335,000 

309,000 

335,000 

340.000 


Ditto 


Ditto 


534,000 


505,000 


Ditto 

Ditto 

Ditto 

Ditto 

Ditto 

Ditto 

Ditto 

Ditto 


Opened O. K. Some 
smoke, slight oil 
throw. Noticeable 
jumping of all three 
tanks. 


1,070,000 

1,040,000 

1,020,000 

926,000 

946,000 

1,120,000 


645,000 

640,000 

645,000 

645,000 

652,000 

666,000 

666,000 


Ditto 

Opened O. K. Much 
smoke on tank No. 1 
and violent jumping. 
Other tanks same as 
above. 


Opened O. K. Some 
smoke. Considerable 
jumping. 

Ditto 


Ditto 

Ditto 


Ditto 

Ditto 


Ditto 


Ditto 

Ditto 
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order to permit examining the contacts. Finding the 
contacts only slightly burned and the oil only slightly 
discolored, it was decided to go ahead with the tests 
without any change of oil in the other two tanks and 
without dressing the contacts. 

The series of eight shots comprising Tests No. 6 to 
No. 13 inclusive, presents an unusual and interesting 
test in that the eight shots were given as rapidly as the 



Fig. 5—Ball Type Contacts op Brown Boviom 
150-Kv. Breaker after Test No. 15 

breaker could be closed, the interval averaging approxi¬ 
mately 10 sec. The short-circuit kv-a. opened on this 
series averaged approximately 330,000 or approximately 
one-fourth of the rated capacity of the breaker. The 
oscillograms for this series of tests are not reproduced 
here but, are of the same general form as those shown 
in Fig. 6. The first two shots were intentionally not 


ground pipe had been made and the test current trans¬ 
formers completely isolated from the station ground. 

Tests No. H and No. 15 represent a standard 3-000 
duty cycle to which was applied the full system capacity 
as shown on Fig. 4 with the exception that Cleveland 
was not connected and at Akron there was connected 
one 22 , 000 -kv-a. generator only. This set -up was 
calculated to give a short circuit of approximately 
525,000 kv-a. Fig, 5 shows t he burning of t he contacts 
which were removed for inspection after Test No, 15. 
Oil samples taken at this time showed slightly more 
discoloration than those taken after Test No. 5, hut the 
oil was in very good condition and tested an average 
of24kv. 

In an attempt to obtain a record of the internal 
pressure on this breaker during the tests, engine type 
pressure indicators were cotmectisl to file tanks through 
a fitting in the center of the manhole cover at the bottom 
of the lank. This method of obtaining a pressure 
record, however, was very madepuate as the pressure 
in the tanks was insufficient to emme any appreciable 
deflection. As near as could he determined, the in¬ 
dicators registered a pressure of approximately 10 lb, 
per sq. in. on till tests, 

During the interval between Tent No. 15, the final 



Fra. *0— Oscillograms for Tishtb 20 ahu 21 


recorded on the oscillograph, but the last six were all 
recorded on one film. The voltage element on the 
oscillograph was burned out at the beginning of this 
series of tests, but the current record was obtained in 
each case. 

Oil samples taken after this series tested, 27 kv. as 
compared with a test of 28 kv. on the oil originally 
supplied to the breakers, and showed only slight 
discoloration. 

It might be of interest to note that considerable 
trouble was experienced in recording the two currents 
on the oscillograph apparently due to stray currents in 
the secondary leads. The difficulty was not overcome 
until an entirely separate ground consisting of a single 


test on March 8, and Tcnf Xu. IB, the? contact* wars 
removed and dressed and fresh nil supplied to th® 

breaker. 

For 1 eats No, 16 to No, 211 inclusive, tin* full »yitem 
capacity shown in Fig, 4 wan applied wst.li the tssctptfoi 
that the 22,000-kv-ti. generator at Akron wan omitted 
and that after Test No, 17 only four generators were 
available at Windsor instead of ilu* origins! five. This 
set-up was calculated to give approximately 740,000 
ft v ® generator*! a i Winrfaorand approximately 
' wu*? k v ~ a ‘ w ft ft four generators at Windsor, 
is \ 0 current records were obtained on Tests No» 
and No. 17, so that the exact value of ruptured kv*4. 
cannot be given, with the five generators at Winder 
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(only four available for Tests No. 18 (;o No. 2(5) and with 
a somewhat higher voltage, it is estimat.cd that the duty 
on those two shots was approximately 700,000 kv-a. 

On Test No. 17 which was tin* second shot of a stand¬ 
ard 2-0('() duty cycle. No. 1 pole nave oil* considerable 
smoke and threw a small quantity of oil from the vent 



are shown in Fig. 6. On all of the shots at the higher 
values of kv-a. a considerable movement of the tanks 
was observable due, it is believed, at least partly to the 
resilient character of the timber • foundations. This 
last series was intended to consist of eight shots instead 
of seven, but, on account of the instability of the timber 
foundations causing considerable movement each time 
the breaker opened, it was agreed that between each 
of the shots the test breaker would be given a blind shot; 
that is, it would be closed and opened with the back-up 



Fkj. 0.Brown Boveri 35-K.v. Type A F 12/36 Oil Circuit 

Breaker as Bet up for 22-Kv. Test 


Eju. 7 (a* Contact** nr Brown Rover: lf>0-Kv. Breaker 

a i i i n t 'ouft.ETioN ok Tests 
(ii) Hum-; View of Same (’• en tacts 

indicating more distress than on any of the other shots 
during the entire series. Nine shots at lull system 
capacity were applied after ibis test without any repe¬ 
tition of this apparent distress so that the leasoti foi it 
on tins shot is not at all cleat*. An examination of the 
barrier between the individual breaks in tank No. ,1 
after 1 he completion oi the tests showed that one 
of them bad been somewhat charred on both sides 
opposite the breaks. This barrier was of a material 


m A 


breaker open so as to make sure that the tanks had not 
been thrown out of alignment to such an extent as to 
prevent tripping. This proved to be a wise precaution 
as the breaker failed to trip on the blind shot made after 
Test No. 26 and no further tests were made. 

The contacts taken from this breaker after Test 
No. 2(5 are shown in Fig. 7. Although considerably 
burned, there was nothing, in the authors’ opinion, 
in the condition of these contacts which would prevent 
the breaker from continuing in service even without 
any dressing of the contacts. The oil was considerably 

. . ~i. .ill , • ‘"feS i ‘ ’ ’ y, t , \ 

i. ‘ l -’lAv .. 

<*• , & aiF 





Diirmysille 


1 

Vui. H ('..N-HriiKV. i "i? Ti,»t on KVKv. Brown Buveri 

Bur \KE» 

different from that furnished with the original breaker, 
as it had been obtained locally and placed in the breaker 
to replace one of the originals which had become 
broken in assembly. Subsequent examination failed 
to reveal any puncture, however, so that the (Ustress 
shown is stilt unexplained unless il was simply due to the 
generation of more than the usual amount of gas an 
smoke caused by the burning of this barrier. , 

AfU-r Ti'fils No. IS ami No. Ill, whtch comprised 
another standard duty eyrie of 2 -OCO shots, a final 
series of 7-000 shots at om-mmute intervals was 
applied. The iisrilloKraphic records of 1 ests J) and il 




Fia. 10 —Front View of 3f5~Kv. Breaker after Iebt. 
Note Crack in Cover and Rivets Sheared off Around 
Tor of Tank 

discolored, but tested an average of 25 kv. as compared 
with 30 kv. for the fresh oil supplied to the breaker 

before Test No. 16. 

Tests oh the 36-kv. Brown Boveri Type A F 12/36 
Oil Circuit Breaker 

The general appearance of this breaker and the lo¬ 
cation and arrangement for test are shown m Fig. 9. 
As shown on Fig. 8, the breaker was connected tempor- 
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arily to one of the 22-kv. circuits radiating from the 
main 22-kv. bus at Sunnyside Substation. 

The 132-kv. bus was supplied only from four genera¬ 
tors at Windsor with two 132-kv. lines and two trans¬ 
former banks at Windsor in service. 

The contacts on this breaker are of the plain break 
type with spring mounted arcing contacts and are shown 
in Figs. 10 and 11. The most distinctive feature of 
this breaker of course is the fact that all three poles are 
placed in one rectangular tank and separated only by 
internal barriers. 

It was planned to give this breaker an initial standard 



Pig. 11 —Interior of 35-Kv. Breaker after Test. Show¬ 
ing Contacts and Broken Barriers 

duty cycle at about 175,000 to 200,000 kv-a. and then 
increase in one or two steps to the full rating of 250,000 
kv-a. The short-circuit kv-a. for the first test as cal¬ 
culated from the system set-up was approximately 
180,000 kv-a. at 0.2 seconds and approximately 200,000 
kv-a. at 0.1 sec. Tests on the over-all time required 
to trip the breaker from the closing of the trip circuit 
until the breaker contacts separated indicated that the 
duration of the short circuit would be between 0.1 and 
0.2 sec. Arrangements were made for taking oscillo¬ 
graphic records of current, line voltage, and arc voltage 
the same as on previous tests on 150-kv. breakers. 

The planned series of tests was carried out, however, 
only to the extent of the first shot, as this resulted in a 
failure accompanied by the oil catching fire. Unfor¬ 
tunately, due to a mishap on the oscillograph, no record 
was obtained of the current and voltage values on this 
shot. As stated above, however, calculations indicate 
that the short circuit was probably in the neighborhood 
of 190,000 kv-a. Fig. 10 shows how the breaker tank 
was dropped on this shot, leaving the contacts exposed 
to the air. In this view is also shown the break in the 


cover casting as well as the two halves of the rivets 
which hold the tank to the angle iron ring at the top 
and which were sheared off, thus allowing the tank to 
drop. The arcing at the exposed contacts of course 
immediately turned into a short circuit, igniting the oil 
and causing the back-up breaker to open. Although 
not visible in the pictures the lower half of one of the 
bushings was stripped of porcelain by the arc. Fig. 11 
is a close-up view of the contacts and the interior of the 
tank showing the manner in which the tank lining and 
barriers were displaced. 

It is regrettable that no determination was possible 
as to the amount of capacity the breaker could actually 
interrupt or as to whether the design could be reinforced 
sufficiently within economic limits to give it a rupturing^ 
capacity of 250,000 kv-a. It was definitely determined, 
however, that the breaker was not up to its rating. 

Tests on Reyrolle Type C 1-Ord-7000-Volt Oil 
Circuit Breaker 

The Reyrolle armor clad compound filled switchgear, 
the circuit breaker portion of which was tested with the 
results given below, is shown very clearly in Fig. 16. 
The upper enclosed compartment contains the bus while 
the lower compartment just beneath the bus contains 



Fig. 12—Diagram of Test Connections for Reyrolle 
Switchgear 

the built-in current transformers designed to take care 
of the individual feeder controlled by the switch. 
Fig. 16 shows the breaker racked completely out in 
which position hinged covers automatically close the 
busbar openings. 

This breaker was purchased subject to the breaker 
being able to meet the guaranteed rupturing capacity 
of 75,000 kv-a. at 2300 volts. To determine this, 
arrangements were made to test one of these units at 
the factory of the General Electric Company at Schenec¬ 
tady using the regular testing equipment consisting of 
the 26700-kv-a., 25-cycle test generator and auxiliary 
equipment. 
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Fig. 12 shows the arrangement of equipment and con¬ 
nections for this test including the current and potential 
transformers used for obtaining voltage and current 
records. The tests were carried out under the super¬ 
vision of American Gas and Electric Company repre¬ 
sentatives, the actual testing personnel of course being 
the regular staff of men employed by the General 
Electric Company for carrying out their own tests. 

The complete results of the tests on the Reyrolle 
breaker are summarized in Table II. In connection 
with this table it is well, perhaps, to point out the 
method employed in obtaining from the oscillographic 
records the total r. m. s. value of interrupted kv-a. 
when the current wave is not symmetrical, particularly 


half the sum of the two ordinates, or five mm. To 
carry this example further, the r. m. s. total current 

J ( is y , j 

for the wave in question would be \ ( J + » 

which is equal to 11.7 mm. As to the method of cal¬ 
culating the total kv-a. interrupted, since the three poles 
were all in one tank, the average of the three measured 
current values was used instead of the highest value 
which of course is used in the case of the individual 
tank breaker. 

It was planned to give this breaker 2300-volt tests 
consisting of standard duty cycles at 40,000 kv-a., 


RESULTS OF TESTS ON REYROLLE TYPE 
i I Recovery volts ] 


TABLE II 

C1-ORD-7000-VOLT, 400-AMPERE OIL CIRCUIT BREAKER 


Duty cycle 

2-0C0 2 -minute interval... 


Peak 

value Per 
Test Test arc pole cent 

no. voltage 1 and 3 initial 


Initial current in arc 

----Kv-a. 

A-c. D-c. Total inter¬ 

comp. comp. R.M.S. rupted 

9,100 .. 9,100 

9,330 3,200 9,870 

9,550 1,500 9,670 38,000 


Remarks 

Opened O. K. Some oil spilled. Hissing 
sound of escaping oil and gas. 


2-OCO G-minuteinterval.... 


Opened O. K. Oil spilled on tests 1 and 2.1 
pint. Hissing sound. Oil test 2G.3 kv. 
38,000 (.before test, 29.0 kv.) 

Opened O. K. Some oil spilled. Hissing 
sound as before. 


2-0CO 2-minute interval. 


Started to make 2-000.. 


Opened O. K. Oil spilled on tests 3 and 4, 
I?, pints. Hissing sound, wooden barriers 
45,700 broken and displaced. Oil test 24.9 kv. 

Opened O. Iv. Some oil lost. Hissing sound 
not much greater than on previous shots. 

100,000 

Opened O. K. Oil spilled on tests 5 and 6, 

approximately 1 quart. Barriers broken 

64,300 and displaced again, toil test 26.2 k\. 

Circuit opened for 7 cycles (0.3 sec.) but tank 
burst causing short circuit and oil fire and 
122,000 general wrecking of switch. Dutj 90 per 
cent above rating. _ 


♦Estimated—Curves off film. 

j-New oil supplied before test No. 5., tested 29.3 kv. 

in view of the fact that the method employed by the 
thors, and the one they believe is standaxd m t 
untry is apparently different from the method 
iployed in England. Themethod employed to obtain 
e vataes shown in Table II consists of resolving the 

splaced wave into its a-c. and -c. c< ™?°hvie total 
.king the r. m. s. of these two components as the total 

m s value of current interrupted. The d-c. com 
ment is equal to the distance from the normal zero lin 
S center line of the displaceda-c wave at 
IV uarticular point. For example, m the case ol a 
'splaced current wave having a major ordinate of 20 
im. and a minor ordinate of 10 mm the dc^ com 
onent is the difference between the major ordinate an 


60,000 kv-a., and 75,000 kv-a., followed by 6600-vdt 
tests at 75,000 kv-a. and 100,000 kv-a On the firs 
duty cycle in which the breaker opened o9,200 kv-a. 
no distress was evident beyond the hissing sound of 
escaping oil and gas. Approximate fi ®f es ^ “ the 
loss of oil and other data are recorded under Table II. 

The second duty cycle on which 58,000 kv-a. and 
45 700 kv-a. respectively were obtained on the two 
shots, was handled by the breaker apparently as earn y 
as the first duty cycle. Upon lowering the 
ever it was found that the wooden barriers separating 
the three poles were broken from their fastenings an 
displaced, the screws fastening these harriers to the 
tank lining at the side and at the bottom having been 
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torn out of the wood. Also considerable burning was 
disclosed on this test, both on the arcing contacts and 
somewhat on the main contacts. 

It will be noted that the kv-a. interrupted on test 
No. 4 was considerably less than that on test No. 3. 
This is due to the difference in the total duration of 
short circuit which is evidenced by the oscillograms 
shown in Fig. 13. It will also be noted that there was a 
six-minute interval between tests No. 3 and No. 4. 


Before these two tests were made the wooden barriers, 
found broken after the last test, were repaired and 
replaced and new oil was supplied to the breaker. 
The oscillograms for this duty cycle (Fig. 14) show that 
on test No. 5 the total duration of current was only 
about cycles as against 3^2 cycles for test No. 6. 
The reason for the short duration and consequent high 
value of current on test No. 5 was the fact that the 
d-c. time delay relay used as part of the regular station 
testing equipment for tripping the test breaker was 
not reset after the last test, resulting in energizing the 
trip circuit of the test breaker as soon as the‘auxiliary 


Pig. 14—Oscillograms taken on Tests Nos. 5 and 6 

thus accounting for the large difference in value, the 
decrement on the first shot being much smaller than 
on the second. 

On the final duty cycle at 2300 volts the breaker 
successfully cleared a short circuit of 100,000 kv-a. on 
the first shot and 64,300 kv-a. on the second shot. 


Fig. 16—Reyeolle Type C1-0RD—7000-Volt Compound 
Filled Switchgear Set-up for Test. Switch Racked Out 

test No. 6. As before, the arcing contacts, both upper 
and lower, were quite badly burned and considerable 
burning was also evident on both the upper main con¬ 
tacts and on the lower contact bar. 

Before proceeding with the test at 6600 volts it was 
decided, due to the badly burned condition of the arcing 
contacts after the preceding six shots at 2300 volts, 
that new arcing contacts, both upper and lower, should 
be made up and installed, that the main contacts should 


Fig. 15 —Oscillograms taken on Test No. 7 


contacts closed. This relay was properly reset before 
test No. 6 so that the normal duration of short circuit 
and the smaller value of current were obtained. 

The wooden barriers found broken after test No. 4 
and repaired prior to test No. 5 were again found com¬ 
pletely broken from their fastenings and displaced after 


Fig. 13 —Oscillograms taken on Tests Nos. 3 and 4 

The reason for this interval was the accidental jarring 
out of the manual trip lever of the breaker on test No. 
3, preventing the closing of the second shot until the 
lever had been reset. Furthermore, this jarring out of 
the trip lever is responsible for the short duration of 
only two cycles in the short circuit on the first shot, 
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bo carefully dressed, and that new wooden baffles should 
be made up and fastened in the tank. New oil of course 
was supplied. 

Rased on a duration of short circuit of seven or eight 
cycles for which it was intended that the time delay 
relay should be set., the generator circuits were arranged 
to give a calculated value of 75,000 kv-a. for test No. 7. 
For some unknown reason the short, circuit lasted only 
oicycles inst ead of seven or eight, and the kv-a. which 
the breaker attempted to open was 122,000. The 
oscillogram shown in Fig. 15 hears evidence that the 



17 Hkyuoixk H\vtivit«iKAH A mm Tww No, 7 


short circuit actually was cleared for a period of seven 
cycles after which complete failure and blow-up of the 
breaker took place. Apparently the breaker cleared 
the short circuit lmt the gas pressure was so great that 
the tank was completely ruptured, one side being thrown 
against the exposed flGOO-volt temporary terminals 
underneath the current transformer chamber causing a 
short circuit which immediately set, fire to the oil. 
The appearance of the breaker after the fire had been 
put out is shown in Fig. 17, The force of the explancm 
which ruptured the tank was so great that the tank 
was split not only along the welded seams but on two 
edges where the steel had been bent but not; welder, 

As will be noted from the table, the rupturing ea- 
tmeifv of this switch was exceeded by more than GO 
per cent on test No. 7 at which value the result obtained 
might well have been expected. On test No. 5, on th ‘ 
other hand, the breaker successfully 
kv-a. at 2!HK) volts, which, aside frorn the breaking 
the barriers and rather extensive burning of the arcing 
contacts (the contacts tested were not designed 
2500 volt service), ought, certainly to be consic. erec a 

creditable performance. , 

Although thf breaker more than met its Kuaranteed 

rupturing rapacity, certain design features which were 
standard with the manufacturers on breakers of heavy 
duty were incorporated in the breakers actually m- 
stalfed. the principal ones being those of m^mg the 

thickness or the tank from U m., tc !1 V " * n ;'- tl Sd?a 
the depth of the tank two in., and the substitution 
much heavier butt type-arcing contact and the empl y 


ment of steel barriers over which is placed a wooden 
lining instead of wooden barriers fastened to the tank 
lining. The authors have no doubt but that the 
breaker as finally obtained has a rupturing capacity 
considerably in excess of the originally guaranteed 
capacity. 

Tests on General Electric 132-kv. Oil Circuit 
Breakers 

Due to the large number of 132-kv. breakers that are 
employed on the system of the American Gas and Elec¬ 
tric Company, the question of rupturing capacity of 
different types of breakers, particularly of 132-kv. 
rating, is naturally a very vital one to us and it takes 
a test to make the final check on rupturing capacity. 
This was one reason for the third series of tests. 
Another reason was the desire already mentioned to 
carry out tests close to the rupturing capacity of the 
breaker and thus determine if possible the correctness 
of some of the fundamental design principles and 
therefore whether designs based on these principles 
for rupturing capacities beyond any possible test values 
could be relied upon with a certain degree of safety. 
Still another reason was to determine experimentally 
whether a cycle more strenuous than the standard 
duty cycle on the breaker was too dangerous or whether 
it could be employed safely. 

Tests on the FHKO-89-B 132-kv. Breaker. Arrange- 







Via. 1S-h1™ current 

Ki.kctiuc Oscii.ljOanAi'il Shunts and Pbof. Diem, s Current 
Tbanbfohmbh . 

ments for the test included, among other things, first, 
tapping the Alliance Line at the first tower the same as 
tor the Brown Boveri 132-kv. test, and lunnmg 
tap through the FHKO-39-B and 1HKO-136-B 
breakers which were connected in senes to the short- 

circuit point; second, building “ indud- 

with dark room for the oscillograph 
L in this house a platform insulated for 132,000 
volts to carry one of the General Electric oscillographs 
used for measuring currents by means of shunts p ac 
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directly in the short circuit leads; and third, the building 
of a special insulated triangular framework support for 
mounting the shunts, together with the shelter, all 
of which is shown in Fig. 18. In addition to the three 
oscillographs supplied by the General Electric Com¬ 
pany, a fourth machine, Professor Dyche’s, was pro¬ 
vided in order to obtain parallel records of voltages and 
current, the latter by means of the same current trans¬ 
former used in the previous Brown Boveri test. The 
system set-up for these tests was that shown in Fig. 4 
with the omission of the 22,000-kv-a. generator 
at Akron. 

Since it was planned on these tests to take a number 
of shots with the short-circuit point ungrounded, it was 
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fourth the rating of the breaker, a standard duty cycle 
at full system capacity, a special duty cycle consisting 
of 2-CO shots with two-minute interval to obtain a 
shorter duration of short-circuit current, and finally 
several special duty cycles including a series of 7-0CO 
shots, also with full system capacity. Most of these 
tests were to be made with the short-circuit point 
grounded, permitting the taking of records both on the 
shunts and on the current transformer with its limited 
insulation. After these it was planned to take a number 
of shots with the short circuit ungrounded, and with the 
current transformer disconnected from the circuit. 

Table III gives a complete summary of the results of 
all of the tests on the 39-B breaker including the data 
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Fig. 19 —Oscillograms of Test No. 10 on FHKO-39B Breaker (Prof. Dyohm) 


Fig. 20 —Oscillograms of Test Nos. 18 and 10 (Taken on One Film by Prof. Dyohm) 




necessary to carry the leads from the shunts on 132,000- 
volt insulators to the oscillograph house and, as stated 
above, mount the oscillograph on an insulated platform. 
It was also necessary to carry a 132,000-volt insulated 
connection from one terminal of one of the permanently 
installed Windsor line potential transformers located 
in the 132-kv. yard, back to the short-circuit side of the 
136-B breaker. 

In an attempt to duplicate as nearly as possible on 
the FHKO-39-B the tests carried out on the Brown 
Boveri 150-kv. breaker, the program for testing con¬ 
sisted of a preliminary trial shot followed by a series of 
eight shots in rapid succession at approximately one- 


from both the General Electric Company oscillographic 
equipment and Professor Dyche’s equipment. Using 
the data given in Table III on the system set-up for each 
test and by referring to Fig. 4, the exact system connec¬ 
tions for any test may be obtained, omitting of course 
the 22,000-kv-a. generator at Akron, shown on Fig, 4. 

During all of the tests on this breaker no inspections 
of the contacts were made at any time. Typical 
oscillograms of these tests are shown, both those 
obtained by the General Electric Company and those 
from Professor Dyche’s oscillograph. Of the latter, 
Pig. 19 shows the first shot of the standard 2-QGO 
duty cycle comprising tests 10 and 11 which were 
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TABLE IIIA ' nTtr >tj rcw'r 

RESULTS <»K COMPARATIVE TENTH MADE ON OENERAL ELECTRIC CO. LINE SHUNTS AND PROF. DYOHE S CURlvEJN l 

Tit A N SFORM ER. TAKEN AS IN F IG. 24 ______ 

| OtUTi'iU. us Motor muling Ratio of (i. E. Ratio of Prof. 

j measured by on muniotor Current as muling to Dyclio s reading ..to .. y - • 

O.K. Co. Prof. DyoInt’K in O. T. si*. measured by motor in to meter readings to 

Lino slumt no. test an. nsriUngrnph circuit Lino current Cl. E.Oseil. per cent in per cent mic mwnp ir 


Toht.1 Avorano^.^ .^ 

tin* first. tests using flu* full capacity of the system. 

After I lie completion of this duly cycle oil samples 
wen* drawn from t he midtile of each tank and from the 
bottom of tank No. 1. Dielectric tests on these 
samples gave for tank No. 1,21.o lev. average; for tank 
No, 2, 21.2 kv.; for tank No, 2, 27.(5 kv; and for this oil 
drawn from the button of tank No. 1, 11 kv. No 
change was made in t he oil. 

The special dut y cycle represented by tests 1.2 and 12 
at one-minute intervals was not, made intentionally as 
such but was supposed to be the beginning of the series 
of seven shots at. one-minute intervals. Due to 


throwing of oil, and with very little smoke visible 
except on test; No. 17 when No. 3 tank gave off quite a 
puff of smoke. 1 This tank, however, as well as the 
other two tanks, did not give oil more than a small 
amount of smoke on any other tests and the inspection 
following the completion of the tests did not reveal any 






's22L i 


W rjM 


I-*!,,. 21 O -t u.MisK iMN «>r Test No. 2C> (U. K.) 


trouble with tin* oscillographs it was necessary to 
interrupt tins series after the second shot. 

The. special duty cycle of seven shots at one-minute 
intervals was then successfully carried out as shown 
under test Nos. 14 to 20 inclusive in the table. Due 
to the number of shots and the short interval between 
shots, it was not possible to record each shot on a sep¬ 
arate film, although records were obtained on all hut 
one of these shots from either one or the other ol the 
oscillographic equipments. Fig. 20, which shows 
Professor Dyehe’s record of tests 18 and 19, is a repro¬ 
duction of only a portion of the original film on whic i 
five shots were recorded. All of the shots were cleared 
by the test breaker with no evidence of distress, with no 





Fkj. 22_ Fvhh Skt of Contacth fkom FHKO-30B BitFAicm 

AFTKU OoMPMOTION OF TKHT N()H. 1 TO 20 

unusual condition in No. 3 tank or anything different 
from that in the other two tanks. 

In order to obtain a higher value of current by 


cycle consisting of 2-CO shots was made as covered by 
test Nos. 21 and 22. While this type of duty cycle did 


mately 30 one-half cycles, the increase in ruptured 
kv-a. as shown in Table III was not very large. 
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All of the shots up to and including test No. 22 were 
made with the short circuit grounded. The remaining 
four shots, tests 23 to 26 inclusive, were then made with 
the short circuit ungrounded, so that it was necessary 
to disconnect the current transformer supplying 
Professor Dyche’s oscillograph and confine further 
oscillographic records to the General Electric equip¬ 
ment, the current recording oscillograph as stated 



Fig. B 


Fig. 23—(a) Rod and Contact Segments from One Pole 
of 39 B Breaker after Test No. 26 

(b) Comparison of New Rod with Rod from 39B 
Breaker after Test No. 26 

above being mounted on a platform insulated for 
132,000 volts. Fig. 21 shows oscillograms obtained by 
the General Electric equipment on test No. 26 of this 
series. 

At the conclusion of the tests the oil was immediately 
drained from the tanks and the contacts from phase 3, 
which had given off the puff of smoke on test No. 17, 
were removed from the tank. It was found that the 
burning was confined almost entirely to the arcing ring 
below the current-carrying segments and that the 
burning of the rod was confined to the arcing tip and 
was such that no beads or pits were left which might 
cause the rod to stick in the contacts. It was quite 
evident that the contacts were in sufficiently good 
condition so that without any dressing at all the 
breaker could be kept in service and carry its rated 
current even though 26 short circuits had been inter¬ 
rupted, 17 of them at full system capacity. 

Fig. 22 shows all six contacts and contact rods taken 
from the FHKO-39 breaker after the completion of the 
tests while one of the contacts and contact rods with 
part of the segments removed to give a better view of the 
burning are shown in Fig. 23a. Fig. 23b, a comparison 
between a new contact rod and one of the rods taken 
from this breaker after the test, also shows the extent 
and character of the burning which was fairly smooth 
and without beads. The average test on the oil taken 


from this breaker after the completion of the tests was 
19.25 kv. 

An examination of Table III will reveal a com¬ 
paratively large discrepancy between the values of 
current as recorded by the General Electric oscillographs 
and by Professor Dyche. The maximum discrepancy 
occurs on test No. 22 in which Professor Dyche obtains 
a value of 3610 amperes for the initial r. m. s. current 
in the arc as against a value of 3020 for the same phase 
on the General Electric oscillograms. Differences of 
somewhat lesser magnitude will be found in most of the 
other tests, particularly on the full system capacity 
shots. 

In order to discover whether one or the other of the 
equipments was in error or whether the observed dis¬ 
crepancy was merely the possible error inherent in the 
oscillographic method of recording currents, a calibra¬ 
tion check was. made using the set-up in Fig. 24. A 
heavy current transformer for stepping down from 220 
volts to three volts was obtained, together with a 2000- 
ampere instrument type current transformer and an 
ammeter calibrated with the current transformer, both 
of General Electric make. With this set-up, a current 
was passed through the circuit, first approximately 
1000 amperes and then 2000 amperes and simultaneous 
readings were obtained on both oscillographic equip¬ 
ments as well as the calibrated ammeter. The results 
of these tests made under steady state conditions which 
are shown complete in Table III a give a maximum 
variation between Professor Dyche’s record and that 
of the General Electric oscillographs of 13 per cent, 



Fig. 24 —Set-up for Checking G. E. Shunts and Prof. 

Dyche’s Current Transformer 

which is nearly as large as the discrepancy found on the 
actual short-circuit test. 

Since check tests (with special current transformer 
and its own meter) showed the two oscillograph equip¬ 
ments to read within a very few per cent, it is difficult 
to explain what caused the discrepancy of some 15 
per cent on test No. 22 and a smaller percentage on 
certain other tests. A great deal of study was given to 
circuit set-ups in the endeavor to locate the cause of this 
discrepancy but nothing definite was found. It is 
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probably fair to assume that some condition peculiar 
to the particular set-up was the real cause, although 
unfortunately nothing definite was determined. 

Plotting of the readings of the two oscillographs . 
against the readings of the standard current transformer 
showed that the discrepancy was not consistent, one 
equipment reading high over part of the current range, 
then showing low results over another part; while the 
other equipment read low, then high over the same 
ranges. In view of the fact, however, that a certain 
amount of difference in calculated results is to be ex¬ 
pected from such causes as differences in inaccuracy of 



F IG . 25—Middle Tank oe 136 B after TestNo. 31 showing 
Actual Opening Where Welded Seam Failed 

reading waves of different heights and lengths, different 
methods of calibrating instruments, etc., a reasonably 
close agreement between results was shown. With 
these various considerations, therefore, it is probably 
not far from correct to assume that the true current 
values were represented by the mean of the two values 
indicated by the General Electric Company and Pro¬ 
fessor Dyche’s equipments. 

Since the records in the case of the Brown Boven 
150-kv. circuit breaker tests, however, were taken 
with the same set-up as that used by Professor Dyche 
on the present tests, it is believed that the values 
obtained by Professor Dyche may be used as a fair com¬ 
parison with the results obtained on the Brown Boveri 
breaker 

Tests on the FHKO-136B 132-kv. Breaker. After 
the completion of the tests on the FHKO-89B breaker, 
tests were made on the 186B which, as previously 
mentioned, was connected in series with the 39B, 
the latter then being used as a back-up breaker. 

On account of the difficulties encountered in testing 
the 136 breaker, these tests were spread out over a 
considerable period of time and divided into three 
series, the first taking place on December 6, 1925, 
the second on January 10, 1926, and the third on May 
23,1926. 

It was planned to subject this breaker to a series of 
eight OCO shots in rapid succession at approximately 
one-fourth of the breaker rating followed by one ormore 
standard duty cycles at the full system capacity, and 
then to carry out one or more special duty cycles, such 
as four shots at full system capacity with one-minute 
intervals. 

The first attempt to carry out the above tests on this 


breaker was made on December 6, 1925. Complete 
results of the tests made on this date, as well as of the 
tests made on the following January 10,1926, are given 
in Table IV. As will be noted in this table, after sub¬ 
jecting the breaker to a trial shot and three of the pro¬ 
posed series of eight shots at approximately one-fourth 
of the breaker rating, the breaker failed by splitting 
open along the welded seam at the bottom of the middle 
tank, permitting the oil in that tank to escape. The 
character of this failure is clearly shown in Fig. 25 in 
which the tank is suspended and the view is from below. 
The tests were discontinued of course for that day and 
the tanks opened to permit examination of the contacts. 

It was found that one of the insulating cylinders 
normally surrounding the explosion chambers had 
broken from its fastenings and was lodged on the cross¬ 
head. The other insulating cylinder in this pole had 



Fig _ 26 —(a) Throat Bushing and Insulating Collars 
Taken from 136B Breaker after Failure on Test No. 31 

(b) Same Throat Bushing with One Collar 
Removed Showing Where Puncture Occurred 

(c) Throat Bushing from Opposite Side of Same 

Pole Showing Burning 

not fallen down but was partially broken from its fast¬ 
ening. It was apparent also that the explosion chamber 
insulation had failed, permitting the arc to cut through 
the threat bushing to the lower edge of the steel explo¬ 
sion chamber. Fig. 26 a shows the broken throat with 
insulating collars in place. Marks on one of the re 
rings show evidence of burning by the arc. Fig. 26 b 
shows the same throat bushing with one collar removed, 
revealing the place where the arc punctured through. 
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Another throat bushing- also hearing evidence of punc- also from a mechanical standpoint; and second, the tank, 
turn is shown in Fig. 2(k’. The steel explosion chamber and particularly the weld, seemed to be weak. The 
itself showed marks of the arcing on the inside edge of first, that is, the faulty bushing, through its electrical 
the bottom opening, and retained the imbedded half breakdown, probably caused the mechanical breakdown 
of the six fibre screws which were broken oil and which, which in turn ruined the explosion chamber assembly 
together with tin' explosion chamber throat bushing, and at the same time allowed open arcing with the 
were used to support I he insulating cylinder around the result that there was created a pressure sufficiently high 
explosion chamber. The contacts taken from this to open a weld which was none too strong in the first 
breaker, two of which are shown in Fig. 27, indicated place. 


by the small amount of pitting that the actual short- 
circuit duty was very light. 

On ( he trial shot an accident occurred to the General 



Vtil. 27 ( ’ll VOMITS I-IIOM I Will BhMAKKU AKTKK TlWT No. 31 


The tanks were returned to the factory and rewelded, 
a stronger weld being employed in the new set-up. 
New types of throat bushings slightly different in design 
but principally different in the employment of new 
material, supposedly stronger from a mechanical and 
electrical standpoint, were also supplied. The breaker, 
embodying these changes, but no others, was submitted 
to a second serif's of tests on January 10,1920. 

The set-up for this second series of tests on the 13611 
breaker was the same as on the first series with the 
exception that the 3911 back-up breaker instead of 
being connected directly to the Alliance line was 
connected by means of a short.temporary 132-kv. line 
to the end of the 132-kv. station bus. The results 
of this series of tests, which along with the first series are 
summarized in Table IV, proved to be almost an exact 
repetition of the results obtained on the previous 


Fled rie oscillographic equipment which may be of 
interest, to describe. On all of the fusts made on the 
691* (.lie oscillograph mounted on the insulated platform 
was kept entirely separate from the other equipment, 
using a separate l2o> volt battery tor motor control, etc. 
At, the beginning of these tests t hrough some delay the 
separate Rib-volt, hall cry was not available so that on 
the first shot the necessary current for operating the 
oscillograph motor and arc was taken from the battery 
connected to the oilier oscillographs. This was done 


series, with the exception that the failure on the third 
shot; of the proposed series of eight was evidenced by the 
breaking of a 132-kv. bushing on the high side of the 
breaker, permitting oil to leak out, and by a sharp 
report with fire issuing from the vents on pole 3. 

The second series of tests being thus ended, the oil 
was immediately drained from the tanks and the interior 
examined. As in the case of the failure on December 6, 
it was found that the insulating cylinders on both the 
explosion chambers in No. 3 tank (the one on which the 


partly through an oversight as it was fully realized that 
considerable voltage might he built up on the short- 
circuit side of the breaker due to the resistance drop ol 
any momentary unbalanced current which might flow 
through!, the ground connection. This was definitely 
proved on the first shot taken under these conditions. 
As soon as the circuit was closed, considerable fireworks 



Fia. 28 — Thhoat Bum hi no 8 mtoM 1.30B B it ha k mu apt nut 
Tkht No. 36 (Hkcond Faimtum) 


ensued with resellunf serious damage to.the General 
Electric equipment, all of the elements being burnt out 
in the insulated oscillograph and some of the elements 
in the other two oscillographs, a total of six out ol nine 
being completely burned out. This burning was not 
only confined t o the vibrators proper but in some cases 
the field coils too were burned out. Naturally,, no 
records were obtained on t he General Electric oscillo¬ 
graphic equipment in this series. 

In going over such evidence as was available as to the 
cause of the breaker failure, two things were apparently 
certain; first, it seemed established beyond a doubt 
that material used in the throat bushing was inadequate 
from the standpoint of dielectric strength and perhaps 


bushing was broken) were broken from their fastenings 
and both were down on the cross head. It was noted 
also that this tank showed considerably more bulging 
than the other two. Upon removing the explosion 
chambers from all of the tanks it was found that throat 
bushings were again broken in both No. 2 and No. 3 
tanks. In this case, however, the breaks were such 
that it did not seem possible that they were caused by 
electrical puncture. Those broken bushings are shown 
in Fig. 28. The manner in which the high-voltage 
bushing was broken is illustrated in Figs. 29 and 30, 
the break at the lower end of the bushing not being 
discovered until the bushing was taken apart. 









306 


SPORN AND ST. CLAIR: OIL CIRCUIT BREAKERS 


Transactions A. I. jrj. E. 


The final explanation adopted as the reason for the 
failures of December 6 and January 10, and the one 
which served as the basis for the changes that were 
made prior to the tests of May 23, was as follows: 

The fairly long insulated cylinder placed over each 
explosion chamber was supported only and entirely at 
the bottom, partly by means of a number of fibre screws 
tapped into the bottom of the steel explosion chamber 
and partly by the explosion chamber throat itself. This 
assembly is shown in Fig. 31. When the breaker 



Fig. 29 —Upper Half of 132-Kv. Bushing from Pole No. 3 
of 136B.Breaker after Test No. 35 

opened on short circuit the generation of gas caused 
some internal pressure, throwing oil against the flat 
sides of the tank and springing these sides out to a cer¬ 
tain extent. On the rebound the oil was made to exert 
force in the opposite direction causing considerable 
thrust against the insulating cylinders over the explo¬ 
sion chambers. Since these long insulating tubes were 
supported only at the bottom, the cantilever strength 
was insufficient to withstand this shock and the supports 



Fig. 30 Bushing from Pole No. 3 of 136B Breaker after 
Test No. 35. Note Break at Lower End 

had to give way, thus breaking the explosion chamber 
throat and allowing the cylinder to drop. 

While there was no conclusive evidence to show 
whether the electrical puncture encountered on the 
throat bushings during the test of December 6 was 
caused by mechanical failure or was the cause of the 
mechanical failure, at the same time there is a slight 
preponderance of evidence, especially after an analysis 


of the tests of May 23, that would show that mechanical 
failure preceded electrical failure. Following out this 
theory a new assembly for the explosion chamber parts, 
including the insulating shield, was worked out and is 



Insulating Cylinders 

Fig. 31 —Explosion Chamber Assembly used in 136B 
Breaker on Tests 27 to 35 Inclusive (December 6 and 
January 10) Except that Throats used on Tests 32 to 35 
were of the Type Shown on Fig. 48 



Fig. 32 Explosion Chamber Assembly as Redesigned for 
Tests 36 to 65 (May 23, 1926) 

shown in Fig. 32. It will be noted that this assembly 
differs in a number of respects from the former, but the 
principal new features are, first, that the insulating 
cylinder is supported at the bottom again by means of 
fibre screws but tapped directly into the steel pot and 
kept quite separate from the explosion throat. Further, 
although not shown in the sketch, the number of these 
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support ing screws was increased from six used origi- j 
nally. t<> 12 in the now assembly. Second, an entirely i 
new part was installed consisting of two wooden rings, < 
one at the top of the steel pot. and the other at the ! 
bottom, exactly {tiling the space between the inner i 
insulating cylinder and the steel at. these two points, < 
Unis taking all cantilever strain oil’ from the lower end 
of the cylinder. 'These two upper and lower wooden 
rings are joined toget her by several connecting wooden 
uprights making a rigid structure. 

With these changes carried out the third series of 
tests on the ldf'dl breaker was arranged for May 23, 

mn. 

The testing arrangements on this series were the 
same as on the last, with the exception that the system 
capacity available was somewhat less, the set-up being 
in accordance with Dig. 1 with the following changes: 
first, no generating; capacity was available from Akron, 
and second, at Cleveland the capacity was reduced 
from seven to live generators with only one transformer 
batik stepping,up from 11 kv., one (>(>-kv. cable circuit, 
and one transformer bank stepping up form bb kv. to 
132 kv. at South Akron. With this reduced capacity 
the calculated value* of short, circuit available at 0.1b 
sec. after the beginning of the short circuit was reduced 
from 775,000 kv-a. to035,000. 

The complete results of this final series of tests on the 
130B breaker, made on May 23, 1020, are summarized 
in Table V. In view of the discrepancies which were 
found between readings on the (J emeriti Klee trie oscil¬ 
lograph and on Professor 1 Jyche’s during the 30T. tests, 
arrangements wen* made in t hese final tests to have one 
element of the General Kleetrie oscillograph supplied 
from the current transformer which was supplying 
Professor Dyehe's oscillograph, 

The program for testing was laid out in the same 
manner as that which had been attempted for the two 
preceding series. After making the preliminary trial 
shot to determine whether all oscillographic.equipment 
was functioning properly, the series of <3-0(30 shots at 
approximately one-fourth the breaker rating in .rapid 
succession was begun. A lif t le trouble was experienced 
at first when the breaker failed to close on the second 
shot of this series and when, after making slight adjust¬ 
ments on the mechanism, it failed to close again on the 
third shot of a second attempt to make the series. 
After this the mechanism was not satisfactorily ad¬ 
justed, and the ,3-000 shots at approximately 30-sec. 
intervals were carried out.. No distress was apparent on 
any of the shots, only a slight trace of smoke being 

visible and no oil being thrown. 

Tin* next test was a standard duty cycle of 2-000 
shots with a twn-min. interval at the lull system 
capacity available. Following this a duty eye c con 
Hinting of 2-00 shots with a two-mmute interval was 
given to the breaker with the idea of obtaining a some¬ 
what higher current due to decreased time between the 
beginning of the short circuit and the his , u eye. 


arcing. As will be noted from the value of inter¬ 
rupted kv-a. on both of these duty cycles, this pi oceduic 
did result in increasing the current from approximately 
2300 to approximately 2500 amperes. On both ot these 
duty cycles, which include tests 43 to 51, the shoit 
circuit was cleared without signs of distress on the part 
of the breaker. 

As a special duty cycle with a larger number of 
shots at closer intervals, the breaker was subjected to 
4-CO shots at one-min. intervals with the maximum 
system capacity available. These four shots which 
averaged (500,000 kv-a. interrupted were handled with¬ 
out any distress by the breaker. 

After these tests a number of additional shots were 
taken with the short circuit ungrounded. Professor 
Dyehe’s equipment, of course, was disconnected fiom 
the current transformer, which was not insulated 
for high voltage, and General Klectric records only 
were obtained, taking advantage ol the oscillograph 
mounted on the insulated platform. An attempt was 
made also to further increase the short-circuit current 
by means of GO shots on which the test breaker was 
tripped through an auxiliary switch on the ICO .39 
back-up breaker, thus decreasing the total duration 
of the short circuit. The first series made in this man¬ 
ner consisted of 4-CO shots at one-min, intervals, 
records being obtained only on the first and last shots. 

It was found, however, that the adjustment ol; the 
auxiliary switch trip on the back-up breaker did not 
speed up the tripping ol the test breaker as much 
as had been anticipated. 

The next series of tests consisted of 4-0CO shots at 
one-min. intervals at full system capacity, the first 
and last of these being recorded in Table V. 

In a final attempt to approach nearer to the rating of 
the FH KO-1.30B test breaker a further adjustment was 
made on the auxiliary switch of the 39 B back-up breaker 
so as to speed up considerably the tripping of the test- 
breaker. With this adjustment and with the system 
still ungrounded a final duty cycle consisting of 2-00 
shots at two-min. intervals was carried out. I ho 
attempt to speed up the tripping was quite successful 
in this case as it will be noted from the table that the 
total duration of short circuit was reduced to ap¬ 
proximately 31 half-cycles and the interrupted kv-a. 
was increased to 625,000, a larger value than on any 
of the previous shots. These shots were handled by the 
breaker with no distress, only a small amount ol smoke 
being given off and no oil being thrown. Oscillogiams 
taken on this duty cycle, tests (>4 and 65, are shown in 

Fig. 33. . 

i After the completion of the tests, samples o! oil were 
drawn from the middle of the tanks and tested foi 
■ dielectric strength, averaging 15 kv. as against approxi- 
: mately 30 kv. obtained for the original oil. Upon 
. draining the oil and inspecting the interior of the tanks 
» it was found that all of the insulating cylinders around 
f the explosion chambers were in place and that no 
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damage had been done to any of the throat bushings. 
The burning of the contacts which is shown in Fig. 34 
was found to be confined almost entirely to the arcing 
tips of the contact rods and to the arcing bell of the 
explosion chamber, the contact segments themselves 
being in a very clean condition. 

In view of the fact that the breaker handled a total 
of 30 shots without any inspection or even a change of 
oil, and that on 18 of these shots the duty was not far 
below the actual rated interrupting capacity, and fur¬ 
ther in view of the excellent condition that the breaker 



Fig. 33—Oscillograms op Tests 64 and 65 (G. E.) 


and contacts were in at the end of the tests, it does not 
appear rash to state definitely that the breaker was fully 
adequate to meet its guaranteed rupturing capacity 
and that the troubles in the explosion chamber assembly 
encountered in the tests of December 6 and January 
10 were completely eliminated in the new assembly 
developed. 

Value of the Tests 

While the carrying out of tests on oil circuit breakers 
is as a general rule highly interesting, it is at the same 
time a very expensive affair and further very often 
results in a considerable upset of the system. Even 
if no actual physical damage results there is always the 
damage worked indirectly as a result of the effect of the 
short circuits on the system voltage and perhaps upon 
apparatus susceptible to voltage changes or dips. 
The authors believe therefore that before a test of this 
sort is undertaken the question should be raised as to 
the benefits that may be expected from the test and that 
these benefits should be weighed to make certain that 
they are sufficient to overbalance the possible harmful 
effects. Further, the tests having been carried through, 
it is very vital that the question should be raised again 
as to what value has actually been obtained. 

Reviewing the results of the tests on the Brown 
Boveri breakers in the light of these data, it can be 
stated that in the case of the 150-kv. breaker tests 
the following benefits were obtained: 

1. While the question was not definitely determined 
in the affirmative as to whether a multi-break breaker 
could be designed and built to handle successfully 


rupturing capacity in the order of 1,000,000 kv-a., it 
is believed at the same time that the performance of the 
breaker when rupturing a short circuit of the order of 
75 per cent of that value was such that there appeared 
no doubt that the limit of the rupturing capacity of the 
breaker had not been reached. 

2. Definite information was obtained as to the 
ability of the breaker to go through a cycle much 
more severe than the standard duty cycle. It was 
shown that for the system in question, if operating 
conditions called for it, the breaker tested could be 
plugged in on a short circuit four or five times in rapid 
succession with perfect safety. 

3. In all, 26 short circuits were placed on the 132-kv. 
system of which 13 were at approximately full system 
capacity. So far as is known no appreciable damage 
of any sort resulted to the system. There were minor 
exceptions. One was that of the breaking of jewels 
on meters connected in secondaries of current trans¬ 
formers that fed heavily into the short circuit and 
which, through an oversight in some of the first tests, 
had not been removed from the circuit. A strain 
choke coil on the circuit supplying the full short-circuit 
capacity collapsed, and half of the primary of one of 
the current transformers on a 132-kv. circuit supply¬ 
ing the short circuit was short-circuited by arcing 
between turns. But with these exceptions no further 
damage of any kind was experienced. 

When the tests were originally contemplated and the 
test procedure was being discussed, doubt was expressed 
by some of the operating people as to the advisability 
of purposely placing severe short circuits on a healthy 
system. The view that finally prevailed, however, 
was that a system such as ours was at all times in danger 
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of having a short circuit placed on it with the full 
system capacity and if it was not in a position to stand 
up under such a short circuit, the sooner that condition 
was found and remedied the better off the system would 
be. It was satisfying to find that the system was able 
to go through all these short circuits without any 
appreciable damage. 

4. Until the carrying out of the tests in question no 
check was available as to the system short-circuit 
capacity. Many calculations and much design work 
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and specification work had been done, however, on the 
basis of calculated values and it was felt that sooner or 
later some of these calculations ought to be subjected to 
test to determine whether the actual values were in 
agreement within reasonable limits. The tests demon¬ 
strated that the system calculations were correct at 
least to within 10 per cent. 

In the case of the 37-kv. breaker of the Brown 
Boveri type, the principal benefit obtained was, of 


also in connection with some of the breakers that were 
already in service and that were employing the original 
explosion chamber assembly. An example of this 
occurred during the summer following the spring in 
which the last tests were made when perhaps six or 
seven 132-kv. breakers of the KO-39-B type failed in 
operation, the failure consisting of the inability of the 
breaker to go back in circuit after opening a number of 
times under short-circuit conditions. An examination 


course, a complete demonstration that the designer of 
the breaker had completely missed his mark in giving 
the breaker a guarantee of 250,000 kv-a. Further, it 
indicated that perhaps under no conditions would it 
be possible to build economically a single tank type 
breaker for that voltage and the rupturing capacity in 
question, namely, 250,000 kv-a. It would be interesting 
if this point, at some future time, could be definitely 
established or disproved. 

As regards the Reyrolle tests, the benefits that were 
obtained as a result of the tests can be summarized as 
follows: 

1. It gave confidence in the engineers’ original 
decision to install this equipment although so far as was 
known no equipment of that type had at that time been 
placed in service in this country. The equipment, as is 
well known, however, is widely used on the continent 
and particularly in England. 

2. As regards the design itself, it showed that the 
system of baffling, such as was originally proposed, 
which consisted of wooden linings with wooden barriers 
fastened to the linings, was inherently weak and was 
not advisable for breakers that were expected to 
rupture even such a moderate amount of power as 


of the explosion chamber assembly, which was the 
cause of the failure, showed that the failure encountered 
was exactly similar to that which had occurred during 
the tests on the 136-B breaker. As a direct result, 
therefore, of the experience that was obtained during 
the tests the new type of explosion chamber assembly 
was substituted for the old type and no trouble of any 
kind has been experienced since. 

4. A benefit that must not be overlooked is the fact 
that a breaker of high rupturing capacity was subjected 
to a test very close to its rated values and on a cycle 
which might, on the basis of the present tentatively 
adopted standard for the derating of breakers for other 
than a standard duty cycle, be interpreted to have 
subjected the breaker to a duty considerably in excess 
of its rating. The test clearly showed that at least 
for the particular type of breaker in question, after 
certain changes had been made, the guaranteed limit 
could be handled by the breakers successfully. If now 
it is assumed that the design was carried through on a 
certain rational basis and on the basis of definite 
empirical and other fundamental data, then it may be 
safely considered that the tests of the breaker in so far 
as such data entered into its design, served as a check 
on it and on other breakers designed on the same 


75,000 kv-a. 

Coming now to tests of the General Electric Company 
breakers, it is believed that the following can be listed 
as distinct benefits resulting from the tests: 

1. A further check was obtained on the system short- 
circuit capacity and on the calculations that had been 
employed in the past. 

2. In all, 64 short circuits were placed on the 132-kv. 
system of which 35 were at approximately full system 
capacity. So far as is known, no appreciable damage of 
any sort resulted to the system. Full advantage, of 
course, was taken of the experience gained during the 
Brown Boveri tests, so that the troubles encountered 
at that time were not met with during these tests. 
It was highly satisfying to find that the system went 
through all these 64 tests without any damage. 

3. The tests served as a very thorough check on the 

explosion chamber type of breaker and P^ rtl ^ u y ™ 
the assembly that was standard before the> tests were 
undertaken. It showed the weaknesses o e , 

assembly and demonstrated the complete efficacy of 
the remedial measures that were finally appl 
overcome these difficulties. This was 0 , , 

not only from the standpoint of future breakers but 


principle. 

The authors desire to acknowledge the great assis¬ 
tance and cooperation they have received in the carry¬ 
ing out of these tests, and without which the tests would 
have been impossible, from the Cleveland Electric 
Illuminating Company, The Northern Ohio Power and 
Light Company, The Ohio Public Service Company, 
and the West Penn Power Company whose systems 
were either tied in with the test circuit or through whose 
cooperation in carrying a certain portion of the load it 
was possible to make available the capacity gathered 
together for the tests. 

The authors also wish to acknowledge the great help 
received from the American Brown Boveri Corporation 
and from the Reyrolle Company in furnishing the 
switches and assisting in the tests and to the General 
Electric Company for their cooperation in the making 
of the Reyrolle tests and for furnishing the switches, 
the test equipment and operators, and for other assis¬ 
tance rendered in connection- with making the tests 
on their breakers. Finally, acknowledgment is due to 
the operating department of The Ohio Power Company 
and Professors H. E. Dyche and E. R. Rath for their 
great help in making and recording the tests. 
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Discussion 

J. D. Hilliard: The management of the American Gas and 
Electric Company, and other companies allied in making the 
tests, showed real courage in permitting repeated and severe 
short circuits to be thrown on the system—short circuits of 
greater magnitude than any to which high-voltage system had 
hitherto been intentionally subjected,—and they deserve the 
thanks of the electrical profession. The operating and construc¬ 
tion departments also deserve credit for their efforts in carrying 
out the testing program in an efficient and expeditious manner. 

In consenting to the publication of the full details without 
reserve of the Canton tests made by Messrs. Sporn and St. 
Clair, the General Electric Company has taken the stand that 
it believes that the engineers of the power companies of the 
country should be fully informed regarding circuit-breaker 
operation. The General Electric Company’s engineers realize 
the value of field tests as supplementing the tests made in its 
testing laboratory; they realize that the only test which abso¬ 
lutely determines the interrupting capacity of an oil circuit 
breaker is the test made repeatedly at the full rated capacity, 
both in current and voltage, and they realize also that the only 
thing proved by such a test is the interrupting capacity of the 
breaker upon that particular system and under the particular 
conditions existing at the time the tost was made; that if the tost 
had been made upon another system at the same voltage and 
current interrupted, results might have been entirely different. 
The latter remark is not “theorizing,” but is based upon years 
of experience in circuit-breaker testing and is a fact. 

In their paper, the authors have drawn certain conclusions 
which seemed logical to them; they have assumed that because 
to them, a breaker performed satisfactorily, at part rated current 
or part rated voltage, it would perform satisfactorily at its full 
rating. Such a conclusion is illogical and is, in a large number of 
cases, contrary to the facts. A breaker may interrupt more than 
its rated kv-a. at a 'voltage below its maximum rating, and be 
blown to pieces at a small part of its kv-a. rating at its maximum 
voltage rating. Many tests have pro ved the truth of this latter 
statement and have repeatedly proved it at the first shot of the 
higher voltage. The explanation is simple. The excessive cur¬ 
rent at the lower voltage produces a strong electromagnetic 
blowout effect which instantly ruptures the circuit, while at the 
higher voltage and much smaller current, the blowout effect is 
weak, the arc hangs, producing a continuous generation of gas 
which almost instantly blows off the tank. It is my belief that 
in reporting tests upon oil circuit breakers, all authors should 
stick to observed facts in the tests, that speculation is almost 
sure to mislead and may do a great deal of harm by giving 
confidence in apparatus which is in fact not the reliable piece it 
is assumed to be. The immediately proceeding remarks are 
general and not intended to apply to any particular breaker or 
make of breaker, It is a statement based on conclusions drawn 
from observing many tests. 

It is not thought necessary to make extended explanations on 
the happenings in the case of the K-136-B breaker, except to say 
that the causes of the trouble are known, the remedy has been 
applied to our full satisfaction'and the tests have proved that the 
explosion-chamber breaker is all we ever claimed it to be. 

The tests upon General Electric Company’s breakers confirmed 
the empirical formula upon which the interrupting-capacity 
rating is based, they confirmed our observations as to the burn¬ 
ing of the arcing contacts in our own testing laboratory and it 
was this latter experience which influenced us to consent fco 
the making of the full number of shots, (26 and 30 respectively), 
without an examination of contacts until the end of the tests. 
The tests confirmed also our laboratory tests for oil throw, as not 
a drop of oil was thrown from any tank during any shot on the 
K-39-B breaker and the final test on the K-136-B breaker. In 


short, except for the very slight burning of the arcing contacts, 
there was nothing to indicate that the breakers had undergone a 
test. 

Evidently through an ovorsiglit, a misstatement of fact appears 
in the test of the Roy roll o breaker. 1 refer to the statement 
“For some unknown reason .the short circuit lasted only 2 l /> 
cycles, etc.” As a matter of fact the reason was known at the 
time of testing and is previously explained as being due to the 
latch on the breaker not holding. The same thing had happened 
at previous shots. I bolieve it is duo to the General Electric 
Company, whose generator and testing organization was used to 
make the tests that this statement of: fact be made. 

Since the data are given for the Brown Bovori and General 
Electric K-39-B and K-136-B breakers, it is possible to .make in a 
way a comparison between them and since Prof. Dyeko recorded 
the Brown Bovori tests, wo shall take his records on the K-39-B 
and K-136-B breakers. 



Brown Bovori 

(tenoral 

Klee trio 



K-30-B 

K-130-B 

Rating of breaker. 

.1,000,000 kv-a. 

1,250,000 kv-a. 

750,000 kv-a. 


at HU),000-volt 

at 132,000-volt 

at 132,000-volt 

Break in series. 

Total number of shots 

10 

2-explosion 

chamber 

2-explosion 

chamber 

made. 

Maximum load inter- 

2(5 

2(5 

30 

r up ted. 

Percentage of rated 
intorrupting eapaoity 

70,000 kv-a. 
test) 

82(5,000 kv-a. 

(517,000 kv-a. 

interrupted... 

Ratio max. line voltage 
before shot, to rated 

•1(5. (5 

05.8 

HI 

voltage (per cent).... 
Half cycles of arc at 
2800 to 2000 amperes 

Half cycles of arc. at 
3380 to 3010 amperes 

Half cycles of arc at; 
2280 to 2(500 amperes 

80 . r» 

13 min. to 17 
max. 

100 

II min. to Ifi 
max. 

lot. 5 

12,5 mill, to 17 
max. 

Oil lib row. 

Contacts inspected and 

some 

none 

none 

dressed during tests., 

yes 

no 

no 

Now oil used during tests 
Signs of burning of any 
part of breaker other 

yes 

no 

no 

than arcing contacts. 

yes 

no 

no 


While no statement is made as to the speed of operation or 
are lengths in the Brown Bovori breaker, it is believed from the 
hrc duration that each of the ton ares was not substantially 
shorter than each of the two arcs in the General Electric K-39-B 
breaker and in any event each of the two arcs of the General 
Electric K-39-B breaker had a shorter arc duration than each of 
the ten arcs of the Brown Bovori breaker. No conclusions are 
drawn from the above facts. I shall state, however, that the 
above observations agree with tost results obtained in our testing 
laboratory on a breaker of similar design. 1 believe it should be 
stated that the observations and conclusions in reference to 
the General Electric Company breakers as stated in kite paper 
are those of the authors, and do not necessarily express the 
opinions of the General Electric engineers. 

_ Electrical engineers should understand that in testing oil 
circuit breakers they arts dealing with, very erratic phenomena 
and because of this fact should he slow In drawing conclusions 
from any series of tests or generally applying such conclusions. 

The information gained by means of its present testing genera* 
tor has been so valuable to the General Electric Company that 
it is building, and will have in operation in, early summer, the 
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arrest If:,Img g«m* raftir m mist imec; a generator that will have 
a sustained .hurl ■circuit capacity for circuit-breaker interrupt¬ 
ing tesls of over 51)<UH)0 kv a., three-phase, with provision for 
liliu aiitlil ion of unit- of equal or larger <*aj>:uRl\ as they may ho 
required. Tin* new laboratory will lit; equipped to tost hroakors 
of ah v oltages and current ami to observe and record phenomena 
taking place during interruption. 

Tin* interrupt ion of a given iimoher of volt-sun pores by the 
breaker for example MHt.OOU I. v-a. does not necessarily 
impose the amt* stresses an result from the interruption of tho 
same kv a, at other times at the same point on the system, at 
other point;* on the system or mi different systems. In other 
word:., volt amperes are not equally “hot" at all times and 
plares, due to a number of noises. It- seems probable that this 
difference in the difficult;. of interruption depends largely upon 
the mai'inlode of the veil age “lde|." at the end of each half 
wa,\e of are, and upon the speed at which each half wave of this 
transient voltage L built up. Tim need for making many tests 
on a device and mu king them under the most severe operating 
condit ions in cloutly indicat ed. 

The < ’union t* t . were very valuable in determining interrupt¬ 
ing con taut on that partieular avstem and upon the existing 
conditions, but the "duty” was light us measured by other tests 
tinder other condition f Vrtainlv there are few, if any, other 
plneci. in the world where so much power is available at, 132,000 
volts. In eoneluduu* my discussion, however, 1 wish to omplta- 
ui/.e again the importance of conservation in drawing eon- 
chisioir. from one set of tests on a given breaker. Until experi¬ 
ence i - gained under condition giving a vicious recovery voltage 
"kickone is v cry likely t o label a breaker safe which, as a matter 
of fad , *m far from being so. 

To give a concrete dlu tint ion or what may be, expected, I 
Hindi cite one particular test in which the length of arc drawn in 
the an me breaker operating with t he same kind of oil, at the same 
speed, on the name ay-.'fern h»f n tUffnt'nt purl tlarrnf, at 
the mi me voltage and current interrupted, consistently gave an 
arc nearly t hree t inn?* a * long in one case as obtained in the other. 
In one ease, the breaker was safe; in the other, it was severely 
sire Heed and if the break distance had not been large, it would 
have been blown Up. 

4 . IV, MnrNieili* Looking ever the data on the several makes 
of breakers given for tie lXf.tHKLvnlt tests, the thing that 
strikes one e» that the duration of arcing time is comparable Ter 
all dengue For instance, with the 150-kv. Brown Bovori 
breaker, the average t. t voltage isieealled, in the paper), - 
that is the Midein voltage prior to the short circuit, for all 
the tm th **h jii j.VtK) volt . the average duration of arcing in the 
breaker m 1-|*> half cycles or 7},i i\v «•!•«* on a btkeyelo circuit. 
In Other word i, tie' bn a her handled approximately 1S,(M)() volts 
per cycle of ureing. 

Now, turning to the final set of tests on the General 
13b B breaker, iLkVkwp the average test, voltage of 1311,1)0 
volts \\m H.ui ewlmt high* r, tin average time of turning was HJ/S 
half'cycles on till ey**l< , nr, the breaker handled lb,-SOU volts per 
cycle of arcing. 

Du tie* KO 30 lb rated at 132,(HK) volts, the average test 
voltage was 132.000 v.dt and the average time of arcing 13,3 
half'cycles, '1 hi tm at < i handled voltage at the average rat.e of 

20,000 volt* tM-r cveh • »i aieing. 

So we imve tlmae ihr. *• values Tor comparison; lH.tKHJ volts per 
Cveie. IO.HOO volts per cv*-le. and volts per cycle. I hoy 

are nil of the same md* r »1 magnitude. What are the relative 
dis-ipatioiis of cm-rgv in the two types of breaker. _ 1 emmally, 
until I the jiwjmr, i hml expected to considerably less 
duration of arcing on the IRbieak breaker. \\h»I« the data on 
volts handled per m cle are not conclusive regarding the operation 
of the breaker, in fact, tie- breaker with 10 breaks made, a very 
iiuec*r»«fnl trust, but, looking forward to Idgiiei powt is, m pu 
tiun naturally arises whether tlm dissipation of energy cm U 


breaks isn’t considerably greater than on 2 breaks. The indi¬ 
cation from these tests is that 2 breaks will handle voltage 
about as fast as' 10 breaks. Possibly these comparisons don’t 
represent the ultimate development, to which the two types may 
lead, but that is the conclusion that I draw from the data 
submitted here. 

The length of the arcs in the breakers may vary and the dissi¬ 
pation of energy may not lie live times in one case what it is in 
the other. The length of arc, I believe, was given for the General 
Electric tests but not for the Brown Boveri tests. 

Another thing to which 1 invito attention is this: These tests, 
are quite interesting from the point, of view of the type of short 
circuit placed on the system. Some of the short circuits were 
grounded and some were made with the short circuit ungrounded. 
Most dal,a that have boon accumulated on previous tests on other 
voltages has indicated that ungrounded short circuits hang on 
longer. You get instantaneous conditions in the breaker when 
one pole has come to a /,ero of current ’whereby that pole may be 
subjected to as high as 87 per cent of line voltage. If the short 
circuit and the source of power are grounded, that particular 
pole that, is open first cannot he subjected regularly to more than 
58 per cent of line voltage. Consequently, we have been led to 
expect longer durations of arcing with short circuits ungrounded 
than with short circuits grounded. This is the first series of tests 
of any magnitude that 1 have seen in which the indications seem 
to be that an ungrounded short circuit is no more severe than a 
grounded short circuit. 

Referring to Table V, we see that, certain of tho tests, (oO to 65), 
were made with the system ungrounded, and that they were made 
with different kv-a’s ranging from 460,000 to 625,000 arc lcv-a. 
The average duration of arcing on those tests is 16.7 cycles. 
Referring, now, to similar tests made on grounded short circuits, 
tests (52 to 55), tho duration of arc is 15.4 on the same voltages, 
131,000 k v-a. 

The conclusion I should draw from this would lie that at tins 
voltage there is not much difference between a grounded and an 
ungrounded short circuit. This is of particular interest to the 
operating people at this time because of the discussions that have 
arisen as to the application of breakers on grounded-neutral 
systems. Several of the large systems have installed gieat 
quantities of apparatus for 220-lcv. service, using 187-kv. ap¬ 
paratus. Bo far they have got away with it but there has 
been a great deal of discussion as to whether they were justified 
in buying under-rated apparatus. This is the first actual test 
information brought forward that indicates practically no differ¬ 
ence between the two types of short, circuit. If this data can be 
substantiated by further data, it would seem that the operator a 
practise of using uiulervoltage apparatus would be pretty well 
justified and that special apparatus was hardly necessary. 

G. A. Burnham: If is possible to draw an entirely erroneous 
conclusion from witnessing the moving picture of an oil circuit 
breaker test. 

Tho lllm of the 0600-volt test on one of our competitor s 
breakers showed a breaker tested to destruction. In making a 
judgment, on this breaker’s ability, one should bear in mind that 
this picture showed the oil circuit, breaker undergoing a test at a 
value far above its rating. 

With reference to Mr. Hilliard’s comments on testing, we 
feel very much as he does. Apparently their vast experience 
in testing lias led them to tho conclusion that the variables m 
circuit-breaker operation are so great that a tost on a particular 
circuit breaker at one place perhaps does not lead to a general, 
conclusion as to how well that breaker may operate under other 
conditions. From this, wo are led to believe that when com¬ 
parison tests are to be made, (particularly on oil circuit 'leakers 
in which so much difficulty is encountered m arriving at analytical 
results), the test should be made in tho same place; as near a , 
tlu, «m.o timo m I>0H„U,1«; with tho Homo system setup; and, 
i if possible, the tests bo run under wlrnt might be called a mask 
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supervisor.” It is obvious that exactly the same instruments 
should be used to record the results. 

In making comparison between the Brown Boveri breaker and 
the General Electric Co.’s breaker in the 132,000-volt class, it 
is perhaps, as Mr. Hilliard has said, impossible to draw a con¬ 
clusion without giving the most careful analytical study. The 
Brown Boveri breaker I believe handled all energy that could 
be imposed upon it at the time by the American Gas & Electric 
Co.’s system. It may have had slightly less duty, according 
to records, than the General Electric Co.’s breaker; neverthe¬ 
less, we do not kn ow how much more the Brown Boveri breaker 
would have handled had it been given the opportunity to display 
its ability. It apparently operated without sign of distress, and 
no doubt would have handled considerably more energy. Both 
Mr. MacNeill and Mr. Hilliard have referred to the fact that 
the duration of arcing was about the same in both breakers. 
Both gentlemen have therefore concluded that the arc length 
per arc in the Brown Boveri breaker was as great as the arc 
length per arc in the General Electric Co.’s breaker. From 
these statements, it would be a logical deduction to assume 
that the Brown Boveri breaker would have five times the total 
length of arc and for that reason would probably generate greater 
destructive forces. Such a conclusion would be incorrect 
as it rests upon the false premise that the speed of the moving 
elements was the same. The fact is that the moving element 
of the Brown Boveri breaker is slower and calculation shows that 
the total sum or actual are length for the Brown Boveri 10 breaks 
is almost exactly equal to the total sum or actual are length in 
the General Electric Co.’s 2 breaks. Furthermore, were Mr. 
Hilliard’s assumptions correct, it is evident that the 10-break 
breaker would have to be built enormously stronger than the 2- 
break breaker. Analysis of facts will show that this older design 
of Brown Boveri breaker, successful as it was, was not of so 
heavy’ construction as the General Electric Co.’s breaker. 

We believe this special test confirms the very satisfactory 
actual serv ice results which have been had for some years in the 
United States with these multiple-break oil circuit breakers. 
It is our opinion that the multiple-break principle gives a more 
efficient handling of the are resulting in less gas evolution, and 
less evolution results in lower pressures or destructive effects. 

Philip Sporn: Mr. Hilliard stated in his discussion that a 
breaker performing satisfactorily at a low value of current may 
not perform satisfactorily at the maximum rating. There could 
be, of course, no argument on this point. What we should like 
to point out is that the engineer who tests his breaker and 
finds that it is satisfactory even at half rating is on safer ground 
than the one who makes no test at all. 

Mr. Hilliard further stated that it is dangerous to speculate 
regarding the ability of a breaker to perform on the higher 
voltage from results obtained on a lower voltage. With this, 
again, we are in agreement. On the other hand, if a breaker 
is going to be used at other than its rated voltage, it should be 
tested at that voltage as that is the only way of finding out 
whether it can actually perform satisfactorily under those 
conditions. 

Another statement made by Mr. Hilliard was that the test 
showed that the explosion chamber is all that it was claimed 
to be. Here, again, we agree. The explosion-chamber assembly 
is now all that it was claimed to be. 

In connection with the table in which were shown compari¬ 
sons between Brown Boveri and General Electric Company 
breakers, statement was made that the Brown Boveri breaker 


had the oil in it changed whereas the General Electric Company 
had no change. We should like to point out that this change 
in the ease of the Brown Boveri breaker was made on one pole 
only, no changes whatever having been made on the other two 
poles. There was also a statement made to the effect that some 
burning occurred on the Brown Boveri breaker. Here, again, 
we should like to point out in fairness to the Brown Boveri 
Company that the burning in question was a slight amount of 
charring on a barrier that was made up in the field, out of micarta 
bought in a local shop. No trouble of any kind was experienced 
on any of the material that originally was supplied with the 
breaker. 

Mr. MacNeill has raised the question as to whether, in view 
of the time of arcing being practically the same in the case of 
the General Electric as in the Brown Boveri breaker, this would 
not indicate that the relative rate of dissipation of energy was 
five times as great in the General Electric breaker as in the Brown 
Boveri breaker. We do not see that the tests have shown this. 
The fact of the matter is that the Brown Boveri breaker was 
physically lighter than the General Electric breaker. The above 
carefully considered may not lead to Mr. MaeNeill’s conclusions. 

Another point brought out by Mr. MacNeill was the fact 
that previous to our tests it had been generally believed that 
ungrounded short circuits lasted considerably longer than 
grounded short circuits, whereas apparently in our tests this was 
not the case. It seems to us that there were not enough data 
obtained on this point to warrant any conclusions, nor do we 
see that this throws any conclusive light on the application of 
what we term 187-kv. breakers on 220,000-volt systems. For 
one thing, in a good many eases the breakers that were actually 
applied had clearances and length of stroke equivalent to 220,000- 
volt service, but bushings for 187,000-volt service. Such a 
piece of apparatus is, of course, underrated, but it certainly is 
not a straight 187-kv. piece of apparatus and the data which we 
have presented do not, we believe, throw very much light on the 
advisability or inadvisability of such practise. 

Mr. Burnham has brought up a fact in regard to the Reyrolle 
breaker and motion pictures of the tests which were shown. 
It will be recalled that considerable fire and smoke ensued when 
the breaker exploded. We believe it was definitely pointed 
out in Table II that in the test where the breaker exploded, 
contacts of the breaker actually opened a short circuit of 122,000- 
kv-a. or a short circuit 63 per cent in excess of its guaranteed 
rating. The resulting pressure was enough to wreck the breaker 
tank. It would appear that little else could be expected under 
such conditions. 

One more point in connection with the Canton tests we 
should like to bring out further and that is that, in all, we placed 
something like 90 short circuits on the system without apparently 
the slightest damage to it. While it may not be desirable in 
order to test the system to seek short circuits definitely,, at the 
same time it is well to know that the system is so designed and 
assembled that it can withstand these trials when it may be 
called upon to withstand them without danger of everything 
breaking loose. So long as short circuits may occur on a power 
system it is essential that the system be so built that it can stand 
up under them and can come out of the short circuit un harmed 
except for the particular minor portion that can be affected by it. 
It seems to us that such a knowledge is bound to help the morale 
of an operating organization; that the less these things are feared 
the more likely it is that they will be handled properly when they 
do occur. 


Klydonograph Surge Investigations 
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Synopsis. —Since its recent development, the klydonograph of transient high voltages. The correctness of some of these ideas 
fias been used to investigate surge conditions on a number of trans- and the fallacy of others are indicated. The paper is subdivided, 
mission systems. Quantitative data, which show the characteristics according to the nature of individual investigations, as follows: 
of the actual surges present on transmission systems, are presented. I. Open-wire Systems. 

In addition, these data are discussed in relation to various existing II. Cable Syste?ns. 

theories and practises regarding the production and the elimination III. Lightning Arresters. 


Introduction 

HE development of the klydonograph 2 in 1924, 
by Mr. J. F. Peters, gave promise of settling the 
long-standing question of the prevalence of surges 
on transmission systems. This instrument and the 
results of the first few applications were described at the 
Annual Convention of the Institute in 1925. 3 Data 
from an extensive investigation on the 220-kv. lines 
of the Southern California Edison Company were 
presented by Mr. R. J. C. Wood 4 at the Pacific Coast 
Convention in the same year. Since the spring of 1925, 
26 three-terminal klydonographs have been in almost 
continuous operation on many systems of widely vary¬ 
ing characteristics. Work has been concentrated on 
open-wire systems during the lightning seasons and on 
cable systems at other times. This paper is presented 
to place the information obtained, before the engineer¬ 
ing public. 

In most cases, the klydonographs were connected and 
calibrated to measure the crest values of surges between 
conductors and ground. Therefore, the surge voltages 
have been referred to the “normal operating crest 
voltage to neutral.” Where the term “times normal 
is used, it refers to the magnitude of the surge, on this 
basis. In addition to measuring magnitude, the 
klydonograph indicates the polarity of a transient 
voltage; that is, whether it is positive, negative,, or 
oscillatory, where these terms have their usual meaning. 
When an oscillatory voltage is recorded, a . super¬ 
position of positive and negative figures is obtained on 
the klydonograph record. The number of cycles, if 
few, or the approximate duration of oscillatory surges 
may be estimated from the appearance of the figures. 

The klydonograph figure resulting from a negative 
voltage, is less than half the size of that produced by a 
positive voltage of the same magnitude. It has been 
the practise to adjust the potentiometers, through 
which the klydonograph is connected to a system, so 


the operating voltage gives a potential of approximately 
three kilovolts crest at the instrument terminals. 
This produces a normal voltage line on the klydono¬ 
graph film. Thus negative surges, up to about 2.5 
times normal, are obscured beyond detection by this 
normal voltage line. However, since surges of this 
voltage class are not of great importance, it is considered 
preferable to continue this method of connecting the 
klydonograph, even at the sacrifice of these low-value 
negative surges. This arrangement permits the mea¬ 
surement of voltages of from seven to 10 times normal. 
Beyond this, the magnitude is estimated from the degree 
of spreading of the figure, or from the violence of the 
instrument flashover. 

In addition to the investigations for the purpose of 
measuring transient voltages, arrangements were made 
to record the performance of lightning arresters on 
certain systems. The arrester-discharge current, and 
the surge voltages to ground at the arrester terminals 
were the quantities measured. 

The data have been divided into three parts, ac¬ 
cording to the nature of individual investigations: 

I. Open-wire systems, 

II. Cable systems, 

III. Lightning arresters. 

Each section is complete in itself. Of course, the 
surge condition found on open-wire lines are closely 
related to the subject of lightning arresters. 

I. Open-Wire Systems 

Surges on open-wire transmission systems are of 
interest to the operating engineer, chiefly on account 
of the flashovers and consequent interruptions which 
follow. Although high voltages have a deteriorative 
effect on apparatus insulation, and although the life 
of this insulation probably is shortened by such surges, 
the effect on continuity of service usually is regarded as 
the more important point. The comparative.freedom 
of high-voltage apparatus from failures justifies this 
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opinion. _ .. , 

Consequently, in summarizing the data,, the number 
of surges, rather than the number of indications, has 
been considered. For example, if high voltages ap¬ 
peared on more than one conductor, or at more than 
one point of a line simultaneously, they have been 
regarded as one surge. Obviously, such a surge could 
cause only one interruption, regardless of the voltages 
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existing on individual phases or at various points. 
The maximum value and its polarity have been used in 
classifying the magnitude and the polarity of each surge; 
in the tables. 

Surges on transmission lines are usually due to one 
of three causes, lightning, switching, and short circuits 
due to mechanical reasons. However, it will be noticed 
that the causes of many surges are listed in the tables 
as unknown. No doubt, these were also due to light¬ 
ning storms and switching operations, but incomplete 
operating records and discrepancies in recorded times of 
occurrence prevented the detection of many of these 
causes. However, the great majority were low in 
magnitude and, therefore, not of great importance. 

All surges identified as due to lightning are listed in 
Table I, those to switching 'in Table II, and those to 
other causes, including unknown, in Table III. The 
tables show the relations between frequency of occur¬ 
rence, cause, and magnitude, for each system investi¬ 
gated. In addition, the principal line characteristics, 
which are likely to have affected surge conditions, are 
included in Table I. A given system is designated by the 
same number in all Tables. Aggregate data for all sys¬ 
tems are classified according to surge causes in Table IV. 

In order to facilitate comparison of the results from 
various systems, all data have been brought to a 
common basis. This basis is ten years operation of 
one three-terminal klydonograph at one point of each 
system. The relatively long period of ten years was 
chosen to avoid fractions for high-magnitude surges, 
which were of infrequent occurrence. Thus, the actual 
number of surges of each classification, recorded on 
any given system, has been multiplied by the necessary 
constant. Since the lightning season usually is re¬ 
garded as six months, the constant used where lightning 
surges were involved is one-half the value applied to 
all other surges. Although many investigations lasted 
only a few months, and although some were conducted 
at such times that no lightning data were obtained, the 
tests were sufficiently extensive to warrant some im¬ 
portant conclusions. 

Lightning. As shown by Table I, the majority of 
lightning surges were positive. However, all the 
highest surges were negative, but they were infrequent. 
The only positive surges over 10 times normal oc¬ 
curred on systems 4 and 21. These only slightly 
exceeded 10 times normal, while negative surges some¬ 
times were considerably beyond this value. In three 
cases, direct strokes were known ^definitely to have 
caused the large negative records. In view of the fact 
that an induced surge is of opposite polarity, and 
that a surge, due to a direct stroke, is of similar polarity 
to the charged cloud, it is concluded that those clouds, 
which cause surges, are of negative polarity 15 . 

The occurrence of a flashover following a surge de- 
pends upon the wave-front, as well as upon the magni- 

5. Transmission Line Voltage Surges, J. H. Cox, Thanh. 
A. I. IT E., 1927, pp. 330. 


tude, of the transient voltage. The maximum possible 
potential, induced by lightning, is the product of the 
field gradient destroyed by the stroke, and the height 
of the line. It has been estimated that gradients as 
high as 100 kv. per foot (330 kv. per meter) are reached 
near the earth’s surface; 60 kv. per foot (200 kv. per 
meter) has been measured. It is universally assumed 
that cloud-field gradients are constant for the height of a 
transmission line. Thus, extremely high induced 
potentials are possible. However, the extreme voltages 
are induced only near the discharge path. From this 
point to the boundary of the field, the gradient decreases 
rapidly.' 1 The rate of rise of potential, on that part, of 
the line directly in the cloud field, is equivalent to the 
rate of collapse of this field. Where negative clouds are 
concerned, it is believed that the collapse takes place in a 
time of the order of three microseconds. Upon the 
release of the bound charge, it divides and travels along 
the line in both directions. On points of the line 
outside the cloud field, the rate of rise of potential 
is determined by the front of the traveling wave. With 
the rates of discharge mentioned above, tilt? front of this 
traveling wave is determined chiefly by the space 
configuration of the charge. Klydonograph data 
indicated that lightning surges have wave-fronts vary¬ 
ing from a few to 200 microseconds. The higher- 
voltage surges had the steeper wavo fronts. This 
conforms with the above discussion. Also, it is well 
known that the potential, which can be applied to 
any insulation, increases with the rate of application 
of the voltage. However, the time lag of the flashover 
of insulators decreases as the potential, in excess of the 
60-cycle flashover voltage, is increased. Thus the 
potential, that can be applied at any given rate of ap¬ 
plication, is limited, and similarly the maximum volt¬ 
ages, reached by lightning surges of even the steep¬ 
est wave fronts, are limited by insulator llashovers. 
These fiashovers permit the charge to pass to ground. 
The limitation of voltage is indicated by the fact that, 
on systems of widely different voltages, the maximum 
surges were approximately the same number of times 
the operating voltages. However, the data are not 
conclusive on this point, owing to the limitations of 
range of the klydonograph. More definite information 
was obtained on a 55-volt signal circuit. Since this 
circuit was only 2.5 miles (4.0 km.) long, any surge 
induced upon it would have been detected. This line 
flashed over repeatedly during lightning storms, but 
the potentials never exceeded 10 kv. 

In this connection, it is believed that the flashover 
voltage of 220 kv. transmission-line insulation, at the 
steepnesses of wave-front of lightning surges, is com¬ 
parable to the maximum potential ordinarily induced by 
lightning. Thus, lines of this voltage should be practi¬ 
cally immune to lightning, with the exception of direct 
strokes. 

6. Lightning and Other Transients on Transmission Linen, 
IT W. Peek, Jr., Trans. A. T. E. IT, Vol. XL'II 1,1924. 
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TABLE I —Continued 

LIGHTNING SURGES ON OPEN-WIRE SYSTEMS 


Surges per station in 10 years, according to voltage magnitude 
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The number of important surges which appear at a 
given point of a line during one lightning storm, was 
found to be low. More than two surges in excess of 
seven times normal voltage seldom were recorded at one 
klydonograph station. Also, many apparently severe 
storms were experienced without recording these higher 
voltages. Of course, their presence on a line depends, to 
a certain extent, on its length; the greater the exposure, 
the greater is the probability of lightning voltages at 
some point. The distance, from the point of origin, 
over which a surge maintains a magnitude of several 
times normal, is not definitely known. However, 
this appears to be of the order of a very few miles. 
It is hoped that accurate information on this point will 
be secured in the near future. In the meantime, the 
fact that only about two surges per storm occur, has 
considerable significance in connection with the ap¬ 
plication and operation of protective equipment. 

Table I shows a rather striking freedom from surges 
on the lower voltage lines, which operating statistics 
hardly verify. Higher, and more frequent surges, 
since lower induced-voltages must be considered, would 
be expected. For example, a lightning surge of 100 kv. 
would be 1.8 times' normal on a 66-kv. line, but 5.4 
times normal on a 22-kv. line. It is true that low- 
voltage lines are better protected from the field of 


influence of the cloud, because they are invariably 
nearer the ground than high-voltage lines. Conse¬ 
quently, lower induced voltages are to be expected, 
but this factor is not great enough to account for the 
results mentioned above. A number of possible ex¬ 
planations has been’considered but, to warrant definite 
conclusions, further investigation is necessary. 

Certain localities are nearly immune from lightning. 
Sometimes these are found even adjacent to regions 
where lightning is severe. On a system with lines 
extending in opposite directions from the same station, 
lightning conditions were found to be severe on one of 
these lines, and mild on the other. The freedom from 
trouble of the latter had been attributed to certain 
features which had been incorporated in its construc¬ 
tion. This illustrates the error of drawing conclusions 
regarding the efficiency of protective devices from 
an individual application. 

In Table I, a distinction is made between those surges 
which caused flashovers and those which did not. As 
would be expected, all the higher surges caused flash¬ 
overs. A wide variation exists in the amount of in¬ 
sulation used on lines of the same voltage. However, 
a measure of the flashover value of the average insula¬ 
tion, for the wave-fronts produced by lightning, is 
indicated. Surges, which were over seven times normal 
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and did not cause flashovers, were recorded on only- 
one system. This was No. 10, a 66-kv. system with a 
minimum insulation of seven suspension units. 

The majority of the low-voltage surges are listed as 
“not causing flashovers.” However, several surges 
of low magnitude are listed as “causing flashovers.” 
Doubtless, the latter were of much higher magnitude 



PERCENTAGE OF SURGES NOT EXCEEDING 
VALUE GIVEN BY ORDINATE 

A 



PERCENTAGE OF SURGES NOT EXCEEDING 
VALUE GIVEN BY ORDINATE 


B 

Figs. 1a, b—Relative Percentage of Lightning Surges 
of Various Magnitudes 

at some point of the line remote from the klydonograph. 
It was found that high-voltage surges did not travel 
far. In traversing a few miles of line, they were always 
damped to a small fraction of their initial value. In 
several instances, a decrement from over 1000 kv. to 


:no 

about 150 kv. was observed over a distance of 35 miles 
(56 km.). In one case, a surge five times normal was 
recorded five miles (eight km.) from a direct stroke, 
which caused a flashover to ground in the middle of a 
long span. Thus, it appears that the higher-voltage 
surges are damped below the corona voltage in about 
10 miles (16 km.). When this has occurred, the surge 
may travel a considerable distance without much 
attenuation. Frequently a surge of the order of 1.5 
or 2.0 times normal, traveled 50 miles (80 km.), and 
occasionally, the entire length of a 250 mile (400 km.) 
line. 

The table shows that lightning voltages are uni¬ 
directional. When a flashover occurred, the klydono¬ 
graph often indicated an oscillatory surge. Most of 
the oscillatory records are found in the column “causing 
flashovers.” However, there are a few in the other 
column. These were probably due to surges producing 
lightning arrester discharges or flashovers on eon- 



Fig. 2—Kltdonogram of a Direct Stroke of Lightning 

necting lines, which were overlooked in collecting the 
information. 

The lightning data are plotted in Figs. 1a and 1b. 
The voltages produced by lightning are a function of the 
heights of lines, and not of the operating voltages, 
except as limited by the flashover of insulators. There¬ 
fore, in view of the variation in the operating voltages 
of the lines tested, the curves have been drawn with 
ordinates in kilovolts rather than “times normal” 
although the latter is a better criterion of the severity of 
a particular surge. The plotted results include all the 
data from the 27 tests. Fig. 1a is plotted in Cartesian 
coordinates and shows the relative percentages of 
lightning surges of different magnitudes. Fig. j lB 
represents the same quantities plotted on probability 
paper. The exceedingly small percentage of the total 
of the higher-valued surges, is illustrated in Fig. 1a. 
The reasonable conformity of the plotted results to a 
straight line in Fig. 1b indicates that sufficient data to 
represent true conditions were obtained, and that the 
magnitudes of lightning surges follow the law of prob¬ 
ability. The plotted results deviate slightly from the 
straight line at the higher values. This is explained 
by the fact that, on the lower-voltage lines, insulator 









































COX, McAULEY, AND HUGGINS Transactions A. I. E. E. 


flashovers limited the magnitudes of many surges, 
which otherwise would have reached higher values. 

Various authors have discussed the value of the 
ground wire for reducing potentials induced on trans¬ 
mission lines by lightning. The theory of ground wire 
performance is relatively simple. It rests on the 
assumption that the charge on the ground wire can pass 
to ground as rapidly as the cloud discharges. The 
conclusions regarding the rate of lightning discharges 
indicate that this assumption is justified. Calculations 



Fig. 3—Klydonogram of Switching Surge 


based on this theory show that, with typical spacings, 
the ground wire reduces by 25 to 45 per cent, the po¬ 
tentials induced on the conductors. Using small-scale 
models, F. W. Peek, Jr. obtained test results which 
indicate reductions as high as 50 per cent. 6 The 
percentage protection against flashovers is much 
greater than the percentage reduction of induced 
voltages. This is for the reason that, on high-voltage 



Pig. 4—Klydonogram of a Lightning Arrester Discharge 

lines, many of the induced surges which cause flash¬ 
overs are not greatly in excess of the flashover voltages 
of the lines. It is readily conceivable that complete 
freedom from induced-voltage flashovers might result 
from a 50 per cent reduction of these voltages. 7 

Induced lightning voltages, simultaneously recorded 
on the three phases of vertically-spaced lines, were 
highest on the top phase and lowest on the bottom 

6. Lightning and Other Transients on Transmission Lines, 
F. W. Peek, Jr., Trans. A. I. E. E., Vol. XLIII, 1924, p.1205. 

7. Discussion at Niagara Falls Convention, May 1926. J. H. 
Cox, Trans. A. I. E. E., Vol. XLV, 1926, p. 788. 


phase, particularly where no ground wire was installed. 
Operating records also indicated that most flashovers 
occurred on the top conductor. According to the theory 
of the ground wire, with the usual spacing arrangement, 
the greatest protection is afforded the top conductor, 
which needs it most. Hence, the relative voltages 
appearing on the conductors, where a ground wire is 
installed, are a compromise between the respective 
induced voltages, as affected by the heights of the 
conductors, and the respective reductions effected by 
the ground wire. 

Because of the impossibility of obtaining lightning 
conditions at different times known to be similar, it is 
difficult to secure definite field data on the utility of 
the ground wire. However, Table I indicates a ten¬ 
dency in its favor. On those lines equipped with a 
ground wire, the proportion, of surges over five times 
normal to the total, is less than on lines without a 
ground wire. The most conclusive evidence was ob¬ 
tained on systems 4 and 5. These numbers represent 
the same system for the summers of 1925 and 1926 
respectively. A ground wire was installed between 



Fig. 5— Klydonogram of an Arcing Ground Surge 


these dates. It is noticed that, after the ground wire 
was installed, there were no induced surges above 
five times normal. The number of direct strokes 
remained practically the same. However, it is not 
expected that a ground wire will render the line 
immune to direct strokes. It may be argued that these . 
results are due to the vagaries of lightning, rather than 
to the efficiency of the ground wire.' But, the fact that 
there were nearly as many direct strokes the second 
year, indicates that the lightning season was nearly as 
severe. Furthermore, the operators were of the opinion 
that the improvement in their operating record was 
more pronounced than can be accounted for by the 
difference in the lightning encountered. 

It is hoped that these quantitative data and the 
accompanying discussion will contribute to the solution 
of lightning problems. As every engineer knows, these 
problems are a very important consideration in the 
operation of transmission lines. 

Switching. As shown in Table II, switching surges 
are not a serious problem where the present accepted 
factors of safety for insulation are used. The maximum 
switching surge recorded was six times normal. Surges 
of this kind over 4.5 times normal were found on only 
five of the 27 systems investigated. On 15 of these 
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systems, no switching surge over three times normal 
appeared. The majority of all switching surges were 
below this value. 

Not all switch operations produce surges. On 
system 1, the tests covered a period during which 
3600 high-tension switching operations were performed. 
Approximately three-quarters of these caused no surges 
that were detected at the stations, although there were 
klydonographs at each of the high-tension switching 
points. Of those surges recorded, 93 per cent were less 
than two times normal. Thus, only 1.75 per cent of 
the switching operations caused surges over two times 
normal. The maximum surge recorded on this line was 



Fig. 6—One Potentiometer for a 120-Kv. Klydonograph 
Installation 

3.2 times normal. It is estimated from the data for the 
27 systems, that, on the average, less than one-half of all 
switching operations caused- surges above normal 
voltage. • 

Although the results, obtained on systems of the 
same and different voltages, varied a good deal, the 
data have been reduced to an average for all systems, 
in Table IV. Again, to avoid fractions, the surges have 
been brought to the basis of 10 years at one point of 
each of 27 systems. As shown in this table, 80.8 per 
cent of all switching surges recorded, were less than two 
times normal, 93.0 per cent were less than three times 
normal, and 99.2 per cent were less than 4.5 times 
normal. 

The higher-voltage surges were recorded on lines of 
66 kv. to 140 kv. No surge as high as 4.5 times normal 
appeared on systems below 66 kv. With one exception 
there was none as high as three times normal. The 
absence of the higher surges on the lower-voltage lines is 
attributed to the fact that, in these cases, the klydono¬ 
graphs were usually connected to busses with many 
connected lines. As mentioned above, the highest 
surge recorded on the 220-kv. system was 3.2 times 
normal. 

Little difference between the switching surges on 
systems with free and grounded neutrals, was detected. 
A grounded conductor on a free neutral system during 
switching operations accentuates the surges produced, 
by the factor 1.73. This is indicated by the surges 
listed for systems 2 and 3. The actual surges over 4.5 


times normal, recorded on system 2, were caused by 
closing operations, when one conductor was grounded. 
They were all 5.2 times normal. On system 3, the 
actual surges over 4.5 times normal, listed under 
“closing switches at klydonograph stations,” were 
caused by closing a 100-mile (160-km.) line and syn¬ 
chronizing with the power plants. All of these were 
4.6 times normal. 

Load switching does not cause surges as high as idle- 
line switching. This was found to be the case on all 
systems. In Table II, the switching surges have been 
grouped according to opening or closing operations at 
the klydonograph stations, or at other points. In 
general, de-energizing operations at the klydonograph 
station caused the higher surges. The high surges 
listed for closing operations on systems 2 and 3 are an 
exception to this. These were discussed above. 
Moreover, the large weighting factors necessary, 
particularly for system 3, give them more prominence 
than is warranted. With these exceptions, the surges 
caused by de-energizing idle lines are appreciably the 
highest of all switching surges. Of all the surges due to 
switching operations at the klydonograph station, 

57.5 per cent were caused by opening operations and 

42.5 per cent by closing operations. 

It was found that switching surges occasionally 
traveled considerable distances. This is because they 
were low in magnitude, and thus not affected hy corona. 
In other words, they were governed only by the resis¬ 
tance term of the attenuation constant. 5 Surges due to 
closing operations were recorded at distant stations 



Fig. 7—Potentiometer for a Three-Phase Installation 
on a 12-Kv. Cable System 

oftener than those due to opening operations. Of all 
the surges recorded at distant stations, 53 per cent 
were caused by closing and 47 per cent by opening 
operations. 

. It is interesting to note that changing taps on a 
transformer under load produced no surges. In 
general, charging electrolytic lightning arresters did not 
cause surges. However, on one system where the 
arresters were not equipped with charging resistors, 
oscillatory surges as high as 2.4 times normal some¬ 
times resulted. On other systems an occasional surge 
about 1.3 times normal was produced. 

Switching surges were quite abrupt when generated, 
the fronts being of the order of one microsecond. They 
were damped rapidly and the fronts became more 
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« SNSTEM SURGES OP WHICH THE CAUSES WERE INTER RUPTIONS. MECHANICAE SHORTCIROUITS. AND UNKNO WN 
-Number of Suns® per station to 10 years, acordine to voltems nmgmtude _ 


System 


No. 


Voltage 

kv. 


10 


11 


12 


13 


14 


15 


16 


17 


18 


19 


20 


21 


22 


23 


24 


25 


26 


27 


220 


140 


140 


120 


120 


110 


110 


100 


66 


66 


66 


66 


66 


66 


66 


66 


66 


60 


44 


33 


33 


25 


24 


23 


22 


13.2 


6.6 


Type 

ot 

surge 


Overload Interruptions 


U 


Below 2.0 


times 

2.0- 3. 

normal 

2.9 4 

11 

8 


8 

30 


4 


14 


131 


103 


34 


31 


27 


27 

83 

252 


100 

20 

260 

20 

72 


96 

180 

44 


63 


135 

68 

40 



4.4- 

6.0 


20 


60 


Short circuits 


Below 

2.0 


20 


11 

15 


30 

4 


33 

33 


103 

34 


27 


53 


96 


24 


32 

48 


180 


2 . 0 - 

2.9 


45 


3.0- 

4.4 


3S 


27 


83 


24 


16 


60 


23 


200 


16 


4.4- 

6.0 


27 


83. 


40 

160 


Unknown 


27 


Below 

2.0 


600 

270 


146 

15 


240 

30 


1000 

20 


1117 

32 


2 . 0 - 

2.9 


20 


48 

8 


120 


144 

32 


455 

4 


3.0- 

4.5 


30 

4 

21 


4.5- 

6.0 


1 80 


345 

16 

16 

33 

310 

34 

430 

86 

134 


24 

8 

16 

31 

106 

532 

53 

72 

48 

4S 

1440 

48 

48 

S3 

S3 

100 

20 

20 

112 


180 

60 

120 

396 

66 

54 


252 


180 

23 

23 

920 

120 

1 40 


69 

86 


27 


63 


60 


30 


24 


40 


*U = Unidirectional. O = Oscillatory, 
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sloping. The greater the distances from the switch the 
longer were the fronts. The wave fronts of the switch¬ 
ing surges recorded were from one microsecond to a 
few hundred microseconds. 

Switching surges are of short duration. The table 
shows that 86.6 per cent were unidirectional and that 
13.4 per cent were oscillatory. The only system con¬ 
trary to the average was No. 12. Here, the majority 
of the surges were oscillatory. These were caused by 
interrupting the charging current of appreciable sec¬ 
tions of line with disconnect switches. When reflec¬ 
tions occurred and produced an oscillatory record, 
the surge lasted only one or two cycles. Further, the 
initial voltage was always appreciably higher than the 
succeeding half cycles. This indicates rapid damping, 
and consequently, the time of application of the high 
voltage was of short duration. 

In view of (a) the moderate magnitude, (b) the low 
frequency of occurrence, and (c) the short time duration 
of the higher surges due to switching operations, they 
are not of serious importance either from the standpoint 
of continuity of service or of the effect on the life of 
apparatus insulation. 

Fiashovers and Interruptions. Surges, due to flash- 
overs other than lightning, to overload interruptions, 
and to unknown causes, are listed in Table III. 

Fiashovers in general are objectionable from the 
standpoint of service interruptions. In some cases, 
they result in damage to the line in places where the 
repairs require considerable time and inconvenience. 
Also, the question of the effect of fiashovers at one. 
point, on the rest of the system, has often been raised. 


Apparatus and line failures have been blamed on the 
suspected presence of high-frequency high-voltage oscil¬ 
lations. Klydonograph records show that, on grounded 
neutral systems, no serious high-voltages are produced 
by fiashovers and no sustained high-frequency dis¬ 
turbances are produced by fiashovers or by other causes. 
Sometimes small surges occur, due either to the fault or 

to the resulting switch operation.there is no way to 

distinguish between these causes. However, these 
surges are small and unimportant. 

In the table, surges are classified as unidirectional or 
oscillatory. The latter classification really includes two 
types of surges. One is a highly damped oscillation of 
one or two cycles, the successive half cycles being much 
reduced in magnitude. These surges are really similar 
to unidirectional ones, in their effect. They sometimes 
occur in connection with switching, lightning, or 
fiashovers on grounded neutral systems. Their os¬ 
cillatory nature often is due to reflections in the circuits. 

Oscillatory surges of the other type are sustained 
high-frequency oscillations. These occurred only on 
ungrounded neutral systems after fiashovers, which re¬ 
sult in arcing grounds. The frequency of these ranged 
from 2000 to 30,000 cycles per second; their maximum 
voltages were sometimes 4.5 times normal. The 
oscillations resulting from arcing grounds extended to 
all parts of the system. 

It is known that the breakdown voltage of air is re¬ 
duced, if the frequency of the applied voltage is high 
enough to maintain the ionization of the air from one 
cycle to the next. Thus, the ionization is cumulative, 
and the breakdown is progressive. Such a breakdown 


SUMMARY OF SURGES IN 10 YEARS AT 

Cause 

Opening a switch at a station where a klydonograph was located... 
Closing a switch at a station where a klydonograph was located.., 

Opening switches at other stations.. 

Closing switches at other stations. 

Shortcircuits and fiashovers other than those due to lightning. 

Interruptions..... 


TABLE IV 

ONE STATION ON EACH OF 27 OPEN-WIRE SYSTEMS 


Lightning which caused a flashover. 


Lightning which did not cause a flashover.... 

*U a Unidirectional. O » Oscillatory. P =. Positive. N 



Below 2.0 



"" ~ 


times 




Type* 

normal 

2.0-2.9 

3.0-4.4 

4.5—0.0 

U 

0000 

900 

700 

49 

O 

750 

260 

95 

20 

u 

4300 

050 

280 

45 

0 

710 

300 

120 

00 

u 

2300 

100 

100 


0 

230 

44 

» 


u 

2700 

220 

20 


0 

200 

8 



u 

290 

64 



0 

080 

390 

240 

27 

u 

1200 

180 



0 

320 

210 

80 


u 

8200 

1300 

270 

37 

0 

1000 

450 

140 

28 


Below 2.5 

2.5-3.4 

3.5-4.9 

5.O-0.9 

p 

1000 

290 

200 

26 

N 

71 

38 

110 

08 

0 

810 

400 

84 

110 

p 

8200 

550 

230 

170 

N 

5 

32 

17 

2 

0 

350 

14 

54 
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will occur at a. point below the (H)-cyele breakdown h 

voltage. ci 

In rccritI yearn, certain devices, which were designed si 
to prevent insulator ilashovers from such disturbances, p 
have been placed on the market. Rut sustained high- e 
frequency oscillations occur only on isolated neutral s 
systems, and there, only after a llashover. Obviously, s 
it is futile, even on free neutral lines, to install devices r 
designed to prevent ila hovers due to this type of dis- f 
I ur i, u nce. Since, mi long lines, the service is already 1 
impaired, protection against the second llashover is i 
of minor importance. It is encouraging to know that < 
no sustained high frequency high-voltage disturbances i 
need he feared on grounded-neut rnl systems. 1 

As shown in Table ill. no high-magnitude surges 1 
resulting, from interrupt ions, oilier than those due to 1 
Has!rovers, were recorded. The surges found were low 
in value. In mo t ease,; they were less than twice 
normal. The highest recorded wore less than 4.5 
times normal and these occurred on only two systems. 
These results are consistent with the data on switching 
operations. Surges due to switching load currents 
always were low. 

Those surges for which no cause was found are also 
listed in Table 111. As mentioned before, they were 
probubh caused by switching or lightning, but. incom- 
ph'te operating records prevented the detection of the 
causes. They were relatively low in magnitude and 
warrant, no further consideration. 

In live location:., klvdonogntphs were installed on 
both sides of transformers. In two of these tests, no 
surge:; which were known to have passed through the 
transformers were detected. In the others, simultane¬ 
ous surges sometime:; were recorded on both sides, but 
they were not noticeably more severe on one side than 
on the oilier. The transmission of a surge through 
a transformer depends on the electrostatic relations of 
the parts. Thus, it should not hi* possible for a large 
surge to pa: ,-, through from the low to the high side and 
still he important. This was found to he the case. 
Where the transmission was in the other direction, the 
surge was approximately the same “times normal on 
both sides. This indicates that the reduction m the 
surge was of the same order as the ratio of the tians- 
former. In several eases, lightning singes wcic re 
corded simultaneously on both sides of a transformer. 
However, each of these might have ongma.ec on r& 
own side, hut due to the same stroke, l he actual data 
relating to the transmission of surges thtougi ,r " 
formers were rather meagre and, fhete ore, 

conclusive, , » 

The tests on open -wire systems show that, except tor 

lightning and arcing grounds no high-vo a # e 0 
bailees of part icular importance to the opera i 
ginew are present, 

II. Caulk Systems , 

The all,w.i ... high voltage tranaentaon 

transmi.Ksmn sy.Hlrms has been blamed f<« * Y 


failures in the past, both as a direct cause and a strong 
contributory factor. This naturally resulted in con¬ 
siderable controversy. It was a case of theoretical 
possibility versus meager and often conflicting negative 
evidence obtained in actual operation. Lack of a plau¬ 
sible alternative theory to explain failures and lack of 
suitable recording devices to investigate the surges 
made this situation possible and permitted it to survive 
for many years. That cable authorities have more or 
less discarded their former stand on this matter is 
indicated by the present general interest in the subject 
of dielectric breakdown and related problems in con¬ 
nection with cables. A number of theories which at¬ 
tempt to explain failures as due to the peculiar proper¬ 
ties of dielectrics or the conditions under which they 
work in cables, have been advanced. Also, during the 
past two years, surges on cable systems have been in¬ 
vestigated with the klydonograph. The information 
obtained in fourteen of these investigations is presented 
here. 

In order to bring the data from various systems to a 
comparative basis, the records have been weighted to 
represent one year's operation of one three-terminal 
klydonograph on each system. The total number of 
voltage indications has been counted; for instance, if 
two or more abnormal voltages were recorded simul¬ 
taneously cm different phases or at different points of a 
system, each has been considered individually. While 
these methods of analysis have some undesirable 
features, it is believed they provide the most satisfactory 
comparison from the point of view of the effect of surges 
on insulation, which is the prime consideration. 

Summarized data are shown in Tables V and VI. 
The former classifies the surges according to their 
causes; the latter demonstrates the variation between 
particular systems. In order to visualize these results 
as applied to the average system, they may be regarded 
: as representative of the total number of surges to be 

* expected at a given point of the average system m a 
■ period of fourteen years. Of course, this assump ion 

* has limitations—as will be seen later. 

1 The klydonographs were usually c ° n ^ ecte ° * 

' system at generating stations or ^ 

- M 6 ^ 

B m voC rTcorded ^ ^ ^ norm^. 

1 and-open-wire system, where certain wa n u^. 

* rrSr" ^ Nea t, 

'■ 9<?per cent of the total were under three times norm 

“ -r&w***uSCre 1 

oxisL literally. However, the d Qr wliere open-ware 

systems where cables strong yp t ’ 0 k ave n0 effect on 

n transmission lines were sufficiently remote 
le surgo conditions at the points investigated. 
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TABLE Y 

SUMMARY OF SURGES IN ONE YEAR AT ONE POINT ON EACH OF 14 CABLE SYSTEMS 


Cause 

i i 

Number of surges 

l 





Times norr 

nal voltage 


Unidire 

ictional 

Oscill 

atory 

Total 

Per cent 
total 

1.1 to 1.9 

2.0 to 2.9 

3.0 to 3.9 

4.0 to 4.9 

1.1 to 2.5 

2.6 & over 

1.1 to 2.5 

2.6 & over 

Closing a switch at a station where a kly- 











donograph was located. 

1050 

92 


1 

1120 

23 



1143 

42.4 

Opening a switch at a station where a kly- 











donograph was located. 

340 

25 


1 

360 

6 



366 

13.6 

Switching at other points of the system.... 

117 

13 

5 


120 

15 



135 

5.0 

Cables failures, automatic interruptions .. 

300 

49 

13 

5 

150 


185 

32 

367 

13.6 

Unknown. 

660 

12 

5 

3 

645 

23 

12 


680 

25.4 

Total. 

2467 

191 

23 

10 

2395 

67 

197 

32 

2691 


Per cent total. 

91.6 

7.1 

0.9 

0.4 

89.0 

2.5 

7.3 

1.2 


100 


TABLE VI 

SHOWINGXTHE VARIATION IN SURGE CONDITIONS ON 
INDIVIDUAL CABLE SYSTEMS. FIGURES ARE FOR ONE 
YEAR' Sj |OPER ATION OF A THREE-TERMINAL KLYDONO- 
GRAPH ON EACH SYSTEM 



Uni-du 

rectiom 

1 

Oscill 

_ ._ 

atory 



No. of 

surges 



No. of 

surges 




1.1 to 








System 

2.5 


Max. 

Per- 



Max. 

Per- 

Cable and 

times 

2.6 & 

times 

cent 

1.1 to 

2.6 & 

times 

cent 

open wire 

normal 

over 

normal 

total 

2.5 

over 

normal 

total 

24»Kv. 

13 


2.4 

68 

4 

2 

3.0 

32 

26jKv. 

30 


1.7 

100 




0 

26]Kv. 

250 

30 

4.3 

91 

27 


2.4 

9 

26jKv. 

140 

7 

3.3 

73 

27 

26 

4.6 

27 

33’Kv. 

12 

4 

3.1 

89 

2 


1.8 

11 

66 Kv. 

215 

13 

4.7 

96 

10 


2.4 

4 

Cable only 









11 Kv. 

140 

2 

2.6 

91 

15 


1.8 

9 

13 Kv. 

320 


1.8 

98 

5 


1.3 

2 

13 Kv. 

320 


1.5 

97 

11 


1.4 

3 

13 Kv. 

600 

9 

2.6 

100 




0 

13 Kv. 

105 

2 

4.5 

69 

48 


2.3 

31 

26 Kv... 

3S 


2.6 

44 

46 

2 

2.6 

56 

33 Kv. 

87 


1.4 

100 




0 

45 Kv. 

125 


1.6 

97 

2 

2 

2.6 

3 


2395 

67 


92 

197 

32 


8 


voltage. Also 92 per cent of the total were unidirec¬ 
tional and, therefore, of brief duration. Most of the 
abnormal voltages were caused by normal switching 
operations, and it is believed that many of those 
tabulated as unknown were also due to switching. 
Klydonograph clock errors and incomplete operating 
records undoubtedly prevented linking up a surge with 
its cause in many cases. 

However, the surges produced when failures occurred 
were considerably more severe than those due to 
switching. Practically all the oscillatory surges, and 
particularly the higher-voltage ones, were caused by 
insulation breakdowns. That these surges were the 
effects, and not the causes, of insulation failures is 
strongly indicated by the fact that they did not occur 
unaccompanied by a short circuit. Surges of this 
nature invariably appeared on the two phases of the 
system other than the faulty one, with about the same 
magnitude on each. The theory of production of surges 
of this nature involves the characteristics of the arc. 


This theory calls for a maximum of 2.5 times normal 
voltage for surges due to arcing grounds on grounded 
neutral systems 9 . The results for all except one system 
check very closely with this value. A maximum of 2.6 
times normal was recorded on these systems. Allow¬ 
ing for errors of measurement, the agreement is very 
satisfactory. 

The relatively greater severity of surges due to short 
circuits is because of the following considerations. 
These surges affect a large part of a system. In many 
cases, appreciable voltages were recorded many miles 
from the location of the failure. As a rule switching 
surges failed to travel far. In addition, surges ac¬ 
companying short-circuits usually were oscillatory, 
while switching surges were unidirectional. Thus 
it is seen that, for a given magnitude, surges resulting 
from short circuits are more severe on insulation. 
This is due to their longer time of application and to 
their greater energy which results in more of the system 
insulation being stressed. But the elimination of in¬ 
sulation failures would automatically eliminate surges 
of this class. 

In addition to the surges included in the tables, there 
were many recorded when energizing and de-energizing 
short bus-sections or leads to the klydonograph equip¬ 
ment, or, in other words, where very small charging 
currents were involved. These reached a maximum of 
4.5 times normal voltage, those for energizing operations 
averaging somewhat lower magnitudes. However these 
voltages appeared only on the sections being switched, 
involved very little energy, and usually were not the 
result of normal switching operations. For these 
reasons they are not included in the data. Certain 
physical conditions, which give the proper proportions 
between inductance and capacity, with high leakage 
resistance, are apparently necessary for the production 
of the higher voltages. Consequently, the great 
majority were of the order of two times normal or less. 
Surges, due to actual cable switching or operations in¬ 
volving appreciable currents, failed to reach three 
times normal voltage. In general, the production and 
magnitude of switching surges appear to be haphazard 

9. Voltages Induced by Arcing Grounds, J. F. Peters and 
J. Slepian; Trans. A. I. E. E., Vol. XLII, 1923, p. 478. . 
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affairs and, for a given operation, no relation between withstand for an appreciable time, it also appears that 
the magnitudes on the various phases can be detected, surges cannot be held responsible for the failures en- 
The large number of small surges shown for certain countered in practise. This conclusion is leached by 
systems is somewhat due to the influence upon the virtue of the low magnitude, the short time duration 
tabulated data, of special switching tests or other-than- and the low frequency of occurrence of surges. It might 
normal cable switching operations. The latter were be argued that it is wrong to assume that very high 
necessary, in some cases, for changing the plates or voltages occur nowhere on a particular system because 
films in the klydonographs. none appeared at certain points studied for a limited 

It will be noted in Table VI that the surges on cable- period of time. However, the. data were obtained on 
and-open-wire systems were somewhat higher than several systems and under a wide variety of operating 
those on pure-cable systems. This is partly due to conditions. The rarity of surges of even four times 
the presence of lightning voltages on open-wire systems, normal voltage naturally leads one . to doubt very 
although surges of this nature were eliminated from the strongly the existence of higher transient voltages on 
data where known to be such. Incidentally, none of cable systems. Of course it is conceivable that surges, 
these known lightning surges were of a magnitude to of the order of magnitude found in these investigations, 
make them important. Again, transmission line might cause a failure, if the insulation at any point 
switching usually results in higher surge voltages than were to reach such a condition that a slight increase in 
similar operations involving cables. One surge 4.5 potential would break it down. But it is doubted 


times normal was recorded on a pure-cable system. 
However this was due to energizing a switch group, 
which is a low energy operation as discussed above, but, 
at the same time, routine switching. Otherwise, the 
highest voltage observed on a pure-cable system was 
2.6 times normal. On one particular system the 
surges identified with short circuits were considerably 
higher than the average. For instance, this system 
accounted for 26 of the 32 oscillatory surges of 2.6 
times normal voltage and over. Its only apparent 
difference from the other systems, all of which were 
grounded solidly or through a low resistance, is the 
presence of a 75 ohm resistor in the neutral ground. 
No doubt, additional data will reveal more definitely 
the -conditions or phenomena underlying these excep¬ 
tional results. The inclusion of the data from this 
system has exaggerated to a certain extent the serious¬ 
ness of surges on the average system. 

An interesting phenomenon has been observed in 
connection with cable failures on four or five occasions. 
During three to six hours before the breakdown a 
succession of surges of the order of 1.7 times normal 
voltage has been recorded on two phases of a system, 
with the final breakdown occurring on the third phase. 
In other words the fault made itself evident some time 
before the short circuit developed. The klydonograph 
records indicated that this was not a continuous process 
but occurred more or less irregularly at intervals of 
a few minutes. Apparently, impulsive discharges 
through temporary punctures of the insulation took 
place. These created sufficient unbalance to raise the 
other phases to approximately the delta voltage above 
ground for an instant, without developing into a short 
circuit severe enough to cause an interruption. This 
action has been noticed only on 26-kv. and 33-kv. 
systems, and in each case the system neutral was 

grounded. . 

Apparently, transient high-voltages are a very minor 
contributory factor to cable-insulation failures. Con¬ 
sidering the test voltages which cables are required to 



8—DiagramI'of Connections for Lightning Arrester 
Tests 

that these surges could create this abnormal condition 
and its elimination would be the primary problem. 

III. Lightning Arresters 
The klydonograph has proven valuable for recording 
the performance of lightning arresters under operating 
conditions. 10 The magnitude and nature of the arrester 
discharge current as well as the same quantitites for the 
impressed voltage surge can be determined. The 
current measurement is obtained by recording the 
voltage drop across a non-inductive resistor, which is 
inserted in the arrester ground lead.. .A 10 to 15 ohm 
resistor is suitable. Since the minimum recording 
voltage of the klydonograph is about 2000 volts, the 
detection of currents above 150 to 200 amperes is 
possible with this arrangement. On three-unit arresters 
the bases must be insulated from their supporting foun¬ 
dations to force current through the resistance shunt. 
The voltages measured at the terminals of the arrester 
are the maximum values reached by the surge at that 

10. Arrester Tests with the Klydonograph, L. R. Golladay. 
Electrical World, Sept. 4,1926. 
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point. These exist, for the very brief interval required 
for the arrester to come into operation, after which they 
are reduced by the discharge. However, the extreme 
speed of the klydonograph permits the measurement of 
these short-duration peak values. A diagram of con¬ 
nections appears in Fig. 8. Fig. 9 shows a typical 
installation. 

Unfortunately, in most of the tests it was not feasible 
to install equipment to measure the surge voltages 
on all three phases. Where this was the case, the 
highest conductor, or the highest and the lowest 



Fig. 9—Typical Installation for Measuring Arrester 
Discharge Current 

conductors, were selected, for the reason that induced 
lightning voltages vary as the heights of the con¬ 
ductors above ground. However, the voltages im¬ 
pressed on the arrester terminals may not correspond 
to this law, if a flashover occurs at some distance from 
the arrester, or if transpositions are frequent. 

In Table VII the data on the performance of light¬ 
ning arresters are listed. All the arresters tested were 
of modern valve type. All were autovalve except No. 2, 
system 1, and No. 1, system 6. These two were differ¬ 
ent types. In order to bring the data from individual 
tests to a common basis, the records have been multi¬ 


plied by a factor to make them represent the operation 
of each arrester for one lightning season of six months. 
Classification has been made according to the maximum 
recorded voltage of each surge. The divisions are: 
(a) above 3.5 times normal; (b) 3.5 to 2.6 times nor¬ 
mal; (c) below 2.5 times normal; (d) discharges re¬ 
corded on arresters on which no potentiometers for 
measuring voltage were installed. 

The basis of most apparatus insulation tests is twice 
the operating phase-to-phase voltage. Consequently, 
lightning arresters are adjusted to relieve surges above 
this magnitude. However, all surge calculations have 
been based on the normal crest voltage to neutral. 
Therefore, a surge 2 X 1.73 = 3.5 times normal in the 
tables, corresponds to twice the phase-to-phase crest 
voltage. Discharges for surges below this value are 
unnecessaiy, and, in some respects, objectionable. 
This is particularly true for the lower-voltage surges 
in view 'of their greater frequency of occurrence. 

As shown in Table VII, with few exceptions, the 
operation of the arresters was satisfactory for surges 
above 3.5 times normal. Some of these, for which no 
discharges were recorded, were caused by switching. 
As switching surges often are not of the same, polarity 
on all three phases, the current discharge path may have 
been from phase to phase through the neutral inter¬ 
connection of the arrester units. For such a discharge 
no indication results on the klydonograph. Again, some 
surges, over 3.5 times normal, only slightly exceeded 
this value. In these cases the magnitudes possibly were 
exaggerated by the limitations of accuracy of the 
klydonograph. During the tests, only three lightning 
surges, which undoubtedly were high enough to require 


TABLE VII 

SUMMARY OP LIGHTNING ARRESTER INVESTIGATIONS, ON A BASIS OP ONE LIGHTNING SEASON’S OPERATION OP ONE 

.AJEtRE STER. 


u 

© 

i 

a 

© 

CG 

OQ 

Arrester number 

' Voltage 

Weeks of test 

Number of potentiometers 

Surge 

s 2.5 times normal or 
less 

1 

C 

Purges 2.6 to 3.5 

I . 

Si 

urges 3.5 or over 

No voltage 
measurements 

Num¬ 

ber 

D 

'ischargi 

es 

Num¬ 

ber 

D 

ischargi 

BS 

Num¬ 

ber 

E 

Hscharg 

es 

D 

ischargi 

es 

250 

amps. 

or 

less 

250 

to 

500 

amps. 

500 

amps. 

or 

over 

250 

amps. 

or 

less 

250 

to 

500 

amps. 

500 

amps. 

or 

over 

250 

amps. 

or 

less 

250 

to 

500 

amps. 

500 

amps. 

or 

over 

250 

amps. 

or 

less 

250 

to 

500 

amps. 

500 

amps. 

or 

over 

i 

1 

140* 

22 

2 

67 




1 












2 

120 

24 

3 

210 

5 

17 


28 


10 


6 


2 

3 




2 

1 

66 

26 

1 

58 

1 

3 


13 


2 

2 

6 


1 

1 





2 

66 

26 

1 

54 

1 

2 


7 




7 

2 

3 

2' 




3 

1 

66 

11 

1 

126 

2 

7 


4 


2 


4 


4 






2 

66 

11 

0 

































9 

20 

13 

4 

1 

66 

4 

1 

26 
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7 
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2 

66 

4 

0 
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1 

33 

23 

1 

26 
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33 

23 

1 

32 
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1 
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1 

25 

5 

2 

73 

5 

16 . 

83 
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25 

9 

2 

26 
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♦This Is a 140-kv. arrester connected to a 120-kv. system. 
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a disrhai'iM- anti f<>r which none above the minimum re- 
cor <ling point result.eti, won* recon let 1. s 

A considerable number of discharges occurred when o 
tlu 1 accompanying maximum surge voltages were below o 
-j 5 limes normal. This was particularly true on ar¬ 
rester No. 1, system b anti, l.t) a lesser extent., on arrester \ 
No. * 2 , systcm l. In tests where voltage measurements c 
were math* on only one or t wo phases, higher voltages on 
the other phase or phases likely were responsible for t 
many of (he discharges of this type. I 

The function of lightning arresters, as ordinarily in- f 
stalled, is the protection of station apparatus. They 
do not. necessarily prevent line llashovers.' If a high- 1 
voltage licit! nine, surge originates at some distance from 
an arrester, the line insulators may Hash over before the 
surge reaches the arrester. This point is discussed in 
Part 1 . To protect against, insulator llashovers it 
would be necessary to distribute arresters at short 

intervals along a hue. 

The results of these tests show that the operation of 
lightning arresters in the field confirms predictions 
based on laboratory tests. However, {.lie data indicate 
that th<' occasions, upon which high-voltage lightning 
arresters, are called upon to opernle, are relatively 
infrequent. 

{ 'tlNt'l'UNIONS 

1 . Surge ", oil ages due to lightning are unidirectional. 
Tin* douda which product* surges are of negative po¬ 
larity, resulting in positive induced-voltages and 
negative direct •,.<! rope voltages, 

2. The maximum values, reached by lightning 
surges on transmission lines, are limited by the Hash- 
over of flu* in minings It is believed that, the flash- 
over voltage of 220 kv. transmission line insulation, 
at tlu* steepnesses of wave front, of lightning surges, 
is comparable to the maximum potentials ordinarily 

induced bv lightning. . . . 

;i The llasltover voltage of the average insulation 
of lines up to 110 kv. is about seven times normal for 
lightning impulses, 

4, Seldom more, and often less than two surges, 
comparable in magnitude to the insulator flashoycr 
volt age, appear at a given point of a hue during a st.oi m. 

a. The frequency of occurrence of the higher surges 
does not seem to be greater for low-voltage than ior 
high-voltage lines. 

(i. v.illu,!.* siiiws :»■*' iliinjjKsl boltiw i.!i« c.otoiu 

viiluwciit i® rrsiiwafrwmill'sofiiw. At lowmattm- 

tudes they may t ravel long distances. , 

?. 'riie quant it at ive measurements with the kly - 

.. with the nwmlmK 

vnlia.'.-s un.l Hu. i.rotwliim aKiunst th< ' KI! ‘ lir ° ulci y 

the ground wire. , . , ■ 

H, Switching surges occasionally mich s. 

i it i.-i iif| o cent of all produced aie 

normal voltage, but 99.2 pet u ni, n t 

less than 4.a times normal, bass than o() P 

all switching operat ions create a disturbance. 


9. Switching idle lines produces higher surges than 
similar operations involving load currents. Opening 
operations result in higher voltages than closing 

operations. , 

10. Switching surges usually are unidirectional. 
When oscillatory, they are highly damped and therefore 
of short duration. 

11. Switching surges are not of serious importance 
either from the viewpoint of continuity of service or of 
their effect on apparatus insulation, where the accepted 
factors of safety for insulation are used. 

12. Flashovers and shortcircuits produce no serious 
voltage surges where the system neutral is grounded. 
The nearest approach to sustained high-frequency 
high-voltage oscillations is the arcing . ground on 
isolated-neutral systems, where this form of disturbance 
reaches a maximum of about 4.5 times normal voltage. 

13 . Except for lightning surges and arcing grounds 
no high-voltage disturbances, of particular importance 
to the operating engineer, appear on transmission lines. 

14. Nearly 99 per cent of the surges found on cable 
systems are less than 3.0 times normal voltage. 1 he 
maximum voltages are of the order of 4.5 times norma , 
92 per cent of the total are unidirectional. 

15. Where open-wire lines are combined with cables, 
the surges are somewhat higher than on pure-cable 

systems. , . 

K5. The surges resulting from short circuits me 

relatively the most injurious to cables, owing to their 
longer time of application to insulation, and to then 
greater energy which results in more of the system in¬ 
sulation being stressed. However, except under certain 
rare conditions, their magnitude never exceeds 2.5 
times normal, and their frequency of occurrence is low. 

17. Apparently, transient high voltages are a minor 
contributory factor to cable-insulation failures. 

18. In the investigations of the perlormance of 
lightning arresters in actual service, it was.found that 
arresters in general give satisfactory operation, that is, 
they relieve all surge voltages above the standard test 
voltages for equipment insulation. Discharge currents 
up to 2500 amperes occur in practise. From these 

' tests it is concluded that the field performances ol 
1 arresters confirms predictions based on laboratory tests. 
’ 19 . Lightning arresters do not protect a line against 

flashovers at distant points. 
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Discussion 

For discussion of this paper see page 348. 




















Transmission Line Voltage Surges 

BY J. H. COX* 

Associate, A. I. E. E. 

Synopsis . —Records of the transients actually occurring on 3. They suggested modifications or extensions of these Latter 
transmission lines of widely varying characteristics have been theories. 

obtained recently with the klydonograph. This paper is a coordination of those theories which agree with test 

1. These records substantiate many of the theories of transients data obtained up to the present time. Since the results of the kly- 

on lines donograph surge investigations are presented in a companion paper, 

2. They indicate the incorrectness or incompleteness of some of only the data required to make this paper complete in itself are 

these theories. included. 


Introduction 

T HERE has been a great deal of discussion regarding 
the high-voltage transients which appear on trans¬ 
mission systems. Switching operations and light¬ 
ning are the most important causes of these transients. 
Due to their extremely short duration, there was, until 
recently, no instrument available for obtaining definite 
information regarding their characteristics. Their 
nature had been deduced from operating experiences 
such as flashovers and apparatus failures. Although 
electric circuit theory became quite well known, 
different assumptions in the premises led to different 
conclusions—hence the divergence of opinion. 

Since the recent advent of the klydonograph and the 
cathode-ray oscillograph, field data, secured under a 
wide variety of conditions, have been obtained, with 
the former in America and with the latter in Europe. 
These data do much toward clarifying the situation. 
In this paper an attempt is made to coordinate the 
author’s experiences and certain theories of surges, both 
switching and lightning, which are substantiated by 
field results. 


I. Switching 

Ideal Case. The well known theory of traveling 
waves will be briefly reviewed. For simplicity the ideal 
case will be considered first. This is the case where a 
single line is switched from a limitless source, and the 
potential is applied or removed instantly. At the 
instant of such an operation, a sheer-front voltage wave, 
equal to the applied voltage, proceeds out along the 
line. It is accompanied by a current wave, equal in 
magnitude to the voltage divided by the surge im¬ 
pedance. These waves, when they reach a terminal, 
reflect with full magnitude with the same or opposite 
sign, according to whether the line is open or short- 
circuited, and according to whether the voltage or 
current wave is considered. The reflected wave will 
then add to, or subtract from, the initial wave. The 
maximum voltage possible from this effect on a homoge¬ 
neous line is twice the applied voltage. This is shown 
in Fig. 1. A transformer at the end of a line, due to its 

*Westinghouse Electric & Manufacturing Co., East Pittsburgh, 
Pa. 
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high open-circuit impedance, presents the same con¬ 
dition to a surge upon its first impression, as an open 
line. 

In the case where the end of the line is neither open 
nor closed, but joins a line of different surge impedance, 
there is a reflected wave and a transmitted wave. 
Where E is the voltage of the initial wave, Z x the surge 



Fig. 1—Traveling Waves on Transmission Line 
( a) End open (b) End short-circuited 


impedance of the first line, and Zo that of the second 

Z 2 — Z\ ^ 

line, the reflected wave is equal to —% —E, 


2 Z 2 

and the transmitted wave is equal to zT-j^Z^ 

This effect is shown in Fig. 2. The usual open air line 
has a surge impedance of the order of 550 ohms, and a 
cable 50 ohms. Taking the case of a composite line, 
it is seen that, if a switch is closed on the.cable section, 
there will be a reflection where the wave enters the open 
wire part, and the transmitted wave will have a mag¬ 
nitude of nearly 2 E. Then if the open wire line is open 
ended, or ends with a transformer, the wave will reflect 
giving a total potential of nearly 4 E. Obviously, if a 
line divides into two or more branches, the branches 
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present to the line the same effect as a line of lower 
surge impedance. 

Practical Case. In the practical case of alternating- 
current switching, the point of the applied wave at 
which contact is made, is a more or less haphazard 
affair. There is a tendency to arc over at the crest of 
the wave, especially at 'the higher voltages now used. 
However, with the usual closing speed of contacts, and 



(b) 

Fig. 2—Reflections at the Junction Point in a Composite 

Line 


equal to E> as shown in Fig. 3. Here the maximum 
voltage with reflection will be E. When a line is closed 
on a bus having more than one other line energized, the 
wave sent out is greater than ]/ 2 E, and approaches E as 
a limit. Another common case is where a line is ener¬ 
gized from a transformer. Whenever there is a voltage 
wave, there must be an accompanying current wave 
equal to E divided by the surge impedance Z 0 . It is 
impossible, however, for current to build up instantly 
in a transformer. The rate of rise will be limited by 
the leakage inductance of the transformer, and the wave 
front will be sloping. If the front is more than twice 
as long as the length of the line, there can not be a com¬ 
plete reflection, since, after the foot of the wave has 
traveled to the distant end and back, it will disturb the 
conditions at the terminal point considered. 

Fig. 4 shows the approximate circuit of a line being 
switched from the high-tension side of a transformer. 
The potential of the line is determined by the relation 
e = iZ 0 (1) 

The relationship between the currents and voltages in 
the circuit is 


(.a) Passing from cable to open wire 
(b) Passing from open wire to cable 

the breakdown strength of oil, this tendency is not the 
controlling factor. Thus the traveling wave, initiated 
by a switch closure, will not always have a magnitude as 
great as the normal crest voltage. Of course, the 
reflections are governed by the original wave. 

It must be remembered that the above discussion 
applies to the ideal case. Although the application of 
voltage by a switch closure in practise is a rather 
abrupt phenomena, it is not instantaneous. The 
voltage on the part being energized rises from zero to the 



Fig. 3— A Line Energized from a Similar Line 


di 

Rl + L ~dT +e = E 

or upon substituting, 

di R + Z 0 . E 

dt . + L 1 ~ L 


( 2 ) 


where E is the voltage on the low-tension side of the 



Fig. 4—Approximate Diagram of Transmission Line and 
Transformer 

transformer referred to the high-tension, R and L are 
the equivalent resistance and leakage inductance of the 
transformer, and Z 0 is the surge impedance of the line 
with respect to ground. With E constant, the solution 
of (2) gives the equation of i: 


full value in a time of the order of 0.1 microsecond to a 
few microseconds; that is, the front of the wave sent out 
extends over from 100 ft. to a mile of line at the start. 
There are, however, two factors entering into the prac¬ 
tical case, each of which tends to lengthen the wave 
fronts of surges and to lessen the voltages obtained. 

Limitation of Source. In practise, when a line is 
switched, it is not done in connection with an infinite 
power source. The nearest approach to this condition 
is ^losing a single line on a high-capacity bus; that is, 
a bus which has many other connected lines. When 
a line is closed to a similar line, the wave sent out is 



From equation (1) it is evident that the voltage wave 
has the same shape as the current wave and its front 
extends over the same length of line. The current, 
from equation (3), will rise to almost its maximum 
value in a time equal to twice the time constant. 

L 

T = — p . - r * —• Thus, to accomplish a complete 

K "T -&0 


reflection, the line must have a minimum length of 
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TABLE I 

LENGTHS OF OPEN-WIRE LINES NECESSARY FOR COMPLETE REFLECTION OF A SURGE 
GENERATED BY SWITCHING A LINE FROM A TRANSFORMER 


Transf. 

capacity 

kv-a. 


60,000 

75,000 

100,000 

150,000 

215,000 

60,000 

75,000 

100,000 

150,000 

45,000 

60,000 

75,000 

100,000 

120,000 

30,000 

45,000 

60,000 

75,000 

100,000 


Per cent 
R 


Per cent 
X 



0.0201 

0.0101 

0.00769 

0.00583 

0.00424 

0.0127 

0.00636 

.0.00397 

0.00291 

0 . 00212 . 


0.000383 

0.000307 

0.000230 

0.000154 

0.000108 

0.000131 

0.0000912 

0.0000790 

0.0000525 

0.000121 
0.0000915 
0.0000585 
0.0000550 
0.0000458 

0.0000558 

0.0000418 

0.0000313 

0.0000251 

0.0000189 

0.0000349 

0.0000175 

0.0000133 

0.0000101 

0.00000732 

0.0000221 

0.0000110 

0.00000690 

0.00000506 

0.00000369 



v T, where v is the rate of wave propagation, 186,000 miles 
(300,000 km.) per second. Table I shows the lengths of 
open-wire lines, of various voltages, necessary for com¬ 
plete reflections, when energized from transformers of 
capacities commensurate with the line voltages given. 
Since the surge impedance of a cable is approximately 
one-tenth, and the speed of propagation one-half of that 
of an open wire line, the lengths of cable required are 
approximately five times those given in the table. For 
a double reflection, giving nearly 4 E as discussed above, 
the cable must be connected to an open wire line twice 
as long. With the lengths of wave fronts generated on 
cables, it is evident that the lengths of cable and open- 
wire line necessary in a composite line for this double 
reflection are not common conditions. Further, with 
such lengths, the next factor discussed influences the 
situation. 

Attenuation . The second factor tending to limit the 
surge potential is the attenuation of the wave. The 
attenuation factor of a line is: 

_ ( r 4. sZp \ X 

€ V 22 0 2 ' 

where r is the series resistance and g the parallel con¬ 
ductance per unit length of line, Z 0 is the surge im¬ 
pedance, and x is the distance traveled in the same linear 
units used for r and g. 

This reduces the wave as it travels down the line. 
In any case where there are abrupt wave fronts there are 
high-frequency components. The resistance of the 


conductor is higher to these high frequencies due to 
skin effect. Thus, the first term of the attenuation 

T X 

constant,-for the higher frequencies is many times 

. 2 Z o 

its value using the d-c. resistance. This will tend to 
rapidly damp out the high-frequency components and 
slope the wave. 

In the case of high voltages, corona enters and helps 
dissipate the energy of the surge 7 . This effect is higher 
for the more abrupt wave fronts. The effect of corona 
is to increase the second term of the attenuation 


constant 


gZ 0 x 


This term is negligible when only 


the -leakage of the insulation is considered. For the 
higher voltages this second term is far greater than the 
first. Thus, when a surge above the corona voltage 
is generated, its energy is dissipated rapidly as the wave 
travels along the line. When the voltage has been 
reduced below the corona point, the wave proceeds, 
being governed by the first term of the attenuation 

T X 

constant, ——This attenuates the wave more slowly. 
2 Z o 

It has been found in tests that extremely high voltage 
surges fall to a fraction of their original value in a 
distance of only a few miles. In several instances, a 
7. For references see Bibliography. 












tSl jrj!i» was recorded at one station with a magnitude of 
]0(H) kv . and at a si at ion ->5 miles away with a magni- 
t ucit*of 1 ai) la . It is bolioved that most, of this attenu¬ 
ation funk pla«a* in t hi* first few miles. Lower valued 
surges which traveled *2Btl miles have been recorded, 

( 7 itirtttii <r.itin; of tut Arc. 'flu* considerations thus 
far discussed do not take into account any characteris- 
fjr of the are, which always takes place at the contacts 
of a switch. 'Hus may affect the results considerably. 

Kir, an shows the static characteristic of an arc 
in air; that is, the variation between volts and amperes 
under slowly varying conditions, 'fins gives the effect 
of a negative resistance and an approximate equation 
j s V" V / r„, where l is the voltage across the 
arc and r, is the value of negative resistance, or the 
slope of the at might line, ’this characteristic, however, 
is not maintained under rapidly varying conditions. 
Lnder such conditions there would have to he a rapid 
ionization and deaoniration of the air and the speed of 
these phenomena is limited. Fig. fdushows the dynamic 
rharacterihtie of the alternating current arc in air. 


Effect of the Arc in Switching. Where power currents 
are switched, the arc persists over any high-frequency 
oscillation and conditions are controlled by the 60- 
cycle wave. This is also true in the usual case of 
charging currents since appreciable currents usually are 
involved. In the ease of closing either, the arc does not 
ordinarily extinguish after once striking. Where power 
current is interrupted the arc will extinguish at the zero 

A _£_ 

(a) W A B 

k It A La *A Ha,'/aL b Vi Lb,V« Rr 

I ■’W— MeC 1 " • — X —■—Wr'J JT U i.'OTiJMAf- 

(h)t'j') |”Ci> 

Km. U Thansmission Link. Suvruion fuom Alternating 
O lTHHKNT SOUUCK 

point of t in* current wave which is also at a low point 
of voltage. Also, when charging currents are inter¬ 
rupted, the are will first extinguish at the zero point of 
the current wave, but this will be at the maximum 
of the voltage wave. In this case, surges three times 



p»», i ttv an Aim in A in 


lie JHitumK' 

Til in I’lipfiieferisi $** ih a function of hot it eurient And 
frequency. With small currents and low frequencies 
the elramctcrisis* 4 approaches that of tig. on. \\ iiJi 
heavy currents, the iiitcus** mmrafiou keeps the atmos¬ 
phere of flic are eondwimy hHwt*eu alterant ions even 
ui lower frequencies. while with light currents at highei 
frequencies there in not time for the de-ionization neees- 
gslry to give the sialic ejiaraeterinfe*. It is this 
I’haractrriHtic, giving a low value of negative resistance 
at high frequencies, which minimi** the possibility of 
sustained high frequency oscillations on transmission 
lines. If is acknowledged that, if the negative resis¬ 
tance of the are, m a sustained short circuit, were greater 
than the fwmf!ive resistance of tin* connected circuit, 
oscillation* with mdefimt**ly increasing amplitude 
would Is* \ Tests have proved that these do 

not exist. Where the- are in m rapid air currents or a 
magnetic ifold the tendency is toward the static charac¬ 
teristic, An are in oil nlso has a negative icsislante 
charachTistic* m» the following discussion applies to 
oil*eimnf ‘breaker, ns well as nirdtireak, switching. 


normal are possible. For short lengths of line or 
station busses, where exceedingly small currents are 
involved, the arc maintains more of its static character¬ 
istic and higher potentials are possible. 

Switching Charging Currents—Larger Values. The 
above considerations may be better explained in con¬ 
nection with the following diagrams; Fig. 6a represents 
one phase of an open end line. Fig. 6b represents the 



Kim. 7 Hvvmumai (Iuntuollbd uy (if) Cycle Conditions 

ui) VoltttKtt on Hui>i>ly sl<l« of switch 
(b) VoUokm on lino side of switch 


approximate equivalent circuit. 1 H ig. fa shows . the 
wave of voltage at the supply side of the switch. 
Fig. 7b shows the voltage on the line, or condenser. 
The arc between the switch contacts will first extin¬ 
guish at 1, the zqro point of the current wave and the 
crest of the voltage wave. This will leave the line 
charged to a maximum of E m in one direction. The 
switch contacts are assumed to be separating continu¬ 
ously. From 1 to 4 the voltage across the switch con¬ 
tacts varies with the impressed voltage to a maximum, 
of 2 E m at 8. There will be no restriking if at this 
time the contacts are too far apart to break down at 
2 E m . H not, reignition will occur, and there will be a 
resulting oscillation about the point of the applied 
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voltage E a , or — E m , and with an amplitude of 2 E m , the 
amount of the transition to the new condition. It is 
obvious that the potential will thus reach a maximum of 
— 3 E m across the condenser. Since there is appre¬ 
ciable current the negative resistance of the arc is low 
and it will not extinguish during the high-frequency 
oscillation. This oscillation will then damp down to 
the applied voltage. Again, it will extinguish at that 
point, as shown between 3 and 5, leaving the condenser 
charged to a potential of — E m . At 5 it may again 
re-ignite with a potential of 2 E m across the contacts. 
Here again the oscillation will have an amplitude of 
2 E m , giving a maximum of 3 E rn across the condenser, 
and the oscillation will damp down to the applied volt¬ 
age, where it will extinguish. It is evident that, no 
matter how often the arc reignites, the potential can 
never be higher than 3 E m . 

Switching Charging Currents—Small Values. When 
small currents are involved, it is possible under certain 
circumstances for the arc to extinguish at the zero point 
of the high-frequency current wave, and ignite at the 



Fig. S— Switching Controlled by High-Freqtjency 
Conditions 


(a) Voltage on supply side of switch 

(b) Voltage on line side of switch 

crest of the 60-cycle wave. This situation is illustrated 
in Figs. 6 and 8 but in this case part B of the circuit is 
small and therefore takes small charging current. As in 
the previous case the arc between the contacts will 
extinguish at the crest of the 60-cycle wave at 1, Fig. 
8b. The condenser will then be left charged to a 
potential of E m . It is assumed that after one half- 
cycle, at 3, the switch separation is such that 2 E m will 
just reignite the arc. There will then be an oscillation 
with an amplitude of 2 E m about the applied voltage 
Ea, or — E m . The potential across the condenser will 
thus reach a maximum of - 3 E m . When this oscilla¬ 
tion has damped to a value slightly less than 2 E m the 
arc may extinguish at the zero point of the high-fre¬ 
quency current wave and leave the condenser charged to 
slightly less than — 3 E m . Again the voltage across the 
contacts will vary between points 3 and 5 to a maximum 
of 4 E n at 5 when it is assumed that the switch contacts 
have separated to a position where 4 E m will just re¬ 
ignite the arc. This time the oscillation will have a 
magnitude of something less than 4 E m about E m which 


will bring the voltage across the condenser to a maxi¬ 
mum of slightly less than 5 E m . This process may be 
carried on with an increase of nearly 2 E m with each 
restriking of the arc. 

While it is conceivable for the process discussed in 
the last paragraph to continue beyond two restrikings, 
it is extremely unlikely; and even two should be rare. 
There are many factors which tend to prevent the high 
frequency condition from controlling the situation. 
The theory assumes that the charging current to the 
section being disconnected is broken at the zero point 
of the high-frequency current wave after the first inter¬ 
ruption. In the usual case of line switching the induc¬ 
tance and capacitance are both linear functions of the 
length of circuit. Thus, when the capacity is small, 
giving small currents, the inductance is also small and 
the frequencies are high. Usually these frequencies 
are high enough to maintain the arc over the high-fre¬ 
quency oscillation even though the currents are ex¬ 
tremely small. The worst condition as discussed as¬ 
sumes that the rate of opening of the contacts is such 
that the breakdown is increased nearly 2 E m each half 
cycle of the applied voltage. Further, it is just as 
likely that in position 3 Fig. 8, the arc will extinguish 
leaving the bus charged + E m rather than - 3 E m . 
In this case there would be ho second restriking. 

From the foregoing, it appears that high-speed 
switches would tend to prevent the higher voltage 
surges. If, after the first extinction, the separation of 
the contacts is so rapid that in one half-cycle its break¬ 
down is more than 2 E m , there can be no restriking. 
With the same speed of opening the breakdown be¬ 
tween contacts in oil increases more rapidly than in air. 
Thus there should be greater freedom from surges from 
oil switch operations than air-break switch operations. 

Closing operations should not cause potentials as 
high as opening operations. This is for the reason that 
the switch contacts are drawing continuously closer and 
therefore there should be at most only one restriking. 
This would limit the potentials obtainable to 2 E m on 
homogeneous lines. However, since switch contacts, 
especially disconnect switch contacts, are not perfect 
arcing contacts, it is possible for the second striking to 
be at a higher voltage than the first. This makes 
possible surges slightly higher than 2 E m from closing. 
It is fortunate that the higher surges come upon de¬ 
energizing since in this case the element of highest po¬ 
tential is being disconnected from the system and a 
flashover is not as serious. Further, there is usually 
the least apparatus connected to the part being 
disconnected. 

In all the above it is assumed that the neutral of the 
system is held at ground potential. In the case of an 
isolated neutral system the potentials discussed above 
are aggravated by the amount of the shift of the neutral; 
that is by a maximum of 1.73. 

Experimental Data. During the past three years, 
field tests using the klydonograph as a surge recorder 
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have been conducted on a large variety of open-wire and ; 
cable systems. These have given definite information 
as to the surges actually present on lines. The com¬ 
plete results of these tests are being given in a com¬ 
panion paper by Messrs. McAuley and Huggins and the 
writer. Certain of these data, however, will be dis¬ 
cussed here in connection with the above theories. 

Switching in general caused no serious surges. The 
majority of switch operations produced no overpoten¬ 
tials and the majority of the surges which were produced 
were less than two times normal. Occasionally higher 
voltage surges occurred, but these were rare. This 
would be expected due to the small chance of the simul¬ 
taneous presence, during a switching operation, of all 
the conditions and events necessary for their production 
as discussed above. Surges due to switching load 
currents or energizing lines were of the lower values. 
The higher surges always resulted from low energy 
operations, such as switching short lengths of line or 
busses. Many of these higher ones were caused by de¬ 
energizing busses or open oil switches with disconnect 
switches. As examples: In a test on a 220-kv. grounded- 
neutral system, with instruments at four points, about 
3600 high-tension, oil-switch operations were performed. 
Approximately one-fourth of these caused surges. The 
largest surge recorded was 3.2 times normal due to de¬ 
energizing a 40-mi. section of the line. The next highest 
were two 2.7 times normal due to opening a bus. On a 
140-kv. isolated-neutral system in ten months tests at 
four points there were five surges between 3.0 and 4.6 
times normal. On a 120-kv. grounded-neutral system 
during ten months normal operation with recorders at 
four points there was one surge six times normal, one 
4.0, one 3.7, and five between 3.7 and 3.0 times normal. 
All of the above were caused by idle-line switching, and 
the higher ones by de-energizing operations.. 

On cable systems, due to the higher charging currents 
per unit length, the higher attenuation constant, the 
longer initial wave fronts, and the denser networks 
usually encountered, milder surge conditions would be 
expected. This is what was actually found: lhe 
maximum surges recorded due to cable switching were 
of the order of 2.5 times normal. In one test, after a 
year's operation, a surge 4.5 times normal was recorded. 
However, this was due to energizing a switch group and 
not strictly a cable operation. On another test, high 
surges resulting from opening a bus section prompted a 
series of tests. The highest values were as follows: 

Opening bus with disconnect switches—4.5 times 

n °Cte'ng bus with disconnect switches-2.9 times 

« /'YK'TVI 3 I 

Opening bus and transformer with oil switches—4.3 

^Closing bus and transformer with oil switches—2.9 

B™th ofthese conditions are low-current operations. 
Although the current would be larger with t e rans- 
former connected, the natural period of the circuit woul 


also be longer, thus permitting the action discussed under 
“Charging Currents—Small Values.” 


II. Lightning 

The principal characteristics of lightning of interest 
in connection with its effect on transmission lines are: 
the gradient of the field produced by the cloud charge; 
the nature of the discharge, that is, its rate, and whether 
it is unidirectional or oscillatory; and the polarity of the 
cloud. Ryan, De Blois, Norinder, Creighton, Peek, 
Simpson, and others have all contributed towards our 
present knowledge. 

From any isolated charged body in the atmosphere 
there is an electrostatic field ending in an equal charge 
of opposite polarity gathered on the earth. As a 
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Traveling Waves After a Stroke 
Fig. 9 

charged cloud approaches a transmission line, a charge, 
opposite in sign to that on the cloud, gathers on t e 
line Since the cloud approaches slowly, the charge 
passes up from the ground through the neutral or leaks 
over the insulators. This charge hi the presence of the 
field keeps the line at zero potential with respect to the 
earth Fig. 9a illustrates this condition. Upon the 
stroke of lightning the field disappears and, if the col¬ 
lapse be rapid, leaves the charge bound. on the line. 
If the collapse is instantaneous this raises the line 
potential to a voltage corresponding to the field before 
the stroke, but opposite in sign. The magnitude of 
this voltage is the product of the change m field gradient 
and the height of the line. Upon the disappearance 
of the field, the charge divides m the center and propa¬ 
gates a traveling wave in each direction as; shown m 
Fte. 9c. Each of these waves has a magnitude equal 
to one half of that of the initial voltage directly under 
the cloud. It is readily seen that the rate of rise of 
voltage, and the maximum magnitude, on that part 
of the line occupied by the charge before the stroke, is 
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determined by the rate of discharge of the cloud, as 
well as the value of the field destroyed. The reason 
for this is that while the cloud is discharging, part of 
the charge is traveling out and increases the length of 
the surge, but reduces its magnitude. On the remainder 
of the line to which the traveling wave goes, the rate of 
rise of voltage is determined by the wave front, that is, 
the space configuration of the charge liberated, as well as 
by the rate of discharge of the cloud. It is obvious that 
for this phenomenon to take place the cloud must dis¬ 
charge rapidly, that is, in a few microseconds. Other¬ 
wise the charge will have time to spread out over the 
line gradually, without causing an appreciable rise in 
voltage. The amount of this rise is determined by the 
ratio of the length of the line occupied by the bound 
charge to the total length of the line, and the change of 
field gradient caused by the stroke. Also, if the neutral 
of the transformers is grounded and the discharge is 
slow, the charge may pass to earth through the short- 
circuit impedance of the transformers. 

Norinder. In 1924, Dr. H. Norinder published the 
results of his tests in Sweden. 11 These tests, which 
contributed a valuable addition to our knowledge of 
lightning, consisted of extensive measurements of the 
actual intensities, and variations of the cloud field. 
Most of the data were measurements with a static 
voltmeter of the potential induced on highly insulated 
wires by the cloud field. Other measurements were 
made with a cathode-rav oscillograph of the potential 
induced on an antenna, grounded through a high 
damping resistance, by the lightning discharge. Still 
others were made with the ordinary oscillograph of the 
discharge-induced potential. 

Although the inherent variation of the physical condi¬ 
tions under which lightning occurs is reflected in the data, 
the salient points in Norinder’s results were as follows: 
the gradient of the cloud field at the height of the 
average transmission line was often of the order of 30 
to 45 kv. per ft. (100 to 150 kv. per m.) and occasionally 
60 kv. per ft. (200 kv. per m.). Dr. Norinder estimated 
the gradient near the lightning path to have been 90 to 
120 kv. per ft. (300 to 400 kv. per m.); the cloud was 
just as often positive as negative. One of his charts 
showed the potential reversing during the passage of the 
cloud. The range of influence of the usual stroke was 
over 1.3 mi. (2.3 km.) and under 6.2 mi. (10 km.); 
the discharge was non-oscillatory; and the discharge was 
relatively slow, the induced potential on the antenna 
rising to a maximum in the order of 0.01 to 0.02 sec. 
From the results Dr. Norinder drew various conclusions 
some of which pertained to the operation of trans¬ 
mission lines. 

Since both the data and the conclusions were some¬ 
what at variance with current opinion on the matter, 
both were criticized rather severely. 12 The most dis¬ 
turbing feature of these data was the long wave fronts 
indicated. If lightning strokes were as slow as 0.01 
sec., it would be impossible for surges as actually experi¬ 
enced to be induced on transmission lines. In a time 


of this order the bound charge could travel the length 
of the line many times and distribute itself over the line 
or leak off through the terminal apparatus. It is evi¬ 
dent that the strokes which produce the surges experi¬ 
enced must take only a few microseconds to discharge 
the cloud. While some of the conclusions seem rather 
loosely drawn, there does not seem to be anything 
wrong with the methods used in obtaining the data. 
The ordinary oscillograph is not fast enough to record 
wave fronts of only a few microseconds. However, the 
fact that some of the oscillograms showed a wave front 
considerably longer than the minimum which the ordi¬ 
nary oscillograph would have recorded satisfactorily, 
indicated that these long wave fronts actually occurred. 
While the above facts seem to be inconsistent, recent 
information shows that they are not. This will be 
discussed later. 

Simpson. In March, 1926, Dr. G. C. Simpson presented 
to the Royal Society an excellent paper on lightning. 
It is not feasible to repeat the complete theory here and 
the reader is referred to the original paper. 18 Briefly, 
the author stated that when a point on a positive cloud 
reaches a state of electrical intensity at which ioniza¬ 
tion begins, the point proceeds towards earth, forming a 
conducting channel of ionized air. The point of this 
channel attracts negative electrons from the surround¬ 
ing atmosphere. These electrons being very mobile 
pass up the channel and spread out into the cloud. 
This leaves the channel positive and it thus burrows its 
way to the earth. The channel may branch but each 
fork remains pointed and the stress high. The rate at 
which the channel can grow is determined by the rate at 
which the cloud can absorb the negative electrons. As 
the electrons pass into the cloud they soon become nega¬ 
tive ions, after which their speed is reduced; thus they 
tend to block up the mouth of the channel and prevent 
further flow. This accumulation of ions disperses in the 
cloud, the field is again established, and the flow con¬ 
tinues if the ions in the channel have not had time to 
recombine entirely. Thus the flow will be slow or even 
intermittent. The intermittent flow is most marked in 
a discharge from one cloud to another. 

With a negative cloud the process is different. If the 
formation of a channel toward earth at the point of 
highest stress is assumed, the point of the channel at¬ 
tracts positive ions from the surrounding atmosphere. 
These ions, being relatively immobile, are unable to 
pass up the channel rapidly. They thus neutralize the 
point which reduces the stress and the point spreads 
out. In this way the charge in the cloud is held until 
the stress at the earth’s surface is high enough to start a 
channel. This channel operates as discussed above, 
or the positive cloud, with the following exceptions: 
The negative electrons are able to spread out readily in 
the ground, and the channel instead of passing into a 
region of lower stress continues always into a region of 
greater stress. The average stress is much higher, 
there is not the tendency to branch, as the field con¬ 
centrates towards a smaller area, until the cloud is 
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whov if. branches out and discharges a large power line prevents a greater rise than a few thousand 
volume of flu* einud in a single flash. Thus the ne.ua- volts, which is negligible. It may be serious on com- 
tive cloud disci iu re c.% rapidly and violently. nmnieationlines, which are isolated from ground and in- 


Dr. Simp,am .uib.iantiated the above theory with 
lahoraforv a udn- of discharges in conjunction with a 
larye number of pin uo;»raphs of act ual light ning strokes, 
(hit of I I'd photographs studied, 212 showed branches 
downward indicating positive duud discharges, three 
were negative st rnkes with branches upward, and 172 
were unbraudted. Sine** the negative branches are 
within the cloud, in general they would be obscured. 

It was further pointed out that in all eases brandies 
were less intense than trunks and that many of the 172 
apparently imbrunrhed strokes likely hud brandies 
downward which were obscured by the rain. Dr. 
Simpson divided the unbranched discharges into equal 
parts which made m all .22s positive strokes and 82 
negative .stroke,";, or nearly >1 to 1. He expressed the 
opinion I hat even t Ids i; too small a ratio. 

Quoting Dr. Simp oil, "If this reasoning is correct 
lightning flashes between earth and a negatively 
charged cloud will lie inneh more intense than Hashes to 
a positively charged cloud, although the two clouds may 
he charged to the ;une intensity. In fact one would 
expert on this reasoning that discharges from positively 
charged clouds would be frequent but, weak, while dis¬ 
charges from negatively charged clouds would he in- 
frequent hut very strong.” 

i ore tii’il / htOt. in transmission line surge in- 
i t.t leaf urns with the Idydnuogruph it has been found 
jhat there are surprisingly few surges induced in a given 
locality during a thunder storm. Instead of surges ol 
varying mag mi tide to correspond to the numerous light¬ 
ning Hashes usually observed during a storm, there result 
only from one to perhaps Ilf surges; usually not moie 
than two. Further, if has been found that, practically 
all of these light ning urges an* positive. 1 he few nega¬ 
tive surges recorded are always high and abrupt. Of 
them* negative* surges some are definitely known to have 
been caused b\ direct strokes. Hearing in mind that an 
induced surge in of opposite polarity to the cloud am 
that a direct .stroke is of the same polarity, the above 
results indicate, at first sight* that all clouds are nega¬ 
tive, The number of surges recorded, however, is not, 
consistent with the numerous Hashes visible during a 

s| i inn. 

Theta* data, when analyzed in the light of Dr, 
Simpson's theories and Dr. N’orimler s results, seem to 
suhsUintiafe both. Must of the lightning strokes are 
from n positive cloud. Perhaps as many clouds are 
negative, but the positive clouds discharge more fre¬ 
quently. These positive strokes are relatively slow, 
having it wavefront of the order of (MU seconds, ns shown 
hv Norifttfer. They are slow enough to permit the 
bound charge to distribute itself over the line or o 
escape through the transformer neutral, as discussed 
above Kven on an isolated neutral line, where the 
charge does nol escape, its distribution over the usual 


suhiled for low voltages. Tests on communication 
lines have shown more negative surges than tests on 
power lines. The effect of positive strokes may also be 
important on isolated neutral lines which are so short 
that the entire line is in the field destroyed by a single 
stroke. According to Norinder, this length would be of 
( lie order of t wo miles. Further, the effect of a posi¬ 
tive stroke is less severe, due to the fact that less of the 
cloud is discharged and therefore less of the field is 
destroyed by a positive stroke. The negative clouds 
discharge* violently but less frequently. They discharge 
a greater volume of cloud and hence destroy a larger 
field. Tin* time of discharge is of the order of three 
microseconds, which is too brief to permit a bound 
charge on t he line to dissipate, and hence high voltages 
are induced. 1 dkely, I )r. Norindcr’s apparatus was not 
sufficiently rapid to detect these negative strokes in 
their true shape. Klydonograph records also indi¬ 
cate that, direct, strokes have abrupt wave fronts. 
These records show that induced strokes have wave 
fronts from a few microseconds to over 1.00 mi¬ 
croseconds. As mentioned above, the measured rate 
of rise of voltage due to induced strokes depends upon 
whether t he measurement is made at the position of the 
initial bound charge or at some other point ol the line. 
The records agree with both Simpson and Norinder in 
that they indicate that, the stroke is unidirectional. 
An oscillatory surge on the line may result, however, if 
the stroke causes a llashover. _ 

II was found that the maximum surge potentials ap¬ 
pearing on lines of various operating voltages are ap¬ 
proximately a constant times the normal voltage, that 
is, the maximum surges are from 10 to 15 times the nor¬ 
mal crest voltage above ground. This indicates that 
the lightning stroke is not taster than the insulator 
llashover at these high over-voltages. When the 
insulator Hashes over the charge is released and the 
voltage can go no higher. It should be remembered 
that, the higher the over-voltage, the less the time lag of 
breakdown of any dielectric. 

III. (!< INCLUSIONS 

The following conclusions may he stated: 

SwifchJny . 1 If there were no attenuation, a 

switch closure on a cable connected to an open-ended, 
open-wire line would reflect, with nearly lour times the 

applied volt age. . ‘ 

2. In practise, increase in the attenuation constant, 
due to steep wave fronts and to corona at high voltages, 
prevents high-potential steep-front waves from travel¬ 
ing long distances. 

2, The limitations of the source from which a line is 
switched limit; the steepness of wave front possible. 

4, The characteristics of the arc at the switch con¬ 
tacts influence the surges caused by switch operations. 
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It has been shown that over-potentials caused by low- 
energy charging current operations are more severe than 
those caused by power or heavy charging current opera¬ 
tions^ Thus de-energizing short lines or busses causes 
the highest surges. 

5. No switching operations cause surges high 
enough, or with a duration long enough, to affect the 
operation of properly insulated lines. Only rarely is a 
surge above 2.0 times normal produced. 

Lightning. 1. Positive lightning strokes are fre¬ 
quent but weak. They are slow, of the order of 0.01 
seconds, and hence do not induce surges on trans¬ 
mission lines. 

2. Positive strokes, even though slow, may produce 
surges of importance on isolated low-voltage lines, such 
as communication lines. 

3. Negative lightning strokes are less frequent but 
more violent. They discharge in about three micro¬ 
seconds and hence produce high voltage surges on trans¬ 
mission lines. 

4. The field gradient is often as high as 60 kv. per ft. 
and may reach 100 kv. per ft. Thus a surge of over- 
2000 kv. might be induced upon a line of ordinary height 
with sufficiently high insulation. Eighteen hundred 
kv. has been recorded by the klydonograph. 

5. The time lag of an insulator flashover is less than 
the time of discharge of a negative stroke and thus the 
impulse flashover voltage of the insulators limits the 
possible potential. 

6. The stroke of lightning itself is unidirectional. 
If an oscillatory surge due to lightning is recorded, it is a 
line oscillation resulting from a flashover. 
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The Measurement of Surge Voltages 

on Transmission Lines Due to Lightning 


BY EVERETT S. LEE* 
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Synopsis. —This 'payer, after referring to the work of previous 
investigators in the application of the photographic Lichtenberg 
figures to the measurement of surge voltages, describes results of 
additional work in this field by the authors. 

Laboratory calibrations of photographic Lichtenberg figures, 
using the cathode ray oscillograph and the lightning generator, 
are shown. Data are presented relative to the accuracy obtainable 
with these figures as a means of measuring surge voltages. 


and C. M. FOUST* 

Associate, A. I. E. E. 

An extension of instrument design is described in which two re¬ 
cording elements are used to give greater certainty of result. 

Means for connecting a surge voltage recorder instrument to a 
transmission line by an insulator-string potentiometer are described, 
and calibration of the instrument with potentiometer is given up 
to 1400 kv. 

Specimen field records of surge voltages up to 2000 kv. are shown. 
***** 


Introduction 

T HE results of continued recent study and use of the 
photographic Lichtenberg figures as a means of 
measuring voltages of short time duration in the 
order of microseconds, particularly surge voltages on 
transmission lines due to lightning, are creating a 
confidence in these figures which is gratifying both to the 
engineer who is called upon to make such measurements 
and to the engineer who uses the results in design and 
application. It was in 1777 that Dr. G. C. Lichtenberg 1 



based on this application which he called the klydono- 
graph. In June, 1925, Messrs. Cox and Legg s presented 
before the A. I. E. E. the results of field tests with 
this instrument and described extended developments 
in the instrument design. In September, 1926, Mr. 
K. B. McEachron 9 presented before the A. I. E. E. 



Ground “ 

Fio. i—A rrangement op Elements por Producing Photo¬ 
graphic Lichtenberg Figures 
Directly connected recorder 

first described the figures in sulphur dust caused by 
the presence of a charged electrode. In 1888, Trou- 
velet 2 and Brown 3 showed that the same figures would 
be produced on a photographic plate. Several in¬ 
vestigators 4,6 ’ 6 have since devoted much time to 
studying the nature of these figures,^ although at the. 
present time their exact mechanism is still an 

uncertainty. » , 

But it remained for Mr. J. F. Peters m 1924 to sug¬ 
gest the application of these figures to the measurement 
of surge voltages and to develop a suitable instrument 

*Both oTGeneral Engineering Laboratory, General Electric 
Co., Schenectady, New York.. 

1. For references, see Bibliography. . ^ tvtp 

Presented at the Winter Convention of the A. I. L. A., 
New York, N. Y., Feb. 7-11,1927. 


A positive surge produces 
a positive figure 

i 


A negative surge produces 
a negative figure 




p IG> 2 —Showing Appearance op Positive and Negative 
Photographic Lichtenberg Figures Produced by Positive 
and Negative Surge Voltages op Same Magnitude and 
Wave Shape 

Directly connected recorder 

the results of a most- detailed study of the calibration 
of the photographic Lichtenberg figures using the Du- 
four cathode ray oscillograph as the means for deter¬ 
mining with certainty the wave shape of the impressed 
voltage. Thus the discovery made 150 years ago has 
recently been applied to advantage. 
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To the work previously described, this paper contrib¬ 
utes additional correlative data, describes an extensio’n 
of instrument design, and shows that the art has ad¬ 
vanced to a stage where surge voltages on transmission 
lines in the order of 2,000,000 volts may be recorded 
with a reasonable degree of accuracy. 

General 

As now used, the klydonograph or surge voltage 
recorder consists of an electrode bearing upon the emul- 



Fig. 3—Calibration Curves eor Surge Voltage Recorder 

Insulation, varnished paper 1/8 in. thick 

Electrode, brass, 1/S in. diameter, rounded spherically 

Film. Eastman No. 152 

. sion side of a photographic film or plate which rests on 
the smooth surface of apiece of homogeneous insulating 
material, as shown in Fig. 1. If the electrode is con¬ 
nected to the line side of a circuit, and the insulation 
connected to the ground side through a metal plate, 
and a positive surge voltage of, say, 20 kv. maximum 
is impressed from line to ground, a positive figure as 
shown in Fig. 2 will be found on the photographic 
film after development. If, with the same connections, 
a negative surge voltage of, say, 20 kv. maximum is 
impressed from line to ground, a negative figure, as 
shown in Fig. 2, will be found on the photographic 
film after development 

It has been found that figures will be produced even 
though the time duration of the impressed voltage is 
only a fraction of a microsecond, also that the size 
(radius) of the figure is a function of the magnitude of 
the maximum value of the impressed voltage, while the 
shape and configuration of the figure is a function of the 
wave shape of the impressed voltage. The problem 
of the instrument engineer therefore becomes one of 
deciphering the figures into terms of voltage and wave 
shape. 


Magnitude of Voltage 

The calibration of Lichfcenberg figures for a given in¬ 
strument to determine magnitude of voltage is obtained 
by impressing voltages of different values and observing 
the size of the resulting figure. This can be done for 
as wide a range of wave shapes as are available. 

Table I and Fig. 3 of this paper give results of the 
authors’ calibrations obtained on a film-type instrument 
with varnished paper insulation and a brass electrode 
Vs id. in diameter rounded spherically. The wave 
shapes varied from one-half cycle of a sine wave at 
60 cycles (wave shape No. 1) to surge voltages rising to 
their maximum value in two microseconds (wave 
shape No. 2) and in four microseconds (wave shape 
No. 3). The surge voltages were impressed from 
sections of a 500-kv. rectifying type lightning generator 
(Fig. 4), the circuit for wave shape No. 2 being as shown 
in Fig. 5 and for wave shape No. 3, as shown in Fig. 6. 
The wave shapes were determined by Dufour cathode 
ray oscillograph Figs. 7 and 8. Wave shape No. 2 
is shown in Fig. 9. Wave shape No. 3 is shown in Fig. 
10 . 

When calibrating the surge voltage recorder or when 
photographing the wave shapes with the cathode ray 



Fig. 4 500-Kv. Rectifying Type Lightning Generator 
used as Source for Surge Voltages in Studying Photo¬ 
graphic Lichtenberg Figures 


The cathode ray oscillograph used with this generator is located in the 
sheet-iron house at the left of the photograph 


oscillograph, these instruments were connected between 
ground and the various voltage taps as shown in Figs. 5 
and 6. The magnitude of. the voltage was measured 
by sphere spark gap similarly connected. ' 

Fig. 11 shows a set of positive and negative figures for 
5, 10,15, and 20 kv. taken with wave shape No. 2. It 
is from such figures as these that the calibration curves 
are obtained. The radius of a positive figure is mea¬ 
sured from the figure center to the most distant streamer 
tip. 
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Lightning Generator Ki|ovfl|ts 



Fig. {) — AttUANGKMKNT SOU I’uoDUCINd WAVK SllAl’lO No. <1 
Tlio capacitors of tins lightning generator on 111 *) iott, discharge into tho 
capacitors on i,ho right through t.|i« resistor shown In tint external discharge 
circuit. 



Fin. 7 -Tina Dukotmi Gathoub Ray OscioMdauini, Sins. 

VlKW 

Thu timing switch shown at the right of tho oscillograph Is lor low-speed 
work. Tlio timing switch used to discharge Uio lightning general or when 
calibrating the surge voltage recorder Is of high-speed type <d special 
design, not shown 



Fid. 8 Tub Dusomt Gathodb Ray Omni.MHmAt'ir, Front 

Vi kw 


Referring; l» Table I, it is seen that the average 
deviation from the mean for 100 figures on the three 
wave shapes investigated at the different voltages is 
within i IS tier rent, while the maximum deviation 
from (tic mean is in the order of ± 80 per cent. 


These results are shown graphically in 1%. iJ. For 
any voltage all figures obtained on 100 measurements 
were within the extreme limits as shown. These 
limits are determined by one figure out of one hundred, 
and are quite outside of the values which may be 
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reasonably expected from the average values shown. 
It appears that an accuracy of 25 per cent can be reason¬ 
ably expected from any single measurement made 
with these figures. Where several figures of somewhat 
the same size are obtained under similar conditions, 




(Above)—Cathode Ray Oscillogram of Wave Shape]No. 2 

(Below)—Cathode Ray Oscillogram of Wave Shape No. 2 
Transcribed to Rectangular Coordinates 




Fig. 10 

(Above)—Cathode Ray Oscillograph of Wave Shape No. 3 


(Below)—Cathode Ray Oscillogram of Wave Shape No. 3 
Transcribed to Rectangular Coordinates 


the agreement of these among themselves permits 
a more exact interpretation. 

Messrs. Cox and Legg, in Fig. 39 of their paper 8 , 
show a calibration curve for an experimental model of 
a film-type klydonograph. The wave shapes impressed 
varied from 25- and 60-cycle a-c. sine wave, to a 
surge voltage which attained its maximum value in 
five microseconds, the latter surges being obtained 
from a given network and their shape determined by 



Fig. 11—Positive and Negative Lichtenberg Figures for 
Different Voltages. (Wave Shape No. 2) 


calculation. The magnitude of the voltage was deter¬ 
mined by sphere spark gap. 

McEachron, in Fig. 7 of this paper 9 , shows calibration 
curves for Lichtenberg figures obtained with Eastman’s 
super-speed portrait films, placed on a glass plate, 
and using a cylindrical brass electrode one cm. in diame¬ 
ter with square edges. The shape of the impressed 
voltage was determined by Dafour cathode ray oscillo- 



Fig. 12—Calibration Curves of Surge Voltage Recorders 
for Positive Lichtenberg Figures 
C ox and Legg, Bibliography Item 8, Fig. 39 
McEachron, Bibliography Item 9, Fig. 7 
Authors’ Fig. 3 (average curve) 

graph and the magnitude by sphere spark-gap. The 
range of wave shape was from a long wave wherein 22 
min. were required to reach a maximum value of 25 kv., 
to a short wave where the time to reach maximum 
value was 0.1 microsecond. 

The results of the calibrations reported by Messrs. 
Cox and Legg, and McEachron, are shown combined 
with the authors’ in Fig. 12. These results show 
remarkable agreement for the work of different observ- 
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ers m different laboratories with different instruments 
and circuits, and give added weight and certainty to 
the calibration of the Lichtenberg figures as regards 
magnitude of voltage. 

Wave Shape op Impressed Voltage 
In studying surge voltages, the wave shape as well as 
the magnitude is of importance, for on this depends the 



Fig. 13 —Arrangement op Elements por Producing Photo¬ 
graphic Lichtenberg Figures 
(O ppositely connected recorder) 




jn IG< 14 . _Showing Appearance op Negative and Positive 

Photographic Lichtenberg Figures Produced by Positive 
and Negative Surge Voltages of Same Magnitude!and 
Wave Shape 

(Oppositely connected recorder) 

duration of the voltage. At the present .time, the 
determination of the wave shape from the Lichtenberg 
figure characteristics is not as definite or as certain as 
the determination of the magnitude from the figure 


size and herein there is room for added study. At 
the present time the figures recorded with unknown 
wave shapes can be compared with figures recorded 
with known wave shapes as determined by cathode 



Fig. 15—-Arrangement op Elements for Producing Both 
Positive and Negative Figures for any Surge Voltage 

ray oscillograph. This allows prediction of the time 
duration to within a general order, but not with the 
exactness required. The work by McEachron in this 
regard, as shown in Fig. 5 of his paper 9 , wherein he 




;p IG . ig —Photographic Lichtenberg Figures Obtained 


with Two-Recorder Type Instrument 

A—Positive surge voltage 20 kv. maximu m 
B—Negative surge voltage 20 kv. maximum 
0 —Oscillatory surge voltage 20 kv. highly damped 
P)—Oscillatory surge voltage 20 kv. slightly damped 

designates the figures as Type I, Type II, and Type 
III, is to be commended. Further study along these 
lines tending towards greater exactness in the inter¬ 
pretation of figure characteristics is desirable. 

Directly and Oppositely Connected Recorders 
From Fig. 11 it is clearly evident that the negative 
figures are quite inferior to the positive figures for pur¬ 
poses of voltage measurement since for a given voltage 
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they are less than half the size of the positive figure; 
also McEachron has shown 9 that the negative figures 
present a greater deviation for differing wave shapes. 
There is also another serious objection which is that when 
the instrument with a moving film is connected to a 
transmission line with normal voltage continuously 
impressed, the width of the band produced by the line 



Fig. 17 Figures Obtained with Two-Recorder Tyre 
Instrument Showing Line Voltage Band 

A—Positive surge voltage 18 kv. maximum (20 mm.) 

B— Negative surge voltage 14 kv. maximum (22 mm.) 

C—Positive surge voltage 17 lev. maximum (25 mm.) 

Tlie circles shown are drawn with the figure center as a center, and with 
the circumference touching the most distant streamer tip. Tlio radius 
of this circle is the measure of the magnitude of the voltage 

The line voltage band is from 60-cyclo source of 2.84-kv, maximum 
value 


A B 

Fig. 18 Photographic Lichtenrerg Figures Obtained 
with Two-Recorder Type Instrument Showing Hidden 
Negative Figure 

A -Directly connected recorder B —Oppositely connected recorder 

Negative surge voltage 9.0 lev maximum. The negati vo figure Is hidden 
under the line voltage band. Its presence is indicated by tho full-size 
positive figui e on the oppositely connected recorder 

The line voltage band is from 60-cycle source of 3.0-kv. maximum value 

voltage (see Figs. 17 and 18) is enough to hide negative 
surges up to values as high as 2.3 times normal line 
voltage and to give uncertainty to values somewhat 
above this. This would result in erroneous conclusions 
as regards the number of negative surges recorded. 

To overcome these objections, Mr. Foust conceived 
the idea of connecting two recorders in parallel with the 
connections of one opposite from that of the other, thus 
insuring a large positive figure for every surge. Re¬ 
ferring again to Figs. 1 and 2, the results of directly 


connecting the recorder to the line are shown. If, 
however, the recorder is connected oppositely, that is, 
the electrode to ground and the metal plate to the line, 
as in Fig. 13, the positive surge will record a negative 
figure and the negative surge will record a positive 
figure as in Fig. 14. 

If an instrument is made up with two recorders, one 
connected directly and one connected oppositely, as 
shown in Fig. 15, then all surges, positive or negative, 
can be measured from the positive figure. In addi¬ 
tion, oscillatory surges will be more clearly recorded, 
and negative surges completely hidden by the line- 
voltage band will be shown distinctly as positive 
figures. These features are shown in Figs. 10, 17, 
and 18. 

Fig. 19 shows an instrument of the two-recorder type. 
It uses an Eastman film eight feet long and eight indies 
wide as standard with “Cirkut Outfits/' If; is driven 
by a clock at a rate of 34 in. per hour, so its to give a 
continuous record for eight days. Timing is obtained 
by photographing the hour numbers on the film. 


* . .. ..... 

Fig. 19 -Surge Voltage Recorder. Two-Ukcohumk Type 
Instrument 

This construction largely excludes polyphase in¬ 
struments, because of constructional difficulties, but the 
obvious advantages of having all figures available as 
positive figures is so great as to accept this condition. 
It is felt that the application of this idea represents a 
real extension of the use of the Liehtenberg figures and 
results already obtained in the field show its merits. 
For example, out of 103 surges measured on three 
different transmission systems, 31 were of positive 
polarity, 26 were of negative polarity, and 46 were 
oscillatory. 

Connection to Transmission Line 
The voltage range of the instrument shown in Fig. 19 
is from 2.8 to 25 kv. maximum. Above 25 kv, maxi- 
mum, so-called “slips" occur in. the figures as shown in 
big. 20, for which condition calibration curves do not 
apply. The arcover of this instrument on a Iwo- 
microsecond wave, wave shape No. 2, Fig. 9, is 35 kv. 
maximum. Thus, some provision must be made for 
connecting the instrument to transmission lines up to 
values where the normal maximum voltage to ground is 
180 kv. maximum for a 220-lcv., 3-phase line, and where 
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the maximum values of surd's may lie ten limes this 
value. 

Messrs. Cox and Leyif describe an electrostatic 
potentiometer and antenna coupling. The authors 
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have investigated ami used insulator coupling. Of the 
various schemes proposed for such connection, that 
shown in Fig. 21 lias been recently used in 27 installa¬ 
tions anti ha been found to tie simple, reliable, and easy 



Km. 21 \iuuo.oii:M t v »« UoN'Nfccmu Huhuk \i.utauk 
U) , M1UO u Uiil'lll M»:\r -Ol Tlt.WMMlHMtON btN» 

to calibrate. The instrument is connected in parallel 
acroHH several insulators of an insulator string wi.i 
addwi projection over the line insulation as desim < 
The instrument is placed in a sheet metal housing, 


Fig. 22, equipped with suitable entrance bushing and 
automatic grounding device when the door is opened. 
The door is equipped with a padlock. This housing 
protects the instrument from the weather and insures 
safety against tampering. The metal housing also 
acts as an electrostatic shield to eliminate stray held 
effects. 

Fig. 23 shows the arrangement of housing, insulator 
string, and connecting leads for a field installation. 



Via. 22 Sjikkt Mktai, Housing kou Suites Voi.tauk 

Rkooudkii 

It is important; to have the instrument; connecting 
leads short, preferably not longer t han live feet. From 
Fig. 24 it; is seen that the figure size decreases consider¬ 
ably with a longer load, and if the instrument; is used 
with leads of different length t han that with which it is 
calibrated, the resulting error is large. 

Adjustment of Insulator String Potentiomgtkr 
The adjustment, of the insulator string potentiometer 
is made by adding a sufficient number of insulator units 
in series with the normal line* insulators to give adequate 



Em. 23 -—Illustration ok Fihmj Hkt-Uf ok Inhuoatou 
Stui.no Potkntiommtkh and Sinus m Voi.taciis RhcohimiIh in 
S lIKHT M NT AO IIOUHINO 

pro tectum, and to provide enough insulator units across 
which the surge voltage recorder instrument may be 
paralleled to obtain a satisfactory line voltage band. 
This procedure may be carried on in the laboratory 
by impressing normal voltage at normal frequency 
across the entire insulator string with the surge voltage 
recorder in position. 

Table XI gives the number of insulators which have 
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been used successfully in the insulator string for dif¬ 
ferent line voltages. 


TABLE II 


Line voltage 
between 
conductors 
three-phase kv. 

No. of insulators 
line 

insulation 

No. of insulators 
instrument 
string 

potentiometer 

No. of insulators 
in parallel 
with instrument 
(included in col. 3) 

66 

4 

9 

2 

110 

S 

13 

2 

140 

10 

15 

2 

220 

14 

20 

4 



Fig. 24 —Calibration op Surge Voltage Recorder and 
Potentiometer to Show Effect of Length of Instrument 
Lead 

Calibration of Insulator String Potentiometer 
The multiplying factor of the potentiometer can be 
calculated for normal voltage and frequency from the 
data obtained in adjusting the potentiometer string. 



Fig. 25 Arrangement for Producing Surge Voltages for 
Calibration of Insulator String Potentiometer 

For example, a 110-kv. line has a maximum value of 
voltage to ground of 90 kv. If the line-voltage band 
is three kv., then the potentiometer multiplying factor 
is 30. 

The question then arises: Does this ratio hold for 
surge voltages? To answer this question, surge volt¬ 
ages were impressed across an insulator string potentio¬ 
meter whose 60-cycle multiplying factor was 60. This 
was a string of twenty insulators, four of which were in 
parallel with the surge voltage recorder. The source 
of the surge voltages, was a lightning generator of the 


non-rectifying type discharging into an external circuit 
as shown in Fig. 25. This circuit had to be used rather 
than the circuits as shown in Figs 5 and 6 in order to 
attain the requisite voltage. The magnitude of the 
voltage was determined by sphere spark gap. The time 
of rise of the surge voltage to its maximum value calcu¬ 
lates to be in the order of a fraction of a microsecond. 

The results of the calibration of the potentiometer 
up to 1,400,000 volts are shown in Fig. 26. These 
results show a generally decreasing multiplying factor 
from the higher to the lower voltages. At the higher 
voltages the multiplying factor is practically the same 
as that obtained with 60-cycle voltage. 

Results of tests with circuit arrangement with the 
rectifying type of lightning generator (Fig. 5) to give a 
wave similar to that shown in Fig. 9 are also shown in 
Fig. 26. Tests were made with the insulator string 
potentiometer both dry and wet with spray. These 
were at the highest voltage which could be obtained 



Fig. 26 —Surge Voltage Calibration of Insulator String 
Potentiometer 


Potentiometer for 220-kv., three-phase line 

Number of insulators in string, 20 

Number of insulators paralleled with the surge voltage recorder, 4 

Instrument, as shown in Pig. 19 housed in housing as shown in Pig. 22. 
Set-up as shown in Pig. 23 

with this generator for this type of work. The results 
seem to agree quite well with the non-rectifying type 
of lightning generator at the same voltage. The 
results of tests made with the insulator string when dry 
and also when wet show that for surge voltages the volt¬ 
age distribution is practically unchanged under these 
two conditions. This is different from the condition 
at 60 cycles where at least at lower voltages the dif¬ 
ferences between the distributions wet and dry are 
greater. 

From the calibration of Fig. 26, for figures showing an 
instrument voltage of 25 kv., the surge voltage on the 
line is 1500 kv. Figures with slips would indicate 
surge voltages from 1500 kv. to 2100 kv. Film arcover 
at 35 kv. on the instrument would indicate surge 
voltages on the line of 2100 kv, or over. 

The results of these calibrations indicate that Surge 
voltages up to ten times normal maximum value, line 
to ground, on a 220-kv. line can be measured with con¬ 
siderable certainty as regards magnitude. 
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Specimen Field Records 
On Fig. 27 are shown some Lichtenberg figures ob¬ 
tained on a transmission line installation. The surge 
record is from 3 p. m. until 10 a. m. of the next day. 
During this time there were lightning storms in the 
vicinity of the line. It is clearly seen that these figures 
have the same characteristics as those produced with 
laboratory equipment. (The circles are drawn for 
voltage measurement, see Fig. 17.) The figures on the 
left and right are interpreted to be from oscillatory 
surges of highly damped nature, such as shown in Fig 



Fig. 27—Lichtenberg Figures Obtained on a Transmis¬ 
sion Line Installation during a Lightning Storm 

16c which is known to be from an oscillatory surge 
voltage. The oscillatory nature of these surges is 
derived from the presence of both positive and nega¬ 
tive Lichtenberg figures on both recorders. The 
middle figure indicates a unidirectional surge voltage 
of negative polarity such as shown in Fig. 16b. 

It is noted that there is no line-voltage band upon the 
film. This sometimes occurs and it is thought that this 
is due to the variation in voltage distribution across the 
insulator string potentiometer at normal line voltage 
and frequency. 

Fig. 28 shows a photographic record of surge voltages 
obtained on a 220-kv., three-phase power transmission 
line, using a surge voltage recorder of the two-recorder 
type (Fig. 19) with an insulator string potentiometer 
as described above. The normal maximum value, of 
the voltage to ground is 180 kv. and the multiplying 
factor of the potentiometer was 60. The record shown 
is from 11 a. m. on one day to 2 p. m. the day following. 
The line-voltage bands show when the line voltage was 
on and off during this period. 

The record shows distinctly a high surge voltage at 
4:20 p. m. on Friday and the weather reports indicate 
severe lightning in the vicinity of the installation at 
this time. The loss of the line-voltage band some thirty 
minutes before this surge shows that the line was de¬ 
energized at 3:50 p. m. A close examination of the 
original film reveals a surge at 4:03 p. m. but this is not 
distinguishable from the print. The figure obtained 
at 4:20 p. m. on the oppositely connected recorder is a 
positive “slip” (see Fig. 20) and therefore represents a 
voltage of negative polarity on the instrument of be¬ 


tween 25 kv. and 35 kv. Using a potentiometer 
multiplying factor of 60, this figure represents a surge 
voltage on the line of from 1500 to 2100 kv. The 
corresponding figure on the directly connected recorder 
is predominently negative. Since some positive figure 
characteristics are discernible on the directly connected 
recorder, however, the surge must have been oscillatory 
and of a highly damped nature (see Fig. 16) with a first 
half-cycle of negative polarity and the second of posi¬ 
tive polarity and very much lower voltage. 

At 10:30 p. m. on the same day another surge was 
recorded. A lightning storm was in progress at this 
time and the line excitation had been removed about 
fifteen minutes before this surge. Positive figures 
were obtained on both recorders. The figure on the 
oppositely connected recorder indicates an initial half¬ 
cycle of negative polarity of 780 kv. The figure on 
the directly connected recorder indicates the second 
half-cycle to be of positive polarity of 270 kv. 

The weather records for Saturday morning show 
another lightning storm in progress. The surge 
record reveals two surges, one at 8:11 a. m. and one 
at 8:18 a. m., the line having been de-energized at 8:11 
a. m. From the print, these two surges are not so 
clearly distinguished, though from the original film 
the record is clear. The figure obtained at 8:11 a. m. 
on the directly connected recorder is of positive charac¬ 
teristics and on the oppositely connected recorder of 
negative characteristics. The line surge was therefore 




Fig. 28—Specimen Record of Surge Voltages on a Trans¬ 
mission Line during Lightning Storms 

unidirectional and positive in polarity. The figure 
on the directly connected recorder is a positive “slip” 
and therefore indicates a line voltage of between 1500 
and 2100 kv. 

The figure obtained at 8:18 a. m. is positive on the 
oppositely connected recorder. The instrument volt¬ 
age corresponding to this figure is 21.5 kv. and this 
gives a line voltage of 1290 kv. of negative polarity. 

This specimen record shows how the figures may 
overlap on the slowly moving-film when the surges 
occur in quick succession. Even under these conditions, 
however, it is generally possible to analyze the figures 
with considerable accuracy when the original film is 
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used and when the figures from the two recorders are 
available. 

Practically all figures obtained on transmission lines 
have been of the type II class 9 , and may be placed, 
therefore, within the wide range of wave fronts which 
vary roughly from that of a slow 60-cycle wave to a 
surge which comes to its maximum value in a fraction 
of a microsecond’s time. 

In connection with the surge voltage values obtained 
from the figures shown on the specimen record (Fig. 28), 
it is interesting to note that they compare favorably 
with the laboratory results of insulator flashover tests. 
The value 1800 kv. for the lightning spark over of a 
14-unit insulator string given by Mr. Peek 10 seems to 
be close to the upper limit of voltages actually measured 
on the line by means of the recorders. 

Summary 

It has been shown that surge voltage recorders using' 
the positive photographic Lichtenberg figures have 
given essentially the same calibration data under a 
variety of conditions; also that the accuracy of such an 
instrument is in the order of 25 per cent, with a some¬ 
what better value possible for those measurements 
wherein several similar observations may be obtained. 

An extension of instrument design has been described 
wherein two recorders are used together, which allows 
the use of the positive figure as a voltage measure 
of all surge voltages, thus insuring greater certainty of 
result. A more comprehensive analysis of the figure 
characteristics is also possible, since both positive 
and negative figures are available. 

A means of connecting the surge voltage recorder 
to a transmission line of higher than instrument voltage 
has been described which has been proved in service 
to be simple, reliable, and easy to calibrate. Cali¬ 
bration data are presented to show that with such con¬ 
nection, reasonable accuracy may be obtained in re¬ 
cording voltages up to values in the order of 2000 kv. 
A specimen record of such voltages obtained in the 
field is shown. 

The records which can be obtained from surge voltage 
recorder instruments connected as desired along a 
transmission line will allow the facts regarding surge 
voltages on transmission lines to be determined with 
reasonable exactness. 
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Discussion 

KLYDONOGRAPH SURGE INVESTIGATIONS 
(Cox, McAuley, and Huggins) 
TRANSMISSION-LINE VOLTAGE SURGES 

(Cox) 

THE MEASUREMENT OF SURGE VOLTAGES ON 
TRANSMISSION LINES DUE TO LIGHTNING 

(Lee and Foust) 

New York, N. Y., February 10, 1927 

K. B. MeEaehron: In discussing the paper by Messrs..Cox, 
MeAuley, and Huggins, and also the paper by Mr. Cox, I wish to 
raise a question concerning the conclusions. It does not seem to 
me that the data given support the definite conclusions drawn. 
For instance, the first conclusion in the Cox, MeAuley, and Hug¬ 
gins paper states that the voltages due to lightning are unidi¬ 
rectional, and that the cloud which produces surges is of negative 
polarity resulting in positive induced voltages and negative 
direct-stroke voltages. The evidence which we have at the 
present time supports this conclusion but sufficient evidence 
to make such a positive statement appears to be lacking. 

For instance, consider the direct stroke on a transmission 
line. Negative records have been obtained due to direct strokes 
but it does not necessarily follow that whenever a steep-wave 
negative surge appears on a transmissiou circuit, it was the 
result of a direct stroke, nor does it necessarily mean that all 
direct strokes must be negative. Simpson’s theory, which has 
been mentioned in the paper by Mr. Cox, appears to bear out the 
conclusions given by the author, but it is necessary to remember 
that it is a theory, and in the case of lightning phenomena a 
very large amount of experimental data is necessary to prove that 
such a theory is correct. 

I would like to draw attention particularly to a statement 
made on the second page of the paper by Messrs. Cox, MeAuley, 
and Huggins. “It has been estimated that gradients as high as 
100 kv. per ft. (330 kv. per meter) are reached near the earth’s 
surface.” On the same page the statement is made “It is 
believed that the flashover voltage of 220-kv. transmission-line 
insulation at the steepness of wave front of lightning surges is 
comparable to the maximum potential ordinarily induced by 
lightning.” This same statement is also made in the conclusions. 

Such a statement seems rather premature. Conditions have 
been experienced during the summer of 1926 on a 220,000-volt 
transmission circuit with fourteen disks of line insulation which 
were sufficient to flash over the line insulation several times. 
This indicates that 220,000-volt systems are not immune from 
lightning troubles provided those systems are where the lightning 
occurs. 

Although the line flashovers may have been due to direct 
strokes yet the evidence is not clear and both positive and nega¬ 
tive surges have been found whose potentials were between 1500 
and 2100 kv. 

Concerning the matter of attenuation which is given in the 
paper by Mr. Cox there is a factor in connection with the theory 
of bound charges which I believe has not been fully recognized. 

Assume for instance a long transmission line with a charged 
eloud one mile in extent over the middle of the transmission line. 
When this cloud discharges, a voltage appears on the trans- 
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mission circuit which, is equal to the potential gradient multiplied 
by the height of the line assuming, of course, that the entire cloud 
discharges in zero time. Underneath the edge of the cloud, the 
voltage distribution along the conductor will conform to the dis¬ 
tribution of potential gradient before the cloud discharges. As 
a matter of fact, however, the cloud requires time to discharge 
and therefore the charge will begin to move out along the line 
having moved a distance equal to the time required for the cloud 
to discharge. If this time is less than 2% microsee. the voltage 
on the transmission line underneath the middle of the cloud will 
reach an actual potential equal to the potential gradient, times 
the height of the conductor. A klydonograph located at this 
point would indicate a voltage of E volts, while another klydono- 
graph located on the transmission line a few miles away would 

E 

not indicate a maximum voltage of more than —— volts. This 

reduction in voltage 1 is due to the fact that all of the energy in 
the bound charge is electrostatic, while the energy of the travel¬ 
ing wave is half electrostatic and half electromagnetic. 

The attenuation to be considered is that which takes place 
with reference to the traveling wave, rather than between the 
initial wave and the traveling wave. Measurements which have 
been made indicating that the voltage drops to a fractional part 
of its original value when passing over a distance of 15 or 20 mi., 
are probably due largely to this reduction in voltage which occurs 
when the bound charge becomes a traveling wave. 

In connection with the paper by Messrs. Lee and Foust, con¬ 
siderable work has been done with the calibration of these figures 



' T 1(K Q '°\o°LTS PER MICROSECOND 10 I 

1 ° 25 250 M,CR0SEC0BDS microseconds 

MINUTES TIME TO REACH 25 KV. 


with respect to their appearance, which the authors referred to m • 
their paper. In Fig. 11, the first two positive figures are of the 
appearance which we have called type 3 figures, an . e as wo 
positive figures are of the type 2 class From the formation 
available it would be possible to predict roughly that these 
figures were made with a wave of the order of 2 or 4 microsec. 
Fig. 1 herewith gives the calibration curve which shows roughly 
how such an estimation of the wave front can be obtained 
Locating on this curve a line representing type 2 % ures ®^° 
20 kv., and type 3 figures for 5 and 10 kv., tbe curved bne AVi 

the arrows shown on the figure is obtame . s ^ erest 

wave front of between two and three micro • 

"rho statement is made that practicaliiy all igimes obtod 

on transmission lines have been o£ t e ype roughly 

come within the wide range of wave fronts wlta*_ va^roughly 

from that of a slow 60-cycle wave to a surg . t 

maximum in a fraction of a rmsresee tunm . gMng 

the calibration carve, given the moei-^ c "Xits „rest 

value^ni this only for one°particular voltage, namely 17 tv. as 


7 Time ~Voltagfe. end Current a--—-? 

K. B. McEachron, G. E. Review, ^ ^ of Transients by Liebten- 


measured on the instrument. Thus the evidence indicates that 
for the waves measured, at,least surges of more abrupt front than 
1 microsee. did not occur and most of them were considerably 
slower than this. 

A. -H. Schirmer: Mr. Cox’s paper, as well as the paper by 
Messrs. Cox, MeAuley, and Huggins, presents a number of in¬ 
teresting conclusions, which in general are substantiated by the 
results obtained from a number of tests made on telephone lines 
during the past summer. These tests were made on a 5-mi. 
open-wire line carrying eight wires. Approximately twenty 
recorders were in use during the major portion of the lightning 
season. 

In no ease did we obtain record of more than two surges 
during a single storm, and usually only one surge per storm was 
recorded. It should be noted that in our ease the klydonographs 
were connected directly to the line, there being no line voltages 
to contend with, so that whe'n only one surge was recorded, it 
means that during that storm no voltage in excess of 2000 volts 
was obtained on the line. The results also show that the surges 
produced by lightning are either unidirectional or highly damped 
oscillatory surges. Our data also agree with the conclusion gu en 
in the papers that lightning arresters do not protect the line 
against flashovers, even at relatively short distances from the 
arrester. For example, in one ease six recorders were placed on a 
line wire within 1000 ft. of the protector. The first recorder, 
located at the arrester, showed no evidence of potential. The 
second recorder, located only 66 ft. from the protector, indicated 
a voltage of approximately 8000. The third recorder, located 
224 ft. from the protector, showed voltage above the range of 
the instrument, and the fifth recorder, located 700 ft. from the 
protector, flashed over between the electrode and the ground 
plate. 

Our data, however, do not support the conclusion that the 
clouds which produced surges are always of negative polarity, 
resulting in positive induced voltages or negative direct-stroke 
voltages. None of the telephone wires under test was directly 
hit by lightning during the period of observation. Nevertheless, 
extremely high surges of both positive and negative polarity 
were recorded. Both the positive and negative surges were of 
relatively steep wave fronts, which also does not support the 
conclusion that the surges from positive lightning strokes are 
slow, of the order of 0.01 sec. A summary of our results shows 
that five storms produced positive surges and three storms 
produced negative surges, while three other storms showed 
positive and negative surges. These last surges we hav e attn - 
' uted to discharges between clouds, rather than between cloud 
and earth. Even in these cases, voltages induced were well 
above the range of the instrument. 

As pointed out before, many high-voltage surges were ob¬ 
tained on the telephone line. However, these surges were 
of extremely short duration, and m no case, even where the 
recorders flashed over only a short distance from the protectors, 
did these surges cause any damage to telephone cables, or 
permanently ground telephone arresters.^ as usually occur* 
from lower voltages imposed on telephone lines either bj induc¬ 
tion from, or momentary accidental contact with, electric 
light and power circuits. While in the latter cases the voltage 
may be applied for only 0.1 sec., still, this time is so much longe 
than the period of application of the lightning potentials tha 
the effects are more severe even though the maximum loltag * 
reached are substantially smaller than the lightning \olta & e*. 

Fig 8, in the paper by Messrs. Cox, MeAuley, and Huggins, 

, gives a diagram of connections for 1 tea ^ 
This diagram shows the klydonograph connected to the same 
' ground as the lightning arresters. With this connection, the 
’ Sydonograph merely records the drop m potential across the 
. SSSta?tester, and not the potential of the line to ground 
During heavy discharges the potential of the protector ground 
• connection may be many volts above true earth. In order to 
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obtain a record of the effectiveness of protection at a given 
location, it is necessary to connect the ground plate of the 
klydonograph to an independent ground. 

R. W. Atkinson: Messrs. Cox, MeAuley, and Huggins in 
their paper state that transient voltages are a rare and unim¬ 
portant cause of cable failure. These may of course be com¬ 
paratively rare without being comparatively unimportant. 
Even a few failures per hundred miles per year for a given cause 
are evidently a matter of great concern to operating companies. 

The writer shares what he believes is a general agreement in 
the industry with the opinion expressed by these authors, that 
transient voltages are not a major cause of cable failure. How¬ 
ever, both of these papers throw a great deal of light on the fact, 
which has been known that a certain number of cable failures 
have resulted from transient voltages, particularly from unusual 
transient voltages. For instance, it is shown in these papers, that 
certain types of transients are of relatively low frequency so 
that they travel with substantially sustained peaks throughout 
the system. It is also pointed out that some of these are of the 
same character and thus materially more harmful than a single 
impulse. Probably the most direct application of this is in 
connection with the testing after installation with alternating 
current which fortunately is now becoming a thing of the past. 

Thus, while a transient voltage of a given number of times the 
operating voltage may be only slightly or not at all destructive, 
a transient of the same number of times a test voltage may be 
very destructive. 

There is an effect of even comparatively small over-voltage 
transients which is usually overlooked, but which, as has been 
pointed out previously, may well be of importance. The shape 
of the curve of power factor versus voltage of a cable is different 
depending upon the direction of the cycle, that is depending 
upon whether the voltage is being raised or lowered. To what¬ 
ever extent this change of power factor with voltage is a measure 
of ionization of ah spaces within the cable, this simply means that 
the amount of ionization at a given voltage depends on the 
previous history, and is greater if the cable has been subjected 
previously to a higher voltage. The action of a transient volt¬ 
age has been likened to a trigger, which releases the energy from 
the normal operating voltage in such a way that its effect may be 
as severe as would be a steadily maintained operating voltage 
of considerably higher magnitude. 

Published records show not only that there are individual 
instances where cable failures have been directly traceable to 
transient voltages but information is published in at least one 
instance concerning a system where a change with respect to the 
amount of transient voltages existing, produced an important 
effect on the number of cable failures experienced. 

I wish to emphasize that transient voltages are important in 
connection with cable operation, and that it will be very valuable 
to continue to obtain information as to the transient conditions 
in various systems so that these may be evaluated in terms of 
what might be termed an equivalent steady operating voltage. 
Where a system is exposed to such transient voltages, it is 
obviously just as important to make the apparatus on it capable 
of meeting any transients which cannot be prevented, as it is 
important to have the apparatus and cable meet the steady 
operating condition. 

Yet one more word as to a specific instance where the data 
shown by these authors explain that cable may be subjected to 
damaging transient voltages. If a cable insulated for relatively 
low voltage is connected to an overhead line insulated for con¬ 
siderably, higher voltage, it is obvious that lightning potentials 
sustained by the cable may in this case be especially destructive. 

F. W. Peek: The klydonograph is of special interest to 
me because it affords further means of checking conclusions 
regarding lightning which I arrived at several years ago. I am 
going to tell you a little about my work to show how well it is in 


agreement in the most important respects with the results of 
Messrs. Cox, MeAuley, Huggins, and Lee and Foust. 

Several years ago I undertook to determine, if possible, the 
order of the voltage and other characteristics of lightning, the 
gradients produced, etc.; the magnitude and character of light¬ 
ning on transmission lines; the strength of apparatus and line 
insulators when subjected to lightning voltages; and the value 
of the ground wire and other protective apparatus. With such 
information it is possible to make lines that are immune from 
lightning. Whether or not immunity is secured is, to a great 
extent, an economic problem. The results of my investigation 
have already been given to the Institute. 3 ’ 4 As far as I know it 
was the first time that estimates of the actual values of lightning 
voltages on transmission lines were ever made. The rules for 
pre-determining lightning voltages and the lightning strength of 
insulators, etc. are quite simple. I wdll give a brief summary of 
my conclusions. 

The voltage of a Lightning flash is of the order of 100,000,000, 
the current 80,000 amperes, and the energy 4 k\v-hr. The maxi¬ 
mum gradient is 100 kv./ft. (330 kv./m.). The discharges are 
usually non-oseillatory and some times take place in a few 
microseconds. 

Lightning disturbances on transmission lines are generally steep 
waves of a few mierosec. duration though the lower voltage 
disturbances may be of larger duration. The induced voltage 
increases directly with the height of the conductors. It is found 
by multiplying the apparent gradient by the height of the line, 
but is limited by the lightning flash-over voltage of the insulator. 
Thus V = g ah = Gh. When h is the height in feet, g is the 
gradient in volts, and a. is a factor depending upon how rapidly 
the cloud discharges. (7 is the apparent gradient. The maxi¬ 
mum possible gradient is 100,000 volts/ft. (330,000 volts/ 
meter). This value can usually apply only in case of a direct 
stroke. In practise, because of the time required to discharge 
the cloud, G is usually less than 50,000. A voltage wave is 
reduced in a few miles by corona losses. After the wave is well 
under way the voltage is also reduced to one-half because part 
of the energy becomes magnetic. The lightning flash-over volt¬ 
age of insulators and the strength of insulation is always higher 
than the 60-eyele values. An insulator flash-over curve made 
by artificial lightning has been cheeked to 1,800,000 volts by 
natural lightning with good agreement. 

The ground wore, by cutting lightning voltages in half, has the 
effect of increasing the line insulation and at the same time 
_ reducing the stress on apparatus. It must be properly installed. 

If a line is over-insulated, apparatus failures .may result if 
protective gaps or arresters are not used. 

Reasons that more trouble is not experienced are that most 
high voltages originate at some distance from the station, and a 
large number of induced voltages are from slowly discharging 
clouds. 

By comparing the lightning strength of apparatus and insu¬ 
lators with possible lightning voltages the probability of failures 
and outages can be estimated. Whether a line is made immune 
or not is a question of economics. 

It can be seen that my conclusions agree, in most respects, 
very well with the conclusions arrived at in these papers. 

I was particularly interested in the value of 1800 lev. given 
by Lee and Foust for the lightning flashover voltage of a 14- 
unit insulator string as measured by klydonographs on an actual 
line. Estimates were made of the maximum possible and usual 
highest lightning voltages for such a line, and are given in Table 
I in my paper 6 . The insulators arc-over values are given as 1800. 
For conductors 40 ft. high the maximum possible voltage is given 

3. F. W. Peek, Jr., Lightning and Other Transients on Transmission 
Lines, Transactions, A. I. E. E„ 1924, Vol. 43, p. 1205. Lightning, 
Journal Franklin Institute , Feb. 1925. 

4. F. W. Peek, Jr., Lightning (A Study of Lightning Rods and Cages 
with Special Reference to the Protection of Oil Tanks), A. I. E. E. Tkins 
1926, p. 1131. 
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Either of these values is high enough to cause insulation flash- 
over. The maximum voltage would be limited to 1800 kv. by 
the insulator. This is the value actually measured by Lee and 
Foust. The values in Table I were made long before such a line 
had been built. Table I also shows the effectiveness of a ground 
wire on such a line. 

H. B. Vincent: I want to ask a few questions of Messrs. 
Cox, MeAuley, and Huggins on their paper. In the data sub¬ 
mitted were the lines in all cases energized, or were there any 
as 4000 kv. and the usual highest 2000 kv. without ground wires 
eases where the records were taken of the lightning voltage 
wiiile the line was not energized? 

There is no mention made of any so-called control devices in 
connection with the insulators, which might or might not affect 
the flashovers? Referring to their Table I, in case No. 2, which 
is a 140-lev. line, they recorded 2 flashovers with a voltage over 
10 times normal, and on another line of the same kv. they had 
15. Now, did the first line only have 2 and not 15 because there 
were fewer lightning storms, or were the insulators installed 
with some control device which presumably decreased the pos¬ 
sibility of flashovers? If such records were kept, I am wonder- 
in g whether it would throw any further light on the question 
of flashovers. I am not questioning the value of the klydono- 
graph, which is beautifully shown and recorded. But, inasmuch 
as the cause is tied in with the effect (the effect being the flash- 
over of the insulators), I simply question whether anything has 
been lost sight of in not mentioning the matter of control devices. 

The operating man is also interested in the amount of damage 
that is done, as much as he is in whether the voltage is ten times 
or twenty times normal. I am wondering whether the data 
could not be amplified to show the effect a little more clearly, 
in addition to the cause. 


R. G. Hooke: The Public Service Electric and Gas Company 
of New Jersey, with which I happen to be associated, have been 
using the klydonograph for nearly three years, and I want to 
amplify a little the data that have been given; particularly that 
in the paper by Messrs. Cox, MeAuley, and Huggins. In their 
Table V, they give the relation between causes of surges and 
magnitudes. 

I compared this roughly with our own records, because it is 
given as the average that might be expected on any one system, 
and I wanted to see how nearly our system lined up with that 
average. I found that the percentages due to different causes 
were rather interesting in that we had only about half as many 
surges resulting from switching at the klydonograph station, 
whereas we had twice as many as they give caused by switching 
at other points in the system. From that table also it appeare 
that we had an unusually high percentage of surges of the larger 
magnitudes. This is brought out particularly, perhaps, m their 

Table VI. . . 

I would call attention to their remarks that, “On one particular 
system the surges identified with short circuits were consideraNy 
higher than the average. For instance, this system accounted 
for 26 of the 32 oscillatory surges of 2.6 times normai vo ^ 
and over Its only apparent difference from the other systems, 
all of which were grounded solidly or through a low resistance^ 
the presence of a 75-ohm resistor m the> neuttal ground They 

also say that “The highest voltage recorded was 4.6 times norma ± 
Only ten surges or 0.4 per cent of the total were over ; four times 
normal. Of these, six were on one cabie-and-^ tem ’ 
where certain contributory operating conditions prevailed. 

The system referred to, happens to be that operated y 
Public Service Electric and Gas Company m what we call our 
Southern Division. We have in Trenton.apprommaitdy 10^ 
nf 2fi-kv cable, connected through about 32 mi. ot open wire, 
£ T^ble network in Camden. In the latter er* thereare 

, 9fl m x of 26-kv. cable, including ties with the Phi 
" E l”ompany. I am going to give the details of two 


or three of the higher surges in this area because 1 think they 
are of particular interest. 

We have recorded about 500 surges there in two years; 4.6 
per cent of these have been between three and four times nor¬ 
mal and 1.4 per cent have been above four times normal. The 
highest was 4.7 times normal. That highest surge was caused by 
a cable failure in Trenton. A report was received at our office 
that a cable was smoking. We sent a man out to investigate, but 
before he could get there the cable failed. Simultaneously, 
we lost a cable in Camden not far from the klydonograph location. 
The disturbance, therefore, originated in Trenton and traveled 
some 40 mi. to cause trouble at the other end of the system. 
This, however, is the only ease in our records of a failure which 
may have resulted from a high surge. On the contrary, with one 
exception, all of the higher over-potentials appear to have been 
the result of cable breakdowns rather than their cause. The 
basis for this statement is the fact mat insulation failures 
frequently are not accompanied by surges, but the surges, when 
they do occur, are always coincident with faults. This means 
that if we eliminate the cable faults, we shall practically eliminate 
the high voltages, as is brought out in the paper. 

The one exception that I mentioned is interesting. It was 
a surge of 4.6 times normal and was the result of an accidental 
relay operation. A hue was tripped out which happened to be 
carrying a fairly heavy load, together with the synchronizing 
power between our system and Philadelphia. W e have no satis¬ 
factory explanation for the resulting surge. Similar switching 
operations are quite frequently performed. We often separate 
from Philadelphia intentionally and we never have had any such 
occurrence on any other occasion. 

We have also had a klydonograph located in another trans¬ 
mission system containing something like 135 mi. of open wire 
and 51 mi. of cable. This system was operated for a good many 
months with a solidly grounded neutral, but it has now been in 
service for about six or eight months with a 75-ohm resistance 
in the neutral. At the time we changed the operating condition, 
we made some fairly extensive ground tests with different neutral 
resistances; we tried 75 ohms, 150 ohms, and 300 ohms, throwing 
grounds directly on the system. The object of these tests was 
not to see what surges we w r ould get, but to try out the functioning 
of our relays. The surges which occurred, how'ever, are verj 
interesting. 

While operating with a solidly grounded neutral, three tran¬ 
sients of above four times- normal were recorded due to the 
deenergizing of low-capacity equipment in the substation where 
the klydonograph was located. Surges of this nature are men¬ 
tioned by the authors and since they are of very short duration, 
they are not considered to he important. They are, theie ore, 
excluded from the following table which gives the results obtained 
with the different neutral resistances. Southern Division data 
are included for comparison. 


Neutral resistance, ohms- 0 <5 lo ° 

Number of surges recorded.. 240 Ho 

Per cent from 1 to 1.9 times S4.5 

normal voltage. ■ ° 

Per cent from 2 to 2.9 times 46 .7 j 9.5 

Per cent from 3 to 3.9 times , 4 6 

0 2.0 u S 

normal.... * • * w j 

Per cent from 4 to 4.9 times n ! 1 4 

n o u u 

normal. ...... 

These igures indicate very clearly that the higher the resistance 
in the nentral, the greater trill be the percentage o 
the higher magnitudes. Under no conditions hots et er, hate 
transients in excess of four times normal occurred in the Centr 
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Comparing this with the data obtained in the Southern 
Division, as indicated in the table, it appears that nearly twice 
as high a percentage of surges between three and four times 
normal have been recorded in Camden on the 75-ohm resistor, 
and that seven, or 1.4 per cent of the total, ha\e been aboie 
four times normal, whereas there was none of this magnitude 
in the Central Division. Obviously, there is some difference 
between these two transmission systems and the high surges on 
one cannot be explained on the basis of the neutral resistor. 
It happens that at numerous points in the southern part of 
New Jersey, the soil is dry and sandy and we find it difficult 
to obtain low-resistance grounds at our stations and substations. 
Since the high surges which have occurred seem, in general, 
to be due to faults in certain areas, while faults in other parts 
of the system cause much less voltage disturbance, we are of 
the opinion that the ground resistance at the point of fault is 
of particular importance. In fact, it is of more importance than 
the resistance which we find it necessary to use in the neutral in 
order to keep on friendly terms with the Telephone company 
whose lines parallel certain of our transmission circuits. 

To su mm arize, then, with different neutral resistances, w e have 
found that the higher the resistance the more surges might be 
expected of magnitudes of between.two and three times normal, 
but there is very little likelihood of any transients of above four 
times normal occurring even with 300 ohms in the ground con¬ 
nection unless there are other causes either in the constants of 
the system or in the ground resistance at the point of fault. 
In connection with this general discussion, it is of interest that 
in one case an arcing ground in a cable joint caused suiges of 
less than 2 times normal for a period of about 30 hr., the figures 
being obtained intermittently until complete failure finally 
developed. 

In studying our particular problem, namely the high surges 
which occur in our Southern Division, we are now planning 
to install three or four more klydonographs in the area, attempt¬ 
ing to find out whence the surges come and whither they travel. 
We have had only one instrument in that whole system thus far. 
We have, hnwever, carried on some cooperative work with the 
Philadelphia Electric Company. They installed a klydonograph 
on their side of the Delaware River about 4M mi* froni our 
klydonograph station. We found that for a surge to be recorded 
simultaneously at both places it must be over two times normal 
on one side or the other. Attenuation amounted to about 45 
per cent in the 43^-mi. cable tie. We think that is very interest¬ 
ing because with the klydonograph at one point if we get such 
an attenuation we don’t know very much about what the surges 
may be elsewhere. However, in spite of the surges which we 
;h ave _ ail a I think they have been as serious as any company 
has experienced—we tend to disagree with those who charge 
cable breakdowns to high-voltage transients. We feel that the 
cable which we are now able to buy, in view of the voltages which 
it stands on test, should be almost entirely unaffected by surges 
up to four or even five times normal. I don’t see any way to 
draw definite conclusions on this point, but it would be very 
interesting if some manufacturing company could conduct tests 
to determine the effect of transient voltages on cable insulation. 

J. H. Coxs In the development of the klydonograph, we 
found the probable error of a record to be about ± 15 per cent, 
with a possible error of about 30 per cent. It is encouraging 
to note that the Messrs. Lee and. Foust check this value. 

There are two principal points in which the authors’ procedure 
has differed from ours. They have used two oppositely con¬ 
nected electrodes for each connection, and they have used a 
different form of potentiometer for connection to lines. The 
use of two oppositely connected electrodes has certain advantages 
as pointed out by the authors and it is to be commended under 
certain conditions. Its principal advantage is that it gives a 
positive measure of the maximum voltage when the potential is a 
damped oscillation and the initial impulse is negative. There 


is also some advantage in having a positive figure for a negative 
surge, but it must not be inferred that the negative figures are 
entirely useless. The hiding of the small negative figures by 
the normal voltage band in the single-element instrument, can be 
prevented, if desired, by setting the potentiometers to elim¬ 
inate the normal voltage band. In any ease, negative records 
above 2 times normal will be detected and it is question¬ 
able if surges on transmission lines below this value are very 
important. The advantages of the double connected arrange¬ 
ment are gained at the sacrifice of certain others. The instru¬ 
ment has a higher electrostatic capacity and hence imposes a 
greater burden on the necessary electrostatic potentiometer, . 
which at best has a low capacity itself. It makes a more ex¬ 
pensive arrangement both in installation and in operation as it 
eliminates the possibility of the multi-electrode instrument. 
With the inherent inaccuracy of spring clocks, having the 
records of three terminals on one film makes the time record 
much more complete, A double-electrode arrangement was con¬ 
sidered when the first film-type klydonograph was designed, 
but it was discarded at that time in favor of our present arrange¬ 
ment. However, the method to be preferred for a particular test 
is determined by individual opinion and the nature of the test. 

While the authors have gone to greater refinement in the 
instrument they have chosen the opposite trend in the poten¬ 
tiometers used. The use of a string of suspension insulators 
as a potentiometer was suggested for approximate work by 
Cox and Legg in their paper on page 869 in the 1925 Trans¬ 
actions, A. I. E. E. When the klydonograph was first developed 
this form of potentiometer was investigated by Mr. Peters and 
discarded as unsatisfactory. The scheme works well as long 
as the surroundings remain constant, and as long as the insu¬ 
lators are dry, or wet and clean, but when the insulators be¬ 
come slightly dirty and get wet, as is inevitable in service, the 
leakage conductance disturbs the ratio. This can be readily 
seen by a comparison of the electrostatic capacities involved. 
The capacity of the singly connected film-type klydonograph 
is about 8 micro-microfarads per terminal. I have been told 
that the capacity of the doubly connected klydonograph is 
23 micro-microfarads. Its greater capacity is due to the fact 
that it has two terminals and a ground sheet connected to 
one of them. The capacity of a single 10-in. insulator disk 
is about 25 micro-microfarads, which value is divided by the 
number of insulators in series. It is easy to see that a vari¬ 
able leakage path in parallel with a capacity which is smaller 
than the connected instrument will seriously disturb the ratio. 
As mentioned by the authors, this disturbance should be less 
for impulsive applications than for the normal frequency. 

The authors mention the effect of a change in the lengths 
of the leads used. This is inevitable where such small capacities 
are involved. In an actual test it is often difficult to keep the 
lengths of the leads down to 5 ft. Altogether, the most desirable 
form of potentiometer is that having the highest capacity. 
At best this is none too high. The capacity of a 6 ft. ring of 2-in. 
iron pipe mounted 12 in. above a ground plate is from 100 to 
200 micro-microfarads. 

We have recently made use of condenser bushings as poten¬ 
tiometers. The klydonograph is connected from one of the 
condenser steps to ground. This scheme gives excellent results. 
The arrangement is not subject to as many variable leakage 
paths as the others. Furthermore these paths are not as im¬ 
portant since the capacity across which the klydonograph is 
connected is from 250 to 800 micro-microfarads. No calibration 
in the field is necessary as the bushing can be designed for a 
definite ratio and this ratio remains fixed. 

H. L. Wallau: (communicated after adjournment) The 
following data as to the magnitude of voltage surges experienced 
when switching high-voltage (66-kv.) cable circuits may be 
of interest. 

The circuit was as follows: 
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No. 1 Breaker—Connecting 11-kv. generating plant bus to 
30,000-kv-a. transformer bank stepping np to 66 kv. 

No. 2 Breaker—Connecting high-tension side of transformer 
bank to 66-lcv. cable circuit. 

No. 3 Breaker—Connecting 66-kv. cable to low-tension side 
of 66-lcv./132-lcv. transformer bank. Length of cable circuit 
SM mi. 3 single-conductor 500,000 eir. mil. cables 30/32-in. 
paper insulation 9/64 lead, spaced vertically 63^-in. centers. 

No. 4 Breaker—Connecting high-tension side of bank to 
132-kv. 4/0 three-phase circuit 47 mi. long.. 

Tests were made at no load. 

The magnitudes of the over-voltage surges were obtained 
from oscillograph records. 


CLOSING BREAKERS 
C, indicates breaker closed before test 
O, indicates breaker open before test 
X indicates breaker closing under test 


Breaker number 
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X 
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■ o 
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o 

X 

0 

0 

X 

c 
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O 


Max. over-volt¬ 
ages on 66- 
kv. cable, 
per cent 


*06-kv. neutral ground open at far end. 


OPENING BREAKERS 
C, indicates breaker closed before test 
O, indicates breaker open before test 
X indicates breaker opening under test 
- - - 

Breaker number 


Maximum over- 
over-voltages 
- on 66-kv. cable, 
per cent 


*Q0-lcv. neutral ground open at far end. ._. 

The maximum over-voltages obtained were for both doam, and opening 
operations when the first 66-lcv. breaker (.No. 2) w . 

closing operation the highest surge obtained when the 132-kv. bank naa 
been previously closed on the cable circuit through the No. 3 breaker, thus 
simultanem.isly energizing both the cable circuit and the transformer bank. 
Forjthe opening operation the next highest surge resulted when deenergiz¬ 
ing the cable circuit only. 

A. L. Atherton: (communicated after adjournment) We 
who deal with lightning: arresters have what is perhapsi thei mos 
indefinite problem in the electrical industry today 
is recognized that the results secured thus far do not cover a 
conditions and are not extensive enough to justify the Rawing 
of final conclusions, there are several points of vital importance 
to the lightning-arrester question which warrant notice. 


(a) First of these is the amazingly small number of times a 
lightning arrester is called upon to operate in a season. In the 
old days, when electrolytic lightning arresters were generally 
used, the manufacturers’ recommendations for setting of the 
series gaps were rather indefinite, it being left to the user to 
adjust the gaps so that the arrester operated frequently but not 
too frequently. It was general practise to set the gaps so that 
the arresters operated quite often. The customer had invested 
some money and wished to have some visible evidence that 
he had bought something. It was not infrequently the ease 
that these arresters would operate many times in a single storm 
and possibly several hundred times in a year. Observe now the 
date of Table IV, keeping in mind that voltages less than double 
normal line-to-line voltage, which corresponds to 3? o times 
normal voltage to ground, are not in the dangerous class and do 
not require an arrester operation. It is to be presumed that 
the only times when the arrester would he required to operate, 
would he for those voltage values greater than 3.5 times normal 
for which a flashover did not occur along the line. The total 
number of these is less than two per year per location. If we 
include those eases when the line insulators flash over, the 
total number of voltages in excess of 3.5 times normal is less 
t ha n 6 per year per location. Even including all cases of flash- 
over, to consider the condition of line insulation so greatly 
increased beyond present practise as to eliminate flashover, the 
total is less than 18 per year per location. This is a very startling 
reduction below the previous conception of how many times an 
arrester should operate in a season. 

These figures are averages for all voltages and the weight of 
data lies at the higher voltages. The variation with voltage 
will be touched on later. 

(b) Along this same line is another point almost equally 
startling. For years we have considered that it is desirable to 
provide as short a path as possible between lines to take care of 
switching transients. It appears clear from the information 
available here that switching transients are practically negli¬ 
gible. Wherever the length of line involved is appreciable, the 
voltage is low, and in general the voltages in excess of the a alue 
3 times normal voltage to ground for which an arrester opera¬ 
tion might appear to be required, occur on very short lines and 
therefore are practically negligible because, of short duration. 
The function of a lightning arrester is definitely the protection 
against lightning voltages. 

(c) All of this arouses renewed interest in the time-honored 
question as to whether arresters are required on the higher 
voltage systems, and if not, where the dim ding line can be 
placed. From the data given, it is clearly evident that voltages 
dangerous to the insulation of any apparatus at present made or 
contemplated for commercial use may readily be induced in the 
line conductors, providing the circuit is located m a territory 
where lightning conditions are at all severe. . It appears that 
the magnitude of voltage which reaches a station is determined 
m general by the flashover value of line insulation. Insula¬ 
tors flash over even on lines for the very highest voltages. One 
way to look at this question then is that the.need for lightning 
arresters is dependent on the ratio between insulation strength 
of the apparatus and flashover of the line insulators both pre¬ 
sumably under the same conditions of transient voltage Con¬ 
sidered on this basis, the line insulators probably offer the 
same order of protection to terminal apparatus throughout the 
voltage range and, if this line of thought is correct and complete 
lightning arresters are as necessary at the higher vo ag 

the lower. 

To get a further idea as to the relative need for protection m 
the various voltage classes, and to try to take into account the 
number of overvoltages per year which ™s ME'^od 'n 
line of thought we just followed, we may total the data of table 
I by voltage classes as follows: 
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Surges per st£ 

Ltion per year 




Without 

With and 

Without flash- 



flashover 

without flash- 

over, 3.5 times 

System i 

3.5 times 

over, 3.5 

normal and 



normal 

times normal 

above plus all 

No. 

Voltage 

and above 

and over 

with flashover 

26 and 27 

6.6-13.2 

0 

6 

29 

20 to 25 

22-23 

5 

8 

23 

9 to 19 

44-66 

2 

S 

18 

lto S 

100-220 

i 

3 

13 


In this summary, fractional values are given as the next 
higher whole number. 

There may be indications of a slight trend toward higher 



Fig. 2 


figures for the lower voltages, but there is no indication that 
the figures are of a different order of magnitude. On this 
basis, the need for arresters seems to be about the same for 
all voltages, neglecting any differences there may be in factors 
of safety of apparatus insulation and relative importance of 
serial continuity. 

Assuming, for the moment, that the need is equal, we must 
not take this to mean that the justification for the use of present- 
day arresters is equal for all voltages. Justification for use 
still depends on economies and the cost per kv. of present-day 
arresters increases very rapidly with voltage in the higher ranges. 

To get the correct idea from these thoughts, we must keep 
in mind that experience with and without lightning arresters 
at the middle voltage classes, 33 or 25 kv. and down, has clearly 



Fig. 3 


demonstrated that good service cannot be rendered without 
lightning arresters if the circuit is in a location where lightning 
is prevalent. 

We must also keep in mind that we cannot draw definite 
and final conclusions at this time. The data are not nearly 
complete enough to eliminate the possibility of large errors. 
It is interesting however to note the trend of opinion as the 
information accumulates. 

(d) One further point in this connection bearing particularly 
on the question of line insulator flashover and the measurement 


of transient voltages which I should like to stress is the rather 
general present practise of referring to “Impulse Flashover 
Value” for insulators or insulation. It seems to me that this 
is a very dangerous practise. When we say impulse flash- 
over voltage, we give the definite impression that theie is one 
such voltage value for any particular piece of insulation. This 
is not the case. The impulse flashover voltage may be any¬ 
thing between the 60-cycle flashover voltage value and some 
value very close to infinite dependent on the duration of the 
application. If we apply a million volts to a path, and flash- 
over occurs after one microsecond, it is evident that we can 
prevent flashover not only by reducing the voltage value but 
also by reducing the time. A curve something like that shown 
in the accompanying Fig. 2, doubtless exists. It is difficult to see 
how we can justify speaking of such a curve by one voltage 
value and it is very easy to see how such a loose practise may get 
us into misconception and future trouble. 

For example, if we determine the “impulse flashover volt¬ 
age” for a string of insulators by applying a rapidly increasing 
voltage and measuring the voltage at the flashover by means 
of a sphere gap or klydonograph, we measure the voltage value as 
indicated in Fig. 3, herewith. We get the same kind of value as a 
maximum by klydonograph tests in service at the time of flash- 
over. When the klydonograph says 10 times normal voltage for a 
flashover, the induced voltage may have been on the way to 100 
times normal when the flashover stopped it. If we refer to this 
kind of value as the “impulse flashover voltage,” we give the 
impression that lower voltage values will not cause flashover. 
Suppose, however, that a transient voltage appears which never 
reaches this crest value but persists for some microseconds. It 
is entirely possible that such a transient will cause flashover, 
and if transient voltages on transmission circuits may be of 
appreciable duration, such as 10 to 20 microseconds, as is likely, 
this voltage value may be very much below “the impulse flash- 
over voltage” above referred to. It is not unlikely that some of 
the flashovers with relatively low recorded voltages may be 
explained in this way. 

There is a growing interest in the proper proportioning of 
line insulation, apparatus insulation, and protective equip¬ 
ment to make the design of systems consistent as a whole. If we 
■ base such system design on a single voltage value, as the tendency 
now is, we are liable to be in error. Even if we could assume 
that a test, as in Fig. 3, gives one point of the curve of Fig. 
2, we would still have no assurance that this curve would have 
the same shape for various kinds of insulation, and when we 
are dealing with such widely different things as air flashover 
around insulators and dielectric puncture under oil in trans¬ 
formers, the difference is not likely to be negligible. 

The manufacturers have been asked to give impulse flash- 
over voltages for various kinds of apparatus and line insula¬ 
tion, particularly when applications are to be made on the 
very high-voltage systems in lightning territories. Such state¬ 
ments are meaningless and can only lead to misunderstandings 
and disagreements. Let us learn from past engineering experi¬ 
ence that inaccuracies of speech are dangerous and adopt precise 
terms in this matter as we have had to in others. If we must 
specify a value for impulse flashover voltages, let us specify 
also the duration of this voltage or better yet, a curve of time 
against voltage. 

V. E. Goodwin: (communicated after adjournment) I 
fully agree with the comments of Mr. Atherton and wish to 
emphasize the importance of a proper understanding of the 
term “impulse flashover” or “impulse failure” of apparatus. 
It is, for instance, common practise to speak of insulators as 
having a definite flashover or of the impulse strength of an 
insulated structure such as a transformer. The flashover of an 
insulator may be taken as illustrative, although this discussion 
applies equally well to the puncture of insulation or to other 
apparatus subjected to the action of transient phenomena. 
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are invariably itilluerieed, to a eertain extent, by individual 
experience. Several of the discussions illustrate this point. 
To make a paper eoniploto, however, results must he summari/.ed 
and eoneliisiuns indienled. As Mr. Peek lias pointed out, the 
imiypiilmh* of an indueed surm* i> : intlueimi'd hy the rate of dis- 
ehanp* of the eloud and is less (hail t!m prodtmt (1 h. Tims, 
ill thou 1 1 gradients as hiydi as 11)0 kv. per ft. (dot) lev. per meter) 
are reached near the earth’s surface, it is entirely possible that 
surges high enough to Hash over 220-kv. insulation seldom, 
are imlnnd. Furthermore, these higher gradients are present 
only in the vicinity of the lightning stroke. The division of 
an instantaneously released charge into two traveling waves, 
each with a surge voltage of one-half that ol the initial voltage, 
is one of the most elementary taws of wave propagation and was 
not, neglected by the authors, Tim reduction referred fo was 
from more than HUH) kv. to about lot) kv. This indicates a 
rapid attenuation in spite of a maximum initial reduction, factor 
of olie-lialf. 

Mr. Schirmer has reported some results which appear to 
coulliei, with Simpson's theory of lightning. These, however, 
are not, so inconsistent when it. is remembered that; the voltages 
measured on telephone lines are low compared to those oil [lower 
tines. Mr, Schirmer haw some interesting data, which show that 
the drop across the protector ground mi telephone circuits is 
relatively high. The drop across power-line lightning-arrester 
grounds has not been investigated, hut tests on this are now 
being siarled. 

Mr. Vincent, ha; asked some questions regarding test con¬ 
ditions which may have affected the results. In some cases 
the lines were not energized during lightning storms. This did 
not appear to iutlueiiee the results very greatly. Tim only 
iitilueiiees of having tin* line energized are that terminal con¬ 
ditions are different, and that the net surge voltage to ground 
heroines the sum of the instantaneoits applied voltage and the 
surge potential. Lines 2 and 4 in Table 1 were of similar con¬ 
struction, neither being equipped with control devices. The 
ditVerence in Hie number of surges over ten times normal was 
due to difference in the lightning encountered. The only claims 
made for tlimhovcr control devices are that they increase the 
tinshnver voltage of the line, ami therefore higher surge voltages 
should he recorded on lines mo equipped. In our experience with 
the kl.vdoimgraph, however, we were unable to delect, this 
difference. 


Mr. Plumb has made certain commeufs regarding the first 
paragraph under ExjH tinn nt>il Ihila in the paper Trunniiwsatou 
him Vullttyi’ Stiri)ia. This paragraph merely includes a number 
of statements regarding the data recorded and wlmt, these indicate 
at. lirsf sight. The conclusions stated hy Mr. Plumb are dis¬ 
missed in the remainder of Part, 11 of the paper. For instance, 
it is explained that positively charged clouds discharge too slowly 
to cause surges on transmission lines and that the surges ex¬ 
perienced, both induced ami direct,, are caused hy negatively 
charged clouds. 


II. S, Tec and C. M. Foust* Several phases of the work on 
iehtenherg figure measurements of surge voltages have boon 
.ached upon during the discussion, particularly hy Mr. (--ox, 
id we wish fo add a, few remarks relating to the points raised. 
Regarding the use of the positive Lieliteiiherg figures to record 
1 surges whether of positive or negative polarity, it, is ielf that, 
lis practise is advantageous for three reasons: 

1. Because negative surge voltages up fo approximately 2.5 
Dies normal give negative Lieliteiiherg figures upon a directly 


line-voltage hand, and tin* interpretation ol negative figures 
somewhat above t his value may be uncertain. 

2. Because negative Liehtenberg figure sizes are dependent 
upon the rate of voltage rise to a much greater degree than five 
positive figures. 

4, Because the availability of both figures lor all high-voltage 
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We have investigated both insulator and electrostatic-potenti¬ 
ometer methods of connecting the instrument to the transmission 
line and have used the insulator-potentiometer method for several 
reasons, among which are the following: 

1. Availability of normal line insulator units, ease of installa¬ 
tion, and small space occupied. 

2. Requisite safety is assured by the use of an insulator- 
potentiometer string having a greater number of units than nor¬ 
mal line insulation. 

3. All measurements are made across a portion of the normal 
line insulation. 

4. Laboratory tests have not demonstrated that the electro¬ 
static-potentiometer method may be relied upon for any greater 
degree of accuracy than the insulator-string method. 

While there is considerable evidence to support the contention 
that for 130-cycle voltages the distribution over a string of insula¬ 
tors may vary with conditions, such as indicated by the decrease 
in flashover under wet conditions, there also appears to be con¬ 
siderable evidence which indicates that this change in distribution 
does not take place where the applied voltages are of very steep 
wave front. This seems reasonable because of the much larger 
charging current present with very steep waves and the conse¬ 
quent unimportance of the low surface-leakage current. Data 
have been published which indicate that for steep waves the flash- 


overs wet and dry do not differ greatly. Our laboratory test 
on insulator strings of various lengths seems to bear this out. 
Using a wave front of about two microseconds the distribution 
of voltage across the individual units of a string of six insulators 
was found to be independent of the magnitude of the voltage and 
similar to the 60-cycle distribution. These investigations 
check our ratio results on various insulator strings at 60 cycles 
and impulse voltage, and indicate that our ratio of line voltage 
to instrument voltage will be constant and identical both wet 
and dry on impulse voltages, and dry on 60 cycles. 

The 60-cycle ratio with the string wet will vary somewhat due 
to the increase in surface-leakage currents. The use of the 
electrostatic potentiometer, however, does not seem to rectify 
this condition because the rings are still necessarily supported 
by porcelain insulators, again supplying surface-leakage paths 
which tend to disturb the normal frequency distribution. As 
regards the high capacitance of the electrostatic potentiometer, 
this may be a disadvantage since the higher the capacitance, the 
greater the distortion of the surge voltage from normal. 

Mention has been made of the lead effect shown in Fig. 24 of 
the paper in connection with the insulator-string potentiometer. 
The results shown on this graph however, were, not obtained upon 
an insulator string but on an electrostatic potentiometer. While 
this potentiometer did not have the capacitance of some of those 
which have been used in practise, the results obtained do demon¬ 
strate a characteristic Avhich will be obtained in any type of 
capacitance voltage-dividing arrangement used. In such 
devices, connecting leads should always be as short as possible. 
Therefore, Mr. Cox’s statement ‘-‘Altogether the most desirable 
form of potentiometer is that having the highest capacity” 
must necessarily be 'modified, since recognition must be given 
to the fact that high-capacitance potentiometers distort the line 
transient. 
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In (he emir:.' <»f an investigation of copper oxide 
formed on a piece of copper, during whiefi current, was 
passed through the oxide in a direction at, right angles 
to (he surface of eparafurn, it was oliscrved that the 
resist.an.ee of the eomliination was loss when the current, 
floweiI from the oxide to the copper than when if flowed 
in file reverse direction. In the first unit, the ratio 
of the resistances in the two direct ions was about 2 to 1. 
'I'he phenomenon was so different in nature from any¬ 
thing that had been observed in other known types of 
rectifiers that an intensive study and experimental 
invest action war undertaken during which it became 
more ami more evident that the new device has charac¬ 
teristics vvhit'h make if very probable that if. will find 
general application as a rectifier, 
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A rectifier rh-menf consist: of a disk of copper on 
which ha been formed a layer of copper oxide, as shown 
in Fie, 1, A good electrical connection is made with 
the exposed surface of the oxide layer by means of a 
terminal member of soft, metal, such as lead or metal 
foil, The copper disk ami tlie terminal member of 
soft metal me com enieut.lv made in the form of washers 
and assembled on ;» boll, to provide a good connect inn 
between the outer surface of the oxide and (he soft 
metal wa her. 

Fig. 1 show" such an assembly of a half wave rectifier. 

In the new reetith-r, file reef ideation appears to he 
rent rioted to;* microscopically thin layer at the junction 
between the copper and the oxide, and takes place 
under entire absence of electrolytic action or other 
observable nhvucul or chemical changes. 
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in series and in parallel info rectifier groups for any 
desired value of current and voltage. The two sfand- 
ard methods of connecting rectifiers for full wave 
rectification are shown in Fig, 2. Fig. !j shows an 
assembly of four copper oxide rectifier elements into a 
group for full wave rectification, the connections 
being the same as in h of Fig. 2. Such an assembly 
may be used without a central tap in the transformer. 
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With good ventilation, such a unit will supply a uni¬ 
directional e. m. f. of <5 volts and acurrent which depends 
on the area used. The current, density that may be 
used depends on the effectiveness of the ventilation 
that is provided. In order to dispose of the power lost 
in the rectifier, it may be provided with ventilating 
fins as illustrated in Fig. 4. With current, densities 
greater than two amperes per square inch, a forced air 
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draft or immersion in oil is necessary. A rectifier 
provided with ventilating fins and immersed in oil has 
been operated continuously at 3.5 amperes per sq. in. 
The necessity of making special provision to dissipate 
the heat developed is due to the fact that for a given 
capacity, the volume and therefore the radiating 
surface of the rectifier itself are comparatively small. 

Characteristics of Single Rectifiers 
Although at first thought the fact that contact is 


+■ 



--- 1 AC AC 

Fig. 3—Assembly of Full Wave Rectifier 


the oxide participates in the rectification and there is 
nothing that would suggest the idea of a sensitive 
spot such as is characteristic of the contact rectifier. 

The following curves illustrate the points that are 
emphasized in the preceding paragraph. Fig. 5 shows 
the relation between current and electromotive force 
in the two directions through the copper oxide. In this 



Fig. 5—Current Voltage Characteristics of Copper- 
Copper Oxide Element 


made with the exposed surface of the oxide layer would 
suggest a certain similarity to contact rectifiers such as 
those of the “cat-whisker” type used in radio, a careful 
investigation seems to point definitely to the junction 
between the copper and copper oxide as the seat of 
rectification. The ordinary “cat-whisker” type con¬ 
tact rectifier has a comparatively high resistance and 
is entirely unsuitable for the supply of any considerable 



Fig. 4—Assembly Showing Series Parallel Connections 
used for High Capacities 

amount of power. Those who have worked with such 
rectifiers will realize that the apparatus, even dis¬ 
counting its power limits, is unsatisfactory for most 
uses on account of the instability of the contact and the 
erratic behavior of the unit as a conductor. The pres¬ 
ent rectifier is consistent in its behavior, does not 
depend on a point contact, and the resistance is so low 
that the rectifier is capable of carrying large currents. 
The whole area at the junction between the copper and 


figure, the part of the curve that represents the current 
in the high-resistance direction has been drawn to a 
scale 1000 times as great as the remainder of the curve. 
The scale for currents above the horizontal axis is in 
amperes; the scale below the horizontal axis is in 
milliamperes. 

Fig. 6 gives the relation between resistance and 



Fig. 6—Resistance Voltage Characteristics of Copper- 
Copper Oxide Element 

electromotive force. The negative values of electro¬ 
motive force correspond to the high-resistance direction. 
The resistances approach a common value as the voltage 
approaches zero. As the voltage is increased from zero, 
the high resistance increases and the low resistance 
decreases, at first very rapidly, and then at a decreasing 
rate as the voltage increases. The low resistance con- 
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tinues to go down practically along an exponential 
curve while the high resistance increases to a maximum 
beyond which it decreases slowly with further increase 
in voltage. The low resistance is shown in the curve 
in the upper right hand corner with the scale magnified 
200 times. The ratio between the two resistances 



Fig. 7—Relation between Ratio of Resistance and 
Voltage Applied to Rectifies 


increases up to values well beyond those at which the 
rectifier may be allowed to operate. 

The rectification ratio, which is obtained by dividing 
the low resistance at any particular value of e. m. f. 
into the high resistance at the same e. m. fis shown in 
the curve of Fig. 7. This ratio bears a definite though 



Fig. 8—Efficiency of Full Wave Rectifier Consisting of 
Four Disks 

not a simple relation to efficiency. The relation be¬ 
tween the two is complicated by the fact that in practise 
the voltage across the elements of the rectifier varies 
from zero to a maximum which is different in the two 
directions. The efficiency of a full wave rectifier 
built with four washers is shown in Fig. 8. This is an 


average unit. The efficiency here shown is the ratio 
of d-e. watts output to a-c. watts input. True power 
efficiencies of over 80 per cent have been observed. 
Since the rectification ratio at very low voltages ap¬ 
proaches unity, it follows that the efficiency of the unit 
as a rectifier at very low voltages approaches zero. At 
the voltages that are common in the usual applications 
of a rectifier, the ratio is so high that variations are not 
often important. A few principles that have to be 
kept in mind in the design of rectifiers are given below. 

Design 

For most applications, the losses due to reverse cur¬ 
rent should be taken into account although they are 
small. This may be seen from the following 
considerations. 

In a full wave rectifier connected as shown in b of 
Fig. 2, the voltage across each element during the part of 



Fig. 9—Efficiency with Various Values of Constant 
Power 

each cycle when the voltage is applied in the high- 
resistance direction is considerably, greater than the 
voltage applied in the low-resistance direction. Usually 
the voltage applied in the high-resistance direction is 
such that the rectifier is working well beyond the maxi¬ 
mum of the high-resistance-voltage curve (Fig. 6). 
For these reasons the ratio of the current in the low- 
resistance direction to the current in the high-resistance 
direction is considerably less under actual working 
conditions, than the ratio as shown in Fig. 7 of the high 
to the low resistance measured at the same voltage. 

Fig. 9 shows the true power efficiency of a rectifier 
made up of four l^-in. elements as shown in Fig. 3. 
The power output was kept constant for each curve, 
the designating number of each curve being one-fourth 
the total power output. Points to the left of the maxi¬ 
mum efficiency represent an excess of losses in the low 
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resistance direction; points to the right, an excess of 
losses in the high-resistance direction. If a given 
rectifier is used to supply a practically constant output 
voltage, as is required for battery charging service, 
the losses in the high-resistance direction remain nearly 
constant, while the losses in the low-resistance direction 
decrease with a decrease in charging rate. For this 
reason, it is sometimes advisable to use a larger number 



Fig. 10 —Efficiency of Full Wave Rectifier used as 
Battery Chakgeb 

of elements for a rectifier with a small output than is 
required for one with a larger output. 

The number of elements required for a given power 
output depends also upon the method of cooling. The 
manner in which the elements are to be connected, i. e., 
the number in series and the number in parallel, may be 
determined from curves such as those shown in Fig. 9. 
To obtain maximum efficiency in a complete unit, 
the number of elements in series between any two 
terminals of the rectifier is found by dividing the de¬ 
sired voltage output by the voltage giving the maximum 
efficiency on the corresponding curve. Enough 
elements are to be connected in parallel to give the 
desired current output, keeping the output per washer 
at the value previously decided upon. If the method 
of connecting that is shown in a , Fig. 2 is used, the 
number of washers in series should be doubled, thereby 
operating each element on the same portion of the 
characteristic curve as in the four-cell type rectifier. 

For applications requiring a current of a few tenths 
of an ampere or less, such as supplying the plate 
current of vacuum tubes, it is sometimes necessary in 
order to obtain the maximum efficiency to use an 
element of less than lj^-in. diameter, or else to use a 
smaller output per washer than would be used in other 
applications. This can be seen from the curves, for 
the maximum efficiency (l^-in. washers) occurs at 


low current values only for the curves of small values 
of output per element. 

Characteristics of Rectifier Groups 

Fig. 10 gives the efficiency of a rectifier group used 
as a battery charger. Since in the charging of a battery 
we are interested in the average value of the direct 
current, efficiency is taken as the ratio of d-c. volt- 
amperes to the a-c. watts, and is less than the’ power 
efficiency. 

The oscillograms of Fig. 11 show how the relation 
between the battery voltage and the a-c. voltage im¬ 
pressed on the rectifier affects the wave form of the 
charging current. These currents result from a com¬ 
bination of the steady battery voltage and the fluc¬ 
tuating voltage supplied by the rectifier. The portion 
of the cycle during which charging current flows into 
the battery increases with the increase of the applied 
voltage. 




Direct Curreut 3.0 Amperes 
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Fig. 11—Oscillograms of Charging Current in Six- 


Volt Battery with Different Values of A-C. Voltage 
Applied to the Rectifier 


The form factor of the rectified wave has been found 
to vary in different units between 1.13 and 1.25. The 
form factor of a pure sine wave is 1.11. The oscillo¬ 
grams of Fig. 12 represent the wave forms of the rectified 
current from a full wave and a half wave rectifier in a 
non-inductive load. On account of the fact that the 
resistance varies with the voltage applied, the low 
values of current are a little lower than they are in a 
sine wave. The distortion is barely noticeable. 
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'flit* rectifier may lx* used at any ordinary frequency 
without any e|h*et cm its operation. It has boon tried 
with measuring tostrumenis and found to give good 
rectification up f" a frequency of over .‘1,000,(KM) cycles 
pet* second a Above plll.UOt) cycles per second, there 
is a gradual decrease in rectification ratio which maybe 
due to capacity. 

The elfeef of hunperat tire on efliciency may be com¬ 
pensated in various ways and the following is an illus¬ 
tration of what may be done by the proper choice of 
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the size of the unit and by the use of a reactive ballast. 
The problem under consideration was to supply a 
certam constant amount of rectified power at all tem¬ 
perature from n deg. cent, to f 80 cleg, cent, with a 
constant voltage supply, 'flu 1 results are shown in 
the run e of Fig, Id. 

The voltage regulation of a rectifier depends primarily 
on the effective resistance of the unit. It. may be 
pointed out that just as in a battery of storage cells or 
of primary cells, the regulation may he controlled by 
varying the number of cells that are put in parallel, so 
in t be ca-ie of this rectifier it is possible to control the 
regulation. Within reasonable limits, practically any 
excellence of regukd ion can he obtained by building into 
the rectifier the necessary amount of copper. In a test, 
of a rectifier of small capacity, the regulation between 
no load and full load was changed from Id.a per cent 
to h.a per cent by doubling the amount of copper in 
the rectifier. 

TttKOliY 

Whiie the investigation of the new phenomenon has 
not yet been carried on to a point where it is fully 
understood, it h ah* to say that it cannot be explained 
by application to it of the theories which are usually 
advanced in connection with contact rectifiers, 

()ne of these theories is based on thennoeloeftieil.y. 
Since the oxide in our rectifier is very often not over 
0,001b in. in thicUitess, if is difficult to imagine any 
considerable temperature difference between the two 
surfaces. In addition, experiment shows that the 

a Hutu oMnimnt fhmugh »!»•• courtesy "f the IUwareh 
LitWiimry, W< <• Hlet-pie u»d Manufacturing 
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asymmetric resistance is concentrated at or very near 
the surface of the junction between the oxide and the 
copper and that the heating of this junction produces 
an e. m. f. which is in the wrong direction for the 
rectification that actually takes place. The thermo¬ 
electric explanation is, therefore, not. t,enable. 

Another explanation t hat has been adopted by some 
physicists is based on electrolysis. This explanation 
is probably applicable to some contact rectifiers. 
Where it. is applicable, t he rectifiers have characteristics 
that are easily recognized. They require some time 
after t he e. m. f. is applied to reach their steady state. 
The current is very irregular and shows frequent and 
very sudden variations. After operation for a com¬ 
paratively short time, products of electrolysis appear 
and the rectifier deteriorates. The rectifier under 
consideration has none of these characteristics. After 
( he applicat ion of t ho e. m. f. if is immediately operative 
in its steady st ate. The current is smooth as would he 
expected with a conductor that has a definite value of 
resistance for each value of e. m. f. There are no 
indications of products of electrolysis even after 
operation for a year or two with current densities of 
0.5 ampere to 1 ampere per sq. in. ft seems safe to 
say that, the explanation based on electrolysis must 
be rejected. 

Schoftky's 4 theory, involving the work required to 
carry an electron across t he boundary between the two 
substances, also fails to give a satisfactory explanation 
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as it. is probable that the electron affinity of copper is 
greater than that of copper oxide, 

Jolley in his hook on Alternating Current- Rectifica¬ 
tion mentions a theory which assumes a double layer, 
each half of which is made up of one constituent of the 
crystal. This condition may exist in the present in¬ 
stance at the surface where the two substances are 
joined to each other. If may he that, beyond the last 
layer that, contains oxygen atoms, there is a layer of 

4. Sohottky, ZtiUuJur Vhytik, M, p. 01$, March 1923, 
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copper atoms all, or most, of which are in chemical 
combination with the oxygen. It is not easy to get a 
mental picture of the action of such a double layer. 
It may have value when taken together with the work 
function considerations. 

One of the present winters 5 has proposed a theory 
based on the fact that the copper and the oxide are in 
very intimate relationship. The transfer of an electron 
from copper to oxide, or vice versa, may then take place 
without passing through the whole potential drop 
represented by the electron affinity of either substance, 
but only through a potential drop corresponding to 
their difference. Under this condition it is conceivable 
that even at room temperature and without any appli¬ 
cation of e. m. f. a great number of electrons are able 


involve any moving parts or contacts to be made or 
broken; in fact, it consists only of parts that are solidly 
bolted together. It requires no attention or servicing, 
and can be built into units to meet any reasonable 
requirement of current and voltage. Each element 
represents a relatively small increment of current and 
voltage and they may be assembled into groups just as 
storage cells are assembled into batteries. The follow¬ 
ing are meant to be suggestive illustrations, rather than 
a comprehensive list, of its immediate uses. 

1. Instruments. A practical use to which the 
rectifier has been put is in connection with d-c. instru¬ 
ments used on a-c. circuits. Here it is found exceed¬ 
ingly convenient. With a wavemeter, for instance 
where it has been common practise to use a thermo- 


to escape from the copper and into the copper oxide. 
The copper then serves the same puipose as the hot 
wire filament in a vacuum tube, and maintains an at¬ 
mosphere of electrons in the oxide in excess of the 
normal amount. On account of the short distance 
between the electrodes, the comparatively large area, 
and also probably assisted by the dielectric constant 
of the oxide, the resistance to the flow of electron 
current in the direction from the copper to the oxide 
is small. 

W r hen the e. m. f. is applied in the opposite direction, 
there is a tendency to drive the electrons back into the 
copper. This is opposed by the ready diffusion of 
electrons from the copper into the oxide so that the 
electrons become concentrated near the surface of the 
copper. The resultant gradient in electron concentra¬ 
tion in the oxide produces a potential gradient which 
opposes the flow of electrons in the direction from 
oxide to copper. This theory seems to fit the voltage 
resistance curves very well. Experiments are under 
way which will test it more completely. 

Practical Applications 

The simple structure, excellent performance, and 
promise of long life of this rectifier make its use in 
practical applications seem particularly desirable. 
Engineeis are already recognizing and beginning to 
exploit these characteristics. 

In discussing the possibilities of the new rectifier, a 
prominent engineer suggested the idea of an entire 
automatic substation in the form of a tank mounted on 
a pole with the transformer, rectifier, and suitable 
switches housed in the tank. The complete absence 
of the requirement of servicing the rectifier, the length 
of its useful life, which gives promise of being very great, 
possibly even equal to that of the transformer, make 
this idea seem very likely to become practical. 

The rectifier gives a smooth rectified current which 
looks very much as though it had been commutated by 
means of a perfect commutator. It is very constant in 
its charact eristics, requires no electrolyte, and does not 

5. L. O. Grondahl, Science, September 24, 1926, Vol 64 
No. 1656, pp. 306-308. ’ ’ 
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couple takes some time to reach a condition of equi¬ 
librium so that after every setting of the'wavemeter, 
the operator has to wait for the instrument to reach a 
steady state. The rectifier responds instantly and in 
wavemeter work, therefore, it is possible to proceed 
very much more rapidly with a rectifier meter than 
with a thermocouple meter. It is also very sturdy, so 
that a temporary overload causes no injury to the 
rectifier. In general, the rectifier with a d-c. instru¬ 
ment is very convenient for reading small alternating 
currents. As is seen from the curves, the rectifier is not 
sensitive at low values of power so that there is a limit 
below which the rectifier is very inefficient. This 
limit is very low and the instrument can be used 
satisfactorily down to a few micro-amperes. Here it is 
important to match the impedances of the rectifier 
with the instrument and of the rectifier-instrument 
combination with the source. The impedance of the 
rectifier changes with the power so that an instrument 
that is well matched for one range is not necessarily 
satisfactorily matched for another range. The desired 
results may be obtained by matching impedances for the 
lowest range, and the scales can be adjusted to take 
care of the higher ranges. 

The direct-current output of the rectifier at low 
values of power is approximately proportional to the 
square of the a-c. input. 

For reasonable precision in measuring instruments, it 
is necessary either to provide temperature compensa¬ 
tion for the resistance variations in the rectifier or to 
choose the constants of the instrument so that the 
resistance variations of the rectifier are unimportant, 
ihis has been done very satisfactorily in special 
applications. Both the high and low resistance of the 
rectifier have a high temperature coefficient.' The 
. em P efa tiire change in the efficiency of a rectifier is due 
m part to the changes in resistance and in part to the 
changes m pressure due to the unequal expansion of the 
bolt and the other parts from which the rectifier is 
made. Pressure changes may be used to compensate 
partly for the resistance changes. Compensation may 
a so be accomplished by introducing in the circuit 
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resistances which have an effect that, is opposite to that 
of t he I'eet ifier it self. 

Kor use wit!) very sensitive instruments, the rectifier 
should he protected against illumination. Illumina¬ 
tion not only changes Hie resistance, hut produces a 
small e. m. f. in t he rectifier. 

■J. (lenvrnt IhiUtnj ('fntnjrny. The application of 
chargers are as numerous as the applications of storage 
batteries. 1 lie automobile starting battery may lie 
used as an illustration since if is very often found 
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necessary to give it an extra charge. This is usually a 
very inconvenient thing to do on account of the neces¬ 
sity of getting into the battery case and making the 
necessary connect ions. A small transformer and rec¬ 
tifier could lie installed either in the automobile* or on 
the wall of the garage with a plug; on the instrument 
hoard or in some other convenient place so that the 
connection neces: ary her charging would he very simple. 
In sue It an application, the* rectifier is especially prac¬ 
tical on account of the* fact that if is very sturdy and 
requires no attention. 'The charging of telephone and 
other storage batteries may he* arranged as desired in 
accordanee wit It the* principles already laid down. 

d. i 'nutmi Apfxmilitv. The control of electric cir¬ 
cuits is usually accomplished by means of electro- 
magnets. Klecf romagtmts are* more easily operated by 
means of direct current than they are by means of 
alternating current and the* provision of a rectifier with 
each magnet makes this possible. Thus, for instance, 
d-e. switch magnets and circuit breaker magnets can he 
used on a c. lines. 

4. Trkijuiphn. A system of duplex telegraphy has 
been proposed which is given in outline in the diagram 
of Fig. 14. This makes if possible by flu* use of 
alternating current and a rectifier to polarize the line so 
that any telegraph line can he duplexed by simply 
adding a sending instrument and a receiving instru¬ 
ment and four small rectifiers at each station of flu* line. 
If the rectifiers arc of the half-wave type, tin* operation 
of one sending key will transmit the upper half wave, 
which will he received by the sounder which is asso¬ 
ciated with another rectifier which also transmits the 
upper half wave. When the other sending key is used, 
the lower half wave is transmitted and this operates 
the sounder at the other end which is associated with a 
rectifier that transmits the lower half-wave. Such a 


system seems practical when one can use rect ifiers that 
are reliable and the capacities of wliieh are easily 
adapted to the purpose in quest ion. 

5, Detectors. The rectifier in its usual form is not 
suitable for a radio detector, hut can he used in a similar 
way in circuits which involve larger amounts of power. 
For instance, if it is desired to get a current pulse 
through a transformer by making and breaking the 
current in the primary, a rectifier can be used to make 
the pulse uni-directional. In such cases, the rectifier 
serves the same purpose as a detect or on a very much 
larger scale. 

(>. By-pass for Field Switches. With motor or 
generator field switches, provision has to he made to 
guard against flu* injurious effects that may result: from 
the sudden release of t he energy of the magnetic field. 
A rectifier connected between the terminals of the 
switch in such a direction that it opposes the flow of the 
direct, current serves as a low resistance for t he induc¬ 
tive surge that, accompanies t he opening of Hu* switch 
and is very effective. A very high resistance rectifier 
may he used since the voltage of the field discharge is 
great, and the energy loss in the roe. ti Her may he made 
negligible. It is already in use in a number of similar 
applications for the protection of relay contacts. 

7. Edison Direet Current' Systems. In Fdison direct- 
current systems a rectifier of this type has peculiar 
advantages due to the fact, that it is static and can he 
assembled into units of any desired capacity. A large 
unit might, he made up of a number of smaller standard 
units constructed so that the capacity of the rectifier 
may he altered as required by the load. Such a 
rectifier is entirely noiseless and the only moving parts 
are t he fans or pumps necessary to carry away t he heat.. 

S. Radio. An interesting field for rectifier rnanu- 



Km, 15 “A” Rattkuv Thickm-: Diiaiuhnu Unit 


facturers has boon the radio field. Here again, the 
rectifiers are used as battery chargers. 

"A” batteries arc* very often maintained by what is 
known as the t rickle charge method and tube rectifiers 
for this purpose have recent ly appeared on t he market. 
With some “IT" battery chargors if, is necessary to 
disconnect the *Ti" battery and connect the various 
groups in parallel. The* present rectifier can he built 
in the proper voltage and current capacities to charge 
either “IT* or “A” batteries and to charge them at. a 
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normal rate or at a trickle charging rate as desired. To 
charge an “A” battery at a trickle charging rate, a 
small transformer and a rectifier consisting of 4 to 16 
copper disks may be used. Such a unit is shown in the 
photographs of Figs. 15 and 16. The unit may be 
assembled in a case together with the “A” battery 



Fig. 16—“A” Battery Trickle Charging Unit 

itself. Rectifiers have been designed to meet the 
demand for 2 ampere chargers and 5 ampere chargers. 
A 2 ampere charger is shown in Fig. 17. 

A “B” battery charging unit for any e. m. f. up to a 
115 volt “B” battery may be had by connecting the 



Fig. 17 Two-Ampere, Six-Volt Battery Charging Unit 

rectifier with the necessary ballast reactance to the 
110 volt house lighting circuit. For a 135 volt battery, 
it is necessary to use a transformer to step up the 
alternating voltage. The transformer can be built 



Fig. 18— “B” Battery Charger 


with the necessary reactance so that the size of the unit 
does not need to be any greater in the second case 
than in the first. With such a unit, it is only necessary 
to reverse the switch to disconnect the battery from the 
receiving set and connect it to the rectifier. 

The more interesting application of rectifiers in radio 


is probably in battery eliminators. For this purpose, 
the rectifiers have to be built with the necessary voltage 
and current capacity to supply not only the power to 
operate the tubes, but the power that is lost in the 
filter. Units have been built which give satisfactory 
service as substitutes for both “A” batteries and 
batteries! Fig. 18 shows the interior of a “B” battery 
charger, which is the same as the rectifier that is used in 
a “B” battery substitute. 

General Discussion of Power Units 
Since the units are built up from small elements, the 
weight per kilowatt capacity is practically independent 
of the size of the unit. If we take the 1.5-in. washers 
that are being used at present as our basis for considera¬ 
tion, we find that with proper ventilation, 200 such 
disks are sufficient to give an output of 1 kw. Two 
hundred disks correspond to about four pounds of 
copper and the necessary metal for ventilators and 
supports is probably equivalent to about 16 pounds 
more so that the total weight per kw. capacity is about 
20 pounds. This weight may be assembled in a space 
of approximately 400 cu. in. The capacity per cubic 
foot is, therefore, approximately equal to four kw. 


Discussion 

■ G. W. Janson: Schemes such as that shown in Fig. 14 have 
been tried at various times by communication engineers, in their 
efforts to increase the output of telegraph circuits. The possi¬ 
bilities of. these arrangements have, however, been generally 
limited by factors other than the effectiveness of available 
rectifying means. However, there are probably many other 
valuable uses for a rectifying element having the excellent charac¬ 
teristics described in this paper. " • 

Several questions have occurred to me which would be of 
interest to those seeking to adapt the element to purposes other 
than converting an a-c. supply to a d.-c. supply. 

What is the maximum voltage per element which may be ap¬ 
plied before the rectifier passes a-c.? Are the characteristics of 
the rectifier permanently changed after that maximum voltage 
has been applied? Has the rectifier been used for application, to 
loads of varying resistance and are the voltages under such condi¬ 
tions affected differently from those shown in the curves? Are 
there any polarization effects? 

Another question that might be of importance is whether any 
time lag exists between the application of a potential to the 
flowing of direct current. I wondered, for example, whether the 
resistance ratio curves and the data on resistance at various volt¬ 
ages were determined by d-c. methods or by a-c. methods. If by 
a-c. methods, would those ratios be different for the steady d—c 
state? 

A. G. Oehler: When a rectifier is made of a number of ele¬ 
ments connected in series, does the voltage or the power rectified 
m each unit divide up equally over all of the elements? What 
factors of design or what inherent characteristics limit the voltage 
which can be rectified by this rectifier? 

George Crisson: The system of signaling described by 
Messrs. Grondahl and Geiger is of interest because it accom¬ 
plishes duplex operation by very simple means which do not 
involve the problem of line balance. 

Certain effects occur in this system, however, which are not 
encountered in the telegraph systems now in use. These effects, 
which are due to the fact that the velocity of propagation of a ' 
wave over a telegraph wire is not infinite, put de fini te limits on 
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1 Ik* distance over which signaling can he carried on without, the 
use of repca I crs. 

No reason is seen why I he sysle.ni should not operate satis¬ 
factorily when I lie length of the line is a sniall fraction of the 
wav c-leiijd h. 'The opera) ion of any key will cause changes in the 
si ivngl h of l In* eurreui in I he corresponding inst rument at the 
other end of the line so that signals can readily he sent hut will 
not, affect the insl riinien I a in the second channel. 

As the distance from the generator to the end of the circuit, 
increases, tlie behavior of the system becomes more complex. 

()perat in?• a key ha lessetlect on I lie corresponding inst rumen f at, 
the far end, and hep,ins to produce changes in the current of the 
distant instrument, in the second channel. 'Phis effect is duo 
entirely to the fact that a. finite time is required for a. wave to 
travel from the .generator In the key and hack. It is quite dis¬ 
tinct from the weakening of sipnals due to losses in the line. 

The system would become inoperable when the distance from 
the alterna tor to the key has increased to one eighth of the 
wa ve-lone;I h, or t he I otal h-ngt b of 1 he line has reached one-quarter 
of I he wa vc leapt h, a- timing I luit the alternator in located at the 
middle. 

Assuming that a frequency of at lea: I l!(H) cycles would ho 
required to avoid operatitip; difficulties canned by the periodic, 
nut lire of t he current, t he greatest leapt h of line worka ble by I his 
system without repeaters would he about lit HI mi. for non-load 
open wire lines, and a much ehorler distance, in the neighbor- 
hood of .hi) mi,, for m»n loaded eireuits in cable. Frantically, 
the lengths would liuve to be at ill le. s to allow for a safe opera 1 ing 
margin and for union, factors not considered in this simple 
treatment, 

'Plds, system could not he applied to composited linen without, 
modify inp the compositing apparatus, which separates the tele¬ 
phone a ml t eleprnph current.* at each cud of I lie line in such a, way 
as to encroach seriously upon t he raupe of frequencies require!I for 
the telephone. 

Of course, for else < of service permit!inp the use of a. fre¬ 
quency lower than liltM> cycles, the work,able lenqth of the line 
would he increased ami the difficulty of apply inp the system to 
eompo iteil linen would he somewhat reduced. 

Joseph Slephmi Four to live \ ears apo in meilitat inp about, 
the usual thermionic n clitier tlmt is, a rectifier consist inp of two 
electroihs, in a hiph vacuum, one electrode heated it occurred 
to me that probably other types of rectifier.! were based upon 
eisscntrally the cairn phenomenon, that in, tic* presence of three 
suitable material , two metallic conduct inp electrodes, and an 
intervening material. In the case of the thermionic rectifier the 
part of flm internemup material is played by tin* vacuum. 

In tin combination of three materials, tin* electrodes arc pood 
Conductors of electricity. 'Phe iuterveninp vacuum by itself 
is an insulator bn! if electrons are somehow supplied to if, it, 
becomes n pood conductor. In other words, electrons can move 
freely in i hi. vacuum if 1 hey are provided. 

Nov. it set med to mo that if mipht be possible that, other insu¬ 
la! inp materials: than a. hiph vacuum would have this? same 
property, so that if mipht be possible to take two metals and put, 
an insula imp material in between them, this instilaliup material 
having insulating proper!ie* ordinarily not ho much because- it, 
ohafruefed the flow of elect roils but because it, itself, lucked free 
electrons. Now, if one of the electrodes was able to supply free 
electrons to the i mu luting material, and the other not, u rectifier 
would lu- obtained. 

Of course if such it met itier was to be practical, thin Insulating 
material would have to carry electrons rather freely, but the 
electrons would have to he supplied (o it by the adjoining elec¬ 
trodes. It, seemed, of course, that this iuterveninp insulating 
material would have to be very thin, because you could not. 
expect the electron* supplied to thin material to move through it 
so freely ns they will do in a vacuum. I thereupon net out to 
investigate the properties of thin insulating tilms between unlike 


Ml io 

electrodes, and for a little over two years 1 examined all kinds 
of combinations to gel a, very thin layer of insulating'materia,!. 

1 considered films formed chemically, and 1 got results that', 
were frequently promising, and which led me to continue my 
work, but, 1 never gut any thing* t hat looked praet iea l.or a ppeared 
to bo worth following in greater detail. 

Then 1 heard that a man from one of our neighboring com¬ 
panies, the Switch A Signal ('o., had devised a, rectifier consisting 
of copper and copper oxide for which great, claims were made. I 
rather sculled at it, when I first, heard about it, as I had already 
experimented with copper oxide. 1 had placed shcols of copper 
oxide against, v arious metals and observed some red ilie,at ion, but 
always the rectification was small and nil her erratic. 

A little lime later some of t Imse oxidized copper washers were 
supplied in me at the laboratory and I proceeded to test them, 
not, expecting very much, and was quite amazed at the results. 
The rectification was steady to an unbelievable degree. After 
(In' experience of my two years work if seemed .absolutely 
revolutionary. I had never seen or heard of anything like that 
in a. rectifier of this type, and 1 looked into the rectifier more 
closely and was interested to find if had just the elements I was 
looking; for. The ideal that I had been working fur seemed to bo 
realized in t bis reel ilier that Mr. (irondalil had provided. 

The rectifier consists of two bodies of metallically conducting 
material; namely, the copper and the oxide, and an intervening 
insulating layer. I have proved the existence of this layer be¬ 
tween (In' oxide end the copper by making; capacity measure¬ 
ments. 'file electrostalie capacity has such a magnitude as to 
indicate that the rectification takes place in a layer less than a 
0.0001 cm. t hick bet ween I he oxide mid I he copper. 

I f is most astonishing t bat a rectifying layer is obtained by such 
simple means as forming t lie oxide on I he copper. 11 is also very 
astonishing that this reelifying layer is obtained only bet ween the 
copper oxide and tin* metal on which it wan formed. A piece of 
copper oxide by itself dumped against a piece of copper will give 
some rectification, but of an allege!her dilTeren I order and quality 
from that obtained where the oxide is formed on the copper 
itself. 

ft. (). Adker.som Does the use of foils of ot her metal t han 
lend, <*. ?/., aluminum and gold, change llm resistance of the 
rectifier in the two directions? If the resistance is affected what 
is the amount of such change? 

Fig*, ti in the paper shows the voltage-resistance charnel eristic, 
curve of the red ilier bet ween plus and minus J volts, ami in reply 
to a, previous discussion it, was stated that about, MO volts was flm 
maximum that one element would sustain. Does flm resistance 
decrease continuously to zero as the negative potential is in¬ 
creased to this maximum? If it, does not, what is the resistance 
at the point, of discord imiity,. i. <\, just before puncture occur.'!? 
When the reel-ilier is once rendered inoperative by exceeding the 
maximum voltages will if automatically reform upon reducing the 
voltage, similar to an electrolytic rectiHer, or is the clement 
useless unless the copper washer is again oxidized? 

Dr. Fecles’ rectification theory, mentioned in Jolley’s Alter¬ 
nating Current Reel ideation, indicated that rectification may 
occur at hot points of contact between or in t he rectifying mate ¬ 
rials. Dues the difference of potential across the rectifier, an 
determined by a rapid oscillograph, differ in any way from that, 
across a pure resistance of equal ohmic value, when current is 
made and broken through, it, i.r., is there any evidence of a 
potential difference other t han t he H I drop caused by the passage 
of the current? 

Does the instantaneous response of the rent ilier, mentioned in 
connection with, wave-motor work, mean t hat the time required 
for the rectifier to reach a steady state is negligible, us considered 
from a practicable point of view, or that, there is no perceptible 
change of current with time us determined by the oscillograph? 
If there is a change of current what is its approximate magnitude, 
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is the current increasing or decreasing with time, and does the 
change occur in both directions through the rectifier? 

L. O. Grondahl: The first question is with reference to 
maximum allowable voltage. The curve that gives the relation 
of the resistance in the high-resistance direction to the voltage 
shows that the resistance decreases with increasing voltage above 
two volts. We think of three volts in the high-resistance direc¬ 
tion as being a normal counter-voltage for the rectifier to with¬ 
stand. W e are using them, however, in large units up to six 
volts with additional radiating surface. Within the limits men¬ 
tioned it is only a question of carrying away the heat. When 
higher voltages are used the losses in the high-resistance direc¬ 
tion make it difficult to carry away the heat generated. 

The resistance curves in the paper were taken with dir ect, 
current. There is no polarization. There is a very slight 
change in current in the high-resistance direction, but it is 
immaterial and a large part of it is explainable as due to rise in 
temperature. It is not in the right direction to be caused by 
polarization. We have tried rather carefully to find a back 
current such as exists in a cell that polarizes. W T e have not been 
able to find anything of that kin d. 

That answers the question also in regard to the various loads. 
The effect of varying the load is illustrated in the efficiency curve. 
In that case the various loads were obtained by simply changing 
the load resistance. 

There seems to be no tendency for one unit to pick up the load 
and carry it to the exclusion of the other units. It divides itself 
exactly in terms of the resistances of the elements. As far as our 
experiments show up to the present time the rectifier behaves as 
if it were a pure resistance phenomenon. 

In some rectifiers, one rectifier will pick up the load for a little 
while, and then another rectifier in the series will take its place 
so that the load darts back and forth between the elements. 
That does not happen here at all. The load is evenly and 
steadily distributed. 

We have a unit in the laboratory that we have been using for 
eight or ten months now, supplying one ampere at 1500 volts 
for oscillators. It has been a reliable supply without any 
maintenance. 

On the question of forming first, of all, there is no such phenom¬ 
enon as forming in connection with the rectifier as far as we have 
been able to determine. When I say that it operates instanta¬ 
neously , I mean that the time required for the current to start and 
for the final condition to be set up, as far as rectification is con¬ 
cerned, is as nearly instantaneous as you can get it with the 
inductance that you have in the circuit. It depends upon the 
inductance in the circuit rather than upon the characteristics of 
the rectifier. The rectifier is a resistance pure and simple as far 
as its observable qualities are concerned, certainly in operation. 

The change in current in the high resistance direction that I 
mentioned is of very small value and probably has no practical 
importance at all. If you have 1 milliampere high-resistance 
current (for instance, back leak, when the alternating current is 
off and the battery is discharging through the rectifier) it may 
grow in a little while up to 1.5 milliampere. That is something 
we have not yet explained. However, there is no effect similar to 
forming. 


You can put the rectifier on direct current in either direction for 
any length of time, take it off and put it on in the opposite direc¬ 
tion, and it behaves just as though nothing had happened to it. • 
You can start it on an a-c. circuit for rectifying after it has been 
rectifying for a long time, and it behaves exactly the same as 
when you start it after it has been resting for several weeks. 

The question of hot spots: if you go up to very high voltages, 
say 30 or 40 volts per disk so that you puncture the surface, then 
you find that it acts like every other dielectric—it punctures in a 
spot—but we have not found any other evidence of the rectifica¬ 
tion taking place in spots, or the current being carried in spots. 

The lead is used as a contact on the outer surface, because it is 
more impressionable than other metals that are easily obtainable 
and makes a lower resistance contact, a slightly lower resistance 
contact than we get, for instance, with aluminum foil. It is not 
quite as low as we get with gold foil. Gold foil is inconvenient to 
handle and sheet lead is practical. So we use the lead. All 
resistance changes are continuous. 

J. F. Dreyer, Jr.: I should like to ask what degree of uni¬ 
formity exists in these units? Do they vary much in resistance? 

L. O. Grondahl: The degree of uniformity depends entirely ' 
upon how well we are able to make the manufacturing process 
uniform. For our train-control work, for instance, we hold them 
within 10 per cent on the output. That is, those are our specifi¬ 
cation limits. 

H. J. Rosenber^er: Four questions came to my mind: 

(1) What oxide of copper is used? (2) How do you put it 
there? (3) How do you keep it there? (4) Does it make any 
difference how thick that layer is? 

L. O. Grondahl: The oxide is the cuprous oxide, the red 
oxide of copper. It is formed in a furnace and it is formed at 
such temperatures and under such conditions that it stays. 

The thickness is of no consequence at all except that the resis¬ 
tance increases with the thickness since the current has to flow 
through a thicker layer of oxide. Whether you have two mills of 
oxide or you have ten mills of oxide, you have identically the 
same kind of rectifier except for that increase in resistance in the 
low-resistance direction. The rectification takes place at the 
junction between the copper and the oxide or so close that we 
have not been able to distinguish it from the junction. 

We have worked as low as 0.001 or 0.0015 in. of oxide, but for 
practical purposes we use 0.002 or 0.003 in. 

D. E. Truchsess: I should like to know if there is any relation 
between the pressure on the contact and the output. I under¬ 
stand that after the rectifier has been operating for a while the 
output drops off. Can that output be increased by increasing 
the pressure? 

L. O. Grondahl: The pressure applied seems to have an 
effect in that it reduces the contact resistance on the outer 
surface of the oxide. It is necessary to have a contact that is 
uniform over the whole surface as nearly as possible in order to 
get the low resistance. 

As time goes on, there may be a slight reduction in pressure 
due to mechanical changes, which may be compensated for by 
tightening the bolt. As far as we know the pressure is important 
only in reducing contact resistance. 
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Synopsis. —Various factors contribute to impair the quality 
of telegraph signals . • For instance, there may be interfering 
currents either induced in the circuit or brought in by conduction, 
the proportioning of the circuit elements may be imperfect or batteries 
and relays may be out of adjustment. The result in any case is 


to distort the telegraph signals so that the received signals are not a 
true copy of those transmitted. The paper describes methods for 
measuring this distortion and for analyzing the residts so as to 
indicate the nature and extent of the impairment and its probable 
cause. 


T HE object of this paper is to describe methods of 
making measurements of the over-all transmission 
efficiency of the common types of telegraph 
circuit and to explain how the results may be analyzed. 
The most direct and practical method of measuring 
the efficiency of such circuits consists in determining 
the lengthening or shortening of the dots, dashes, 
and intervening spaces comprising the signals by com¬ 
paring the signals delivered by the receiving relay with 
the sent signals. This paper will be limited to a dis¬ 
cussion of this effect which will be called distortion, 
and a description of methods which have been devised 
for measuring it. 

The electrical characteristics of the circuit and the 
wave shapes of the operating currents are not dealt with 
in this paper except to the extent that their effects are 
included in the results of the measurements of over-all 
transmission efficiency. 

In recent years considerable work has been done by 
engineers of the Bell System in connection with devising 
and applying convenient and accurate methods and 
means for making quantitative tests of telegraph signal 
distortion. This includes comparatively elaborate and 
refined apparatus intended primarily for laboratory use 
and simpler devices suitable for field work. The 
technical staff has made extensive use of the new de¬ 
vices, and measuring sets for use by the field forces 
are now under commercial trial. 

Various other methods have been used in the past 
with a view to testing telegraph transmission and the 
results obtained have been of considerable value. Since 
little has been published on this subject, a brief discus¬ 
sion of several older methods will also be given. 

General Discussion of Telegraph Distortion 
The following discussion applies directly to telegraph 
circuits employing only two different current values 2 
thus including substantially all important long-distance 
wire circuits with the exception of some submarine 
cables which are operated with three-current values. 
It may also be applied to many radio telegraph circuits. 
Considerable modification would be required in order to 

1. Dept, of Dev. and Research, American Telephone and 
Telegraph Company, New York, N. Y. 

2. See Certain Factors Affecting Telegraph Speed, H. Nyquist, 
Trans, A. I. E. E., VoLXLIII, 1924, pp. 412-22. 

Presented at the A. I. E. E. Winter Convention, New York, 
N. Y., February 7-11, 1927. 


adapt the ideas outlined herein to the case of circuits 
employing three or more different current values. 

The operation of telegraph circuits by hand or 
machine involves impressing signals comprising parts 
of different length or duration at the sending end of the 
circuit and the reproduction of these signals at the 
receiving end. The interpretation of these signals 
depends upon the correctness of the length or duration 
of the individual signal parts, commonly referred to 
in the case of a two-element system as “marks” and 
“spaces” (corresponding respectively to the “closed” 
and “open” positions of the transmitter). Loudness 
or strength of the local response is practically never a 
factor in telegraph transmission since in nearly all cases 
use is made of local circuit arrangements at the ter¬ 
minals which provide sufficient strength and also avoid 
any change in strength due to variation in the line 
circuit. Excessive “lag,” that is, time required for 
transmission over a circuit, is objectionable and, in 
the case of some printer circuits, variation in lag de¬ 
grades transmission. Consideration of lag is usually 
not of importance, however. 

An ideal or perfect telegraph circuit reproduces 
signals at the receiving end exactly as they were im¬ 
pressed at the sending end as regards length of the 
component marks and spaces, and any change in these 
lengths during transmission may be considered as low¬ 
ering the quality. Therefore, the departure from per¬ 
fection of the received signals, i. e. the lengthening or 
shortening of marks and spaces which occurs during 
transmission, is a measure of the degradation in trans¬ 
mission quality. 

Definitions. It has been found desirable to subdivide 
distortion of telegraph signals into certain components. 
The main reason for doing this is that the components 
are largely due to different and distinct causes and re¬ 
quire different treatment for their proper control in 
both design and transmission maintenance work. 
Fortunately, it is convenient to separate these com¬ 
ponents in connection with distortion measurements. 

In explaining these components let us suppose a given 
signal such as the letter C in the American Morse code 
to be sent at regular intervals over a telegraph circuit 
and suppose that the signal is formed in such a way that 
each repetition is substantially perfect at the trans¬ 
mitting end. If the distortion of each of the unit 
marks or dots of a large number of successive signals 
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is measured at the receiving end and tabulated, it is, 
in general, found that the distortion differs not only 
from dot to dot in a given repetition of the signal, 
but also that it. differs from signal to signal for a given 
dot. Let us obtain the average of a large number of 
distortions for a given dot and consider each individual 
distortion as being made up of two components, one 
the average and the other the individual departure from 
the average. The average distortion of a given part 
of a large number of successive signals will be called 
the systematic distortion. The individual departure 
of one distortion from the average will be called the 
fortuitous distortion. 

It is found of great value to subdivide the systematic 
component of the distortion still further. To under¬ 
stand this subdivision, assume that we are dealing with 
a telegraph system in which markings and spacings are 
sent by means of currents which are equal in magnitude 
but opposite in sign. It is, of course, possible with such 
a system to transmit the marking by means of negative 
current and the spacings by means of positive current, 
or vice versa. The change from one method of trans¬ 
mission to the other is accomplished by interchanging 
the positive and negative batteries at the transmitting 
end and at the same time interchanging the connections 
to the marking and spacing contacts of the receiving 
relay. 

Now let us assume that the systematic distortion is 
brought about by the fact that the positive battery at 
the transmitting end is stronger than the negative 
battery. Further, let us assume that the circuit is 
such that this will result in lengthening of the marks 
when positive current is used for transmitting marks. 
Then, when negative current is used for transmitting 
marks, shortening the marks by substantially the same 
amount will result. When the systematic distortion 
is of such a nature that interchanging the functions 
of the two current values employed changes the sign 
of the systematic distortion but not its magnitude, the 
distortion will be referred to as bias, inasmuch as it 
indicates a lack of symmetry in the circuit. 

Now assume a similar telegraph system in which the 
battery voltages are equal but which gives rise to 
distortion due to the fact that the current at the re¬ 
ceiving end of the circuit is slow in building up. If 
the current does not have time to reach its final value 
on the short impulses, the first dot following a long space 
may be shortened. In this case it is obvious that inter¬ 
changing the functions of the positive and negative 
current does not alter either the sign or the magnitude 
of the resulting distortion, the first dot of the C signal 
being shortened whether it is formed by means of posi¬ 
tive current or negative current. If the systematic 
distortion is such that it changes neither sign nor mag¬ 
nitude on interchanging the functions of the two current 
values employed, it will be called characteristic 
distortion. 

In general, it will be found, in measuring the system¬ 


atic distortion, that neither of the two simple conditions 
considered above exists by itself. When the functions 
of the two currents are interchanged, it is nearly always 
found that the magnitude of the systematic distortion 
is changed but the sign may or may not be. This 
phenomenon may be described in a simple manner by 
saying that both bias and characteristic distortion are 
present and that the bias is reversed but tfcat the 
characteristic distortion is not. In other words, it is 
convenient to say that the total systematic distortion, 
when the circuit is normal, is given by the expression 
C + B 

where C is the characteristic distortion and B is the bias 
and that with the reverse condition the total systematic 
distortion is given by the expression 

<7- B 

The separation of the two components is then easily 
effected by simply adding and subtracting these 
measured values of the systematic distortion and 
dividing by two. 

We are now in a position to give a definition of the 
components of the systematic distortion for the general 
case. Let us call the systematic distortion measured 
with the circuit normal Si and with the circuit altered 
so as to interchange the functions of the two current 
values employed S 2 .. Then the characteristic compo¬ 
nent is defined as (Si + Sf)/2 and the bias is defined as 
(S l - St)/ 2. 

It should be noted that, in practically all cases, 
individual factors which cause distortion do not produce 
pure bias, characteristic distortion, or fortuitous dis¬ 
tortion but rather a combination of these. One reason 
for this is that the effect of a particular factor depends 
on the extent to which the wave shape has been affected 
by other factors. Furthermore, distortion produced 
by a given factor in a particular repeater section depends 
on the impressed signal combination and this combina¬ 
tion is, of course, changed by any distortion experienced 
previously; this is of importance mainly in connection 
with circuits made up of a number of repeater sections. 
As a result, the amount of one component of distortion 
as determined by the method outlined above depends 
to a secondary extent on the amount and sign of the 
other components. Distortion-corrrecting devices such 
as the Gulstad vibrating circuit 3 also tend to prevent 
linear addition of increments of distortion. It will be 
apparent from the foregoing that in order to obtain 
accurate data on total distortion, measurement should 
be made over the entire circuit with all components 
present. 

In practical field work it is most generally desired 
to obtain a measure of the maximum total distortion 
which may be expected to occur at fairly short intervals. 
This maxim um distortion is reached or exceeded when 

3. Described in Metallic Polar Duplex Telegraph System for 
Cables, Bell Shanck and Branson, A. I. E. E. Trans., Vol. 
XLIY, 1925, p. 316. 
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comparatively large eharaet,eristic and fortuitous com¬ 
ponents combine with bias in such a manner as to cause 
a comparatively large total distortion. Since bias is 
the most readily corrected or neutralized distortion, it is 
nearly always determined separately. 

Many different signal combinations have been used 
in transmission measuring. The Morse letter C has 
been used for the most part since this was found to be a 
fairly severe combinat ion from the standpoint of charac¬ 
teristic distortion. Miscellaneous signals such as 
occur in actual operation are, in general, preferable to 
anything else for the measurement of total distortion 
and are, therefore, used in some methods. For the 
measurement of bias, tin* use of “‘reversals" (a stream 
of dots and unit spaces) is convenient and gives good 
approximate data. 

Distribution of Different Vain vs of Distortion. It is 
of interest to note that the distribution of distortions 
of different magnitude is generally in fair agreement 
with the normal distribution curve of the theory of 
probability. ''Phis has been shown by results obtained 
in tests on a number of representative telegraph circuits 
in the Hell System. A distribution curve showing the 
quality of telegraph transmission of a particular circuit 
may therefore be constructed by measuring the total 
distortion of a number of parts of signals, obtaining the 
average distortion A, and the probable deviation d 
from the average. The latter is obtained from the 
following formula: 

I X r 

d tuirn v-jylTjf 

where N is the number of measurements, r is the dif¬ 
ference between the distort ion obtained in a particular 
observation and the average distortion A. The dis¬ 
tribution curve may then be plotted from the formula 
given in Fig. 1. 

Fig. I shows a typical curve plotted from the results 
of tests of a particular circuit, at: a manual operating 
speed (dotting rate about 12 per second). The basic 
idea of this distribution curve is that within a particular 
range of distortion (that is, on the horizontal axis) 
the probability of the distortion (if any particular signal 
impulse falling in this range is indicated by the area 
under the curve in that range. Half of the area under 
the curve is included between t he vertical lines drawn 
at distance d on each side of the vertical line passing 
through the peak of the curve, it being equally probable 
that a given impulse will have a distortion within and 
without this range. 

If the distribution of distortion is in accordance 
with the normal distribution law, the two parameters 
A and d completely determine the grade of transmission* 
A circuit with good transmission has small average dis¬ 
tortion and a high narrow curve whereas a circuit with 
poor transmission has large average distortion or a low 
flat curve or both. 

The definition of perfect telegraph signals and the 


am) 

method of specifying the distortion or departure of 
signals from perfection could be formulated in other 
ways than that followed in the preceding discussion. 
However, it is believed that the criteria which have 
been set forth are very good for manual operation and 
are fairly good in connection with present printing 
systems and circuits 1 . As regards the latter, for 
complete information it would be desirable to determine 
not only the distortion as defined above but‘the relative 
displacement of marks and spaces because synchronism 
is involved in the operation of these systems. 

Effect of Distortion on Operation. A large quantity 
of data has been collected in connection with tests of 
different telegraph systems and tests which have been 
made solely for the purpose of determining the effect 
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of different amounts and kinds of distortion upon 
manual and printer operation* The effect of distortion 
will be discussed only very briefly here, however. 

It is thought that the limit which distortion may 
reach without seriously impairing service is about 35 
per cent., as a round average figure, for either manual 
or printer circuits as used in the Bell System. In order 
for telegraph operation to be satisfactory, it must, 
in general, afford communication with very nearly 100 
per cent accuracy. In the ease of printers, there is no 
effect whatever until distortion becomes large enough 
to cause errors. In manual operation, however, the 
strain on the receiving operator due to distortion, as 
well as the effect upon accuracy of reception must be 
taken into consideration. 

4. Boo Printing Telegraph fiysUnm Applied to Mc.nmge Traffic 
Handling, A. II. Ember, Thanh. A. I. E. E., Vol, X 1,1, 1022, pp. 
30-51, caul Printing Telegraph tiyetema, J. 11. Boil, Thanh. 
A. I. E. E., Vol. XXXIX, 1020, pp. 107-230. 
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Methods and Means of Measurement 
Several methods of observing telegraph transmission 
quality, which have been employed in the maintenance 
of commercial telegraph circuits and in the design and 
■ development work of the Bell System, will be described 
below. Generally speaking, methods 1 to 4, inclusive, 
are older methods in which standard telegraph appara¬ 
tus is used in connection with making certain observa¬ 
tions and . accordingly are discussed only briefly. 
Methods 5, 6, and 7 are newer methods employing tele¬ 
graph transmission measuring apparatus specially 
designed for the purpose and will be treated more fully. 

The more elaborate and refined methods have been 
used to advantage in connection with development 
work on d-c.. and carrier telegraph systems including 
balancing artificial lines and arrangements for minimiz¬ 
ing distortion. They have likewise been employed in 
designing compositing arrangements by means of which 
telegraph circuits are derived from wires used simul¬ 
taneously for telephony. In the case of the d-c. 
metallic telegraph system, 5 it is believed that it would 
not have been practicable to evolve a satisfactory 
design without the use of these or equivalent methods. 

The determination of the distortion of telegraph 
signals as defined above consists essentially in the 
measurement of comparatively small intervals of time, 
i. e., very small fractions of a second. For compara¬ 
tively low-speed, operation, that is, at manual speeds 
and somewhat higher, a reasonable limit of sensitivity 
of apparatus for measuring differences in time intervals 
•is 0;E the order of about one thirty-thousandth second 
for refined laboratory tests. For general field work, 
a sensitivity of the measuring apparatus of about one 
thousandth second is usually sufficient. These sensi¬ 
tivities are. found to be well within the unpredictable 
variations in circuit performance from time to time. 1 

Measurements of distortion by means of the methods 
described herein have given results which furnish a good 
criterion of the quality of telegraph circuits, data thus 
obtained, being, in general, reasonably consistent with 
observations by. highly trained telegraphers in the case 
of manual circuits, and with printer performance in the 
case of printer circuits. It will be appreciated that 
these data, being practically independent of judgment 
on the part of the observer, are considerably more 
accurate and dependable than those obtained by older 
methods in the case of manual circuits. As regards 
printer circuits, some inconsistency is to be expected, 
for reasons, which were brought out in the discussion 
of distortion. However, experience to date indicates 
that relations between the results of measurement of 
distortion and printer performance are fairly consistent 
and the new methods should be of considerable value 
for use in connection with printer circuits. 

1. Listening Tests. On manually-operated circuits, 
the quality of transmission may be observed by means of 

5. See Note 3. 


listening tests. In making such tests, a good sender 
should send signals at the distant end of the circuit 
while a competent operator at the receiving end listens 
to a sounder. The receiving operator then forms 
judgment as to whether the signals are biased or un¬ 
steady and whether transmission is satisfactory or not. 
Unsteadiness, of course, indicates the presence of con¬ 
siderable characteristic or fortuitous distortion or both. 
It is very convenient to make these observations since 
no special apparatus is required. In many cases it can 
be done without interfering with the normal operation 
of the circuit. 

Experience has indicated, however, that there is 
considerable uncertainty in connection with such ob¬ 
servations since they depend upon personal judgment. 
Skilled operators with considerable experience in pass¬ 
ing judgment on telegraph signals often disagree and a 
particular operator does not form consistent opinions 
from time to time. It is, of course, impossible to detect 
small distortions or differences, as is required in con¬ 
nection with development work. In lining up circuits 
for service by means of listening tests, improper ad¬ 
justments may be made in order to overcome faults of 
the sender or to suit the tastes of individual receiving 
operators. 

2. Meter Observations. Ammeters and voltmeters 
which are not sufficiently fast to follow all the individual 
signal impulses faithfully are used to a considerable 
extent for detecting bias and unsteadiness of circuits 
when a steady stream of dots and short spaces, or 
reversals, is sent oyer a circuit. A measure of the bias 
is obtained by taking the difference between the meter 
reading for biased signals and the reading for unbiased 
signals. The presence of fortuitous distortion is indica¬ 
ted if the meter needle vibrates unsteadily or if sudden 
deflections occur occasionally. This method is partic¬ 
ularly useful in maintaining multi-section circuits, 
especially those operated at high speeds. It is usually 
necessary to use the meters in local circuits rather than 
directly , in the line and to take certain precautions to 
avoid misleading results. 

3. Tape-Recorder and Similar. Methods . A tape 
recorder, such as that used in the Wheatstone system of 
telegraphy, giving a graphic record of telegraph signals 
has been of considerable use in telegraph transmission 
investigations made by Bell System engineers but it 
has. been almost entirely superseded by improved 
testing apparatus. Tape records properly taken and 
analyzed furnish complete information on the signal 
distortion (as defined above) and displacement of marks 
and spaces. The process is complicated and very 
laborious, however, the results not being available for 
a considerable time, and the accuracy with available 
apparatus is not great. However, a quick but rough 
idea of the. quality of transmission may be obtained 
by merely inspecting the tape records. 

In using the recorder, it is preferable to impress a 
perfect, regularly recurring test signal at the distant end 
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and take two tapes, one with normal signals and the 
other with “inverted*' signals, that, is, with marking and 
sparing interchanged. A number of signals may then 
be measured and t he components of distort ion may then 
be computed. 

'Pape recorders have boon used in connection with 
making transmission observat ions on working telegraph 
circuits also. Two recorders are employed, one at the 
sending; end of the circuit, under test and the other at 
the receiving end. 'The effect of transmission over the 
circuit can be ascertained by comparing; received marks 
and spaces with the corresponding sent, marks and 
spaces. 

It has been found practicable with some refinement, 
of standard apparatus to obtain an accuracy of about 
1 per cent at a speed of 15 dots per second with 
recorders, corresponding to i 0.001 second. 

A recording volt meter has been employed to ad¬ 
vantage in determining the stability of transmission 
over telegraph circuit,s. In doing this, a continuous 
record is made of received signals while reversals are 
sent over the circuit . 'Tin* record will show not only 
interruptions of material extent hut gradual changes in 
bias. 

Other instruments, such as Morse recorders, oscillo¬ 
graphs, and “undulutors,” have also been employed 
for making records to show the qualify of signals. 

4. Tests With }*r inters* The start-stop and multi¬ 
plex printing telegraph apparatus/ 1 which is in general 
use in t his country, is adaptable to simple manipula¬ 
tion which gives a very good indication of the quality 
of transmission for printer operation. A test which is 
commonly made is a determination of margin of orien¬ 
tation. Another test which is used in some eases is 
called a determination of bias margin. 

In order to explain these tests, certain basic principles 
involved in t he operat ion of these systems will he briefly 
outlined using a typical system for illustration. In 
the typical system, each printer operation requires five 
units of line time, five impulses being sent,, one aft,or 
the oilier, from segments on the sending “distributor” 
and received in the same sequence on corresponding 
segments of a distributor at the receiving end. The 
brushes of the sending and receiving distributors, of 
course, rotate in approximate synchronism. The 
receiving segments are shortened so that only the middle 
portion of each incoming signal unit, is used for operating 
the selecting arrangements and, therefore, distortion 
must, exceed a certain amount before there is any 
effect whatever upon the accuracy of the received mes¬ 
sage. A phase or “orientation” adjustment is provided 
so that each segment, may be traversed by the rotating 
brush so as to receive a signal from the line at the 
proper f ime. This permits the obtaining of orientation 
margin by rotating the ring of receiving segments a 
short distance, first one way and then the other, until 
errors appear in t he printed copy. 

0. See Koto 4. 


In order to obtain a measure of the quality of trans¬ 
mission of the line circuit, the orientation margin is 
first determined locally and then a similar determination 
is made with signals transmitted from a distant station. 
As the printer may be assumed to be operating on 
substantially perfect signals on the local test, the 
difference between the margins found in the two tests 
is a measure of the distortion of the line circuit. 

In making a test of bias margin, the printing appara¬ 
tus is first tested locally; then with the most favorable 
orientation setting, the signals are biased in one direc¬ 
tion and then in the other until errors are noted in the 
printed record. Similar tests are then made with the 
distant station sending over the line circuit. Bias 
may In* impressed at; the receiving end, in which case 
the difference between the range which can he impressed 
without causing failure and the local Idas range is a 
measure of the excellence of the signals as normally 
received over the circuit,. When bias is impressed at 
the sending end of the circuit, the corresponding differ¬ 
ence; is a measure of the amount of distortion with which 
signals could.be repeated into the line without causing 
failuie; this test, is, therefore, of most value in checking 
up parts of long circuits. 

For printer circuits, this method has the advantage 
that measurements are made with apparatus identical 
with that used in operation and the results are readily 
interpret able in terms of performance. Good data 
on total distortion for use in connection with printer 
operation may be obtained with miscellaneous signals. 
By noting how failure occurs for various signal combina¬ 
tions in the neighborhood of the limits of the range, 
some information may also be obtained as to the com¬ 
ponents of the distortion. 

5. BriiUje Method# of M enmrimj Systematic Distortion . 
In this subdivision there will be described arrangements 
which have been employed advantageously for a number 
of years in making accurate measurements in connection 
with development work. These devices are in the form 
of bridge arrangements in which galvanometers give 
direct indication of the amount of systematic distortion. 
Simple computations from readings made before and 
after reversing certain connections give data on bias 
and characteristic distortion. These devices do not 
measure the total distortion and are therefore not well 
suited l,o use in connection with transmission 
maintenance. 

As these arrangements are more accurate than any 
others which have been available, they have been very 
useful in showing the effect of small changes in circuit 
elements. With these devices, it is possible to make 
design tests on single section circuits, whereas, with 
less refined methods, it would be necessary to use a 
number of sections to obtain values of the distortion 
which could be measured. 

One of these arrangements requires synchronism 
between the sending and receiving ends and is, accord¬ 
ingly, generally used in looped tests; that is, where 
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both sending and receiving apparatus is located at one 
point. Another arrangement, which is considerably 
simpler, does not require synchronism and can be used 
for either looped or straightaway tests. 

A. Synchronous bridge arrangement. The syn¬ 
chronous arrangement for measuring systematic dis¬ 
tortion employs a differential method in which signals 
received over the line are compared with substantially 
perfect signals in a circuit of the Wheatstone bridge 
type. 

The basic principles of this device may be understood 
from Fig. 2. As indicated, relay 1 is operated by the 
incoming or distorted signal and relay 2 is operated by a 
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Relay 2. [pTOn Operated by 

* i" Perfept Signals 

Fig. 2—Synchronous Distortion-Bridge Arrangement 

perfect signal which is sent locally. If the armatures of 
these two relays move exactly together, there will be no 
deflection of the galvanometer inasmuch as the four 
outer resistances all have the same value and the four 
inner resistances are also equal to each other. It will 
also be seen that if both relays repeat perfect signals, but 
with a phase difference, the average current through the 
galvanometer will be zero. (There is no net effect of 
armature travel time if it is the same for both relays.) 
If a particular mark repeated by relay 1 is distorted 
systematically, there will, however, be a preponderance 
of current m one direction or the other through the 
galvanometer every time this mark occurs. Now 
if a switching device be provided to close the gal¬ 
vanometer circuit only shortly before the beginning of 
this mark and open it shortly after its end, a slow- 
moving galvanometer will indicate directly the sign 
and magnitude of the distortion, provided the bridge 
is properly proportioned. Measurement of normal 
and inverted signals and simple computation will 
therefore, afford data on bias and characteristic dis¬ 
tortion of this part of the signal and similar procedure 
Will ^ve corresponding data for the other parts. 

This device has been used for very accurate mea- 
surments of the effect of duplex unbalance and some 

er kinds of interference by sending the interfering 
current from a distributor running at a speed slightly 
different from twice that employed with the bridge and 

Tt s^n^ TTT l efleCti ° n ° f the ^nometer as 
it swings slowly back and forth. The bridge is 

readily adaptable also to the measurement of relative 


displacement of signal parts or lag, as well as distortion, 
wlpeh may be desired, for instance, in connection with 
printer operation. ■ 

Several bridges of this type have been built which 
are capable of indicating differences in distortion of 
about one thirty-thousandth second. A multiplex 
printing telegraph distributor has been adapted to the 
sending of signals and performing the selecting 
operations. 

For a detailed description of these arrangements, it is 
suggested that reference be made to U. S. Patents 
Nos. 1,435,328 and 1,548,059. 

B. “E” signal bridge. This arrangement has 
the advantage of comparative simplicity and portability 
and also of being usable for straightaway measureinents 
of systematic distortion. It consists of a simple 
Wheatstone bridge circuit so arranged that the average 
current through the meter is proportional to the 
distortion when an “E” signal having a certain ratio of 
marking to spacing is used. The accuracy is sub¬ 
stantially the same as that of the synchronous bridge 
arrangement. 

In applying this method, an “E” signal with, for 
example, a space four times as long as the mark is sent 
repeatedly at the distant station and the bridge 
arrangement shown in Fig. 3 connected to the receiving 
end so that the bridge relay repeats the incoming 
signals. When the tongue of this relay is on the 
marking contact M, the galvanometer current is in one 
direction and of strength 4; when the tongue is on the 
spacing contact, it is in the opposite direction and of 
strength 1; the average is, therefore, zero. A resistance 
is connected from the tongue of this relay to the right 
corner of the bridge so as to avoid any effect of time 
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work. I ho speed of failure must;, in general, be 
materially higher t han the operating speed to provide a 
margin for variations and in order that the circuit may 
handle signals which art* considerably distorted before 
being impressed upon the circuit. 

The “speed-of-faihiro meter,” the essential features 
of which are shown in Fig. 4, is a convenient arrange¬ 
ment for obtaining a measurement of the breakdown 
speed o! circuits with a regularly-recurring signal such 
as the Morse letter 0. It. may also be used for 
determining the speed of a regularly recurring signal. 
As will he seen from the figure, the condenser 0 is 
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charged by the battery K while the relay armature is on 
marking contact ami is discharged through the gal¬ 
vanometer M when the armature is on sparing contact. 
The time constants of the circuit with the armature on 
either contact must he small in comparison with the 
duration of greatly distorted dots and spaces sent at 
the speed of failure. Then, if a recurring signal is 
operating the relay at a certain comparatively low 
speed, the number of impulses passing through the 
meter is directly proportional to the speed and there¬ 
fore a slow-moving meter may be made to indicate 
speed directly. 

In measuring the speed of failure, the speed is 
gradually increased from a low value while the indica¬ 
tion of the meter is noted carefully. When the speed 
reaches the breakdown point, the deflection of the 
meter, which had been increasing gradually, is suddenly 
reduced. Although the deflection will then increase 
further for a time as f lu» speed is increased (until another 
part of the signal fails), there is no difliculty in noting 
the breakdown speed with fair accuracy. 

7, Xnr Mt thud fur Cmimiieni Measurement of 
Toft 1 1 Uiaturtiun, This met hod, which has recently been 
devised, allows the quick, convenient and accurate 
measurement of t he total distortion of regularly-recur¬ 
ring signals, including both fortuitous and systematic 
effects. To accomplish this the problem was 
approached in a different way from that followed 
previously, the plan being to provide arrangements 
which would give a response only when the total dis¬ 
tortion of signal parts under observation exceeded a 
particular amount determined by the observer. As 
has been brought out, .since the distribution of distor¬ 
tions of different value is generally in reasonable 
agreement with the normal curve of probability 


theory, a few measurements by this method serve to 
give fairly complete information regarding transmission 
performance of a circuit. 

Two types of transmission measuring sets have been 
designed for use in the new method, one of these being a 
simple arrangement intended primarily for field work 
and the other a more elaborate device suitable for 
laboratory tests. These sets are arranged so that a 
condenser is charged during each mark (or space) and a 
vacuum tube arrangement provided to give an indica¬ 
tion whenever the condenser charge exceeds a pre¬ 
determined amount. In this way, the amount of dis¬ 
tortion which is exceeded with a certain frequency, or 
the frequency with which distortion exceeds any 
particular value, may be determined. Tn addition, 
the sets are arranged for the measurement of bias 
separately. Synchronism between sending and re¬ 
ceiving apparatus is not required so that straightaway 
as well as looped tests may be made. Since the prin¬ 
ciples of operation of the two arrangements are nearly 
alike, the operation of the simpler type of set only will 
be taken up in detail. 

A. Measurement, with field-type set. The principles 
of this set for measuring total distortion of marks and 
spaces will be described in connection with Figs. 5 and 
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6, respectively Fig. 5 shows a charging and dis¬ 
charging arrangement which produces a voltage across 
the condenser K, the value of which depends upon 
the duration of the mark. 

Suppose that the relay is operated by an undistorted 
normal "C” signal, such as is illustrated in the figure. 
During each mark the condenser K will be charged, as 
indicated at the bottom of the figure, to a value which 
depends on the voltage of the battery K and the value 
of resistance IL It will be practically discharged 
through the low resistance H' during each space. By 
suitably proportioning K and H, the voltage across the 
condenser K can be made to assume, during the time 
of a mark, any value less than the voltage of the 
battery. 

Now, if one of the marks is distorted, the condenser 
voltage will be greater or less than that for an muffs- 
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torted mark, depending upon whether the mark is 
lengthened or shortened. If, for instance, all of the 
marks are lengthened, the voltage at the conclusion of 
each mark will be greater than that for undistorted 
marks. 

The voltage which the condenser attains during a 
distorted mark may be adjusted to the value for undis¬ 
torted marks by changing the value of resistance R, 
the amount of change being a measure of the amount 
of distortion. 

As is well known, in a circuit of this type, the voltage 
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Fig. S—Field-Type Set for Measuring Total Distortion 
Arranged for Measurement of Spaces 

of a condenser of capacity K, after being charged for 

time t through a resistance R, equals (1 - e~ m ) 
times the battery voltage, e being the base of Naperian 
oganthms. If there is a certain percentage increase 
_° r decrease) m time t, the condenser voltage may be 
brought back to the original value by a corresponding 
increase (or decrease) in R. Therefore, the change in 
resistance, expressed as a percentage of the original 
resistance, is the percentage distortion. 

Fig. 6 shows the arrangement of the circuit for the 
measurement of spaces and includes the essential features 
of the indicating device. . It is seen that condenser K 
as been connected to the marking contact and the 
resistance R> to the relay armature, so that.the con- 

and S MI ^ F diSC 1 harged dUring the markin S interval 
and allowed to charge during the spacing interval. 

The duration of the space thus determines the amount 

charge during the spacing interval. The resistance 

y e used to control the rate of charge of the 

condenser and the percentage distortion of spaces 

determined m the same way as described above in the 
case of marks. 

• reference to the part of Fig. 6 which shows the 
indicating device, it is seen that the input or srrid 

™? t 0f * hatube is conn ected across condensed 
With a grid-bias battery C in series. The grid-bias 

untuThe 8 lA* ? 1Ue that the plate currenfis zero 
until the \oltage of condenser K reaches that for 

undistorted dot at which time the plate current sud 

denly increases. This is due to the feed-back effect : 

drcuLVthetubet 7 the inpU * and output ' 

circuits of the tube together by means of a transformer. , 


Therefore, the circuit commences to oscillate at an 
audible frequency whenever the potential of the grid 
reaches a certain value. This oscillation is allowed to 
persist for only a short time with the result that a click 
is heard in a telephone receiver connected in the output 
circuit whenever the voltage of the condenser exceeds 
that for undistorted marks. 

The arrangements described above are suitable for 
the measurement of total distortion of marks and 
spaces of almost any recurring signal combination. In 
case the signal contains only unit signal parts, as for 
instance, when measuring the marks of a “C” signal, 
the distortion indicating dial is set at a position where 
occasional clicks are present, say several per minute, 
this value of distortion being taken as the representative 
maximum lengthening. Now, as the dial is moved 
towards the negative part of the scale, the clicks will 
become more and more frequent until a position is 
reached where clicks are missing only occasionally, 
this being taken as the representative maximum short¬ 
ening.. When measuring spaces of the “C” signal, 
undesirable noises are present in the receiver due to the 
presence of the two long spaces. In some cases this 
causes difficulty in measuring at high speeds but is not 
particularly bothersome at manual speeds. If desired 
these long.parts may be measured by adding a lumped 
resistance in series with the rheostat so that the voltage 
across the condenser for undistorted parts of the new 
ength is restored to the original reference value. 

This set is also arranged to measure directly’per- 
centage bias when reversals are used as the test signal, 
the circuit arrangement for this purpose being shown by 
ig. 7. A bridge circuit, containing a meter, is connected 

To Telegraph Circuit 


o_4 j (Distortion Dial Rheostat) 
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Fig. 7—Circuit for Measurement of Bias 

through'thT? r l£ A EqU , al and ° Pp0site curren ts flow 
. ^ when the relay armature is on thp 

omWAw Ct S and marldn s contact M, respectively 
provided that resistance R is one-half of resistance ^ 

and resistances r are small. If the relay is adju "ted 1 

armetefwilTbe r zT rSalS ; CUrr6nt throu S h 

i , e zero and the meter needle will vibrotp 

btseTreviTk ^ ^ ^ mark ‘ With 

• _ r S; the average current through the meter 

by ad XA r °T Ut jt Can be to To 

by adjusting resistance R. The meter will always in 

ate zero when resistance R has been adjusted to 
correspond to the amnnnt m v ZT Just€d to 
e .amount of bias, the percentage 
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change in R being equal to the percentage bias in terms 
of an undistorted dot length. 

It will be recalled that this relation also holds for 
resistance R when measuring total distortion so that 
only one calibrated rheostat is necessary. This rheo¬ 
stat is designed to cover the range from plus 100 to 
minus 100 per cent., with resistances corresponding to 
5 per cent distortion for each step. This is sufficiently 
close for most field work. Intermediate values may be 
roughly estimated, however. 

Before making a series of measurements, the set is 
calibrated with substantially perfect reversals. In 
doing this, the relay is adjusted to repeat the signals 
unbiased and the vacuum-tube circuit is adjusted so 
that clicks are just produced in the receiver for about 
half of the dots. The latter is called the zero adjust¬ 
ment and is accomplished by a slight variation in the 
grid-biasing potential. 

In making a measurement over a circuit the bias is 



Fig. S—Field-Tyee Set for Measuring Total Distortion 

first measured, then the marks and spaces of both 
normal and inverted Morse “C” signals are usually 
observed to determine the representative maximum 
to taldistortion. If desired,'a rough idea of the value 
of the characteristic component may be obtained by 
measuring the total distortion on both “C” signals 
and reversals and taking the difference, since in the 
latter case there is practically no characteristic dis¬ 
tortion present. 

Fig. 8 is from a photograph of one of the field -type 
measuring sets. As may be seen both a neutral relay 
and a polar relay are provided so that either may be 
used as the receiving relay. The distortion-indicating 
dial, meter, zero-adjusting dial, switching keys, and jacks 
are mounted on a panel which may be locked. Under¬ 
neath the panel are mounted the necessary batteries, 
resistances, condensers, transformers, and vacuum 
tube. A Western Electric 215-A tube which requires 
only small currents is employed. Accordingly, it is 
possible to employ a dry cell to energize the filament, 
and small B batteries. The set is entirely self-contained 
with the exception of a source of biasing current for the 
polar relay when receiving with it in an open-and-close 
local circuit.. 


B. Laboratory type of measuring set. The essential 
features of the laboratory type of measuring set are 
illustrated by Fig. 9. The condenser C x corresponds 
to condenser K of the field-type set and the variable 
resistance R x in its charging circuit corresponds to the 
distortion dial. Although Ri might be used for the 
distortion dial in this case, it has been found more 
desirable to use a potentiometer P for this purpose. 
This potentiometer is connected into the charging cir- 


Fig. 9—Laboratory-Type Telegraph Transmission Mea¬ 
suring Set 

Schematic Circuit Diagram. 

cuit of condenser C 2 and permits of varying the applied 
voltage, and consequently, the value of charge taken 
by this condenser. For a given battery voltage the 
amount of the charge stored on condenser C x depends 
upon the length of the mark (or space), but that stored 
on C 2 depends, for practical purposes, only upon the 
setting of potentiometer P. At the end of the mark, 
the two charges are first combined so that they tend to 
neutralize each other and the residue discharged through 
the meter .M and resistance P 3 . These operations are 
performed in the proper sequence by the relays Di 
to D 3 , inclusive. The potentiometer calibration holds 
true for any particular speed of signaling, provided the 
resistance R x is adjusted to the proper value for that 
speed. 


Fig. 10—Laboratory-Type Set for Measuring Total 
Distortion 

To measure average distortion of a recurring test 
signal the potentiometer is adjusted until the meter M 
indicates zero, under which condition the charges of 
the two condensers are on the average equal and 
neutralize each other. By taking readings with 
normal and inverted signals, the bias and characteristic 
distortion may be calculated as explained previously. 
If an “E” signal is used, good results will be obtained 
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in this manner. However, with other signals the re¬ 
sults being average values may be misleading, as posi¬ 
tive distortion of one impulse tends to offset negative 
distortion of others. If reversals are used for the signal, 
it may be assumed that there is no characteristic 
distortion and the measurement will give the bias. 

To measure total distortion, the detector shown 
connected across R 3 is used instead of the meter, this 
detector being responsive only to positive discharges 
through R 3 . Whenever such a charge is impressed 
across R 3 , the detector oscillates momentarily causing 
operation of the sounder, or register associated with it. 

Measurement of total distortion is carried out in 
much the same manner as in the case of the field-type 
set. For measurements of maximum lengthening, 
the charging battery is so connected that condenser Ci 
is given, a positive charge, while for measurements of 
maximum shortening, the battery is reversed so that C x 
is given a negative charge. By means of the register, 
data may conveniently be obtained for plotting dis¬ 
tribution curves of distortion. 

The complete set as shown in Fig. 10 contains numer¬ 
ous switching arrangements to adapt the set. to various 
conditions of measurement. It also includes a speed-of- 
failure meter. Incidentally the set is provided with an 
arrangement which can be used to suppress dashes and 
long spaces so that measurement may be made of 
miscellaneous printer signals. 

The distortion dial is graduated in 2 per cent steps 
and intermediate values may be estimated. In the 
measurement of bias and characteristic distortion, the 
set may be readily adapted to the detection of much 
smaller differences. 


service, and (4) Locating and diagnosing troubles. 
In the case of printer circuits it should be. of most use 
in connection with item 4. 

Discussion 

J. H. Bell: The old method of evaluating the quality of 
telegraph signals was by running a tape at a particular speed 
and measuring each dot and each space and comparing with the 
length of a perfect dot. That required a good deal of time to 
carry out. The experimenter in the laboratory, after making 
each change in his circuit, had to measure his tape before he could 
proceed any further. 

With these newer tools we can change a coil or a relay and at 
the same time listen to the effect upon the circuit, so that the 
tools make for much quicker development work than hitherto. 

The telegraph circuits in this country have a great many 
repeaters, and, as you will find in the paper, the maximum allow¬ 
able distortion between terminals is 35 per cent. That does not 
mean that 35 per cent is an allowable distortion in one section. 
The distortion is cumulative from section to section, so that the 
permissible distortion in one section must be kept down to say, 

4 or 5 per cent. 

The old method did not permit of measuring 5 per cent dis¬ 
tortion with any degree of accuracy, as pointed out in the paper; 
about plus or minus 3 per cent was the best that could be done. 
That was due to the variations in the speed of the tape running 
through the Wheatstone receiver. 

In the older days when the Wheatstone was the system for 
carrying heavy traffic, it was perfectly satisfactory if one got 
ail the dots, and was able to distinguish between the dots and the 
dashes, the human factor could then come in and make up the 
discrepancy and translate the tape without any difficulties. 

However, today with the growth of machine telegraphs, it is 
necessary that the amount of distortion be kept down to a definite 
limit, and these new tools will certainly be a great aid in carrying 
out our experiments. Even in hand-operated systems, I question 
whether any operator can detect a few per cent distortion. 


Conclusion 

A number of methods have been described for mea- 
suring the transmission quality of telegraph circuits. 
. aicl me thod to use in a particular case depends on the 
.circumstances. For the purposes of transmission main¬ 
tenance, the need has existed for a convenient method 
of fair accuracy for measuring the total distortion 
In this connection it is believed that the method and 
means described under 7-A above offers considerable 
promise. Considerable use has been made of this type 
of apparatus by the development and engineering staffs 

° f h,., ! System and ex P e nence indicates that it will 
probably be of considerable value for the following 
purposes, particularly in connection with manual 
systems: (1) Obtaining quantitative data with a view 
of determining whether or not telegraph circuits are 
satis actory for service, (2) Making routine checks 
of telegraph transmission, (3) Lining up circuits for 


A ia.uu.er sigmneant statement is made ou the 
first page of this paper, which leads me to ask a question. The 
statement I refer to is that “in the case of some printer circuits, 
variation in lag degrades transmission. Consideration of lag is 
usually not of importance, however.” 

The question I wanted to ask is whether these admirable 
means which have been devised in the Bell System for mea- 

urmg ransmission include the possible measurement of this 
variation m lag. 

The reason for asking that question is the fact that I am aware 
telecrfnh e work that is being done by the commercial 

S t t ' “t matter of variatibn 

i t 0M of the lm P or taTit factors in that work I 

thmk that I would not be stretching the case to say that this 

Sorawouldf F th Y f . tl u e ° f a progreaa report th et the 

of whS ZIS ? T 6 “ taken 118 tle flMl statement 
transmission^ d ° n6 “ * he ™ a ™ent of telegraph 

nom StZZ hZ haTC STOCeSEfully Med b °tk the synchro- 
Wheatstone Z b . nd ? e a™gement shown in Pig. 2 and the 
Tta fieldZT7 “ me a surem ®t of lag and its variation. 
kindSe£11“^ “ “* “*** adapta ble * 



Telegraph Traffic Engineering 
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rnilK subject, telegraph traffic engineering, covers 
I a field so wide that to compress it within the limits 
of a single paper necessitates an arbitrary limita¬ 
tion of t he points to be discussed. For this reason there 
is here presented an outline of only the following four 
points: 

1. Wire layout . 

It Traffic routing. 

M. Olliee layout. 

•1. ()perator assignment. 

Wit a-: Layout 

As the economic conduct of any business activity is 
dependent u pon a system of adequate, accurate, and up- 
to-date records, so the economic use of a large telegraph 
wire plant requires a somewhat elaborate scheme for 
recording the kind and amount of use made of the 
various facilities as well as for directing changes to be 
made in such use. The Western Union Telegraph 
Company has over a million miles {1,600,000 lun.) 
of wire used for I he handling of commercial telegrams 
and for other telegraph company activities. This 
figure docs not include the mileage of wire* owned but 
used by the railroad companies under contracts nor 
does if include the conductor mileage in underground 
and aerial cables used in city-wide distribution. This 
mileage of wire ran be divided as to usage, as follows: 
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"(H her uses” cover wires in t he service of disseminat¬ 
ing quotations of stocks and commodities either by 
Morse or by ticker; wires leased to firms and especially 
to Press Association* for their use in Morse or automatic 
service, tin* so-called “private wires;” and wires given 
over to some small sea tiering uses, battery, clock, tele¬ 
phone tie lines, and flu* like. 

In reading the foregoing table one must guard against 
taking the figures in f he right hand column as represent¬ 
ing the messages filed with t he company by the public. 
The figures are quoted to indicate the relative density of 
load on the circuits of different sort sand a given message 
is counted again each time if is relayed from one 

t. inch nf i III* \\V n lit t titNii Triumph Cum puny. 

/*,.«• nU'l tit Hit: I I. E. E. Willin' Convention, Nno 

Yutk, A . r., Ethrituty *«it, HUT. 
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circuit to another. That company’s report to the Inter¬ 
state Commerce Commission showed for 1925 a total 
of 146 million messages filed. It will be noted from 
the table how vastly more economical is the use of wire 
in automatic service. There a density of 76monthly 
messages per mile of wire is achieved while in Morse 
trunk service 27 is the prevailing figure and on way 
wires only 11 can be count ed on. Yet. over 29 per cent 
of the whole wire plant is given over to way service, 
chiefly as the result of adherence to the policy of pro¬ 
viding universal telegraph service. 

The traffic engineer should be responsible for the 
amount and general location of wire used and for the 
economic assignment of circuits to these wires. The 
material, method of erecting, and the detailed location 
of pole lines and wires are properly the consideration 
of other departments but these, broadly, must be de¬ 
signed to provide what, is required in the way of operat¬ 
ing circuits. To this end there must be established a 
section of the traffic department whose duty it is to 
maintain a record of wires and of assignment of circuits 
to those wires, and long experience has shown that it is 
entirely impractical to maintain such a record unless 
the same section is given authority to designate the 
assignment of all wires and to insist that field forces 
recognize and conform to its orders. This section 
receives from divisional headquarters in the field sug¬ 
gestions as to improving operating arrangements and 
is itself continually busy with investigations looking 
toward improved layouts. 

Monthly reports of the volume of traffic handled on 
each circuit terminating in all important offices are 
received. These reports show the loads, preferably 
by half-hourly periods, throughout a typical day and 
segregate the business into full rate, day letter, and 
night letter traffic. With these data and a knowledge of 
the practicable operating speeds of various circuits the 
circuit layout engineer can determine how best, to 
utilize the wires at his command and can justify to 
that authority which appropriates the money, his 
requests for additional new wire construction. He 
daily issues orders in a well defined form, copies of which 
are sent to every field office which may be interested 
in the changes. The orders designate changes in cir¬ 
cuit assignment; together with the date upon which 
they are to be ' made effective. These changes are 
thereupon indicated on the chart of wires which lie 
maintains as his primary record. This chart, with a 
line for every wire, shows the route followed, all towns 
being indicated and notations made as to all switch¬ 
boards at which each wire is cut in either for operation 
or for test. The material and gage of the wire are 
shown and at each junction office t he cross conned ions 
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are indicated. These latter are customarily in lead 
pencil in order that alterations may readily be made as 
orders for circuit layout changes are issued. The chart 
for the million miles of wire before mentioned is 65 
feet (19.8m.) wide and 24 feet (7.3m.) high and, of 
course, has to be maintained in sections. 

In determining upon advisable layouts many facts 
must be taken into consideration and these vary with 
the type of circuit involved. 

Taking up first the simplest of the circuits, the way 
wires, we can define as such all circuits that have inter¬ 
mediate offices or “drops” between the terminal sta¬ 
tions. Almost invariably they are operated “single 
Morse, that is by the opening and closing of a circuit 
in which unidirectional current may flow, though in 
rare cases where the circuit is very long duplex opera¬ 
tion with its greater reliability due to use of current of 
one polarity for “marking” and of the other polarity 
for spacing is used between the relay office and 
some repeater point at which a “half-set” connects it 
to a single Morse wire on which are located all the operat¬ 
ing drops. 

_ The volume of business which may be handled on a 
given way wire is to a considerable extent dependent 
upon the operating ability of the personnel at the va¬ 
rious offices and particularly upon the experience and 
the judgment of the operator customarily working this 
wire at the relay office. Then, too, in an effort to give 
universal service provision must be made for handling 
business from offices so small that it obviously cannot 
be in itself profitable. For these reasons the pro¬ 
vision of way wires is largely a matter of determining 
the most economical way to give service under particu¬ 
lar conditions rather than a determination of the 
economy of giving such service. Broadly speaking, it 
is found that with a number of small offices, say ten or 
twenty on a way wire, a load of about 150 messages per 
day is all that is consistent with a satisfactory speed 
of service. Naturally where distances are great, as 
particularly in the western part of the country, and the 
way wires of necessity are very long, a somewhat greater 
density is enforced before relief is given. An ordinary 
way wire operated “single Morse” with current supplied 
generally by motor generators at each end of the line, 
can comfortably be operated up to about 150 miles 
(240 km.). Many circuits exceed that length but it is 
the tendency to so locate relay offices that wires may be 
shortened to about this figure. The longest way wire 
in the Western Union plant today is from Denver, 
Colorado, to Farmington, New Mexico, 497 miles 
(800 km.), with an intermediate single line repeater 
at Alamosa. Arrangements are now under way for the 
installation of equipment at Alamosa to permit relaying 
a.t that office this and adjacent way wires, thence hand- 
ling the business to Denver on an automatic circuit. 

If iron wire is used, the possible limit of mileage 
in a circuit depends upon the amount of deterioration 
and as the older wires are customarily put into way 


jRAPH TRAFFIC ENGINEERING Transactions A. I. E. E. 

service it is not unusual to find cases where such 
circuits run up to 18 ohms per mile (11.2 ohms per km.), 
though new No. 8 gage iron would measure about 12.5 
ohms. Where the abnormal resistance of an iron wire 
is found to be largely in the joints, conditions may be 
improved by soldering, brazing or welding as suggested 
, in the paper presented by Mr. Stanley Rhoads (Trans, 
A. I. E. E., 1921, Vol. XL, p. 301). Naturally, the use 
of No. 9 gage copper, averaging about five ohms per 
mile (3.1 ohms per km.), improves conditions greatly 
but insulation plays its part and even with the best 
of wires it is found that satisfactory service cannot in 
general be maintained on a way circuit of over 300 
miles (480 km.) in length without repeaters. 

> As the load on a way wire grows, relief may be pro¬ 
vided by constructing a new wire from the relay office 
to a point about midway of the load thus giving room for 
approximately 100 per cent growth. Quite often, how¬ 
ever, the major portion of the load of a congested way 
wire will be from an individual office in which case the 
new construction may be placed between that town 
and the relay office thus establishing a trunk, naturally 
much underloaded at first, but which, it may be hoped, 
will gradually grow in usefulness until the day comes 
when the load justifies duplexing it. Occasionally, 
as a territory develops, it becomes necessary to establish 
new relay offices in order to avoid an uneconomical 
arrangement of many long way wires. The form of an 
engineering study of the features involved in deter¬ 
mining upon the propriety of such a step might alone 
easily suffice as material for a paper the length of this. 

The next general class of wires comprises the Morse 
operated trunks. With the present development of the 
printing telegraph, the establishment of new Morse 
operated trunks is indeed rare except in the manner 
just above indicated where a way office becomes suffi¬ 
ciently important to have an exclusive wire. Since 
several printer channels but only one Morse circuit may 
be put on a wire and, too, since it is easier to secure and 
quicker to train automatic than Morse personnel, it 
is not surprising that the duplex Morse trunks are 
diminishing with the growth of the automatics. The 
present field for duplex Morse trunks is largely confined 
to those offices which are maintained in connection with 
grain, cotton, and other commodity exchanges. In 
these situations where the messages are short and where 
the operators are especially selected very substantial 
loads may be secured. But better loads could be 
carried by automatics, and we may confidently look 
forward to the time when, with an improved technique 
and with customers' prejudices swept away, all impor¬ 
tant trunks, including those to exchange offices, will be 
operated automatic. 

Broadly speaking when a duplex Morse trunk load 
grows to over 300 messages each way per day, the limit 
for a satisfactory speed of service has been reached 
and it is time to consider measures for relief. Generally 
it will be .found more economical to install automatic ' 
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equipment, with its attendant, maintenance charges 
but greater capacity, than to construct, now wire. 
Particularly is this so if the oHiees involved already 
have such maintenance in connection with other 
circuits. 

The single Mom* trunk, the outgrowth of the way 
win* as previously described, occupies a wider field. 
Even here the evidence of trial installations suggests 
that a single channel printing mechanism of simple 
structure and substantial operat ion is, or shortly will be, 
available with economic advantages over Morse opera¬ 
tion so that we may reasonably look forward to the time 
when manual Morse operation will have disappeared 
from all towns large enough to warrant, a trunk circuit 
for an outlet and which enjoy 24 hour electric light 
service to provide the necessary operating power. 

A load of {'100 messages per day, counting both direc¬ 
tions toget her, is about, all a single Morse trunk may be 
expected to move with a satisfactory speed of service. 
Relief in general would be .secured by duplexing the 
wire, requiring a more elaborate power plant to supply 
the two polarities needed by this method. 

In taking up the third and most important class of 
circuits, the "automatic” trunks, it may he well to 
point out that the word universally used in the industry 
is somewhat of a misnomer. Really what, is meant; by 
"automatic” circuit is a circuit operating printing 
telegraphs. As a perforator operator does the sending 
and a receiving operator arranges the blanks in the 
machine or gums down the tape as the ease may be, 
checks the number of words and calls for the necessary 
corrections* the only human operation that has in fact 
been eliminated is the actual typing up on the receiving 
end. The produetiveness of tin* labor under the two 
systems is, however, marked. An experienced auto¬ 
matic operator works at between 55 and BO words per 
minute while the average output per Morse operator is 
between 1*2 and 15 words. 

The tendency toward automatic operation on trunk 
circuits is to be noted, the largest company handling 
about SO per cent of its trunk fine traffic by this means. 
In present usage the relation between practical line 
speeds and customary operator speeds sets a limit of 
three channels per circuit, these* being duplexed so that 
six messages can be handled simultaneously, three 
cast bound and three westbound. However, four have 
been operated in many instances and the indications are 
that further improvements in the art will result in 
increasing to at least four and possibly to six channels 
in the majority of cases. It appears that the average 
automatic operator can be safely expected to perforate 
at the rate »f BP words per minute, a word averaging 
5 characters and a space. The five unit code used in 
automatic telegraphy uses cycles per character 
so a channel speed of Bn words per minute corresponds 
exactly to a speed of 15 cycles per second. Therefore 
a three channel circuit has a line speed of 45 cycles. 
The present practise indicates that this speed may be 
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maintained on wires up to about 1000 miles and in¬ 
volving probably three repeaters. Longer circuits are 
operated two channel at line speeds of from 25 to 30 cycles, 
and such circuits can beand are operated over the greatest 
distances covered. Specifically, the longest automatic 
land line circuit regularly operated is one of the New 
York-San Francisco wires, which is 3779 miles (6100 
km.) along the route followed with 13 repeaters located 
at Washington, Parkersburg, W. Va., Cincinnati, 
St. Louis, Little Rock, Texarkana, Tex., Dallas, Sweet¬ 
water, Tex., El Paso, Tucson, Ariz., Yuma, Ariz., 
Los Angeles, and Fresno, Cal. 

In all of these longer automatic circuits at least one 
and perhaps two of the repeaters are of the rotary 
regenerative type. 

It is possible, by suitable installation of apparatus, 
to drop off one* channel of an automatic at any repeater 
point, or to intercept one or more channels and work 
them both ways. Thus the Boston-Cincinnati circuit 
is equipped for three channel operation one channel 
working between those cities and two channels cut; at 
Pittsburgh giving Pittsburgh two channels to Boston 
and two to Cincinnati. Extensive use is made of this 
ability in situations where the traffic is somewhat 
lighter than would justify the use of an exclusive wire. 
For instance, t he business of Dayton for New York or of 
Newark for Chicago would not economically justify a 
direct, wire t hough ample to support one-third of a wire, 
Bo a three channel circuit, is set up between Dayton and 
New York, two channels being cut at Columbus, whose 
loads happen to fit the situation, giving one Dayton- 
New York channel, two Day Urn-Col umbos channels 
and two Columbus-New York channels. The Newark 
situat ion is taken care of by cutting through a channel 
of one of the Chicago-New York circuits to one on the 
New York-Newark wire, giving two outlets each way 
from New York and one through circuit Newark to 
Chicago. 

Perhaps enough has been said under this heading of 
"win* layout,” to give some conception of the involved 
factors to be taken into consideration in administering 
the wire plant. With many existing wires on many 
routes, with varying circuit limitations as to lengths 
and loads, with alternative possible methods of operation, 
with different existing and potential relay ollices to 
care for a given territory and with the possibility of 
combining channel loads on wires in different, combina¬ 
tions, it. is evident that it is a real problem of economic, 
engineering to properly assign circuits. With a wire 
plant in commercial service carrying annual charges 
of perhaps thirty million dollars an improvement of 
but, one per cent, in average efficiency would, in an 
ever growing business, provide a sum of $390,000 per 
year, enough to pay for a considerable engineering 
staff to achieve that one per rent saving. 

Traffic Routing 

When, as elsewhere described, direct trunks have 
been established between all of the cities whose inter- 
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change of business either originating or relayed is suffi¬ 
cient to warrant such connection, it is evident that, in 
general, a number of possible routes will present them¬ 
selves over which might be handled the business 
between any two offices which are not directly con¬ 
nected. The economies which can be achieved by 
judiciously selecting these routes are found greatly to 
outweigh the cost of the office force at headquarters 
necessary to determine the facts and to suitably 
instruct the field. Several considerations affect the 
choice of these authorized routes; the most important, 
likewise the most obvious, is that the fewest possible 
number of relays must be involved. This for the double 
reason that each relay increases the labor costs and at 
the same time degrades the speed of service. 

Another, and quite important feature, is the relative 
percentage of full load carried by the various trunk 
groups involved. For example, a message filed at A 
and destined to Z may be handled with one relay 
through either M or N. Now, the trunks from A to M 
and from A to A may be equally loaded and both may 
have ample room for the proposed A-Z message. 
The operating force at A therefore, unless instructed, 
might choose either M or N as the outlet. If, however, 
the trunks from M to Z are already running to capacity 
while those from N to Z have a wide margin for increase 
then, obviously, the A-Z message should be routed 
through N . It has been found that due consideration 
of this factor may postpone for a considerable period, 
sometimes several years, the construction of additional 
wire to relieve congested trunk groups as, for instance, 
between M and Z in the quoted instance. 

A less controlling ground for selection may be the 
method of operating, because the cost per message is 
cheaper on the automatic circuits than on the Morse 
circuits. Lastly, relaying through one office may be 
cheaper than relaying through another office because 
the cost per message handling in the first is lower than 
in the second. This difference may. be due to the 
size of the office, to a more fortunate load factor due to 
more even fall of traffic throughout the hours of the 
day, or possibly even to closer operator assignment 
reflecting a superior grade of management. These 
differences, however, will be quite small and as a rule 
the other reasons for selecting a route will have de¬ 
termined the matter before this last mentioned point 
comes into consideration. It is probably a fact that in 
a perfectly ideal plant the relay point for business 
between A and Z should be located geographically 
half way between those offices. Practically, this 
thought is given little or no weight in determining 
routing instructions. It is, however, made a universal 
practise to route from Z to A through the same relay 
office as was used from A to Z. A theory was advanced 
and, in fact, some years ago a slight effort was made 
toward putting it into effect, that always provided the 
number of relays was not increased, a message should 
be 1 outed on its first sending to the office geographically 


nearest its destination. The idea was that there was 
more probability of ample facilities and less probability 
of interruption on all of the available routes between 
points geographically near together than between 
points more widely separated. This plan, of course, 
insures that relayed traffic between A and Z would 
generally take a different route eastbound from that 
used westbound. Actually, this scheme is unsound in 
theory and impractical of application. Under it, 
it will be found impossible in all or even most cases to 
keep the eastbound and the westbound loads on a 
given trunk route equal which is obviously desirable 
from a wire economy standpoint, else the more heavily 
loaded side will require the construction of new wire 
for relief before this relief is needed .in the opposite 
direction. Then, too, so much of the telegraph 
business is between regular and active customers that. 
the peculiar form and phraseology of their messages 
becomes more or less 'familiar to the operating forces 
who are therefore in a position more accurately and 
readily to handle them. Evidently, then, to have the 
eastbound and westbound business between such 
firms relayed in the same office presents some slight 
advantage. 

Following the considerations set down above the 
engineer charged with the responsibility of authorizing 
routes from each point to every other point in the 
country can readily reach his conclusions on the basis 
of the records of direct trunks and of their loads which 
have already been described. Then there remains the 
matter of issuing instructions to the field. 

The earliest route guides consisted merely of a list 
of the telegraph offices, a separate list for each state, 
with a statement after each entry of the office which 
acted as relay for it. The inadequacy of such an ar¬ 
rangement is evident, for the card would show that 
Gorman, Md., was relayed by Pittsburgh while the 
office at Billings, Mont., would be wholly uninformed 
thereby as to whether to send the message to Helena, 
Denver, or Minneapolis, his only three outlets. Then" 
in the larger offices, the local forces made up route ’ 
guides of their own, taking as a basis the “tariff book/’ 
which is the telegraph directory, and lists all the tele¬ 
graph offices by states, entering the name of the relay 
point to which they should send messages for each of the 
listed destinations. This was faulty because decision 
as to route lay with the local people whose knowledge 
of the conditions was not complete and also it offered 
a very unsatisfactory arrangement for ease of 
consultation. ’ 

The most modern method, which has some five years' 
experience to justify it, consists of issuing from the home 
office in New York routing instructions for every office 
of sufficient size to warrant three or more trunk outlets. 
Ihese instructions are in the form of lists printed on 
narrow slips much the size and shape of a newspaper 
column which can be slid into suitably designed metal 
leaves mounted on the wall or on racks in the operating 
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rooms. Several duplicate copies may be displayed 
if necessary. They are prepart'd specifically for the 
office in which I hoy are list'd and ( hey tell the local 
forces what they are to do with each message rather 
than what, happens to Hit' message at points beyond 
their reach. Thai is to say, if the route clerk at Billings 
has a message addressed to (iorman, Md., on one of 
these instruction sheets headed “Maryland” he finds 
the entry “Clorman" and after it the direction, “Min¬ 
neapolis.” The Billings operator then sends the 
message to Minneapolis and has no furl.tier interest 
in how il is roul ed. 

In the Western Union system there are 87 ofliees at 
which such route- guides are displayed. The tariff 
book lists (>5,000 names of places in the United States. 
Not all names are listed in any one guide, for about 
three-quarters are eliminated by the expedient of 
determining for each state which outlet ('overs the 
greatest number of places, then listing only the other 
places with the direct ion that those not listed be routed 
to t hat. outlet. For instance, most, Maryland points 
art? relayed at Philadelphia, Baltimore, or Washington, 
all of which cit ies are best reached from Billings through 
Denver but fifteen towns, including (iorman, are re¬ 
layed by Pittsburgh which has a direct trunk to Minne¬ 
apolis. Therefore Billings’ route guide for Maryland 
consists of a statement that all points go to Denver 
except the list of names that go to Minneapolis. So, 
though Maryland has MPO listed ofliees, the Billings 
guide carries but fifteen of them. 

To prepare these instruction lists a somewhat 
elaborate organization is employed. Linotype slugs 
are made for each entry on a linotype machine in the 
executive ofliees at headquarters and these are held in 
galleys especially shaped, the galleys being filed in 
metal racks also designed for the purpose. Changes 
are continually being made and when any change is 
made either in trunk routes or by reason of new offices 
being added to t he list, such changes are made up on 
slugs which are put in the* galley in lieu of or in addition 
to those already there and as many copies are struck off 
as may he necessary. These are made on a proof 
press which is the most satisfactory way of taking a 
few copies from type slugs carried in galleys rather than 
in cliases. These instruction slips are then mailed 
to the respective offices. A record is kept of them and 
it is required that the? receiving office remove the slips 
which they art* to replace and mail the old slips back 
to New York. This not only serves as a receipt for the 
new slips hut is almost certain evidence that the local 
forces have* not erroneously removed a perfectly good 
slip and put t he new slip which really belongs elsewhere, 
into its place. 

A considerable office force is needed to effect this 
procedure. The benefits realized are those of more 
efficient use of wire plant, reduced number of relays, 
and improved speed of service due to elimination of 
misroufes. While it is difficult if not impossible to 
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prove the monetary saving, it seems beyond question an 
advisable expenditure to those who have had an 
opportunity to compare the routing of business before 
the advent of this method with that of the present time. 
Since all the linotype slugs for all of the instructions for 
all of the offices are kept permanently on file in order 
that reprints may readily be made when changes in 
individual items occur, it is obvious that a considerable 
amount of type metal is involved. For the 87 offices 
mentioned, a total of about 1.8 million names are carried 
involving some 45 tons (41,000 kg.) of type metal. 

Some provision must, of course, be made for routing 
over unusual channels when confronted by unusual 
conditions. A telegraph company has always to con¬ 
tend with Inoperative circuits due to wire troubles, 
sometimes more, sometimes less, but always in some 
part of the country to such a degree as to exceed the 
possibility of restoration by spare wires paralleling those 
interrupted. Then, too, extraordinary files of traffic 
occur which when scheduled for a trunk group of limited 
carrying capacity may well overload it. To take care 
of these two classes of emergencies, those of wire failure 
and those of extraordinary file, a department is main¬ 
tained centering in New York with branches in several 
of the important telegraph centers, known as the 
Dispatching Bureau. 

The Dispatching Bureau is the only authority recog¬ 
nized as supervening over the authorized routing in- 
si,ructions. Thu Dispatching Bureaus are equipped 
with wires picking up all of the more important centers 
of the country and used solely for dispatcher circuits. 
A dispatcher is hourly advised of the traffic conditions 
of each of the important offices in his territory. He is 
advised both as to the number of messages on hand and 
the filing time of the oldest. He is also informed of 
all circuit failures which it has not been possible to 
make good with spare paralleling facilities. With this 
information at; hand he is in a position to and he does 
instruct the offices as to temporary routings to reduce 
congestion which may have arisen. Having knowledge 
of the conditions on all groups he is able to avoid the 
earlier unfortunate practise of having the office A send 
on the N trunk business destined to Z and authorized to 
go to M, because his M trunk was overloaded or in 
trouble when at that particular time the N Z trunk, 
unknown to him, was already badly congested or out 
of service. The dispatcher is also authorized to 
divert a wire from one assignment to another assign¬ 
ment even though it leaves Hie first assignment short. 
This is a function which cannot safely be left to the 
local forces because of their natural ambition to keep 
their own offices clear even at the expense of faking 
down a long through wire to make good a short local 
wire. The installation of the Dispatching Bureaus has 
proven of great benefit in expediting the movement 
of traffic under abnormal conditions and of increasing 
the useful distribution of wire when storm conditions 
prevail. 
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. Office Layout 

If we are to separate the engineering of a telegraph 
company into various parts among which are traffic 
engineering and fundamental plan engineering, we find 
that the matter of determining operating room layouts 
falls within both of these classifications. Practically, 
it works out that in the larger offices being newly 
established and planned for continuing service through 
a relatively long period of years, that part of the en- 
engineering force which has to do with the estimates 
of future growth and fundamental plans undertakes 
a major part of the office planning. Even in this case, 
however, the details of the initial equipment are 
arranged by, or at least are approved by, those speci¬ 
fically responsible for the traffic engineering. 

Prior to the general use of printing telegraphs we 
had the quad room/ 7 so-called, which really more 
often was merely one end of the operating room, in 
which were located the duplex repeating sets, the duplex 
terminal sets, the quadruplex sets, such repeaters as 
there might be, together with the main switchboard and 
the loop board. Now, with the high proportion of 
printing telegraph circuits, the so-called “automatics,” 
this older arrangement has . been departed from in a 
measure. In a large modern office we have a terminal 
room, usually on a floor separate from the operating 
room, in which are located the main and loop switch¬ 
boards, the repeaters, both relay and rotary, and the 
Morse terminal equipment, whether single, duplex, or 
quadruplex. The terminal apparatus for the automatic 
circuits including the main line relay and the duplexing 
equipment in general present practise, are carried to 
the operating room floor and respectively located on the 
distributor tables appurtenant to each automatic 
circuit.. These distributor tables are set at. the head 
of the line of alternate sending and receiving positions 
making up the two or three channels worked on that 
circuit and while other arrangements might be possible, 
the desirability of this layout is so great that the floor 
plan of the operating room is customarily forced to 
conform to this arrangement. The Morse operating 
positions, either single or duplex, and carrying only 
local circuits from the quad room, present an easier 
problem and may be placed around the room as con¬ 
ditions permit although, of course, for the best handling 
of physical messages within the office, proper grouping 
is desirable. * ° '' "" 

In the normal operating room we would expect to 
find the following sections : 

a. Automatic trunks 

b. Morse trunks 

c. Way Wires 

d. City lines 

e. Tube center 

f. Routing center 

The equipment for recording and delivering to cus¬ 
tomers over the public telephone and for operating the 
telephone circuits to branch offices which are so served, 


is usually in a “phone room’' separate from but near to 
the operating room and connected therewith by some 
type of message conveyor, either belts, tubes, Lamson 
carriers, or gravity chutes. 

As previously suggested the automatics will all be 
arranged in rows. At the head of the row is the dis¬ 
tributor table with the artificial line for duplexing, the 
main line relay, the phonic wheel motor and the tuning 
fork that drives it, coupled to the rotating brushes and 
the segmented face plate which constitutes the distribu¬ 
tor, and sundry miscellaneous apparatus. Then in 
line come the tables at which sit the four or six operators 
needed to man the two or three channels, all facing in 
the same direction. These are invariably arranged in 
alternating perforating and printing positions, in such 
order that the A channel perforator is to the right of 
the A channel printer. Two such rows are placed 
back to back with a “pickup” belt between. These 
belts, open on top and continuously moving, take the 
received messages as they are removed from the printer 
(or from the gumming desk if the position is equipped 
with the newer tape printer rather than the older page 
printer) and carry them to the ends of the rows where 
other mechanical conveyers take them to the routing 
center. An aisle is left between parallel rows as near 
to 5 feet 6 inches in width as the floor plan of the 
building permits. 

The Morse positions are also aligned in a similar 
manner though their arrangement is much more flexible 
as the only limitation as to adjacency is that for duplex 
operation the sending position be immediately to the 
left of the receiving position. Quite generally a pair 
of duplex positions are so equipped that they can be 
used to table two single Morse wires. These rows, 
like the automatics, are arranged back to back and have 
a pickup belt between them. 

In handling commercial business on way wires it is 
not the custom for way offices even on the same way 
wire to handle messages directly one to the other, 
partly because railroad operators generally have other 
duties and it is easier for one to unload his traffic on the 
main office which is always there rather than to try to 
raise the man at the other small office; partly too, 
because a main office relay copy is desired for check 
control to protect the company’s revenues. 

An experienced main office operator covering a way 
wire will become familiar with the train schedules, 
meal hours, and other facts regarding the offices and the 
operators with whom he works and he can turn this 
knowledge to good advantage with considerable con¬ 
servation of line time when he is trying to dispose of 
business to these points. Evidently it is not conducive 
to economy to spend many minutes calling on a wire 
to raise an office which is closed for lunch or where the 
operator is out arranging baggage to- put aboard an 
approaching train. 

Improved operating efficiency at the main office on 
way wires is achieved through the use of “concentrator 



Feb.1927 


MASON AND WALBRAN: TELEGRAPH TRAFFIC ENGINEERING 


383 


units” a 'device which is nothing more nor less than a 
small switchboard in which the line terminates and on 
which a lamp lights if a prearranged code is sent on the 
wire by any of the outer offices. These outer offices 
may communicate with each other or with, in many 
cases, the head railroad office, without calling in the 
telegraph company’s main office operator. The con¬ 
centrator units are so situated that four operators, 
two on each side of the table, may at any time reach 
any of the eight lines terminated in the concentrator 
by plugging into the jack associated with the corre¬ 
sponding signal lamp, jacks and lamps being multipled 
on the two sides of the unit. Arrangements are also 
provided, either in the loop board or immediately ad¬ 
jacent to the concentrator unit, whereby any given 
line can be taken out and tabled individually during the 
busy hours of the day if the load during those hours 
warrants the entire attention of one operator. 

It is still the general practise to run “number sheets” 
on all circuits which is to say that between the main 
office and each office on the line a series of numbers is 
run and after the transmitting of each message one of 
these numbers is crossed off at both the main office and 
the distant office. These series of numbers appurte¬ 
nant to any one wire are in general kept upon a single 
number sheet. The message itself bears the same 
number. At the end of the day the numbers are com¬ 
pared between offices and the whole is intended to guard 
against lost messages. Were it not for these number 
sheets obvious economies could be secured by terminat¬ 
ing all of the way wires in one switchboard, multipled 
if necessary, and handling the traffic very much as calls 
are handled on a telephone switchboard, but the im¬ 
practicability of moving the number sheets around 
between the various operators involved, according to 
present practise, limits the concentration to units as 
before described. Upon these units a simple rack is 
used to hold the number sheets belonging to the wires 
terminating therein and the operator who for the 
moment is working with an office on a specific wire 
reaches for and puts before him the number sheet of 
that wire and makes the necessary notation thereon. 

Of course not all way wires are in concentrators and 
some are put in concentrators during slack hours but 
given individual positions during busy hours. The 
arrangement of these Morse positions in the room does 
not differ from that of the Morse trunks. 

The “city lines” are the short single Morse wires to 
branch offices throughout the city. They are worked 
on positions quite the same as the way wires. 

The growth of these various methods of reaching 
branch offices is interesting. Originally, of course, 
Morse was used entirely but beginning some fifteen 
years ago, the telephone was introduced. Its advan¬ 
tage lay partly in the fact That it is faster than Morse 
even when all proper names and questionable words are 
spelled out, “S for Sugar, M for Mary, I for Ida, T for • 
Thomas, H for Henry, Smith,” etc., and the message 


then repeated back. Even more advantage resulted from 
the greatly widened field from which branch office per¬ 
sonnel could be selected, an important consideration in 
view of the fact that quite generally besides transmit¬ 
ting messages, they have to meet the public, keep ac¬ 
counts, and generally represent the company. For all 
the substitutions of phone for Morse on city lines and 
automatics on the trunks it is nevertheless true that the 
number of available operators for manning the remain¬ 
ing Morse wires is decreasing chiefly because of the 
failure of the younger generation to learn the code and 
enter into this profession. 

In their turn the telephone city office lines are now 
giving way to the short line printer because of the 
somewhat greater accuracy and the considerably greater 
output which may be achieved by this means. 

Pneumatic tubes have been used for moving messages 
between main and branch offices for many years. 
Roughly, a speed of 10Q0 feet per minute may be 
expected and not more than a five minute run may be 
allowed without unwarrantably degrading the speed of 
service. From this it follows that in general, branch 
offices cannot be served by tube if more than a mile 
from the main office. The installation costs of tubes 
are quite high but their operating costs are extremely 
low as compared with any other method. For that 
reason great savings can be made by means of tubes 
in an office with a sufficient number of messages per 
day depending upon the distance and upon other 
conditions. After tubes have once been installed, 
then growths of several hundred per cent can be taken 
care of without any appreciable increase in cost. In 
general it is found economical to use tubes to offices 
where the loads are in excess of from two hundred to 
six hundred messages both ways per day. 

It is beyond the scope of the present paper to describe 
the methods used in moving messages from one part of 
the operating room to another as is necessary in con¬ 
nection with the relay and delivering functions. Suffice 
it to say that, for this intra-office routing it is found, 
in general, best to pick up business of all sorts from the 
incoming wires and carry it automatically to a single 
“route center” located as near the center of the operat¬ 
ing room as conditions will allow. At the route center 
a slow moving belt carries the business before the 
requisite number of route clerks who dispatch it to the 
“drops” nearest the proper outgoing wires. Largely 
this is done by belt conveyers but sometimes the route 
clerks lodge the business in pigeon holes whence it is 
taken by “routing aides” by hand to the outgoing wire 
or perhaps it is dispatched by Lamson carrier or by 
tube. In any case “routing aides” move the messages 
from the “drops” to the outgoing operator positions. 

The pneumatic tubes are grouped at a “tube center” 
generally immediately adjacent to the route center. 
Where the number of tubes warrants, instead of having 
the clerk who inserts the carriers into the tubes load the 
messages into the carriers, the carriers are all loaded at 
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one location and distributed to the tube heads by a 
conveyer belt. The earners being variously colored, 
the tube attendants readily insert them into the proper 
tubes. On very busy tubes an automatic device is 
employed which insures that successive carriers are not 
despatched in less than the permissible time interval 
and yet conserves tube capacity by assuring that when 
business is on hand it is sent just as promptly as is 
consistent with proper carrier speed in the tubes. 
According to the fall of traffic one or several messages 
may be enclosed in a single carrier. The tubes are 
2M inches in diameter, the carriers of course less, and 
good practise indicates that not more than a dozen 
messages should be inserted in a single carrier. 

The matter of delivering telegrams direct to the 
patron and receiving them direct from him over a public 
telephone system presents many angles. The success 
of a widespread application of this method depends of 
course upon the attitude the public takes toward it. 
This attitude in turn may be affected both by the 
physical conditions and by the development work 
carried on by the telegraph company’s publicity forces. 
For instance, in a manufacturing town where the 
telegraphing is largely conducted by the offices of the 
mills and the mills themselves are naturally scattered at 
some distance from the center of the town, the telephone 
pickup and delivery is looked upon with considerable 
favor. In other districts where branch offices are 
located within a few steps of all of the biggest users, 
considerable resistance is felt toward an effort to make 
telephone deliveries. There is no question that tele¬ 
phone delivery direct to the customer is more expedi¬ 
tious than branch office and messenger boy handling 
and since speed is practically the sole incentive for 
using the telegraph, the telephone seems to be the 
logical method of effecting delivery and the public 
prejudice against it can, in large measure, be attributed 
simply to habit, and can be overcome to some extent by 
proper publicity work. As extremes of these conditions 
might be pointed out, on the one hand, the city of New 
Haven, Connecticut, where 55 per cent of all telegraph 
deliveries are made over the public telephone and on the 
other hand Manhattan Island where no effort is made to 
deliver by telephone any telegrams to addresses south 
of 59th Street. 

Operator Assignment 

Operator assignment studies are predicated to such 
a considerable extent upon certain fundamental facts 
regarding telegraph traffic that an outline, of these 
features seems to be essential to an understanding of 
this problem. 

After a message is filed at a branch office a certain 
amount of time is required to complete the primary 
record concerning this message before it can be sent to 
an operating position for transmission. Similarly 
when a message is received at the main office on any 
circuit and this message is destined for retransmission, 
by the main office to another office a certain amount of 


time is required to get this message through the dis¬ 
tributing center and deliver it at the proper sending 
position. This time interval is known as the “office 
drag” and is a variable depending upon the size and 
type of the office. 

When a message arrives at a given circuit for trans¬ 
mission to the distant terminal, other messages may be 
on hand awaiting transmission. All the traffic for 
this circuit is then sorted by classes in filing time order, 
the earliest full rate message being transmitted first. 

The message last received will therefore be subject to 
some delay before it is transmitted and a decision as to 
how long it may be so delayed before it is transmitted is 
in order. If we assume as permissible an average 
delay of not more than five minutes we may find that 
with the given load one operator can handle all the 
traffic within the time limit. On the other hand, 
if the average delay is fixed at one minute it may be 
necessary to use no less than four sendings to handle 
the same volume of traffic. 

The latter figure will obviously result in a tremendous 
increase in the cost of handling this traffic and in deter¬ 
mining the time limits within which all traffic must be 
transmitted after it is received in an office, the com¬ 
pany’s policy must be based on the relation between 
the cost of the desired speed of service and its value to 
the patron, as reflected in the volume of traffic which 
may be expected as a result of this speed of service. 

Having decided upon the average and the maximum 
delay to be maintained we may now proceed to develop 
the load which we may reasonably expect an operator 
to handle. At this point we find that if an operator 
working on a single channel between two offices is given 
such an amount of traffic as will cause her to work 
more than 43 minutes out of an hour, the desired speed 
of service cannot be maintained and it becomes neces¬ 
sary to cover a second sending position. 

As the load increases the second operator absorbs 
more and more of- the excess and we find that we can 
still maintain the speed of service up to the point where 
each of the two operators is busy for 52 minutes out of 
the hour. Assuming a channel capacity of 60 messages 
per hour'we can expect to handle 43 messages per hour 
on a single channel to a given office but when two chan¬ 
nels are in use to this office up to 52 messages per hour 
can be transmitted on each channel without degrading 
the speed of service. 

This increase in available work time per operator 
continues as the number of operators in the group 
increases up to the point where 10 channels are in use, 
w en approximately 100 per cent of the operators’ 
ime is usefully employed and each channel is working 
at the full capacity of the apparatus. As automatic • 
run groups are largely of two or three channels one 
cannot normally expect to get 100 per cent capacity 
from the equipment even during the busy hour. It 
is only m such large groups as the Chicago-New York 
circuits where fourteen duplex channels are provided 
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that the capacity of the equipment, and the time of the 
operators is fully ut ilized. I n t imes of st ress, of course, 
by arbitrarily degrading th<* speed of service through 
increasing the time limits, the available operator 
work time is increased to such an extent as to clear up 
abnormal acrumulal ions of (radio wit bout increasing the 
operator st all’. 

Further limits are placed on tlx* amount of traffic 
which can be handled over a given channel or channels, 
by t he safe operating speed at. which the circuit can be 
worked. By safe operating speed is meant a speed 
which can be maintained day by day without intro¬ 
ducing too many errors or interruptions. 

Detailed analysis of the circuit, load reports which 
record the volume of (radio tiled for transmission on 
each circuit or circuit, group during each half hour of 
the day, shows that not only arc* there wide fluctuations 
in the* amount of (radio to he handled in any half hour 
period, but there are variations due to the day of the 
week as well as seasonal changes. Estimates of the 
traffic to be handled tomorrow or next week, and the 
operator requirements based on this traffic must, of 
necessity recognize* these* variations. 

Analysis of tlu* actual message’s flowing regularly 
ever a given circuit shows (bat the number of characters 
in the* average message* is practically a fixed ejuantity 
for each class of t raffic handled on the circuit, but. t his 
average* lengt h is not the* same for all circuits. 

Having decided upon the operating speed of the 
circuit in words per minute and knowing the average 
length of the* message* to be handled on if the theoretical 
capacit y of t he channel in messages per hour can easily 
be determined. From this theoretical capacity we 
must, deduct allowance's for 

a. Lost channel time due* to temporary wire and 
equipment failures. 

b. Operating or apparatus errors which necessitate 
the correction of messages which have already been 
transmitted. 

e*. Errors which t he operator is conscious of having 
made and corrects before Hie* complete message is 
transmitted. 

When these deductions have been made it is possible 
to stale that under the given conditions a certain 
number of channels must, be manned to handle the 
estimated volume of traffic. 

It will he noted that up to this point we have ap¬ 
parently assumed that, the operators can work at, any 
circuit speed. The fact is that while Morse and phone 
operators are in general limited only by their ability 
and not; by the* circuit characteristics, the automatic 
operator is limited by the speed at which the channel 
operates. Several thousand stop watch observations 
on perforator operators indicate that the present 
maximum operating speed of 66 words per minute on 
automatic circuits Is not only well within the range of 
the average operator but that this rate can be sustained 
without undue fatigue. 


In actual operating room practise, it has been found 
desirable to locate all the trunk circuits in one group, 
all city circuits in a second group with a third comprising 
the way circuits. Interchange of operators from one 
position to another within the given group is facilitated 
by a further division of the three major groups into 
automatic, Morse, and telephone operating sections, and 
the operating staff is in general assigned by methods. 
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An operator’s four of duty is nominally eight hours, 
but as each operator receives a fifteen minute rest, 
period after she has been at work approximately two 
hours, and a second fifteen minute period about mid¬ 
way of the last four hour working period, both of which 
are on company time, their actual working period, is 
only 7.5 hours. Advantage is taken of the relief 
periods to minimize the effect of fatigue, particularly 
on the automatic circuits by alternating the kind of 
work. If an operator begins her tour of duty at a 
sending position she will be assigned to a receiving 













































MASON AND WALBRAN: TELEGRAPH TRAFFIC ENGINEERING Transactions A. I. E. E. 


386 

position after the first relief period. Upon her return 
from the lunch relief she will again be assigned to a 
sending position. 

Reference to the load curve for the entire telegraph 
plant shows that while the traffic is heaviest during or¬ 
dinary business hours, i. e., 9:00 a. m. to 5:00 p. m., 
there is a considerable volume remaining to be handled 
up to 10:00 and 11:00 p. m. and the beginning of any 
operator’s tour of duty is naturally determined by the 
shape of the load curve on each individual circuit. 

As examples of extreme deviation from the average 
are given graphs of the eastbound and the westbound 
file of business between cities respectively on the Atlan¬ 
tic coast and the Pacific coast where the difference in 
standard times and the greater absolute savings to the 
patron make the use of the deferred sendees more 
extensive. 

While the shape and position of this load curve is 
generally the same for a given circuit minor variations 
occur which serve to set these peaks ahead or behind the 
normal time position. Our obligation to give service 
requires us to anticipate these changes and the positions 
are covered in advance of the time when the change in 
load is expected to occur. 

With the information already available it is a rela¬ 
tively simple matter to assign the operators in such a 
way as to provide for handling the full-rate traffic filed 
during the business day. Ordinarily, additional staff 
would not be assigned during the day hours to handle 
deferred traffic because the staff needed for full-rate 
traffic has sufficient idle time available to permit 
of handling the deferred traffic during these idle periods 
if the transmission of the deferred file is sufficiently 
delayed. Naturally we cannot delay this traffic to 
such an extent as will prevent the delivery of these 
messages before the close of the ordinary business 
day but in general this does not occur. 

During the latter part of the afternoon and evening 
we are confronted with a falling load but as it is neces¬ 
sary to bring on a certain number of operators at this 
time to replace those whose tour of duty has just been 
completed and as it is manifestly unfair to release them 
without an opportunity for a full day’s work, the 
falling full-rate file is supplemented by the night letter 
file in such a way as to keep this staff busy until after 
midnight when only a few operators are required to 
handle the balance of the file. 

A complete assignment of the staff required for the 
entire 24 hours may now be made for each of the cir¬ 
cuits or circuit groups. The total number of operators 
required to handle the traffic on all circuits including 
relief operators may then be determined and to this 
total is added a sufficient number to provide for opera¬ 
tors who are either late, or fail to report, those on 
vacations, etc. 

Roughly, and subject to considerable variation, in 
specific instances, the total number of operators needed 
m an office to conduct operations throughout the 24 


hours, to cover vacation and sickness reliefs, absentees 
and those tardy, can be taken as 2.8 times the number of 
operating positions covered during the busiest half 
hour of the day. 


Discussion 


J. H. Bell: There is one question I would like to ask Mr. 
Mason. On page three this statement occurs: “an experienced 
automatic operator works at between 55 and 60 words per 
minute while the average output per Morse operator is between 
12 and 15 words per minute.” 

I question whether those two are comparable. My recollection 
is that it is much easier to operate a Morse system by hand at 
about 20 words per minute, and human nature being as it is, I 
rather think that the operator would prefer to operate about 20 
words per minute rather than 12 or 15. I would like to know 
whether 55 to 60 words per minute is the output of the automatic 
operator? 

H. Mason: The point is well taken. The way it is stated in 
the paper the figures are not literally comparable. I agree that 
a Morse operator might work at 20 words as well or perhaps 
better than he would at 12, but our actual output is of the order 
of from 12 to 14 words per minute. In the case of the auto¬ 
matic operators 55 words per minute represents an average per¬ 
formance but not the output. The human nature feature comes 
in here. The operator is perforating against a machine. That 
machine is set to go at a given speed, generally about 55 words 
per minute. She must keep up with that machine or the auto 
control stops the transmission in a way evidencing her failure. 

I am not prepared to say that the performance throughout the 
country is universally as high as 55, but individual operators can 
perforate at double that speed and we have no mechanisms which 
would take that rate of perforating. A recent figure shows the 
average output per Morse operator hour to be 28 equated mes¬ 
sages, while that of an automatic operator is 62 equated mes¬ 
sages. These figures reduce to approximately 15 words per 
minute and 32 words per minute respectively. 

J. H. Bell: Reference was made to the delivery of telegrams. 
Nothing was said about the messenger service. I would like to 
mention that in one of the British journals I read that they have 
started a new method of delivering telegrams. Instead of having 
the boys go out with each message that comes, they have divided 
the town into 25 or 30 separate routes. A boy leaves every five 
minutes from the telegraph office and he takes all the messages 
along one particular route. That makes for a slight increase in 
delay m delivery of some messages, but it brings the average delay 
much more uniform. 


in company which I represent the line of 
organization is not such that the messenger delivery problem 
comes under the control of the engineers for which reason I am 
not so well fitted as would be some other, to discuss this question. 
1 do not think, however, that anywhere in our service is such a 
method as is suggested by Mr. Bell used. 

We do have routes and send boys over them with messages just 
for those routes in-so-far as the delivery of night letters in the 
early morning is concerned, and also full-rate messages for which 
we have instructions, as we have in some cases, not to make 
delivery until the customer’s office is open. 

However, other than that, so far as I know, we do not at the 
present time indulge in the suggested practise but our full-rate 
meassages are taken out practically as they fall. That does not 
, a , mess enger_boy always goes out with one, quite 
^ d6finitely Md 

Fnr f iatter .^ deliveries of the day letters may be held up. 
For instance, if it is several blocks from the office, the delivery 

f ^ ay . Very , weU k°ld up a day letter waiting for some pre- 

but not LTpolior me al0n "’ “ d Send “ ° Ut With the Same boy ' 


Developments in the Manufacture of 
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Synopsis— This paper covers interesting developments in the of the work done by the Bell System engineers in developing and 
manufacture of copper wire and contains a description of a copper designing new types of wire drawing machinery. The economies in 
rod and wire mill designed to meet the new requirements. It also floor space and plant investment due to the use of more compact and 
includes a brief survey of the copper rolling and wire drawing art higher-speed machinery are outlined. Some of the outstanding 
at the time the investigation was started; a summary of tests made in features in plant arrangement which contribute to more efficient 
varying the practise m rod rolling and wire drawing, and an outline operation are discussed in the concluding pages. 


R APID developments in the various branches of the 
communication business are constantly leading to 
important investigations in line with more effi¬ 
ciently and economically meeting • the increasing 
demands of the service. In this connection, one of the 
more recent and very interesting investigations in¬ 
dicated the possibility of effecting substantial improve¬ 
ment in the process of manufacturing copper wire. 
Accordingly, a comprehensive study of all the factors 
concerned was undertaken which resulted in the con¬ 
struction of a rod and wire mill at Chicago, Illinois, 


a finishing mill, coilers, conveyers, and pickling tubs. 
The mills are water-cooled and equipped with a down- 
draft exhaust which carries the fumes produced during 
the rolling operation to an air washer where the copper 
dust is removed before the air is discharged. 

The 225-pound wire bars as received in cars from the 
refineries are unloaded onto skids in the train shed and 
transported by an electric truck to the charging end of 
the billet heating furnace. Here they are transferred 
in groups of six by a hoist to the charging table, where 
a compressed-air pusher moves them along through 



embodying many unique and improved operations, 
a schematic layout of which is illustrated in Pig. 1. 

At the outset the sources of copper and its trans¬ 
portation were studied and it was found more 
economical to ship wire bars to Chicago for conversion 
into wire than to locate a wire mill near some of the large 
refineries and ship wire to the factory. It was also 
considered that this plan would reduce the investment 
in wire during the process of manufacturing cable and 
telephone apparatus. 

Rod Rolling Mill 

The rod rolling mill equipment consists of a billet 
heating furnace, a roughing mill, an intermediate mill, 

1. Both, of the Western Electric Company. 

Presented at the A. I. E. E. Winter fonvention, New York , 
N.Y., February 7-11,1927. 


the furnace which holds 120 bars. The bars are brought 
up to the required temperature for rolling as they move 
through the furnace, which is heated by fuel oil. When 
the bars reach the opposite end of the furnace they are 
withdrawn at about 1600 deg. fahr. with a pair of 
tongs through the discharge door and pushed into the 
roughing mill one at a time. These tongs operate on a 
trolley suspended from a beam, which is in line with the 
first groove of the mill. 

The roughing mill consists of three motor-driven rolls, 
one above the other. The bar, after passing, through 
the first groove between the top and middle roll, drops 
upon feed rolls set in the floor and is returned through 
the second groove, between the middle and bottom 
roll;-then raised into position and passed through the 
third groove, which is in the same rolls as the first pass. 
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Five passes are made in this manner until its cross- 
section is reduced sufficiently for it to enter the inter¬ 
mediate mill. As the bar enters the roughing mill it is 
54 inches long and about 4 inches square. When it 
leaves this mill it has been rolled into an oval cross- 
section and is about 124 feet in length. Formerly the 



Last Pass 

last pass on this mill was handled manually, and 
recently a mechanical repeater has been added as 
illustrated by Fig. 2. 

From the roughing mill the bar goes to the inter¬ 
mediate mill and is passed through the first pair of 
rolls. As it emerges an operator catches the end with a 
pair of tongs and passes it back through the next pair 
of rolls. The increased length between each pass at 



Fig. 3—View or Intermediate and FiNiHiriNa Miudh and 

Coilkks 


the intermediate and finishing mills is allowed to run out 
in a loop on a sloping iron covered floor on each side of 
the rolls. This catching and returning is repeated at 
each set of rolls until the original copper bar finally 
emerges a round, quarter-inch rod about 1200 feet 
long. This last pass goes through a guide pipe into a 
coiler, Fig. 3. The reductions in cross section are illus¬ 
trated by Fig, 4. An appreciable amount of copper 
oxide scale is carried off with the cooling water, and 

vaged. 
. *1 


on to a conveyer, which carries them through cooling 
water in a tank underneath the floor. Eighty-two 
seconds after entering the roughing mill the bar is a 
coil of K{ in. rod ready to proceed on its way to the 
pickling tanks. The mill has a capacity of 70,000,000 
pounds annually on a 48-hour per week basis. 

While the diagram and illustration of the intermediate 
and finishing mills indicate for simplicity that the rod 
follows only a single path, in actual operation sufficient 
material is kept in the mill practically to maintain at 

"] O rr! '’ o ° A • •• • 
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Fia. 4 —Rod Midi, Reductions 4-in. x 4-in. Bim.et to 
]4r IN. Rod 

least two rods in the finishing mill. This is illustrated 
graphically by that part of Fig. 5 which covers the 
finishing mill. Referring to line A A 1 , 11 reductions 
are being made in this mill at the same time, two for 
each of the first four pairs of rolls and three on the final 
rolls. At this period in the cycle of operation 800 hp, 
is required. 

When the rod mill was started eighteen passes were 
in use by several of the most modern mills. A sixteen 
pass arrangement was adopted for the new mill, in 
which the metal was subjected to a greater amount of 
work in the earlier passes when it was hot. Later, as a 
result of further study, fourteen passes were adopted. 
Fig. 6 illustrates graphically the per cent; reduction 
effected at each of the above passes. The reductions 




plotted as the abscissa are in terms of reduced area in 
cross-section at each pass and the passes reading from 
left to right are plotted as ordinates. 

It is obvious that careful planning must be done in 
changing the number of passes in a mill in order not to 
ex 
sti 











































Fob. 1027 


SM 10A AND McMULLEN: MANUFACTURE OF COPPER WIRE 


.2,Si) 


ing mill formulas 2 . Based on the more sturdy mill 
installed at the Chicago plant the first four passes of 
the eighteen pass arrangement would operate at about 
82, 100, 105, and 90 per cent of the safe working load 
of the mill. Those same passes calculated on the basis 
of the sixteen and fourteen pass arrangement operate 
at 80, 87, 90, 85 and 90, 90, 90, 90 respectively. This 
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indicates 1 hat a further reduction may be made in the 
number of passes in the mill provided other features 
are improved; L i\, roll adjustment. 

Relation Between Working and Physical 
Properties 

it has often been stated that the more passes (i. c., 
the more gradual working) given the copper, the better 
the physical qualities of the rod. Actual tests (see 
Table I) made on representative lots of 3T-in. rod 
fail to confirm this impression. 

TAItLK i 

Kloiwatlon ')>ti Hi R HtrongMi 

Lot, Number of iwwiun p«r mit lb. per k<i. In. 

j ! in 3ft. h 33,7f>2 

1 ix 40.0 31.443 

u 115 37.1 32,408 

4 I Ui 41.0 02,1(50 

f, | J4 42.0 02,301 

I Average of ft lot* 00 ,ft _. 

The averages indicate that a fourteen-pass rod is 
superior in elongat ion, and better than the total average 
in tensile sf rengfh. 

Cleaning of Rod 

When the coils emerge from the tank through which 
the rod eoiler apron conveyer passes, they are cool 

2. “Pium Limitation in Rolling Mill Practice,’ Machinery, 
July, 1918. 

“*Tho Theory find Pracliw* of Rolling Stool,” Wit holm 'Parol. 


enough to handle and after being tied with wire, several 
are lifted together by a monorail crane, and placed for 
thirty minutes in a pickling tank containing from 5 to 
10 per cent free sulphuric acid, in order to remove the 
black oxide caused by oxidation ol the hot copper 
in the air during rolling. The solution is maintained 
at approximately 1.20 deg. l’ahr., and the copper con¬ 
tent varies from one to three grams per 100 cu. cm. 
Experiments have shown a difference of less than 10 
per cent in pickling time between the minimum and 
maximum acid used, the greater solubility being ob¬ 
tained from the weak solution. Actual results obtained 
were checked with Sidoll’s Table of Solubilities (see 
Fig. 7). While a variation from the minimum to maxi¬ 
mum acid concentration does not materially affect the 
pickling time, a variation in temperature has a decided 
effect as may he seen from Fig. 8. 

. Electrolytic Plant 

Fig. 9 shows a plant in which the copper is reclaimed 
from the pickling hath at about the same rate as it is 
absorbed. This is accomplished by electrolytic de¬ 
position according to principles worked out and 
practised in the large refineries which produce electro¬ 
lytic copper. 

The electrolytic system operates best, with a minimum 



r.MAWj tMi'i'i«-oji i’iim r i'jjjbh n/Mf. 

Fin. 7 Soi.vim.iTY Ciiiivi? ok Commit Rulphatk in a Biil- 
j'limuo Aon> Solution (Tump, 25 i»«u. Bunt) 

Rofenmeo Tahiti of Solubilities by Hklttll, Client, & Met. Hn\t„ Vol. 
21, l>. IK 1-2, lllll). 

content of about, 1 per cent, copper and 5 per cent; acid 
and a maximum of R per cent; copper and 10 per cent 
acid. The copper and acid contents are kept as low 
as practicable to minimize “carrying out losses’* 8 
during the pickling operation. About; 775 pounds of 
acid, and 480 pounds of copper are recovered per day 

3. Pickling Holul.ion carried out when euilH arc removed from 
tank. 
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from the electrolyte. The anodes are operated at a 
current density of five amperes per square foot with a 
rate of deposition of about 0.00261 pound of copper per 
ampere-hour. 

The heat generated in the plating tanks under 
normal operating conditions maintains a minimum 



Fig. 8—Rate .of Pickling at Practical Acid Concen¬ 
tration 

Max. temp, without excessive evaporation and fumes 

temperature of about 90 deg. fahr., throughout the 
acid system, and the maximum temperature is obtained 
through steam heating coils in the pickle tanks. Faster 
pickling would result from the use of higher temperatures 
but experience has shown that the additional steam and 



Fig. 9—Electrolytic Recovery of Copper From Rod 
Mill Pickling Solution 

gas released above 120 deg. fahr., results in unsatis¬ 
factory operating conditions. 

The coils of rod after pickling are thoroughly washed 
with lake water 4 at a pressure of about 70 pounds per 
square inch to remove loose copper dust and acid, 

4. Lake water is relatively free from mineral salts which would 
corrode the rod and affect' the wire drawing compound. 


and then immersed in an alkaline fat solution to neutral¬ 
ize any trace of acid and to provide a protective coating 
against oxidation until converted into wire. 

Wire Mill 

The coils, after being pickled and washed, are carried 
by monorail cranes to the wire-drawing machines where 
they are converted into wire of the desired size. The 
dies used in the heavy wire drawing machines are pulled 
into place at the starting end of the coil of rod on a die 



Fig. 10—Heavy Wire Die Stringer 


stringing machine (Fig. 10). The coil, with dies strung 
into position, is then placed in a heavy wire-drawing 
machine. 

The heavy gages of wire, such as line wire, are drawn 
With one set-up on a heavy wire-drawing machine; 



Fig. 11—Battery of No. 1 Wire-Drawing Machines 

medium sizes, used in lead covered cable, are made 
by taking the wire as it comes from the heavy machine 
and redrawing it on the intermediate machine; and 
finer sizes, commonly known as magnet wire sizes, are 
produced by redrawing intermediate sizes. 

The present capacity of the wire mill is approximately 
42,000,000 pounds annually, and the sizes range from 
0.165-in. line wire to 42 B. & S. (0.00247-in.) gage 
magnet wire. Provisions have been made in the con¬ 
struction of the building and its foundations so that the 
mill may be expanded in capacity when needed. 

The No. 1 or heavy wire-drawing machine shown by 
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Figs. 11 and 12 draws line wire, heavy toll cable sizes, 
and supply wire for the loop cable wire machines. This 
ten-die machine with its auxiliary equipment and oper¬ 
ating area occupies a floor space of 270 sq. ft. and runs 
at 1500 to 2000 ft. per min. as compared with 470 sq. ft. 
for a commercial nine-die machine running about 1000 
ft. per min. 

A battery of these machines costs much less than an 
installation of commercial machines of the same capacity, 



Fig. 12 —Close-Up View oe No. 1 Machine 


and in addition, effects a considerable economy in floor 
space. 

The commercial types of ten-die intermediate 
machines for drawing cable wire require about 130 
sq. ft. of floor space as compared to 90 sq. ft. for a 
twelve-die multiple head machine. The former is a 
single-unit machine and the latter a four-unit machine 
operating at twice the speed and capable of producing 


The magnet wire-drawing machine is a high-speed 
twelve-die multiple head machine of eight wire drawing 
units, occupying 90 sq. ft. of floor space including the 
operating area. A close-up view of two heads of this 
machine is shown in Fig. 13. Fifty-one sq. ft. of 
floor space are required for a single unit (one head) 
commercial machine of the same die capacity. The 
saving in investment in this case is even greater than 
for the heavy and intermediate types of machines. 
The use of these compact machines and overhead 
monorail equipment for transporting material instead 
of using trucks with large aisles has permitted the 
installation of the wire drawing mill in less than one- 
fourth of the building area which would have been 
required if commercial equipment had been purchased. 

General Plant Features 
The present connected load of the motors in the rod 
and wire mill is about 6000 horse power for which it 
was necessary to enlarge the factory power plant. 



Fig. 14— Automatic Tension Mechanism of No. 3 Wire- 
Drawing Machine 



Machine 


about five times the output of-the commercial equip- 
ment. This new multiple unit machine costs more than 
regular equipment, but considering the four units, the 
cost is materially less per unit, and very much less on 
an output basis. 


A 700-ft. tunnel connects the power plant with the rod 
and wire mill in which are laid pipes for carrying hot 
and cold water, steam, gas, and air and lead covered 
power cables. 

The basement under the rod mill houses the electro¬ 
lytic equipment, control boards for the roughing and 
intermediate mills, pumps for cooling water, and 
exhaust fans connected with an air washer for removing 
the fumes from the rod mill. A tunnel which passes 
beneath the intermediate and finishing mills connects 
with a room which houses the drives for the four rod 
coders, the coiler control boards, the finishing mill 
control board, and the main power panel. In the wire 
mill basement are six large tanks which hold the com¬ 
pound used to lubricate and cool the wire-drawing dies. 
This compound is supplied under pressure to the wire¬ 
drawing machines on the floor above and returns by 

^ All the wire-drawing machines are controlled by push 
buttons mounted on the machines, which connect with 
compensators in the basement. The 100-hp. motors 
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driving the large wire-drawing machines are mounted 
in a tunnel and are connected to the machines above by 
chain drive. 

This arrangement permits accessibility for mainte¬ 
nance of the electrical equipment with a minimum of 
interference to production, prevents the wire-drawing 
operators from having access to the electrical equipment 
and reduces accident hazard to a minimum. 

Developments in Wire-Drawing Equipment and 
Methods 

The rod . and wire mill just described was designed 
following a comprehensive survey of wire-drawing 



Fig. 15 

processes and equipment used in this country and 
abroad. In connection with these studies, extensive 
laboratory investigations were undertaken relative to 
the characteristics of different types of commercial 
machines especially from the standpoint of operating 
efficiency, investment, and floor space requirements. 
As a result of these investigations, it developed that 
marked improvements could be.effected if wire could be 
produced commercially at higher machine speeds and 
with more compact machine equipment. 

While the design of the drawing mechanism in the 
new machine was very important, it was also essential 
that the finished wire be taken up on spools instead of 
coils. After considerable experimental work, a sensi¬ 
tive take-up device was developed to permit spooling 
at a constant drawing speed. 

This spooling mechanism is illustrated by Fig. 14 
in which the spool spindle is driven by a slipping clutch 
member controlled through a tension arm, on which 
an idler pulley is located over which the wire passes 
on its way from the drawing capstan to the take-up 
spool. The take-up mechanism rotates the core of an 


empty spool at a speed synchronous with the speed of 
the wire as it leaves the drawing capstan. As the spool 
fills and the speed‘tends to increase, the wire on the 
tension arm tightens and compresses the tension arm 
against a spring adjusted for the proper gage of wire. 
This in turn reduces the pressure of the clutch driving 
the take-up spindle permitting the spool of wire to 
readjust its speed. 

This device is extremely sensitive as illustrated in the 
drawing of No. 42 B. & S. wire at 2000 ft. per min., 
in which case the control arm must be adjusted to 
operate between 90 and 150 grams, since the pull re¬ 
quired is 87 grams and the breaking strength of the 
wire is 170 grams. This device is so flexible that it can 
be adjusted to a drawing tension of from 9 pounds for 
No. 25 wire to 3 ounces for No. 42 wire. Fig. 15 illus¬ 
trates its operating range on wire sizes No. 30 to No. 
42, showing the gradual narrowing of the limits as the 
sizes decrease. A larger machine used for drawing 
loop cable wire from No. 18 to No. 30 B. & S. gages 
contains a similar mechanism. 

The use of this sensitive device and a clutch which 



would slip without overheating as the spool filled, 
together with improvements in the wire drawing com¬ 
pound and the shape and quality of the diamond 
dies later described, permitted the drawing of wire at 
speeds ranging from 2000 to 3000 ft. per min. 

Wire Drawing Compound 
At low speeds it was discovered that the compound for 
lubricating wire-drawing dies required little attention 
but as the speeds were increased the necessity for close 
analytical control was evident. The compound con- 
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sisls of an emulsion of soup, tallow, and water, the 
percent age of t he soap and tallow being varied depend¬ 
ing upon the size of wire and type of machine on which 
it. is used. 

It is important that, the degree of emulsification 6 be 
carried far enough to break the tallow into particles 
about one micron in diameter, so that the material 
will stay in suspension in the water. If the tallow 
tain tent is increased beyond a certain point it holds 


drawing minimum after the first pass, and remained 
at that point throughout the process. 

Fig. 16 illustrates the effect of a five-die reduction on 
elongation and tensile strength. It may be seen that 
the elongation drops very rapidly at the first die when a 
reduction in area of about 4214 P er cent i- s made, and 
the tensile strength increases rapidly because of the cold 
working of the metal. 

This same figure shows the tensile strengths obtained 
when five-, six-, and seven-die reductions are used to 
produce line wire of 0.104 diameter from the same 
supply. Here the elongation loss is about the same in 
each case, but the tensile strength is greater with the 
heavier reductions. The five-die arrangement is satis¬ 
factory according to the results shown on the curve, 
but the heavy reduction at the first die often results in 
rough or slivered wire. The six-die arrangement, 
therefore, gives the greatest factor of safety. The 
seven-die arrangement is less satisfactory since the 
elongation and tensile strength in the finished wire are 
so dose to the requirements. 

The use of A. W. G. reductions for the finer sizes of 
cable and magnet wire provides flexibility, since a 
change in the size of wire can be accomplished simply 
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in suspension in t In* solution a large amount of the 
copper dust which flakes off in a very fine state (luring 
t he wire-drawing operation and this clogs the dies and 
causes breakage during the wire drawing. Ordinarily 
this copper dust set tles out of the solution while in the 
large cooling tanks and a considerable amount is sal¬ 
vaged in this manner, 

Effect of Drawing on Copper 
Tests were made to determine if the drawing of the 
smaller cable and all magnet wire sizes® in Brown & 
Sharpe (A. W, G) steps was obtaining the maximum 
reduction possible per die. These tests showed it was 
feasible to make much heavier than A. W. G. reductions 
at the first draft when annealed wire or soft copper rod 
was being drawn. 11 also showed that the elongation 
of the rod or annealed wire was rapidly reduced to the 

ft, "The Theory *tf Emuhwui® and Eniulsillcaliuas, W. 

Clayton, (| 

0. A. VV, U. C*American Wire" or “Brawn and Sharpe’ gago) 
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are gmiureJIy njmt'iflad in B. W. O. and N. B, B. gag®®* 

7, Km Figure®, 1ft, 17, IB, «h 1 U» »h*»wiriK the elongation of 
the rod or wire dropping M about t H I»»* cent at the first <l o 
reduction and reiunining practically eonwtant. 
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by increasing or reducing the number of dies used. 
Tests were conducted to determine the gain by using 
heavier reductions and annealing the wire before 
redrawing, and Fig. 17 shows the increased reduction 
possible at the first die when the metal is plastic. In 
this test, an annealed No. 22 gage wire of 31 per cent 
elongation was reduced to No. 24, two gages, m one 
draw. The soft copper permitted a double reduction 
at the first die, hut the elongation dropped during the 
operation to less than 1 per cent; the second reduction 
on this test was from No. 24 to No. 26 gage and the pull 
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required for this pass practically coincides with the 
breaking strength of the ware. Wire drawing under 
such conditions is impractical because the annealing 
operation is much more expensive than drawing hard 
wire from No. 22 to No. 24 in two passes. 

Fig. 18 illustrates the results obtained when drawing 
annealed ware with A. W. G. reductions. The large 
margin of safety between the pull required and the 
breaking strength of the material again disappears 
after two reductions. Fig. 19 s illustrates practical 



drawing conditions adopted for drawing wire to finished 
sizes without annealing during the process. 

Chilled Iron Dies 

The dies used for drawing heavy wire are cast with a 
tapered hole from chilled cast iron and reamed to the 
desired size. When the die wears too large for a 
particular size of wire, it is reamed to a larger size and 
used in that manner until the dies goes above the maxi¬ 
mum size used. These dies, shown in Fig. 20 are used 
for drawing line and heavy, gage wire for which the cost 
of diamond dies would be excessive. Many alloy steel 
dies have been tested as substitutes for chilled iron dies 
for copper wire drawing, but so far have failed to re- 
p ace them, due to excessive cost. For the wire sizes 
smaller than No. 16 down to as fine as No. 42 B. & S. 
diamond dies as described below are used. 


Diamond Die Study 

It was necessary to make an extensive study of the 
manufacture of diamond dies because dies through 
w ich wire could be satisfactory drawn at low speeds 
failed to d raw to gage and without excessive breakage 


8. Slight irregularities in the curves are due to variatic 
from the mean in the diameters of the dies used during the te 


of the wire as the speeds were increased. At this time 
practically all commercial diamond drilling was done 
in Europe, Belgium being the hub of the diamond 
cutting industry and the art was new to this country. 
The diamonds generally used for wire drawing dies are 
obtained from South Africa 9 , Australia, and Brazil, 
and made into diamond dies in Europe. 

In view of the difficulty of obtaining dies for drawing 
wire at high speeds and the large investment in dies 
required for the proposed wire mill, it was decided to 
undertake a laboratory investigation of the manufac¬ 
ture of diamond dies suitable for drawing cable and 
magnet wire. 

It was found that the dies suitable for high-speed 
wire drawing required a differently shaped approach, a 
better polish, and a shorter land 10 than used for low- 
speed drawing. In addition the origin of the stone, 
the shape of the diamond and its setting are all very 
important because of the internal strain to which the 
die is subjected during the drawing operation. 

It has not been possible to definitely establish any 



Fig. 20 Dies Used for Drawing Line and Heavy-Gage 

Wire 


quantitative relationship as to the effect of high-speed 
drawing on the wear of dies except that about the same 
number of million feet of wire may be expected from a 
properly lubricated die irrespective of the drawing 
speed. Under such conditions, the high-speed die 
naturally r uns a shorter time, but length of life is not 
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10. See Figure 21 . 
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the important factor; tonnage of a satisfactory quality 
with a minimum plant and labor investment is the prime 
consideration. 

Fig. 22 shows a diamond before drilling, a stone 
drilled and lapped, ready for mounting, and a die in 



Fig. 21—Diamond Wire Drawing Die 

the final mounting ready for use. Fig. 21 gives an 
outline of the shape of the working surfaces of a wire¬ 
drawing die. 

Annealing 

Hard copper wire is obtained by using the wire as 
it comes from the wire drawing machine. This same 
wire may be softened by annealing, or medium-hard 
wire can be produced by annealing hard wire at such a 
point in the drawing operations that the final draws 
will give the desired degree of hardness 11 . 


A special steam-seal annealing furnace for small 
spools of wire was developed on an experimental basis 




Fig. 24—Steam-Seal Annealing Furnace 



Fig. 22 —Showing Diamond Before Drilling, Drilled 
and Lapped Ready for Mounting, and Die Ready for Use 
. in Final Mounting 

In a recent commercial type of annealing furnace, 
Fig. 23, wire may be bright annealed, but it requires a 
drying operation in order to remove the water through 
which it passes in leaving the furnace. The retorts 
of these furnaces are water-sealed and filled with steam 
to exclude the outside atmosphere, which would dis¬ 
color hot copper. To obtain bright wire, it is passed 
under water into the retort to exclude the air and is 
generally taken out and cooled under water or in an 
atmosphere of steam or gas, which excludes oxygen 
until the wire is relatively cool. 

11. ‘.‘Experiments in the Working and Annealing of Copper,” 
F. Johnson, Journal Institute of Metals, Volume XXVI, No. 2, 
1921. 



Fig. 25 —Photomicrographs of Wire Bar (Magnifica¬ 
tion 33) 

A. High Set—Oxygen, 0.035 per cent 

B. Level Set—Oxygen, .0.05 per cent 

C. Low Set—Oxygen 0.12 per cent 
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from which the wire was obtained bright annealed and 
free from moisture. In this furnace the spools were sub¬ 
merged in water to displace the air, raised into the 
charging end which was under water, thence to the 
muffle to be heated and then along a cooling tube to the 
discharge opening. Air was excluded from the retort 
and cooling chamber at the discharge end by means of a 
steam jet. 

The success of the small furnace led to the construc¬ 
tion of a larger machine (Fig. 24) for annealing cable 
wire on spools. The spools are placed in perforated 
metal baskets which are charged into the furnace at a 
specified time interval, pushing each other through the 
retort and along the cooling tube to the discharge end. 
Inspection of Raw Material and Finished Product 

Wire bar made from electrolytic refined copper is 
used as a material in the manufacture of wire. This 
material is practically free from silver and other ele¬ 
ments which ordinarily exist in the ore, and which have 
a detrimental effect on the electrical or physical proper¬ 
ties of the finished product. A small percentage of 
silver 12 seriously affects the annealing qualities of the 
wire. Traces of other impurities have a very detrimen¬ 
tal effect on the wire drawing properties. During the 
refining process, the molten bath is oxidized in order to 
carry off the foreign material in the form of slag, and 
it is very important that the oxygen content be later 
reduced to a very small point if bars of proper set are 
desired. Fig. 25 shows three photomicrographs of wire 
bar contai ning varying amounts of cuprous oxide 1 *' 1 . 

12. “Effects of Silver on the Reorystallimtion Temperature 
of Copper,” Caesar and Gernor, A. S. M'. K., Volume 38,1016. 

13. “Microscopic Structure of Copper,” H. P.’ Pulsifer 
Mining and Metallurgy, January, 1926. 


Ordinarily the surface condition on top of the bar is a 
good index of the oxygen content. If the bar is level 
set or slightly convex on top, if, is usually a satisfactory 
material. If it is low set or concave it usually con¬ 
tains a large amount of copper oxide, which caused ( he 
metal to shrink in solidifying". When excessive 
shrinkage occurs it has an adverse effect during (he 
rolling operation. 

The finished wire is inspected for dimensional limits, 
tensile strength, elongation, and surface condition. 
Limits for 42 B. & S. gage wire 0.002475 are 0.00245 
minimum and 0.0025 maximum. 

Conclusion 

The establishment of this industry as a part of the 
plant at Chicago represents the combined effort of a 
large number of inventors, engineers, designers, and 
mechanics. While the actual plant was built within 
a comparatively short period, the advances which have 
been made in the art represent several years' effort. 
Briefly, the development of compact and high-speed 
wire-drawing machines has required a much smaller 
investment in buildings and equipment as compared 
with a plant of the same capacity using commercial 
equipment. A comparison of the relative floor area, 
based upon the conventional and the improved types of 
wire drawing equipment, is illustrated by Fig. 2(1 
Ihe supervisory force in charge of the operation of this 
new mill must be given a, considerable share of the 
credit for its successful operation. 

14. “Ooppor Refining” Lawrence AririidcH. 

“Metallurgy of Ooppor” 14.0. Ilofman. 


A-G. Elevator Motor Drive 

BY li. B. TIIUKSTON 1 


Fellow, A. 

Synopsis. Then are very few data available on the problems of 
wing alternating current when applied directly to a motor on an 
elevator. It in apparent, also, that eventually there, will hr. no 
d-c. power tram milted fur elevator service. 

lieenme of these facts and the, sue of this industry it seems that 
inch data should he amilahte. A paper rover in y the, entire, field in 
detail would he excessively lung and it is therefore the aim of this 
paper to rover the subject in a general way, giving such outstanding 
farts as are felt to he of most interest at this time. 

It in hoped also to correct a false impression that is sometimes 
found to exist that an a-e. decolor is not practical for car speeds 
above. (MO ft. per min. Without question, this understanding was 
coned six or seven years ago but it is desired to call attention to the 
fad that fin- the pad fire years many a-e, elevators have hern installed 
with car speeds in excess of hhu ft. per min. and today some. are. 
operating as high an Hht ft, per min., and nothing has appeared to 
indicate that there is a limit of car speed other than for any other type 
of control , 

A brief outline of tin necessary requirements of the elevator 
machine is given hern am- an yet the development of a-e. elevators has 
depended upon the success of this unit. 

The desirable chttruch ristirs of the. motor are given somewhat 
in ddatl, the important ones bring positive speed control, elimination 
of exposed and eliding contacts, speed ration of at least t!:t, a rotor 


iNTJlOMHTriON 

S TATIST!(AS show that the elevators of the larger 
cities actually carry more passengers than the 
homonfal Irmmjmrfalien systems. Furthermore, 
there is probably no industry ho vital to the public 
and of corresponding size with its equipment and princi¬ 
ples ho little understood by the engineering profession. 
Naturally they are justified in asking for more reliable 
data. 

Referring to published papers on elevators, we find 
there are a few on elevator service, d-c. elevators, 
etc., but without question there is need for more in¬ 
formal ion on t hose and similar subjects, t Ipon search¬ 
ing for papers with information about a-e. elevator 
equipment, its history and problems, it is found there 
are so few available that it would be very difficult 
to get u fair understanding of this plume of the industry. 

Far from a general understanding of t he present art of 
a-e. elevators, we hear such expressions as these: 
“They are all right for low-speed elevator service;' 1 
“They cannot be operated smoothly;" or, "A-e. magnets 
and motors are too noisy to use for passenger service." 
These and similar expressions serve to show that it is 
easy t o forget that new developments are possible. 

Today, it has been proved illogical in connection with 
any development to say “It cannot be done," although 
this statement has been made in connection with high¬ 
speed a-e, elevators. 

1. HHugh ton Kl#vit«>r and Machine Co., Toledo, Ohio. 
Presented al the HTrUrr Convention of the A . /. if. id t 
Nan York , N. February 7-t 1, 18$7, 


:. r. e. 

of low kinetic energy, quid under operation, allowing torque charac¬ 
teristic changes, smooth control of speed changes, liberal temperature, 
range, high power factor, a maximum torque capacity, and maximum 
practical starting torque per ampere. 

The desirable characteristics of the controller which permit 
high siwed devalor operation with economical and reliable service 
and a minimum number of shut-downs, may be. outlined an follows: 
Full magnetically operated but with a minimum number and types 
of magnets, types of magnets that guarantee against magnetic hum 
or chatter requiring no oil immersion and giving a constant putt. 
The controller parts in general should be, as interchangeable, as prac¬ 
tical, with ail less bearings and a minimum of auxiliary parts and 
contacts, .‘is a whole, the controller and its wiring must be simple 
and easily understand. 

The principles of control allowing the. high-speed elevator operation 
are rapid bid smooth acceleration and retardation, a forced slowing 
down of the elevator by the motor irrespective of (he, operator and 
allowing the simultaneous or overlapping braking action of the. 
sharing down and slopping means , 

The brake magnet must be one guaranteeing against magnetic 
hum or chatter, giving a constant pull, and must be. positive and rapid 
but not violent in action. 

'The. curves which were taken by power companies serve to show the 
high power factor and a minimum of line disturbance, 


When we stop to realize the tremendous change from 
direct to alternating current in general applications, 
and other developments that have been made in recent, 
years, it is nat ural to expect that, the elevator industry 
has progressed accordingly. II is felt, however, that, 
this industry did not keep pact* with developments in 
general previous to 1920, with the result f hat since t hat, 
time the developments have been tremendous, especially 
with alternating current, in order t o bring this industry 
to its present state. 

The fact that passenger a-e. elevators art* operating 
at 700 ft. per min. and have been proved practical and 
reliable should make information regarding their de¬ 
velopment, interesting to electrical engineers. 

It is not the purpose of this paper to cover the subject, 
in detail but rather to give a general discussion of the 
more important problems with the hope that other 
papers with more details will follow. 

History 

About 20 years ago there was developing a demand 
for direct-connected a-e. elevators, especially from many 
of the larger manufact uring concerns. This was due 
to their plants operating on alternating current and t o 
the production basis of manufacturing. 

A large percentage of this demand was for the higher 
capacity with car speeds of 100 to 200 ft. per min., 
which at that time was considered high speed for freight, 
service. This presented many problems that had not 
been met before. 

The single-speed, slip-ring type of motor, being the 
only one considered practical for elevator service, was 
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used and proved quite satisfactory for the demands of 
sendee at that time. Due to continual starting, stop¬ 
ping, and reversing, the major problems were those of 
preventing the rotor working loose and the burning and 
rapid wearing of the slip-rings. 

The brake problem was considered the most serious 
and difficult. Many devices were developed with none 
having all the desired features. 

The mechanically operated brakes gave the best 
operating service but were not by themselves considered 
safe. The magnet-operated brakes were very violent 
in action and noisy. A brake that proved quite popular 
and reliable was a dual type, using the mechanically- 
operated principle for the service and a magnetic- 
operated emergency brake for safety. 

At this time a-c. elevator controllers were mostly 
mechanically operated, magnetically-operated control¬ 
lers not having been developed to a reliable stage. 

About 15 years ago the high resistance squirrel-cage 
motor began to find favor and was used for' service 
requiring the lower horse powers. This type of motor 
at first met with considerable opposition, probably 
more because of its name than any other one thing, 
although there were many motors of this type manu¬ 
factured with characteristics such that objections to 
their use were well warranted. 

t At this time these squirrel-cage motors were started 
directly across the power lines, requiring only a very 
simple controller, with the result that an elevator of 
this type was found to be the most reliable obtainable. 

Its operation limited its application, however, be¬ 
cause of the high instantaneous starting current drawn 
from the line, and its too sudden starting of the car. 
It is now apparent that to have added a resistance 
starter or its equivalent would have overcome these 
objections, but we must not forget that at that time one 
of the chief objections to the slip-ring type of motor 
was that it required a starting device, and there was 
no real satisfactory and reliable magnetic starter 
available for elevator service. Thus the high-resistance, 
squirrel-cage motor across the line elevator gained its 
reputation for reliability. 

About 10 years ago the fact was apparent that the 
a-c. elevator for all car speeds and service was inevitable. 
While passenger elevators were at this time available 
for car speeds up to 300 ft. per min., they could not be 
considered as satisfactory for reliability, smoothness 
and noise. It was necessary, therefore, to plan for a 
large amount of research and development work. 

The equipment offered at this time generally used a 
3:1 motor speed ratio and a motor composed of a single 
stator and rotor with slots sufficiently large in each to 
permit two insulated. and independent windings. 
This required not less than five slip-rings. Although 
it is difficult to accelerate a slip-ring motor smoothly 
and rapidly with varying loads, it is even more difficult 
to retard from a higher to a lower synchronous speed, 
smoothly. It was also found impossible by any known 


method to reduce the motor noise sufficiently to make it 
satisfactory for all elevator service. 

Experience indicates that it is impossible to accelerate 
an elevator at high speed with a slip-ring motor rapidly 
and smoothly with varying loads except by what might 
be called a dual acceleration. 

Let us suppose that we have an elevator fully loaded; 
to accelerate it in the up direction will require approxi¬ 
mately the maximum torque available and a controller 
resistance may be used that produces maximum 
torque at standstill. This resistance may be cut 
out by any known method, either series relay, speed 
control, or definite time, and this operation will be 
satisfactory. 

p Wh en starting the fully loaded elevator in the down 
direction, however, the load is tending to drive the 
motor in that direction and its maximum torque 
added to the load tendency to start gives too violent 
an action, so it is necessary to use additional resistance 
for a smooth start under all loads. With this ad¬ 
ditional resistance it is impossible to utilize the full 
available torque of the motor when used in connection 
with the series relay or speed control method of 
acceleration. 

If we now use a definite time control for acceleration, 
it must be set slow in order to lift full load and not short 
circuit the resistance too rapidly, causing the motor to 
stall. This results in too slow an acceleration when 
lifting load, if the resistance is such as to give smooth 
operation when lowering the load. The only way 
found to insure the desirable results was by the use of 
a rapid definite time control acceleration for all surplus 
resistance down to that which produces maximum 
torque at standstill and from this point by series relay 
or speed control. 

With this type, it was found that with fairly rapid 
and smooth acceleration it was possible to insure lifting 
a 25 per cent greater load with a given motor. 

This, however, increased the cost considerably, made 
the controller more difficult to keep in adjustment, 
and still used slip-rings. 

During the next five years there were what might be 
termed radical developments, the results of which 
allowed the installation early in 1922 of the first a-c. 
elevators running above 500 ft. per min. 

With these developments and further experience the 
range of speed has been raised to 700 ft. per min. 

Definition of A-C. Elevator 
In order that there may be no misunderstanding as 
to the type of equipment considered when the term, 
a-c. elevator, is used, it should be defined as an elevator 
with alternating current applied only directly to the 
elevator motor, controller and brake with no conversion. 

Machine 

In the development of a-c. elevators for the higher 
car speed service, there were four vital units to be con- 
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sidered, each a complete problem by itself—the machine, 
the motor, the controller, and the brake. 

It was immediately apparent from known principles 
of a-c. motor construction that a suitable geared eleva¬ 
tor machine designed for the high ear speed service 
must be produced before much headway could be gained 
with the other units. 

It was not, nor is it now, practical to produce a 
gearless type, a-c. motor that is satisfactory for elevator 
service. The geared type elevator machine for the 
higher car speed service had been more or less neglected 
because a gearless type d-c. motor had been developed 
for this class of service. 

It soon became evident that the geared elevator 
machines, designed primarily for the slower car speed 
service, would have to be re-designed for the higher 
car speeds and would require refinements for passenger 
service that had not been available theretofore. 

Some of these important refinements were: a more 
sturdy machine throughout, more accurate machine 
work especially in connection with the gear, anti¬ 
friction bearings for the thrust of the worm shaft, 
antifriction bearings for the drum shaft, and gears which 
would be perfectly adjustable under load and running 
conditions of the elevator. 

The reason for the more sturdy machine and accurate 
workmanship is.to reduce vibration that may produce 
noise objectionable for this class of service. The 
antifriction bearings are necessary to increase the 
efficiency and the adjustable gear to give the proper 
running position. As further explanation for the 
adjustable gear, it will be appreciated that it is impos¬ 
sible to babbitt a gear in place and insure having the 
correct gear tooth contact under operating conditions 
with the load of car and counterweights on the machine. 

Inasmuch as the slower and moderate speed passenger 
elevators do not always warrant as high a degree of 
refinement as the higher speed passenger elevators, it 
is desired to confine the remainder of this paper to 
a-c. elevators with car speeds greater than 350 
ft. per min. 

The Motor 

The a-c. motor being used today for the higher 
speed passenger service represents the result of the 
accumulated experience of the last 15 years., It has 
been a very gradual and conservative development. 

It is at once evident that the motor must have more 
than one speed and these speeds must be positive and 
practically constant whether the motor is running as a 
motor or is driven as a generator. A direct-connected 
elevator motor is always required to operate under 
both conditions, and any motor which varies much in 
speed with load variations must be eliminated. 

Accordingly, the induction type of a-c. motor is the 
only one that has been found suitable for elevator 
service and giving the positive multi-speed control. 

As.was stated in the history, the slip-ring type of 


induction multi-speed motor was preferred until about 
1919 at which time the multispeed high resistance 
squirrel-cage motor was indicating advantages. 

Past experiences gave a basis for arriving at what was 
essential for a motor in order to produce what would 
be considered a satisfactory a-c. elevator for all service 
and speeds. Tests indicated that so far as is known the 
single stator with two independent windings and a high 
resistance squirrel-cage rotor does fulfill more of the 
requirements than any other type available. 

The more important of these requirements are out¬ 
lined and explained as follows: 

First, it must be practical to manufacture motors of 
at least 6:1 speed ratio and still have a motor of practical 
size to install on the elevator machine. As far as is 
known, 3:1 ratio was the maximum for slip-ring type 
motors. Squirrel-cage motors of from 25 to 150 
h. p. with 6:1 ratio have been in regular elevator service 
for over five years. 

Second, the motor must be as small as possible, 
especially the rotor. This is necessary in order to keep 
the kinetic energy at a minimum and allow rapid 
acceleration and retardation with a minimum of 
power consumption and starting current. It is apparent 
that the single stator squirrel-cage motor would be best 
fitted for this requirement. 

Third, it must be possible to design a motor suf¬ 
ficiently quiet in operation to allow its use in hospitals, 
hotels, apartments, office buildings, and private resi¬ 
dences. Because of the insulated polar windings in the 
stator and the rotor, the slip-ring type of motor requires 
slot combinations such that it is impossible to reduce 
noise sufficiently, while the squirrel-cage motor allows 
practically any slot combinations. 

Fourth, the motor must allow torque characteristic 
changes at the installation. This is necessary because 
it is practically impossible to determine the exact 
requirements in advance, and if it were possible, it 
would be impractical to design a motor for each applica¬ 
tion. These changes can be accomplished in either the 
slip-ring or squirrel-cage motors after the general motor 
characteristic requirements are known. 

Fifth, the motor must allow a smooth and positive 
control of speeds, whether accelerating or retarding, and 
still not require an excessive* number of switches or a 
complicated and expensive type of controller. This is 
necessary in order to obtain simplicity and reliability. 
As outlined in the History, the squirrel-cage motor is 
best suited for this requirement. 

Sixth, all sliding and exposed contacts should be 
eliminated. This is very essential because of the operat¬ 
ing conditions and requirements. It is a generally 
recognized fact that the squirrel-cage type of motor is 
the most reliable. 

Seventh, the motor must have sufficient radiation to 
permit the handling of maximum elevator service 
without abnormal temperature rise. This is one of the 
most important problems of design in connection with 
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high-resistance squirrel-cage motors for elevator service. 
It is possible to change the heating of a motor on 
elevator service a large per cent by changing its char¬ 
acteristics. It should also be recognized that standard 
commercial motor parts cannot be adapted to all 
elevator service. One of the most important facts 
to consider when designing a motor for elevator service 
is that its average running speed is usually less than 
one-half its full rated speed. This results in less than 
one-fourth the volume of air that a constant running 
motor would have. And last its radiating surface must 
be carefully considered. 

Eighth, it is very important to have a relatively high 
running and starting power factor. The reason for 
this is to reduce to a minimum the power line dis¬ 
turbance when starting or lifting maximum loads. 


magnetic noise being so objectionable in connection 
with elevators. In view of this it .seemed essential 
to use a polyphase magnet of a non-sealing type 
although this was a radial departure 1 from previous 
practise. 

Fifth, it was very desirable to use a type of magnet 
that did not require oil immersion, because oil around a 
controller has always been found object ionable. 

Sixth, the magnets should be such as to give a con¬ 
stant pull throughout their range of action. This is 
necessary in order to eliminate auxiliary retarding de¬ 
vices and yet insure against too violent an action hi 
closing the switches. 

Seventh, to insure low maintenance and reliability 
in operation, the units, contacts, and parts should be 
interchangeable to the extreme. 


Ninth, a motor should be capable of producing the 
maximum starting torque that is practical to obtain 
with given mechanical dimensions. This is necessary 
in keeping the kinetic energy at a minimum and in¬ 
creasing the acceleration and retardation efficiency. 

Tenth, the motor should produce the maximum 
practical torque per ampere in starting. What is 
meant by this is that it should produce the maximum 
starting torque obtainable without increasing the frame 
size. This is also necessary to obtain the most efficient 
acceleration and retardation. In this connection 
attention is called to the fact that it is more important 
to have efficient acceleration and retardation than 
efficient full speed operation in order to obtain the 
most economical elevator service. This fact is also 
very forcibly shown in connection with d-c. elevators. 

Exhaustive tests under actual operating conditions 
were necessary to develop a motor that would give these 
requirements. The facts found by these tests resulted 
in the development of a new motor of entirely new 
characteristics and one that was very different from 
any commercial motor available. 

Controller 

Next to the development of this motor the important 
problem was the development of a controller that would 
give certain required characteristics and could be 
adapted to control this motor as required. 

The important requirements for a satisfactory and 
reliable a-c., high-speed elevator controller are outlined 
as follows: 

. ft should be full magnetically operated. This 
is self-evident because it would not be practical to 
operate at high speeds with a mechanical control. 

Second, it should have a minimum number of 
magnets. This is necessary for simplicity and 
reliability. 

Third,, the magnets should be interchangeable, as far 
as practical. This is essential for reliability and low 
maintenance. 

Fourth, it is.very necessary to insure continuously 
against magnetic hum or chatter. This is because of 


Eighth, all bearings should be oilless io prevent t he 
collection of dust and to insure long life wit h a minimum 
amount of attention. 

Ninth, experience indicates that, a series or speed 
control of acceleration does not lend it.seif to elevator 
requirements; therefore a minimum number of dash 
pots or retarding devices should lie used ami, if dash 
pots, they should be large, sturdy, and oilless to insure 
against variation in their retarding action under all 
conditions of service, care, and atmospheric changes. 
Tenth, there. should be a minimum of auxiliary 
contacts. This is required to insure against, frequent or 
long shut-downs, because experience lias always proved 
that.small or auxiliary contact troubles more often do 
not indicate themselves and therefore are very difficult 
to locate, the result being long interval shut-downs 
while locating the fault. Attention is called to the 
fact that it is not the cost of a replacement contact of 
an elevator as much as the time out; of service, that is 
most important. 

In.the interest of reliability, then, there may be 
mentioned: sturdy construction, minimum number of 
magnets, minimum of auxiliary contacts, a minimum 
of power contacts for service rendered, and contacts 

that give long life. 

After considerable research it was found that a poly¬ 
phase rotating-magnetic-field rotary type of magnet 
would give the above requirements. It was found t hat 
using this type of magnet, however, would make the 
controHer somewhat more expensive to manufacture 
than with, other known types; nevertheless experience 
has proved that this increased first cost, was more than 
justified by the results obtained. 

Further, it is interesting to note that this type of 
magnet made possible other desirable features. It 
P hase protection, inherent phase 

cnnHetfff « a • ^ u,c lockinK ot the switch 
contacts in the off position, allows the forcing open of 

clos t ed Ct orv 3 ;oi >OWer they ““Really “tick 

control Z1T Versa ’ a f d glVeS the car < ' <mtrol switch 
WPW iff'“*? p f rate an<1 independent circuits, 
incidentally, this type of magnet allows a very simple 




Feb.1927 


THURSTON: A-C. ELEVATOR MOTOR DRIVE 


401 


system of wiring which is not what was originally 
anticipated. 

Figs. 1 and 2 are front and rear views of a controller 
using this type of magnet, and show the simplicity of 
wiring and the interchangeability of parts. 

Principle of Control 

After the development of the controller, the next 
and probably the most vital considerations to decide 
were the principles of control. 



Fig. 1 —Front View of A-C. Elevator Controller 

It was evident that in entering a new field of applica¬ 
tion (because it is believed there were no a-c. elevators 
in operation with car speeds above 400 ft. per min., 
prior to 1920), there were many problems to overcome. 
The principal and most important one of these was 
safety, which led to conclusions that proved very 
important, 

When it is desired to stop quickly, the neutral or 
reverse position of the car control switch should pro¬ 
duce this result, or in other words when traveling at 
full speed and immediately moving the car control 
switch to the neutral or reverse position, all of the 
normal stopping means must act together. This 
principle was old with d-c. elevators but had never been 
available with a-c. elevators. This result or its 
equivalent is essential for smooth, rapid, positive, and 
safe operation of a-c. elevators at the higher car speeds. 

It will also be appreciated that this equipment has 
no run-away characterisitics, because there is no genera¬ 
tor action from an induction motor when disconnected 
from the power line. Should the power fail, all devices 
will immediately return to the stop position regardless 
of the load, speed, or direction. 


It was also found desirable for the control to be such 
as -to tend to increase the power factor of the motor, 
thereby aiding in reducing any line disturbance under 
operating service to a minimum. It is probably of 
interest to know that many of these elevators are 
operating very satisfactorily in buildings having a 
common transformer for lights and power, and ex¬ 
periencing no trouble from light flicker. 

The Brake 

It is rather generally understood that an elevator 
magnet brake is applied by a compression spring or by 
gravity and released and held released by a magnet 
while the elevator is operating. 

The major problem is the development of a suitable 
a-c. magnet that will give reliable operation and still be 
such that it will be suitable for all classes of work. 
The important necessary requirements are outlined as 
follows: 

First, it must insure against a magnetic hum or 
chatter under all conditions of service, such as low 
voltage, want of adjustment, collection of dirt, etc. 

Second, it must be one that does not require oil 
immersion for cooling or reducing noise. Further 
objections to the use of oil immersion are its effect in 
varying brake operation with atmospheric changes and 
the liability of getting oil on the brake drum. 



Fig. 2—Rear View of A-C. Elevator Controller 

Third, it must insure against the violent action so 
common to a-c. magnets. 

These requirements prompted the following: that 
it should be polyphase, non-sealing, giving a constant 
pull, and be reciprocating in action. 
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After considerable research a magnet was developed 
that fulfilled all of the above features. 

A sectional view of this magnet is shown in Fig. 3. 
Its principle of operation is the taking advantage of the 



Fig. 3—Non-Sealixg A-C. Brake Magnet 



Fig, 4—Characteristic Curves op A-C. Magnets 
Curves A, B, and C are for the rotating-field type of magnet. Curve A is 
for a cylindrical coil. Curves B and C are for tapered cores, Curve C being 
the most desirable design. Curve D is a characteristic of the ordinary a-e. 
magnet. 


end pull on a polyphase induction motor when the rotor 
is axially shifted out of line with the stator. This 
characteristic everyone is familiar with, and it is also 
generally known that the synchronous rotating mag¬ 
netic field of such a motor is always constant. 

Now if only the rotor iron is used with no closed 
winding on the rotor, there will be little rotative action 
but the end pull action remains the same, and its 
value will be absolutely steady and entirely free from 
a cyclic vibration. 

With a laminated core having a surface parallel to the 
axis, the end pull curve characteristic is as shown by 
curve A in Fig. 4. The abscissa of this curve is shown 
as inches of stroke or movement from the home posi¬ 
tion, shown at zero, with the extreme right hand end 
showing the position at which the core is about to leave 
the stator. The ordinates are shown as the end pull 
in pounds necessary to maintain any particular position 
or stroke. 

It was found that the core surface can be tapered 
slightly and produce curve B and by a different tapering 
to produce a curve similar to C which was the desired 
characteristic curve for this particular application. 

It should be remembered that other types of a-c. 
reciprocating magnets have a characteristic pull curve 
similar to curve A except that the lower or home 
position will follow curve D. With this it is seen that 
the magnet could not be required to operate and hold 
more than the lowest point of curve D and with the 
maximum as shown by curve A it inherently produces 
the violent action of a-c. magnets so familiar to electrical 
engineers. 

Test Records 

The following test records were taken at random 
from files and it is hoped they will prove of interest. 

Figs. 5, 6, and 7 were traced from tests made by one 
of the largest power companies and are of an elevator 
rated for 1500-lb. capacity at 425 ft. per min. The 



Fig. 5—Oscillogram Showing Current in A-C. Elevator Motor, Starting, Running, and Stopping 

At/the elevator is in fidl s^e<L 


CURRENT <ri 
PHASE B |0 


VOLTAGE jn 4 
PHASE B 5 0 t- 

§ 1 
] 



time in seconds i 

Fig. 6—Oscillograms Showing Elevator Operation with Overload 
The conditions are the same as those in Fig. 5 except that the car carried 2000 lb., an overload of 33 per cent. 
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motor is a 3:1 speed ratio, 220 volts, two-phase. Fig. 5 
is an oscillogram showing the amperes in each phase 
with time in seconds as abscissa. In this particular 
operation the elevator was run from the third to the 
fifth floor with 1000 lb. in the car. Starting from the 
left at zero time, position a, the motor was connected 



Fig. 7—Current Curves of Elevator Lifting Overload 
The load is 2000 lb. The points c, d, e, g, and h correspond to similar 
points in Figs. 5 and 6. 


for its low speed. Position b shows the current on 
transferring to the high-speed connection. Position c 
shows the closing of the first accelerating switch. 
Positions d and e show the closing of the second and 
third accelerating switches. Position / shows that the 
elevator has attained approximately full running speed 
and that this has taken place in 2 3^ sec. Position 
g shows the transfer to low speed for slowing down or 
stopping and position h shows the point where motor 
was disconnected for stopping, thus completing a two- 
floor travel in less than five sec. 



Fig. 8—Performance Curves of Elevator in Full Runs 
from First to Eighth Floors 
Elevator is rated 2500 lb. at 510 ft. per min. with a three-phase, 220-volt 
motor with 4:1 speed ratio. The motor carried 2031 lb. Position k is 
starting upward; m, accelerating upward; n, running full-speed upward; 
p slowing and stopping after upward run. Point q is starting downward; 
r, accelerating downward; s, running full-speed downward; t, slowing and 
stopping after downward rim. 


Fig. 6 shows oscillograms of the voltage and current 
in one phase with a, b, c, d, and e, representing the same 
positions as shown in Fig. 5, but with a more rapid 
time scale and lifting a load of 2000 lb. in the car. It 
should be noted this is an overload of 33 per cent. 

Fig. 7 is a curve plotted by the power company from 
an oscillogram of the amperes in each phase while the 
elevator is operating from the third to the fifth floor 
with a load of 2000 lb. 

Figs. 8, 9, and 10 were taken by another large power 
company and are curve-drawing instrument records; 
they are to be read from right to left. This elevator 
has a rated capacity of 2500 lb. at 510 ft. per min., the 


motor being a 220-volt, three-phase and having a 4:1 
speed ratio. The same letter on each curve represents 
the same operation in all three figures. Position k 
is the point of starting in the up direction, mis accelerat¬ 
ing in the up direction, n the full speed running in the 
up direction, p the slowing down and stopping in the 
up direction, q the point of starting in the down direc¬ 
tion, r is accelerating in the down direction, s the full 
speed running in the down direction, and t the slowing 
down and stopping in the down direction. 






Fig. 9—Elevator Performance Stopping at Alt, Floors 
Elevator, load, and notations are the same as in Fig. 8 


It should also be noted all these tests were with a load 
of 2031 lb. 

Fig. 8 shows full runs between first and eighth floors, 
the upper curve being for amperes and the lower one 
for power factor. 

Fig. 9 shows full runs between first and eighth floors 
but stopping at all intermediate floors. 

It is understood that this installation in actual service 
is showing an average power factor in excess of 80 per 
cent. 

Fig. 10 is of particular interest because it shows the 
effect on the current when the elevator is traveling at 
full speed in each direction and an instantaneous full 
reverse movement of the car control switch is made. 



Fig. 10—Effect of Reversing Elevator when Running 
at Full Speed 

Elevator, load, and notations are the same as in Fig. 8 

Without giving detail thought to the matter, there 
has been a general impression that an a-c. elevator 
motor does not return power to the line as a generator 
when the load is tending to drive it above its synchro¬ 
nous speed. In order that this impression may be cor¬ 
rected, it is found from experience that on elevators 
with car speeds from 400 to 700 ft. per min., the motor 
will supply the controller and brake losses and in 
addition return from 25 per cent to 40 per cent of its 
rated hp. back to the power line as a generator: 
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Discussion 

P. A. Lindemann: Unfortunately Mr. Thurston’s paper 
does not give speed-time curves of the high-speed geared a-c. 
elevator. I should like to know the details of the stopping 
period of a fully loaded elevator having a ear speed of 700 ft. 
per min. and the brake applied without appreciable slow down by 
the motor. 

I rather expect an unevenly divided period of deceleration with 
too abrupt an ending due to the absence of dynamic braking, and 
too great a pressure on the shoes at low rotor speeds. I wonder 
if this assumption is correct? 

It would also be interesting to know as to the thrust perform¬ 
ance on a-c. elevators operating at car speeds of over 500 ft. 
per min. 

To me it seems that the electrical efficiency would be higher, 
and cost of maintenance lower, were the compensator principle 
of control used, instead of the series resistance type which is 
liable to unbalance the phases due to loose and broken grids. 

J. Lebovicii We would appreciate some description of the 
construction of the motor mentioned in this paper and would 
like to know' in what respect it differs from a high-resistance 
Rotor squirrel-cage motor. We would appreciate having some 
speed-Aorque characteristics of the motor; also the slow-down 
characteristic. 

We also would like to know if the motor is of two-speed, two- 
winding type. 

V e notice the statement that an elevator motor must allow 
torque characteristic changes at the installation. I would like 
to know how these changes could be made at the installation 
outside of varying, of course, the resistance in series with the 
motor stator. 

We also notice that the number of switches or the number of 
magnets should be kept to a minimum. While we agree wfith 
this .statement, w r e believe that the number of steps of accelera¬ 
tion should be as high as possible. 

We would like to call attention to the development of a 
controller using an induction regulator for the purpose of apply¬ 
ing a varying voltage in an infinite number of steps to the elevator 
motor. Such a control approaches the variable-voltage control 
of the d-c. motor. 

E* Thurston: The question by Mr. Lindemann in regard 
to the stopping characteristics of a 700 ft. per min. a-c. elevator, 
if understood correctly, is a veiy important one. While he 
mentions the absence of dynamic braking, it is believed the infor¬ 
mation desired is the stopping characteristics, when the controller 
is moved quickly to the off position. 

The apparatus covered by this paper is such that there is 
always automatic dynamic braking in slowing down, stopping, or 
reversing from high speed independent of what the operator does. 

The accompanying curve gives a typical test taken by an 
oscillograph. Curve A shows where the operator is slowing 
down the elevator by the motor only and running a short dis¬ 
tance C on the slowest speed point and finally stopping at point D 
by the action of the brake. 

Curve B is one showing the action when the operator quickly 
moves the car control switch to the off position. 

It is, of course, to be appreciated that by adjustment any rate 
of retardation desired can be obtained. 

It is felt this feature of combined braking action is part of the 
development that made the a-c. elevator possible for higher speed 
service. 

As to his next question in regard to the thrust performance on a-c. 
elev ators, experience has indicated that there is no difference in 
in the use of a-c. from that with d-c. power. If the question is in 
regard to the geared-type machine for the higher car speeds, we 
would cite as an illustration, a machine designed for either duty 
of 10,000-lb. capacity at 150 ft. per min. or for 2500-lb. capacity 


at 600 ft. per min. It is only necessary to change the gear ratio, 
to change from one to the other rating, and it surely is self-evident 
that the thrust loads, the tooth load and machine stresses are less 
on the 600 ft. per min. than on the 150 ft. per min. service. 

Experience has proven that the wearing qualities of the gear in 
the higher speed service is much better. 

The thrust load may be calculated by different methods and it 
will be found that for full load lifting the 10,000-lb. service will 
have a thrust load of four times that of the 2500-lb. service, and 
for all allowable acceleration and retardation rates, the thrust 
loads of the 10,000-lb. service will be more than twice that of the 
2500-lb. service. 

Incidentally, it will be of interest to know that the 10,000-lb. 
service requires from 20 to 25 per cent greater motor horse power 
than that of the 2500-lb. service, even though the actual work 
done is the same. This is due to the much higher efficiency of 
the higher speed gear ratio, and is a fact well known in the gear 
art. 

The question of compensator principle of control or resistance 
was raised and experience has indicated as yet that the resistance 
has worked out the best. It does not increase materially the 



Fig. 1 


power consumption but does increase considerably the starting 
pow r er factor, which is a very vital point in connection with power 
companies, especially where the lights and power are supplied 
from the same transformers. 

The first question by J. Lebovici in regard to the motor char¬ 
acteristics is a very logical one, but it would be too ’long to go into 
the discussion of that at this time. It is hoped that in the next 
year or two a complete paper on motor development can be given. 

His next question is in regard to the winding of the motor. 
The one to which this paper refers has a single stator, with two 
windings in the primary and with the high-resistance squirrel- 
cage rotor. However, as far as safe operation is concerned it is 
immaterial whether it is a single winding reconnected, or a 
double-type motor, providing it can be made to produce the other 
desirable characteristics mentioned in the paper. 

His next question is in regard to a minimum number of mag¬ 
nets. This is one of the desirable features of the rotating type of 
magnet allowing the reduction to a minimum. Referring to 
Fig. 1 of the paper, it will be noted there are four magnets, and 
that each magnet can operate four or eight accelerating switches 
and results in a very reliable controller. 

He next refers to a controller that uses an induction regulator 
or giving a varying voltage. This is a comparatively new devel¬ 
opment, and it is hoped in the near future we may have a paper 
by those who are building this type of controller. 

Since this brings up the question of smoothness or the elimina¬ 
tion of the sensation of accelerating or retarding steps, it is 
desired to state that it has not been found difficult entirely to 
eliminate these sensations with the equipment covered in this 
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Synopsis. This payer deals with an optical method applied to 
watthour meter testing. The method as presented overcomes, to 
a great extent, personal error, and lessens the time required through 
the use of measured light impulses. It gives instantaneous com¬ 
parison between watt-seconds on two measuring devices. 

The objects of this method are: 


First: To reduce the time of laboratory tests, acceptance tests, and 
re-calibration. 

Second: To reduce personal error, and to increase the accuracy of 
the test. 

Third: To provide a device that gives precision instrument 
accuracy. 

Fourth: To make time devices in precision tests unnecessary. 


Introduction 

HE present-day ideal of calibrating and checking 
watthour meters requires maximum accuracy with 
minimum loss of time. This paper deals with a 
device that reduces the time required per meter and 
increases the accuracy of the test by eliminating the 
human error factor and giving large indications of small 
increments of speed. In reality, this device is a watt¬ 
meter with a light vernier scale for measuring watt- 
seconds and giving instantaneous indications of meter 
speed. 

This device-measures watts with a high degree of 
precision, then- transfers the measurement into a cor¬ 
responding number of light impulses per second. The 
meter disk is calibrated in watt-seconds by means of 
marks placed on the circumferential edge of the disk. 

In operation, a load is placed on the meter and the 
light impulses are then synchronized with the lines on 
the disk. When thus synchronized the markings 
appear to be stationary. The error of the watthour 
meter is then read on a balance indicator. By this 
method the accuracy of the meter is checked. 

For calibrating the watthour meter the frequency of 
the light impulses is kept proportional to the meter 
load. Then if the meter is running at an incorrect 
speed, the markings on the disk will appear to move. 
For high speed they will progress and for low speed 
they will retrogress. To calibrate the meter it is 
adjusted until the markings appear stationary. 

This apparent standing still and. moving of the disk 
markings is the stroboscopic effect, which is more or less 
familiar to most engineers. 

Principles of the Device 

To illustrate the principles, it may be well first to 
refer to Fig. 1 which shows a portable outfit with hand 
adjustment only for controlling the frequency of the 
light impulses. This outfit consists of two principal 
parts. The first is the light-impulsing machine con¬ 
sisting of a driving motor on whose shaft are mounted a 
commutator which makes and breaks the light circuit 
and a magneto whose voltage varies as its speed. A 
hand rheostat is used to adjust the motor speed. The 
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second part is the balance indicator. This is similar to 
a polyphase wattmeter except that one element is 
replaced by a standard d'Arsonval d-c. voltmeter 
element. In operation the two elements mechanically 
oppose or buck each other. To the a-c. element is 
connected the same load that passes through the watt¬ 
hour meter under test. The d-c. element is connected 
in series with the magneto and its torque is proportional 
to the speed of the motor or the frequency of the .light 
impulses. 

When a meter is to be checked it is connected to a load 
as shown in Fig. 1. The speed of the motor is then 
adjusted by the hand adjuster until the markings on 



Fig. 1—Connection Diagram for Portable Stroboscopic 
Watthour Meter Checker 

May be used with calibrator by means of transfer switches not shown. 

the meter disk appear stationary when viewed by the 
impulsed light. The error in meter speed is then read 
from the balance indicator. 

The functioning of the parts may be explained as 
follows: At the given load the meter revolves at a 
certain speed. This load also causes a certain torque on 
the a-c. element of the balance indicator. The speed of 
the motor is adjusted to synchronize with the disk 
markings. This causes the magneto to generate a 
certain voltage and this acts on the d-c. element of the 
balance indicator. If these two elements exactly 
balance, then the meter is running at the correct speed 
for the given load. If the meter is running too fast, the 
frequency of the light impulses must be increased to 
bring them in synchronism with the meter disk. On 
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increasing the light frequency the speed of the magneto 
is increased which increases its voltage and this in¬ 
creases the torque on the d-c. element of the balance 
indicator causing it to read high. 

Conversely if the watthour meter is running too slow, 
the balance indicator will read below normal. 

The foregoing illustrates the method of checking the 
accuracy of a meter. For calibrating, the method is 
varied as follows: The speed of the motor is adjusted 
so that the balance indicator reads 100 per cent speed 
or no error. Then if the watthour meter is running 


Percent Indicator 




Fig. 2—Connection Diagram oj? Stroboscopic Watt- 

hour Meter Calibrator and Checker 

at an incorrect speed the markings on the disk will 
appear to rotate. There will be progression for a fast 
meter and retrogression for a slow meter. Adjustments 
may then be made on the meter until the marks appear 
stationary which will mean that the speed is correct. 

Laboratory Form of the Device 
The job of holding the balance indicator at the point 
of 100 per cent speed is performed by hand in the port¬ 
able device but in the laboratory form of the device 
this is performed by an automatic regulator. Such a 
regulator is necessary where a high degree of accuracy is 
desiied as it eliminates the necessity of maintaining a 
balance by hand. This regulator is shown in Fig. 2 
which is a design of the laboratory device and connec¬ 
tions. The regulator consists of three main parts. 
The first part is a wattmeter of the Kelvin-balance type 
which takes the same load as does the tested watthour 
meter. The second part is a standard d-c. voltmeter of 
the d Arsonval type. This d-c. meter is actuated by 
the magneto already mentioned and its torque is 
proportional to the speed of the stroboscope motor. 
These two elements are mechanically connected in 
opposition and by means of contacts and a reversing 
control motor (the third part), they control the series 
resistor of the stroboscope motor. By this arrange¬ 
ment the speed of the stroboscope motor and the 
frequency of the light impulses are maintained pro¬ 
portional to the watthour meter load. 

The foregoing is a general description of this device 
and in the following paragraphs further descriptions 


will be given of the four main parts, (1) the watthour 
meter to be tested, (2) the regulator balance, (3) the 
light impulsing machine, and (4) the balance indicator. 

The Watthour Meter to be Tested 
The watthour meter to be tested must have its disk 
marked with a number of equally spaced lines, usually 
300. Fig. 3 is an illustration of a commercial five- 
ampere, 115-volt watthour meter with marks on the 
edge of the disk. These marks are carefully graduated 
so that there are 300 equidistant marks filled with black. 
However, the black may be omitted, as the lines are 
visible and are much sharper without the black. 

Disks for new meters and old meters may be marked 
with precision at a very low cost. The major expense 
will be in changing the disks. Standard disks may be 
used; but the graduations must be perfect and of the 
proper number to match the range of speed of the 
calibrator. 

The Light-Impulsing Machine 
The light-impulsing machine is composed of a high¬ 
speed series motor (a-c.), a commutator and brush ring, 
and a speed indicating magneto, all of which are 
mounted on a heavy bed plate. The shafts are coupled 
with a high-speed pin coupling of large ’ diameter, the 
flexible portion being mounted on the motor shaft. 



Disk 


The motor is of the high-speed, high-torque type 
so that it will follow the regulator quickly. This fea¬ 
ture would cause the regulator to hunt if it were not 
proper y damped. A magneto with a straight line 
spee voltage curve is used and direct connected to the 
m ° " ^ means a special coupling. This magneto 
must have annular ball bearings and a very well made 
commutator. • 

The light-impulse commutator mounted on the non- 
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flexible end of the coupling has eight sections equally 
spaced consisting of four metal bars and four insulated 
sections. The metal bars are held in place by shrink 
rings which short-circuit them, forming a simple flash¬ 
ing commutator. The brush support is a ring section 
with one permanent and one adjustable brush. The 
adjustable brush may be adjusted to the proper “cut¬ 
off” or “light-on” position to produce a clear'vision of 
the lines. At slow speed this adjustment is proportional 
to the ratio of width of space to the width of line on the 
disk. At high speed such adjustment is not required. 
It may, therefore, be set for the low-speed point and 
fixed, namely at 5 per cent of full load as this is about 
the lowest point at which the stroboscopic effect has 
been found satisfactory. 

A special lamp is connected with a battery or rectifier 
unit in series with the commutator, so that for each 
revolution of the magneto, the light is on and off four 
times. This means that the lamp will have to flicker 
at a maximum frequency of 300 X 25 = 7500 cycles per 
minute. This is too fast for standard lamps, and a 
high-speed lamp such as used in aero signaling was 
developed in miniature for this work. It is necessary 
to have a cooling medium and hydrogen gas is used. 
It was found that 15,000 light periods per minute could 
be recognized by means of the stroboscope when using 
this lamp. The possibility of air leaking into the lamp 
makes it necessary to enclose the lamp completely and 
to vent the housing to provide for explosion. The 
explosions are very powerful and danger exists unless 
properly guarded lamps are used. The current con¬ 
sumed by the lamp is above normal, because the gas 
absorbs a large portion of the heat at a high rate. 

A flood-light may be used for gang or group testing, 
either for one bench or for several. In fact, the over¬ 
head lighting in the laboratory may be changed to 
operate with this, system. Where the room has ex¬ 
ceptionally good daylight, it may be best to use a small 
hand lamp with a focus beam; or the operator may use 
dark glasses. Dark glasses seem to protect the eyes, 
preventing eye fatigue. 

Balance Indicator 

The balance indicator acts as a check on the regulator 
when calibrating, and as an error indicator when 
checking. In the laboratory it should be mounted 
directly above the tester’s position at the test bench. 
It is similar to an indicating polyphase wattmeter 
except that one element is a d-c. voltmeter of the 
d’Arsonval type and is connected to buck the watt 
element mechanically. Both elements have a uniform 
scale and, as a result, the pointer indicates the difference 
which may be calibrated in watts or in per cent at one 
load. The author is devising an instrument which will 
read per cent for all loads. The connections for the 
balance indicator are shown in Figs. 1 and 2. 


The Automatic Regulator 

In making tests, no means is provided for keeping the 
watthour meter load absolutely constant. Therefore, 
in calibrating, the speed of the stroboscope motor must 
be varied as the watt load changes and for great 
accuracy this must be done by an automatic regulator. 
This regulator keeps the speed proportional to the load. 
As already mentioned the a-c. measuring element of the 
regulator is connected to measure the same load as that 
which the watthour meter measures, and the d-c. 
voltmeter element is connected to the magneto. These 
two elements are mechanically connected in opposition. 
The measuring elements, by means of contacts and the 
reversing motor, control the series resistor of the 
commutator motor. The contacts are of the standard 
three-point type such as are used in graphic meters. 

As the wattmeter element is of the Kelvin-balance 
type, it has a straight-line scale of watt values. This 
means that there must be a buck-balance with a similar 
straight-line scale. The standard d-c. voltmeter of the 
d’Arsonval type may therefore be used for a buck 
balance. With these two elements mechanically con¬ 
nected in opposition, they will find a point of balance 
over their entire range. This means that the speed 
must be proportional to the watts; otherwise the 
balance will close its contacts, causing the control motor 
to adjust the series resistor until a balancing speed is 
obtained through the voltmeter element. This part 
of the scheme is the heart of the device. Taps for 
voltage, a range for various current capacities, and a 
changeover switch on the voltmeter element for various 
makes of meters should be provided. 

When a precision wattmeter is used, the torsion head 
should be left intact, so that it may be checked with a 
potentiometer, the calibration of the device being thus 
established from this point. The torsion spring will 
have practically no effect, as the balance operates at 
zero torque, and with practically no movement. On 
the other hand the torsion head may be set to balance 
part of the meter torque and thus eliminate the neces¬ 
sity for some of the switches.and taps. 

The voltmeter element should be of the finest work¬ 
manship; also it should be connected to the watt¬ 
meter through suitable mechanical linkage and the 
entire balance must be properly damped. 

This part of the device should be built so that it may 
be located near a standardizing bench, thereby facilitat¬ 
ing a check test on the outfit. 

Operation 

The general diagram of connections, as shown in 
Fig. 2 gives an idea of the electrical connections used for 
the laboratory set. A source of alternating current is 
required for loading the watthour meter, the Kelvin 
balance, and the wattmeter element of the per cent 
indicator. A small source of direct-current is required 
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for the light. This may be a battery, or rectified alter¬ 
nating current with a wave filter in the circuit. 

Several load switches are required to cover the testing 
range. The major switches cover full load, light load 
and 50 per cent power factor. 

To make a check or “as found” test throw the regula¬ 
tor switch to the check position which cuts out the 
regulator and cuts in the hand control. Then adjust 
the set until the lines stop moving and read the per cent 
indicator. 

In calibrating, the power is supplied to the load 
deflecting the watthour meter, Kelvin balance, and 
per cent meter. This upsets the balance, starts the 
watthour meter, and gives an indication on the per cent 
indicator. The Kelvin balance then closes its contacts 
which control the motor on the rheostat. This 
decreases the resistance in the commutator-motor 
circuit until this motor reaches a speed at which the 
voltage generated by the magneto produces a torque 
on the voltmeter element that bucks the Kelvin balance 
and equals the torque developed by the watts in the 
meter circuit. The contacts then open and regulate 
the speed of the commutator motor by increasing or 
decreasing the series resistor. 

The speed of the commutator is the same as that of 
the motor, so that the light is impulsed at a proportional 
speed. This speed depends upon the number of seg¬ 
ments on the commutator. When the frequency of the 
light impulses is the same as that of the movement of 
the lines on the watthour meter disk, or the disk line 
movement is synchronized with the light, the lines 
will appear to stand stationary, which is the well-known 
stroboscopic effect. If they are not synchronized, 
there will be progression for high speed on the meter 
or retrogression for low speed on the meter, indicating 
that the meter is out of step or calibration. In some of 
the standard meters, moving the adjustment screw in 
the direction of the line motion will correct the error. 

While this action has been taking place, the balance 
meter has been indicating the difference in calibration, 
as it functions the same as does the regulator. The two 
elements are bucking and as a result, when speed is 
proportional to watts, this instrument should read 
zero or 100 per cent. When the regulator is in use for 
calibrating, the balance indicator is s im ply a check on 
the regulator; but when the hand control is used for 
checking, this indication reads watts error plus or minus, 
slow or fast. 

At this point it may be well to bring out the fact that 
the disk markings may appear stationary at harmonic 
values of speed, but the image is very poor at such 
values. At the calibration values the image is very 
sharp and clear. Also, noting the action of the per cent 
indicator and the range of calibration of the watthour 
meter will prevent mistakes. 

After the above mentioned operations have been 
taken care of, note the per cent indicator to see if the 
regulator is functioning properly. Then observe the 


line movement and adjust the tested meter until the 
lines stop. Then test for the other load and power 
factor by simply throwing the proper switch, as the 
regulator will take care of the change. 

The meter under test may be connected after the set 
is started if quick-connection test blocks are used, as 
the regulator will take care of the system when the test 
meter is out of the circuit by stopping the commutator 
motor, exactly as it would for a no-load condition. This 
means that no time is lost while changing meters. 
Because of a possible short circuit at the lead ends, 
this procedure is not advisable if leads are used to 
connect the test meter. 

Accuracy of Test 

As personal errors of switching are eliminated in this 
laboratory set the accuracy will be materially improved. 
A second point is that a precision wattmeter may be 
used, if desired, giving maximum accuracy while 
calibrating. Observation of the motion of the lines is 
made through a cylinder type of lens which apparently 



Fig. 4—Schematic Drawing of Portable Stroboscobic 
, Watthour Meter Checker 

speeds up the motion in case of slow speed. The author 
has tried several types, and this cylinder lens gives the 
best results, although a telescope with cross hairs will 
give minute measurements. 

It has been found by test that progression of one 
line one division in 30 sec. is quite perceptible with the 
unaided eye. Therefore the error which may be dis¬ 
cerned equals a movement of 1/30 division in one 
second. 

_ load on the meter used is 500 watts and the 
disk constant is Therefore at 500 watts the disk 
will revolve at the following speed: 

500 

71 ~ 3600 ^ = 0-4167 rev. per sec. 

As there were 300 equal divisions on the disk the 
number of divisions per second is 0.4167 X 300 = 125 
divisions per sec. But the error which can be read 
equals 1/30 division per second. Expressed in per 
cent this is 1/30 — 125 x 100 = 0.026 per cent. Trans¬ 
lated into watthours at full load this equals: 

500 X 0.026 -s- 100 =* 0.13 watt-hr. 
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I )iK<‘HKSioil 

W. B. liouwcnhovcn: Tho method described by Mr. 
Sparkes is very ingenious. The arrangement that ho has pro¬ 
vided, fur changing the speed of his Hashing; lain]) so as fo bring 
if into synchronism willt llm marks on 1,1m motor disk, makes it, 
possible l.o uno t lm device to ebook over a, wide range of .speed. 

Tho method .should give accurate results, as the torque of 
the wattmeter measuring the a,-o. load, is balanced by the torque 
of a, d-c. volt motor element supplied wil h eurront from a, magneto 
driven from the Hasher shaft, ("are must be taken to see that 
the armature reaction of the magneto is negligible, otherwise 
errors may bo introduced. 

I regret to note that the author has found if necessary to put 
M(K) marks on the meter disk. This requires a high-speed lamp 
of special const rue! ion, and special apparatus in t he laboratory 
always means trouble. If, however, he had used fewer marks 
and a standard lamp, which would operate at a low speed, he 
could not have obtained such a- high degree of accuracy for his 
device. 

I think that his statement, that his method is excellent, for 
gang motor testing is open to question. 

Ah 1 see it, the advantages of Mr. Sparkes’ method, depend 
upon the fact, that, if is easier to detect a, departure from zero 
than it is to read a under accurately, Mr. Sparkes' method 
also does away with t he necessity of calculation and meter read¬ 
ing, as tho scale provided in his device reads per cent error 
directly. It should give good results in the hands of the unskilled 
meter tester. 

Ik J. Brimni 1 am very much interested in some points made 
by Dr. Kouwenhoven, particularly to anything that, would give 
trouble in the future in the apparatus, especially such that, de¬ 
velops after service. 

In regard to the number of marks on the disk, can they be 
reduced? And the lamp, could it ho changed? 

And also its use in gang testing? There are other devices on 
the market, I would like to hear somebody’s opinion regarding 
11mm. 

II. .1. IVlaltesdeet Mr. Sparkes luts made a distinct advance 
that doubtless will eventually be of beuellt, to meter manufac¬ 
turers and electric light and power companies alike. 

For many years efforts have been made to reduce the time 
required for testing watt hour meters. Mr. Brown has just 
spoken of the group methods of testing. There are a number of 
such methods in use, and also a number of methods for making at. 
least a part of the test automatic and so eliminating the personal 
error. 

Clroup methods reduce the time required not. only for deter¬ 
mining the accuracy of llm meters, hut also for making the 
necessary records and for removing the covers, hanging the 
meters in position, connecting them in circuit,, and reversing those 
operations, If has been found that the actual time required for 
testing a meter is small in comparison with Ihc total time re¬ 
quired for the entire procedure. 

However, every advance of fids kind in reducing the time 
required for the test is am incentive to reduce the time for the 
balance of the operation, and for that reason I do not wish at all 
to disparage Mr. Sparkes* contribution, 1 think that efforts 
will follow to catch up on t la* other end of I he process, 

1 do not understand just what Mr. Sparkes means by his 
statement t hat he is able to make tests to an accuracy of (MH)*J(> 
per cent. As I understand it, in the apparatus which Mr. 
Sparkes bus described, the accuracy is dependent upon the pre¬ 
cision of the per cent indicator and llm accuracy to which it 
can be read. Possibly 1 am mistaken about that. 

One of the most desirable features of Mr. Sparkes* method is 
the fact that the meter is tented at speed no that any possible 
errors of start and stop do not otder into the result. 

Due other point which Mr. Sparkes has not brought, out,, 
but which should be borne in mind, is that his method is a dis- 
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tinet contribution to human welfare. Anyone who has intimate 
knowledge of the fediousness involved in counting motor revolu¬ 
tions day after day, will appreciate how relief from t ha I monotony 
may add to tho desirability of the meter tester’s work. 

(i. A. Sawlm Referring to Mr. Sparkes’ paper, the item 
that will most interest the operating man is his statement that, 
this testing device will reduce personal errors and save time. 
Just how is this to be accomplished? 

To illustrate, supposing wo paint a picture of the meter man 
of the present, and a possible meter man of the future. Today 
tho motor man goes into ihe premises with a, rotating standard 
and his load-box, connects up, and then counts tho revolutions 
of the disk through his test meter. In order to avoid stopping 
and starting errors, and possible personal errors, lie has to take it 
reading of three-quarters of a, minute to a minute long and usually 
checks himself three times. 1 think that, is the rule of most 
operating companies. 1 fo does I he same thing at full load and at, 
light load. Then if the motor is incorrect, la* adjusts it a little 
bit and counts revolutions all over again, and he continues this 
same process until lie gets the meter correct. Now the meter 
man of the future comes in. He has a box in his hand, which is 
probably about the same size as his present rotating standard, 
tnaybe smaller, and Ids load-box. He connects up, puts tho 
testing device in front of the meter, adjusts the hand rheostat, 
until tin* lines of the disk stand still, and reads bis indicator. 
He has obtained his meter accuracy. He will probably check 
himself once, to make sure that he is right. lie does the same 
thing at full load and at light load. You can see how much 
quicker that is, than the present method. 

Now take your motor room whore you have the laboratory 
device: in this ease the dickering of the light, is held constant 
by the standard meter. The tester knows that if the lines are 
going one way tho meter is fast; the opposite way it, is slow. 
Ib* puts a screw-driver into the full-load adjustment, turns that, 
adjustment gradually; watches the lines slow down and dually 
stand still. The meter is calibrated. Of course, he will cheek 
himself to make sun* he is correct, but, there are no colliding revolu¬ 
tions of the disk, no long waits, no stopping and starting errors. 

As Mr. Sparkes says, the device is still in. the experimental 
stage, but 1 think it marks a step forward. If we could only 
get a,way from that old bugbear of counting revolutions, it. would 
be a blessing. 1 think Mr. Sparkes has earned a great deal of 
credit for showing us a possible way toward that end. 

A. K. KitowUoni 1 should like to ask Mr. Sparkes to give an 
answer to this question: Does Ihe logarithmic manipulation of 
t he torque of l he percent, indicator assure get ting I he same degree 
of accuracy of the percentage indication on a. fit) per cent power- 
factor test as on a J(H) percent power-factor test? 

Tho other question I would like to ask is: Does tho limitation 
of the use of harmonic values of speed prevent accurate testing of 
the meter at, 200 per cent or even ,'{()() per cent of load, for which 
t he claim is made, that, a large number of meters now a valla,hie 
are quite reliably accurate? 

I”, van .Sunken Kolffx Mr. Sparkes evidently needs in the 
tachometer a magneto that for a certain range of speed will 
give a perfectly straight curve. The particular magneto used 
by Mr. Sparkes has that characteristic. A much higher speed 
could begot, and still give a straight, line curve, but, naturally 
slow speed tends to give more permanent and belter commuta¬ 
tion than high speed. 

Mr. Sparkes might have added that t he speed of bis motor is by 
no means limited. If I understood Ids paper, all that, Mr. 
Sparkes desires to do is to create a certain number of impulses, 
which may run to a, maximum of maybe SHOO per min, for the 
flashing of bis light; and by mounting more contact points nr 
earns on his commutator, he naturally can reduce the, maximum 
running speed of his motor and subsequently the speed of his 
magneto to any speed lie likes. If a magneto at tit HI rev. per min. 
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would not serve his purpose, he could reduce that speed to 300 
rev. per. min. 

Mr. Sparkes wanted a lamp which would flicker very rapidly. 
Filling the lamp with hydrogen gas is ideal for accomplishing this. 
Nevertheless, if the bulb becomes cracked or for some reason 
oxygen and hydrogen become mixed in just the right proportion, 
a very dangerous explosion may result. 

In Air. Sparkes 5 work, danger from explosions must be ab¬ 
solutely eliminated. So his lamps, made up for him by our lamp 
laboratories, have very small bulbs, in fact, the bulb is about the 
size of an olive, and in these bulbs is less than atmospheric 
pressure of hydrogen gas. The danger of explosion is still there, 
but in Air. Sparkes’ apparatus he has the lamp enclosed in a 
fixture with a piece of plate-glass about ten times as thick as is 
needed, so the danger is so small as to be negligible. Further¬ 
more, if his later experiments show it is necessary, we may fill 
these lamps with helium gas, which is almost as good for the lamp, 
and with it there is no danger from explosion. 

H. P. Sparkes: Dr. Kouwenhoven’s first question concerns 
the characteristics of the magneto. In developing this machine 
as far as it is developed, care was used in choosing the proper 
speed range. We selected from the curve of the magneto that 
portion which we may term “straight.” The machine has been 
operated from 4 per cent load on the watthour meter to approxi¬ 
mately 200 per cent. In the range of the magneto we are using 
that section of the curve which is straight for such operating 
conditions. The straight-line range runs from approximately 
zero to 1200 rev. per. min. 

The next point brought out under Dr. Kouwenhoven’s dis¬ 
cussion was the question as to whether the number of lines could 
be reduced or not. All electrical men are familiar with the fact 
that after passing approximately 30 cycles, the vision of light 
interruption ceases; in other words, the eye is not sensitive 
enough to record over 30 cycles. Keep in mind that when 
operating this machine at light load, we must have a large number 
of lines passing the focal center of the eye within a given period, 
otherwise we cannot get the stroboscopic effect, we see the actual 
motion. It is therefore necessary to keep the stroboscopic 
lines on the disk in the vicinity of 300 or better. Experimental 
tests were made at 200, and at present we are working at 300. 
Some tests were made at 360, but care will have to be used in 
selecting the number of lines to match the watthour constant of 
the meters now being used. I make that remark because in 
calibrating with this device it will be necessary to supply a switch 
to take care of the various constant values as applied to various 
makes of meters. 

I believe the point about the mechanism running at high speed 
is covered in the past remark concerning the lines. 

For a reply to the question on special lamps see Mr. Beggs’ 
remarks. 

Another point which I wish to emphasize is the fact that the 
machine entirely eliminates personal error other than bad vision. 

_ ^- s 1° ^he point of gang testing, the term is applied in several 
different w’ays. You may make a gang test where the meters 
all stop and start at the same time. You start them all, time 
them, stop them, go over and adjust those that are out of cali¬ 
bration. With the stroboscopic machine you turn on the 
machine with the gang test running and in place of checking, 

5 ou go along and calibrate while the load is on the meters. 
It eliminates the cut-and-try method. 

As to Air. Blakeslee’s remarks, I would like to bring out one 
point in his statement. The meters, when placed on acceptance 
test, may be checked and passed, if they are within limits of 
requhed accuracy, without breaking the seals or removing the 
covers. The lines are placed on the circumferential edge and 


have a greater visibility-than the present calibrating mark on the 
disk. This means that there will be considerable saving in time 
in the actual set-up for the test. That is, it will not be necessary 
to remove the metal covering, because the light beam can be 
projected through the glass opening on to the disk and a check 
made without touching the original manufacturers’ seals. 

The accuracy figures given in the paper, 0.0026, are based on 
calculations of the ultimate accuracy, and I believe in the paper 
I remark that the accuracy is based entirely upon the regulator, 
and as the regulator is composed of a precision wattmeter, you 
may see quickly that the accuracy of the entire machine or the 
overall accuracy depends entirely upon the linkage in the machine, 
0.0026 being the ultimate accuracy according to visibility. 
Those figures are taken on wdiat you may see through a 16-power 
cylindrical lens; in other words, that is the maximum. 

Air. Knowlton asks the question as to 50 per cent power factor. 
At 50 per cent power factor, we have the same change in the 
stroboscopic machine as you have in the watthour meter, so 
there will be no effect to introduce an error at this point, the 
stroboscope will follow the load with the meter and will act as 
though the meter had simply had the 50 per cent power-factor 
load placed on it, and the stroboscope will follow right through 
with it. I have made a number of tests at this point with the 
machine and no errors were found. 

The last point brought out by Mr. Knowlton is an important 
one, concerning the harmonic adjustment. In developing this 
machine, I found that the eye is subject to a number of tricks. 
For instance, w r e are running the machine at twice the speed of the 
meter. The result is that the number of lines will apparently be 
double the actual number because you are taking a picture with 
your eye, of the line in two positions in place of one. Reverse 
the condition, with the meter running at 200 per cent and the 
stroboscope at 100, and you will be taking the opposite condition, 
every other line. In fact, you can check harmonic values from 
zero up to about 200 per cent. But realize what happens when 
you strike those harmonic values you are possibly working at 
one-half of 0.0026, winch makes the point unstable so that it is 
impossible to hold it; you have reduced your vision by the multi¬ 
plier of your harmonic, and as a result your vision is exceedingly 
poor. At some harmonic values you have to reduce the light 
in the room or the external source of light to practically total 
darkness to observe some of the harmonic values. I have used 
colored glasses to determine some of these harmonic values. 

Now', a point that hasn’t been discussed is the question of 
using a lens multiplier at light load. Remember at light load 
you are getting an impulse-light. The light condition actually 
goes off and on to the human eye, meaning that the retina of the 
eye and the iris will get a flicker of light. Now the eye will 
automatically adjust itself to an intermediate position. You 
cannot follow the stroboscopic action at exceedingly light load 
by simply glancing at it. You have to give the eye several seconds, 
possibly, to see the extreme light-load conditions. By using a 
cylindrical lens in front of that moving object, it apparently 
speeds up the action to the eye and you get away from the eye 
delay. 

In the criticism of the paper, the point wms brought out: 
Does the stroboscopic machine have any effect upon the eye, 
such as injury to sight or fatigue to the eye? I would like to 
bring out one point here, and that is this: The optician today, 
with his methods of correcting eye trouble, often places an image 
on the edge of a wheel and asks you to watch that. The effect 
is that your eye rotates, exercising the muscles. In the case of 
the stroboscope operating at slow speed, you exercise the muscles 
m the eye. I have been operating this machine over a period of a 
year and I have had no eye trouble from it. 



Theory of Action of the Induction Watthour 

Meter and Analysis of its Temperature Errors 
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Synopsis.—The question of changes in the registration of watt- 
hour meters due to variations in temperature is receiving considerable 
attention at the present time from manufacturers and public utilities 
alike. This paper discusses the development of a temperature- 
compensated watthuur meter. The effect of certain changes in the 
fundamental constants of the meter circuits and the materials of 
certain vital parts are shown to point out the necessity of two in¬ 
dependent compensating devices. 

The compensating devices found most effective consist, first, 
of a permanent magnet flux diverter mounted on bimetal strips in 
such a way that it shunts more or less of the permanent magnet 
flux around the disk, on a decrease or an increase in temperature, 
respectively, and second, a moving lag plate controlled by bimetal 


strips arranged in such a way as to cause the plate to move up or 
down with an increase or a decrease of temperature, respectively. 

In Appendix I is given the construction of a theoretical vector 
diagram of an induction type watthour meter showing the relative 
phase positions of the various fluxes, voltages, and currents that are 
present. 

In Appendix II is given a discussion of the sources of temperature 
errors in watthour-meters as derived from an analytical study 
of this diagram. 

An attempt is also made in this paper to summarize these sources, 
the reason for their existence, and their effect upon the registration 
of the meter, in convenient tabular form. 

***** 


Introduction 

HE interchange of large blocks of power between 
utilities, the need for accurately determining 
water rates of turbines, and the increasing number 
of consumers who use large amounts of energy, are 
making various refinements in watthour meter practise 
desirable. In loads of this character, any real increase 
in precision is more than desirable. 

As a natural consequence, it follows that the task of 
developing a temperature compensated watthour meter 
is typical of the problems to which American meter 
manufacturers are devoting their attention. More¬ 
over, the study of temperature errors in watthour 
meters is in line with the suggestions made by the sub¬ 
committee on Instruments and Measurements of the 
American Institute of Electrical Engineers. 

The writer was engaged to investigate the effective¬ 
ness of temperature compensation by thermostatic 
control of the lag adjustment and drag element of a 
watthour meter. 2 

At the time the solution of this problem was under¬ 
taken, very little of a definite nature was available in the 
literature of the art concerning the real sources of the 
change in registration of watthour meters, due to 
changes in ambient temperature. Subsequently, how¬ 
ever, there appeared a very excellent discussion and 
classification of these sources by Messrs. I. F. Kinnard 
and H. T. Faus. 3 

Since a complete understanding of the action of the 
compensating devices later to be described is contingent 
upon an equally complete understanding of the sources 
of the errors they compensate for, it will not be out of 

1. Assistant Professor of Electrical Engineering, Purdue 
University, Lafayette, Indiana, and Consulting Engineer for 
Duncan Electric Mfg. Co. 

2. Developed by Mr. Jesse Harris, Chief Development En¬ 
gineer of .the Duncan Electric Manufacturing Company. 

3. Tuans. A. I. E.E.,1925,p. 275. 

Presented at the Winter Convention of the A. I. E. E., 
New York, N. F., February 7-11,1927. 


place to repeat a similar classification and discussion 
in this paper. 

Table I gives a summary of such a classification and 
discussion. This table was derived from a theoretical 
analysis of the vector diagram of Appendix I, the dis¬ 
cussion given in Appendix II, and a study of the regis¬ 
tration curves of meters at different temperatures. 

Determination of the Resultant Effect of 
Group I Errors 

Since in Group I there are some effects producing an 
increase in speed and others producing a decrease in 



PER CENT POWER FACTOR LAGGING 

Fig. 1—Typical Performance Curves of an Uncompen¬ 
sated Meter, at Lagging- Power Factors 

speed, it is necessary to determine the resultant effect 
of Group I errors as a whole. To do this, a set of typical 
performance curves was obtained, such as those shown 
in Fig. 1. These curves are the per cent registration 
curves of a watthour meter under different tempera¬ 
tures and lagging power factors. They were obtained 
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TABLE I 

A SUMMATION OP THE SOURCES OP ERRORS IN WATTHOUR METERS DUE TO VARIATIONS IN TEMPERATURE AND THEIR 

EFFECT UPON REGISTRATION 

___ Combination I—Assumes an Increase in ambient temperature with lagging power factor 

Effect of decreasing 

Group Error Description of error Effect on meter speed power factor Reasons for the changes in speed 


Changes in the magnetic prop¬ 
erties of the permanent 
magnet. 

Changes in the magnetic prop¬ 
erties of the magnetic cir¬ 
cuits of the potential and cur¬ 
rent elements. 

Changes in length of the air-gap 
of the permanent magnet. 


A shift in the phase position of 
the exciting current. 


j An increase in the magnitude of 
the exciting current. 


Changes in the choking effect of 
the lag and light-load plates. 


Changes in the resistance of the 
potential windings. 


Changes in the resistance of the 
potential windings. 

Changes in the phase position 
and magnitude of the exciting 
current. 

Changes in the resistance of the 
lag and light-load plates. 


11 Changes in the resistance of the 

disk. 


Increases 


Increases 


Decreases 


Decreases 


Decreases 


Decreases 


Decreases 


Decreases 


by comparison to another watthour meter kept at a 
constant temperature. In all these curves the potential 
coils were left excited continually and the current coils 
warmed up for a reasonable time prior to checking. 
As a result, the errors caused by self heating are 
negligible so that the change in registration is due solely 
to a change in ambient temperature. 

As seen by the 100 per cent power-factor points of the 
curves of Fig. 1, the resultant effect of Group I errors 
is to speed the meter up on an increase in temperature 
Ihis means that errors No. 2, 3, 5, and 7 are small in 
the aggregate compared to the combination of No. 1, 4, 
and 6. Fig. 1 also shows that as the lagging power 
factor decreases, the meter slows down at high tempera¬ 
tures and speeds up at low temperatures. This 
substantiates the reasoning with respect to Group II 
errors. 

Since, as just shown, the resultant effect of Group I 
and Group II errors is opposite, it is obvious that at 
some lagging power factor the meter will be independent 
of changes m temperature. In the meter of Fig. 1, this 


Independent Decrease in permeability, reluctance increases, 
dragging flux decreases, meter speeds up. 


Independent Decrease in permeability, reluctance increases, 
driving fluxes decrease, motor slows down. 


Decreases 


Independent Magnet gap widens, causing tins flux passing 
between the gap to decrease. Motors using 
this flux for dragging will speed tip. while 
motors using a shunted portion of t his dux 
will slow down. 

Independent The exciting current shifts down due to do- 
creased iron losses, causing a shift; in l t) /f, 
This in turn increases E l which must, tie ac¬ 
companied by an increase in <1>. (Men Pig, ii 

Independent Increase in reluctance of iron cuts down <P, 
exciting current then increases but not enough 
to increase <1> to its original value. This 
moans a decrease In E l and therefore in the 
speed of the meter. 

Independent The choking effect or these plates upon the 
main flux decreases, More of the main flux 
acts as a driving flux. Motor speeds up, 

Independent Shift of l~p Iti duo to shift in exciting current 
causes E l to decrease and consequently 4*. 
Speed decreases. 

Increasingly Reacts to decrease the 00 dog, relation hint ween 
the driving fluxes. Speed decreases, 

Increasingly Both effects shift the voltage V 1 (Sett Pig. 12 ) 
so as to decrease tho 00-dog. relation between 
the driving fluxes. Speed decreases. 

Increasingly Increase in resistance of these plates decreases 
tho 00-dog. relation between the driving 
fluxes. Speed decreases, 

Increasingly Reacts to decrease the 00-dog, relation between 
:-—__ the d riving fluxes. Sp eed deen tasos. 

lagging power factor is approximately 80 per cent as the 
curves meet here in a common point. This point will 
vary up and down the power-factor scale, depending 
on the relative magnitude of the resultant effects of 
Group I and II errors. 

If, however, leading power factors are used in place of 
lagging power factors, the resultant effect of Group II 
errors will be reversed and, therefore, Group I and 
Group II errors will not oppose each other. As a resul l, 
there is no leading power factor at which the meter is 
independent of temperature. 

This is illustrated by the curves of Fig, 2 where the 
broken lines are the corresponding leading power-factor 
curves to the solid or lagging power-factor curves. 

It should be noticed that the leading power-factor 
curves, although similar in form, are opposite in direc¬ 
tion to the lagging power-factor curves and therefore do 
not meet m a common point. 

The effect of leading power factors, as far as single¬ 
phase meters are concerned, is of little importance, 
since single-phase meters are rarely subject to leading 
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power factors, but. with two-element polyphase meters 
this is not necessarily t rue. In the first place, polyphase 
meters are more apt. to be used where leading power 
factors exist,, and in t he second place, a polyphase meter 
at lagging load power factors above 8(>.(>7 per cent has 
one element, operating on a leading power factor. The 
two elements would tend, therefore, to compensate 
each other as far as temperature errors are concerned. 



i , ’in, 2 ElTKCT tJl'ON THU TviUCAl. PmHKOHMANOK CuttVKH 
UK LkadinU PllWKH FaCTUHS 

Tills probably accounts for the fact that, polyphase 
meters in general have less over-all temperature error 
at low power factors than do single-phase meters of the 
same make. 4 

Effect of Ghanuks in the Constants and 
Materials of the Meter 

Any change in the constants of the meter circuits, in 
the materials of which they are made, or in the design 
of the meter will change the relative magnitude of the 
several errors and thereby change the typical per¬ 
formance curves, Thu effect of some of these changes 
will now be illustrated. 

Fig, d shows (he effect of a brass phasing plate in the 
meter of Fig, 1, Since brass has a lower temperature 
coefficient than copper, its resistance will change less 
with a given change in temperature than the copper 
plate, and, therefore, the error due to this change will 
he less pronounced. Comparing Fig, B with Fig. 1, it 
is seen t hat; the spread of the curves in Fig, B is less and 
the neutralizing or crossing point has been lowered. 
This means that the resultant effect of Group II errors 

4. Set- tin* nutlu>r'ii paper, "Watlhour Motor Accuracy as 
AITeeted by Temperature (’Pangea,” Experiment Station Bulletin 
No. 22, Purdue Umvormfcy. 


■1 IS 

has been reduced so that they do not overcome the 
resultant effect of Group I errors as quickly as in Fig. 1. 
Furthermore, the spread of the curves at the lower 
power factors lias been great ly reduced. This indicates 
that error No. 10 is the predominant one of the Group 
II errors. This figure also illustrates that it is possible 
by proper calibration to get virtually perfect perform¬ 
ance at some one temperature, 20 deg. cent, in this case. 

The substitution of a lag plate which has nearly zero 
temperature coefficient has been suggested, but, un¬ 
fortunately, all the met als which have low temperature 
coellicients also have high specific resistance. Even 
with brass, it is necessary to use a plate nearly four 
times as thick as the copper plate if; replaces, in order 
to obtain the proper lagging. The design of the 
average present,-day meter has a relatively small space 
available for the lagging device with the result that the 
limit to which this idea can be carried without materi¬ 
ally changing the dimensions of the meter, is quickly 
reached. 

In order to determine the effect of error No. 8, two 
otherwise similar meters were made up, one with its 



Fig. R • Ekkkct* Ilium thk Tyihcai. Pkhkohm anck Cuuvkh ov 

Still NTITUTINU A JBhAHK PHASING Pi,ATM SOU THK (TlHTOMAHY 
Col't'KU Pi,ATM 

potential coil resistance increase above normal and the 
other with its potential coil resistance decreased below 
normal. 

The first of these meters was ob tained by winding the 
potential coil with the same number of turns of No. BB 
wire instead of the customary No. 80, Neglecting a 
small change in the mean length of turn, the resistance 
of these coils would be approximately twice the normal 
resistance. 

Since increased potential losses mean a decrease in 
the angle between the applied voltage and the flux 
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set up thereby (see Fig. 12), it follows that greater lag¬ 
ging must be applied to this meter. It was found 
that to obtain the proper lagging, a larger or thicker 
lag plate was required than that normally used. 

. Turning now to Table I, it is evident that both errors 
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PER CENT POWER FACTOR LAGGING 

Pig. 4—Effect Upon the Typical Performance Curves’of 
Increasing the Resistance of the Potential Winding 
Above Normal 


No. 8 and 10 will be affected and moreover in the same 
direction. The result is an increase in the resultant 
effect of Group II errors. This means that Group II 
errors are now better able to overpower Group I errors, 
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PERCENT POWER FACTOR LAGGING 

Fig. 5—Effect Upon the Typical Performance Curves of 
Decreasing the Resistance of the Potential Winding 
Below Normal 

thereby raising the crossing or neutral point on the 
power factor scale. 

The result of the test is plotted in Fig. 4. Comparing 
these curves with those of Fig. 1, it is seen, as had been 
predicted, that the crossing point has moved from 
approximately. 80 per cent power factor to nearly 90 
per cent. This is a desirable change as far as high 


power-factor operation is concerned, but it should be 
noticed that at the lower power factors, the spread 
of the curves has been greatly increased. 

Although this meter is compensated to some extent 
at high power factors, it is accomplished at the expense 
of accuracy at low power factors, and, furthermore, 
any compensation which depends upon an increase 
in the losses is fundamentallly wrong. 

The second meter referred to above was obtained by 
winding the potential coils with two strands of No. 30 
wire instead of the customary single strand. As 
before, neglecting the change in the mean length of 
turn, the resistance of these coils would be approxi¬ 
mately half the normal resistance. 

Also as before, a change in the lag plate is necessary, 
but in this case in the opposite direction. A No. 16 
brass phasing plate was substituted for the customary 
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F j g. 6 Effect Upon the Typical Performance Curves of 
Lagging Both the Potential and Current Fluxes 

copper plate. The result of these changes is just the 
opposite to that obtained with an increase of resistance. 

.The effect upon the performance curves is shown in 
Fig. 5. Comparing these curves to those of Fig. 1, 
it is evident that the crossing occurs at lower power 
factors and with less variation at very low power factors. 

This is obviously a step in the right direction as far 
as Group II errors are concerned, but it is equally ob¬ 
vious that it is not a complete solution as it would be 
impossible to. have zero resistance in the potential 
circuit, so doing away with the lag plate entirely. 

In Fig. 5, the curves show the meter running fast at 
all temperatures on low power factors. This is due 
to over lagging of the meter when it was adjusted and 
calibrated. Had it been properly lagged at the cus¬ 
tomary 50 per cent power factor, the curves as a whole 
would have been more nearly coincident with the 100 
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per cent registration line, but the spread of the curves 
at either end would not have been changed appreciably. 

As previously mentioned, changes in design will also 
affect the typical performance curves. As an example, 
consider the simultaneous lagging of both the potential 
and current fluxes. This is done by over-lagging the 
potential flux and then lagging the current flux suffi¬ 
ciently to produce the required 90 deg. relation between 
them at unity power factor. 

As the temperature increases in a meter so modified, 
it will tend to lessen the lagging of both the potential 
and current fluxes. By proper proportioning of these 



Fig. 7 —The Compensating Device Used for Group I 
Errors—Cover'Removed 

two lag plates, it might be possible to shift these two 
fluxes by approximately the same amount for a given 
change in temperature so that the angle between them 
would remain at 90 deg. 

Fig. 6 shows the result of an attempt to apply this 
principle. Comparing these curves with those of Fig. 1, 
a slight improvement is found in the slope of the curves. 



Fig. 8—Effect Upon the Typical Performance Curves of 
the Compensating Device For Group I Errors 

This means that Group II errors have been partially 
compensated for. The effect, however, is not very 
pronounced. 

Type of Compensating Devices Found to be Most 
Effective 

The compensating device found to be most effective 
for Group I errors in the meters investigated consisted 


of a flux diverter for the permanent magnet. This 
diverter was mounted across the gap of the magnet on a 
bimetal strip, so that it moved out or in as the tempera¬ 
ture went up or down. See Fig. 7. 

The law which this diverter obeys depends on the 
relative magnitude of the magnetic pull upon it and the 
spring and thermal action of the bimetal strip. These, 
in turn, depend on the position, size, and shape of the 
iron diverter and bimetal strip. 

The effect of this device on the meter of Fig. 1 is 
shown in Fig. 8. This figure shows that by this means 
it is possible to over-compensate for Group I errors, 
as the crossing point has moved beyond the 100 per 
cent power-factor point. By moving the diverter 
away from the gap, the crossing point may be made to 
occur at 100 per cent power factor exactly. It should 
be noticed that the removal of Group I errors leaves 
Group II errors unrestrained, as shown by the excessive 
spread of the curves at low power factors. 

From what has just been said, it is evident that two 
independent compensating devices are needed, one for 



Fig. 9 —The Compensating Device Used for Group II 
Errors 

Group I errors and another for Group II errors, to 
completely compensate a meter for changes in 
temperature. 

The compensating method found most effective for 
Group II errors consisted in mounting the phasing 
plate on bimetal strips in such a way as to cause it to 
move up and down with a rise and fall of temperature. 
See Fig. 9. 

The effect of this device alone on the meter of Fig. 1 is 
shown in Fig. 10. 

The effect of both of these devices combined in the 
same meter resulted in the performance shown in Fig. 
11, which, when compared to Fig. 1, shows a marked 
improvement. 

The solid curves are the average curves of ten separate 
tests made on this meter at frequent intervals over a 
period of four weeks. Between tests the meter received 
average handling and transportation and was not found 
to be appreciably affected by this treatment. 

This would indicate that although movable com- 
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pensatmg devices are used, they are rigid enough to 
withstand ordinary handling. 

The dash lines represent the maximum deviation 
from 100 per cent registration of any one of six com¬ 
pensated meters, each tested three times between 
—18 deg. cent, and 40 deg. cent, and 100 per cent power 
factor and 30 per cent power factor. 

In other words, the solid curves of Fig. 11 illustrate 
the best performance obtained thus far in any one 
meter as a whole by careful adjustment. The dash 
lines on the other hand represent the poorest perform¬ 
ance of any of six different meters taken severally. 

This would indicate that compensated meters of this 
type might be produced and calibrated by the cus¬ 
tomary methods of production and testing and have 
none of its temperature power factor registration 
curves outside the range bounded by the dash lines of 
Fig. 11, and will on the average be better. 

Conclusions 

To completely compensate a meter for changes in 
temperature two independent compensating devices are 
needed, one to compensate the meter at unity power 
factor or Group I errors and another to compensate the 
meter at any power factor other than unity, or Group II 
errors. 

The compensating device found most effective for 
Group I errors is a permanent magnetic flux diverter 
mounted on a bimetal strip across the gap of the magnet 


between 100 per cent and 50 per cent power factor 
over a temperature range of 40 deg. cent, to Is deg. 
cent. From 50 per cent power factor to MO per cent 
power factor, a change of about one per cent in regis¬ 
tration takes place. Six meters equipped with these 
devices did not vary more t ban I * ( percent at unity 
power factor and did not; exceed i 1 per cent at thirty 
per cent power factor over the above mentioned range 
of temperature. 

It should be noticed that, even this change is relaf ively 
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Fig. 11—Effect Upon tub Tvi-icai, I'fcimiuMAami-: (?».<«vjch 
of Both tub Reviews IHuimu.y ,\im> n o 

small when compared to the variat ion in an uncom¬ 
pensated meter. 

Ordinary handling and transportation of met era was 
not found to have any effect, upon the coinpcna.Hf.itig 
devices. 
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FlG n ‘ 10 ~Effect Upon the Typical Performance Curves 
of the Compensating Device for Group II Errors 

m such a way that it moves in or out with decrease or 
increase m temperature. 

The compensating method found most effective for 

+ w°- S c ? nsisted in mounting the phasing plate 
on bimetal strips m such a way that it moves up or down 
with increase and decrease in temperature 
A meter equipped with these devices and carefully 
adjusted will not vary over one-half of one per cent 


Vector Diagram of the Watthour Meter 

In order to discuss the .sources of temperature errors 
intelligently, it is necessary to have in mind the rela¬ 
tions that exist between the many fluxes, currents, ami 
voltages that are present in a watt, hour meter. 

Fig. 13 shows the fluxes that are present in a wall** 
hour meter whose magnetic circuits are as shown, and 
with but minor modifications, will sufliee for most 
present-day meters. 

Fig. 12 shows the relative phase miniums ,.f these 
various fluxes, currents, and voltages, 

^ Jhhst be kept in mind during the discussion of 
these figures that they are purely ll.euml deal, tint 
I“S"f °, f 16 quantities shown are, from a practical 
point of view, negligible, and that therefore only mi 

to scaf™ 8,46 attempt WiiR mad< ' 1,1 druw IlieHe figures 

Considering first, the potential eireuit willi tlie lag 
£ noTed ’ V f r the appliwI voltagi* whieh enuseB 
°T nt Io 10 flHW * Thi " ««wnt has both 
the figure^ ^ ma « netl!4,n K 'Component not shown in 

The current produces the Jlux ■[• and what. leakage 
flux exists, <J)I„ The flux <h wu , i , 7 m 

riuht nno-ilc 4 -r, -7 ;. , aetK U A a b&ek e. m, f, at 

gnr angles to it, which requires the nrimurv com- 

ponent B to balance it. By adding B to Um volSge 
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drop of Hi*' potential winding which consists of /„ Ah in 
phase with / t) and / tl Ah, at right angles to I ih the dia¬ 
gram closes on V . 

The flux •!* divides at a (see Fig. Id), into two fluxes 
•ip and 'Is of which 'la is much flu* larger, due to the low 
reluctance of its putt) as compared to that of -Is How¬ 
ever, vecf orially 4a I d' * «!» as shown in Fig. 12. , 

If, now, t he lag plate is placed in circuit as shown, 4* ; . 



Pm. 12 A TimoiomeAi. Vkctou Diamuam 

wilt induce in if a voltage A'*, The voltage PJ, causes a 
current I s to flow, Since the lag plate is only one short- 
circuited turn, the voltage Ah is used up in the ih Ah 
and J« X■■ voltage drops of the lag plate. 

In like manner, the flux *1»« will induce in the light-load 
plate a voltage A’-/, This voltage will cause a current 
A/ to flow. Since the light-load plate is also only one 
short-circuited turn, the vollage Ah' will he used up in 
the IX HX and the IX AY voltage drops of the light- 
load plate. 

The currents A- and IX will both produce a m, in. f. 
which when combined with the m. m. f. producing the 
flux *fo will product 4 some other flux 4*3 A Home of this 
change is transmitted to <h» which now becomes T/, 
Assuming for the moment that the sum of these new 
fluxes, 4n and 4*Y is again veetorially equal to 4», the 
relation will be shown by the heavy lines in Fig. 11. 
As will be pointed out lat er, this assumption is not quite 
true, but is a very clow? approximation*. 

f>. “Theory ami Operation of Hplit-l’luwc Magnet/' KU'ctfUuil 
Worlds Vol.08, No.*21, Nov, IH, lUIli. 


The currents I--., IX, and 7T must have a primary 
equivalent to balance them. This primary load current 
will change the position and magnitude of I n to 
This change will also change AT to I V R\, and JT Ad 
to Ip A' lt both in magnit ude and position. Assuming 
for t he sake of simplicity that A 1 is fixed in position and 
V fixed in magnitude, those changes will have the effect 
of moving V to P and decreasing A’ to A’ 1 . This 
decrease in A is (he fallacy in the above assumption for 
if must be accompanied by a decrease in <[>. Fven 
assuming that t he primary equivalent to A-, IX and ,/T 
is so small t hat if is negligible, there is still a decrease in 
A’ duefo f.he shift ing in phase of I„ alone. Of course 
a shift in /„ Hie ot her way would produce an increase 
in •[■. 

Of the flux 4'/, *!»..*/ leaks across the gap without 
cuffing the disk. The balance cuts the disk, in¬ 
ducing in it a voltage AT which will cause eddy currents 
/it fo flow. The reactance of the disk will cause the 
current /to lag behind t he voltage Ah. t hereby creating 
another impedance triangle composed of /TAT and 


P 

r u 



oc an Induction Tyi*k W.vmmtMt Mimitt 



<Pi 


FlU. IS . Roux I ) IMTK 1H UTf f ) N IN AN INDUCTION TYi‘I0 WAOT- 
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Ji. AT closing on AT. The eddy currents JT produce a 
flux 4*in which reacts with the flux <P„ to produce a flux 
4» u /. In other words, the disk reacts upon the poten¬ 
tial circuit in much the same way as the lag plate and 
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light-load plate did. In effect it is a third secondary. 

The line current I in the series coil which in general 
will lag behind the applied voltage V 1 by some angle 6 
will produce a flux which will not be exactly in phase 
with I but will lag behind slightly. Part of this flux 
will leak across the gap. The balance 4 >id will cut the 
disk, inducing in it an e. m. f. Ed' which sets up eddy 
currents Id'. These eddy currents act in a similar way 
to the eddy currents Id to produce the impedance tri¬ 
angle consisting of Id' Rd, Ib'Xd, and Ed'. The flux 
set up by these eddy currents will react with the flux 
$id to produce the flux $id'. At unity power faetor 
when I is in phase with V 1 , <f>i D ' will take up some posi¬ 
tion as shown by the dotted line. 

The process of lagging a meter places a 90-deg. 
relation between the flux $ 10 ' in its unity power factor 
position and the flux <f> lD ' by varying the magnitude of 

By adding to the meter the permanent magnet cir¬ 
cuit whose function it is to produce a drag upon the 
disk proportional to its speed, the circuits of the watt- 
hour meter are complete. 


Appendix II 

Sources of Temperature Errors 
It is evident that any changes in the magnitude of 
the driving or dragging fluxes or in the fundamental 
90-deg. relation referred to in Appendix I, will change 
the registration of the meter. This fact suggests a 
convenient grouping of the sources of temperature 
errors in watthour meters, Group I to contain those 
factors which produce a change in the magnitude of 
either the driving or dragging fluxes or both and Group 
II to contain those factors which produce a change in 
the phase position of the driving fluxes. 

Furthermore, the effect of Group I and Group II 
factors will be different on an increase in ambient 
temperature from that on a decrease in ambient tem¬ 
perature and the effect of Group II factors, will be 
different on lagging power factors from that on leading 
power factors. There are, therefore, four combinations 
possible, as follows: 

Combination I Increase in ambient temperature 
with lagging power factors, 

Combination II—Increase in ambient temperature 
with leading power factors, 

Combination III Decrease in ambient temperature 
with lagging power factors, 

Combination IV—Decrease in ambient temperature 
with leading power factors. 

For the purpose of the following discussion, consider 
Combination I. Also consider each effect as existing 
independently of every other effect, although, of course 
they will exist simultaneously in the meter. 

It is well understood that an increase of temperature 
will produce a decrease in the permeability of magnet 
steel, with a consequent increase in reluctance and 
decrease m flux. In the case of the permanent magnet 


r . this will speed up the meter as it is the dragging flux 
d that is reduced, but in the case of the potential and 

6 series elements it will decrease the speed of the meter, 
e as here it is the driving flux that is decreased. 

x Since most permanent magnets are bent, expansion 
e caused by an increase in temperature will tend to widen 

7 temporarily the gap between the poles. The effect of 
7 this upon the speed of the meter will depend upon the 

- design of the drag magnet circuit. In general, it can 
c be said that meters using the flux in the gap between the 
£ P° les their dragging effect will increase in speed 
■ while meters which use a shunted portion of this flux 

- to produce the dragging will slow down. 

The effect of an increase in temperature upon the 

• exciting current I 0 , Fig. 12, due to changes in the iron 
losses was determined by experimenting with a trans¬ 
former and found to be two-fold. There is first a shift 
downward in phase position and second an increase in 

• magnitude in such a way as to decrease the core loss 
! component and increase the magnetizing component of 

I 0 . As previously pointed out, the effect of the first of 
these is to increase the length of the vector E 1 through a 
shift in the impedance triangle and the second to de¬ 
crease the length of this vector. These changes must 
be accompanied by corresponding changes in the magni¬ 
tude of $ and, therefore, the speed of the meter. 

An increase in temperature will increase the resistance 
of the lag and light-load plates, thereby decreasing the 
eddy currents set up in it. This in turn will decrease 
choking effect of these plates upon the flux producing 
these eddy currents, allowing more of it to pass to the 
disk. This will speed up the meter. 

An increase in the resistance of the potential winding 
will cause the exciting current to shift more nearly in 
phase with the applied voltage. This shift as before 
decreases E 1 through a shift in the voltage triangle of 
the potential coil. This must be accompanied by a 
decrease m <f> and, therefore, the speed of the meter. 

In Group II, there is first an increase in the resistance 
of the potential winding. This will cause the speed of 
the meter to decrease since it causes a decrease in the 
90-deg. relation between the driving fluxes. 

The effect of the change both in phase position and in 
magnitude of the exciting current will cause the meter 
to decrease m speed since both tend to decrease the 
0-deg. relation between the driving fluxes. 

The increase in resistance of the lag and light-load 
plates causes a decrease in the lagging effect and a 
consequent decrease in the speed of the meter. 

dp™l nCrea !! in ^ 6 resistance of disk will cause a 
decrease m the eddy currents I D and Id' (Fig. 12) set 

up m the disk and a consequent decrease in its speed. 

iS balanced by a corresponding 

whTch S ag f mg effect of P erman ent magnet 

R b ^ , ds u ? the J sk b T exa ctly the same amount. 

res^noe oUhe disk P 1 ^ t0 th * Change “ 

An increase in the resistance of the disk will also cause 
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Jv and /id t<> shift towards K\> and Ku', respectively. 
This will shift ‘laid and 'Ini/ in the saint* sense, thus 
tending to maintain the !M)-<leg. relation between them. 

These two fluxes do not shift, by the same amount , 
however. Since* I,,' is the only current, producing a 
m. m. f. affect in,g I he phase posit ion of «!•../, its efl'ect is 
more pronounced on ‘bn.' than is the m, in. f. of /». 
upon *t*ii/. Tht* result is a decrease of the DO-deg. 
relation between these two fluxes and a consequent 
decrease in the speed of the meter. 

Tins (‘{feet ran he demonstrated by using disks of 
different resistances in the same meter. In the part ic¬ 
ular experiment fried, a maximum shift in Hie posit ion 
of the disk in the gap accounted for only 50 per cent of 
the change in registration due to a change in the 
resistance of the disk. The balance must be due to a 
greater shift in *to»/ than in dm-', thereby decreasing the 
<)()-<h*g. relation between them and consequently the 
speed of the meter. This is a Croup it error. 

Table I gives a summary of the above discussion 
using < ’ondtinal ion I. 'The first, seven errors comprising 
Group 1 are independent of the power factor, operate 
at all {tower factors, and are constant at any given 
tempera! tire. The remaining errors comprising < Iroup 
II are a minimum at unity power factor, 1ml increase 
with a decrease in the power factor. 

The efl’ect of Combination II on 'Table 1 will he to 
reverse flu* (‘{Feet of Croup 11 errum, of Combination III 
to reverse the effect of both Croup I and Group II 
errors, and of Combination IV to reverse the effect of 
Croup 1 errors. 

Since the analysis of the sources of error in this 
investigation is only incidental to the development of 
methods of compensation, not enough work was done to 
claim that the above discussion and the summary in 
Table 1 cover all of the possible sources of error due to 
temperature. For example, the effect, of temperature 
on I he light-load plate has not been considered, except 
as it. functions as a part of tin* artificial lagging of the 
meter. 

I discussion 

W- II* I‘ra(( j t think if hmjftt It* i-mpha i.o-d dial flit* 
prawn 1 paper, except * u far u; ii *i« eribes » particular mcctm* 
tiism Fur etTecting rotupi n at tun , i a n Inti ment of material must, 
effectively pie ented by Kimmrd am! Fair »l the midwinter 
convention livu y ear at',,. previom fu tbuf timi*, meters having 
much small**!’ (*r**u j* tl erroi (ban ( bu* *• used fur a background 
of this paper witch i'*l in predominant numbers, and si mm dn*n 
the whole mil pul of mw of ihu lain** l producers of meters has 
horn substantially without tlrmip 1 errors. So that, presented 
id. Ibis lime, lho background «»f ibi paper must m*i In* looked 
upon us a picture of genera! pie * id day practise. 

Tho treatment of potential-circuit resistance, while perhaps 
nut in error, tend-, I think, to give a wrung impression and h-i-iuh 
ht bn somewhat of an apology for high resistance in ibe potential 
cirmiil, whereas it was shown beyond pnrntlveiiiure in 11m 
Kimmrd-Finei paper dial resistance in the potential circuit is the 
uutKtunding sourer of (iroup II errors. Of course it is not pos¬ 
sible to produce meters with zero resist mice in the potential 
circuit, but this in not imcewurv, If in quite possible to make 


moler.s with a. resistance so low dial tie* use of inmiganin lag 
plates is convenient and the residual ( damp 11 errors are of almost, 
vanishing value. 

'The results shown in Fig, 11 of the paper are excellent, but. if 
appears that they are the results of pu,Mistaking individual 
adjustment. At present meters arc in use which, however, even 
surpass t ins Kim 1 ! performance, not as the result, of adjustment, 
hut, by reason of proper regard taken in the design of the various 
sources of error. They arc inherently without errors exceeding 
0.2 or 0.15 per cent, within the limits of application ordinarily 
prevalent. To be sure, they are portable test meters, though 
similar meters for switchboard use arranged for eonueeliuti to 
2-stngo current transformers are also in service. Incidentally, 
manganin lap; plates an* used in these meters. It does no! appear 
11 1 ; 1 1 I lie author ad voen ten for general use tin* forms of compcnsa* 
lion lie describes, it seems that it would be necessary to use 
t hem w it ii t*reat caul i* hi, for • here must be an ever present menace 
of maladjiisf nwiil ami disarrangement. He that as it may, were 
t to venture a prediction in regard to future meter practise, i 
should say lhal in nil probability in the not distant fill tire, meters 
which have tciuperahire eharacteristica not greafly inferior to 1 lie 
best performance here show ii w ill he in general and extensive use. 

As pointed out in tin* KiniinnbFnus paper, smirees of error 
■ Imtild he eliminated, and only when further elimination is 
impm ■ tble : boil Id recourse be bad to compensation. 

Ii. .1. Brown: In regard to the paper by Mr. ('aulield, bow 
bmg have t lie: e compensating devices been ill use? Time 
■shown any small mechanical (roubles, and often time only will 
develop them. 

I. I‘‘. lviimardt In my opinion, the most out lauding feature 
of tin* paper is die fuel that tie* conclusions reached by Mr. 

< 'aulield agree uhslnndally with tin* tindings made by Mr. Fans 
and my elf ev era! years ago, in so far as tdassilleaf ion iif tempera" 
tun* errors into I wo di. I inel groups; is* concerned. 

It i rat te r imfort tmate dial Mr. (‘autield'a analysis is **nf irely 
ipialitative, since the listing' of so many errors as he shows in 
Table 1 is likely to be misleading ami does not give any sort of an 
idea as to just how important each error is from t he standpoint of 
the meter’s operation. In looking down this list, hi* see under 
UiTor 1, "Changes in the magnetic properties of the permanent 
magnet.” As a matter of fact, this is by far tin* greatest source 
of (Iroup 1 errors with which we have to contend, The other six 
error.; listed under this group are of very little practical impor¬ 
tance, We have determined I hi from exhaustive tests mi a 
large number of meters, by means of u Inch was made n quant da ¬ 
tive study of the magnitude of t he various errors involved. Thin 
error dm* t*» dn* changes in the magnetic properties of die 
permanent magnet with tempera!lire, it* something that is quite 
fundamental and cannot readily be eliminated. It therefore 
seems feasible to use some sort of a compensating dev ice in order 
l.o keep the braking llnx eouiitant over wide variations in 
temperature. 

Now in regard to ('lass II.errors or I hone errors which came a 
whirling in die phase relationship of fluxes with variations in 
temperature; Mr. (’nnlmhl lues given an exhaust ivo list of possible 
sources of error of thin nature. I turn* found, however, that there 
is only one really important- source of error of this nature with 
which we have In coulcud, one which not only causes a shining 
in plume relationship of fluxes with varying temperatures but 
which is rellreted in various other factors of the meter's perform 
mice. I am speaking of the resistance of tie* potential wind¬ 
ings. In an ideal meter, wo should have all reactance and no 
resistance in the potential winding,'*; that in, we want the thix to 
be in quadrature with tie* applied voltage. If it in not, we have 
to line Home sort of a device to “lag” the useful portion of thin 
(lux through a small angle, with which all meter men are familiar. 
The only practical reason, therefore, for our having 1o pul up with 
temperature errors of this nature is dm existence of resistance in 
the potential windings. 
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I say this without hesitation, because meters are in actual 
service in which the potential coil resistance has been reduced to 
the point where the lagging can be accomplished by means of a 
manganin lag plate and the resulting errors are no longer of any 
commercial or practical importance whatsoever. 

It is true that the compensation for both Class I and Class II 
errors, which the author has described in this paper, will work 
providing everything is in very nice adjustment, and he should be 
complimented on this solution. As someone has mentioned in a 
previous discussion, however, the real way to get rid of errors of 
anv kind is to eliminate them at their source rather than use a 
compensation whereby it is endeavored to force two wrongs to 
make a right. 

A. R. Rutter: The paper presented by Prof. Canfield is of 
great value, I think, not only in adding additional data to our 
literature on the watt hour meter by discussing the temperature 
compensation, out by discussing the vector diagrams of the induc¬ 
tion type watt hour meter in dealing with the various vectors of 
eddy currents, of fluxes and of the current, and of voltage. The 
induction type watthour meter is usually regarded as a very 
mysterious piece of apparatus, so that a paper which presents 
a good analysis of the performance of the meter is a real addition 
to the literature on the subject. 

Prof. Canfield refers to Fig. 6 of the paper and states that the 
results obtained in using a method of compensating for the 
Class II errors by lagging both the current and voltage fluxes 
gives a slight improvement for these errors. I think it is possible 
to interpret from his curves in Fig. 6 that if the compensation for 
Class I. errors, (which are shown in his Fig. S) were added to the 
compensation for Class II errors (as shown in Fig. 6), it should 
produce a very well compensated meter. I am familiar with 
results of this method, which produced meters-which were care¬ 
fully compensated for Class II errors by lagging both the current 
and ■voltage fluxes. This method has the advantage that com¬ 
pensation is obtained by changes in material and not by shifting 
mechanical parts. 

C. T. Wallis: I have been working with alloys which change 
their magnetic properties with temperature, and observations 
, A er a P er i°d of about seven years have shown these to be very 
constant indeed. 

With regard to the use of bi-metallic compensators which 
depend upon the expansion and contraction of two dissimilar 
metals these are rather erratic in their action. Considered 
strictly from a mass-production standpoint the air-gap between 


the magnet and the shunt which is carried on the bi-metallic 
strip must be adjusted very carefully at some definite tempera¬ 
ture. On the other hand, the use of a permanently fixed magnetic 
shunt which changes its properties with temperature has none of 
the above disadvantages. 

D. T. Canfield: In reply to Mr. Brown’s question, I should 
like to say that the meters described in my paper have not been 
in commercial use at all. They have been used in my laboratory, 
however, for a matter of 2.5 or 3 years. 

As Mr. Kinnard points out, I have no method other than a guess 
in my process of analysis of determining the relative magnitude of 
the several errors mentioned in Table I. I have no doubt 
whatever as to the overall error of the meter as a whole. That 
has been very definitely determined by me on all makes of meters 
a number of times, so that I do know, and did know at the time 
that this work was started, the amount of overall error that actu¬ 
ally existed. 

I claim that this resultant effect, in the last analysis, is the 
important feature. It is instructive and interesting only more 
in an academic way than in a practical way to analyze this over¬ 
all error into its several component .parts, and that is why I made 
no attempt to do it quantitatively. 

As Mr. Pratt points out, the ideal way to eliminate error is 
to do away with the source of error, but as he also points out, 
it is not possible to eliminate the errors completely in this way. 
No claim is made in my paper that the method of compensation 
used by me is the only one. In fact, my Fig. 5 shows that the 
method proposed by Mr. Pratt is effective.in reducing Group II 
errors. 

Mr. Rutter’s remarks concerning Fig. 6 and the method of 
compensation therein illustrated are well founded. The particu¬ 
lar meter used in this experiment was of an obsolete variety which 
had the desired compensation as far as Group II. errors were con¬ 
cerned but was decidedly off on Group I errors. As far as this 
figure is concerned the compensation of Group I errors would not 
materially affect the slope of the curves. 

This does not detract, however, from the merits and advan¬ 
tages of this method of compensation. It is necessary only to 
obtain the proper proportion of the counteracting lagging devices 
to give theoretically perfect performance. 

As Mr. Wallis points out, it is necessary to carefully form and 
age the bi-metal strips used on the compensating devices. When 
this is done, I have found no indication of subsequent change. 
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Synopsis. The fa net ion of o resistance modulator is: to product: 
in an electric circuit tl current which is n copy of an c.rcitinq im¬ 
pulse such ns v,pc< eh or hijht tntt’ra. The principal example is (he 
carbon yrunutc leh phone transmitter , 

It itt desirable that the iheteic current he on exact copy of the 
esc it i tty impulse. There i:. inherent in such a device ho ire per, 0 
distortiml effect, for the current copy is produced by reason of 
Ohm's loin ami thus is. on inverse function of the modulated resis¬ 
tance ami not a h ue copy of it. The amount of distortion acini nq 


from tins effect depends upon the electrical constants of the modu¬ 
lator ami its associated circuit. 

The study quantitatively analyses this distort!ny i fit ct by tiro 
methods in a circuit contnininy a modulator, a battery, and a 
resistance for siinjle frequency modulation, and by one of the no thuds 
for double, frequency modulation. . I n analysis is also detainped 
for a special test circuit. 

The study shows that tin relation bet met n modulators amt circuits 
is a desiyn problem. 


I N i HonncTlON 

I N the ,sense used in tins study a modulator is a device 
used to transform electrical energy supplied to it, 
into a time copy of a desired mechanical impulse 
or so to modulate an electrical current that the result 
will be an electrical copy of an exciting wave. Tlw 
exciting impulse may be any function of time. If the 
current t.o be modulated is supplied by a constant, 
difference of potential it. may lie modulated by intro¬ 
ducing into the circuit either a resistance or an electro¬ 
motive force varying in accordance with the exciting 
impulse. The result will be a modulated current by 
reason of Ohm's law. Tim present, subject, is limited to 
modulation by the resistance method. 

Two applications of the resistance modulator are the 
carbon-granule telephone transmitter amt the selenium 
light-sensitive cell. Hither of these pieces of apparatus 
forms a unit, in a system which fails in t ransmit perfectly 
the exciting wave. In the case of tin* telephone, the 
characteristics of the speech input are not faithfully 
reproduced in the sound output at the receiver. The 
difference in characteristics or quality is termed dis¬ 
tortion. 

In order to perform a useful function a resistance, 
modulator must be provided with a transmitting system 
that will cause the exciting wave to act on the resistance 
unit, and this system always causes distortion. Again 
using the carbon transmitter to illustrate; distortion of 
the voice wave* occurs in the air transmission leading up 
to the button diaphragm because of mechanical charac¬ 
teristics of an air column, in the diaphragm because of 
its own mechanical qualities combined with clamping 
difficulties and in the carbon because of its mechanical 
behavior and because carbon does not have a linear 
pressure-resistance relation. However, these causes 
of distort ion are all subject to modifications which will 
diminish such distortion, 
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For the purpose of the study a perfect resistance 
modulator is assumed. The resistance element gives a 
change of resistance which is an exact copy of the excit¬ 
ing wave. Thus the assumed perfect modulator repre¬ 
sents the limit in quality which improved materials and 
design may produce in such a device. Hut, a resistance 
modulator gives a current, wave in the output circuit 
which in form is an inverse function of the exciting wave 
and not a true copy of it. The result, is distortion, such 
distortion being inherent, in the nature of the device. 
In order to analyze the effect quantitatively, an exciting 
wave following the sine law is assumed. By assumption 
it produces a corresponding wave of resistance modula¬ 
tion. Then the resistance of the modulator will be a 
constant, quantity plus the modulating resistance and 
may be written: 

AT | r cos to A 

The distortion effort, is graphically illustrated in Fig. 1, 
The amount, of distortion occurring in a transmitting 
circuit due to modulation is determined by both the 
modulator and circuit electrical constants. The st udy 
contemplates ,a critical analysis of the modulated 
current, from the quality standpoint. The usual 
method of analysis by harmonic component s has been 
employed. 

SlMPAK Skiuks RKSISTANC’K CIRCUIT 
(First Development. Single Frequency; 
Considering the most, simple possible circuit, a 
liattery, a resistance, and a modulator in series. 
Hquation, 

/A, ( r cos 0) 
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AT | A\, 
By simple division: 
KIR f 1 R cos 0 


of the 


The 

I/„M 

Also 


senes converges 
U,>n < IK 
( T 


A* find r/R K 

A'" cos" U A" • cos 
| A' 1 cos' 0 

Proof 
find A„> c „ U n 0 
IH )"; (r/A) nH 


{r/R i„ if r < R 


K n y„ t (r/tt)" 0 if r 


421 










































422 


240 


cc 

UJ 

D_ 


180 


, ^hich is true always since the modulating resistance 
must be less than the total resistance. 

Expanding: Whole expansion to be multiplied by E/R 
Constant: 1 + # 2 /2 + 3 #78 + 5 #«/.16 • 

+ 35 #7128 + 63 #«/:256 + . . . 
Fundamental: - cos 8 (K + 3 # 3 /4 + 5#78 

+ 35 #764 + 63 #7128 + . . .) 
2 nd Harmonic: cos 2 8 (# 2 /2 + # 72 + 15 Z 6 /32 

+ 7 K 8 /16 + 105 K 10 /25Q + . . .) 
3rd Harmonic: - cos 3 8 (#74 + 5 #716 + 21 #764 
+ 21 #764 + . . .) 

4th Harmonic: cos 4 0 (#78 + 3 #716 + 7 #732 
+ 15#“>/64 + . . .) 

5th Harmonic: - cos 5 8 (#716 + 7 #764 
+ 9 #764 + . . . ) 

6 th Harmonic: cos 6 0 (#732 + #716 + 45 # 17512 
+ ■ • • ) 

7th Harmonic: - cos 7 0 (#764 + 9 #7256 + . . . ) 
8th Harmonic: cos 8 8 (#7128 + 5 K 1 7256 + . . . ) 
9th Harmonic: - cos 9 8 (#7256 + . . . ) 

10thHarmonic: cos 10 8 (# x 7512 + . . . ) 

Each harmonic becomes an infinite series; hence 
an approximation. The expansion of a power of 
the cosine results in a single term for every even 
or for every odd harmonic starting with the same 
numbered harmonic as the power developed and 
going on down to the fundamental if an odd power 
or to the constant term if an even power. Thus 
in the expansion given the series become more 
approximate by twos. 

From this solution a very clear mental picture 
. of the process of modulation may be gained. The 
fundamental or first harmonic is the result of the 
direct current flowing across the varying resistance • 
of the modulator, the second harmonic, and the 
second constant term result from secondary modu¬ 
lation, that is, the fundamental flowing through 
the modulating resistance. Thus by reason of the 
eighth harmonic there arises the first term of the ninth 
series, the second term of the seventh, the third term 
of the fifth, the fourth term of the third, and the fifth 
term of the first series. 

Simple Series Resistance Circuit 

(First Development—Double Frequency) 
Equation 

i = Ej (R x -f- R 0 -f~ n cos a + r 2 cos 8) 

~ (R -T r, cos a + r 2 cos 8) 

= E/R [1/1 -j- # 1 cos a -j- # 2 cos 8] 

Where 

a = 2 7 r/i t and 8 = 2 7 r / 2 1 
By division: 

i - E/R [1 - (# lC0S a + # 2 cos 8) 

+ (#1 cos a + # 2 cos 8) 2 - (#! cos a + # 2 cos d)* 

+ (#1 cos a + # 2 cos Q) 4 -f- . . . ] 
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harmonic components: (Fourth order 


Writing in 
modulation) 

The whole expansion must be multiplied by E/R. 

1 + #,72 + # 2 72 + 3 #,78 + 3 # 2 78 + 3 Ky # 2 72 

- [#, + 3 #, 74 +3#, # 2 2 /2J cos a 

~ [#"2 + 3 # 2 74 + 3 #, 2 # 2 /2] cos 8 
+ [#,72 + #,72 + 3 #, 2 # 2 2 / 2 ] cos 2 a 

+ [# 2 72 + Ky/2 + 3 #, 2 # 2 2 / 2 ] cos 2 0 

- [#,74] cos 3 a - [#a74] cos 3 8 + [#, 78 ] cos 4 a 

+ [# 2 4 /8] cos 4 8 

+ [#, #2 + 3 #, 3 # 2/2 + 3 #, # 2 72] cos (a + Q) 

+ [#, #2 + 3 # x * # 2/2 + 3 #, # 2 72] cos (a- 8) 
-[3 #, 2 # 2 /4] cos (2 a + 8)-[ 3 #, 2 # 2 /4] cos (2 a- 6) 

- [3 #, # 2 74] cos (2 8 + a)—[3 #, # 3 2 /4] cos (2 8 - a) 
+ [#, 3 # 2 /2] cos (3a + 0)+[#, 3 # 2 /2] cos (3 a - 8) 
+ [#, #2+2] cos (3 Q + a) + [#, # 2 3 /2] cos (3 8 - a) 
+ [3 #, 2 # 2 74] cos (2 a +' 2 8) 

+ [3 #, 2 # 2 2 /4] cos (2 a- 2 8) 

This development is the explanation for sub-fre¬ 
quencies and odd multiple frequencies in the output 
circuit of a resistance modulator even though the 
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instrument be acted upon by pure waves. These odd 
frequency components of current may become quite 
large. Assuming constants of E = 12, r, = 80, r 2 = 20, 
Ro = 100, and R x = 100 where r, is associated with the 
frequency /,, giving the time angle a and r 2 is associated 
with the time angle 8, a current i will flow equal to 
65.82 - 24.32 cos a - 7.49 cos 8 + 5.71 cos 2 a 
+ 0.45 cos 2 $ + 2.98 cos (a + 8) + 2.98 cos (a - 8) 
- 0.72 cos (2 a + 6) - 0.72 cos (2 a - d) + . 
where the values are in milliamperes. 

A particularly valuable feature of mixed frequency 
modulation analysis is that it offers the possibility of 
measuring distortion in an actual instrument. By 
exciting an instrument with two pure waves of known 
magnitudes and with frequencies prime to each other 
and measuring one of the combination frequencies in 
the output and comparing with the calculated value a 
definite knowledge of what.the instrument has done may 
be gained. 
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(1HANDY: A RHKIKTANCK MODULATOR 


SIM1M.K Smrihk Kksistancjk Circuit 
(Second 1 levolopmont) 

Equation 

i w E (/’„ I R, I r cos (I) 

~ E/R\\ (1 I A (‘os ft) | where r/R A 
Examining fur the constant, term of a harmonic series: 
Constant 


E R. t) (I /Ml i A cos ft) E R[ 1, \ 1 A"-) 


Fig. 2 is similar to Fig. 2. in that it shows the manner 
of variation of the first, three distorting harmonics 
relative to the fundamental but with R x , the resistance 
of the circuit external to the modulator, as the variable 
and the modulating resistance r held constant at, 100, 


nCtorSsiur H;trmimic 

in I'.'i ( rltt ,.f Fnliililllli'HtHl 

1: H u: 


Examining for t he eoeilieient of the wt.h harmonic: 


A n A R • 


‘ COS II 0 

I , r ,, • d 0 
1 i A cos It 

2f lr r 1 v i A- 

S 1 A- I A 


Writing f he series: 


i E R I (1 \ 1 A" 2. x l A* 1 A ‘l cos 

- A 
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cos 2 (t 


co s a 0 


volts, 


-< I[I \l /c-1 .. I 

I cosn 0 1 

\ 1 A" 1 A J I 

Sample calculation: 

Assumed constants: 

R 200 ohms, r SO ohms, and A 12 volts, 

Writing uirivn! in milliampcres: 
i ■ (in, 1000 27,0047HS cos (I j 0.710110 cos 2 0 

1.10527S cos 2 II t ,24 DM 8 cos 4 tt .052210 cos 5 0 
I .0100 i 2 eo;, 0 // ,Of )22S 1 c< >s 7 0 ] .()()()47f57 e,<is S 0 

.00000004 cos 0 (I j ,000020S2 cos 10 ft i . , 
Dropping the constant term and writing the har¬ 
monics in per cent, of the fundamental: 
i~ It to cos ft ! 20.00 cusp, P 4.27 cosh ft } ,014 cosIP 
.101 cos 5 P j .0200 cost!// .00824 cos 7 (t f . . . 
Fig. 2 illustrates the manner in which the first, three 
distorting harmonics change relat ive to the fundament al 
when modulator and circuit constants remain the same 
hut t he degree of modulation, A r„ r, changes. Calcu¬ 
lations were based upon the same assumed constants 
as in the* example above with r changing in value from 
zero to 100 ohms. The latter value represents nearly 
complete modulation of all resistance in the circuit. 
Complete modulation is the limit which may be ap¬ 
proached. It is interesting to note that if complete 
modulation could he realized all harmonics would be 
present and equal in value. 


11 ) it'll riliK Uni lu'Hllr:•> 

m I'l l Cell} tif l/'uilil.llwilt.ll 
s 1 tiM i K -1/ 
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till liiitiimfiit: 


20 40 60 RD inn 

EXTERNAL RESISTANCE,, R x . IN OHMS 


A7, is held at 100, As R is the sum of R„ and R x it. 
must, change. It may he noted that the division of the 
total circuit resistance between the modulator and the 
external circuit is of no consequence except I,hat r is 
limited by A,,. 

Diminution Factor in Simplk Smuikh Cikgijith 
The equat ion of the current was found to be: 

i E R j 1 vl A*' - 2 V 1 a! 1 A I cos 0 

L A J 


1 - A 


Vl - A 


j'-yp-K!]*,, 

k. - *“ A ** 


cos 2 It 
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GRANDY: A RESISTANCE MODULATOR 


Transactions A. I, E. E. 


(~l) n 


V 


1 - K 


sF- 


v/1 - K- 


K 


cos n d 


From an examination of the equation it is seen that 
each succeeding harmonic differs in magnitude from the 

preceding_harmonic by the multiplying factor 

[1 — v 1 — K-]/K. Since K is the ratio of modulating 
resistance to the total circuit resistance it is always less 
than one and approaches one as its limit. Thus the 
multiplying factor is also always less than one approach¬ 
ing one as its limit and accordingly for the purpose of 
this discussion has been termed a diminution factor. 


Vo -f- v — (Iq -f- i) -f- t cos 6 ) 

From KirchofFs law v = — i R x 
Substituting and solving: 

. V o — Iq (Ro T r cos 6 ) 

Ro T" Rx H~ t cos 6 

The mean voltage across the modulator may be 
arrived at in terms of the steady current flowing and 
the circuit constants. Solving the first equation for v: 

_ (Vo - Iq -go) - Jo r cos 6 
V x R x + R 0 -f- r cos 6 



Fig. 4 


The factoi describes the quality of an operating 
circuit by giving the magnitude of the second which is 
the first distorting harmonic relative to the funda¬ 
mental. The sum of the distorting harmonics compares 
with the fundamental as (C + C 2 -f C 3 + . C„) 

compares with one. As the argument of the diminution 
factor is K the criterion of quality in a circuit is the 
ratio of r to R. In Fig. 4 the diminution factor has 
been plotted against the ratio. 


-LEST CIRCUIT 

A circuit of special interest for test purpose 
because the direct and alternating components 
current are separated, is one consisting of a battei 
a heavy inductance unit, and a modulator all in seri 
and with a circuit consisting of a large condens 
connected in series with a resistance unit in paral 
with the modulator. The circuit is shown in Fig. 
In order to effect an analysis an' assumption is mad 
that no alternating current can flow in the batte; 
circuit because of a preponderately heavy inductan 
and that no direct current can flow in the receivii 
circuit because of the condenser. The condens 
is made so large that it imposes no appreciable impe< 
ance to alternating currents of frequencies dea 
with Although not rigorously true the assumptic 
can be closely approached in a test circuit. 

The voltage across the modulator may be written: 


Summing up v over a complete cycle, setting the result 
equal to zero, and solving for V 0 there results: 

Vo = /q { V (R o + R x ) 2 — r 2 — Rx) } 

The equation for. current may be simplified by 
transformation to: 

Vq T~ -fp R x 
Ro T R x 

1 + (r/Ro + R x ) cos d 
A 

1 + B cos d ~ Jo 

The form of the equation is the same as that for the 
series resistance circuit except for a subtracting con¬ 
stant. The same methods may be used to expand it 
into harmonic series with the same characteristic 
results as were used for that circuit. Similar relations 



Fig. 5 


exist between harmonics. Using the second method 
the equation for current is: 


i — 


VI- £ 2 


- Jo- 


2 A 


VI - B 2 


(1- VI-ff 2 ) 
B 


cos d 


2 A (1 - vi - B 2 ) 2 
VI — B 2 B 2 cos 2 d -f- . . . 

Table of Symbols 

Ro = Average value of modulator resistance or value 
about which modulation occurs. 

Rx — Resistance of receiver circuit 
R =Ro + R x . 

T = Modulating resistance. 

^ ~ Time angle in terms of frequency 
Rnd time. 
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E Battery eled.roniolive force, 

t Current in receiving circuit.. 

a cot 2 ? rft, r i'ini(‘ angle with f .s to / in 0. 

K r j H. 

Vo ~ Constant component of modulator voltage. 
v Variable component, of modulator voltage. 

/ 0 - I )ireet current. 

C Piininution factor (1 \ 1 K-\ K. 

I >is<ussion 

K. M. KwIiiht: It < fin lit in*- i Imt kiii in* of Mi\ (1 randy V 
statement , while imt iiworreel, may In- a til lie misleading, while 
Nllllir HKMIUIpl ioll: ,MI*e made thill exaggerate till' pool* < pi a I i I ie: i Ilf 
lln* t raasiiiilt♦ ■ r. 

Tit.* statement t licit tin current output wave is all inverse, 
fund ion uf l In* exciting w a v i*. v. Inti l I hint ii is I rur, is. liowe v i*r, 
likely I** give a wrong physical conception. Physically, lln* 
qualii al i v i results uf l la- >< mm ting ttim* an* * imilar lu those uf lln* 
mil put w a\ i . I hat i , w him l la* mmi ing, w nv i* him a high v alia* I la* 
output warn ha al o a high v uhl** ami ; iniilarly with low v alues. 
From he iateiiietil we might gel I he idea 11mt if (lie mil pul wave 
is nu inv lie itmdum uf lln- exciting wave, i he uiitput wave is 
small when the evil me wave i large, aral viee versa. Tech¬ 
nically, however, Mr, < iramfv'. * .1 a i * imut, I Ihinh. is correct. 

I disagree, however, with lie I al elm nl that distortion r* due 
lu the fa*’* that lln pressure rest Inner relofion uf lln* carbon*, 
granule transmitter i mil linear. Ji i by tv uming that this 
relit I imt is linear that lln re nil fend lu magnify lln* distortion 
illle the output current bring an nr. er e function of lln* exciting 
wave A a mallei* of fuel, if lln* pre; are re i stance relation 
were a ivdauguiar hyperbola ami I here were no reel: lauee mil ' 
aide of thus m I he Iran ■ miller, I hr mil pul wave would hea true 
image ul i he exciting wau, mechanical distortion neglected, 
'Phi:: l • Imw li ie follow a, 

I ,rt p he I lie pre;. 4U'e Mil i lie diaphragm III ilfl.V f him. 

Let ]>„ lie the pie;me about which the pre ure variation 
one urn. 

According lu the a nmpliou r j> r 


.Warning a -iumoidai esmiling wave lln pre ure would 
p /'„ j /*„ tan ft where p„ ir (he modiitaliug pie * ui'e. 
tteia-e 


/’„ ! m 


/ /•: /■„ 


p„ "1*1 P' 


wllieli i|uw: I }|«- on {pul wave lo he of (he Millie form a (lie 
ejmit me wave if i he pr< ure re i lauee relation in a reel angular 
hyperbola. In tin no! linear. That the relation i* actually a eurvo 
uf fin aiim general I rend a* a reef angular hyperhula, namely, 
concave upward, eau he • > u hy a eon- idem!ion of fin* limits of 
the ret i a nee iv": tie- pH lilt jsOand heeoiue juliuite. 

Actually, however, distortion will al o e%i f with neh a re* 
hit ion uie. lie* n huh out v e i ah iff ed upwjml hy an amount 
depending on iheeontuuf mi tuner in she eireuit of the tranu- 
mitter, t inier these conditions if eau he shown flint lln* e ur¬ 
gent wave due !u a *iuu oidjtl exciting wave would he 

E il'„ i /<„ in »' 

1 * 

/,* /'„ \ j>„ m H * t 


which on aeeuunl of lln* second term in lln* denominator will not 
giv e a pure sine wave. 

From this it can he seen llwtl lln* ideal condition would lu> lo 
iia v e I In* pressure-resistance relal ion of l lie I ransmit let* follow I In* 
law of a reel angular hyperbola, vvilh no resistance in the exterior 
eirenil instead of a linear relation as Mr. (Jrandy implies. This, 
I believe, explains iii part the fact dial lln* distortion actually 
realized is not as great as might he suspected from simply ati 


analysis of lln* expression 


!\ , r | /»’„ i /* COS (I 


given in Mr. 


< !randy’s paper. 

The conclusion thal might be interred from I his discussion i- ; 
dial a l ransmit lev I ha I v aries tin* e. m. f, in I he circuit would lend 
ii self mure readily to preduetiou of distortionless output waves. 
'Phis suggests dial tin* magneto transmitter operates on a 
principle that underlies distortionless reproduction of diaphragm 
v a rial ions. 

I,. S. (irnmlj : ('oiutuctding on Mr. Kerehm r’s discussion; 

lln* original statement, that the current wave in the output 
eirenil e. an inverse function of the exciting wave, is misleading 
if Uol wrong. It was intended Install* that file current wave is 
an i 11 v erne ftmel ion of the mud n la I mg resist a nee. 

A linear pressure-resistance relation was assumed lu In* ideal 
because any oilier relation would mean the hitroduelimt of 
harmonies into die varial ions of dm umdnlal ing resist a nee so I hat. 
resistance change would mil he a copy of die exciting wave. 
Mr. Kerelmer lut*-; shown that if a rectangular hyperbolic pre 
' life resist am*e relation could In* realized, an ins)rumenl, in an 
hypothetical ease, could he made to produce an out-pul current 
wave that would he a true image of the exciting wave and that 
such a pressure-re* i>.lance law would permit the building of 
instrument , dial would presumably materially reduce distortion. 

Ii i*; thought- probable that for every combination of circuit 
and modulator constants there exists a law of pressure resistance 
change that would produce distortionless reproduction of the 
exciting cause or at least, permit a reproduction with a minimum 
of distortion. Upon the linear assumption a diminution factor 
was detined as that factor which given the relative magnitude of 
each succeeding harmonic relative to the preceding. Dis¬ 
tortionless reproduet ion would la* attained if the diminution 
factor was made zero. Deferring to Fig. *1, such a situation 
would he approached if /,*. the resistance of the output, circuit, 
was made very large in proportion to die modulating resistance r, 
This j ; dm condition under which the carbon radio microphone 
operates as its output is impressed upon a, vacuum-tube circuit 
of very high impedance. Thus the linear presau re ••resistance 
relation becomes die perfect relation for that part-icular combina¬ 
tion of modulator and circuit constants. As die carbon micro* 
phone gives very excellent re ,tills from the quality standpoint 
and as such result: depend upon a, linear relation it. in thought, 
that the pressure .resistance law for carbon must not depart, very 
far from tin* linear form. It is Inn* as Mr, Kerelmer points out 
that at limit ing eotuiit ions the law for carlam musi depart from 
the linear form, Imt for pressures actually used, limiting condi¬ 
tions Ufe not likely to he encountered. The pressures involved 
are uf a very low order of niagniltide. The writer ha * had other 
e\ idetiee t hat, while tiul at all eoneln iv e, was si rottgly suggest iv o 
of 1 he linear relal ion for carbon. 

A magneto type, or a. condenser type of modulator is very 
desirable from the quality standpoint'. As pointed out in the 
lirsi paragraph of the paper, such an instrument modulate** 
current supplied to it hy voltage change*; in dm circuit making 
the modulated product a direct function of the modulating 
change. However, it is impossible to gel enough energy from dm 
exciting cause into such an instrument to produce modulated 
currents* of a magnitude dial can he used in most applications. 
On the other hand the carbon instrument ad a a*> a. modulator ami 
a very large amplifier at t he same 1 ime. 


Ill 




































Gab Signals for Railway Signaling 

BY T. S. STEVENS 1 

Synopsis. There is described in this paper a system of contin- particular type of system is called the three-speed, continuous-, 
nous signals operating within the cab of a railway locomotive. control signal system. It has been adopted quite extensively by 
This system teas developed in an effort to provide more reliable and the Atchinson, Topeka, and Santa Fe Railway System, 
safer signals than the common semaphore or light signals. The ***** 


P ROBABLY every signal engineer has worried about 
the difficulty of placing wayside signals on a 
railroad so that they can be seen and the indication 
properly read at a sufficient distance for proper control 
of the train. There are two forms of wayside signals, 
the semaphore and daylight light signal. The first 
displays its indications by a movable arm attached to 


tion over sufficient length of track so that it can easily 
be brought to rest before getting within dangerously 
close proximity of the first train. 

The three-speed, continuous control system neces¬ 
sarily requires the establishment of three different 
electrical conditions in order to provide the three con- 


a mast. The second displays its indications by 
colored lights which, by virtue of special lenses, can 
be seen in ordinary day light at sufficient distance. 
Particularly with semaphores, the question of back¬ 
ground is very essential. It is not quite so essential in 
connection with light signals, but even with these 
devices it is often difficult to place signals on a crooked 
piece of track so that there will be sufficient view of 
them. Fog is another agent which interferes to a great 
extent with a dew of semaphores and with a view 
more or less of light signals; although in a fog, a light 
signal can be seen much the farther. 

Then again any form of wayside signal is only inter¬ 
mittent in its indication. A train arrives at a signal 
which is displaying a certain indication. It passes it 
and the indication is lost except in the memory of the 
the engineman. 

Thus, many years ago, we dreamed of the possi¬ 
bility of haring a signal right ahead of the engine which 
would change under changing conditions or contin¬ 
uously display the same indication if the condition did 
not change. Much research work was accomplished 
and ultimately it was found possible, through means 
of practically wireless circuits, to provide a signal in 
the cab of the. engine which would keep the engineman 
informed continuously of the condition ahead regardless 
of whether he was moving or standing still. 

. The type of rab signaling adopted by the Santa Fe 
is generally called Three-speed continuous control 
It empbys no wayside signals and all information is 
obtained from the signals in the engine cab. 

Fig. 1 indicates a train proceeding along the track 
receiving a high-speed indication from the track ahead. 
Directly at the rear of the train, a zone of low-speed 
control is set up and just behind that, a zone of medium- 
speed control, so that a train following will receive a 
medium-sp eed indication and then a low-speed indica- 

S,iem gnal Engineer ’ Atehi *son ( Topeka, & Santa Fe Railway 

Presented at the Regional Meeting of District No. 7 of the A. I. 

■ E., at R ansas City, Mo., March 17 and 18,1927. 



Fig. 1—Automatic Train Control 

trols. These three conditions are brought about by the 
proper control of a-c. circuits in the rails which establish 
magnetic fields around the rails and affect receiving 
apparatus mounted at the front and rear of the locomo¬ 
tive. The energy picked up by these receivers is am¬ 
plified in two stages and used to operate the engine 
relay on the locomotive. 

The railroad tracks are divided into track sections, 
or blocks, by insulated joints located approximately 
4000. ft. apart. Each section is equipped with an 
individual set of controlled circuits, two separate cir¬ 
cuits being used as follows: 

Fig. 2 shows the circuits mentioned above. A is 
t e Track Circuit” in which a small transformer 




Fig. 2 Alternating Current Track Circuit 

tra^Lr c ^ ren jc^ to rails, and this is received at a 

^ °^ er 6nd ° f the section - The current 

coil to fikT+ C T U i d ° WS trough a limiting impedance 

or thp inrlp r f C ’ ? Wn one ra ^ through the track relay 

section o/A ai ?J , ram ma y be in that particular 

•section, and back through the other rail. Incidentally, 
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quite a large part of the total eurreni. may leak from 
rail to rail t hrough the ground. 

B shows the same track circuit occupied by a train 
moving from right to left, and it will he noted that the 
current is shunted away from the relay by the axles of 
the train so that the armature of the relay drops by 





Ft li. M Lid Ii' G| Hi i IT 

gravity on the back contacts instead of the front con¬ 
tacts, These contacts are used to control circuits in 
such a way as to indicate the presence or non-presence 
of a train on the particular track section concerned. 

Fig. :> is the "Loop Circuit” in which current travels 
down both rails in tire same direction. It leaves the 
loop transformer at one end of the circuit, divides 
through two resistance coils and flows down both 
rails in both directions under the train. At the end 
of the track section it is again brought together through 
two resistance coils and returns over a wire installed on 
the pole line. 

Fig. A show.-dnadiacrammat ic way t he engine receiver, 
of which one is mounted in front of the first pair of 
wheels on the locomotive and another at the rear of tin* 
tender with a vertical clearance of about six in. above 
the rail. This is a structure of laminated iron with 
coils mounted thereon in such a manner as to pick up 
energy from tin* magnetic field around the rails. The 
"Track Receiver" being at the front of the locomotive 
picks up track energy before it is shunted by the wheels. 
The coils on the track receiver are connected in such a 
manner that the voltages induced in them are additive 
when t he current is passing through the t wo rails in 
a direction opposite from that indicated for the track 
circuit, in Fig. L 



Fa*. I Km.im, 10 i'i o rit 


The ‘‘Loop Receiver" being mounted on the rear end 
of the tender is out of the zone of track circuit current, 
because this has been shunted through the wheels of 
the locomotive. The coils of the loop receiver are 
connected in such a manner t hat the volt ages induced in 
them art* additive for currents passing through both 


rails in the same direction. Thus they pick up energy 
from the loop circuit s which is shown in Fig. 2. 

The "High-Speed" indication is est ablished when the 
track is unoccupied for a specified distance ahead. I t is 
brought, about by energization of both the track circuit 
and the loop circuit with the normal direction of current 
flowing in each circuit. 

The "Medium Speed" indication is established when 
the track is occupied at a specified distance ahead. 
This is brought, about, by energization of bot h the track 
and the loop circuits with the current in the* latter 
circuit reversed. 

The "Slow Speed" indicat ion is established when the 
track is occupied at a specified shorter distance* ahead. 
This is brought, about by de-energization of either the 
track circuit, or the loop) circuit. 

The* method of controlling the track circuit, and loop 
circuit automatically by the presence* of a train on the 
track will be explained in detail a little later. 

The train control engine relay is a t wo element affair, 
one element, of which is energized by induction from 
current, in the track circuit, shown in Fig. 1 except when 
this current is shunted away from it by the wheels and 
axles of a train. The other element, is energized by 
induction from current, in the loop circuit shown in 
Fig. 2. The operating pari, of the relay is a vane 
somewhat similar to that used in a wafthour meter. 
In order to obtain three indications, it. is necessary 
to provide a means for this disk to be operated in two 
directions in order to close different contacts. It. must, 
also he actuated by gravity to a point where it opens 
both of these contacts and closes another, In order to 
accomplish t his, suit able means are provided to reverse 
the relat ive polarity of I lie current in the loop circuit. 

Fig. 5 shows the circuit, used on the locomotive. 
Directly under the train control relay is shown the 
contacts which bring about, the display of the different 
lights in the cab signal. The letter in the indicator 
used on the Santa Fe means lair, medium and hitjh 
describing the speeds which are authorized. In this 
same conned ion, the relay controls two elect,rnpneu- 
matie valves designat ed as "Control Magnets/’ which, 
in turn, set. up conditions through which the speed of 
the train is act ually controlled automatically regardless 
of t he action of the engineman. 

The author docs not intend to give a full descript ion of 
this automat ic control, but. it is interesting to a mechani¬ 
cal engineer and the author will be glad to arrange for 
answers to any questions which may be [asked, 

Fig. (5 illustrates in greater detail than Figs. 1 and 2, 
the circuits used on Hie roadway. In this connection, 
it will he noted that a three-phase line is used to energize 
the system. This line is very nearly balanced by using 
one of the three phases for a live-mi. stretch, the next 
phase for the next, five miles and the t hird phase, for 
for the next five miles. It will be noted also that the 
secondaries of the line transformers are divided into two 
circuits, each of 110 volts, in order to provide a eon- 
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Transactions A. I. E. E. 


venient way for reversal of current polarity in the loop 
circuit without a complicated pole changing device. 

Now, as to the circuits on the roadside which bring 
about the different indications: In the following 
discussion, the current which is permanently applied to 
the rails will be designated as the “track circuit current” 
and that which is controlled through contacts will be 
called “loop current.” 

In order to provide a high-speed indication, both of 
these currents must be present, and the loop current 
must be of the proper relative polarity. To provide a 


former B. In either case, one element of the engine 
relay is de-energized and its rotor drops by gravity to 
the low speed contact. 

The method of providing a medium-speed indication 
is shown at location 2. It will be noted at location 1 
that contact C is connected to wire B X which, in turn, 
is connected to the line transformer on the relatively 
plus side. At location 2, the corresponding contact 
at D is dropped and is now connected to wire N X 
which is connected to the relatively minus side of the 
transformer. In this way, the relative^polarities be- 


Head Light Generator 



■J-,. _ Front Receiving Coils 

.pig. o—C ircuit Diagram Automatic Train Control 



medium-speed indication, both of these currents must 
be present and the relative polarity of the loop cm“ent 
A , b A' 1 ' There are two ways of providing 
lonfrinfo T lea *i on: 0ne is sho '™ between loca? 

he relay hv Th T he T eiltis shunted awa V from 
another Lv T Under these editions, if 

circSt e ^. t Section ’ there ^ be no track 

Son2 Atth 3 6 - The ° ther is shown 

fore no enerw ; * S A’jV™* 30 * 4 * s open anc * there- 
g} s applied to the primary of loop trans- 


ween the track circuit current and the loop cum 
haveheen reversed, which in turn reverses the engi 

is ‘he Particular scheme as describ 

indications™?! because of its continuo 

a “ A ■ n seems eas y ^ here described, b 

before I ^ 7 T TS Were Spent in research wo 
possible description of this kind becar 

Various new problems confronted us when we hi 
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the opportunity to study t-lio problem in connection 
with an actual installation. Very interest inif studies 
have been made about t he various pal hs which a current 
will take when a conductor is .mounded as all steam 
railroad rails must be .mounded more or less through 
the ties and ballast. 'The problem of providing safe 
operation, with due consideration for (he inductive 
effects of adjacent power lines of the same frequency 
was very interesting. 'Pin* real reason for all the above 
was to provide a means of controlling a train auto¬ 
matically regardless of the carelessness of t he engine- 
man or the fact that he might become incapacitated due 
to sudden illness or death, but. it has lead several 
railroads to consider the desirability of providing signals 
in the cab of t he engine rat her t han on the wayside and 
in (.his sense has had a good effect. 

Whether the automatic control of a train will ulti¬ 
mately be successful is debatable, but at. present, it 
looks as if it, is a factor in railway operation which has 
come to stay. 

There are various other schemes now in use which 
are very interesting from a technical standpoint, hut all 
of these involve intermittent controls. Note* of them 
provides an adequate means for t he use of cab signals 
without the addition of wayside devices. They 
simply provide for a check on the enpineman should he 
disobey a signal indication. They an* not self cheek¬ 
ing, as is the device described above, and therefore as a 
means of adding to the ellieieney as well as safety of 
train movements they seem incomplete. Only time 
will show whet her this idea is correct or not. 

Discussion 

I 1 '.E# Snell« Though cent inued«1« vi jopmrnt «»l tli*’: t-umphnri' 
and light type of Mgnal- m u I f «■* I in the product ion of n highly 
efficient unit. it yet Inc • nmc •. rime draw hitch a aw pointed out by 
Mr. Steven;;. The .e unfavorable conditions, attendant <m 
waysid*’signafi, which could not he remedied by electrical means, 
naturally resulted in the development of a cab signal, The cah 
type of signal may al ;.o offer a, elution to one of the problems with 
which wo are confronted in t ‘lev eland, and which, no doubt, 
affect other operafogi of rapid tram it line;; in metropolitan arena, 
where a portion of the right of-way in through the less polite 
resilientiul seel ions. 1 refer to t lie malicious destruction of signal 
equipment by liv’.pn • er., particularly miail hoys who throw 
Hi ones, using the w a,v side signal light lease* a * targets. 

It would he interesting to hear, imt only of tie* problems pre¬ 
sented by the inductive effects of adjacent power lines of the 
same frequency as the signal current, but also something re¬ 
garding the ability of llm engine equipment to funetion properly 
under severe conditions m which it is no doubt subjected. In 
ether words, do vibrations, bumps, etc,, cause excess relay or 
lamp failures when compared with the wayside type of signali* 

Wishing to give the traveling public flu* greatest possible 
protection, signal engineer’, have experimented with, and 
developed, various forms of automatic train control, the ultimate 
HueeoNN of wInch, Mr. .Stevens states, is debatable. Our com¬ 
pany has had no occasion, of course, to consider such a system, 
hut from the wonderful progress made in the signal held in a 
comparatively short time, as well as in other branches of tlm 
electrical industry, I can see no reason why continued experi¬ 
menting and future developments will tad soon result in more 


pjii 

efficient and reliable met hodsjif signaling mid automatic control 
of I rains. 

(). S. Major: As presented by Mr. Stevens, f lie cab-signal 
system appears to be comparat ivoly simple, but w hen one digs 
into the problem a little deeper and considers various traffic 
conditions to be contended wit h and I radio re\ ers.nl as used on the 
Santa Fe, situations sometimes arise which are extremely 
complicated. 

Other general types of automatic t rain eon I rot not taken up l>.\ 
Mr. Stevens include the intermittent inductive, intermittent 
contact tramp type),mul inuous two-speed, and continuous slop; 
they are all intended to accomplish tlie same general purpose, 
namely, enforcing of obedience to. or cognizance of, signal 
indicat ions. 

In the intermittent, contact. «»r ramp type, rumps are placed 
at intervals along the roadway which make contact with a, shoe 
on the locomotive. The ramp is energized or deenergized, de¬ 
pending upon track cundil ions ahead or wayside signal indication; 

(he shoe, on passing over the ramp, completes elec trim I circuits on 
the locomotive which in turn control relays and valves, causing a 
reduction of brake pipe pressure under certain conditions. 

In the intermittent inductive types, several methods are used 
to impart an electrical impulse to 1 lie loeomot i\ e circuits I hrotigl* 
air air-gap to a receiver mounted on I lie loeomotiv e which in turn 
controls electropneumatie valves causing a reduction of brake- 
pipe pressure under certain conditions of track and signal 
indicut ions. 

The track element, or inductor, in one dev ice consists of per¬ 
manent magnets and electromagnets, placed adjacent In mm 
another in such a manner that when energy is applied to the 
electromagnets, the tiehl of the permanent magnet is suppressed 
or tla 1 1 ell eil out to the extent that the locomotive receiver or 
valve in passing over it will not receive an itnpulse, which would 
be the condition set up for a dear block. The energy supplying 
the electromagnets is selected through certain relays ami contacts 
in such a manner that if the truck ahead is not dear, this circuit, 
will lie open, the field of the permanent magnet w ill Uot he sup¬ 
pressed and llie locomotive receiver or valve on passing through 
this held is subjected to the effects of these lines of force, Tito 
action of the locomotive receiver or valve is purely magnetic, 
embodying the principles of north and south poles bucking and 
helping one another. An air valve with pressure on one side 
working against a magnet, on the other side vents pressure to 
atmosphere when the magnet ie elTeet. on the valve is diminished 
or neutralized on account of passing over the extended held of 
the track element. 

Another type of intermittent, inductive train control uses an 
inert, track element or inductor which imparts an impulse to a 
receiver mounted Oil the locomotive when the receiver pUNKCM 
over it. The inductor consists of a lamina,led iron core around 

which wire is wound. The r».. consists of a, primary and 

secondary winding on a laminated U shaped core. The primary 
is constantly energized from the headlight, generator, thereby 
forming an electromagnet.. If the leads to the track element or 
inductor are closed, as in clear block conditions, the engine 
circuits are not materially disturbed when the receiver passes 
over the inductors. However, if the w inding on the inductor is 
open, as in the caution or slop block condition, the reactance of 
the inductor is changed ns well ns the reluctance of the magnetic 
circuit, between receiver, air, and inductor, and a current is 
induced in the secondary circuit of the receiver, ojqatsite in 
polarity found htrgi r than the normal holding current of engine 
control relay, which drops this relay and causes an eleelmpneu- 
nmtic valve to function resulting in a reduction of pressure. 
Acknowledging and forestalling devices can be prov ided on most, 
of the devices which enable the engirtenmn to forestall an auto¬ 
matic application of t he brakes, providing he is sullieiently alert 
to perform a certain duty in a specified length of time at. a certain 
place. 
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The Chicago & Northwestern has installed a system of con¬ 
tinuous control which is rather unique in many respects, in that 
the operating mechanism controlling the speed of the train in a 
yellow or caution block is a function of both speed and distance. 
The mechanism is driven from the axle. A lever or arm, working 
on a sliding governor, opens and closes certain contacts at 
various speeds and when a yellow block is entered, another arm 
or lever engages a worm gear which operates the arm to open 
and close certain other contacts at predetermined intervals of 
space or distance, the worm gear being also axle-driven. Another 


set of arms or levers combines the speed and distance features 
and operates still another set of contacts. The combination 
speed and distance contacts provide a means for compelling 
the engineman to control the speed of his train in conformity 
with a predetermined tapered speed curve, and require that the 
speed of his train be below a certain low speed at a particular 
point. If the speed of this train is not below the low-speed 
limit at a particular point or place, he will be penalized with an 
automatic application of the brakes which he cannot release 
until his train has come to a stop. Cab signals are also pro¬ 
vided in this installation, but I believe the old wayside signals, 
v hich are of the disk type, are still in service. 

In the sj stems of continuous control, I find that some roads 
reverse the polarity of the loop circuit and some reverse the track 
circuit in order to get the normal, neutral, and reversed positions 
of the engine train-control relay. 

The device Air. Stevens refers to as the “Coder Device” which 
he states the Santa Fe is testing should fill a long-felt need if it 
proves satisfactory. It eliminates the loop circuit and renders 
the locomotive apparatus immune, to picking up stray alternating 
currents of commercial frequencies. 


I am rather inclined to agree with Air. Stevens that in th< 
last analysis continuous control is the end to which we shoulc 
work as it pav es the way for the ultimate elimination of wayside 
signals and provides a continuous check on the integrity and 
continuity of the track as well as the engineman. 

An automatic train-control device using radio frequencies has 
been under dev elopment and test for some time on the P. AI, 
Railvv ay with encouraging results, but I am not advised as to the 
present status of this device. Considering the rapid progress 
and development in radio in the past few years, it is not entirely 
impossible to conceive of automatic continuous radio train 
control. 

. A ‘ Herz: Mr - Stevens has made it clear that the locomotive 
signals depend on the magnetic field impulse transmitted through 
several inches erf space, usually six in. or more over each rail 
making a total air-gap of over one ft. The train control signal 
current used by the railroad is weak, in fact, not over one ampere. 
The power interests transmit large quantities of current over 
wires often located adjacent to railroad tracks, since the condi¬ 
tions of supply and demand make this necessary These 
power wires are located at a distance making an air-gap many 
times greater than that used by the railroad interests in sending 
the tram control impulse through space from rail to locomotive. 
However, it is quite impossible to transmit these large currents 
without setting up the usual magnetic fields around the con- 
duetors, which will in many instances cut the railroad tracks 
and thus create a very weak current flow along these tracks quite 
similar to that made use of by the railroad for this train control. 


This is especially pertinent and has a great bearing on the whole 
problem, since in some instances the railroad makes use of 
60-eyele current and since the receiving devices and the whole 
set-up is such as to respond to the impulses from a 60-eycle 
magnetic field, so that the normal magnetic field liberated by the 
power wires may also influence the signals in the same manner, 
and very often in an undesirable manner. 

That this is actually the case has been demonstrated in 
various localities. Some recent experimental work on a parallel 
between a continuous inductive type of train control installation 
and a power line along the edge of the right-of-way demonstrated 
that a comparatively small current, I believe it was on the order 
of seven amperes, carried on the power lighting circuit, produced 
enough current in the rails actually to set up a false clear signal 
on the locomotive. The almost obvious reason for such a 
failure, of most dangerous nature, is the simple fact that the 
field of the power line had the same frequency as the field used 
in the track circuit to transmit the signals. 

I want to draw attention to the obvious danger of having 
these devices set up so that they are responsive to the normal 
stray fields of the commercial power systems which are today 
almost universal. If the magnetic field made use of by the 
train control signal employs a materially different frequency, 
such interference can be absolutely prevented. This has been 
proven and is practically self-evident. As a matter of fact, 
some train control systems now being installed and also some 
now in use operate at 100 cycles, instead of 60 cycles. Some will 
go so far as to use 100 cycles plus mechanical tuning, that is, 
to employ an interrupted 100-eycle current, the rate of inter¬ 
ruption being such that a mechanically resonant relay will 
respond to it and none other. This will provide a double 
element of safety or protection against possible interference 
from commercial power systems. However, there is probably 
a good deal of experimental work which must be done before the 
continuous inductive train control system is really perfected for 
general adoption. 

T. S. Stevens: The relays for controlling automatic block 
signals on electrically operated railroads are designed so' that 
they can be operated not only on direct-current operated rail¬ 
roads by alternating currents but on alternating-current pro¬ 
pulsion railroads by the use of relays, of a different frequency, 
centrifugal relay, sensitive to a different frequency from that 

used, for propulsion. So the complete track circuit is used in 
that way. 


railways and it is rather interesting because this is probably tin 
most interesting electrical development of the age. 

I don’t want to start a discussion about frequency because it is 
too deep. The effects of the use of any frequency, whether il 
happens to be a different frequency from that of the powei 
companies or the same, are not thoroughly known. What 
corrections can be made with the same frequency and still 
provide safe operation, are still doubtful. Whether the IOC 
cycles will not lead us into other difficulties is not known. A 
device of some kind which involves only very, very low fre¬ 
quency may be developed in the future, but we are pioneering. 

I want to say m favor of Air. Herz that he has been and we 
also have been working along amicably toward a settlement of 
s pro em an no doubt will get to the solution of it some time. 



Carrier-Current Selector 

BY C. E. STEWART 1 

Applicant for Membership 

Synopsis.—The rapid advances made in the application of 
automatic principles to the control of electrical energy have produced 
many new and novel installations. This paper describes a super¬ 
visory system which centralizes the control and indication of all 
power used in operating a modern interurban railroad. Super¬ 
vision is accomplished over a single circuit consisting of one insulated 


T HE application of automatic substations for 
supplying energy to suburban and interurban 
electric traction systems has undoubtedly added a 
very vital chapter in the economic life of these systems. 
From an operating viewpoint, however, the automatic 
station equipment has entirely eliminated the human 
intelligence at the station so essential to the former 
method of operation. In its place we have left a 
number of inanimate devices, arranged in electrical 
circuits to respond to certain definite electrical and 
mechanical laws. Thus, we obtain operations in a 
predetermined definite sequence, dependent upon the 
changes of the master devices within the substation. 

Such a system operates very satisfactorily and would 
meet all requirements were it not for the occasional 
unusual occurrence which is foreign to any predeter¬ 
mined set-up, .but which is nevertheless vital to unit 
operation. For example, to meet emergency condi¬ 
tions in this class of service, it is essential that means 
be provided for quickly opening all feeders supplying 
a particular trolley section. In many installations 
where load conditions permit, it has also been found 
profitable and advisable to shut down and lock out 
certain automatic substations during light load periods. 

There is a demand, therefore, for some means of 
supervising these unattended automatic substations 
from a central point or dispatcher’s station. A new 
class of equipment was developed several years ago, 
and is known as “automatic supervisory equip¬ 
ment.” This equipment provides a dispatcher with 
a means of selectively controlling devices in the sub¬ 
stations and automatically gives him a visual indi¬ 
cation of the substation apparatus by means of stand¬ 
ard indicating lamps located in cabinets at his office. 

One of the most interesting and unique applications 
of automatic supervisory equipment to interurban 
railway service is that installed on the Chicago South 
Shore and South Bend R. R. which runs between 
Chicago and South Bend, Indiana. This gives super¬ 
vision over a 1500-volt, d-c. electrification with con¬ 
verter and mercury arc rectifier substations. There are 
eight substations located between Hammond, Indiana, 
and South Bend, a distance of about 65 mi. The sta- 

1. Both of the General Electric Co., Schenectady, N. Y. 
Presented at the Regional Meeting of District No. 7, of the 
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Supervisory Equipment 
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wire with ground return. A single frequency carrier current is 
used for transmitting all signals over the circuit connecting all 
stations. Considerable attention has been given to make the equip¬ 
ment simple in design, rugged in construction, easy to install, and 
convenient to maintain . 

• % * * * 


tions named in order along the right of way are as 
follows: Hammond, Gary, Wycliff, Furnessville, 
Michigan City, Tee Lake, New Carlisle, and Grandview. 
Columbia Avenue and Michigan City substations are 
manually operated but have automatic reclosing d-c. 
feeder equipment. 

The power dispatcher is located in the Hammond 
Substation. He has direct supervision over the high- 
tension incoming line breakers and machine equipments. 
An indication is also given him of the d-c. feeder 
breakers in all eight substations. 

The train dispatcher is located near the Michigan 
City substation. He has supervision over the d-c. 
feeder breakers in all eight substations and also indica¬ 
tion of the machine equipments. 

The supervisory equipment is of the carrier-current 
selector type and operates over one line wire and 
ground. A single No. 6 B and S copper wire is strung 
on standard 2800-volt insulators for the entire distance, 
For about five miles at one end of the system this wire 
is carried on the same pole as the 38,000-volt power 
circuits. 

With the above picture in mind, it is interesting to 
note the following special conditions which effected, to a 
large extent, the choice of this particular class of 
equipment. 

1 . A problem was presented due to the severe sleet 
and ice conditions peculiar to this section of the country. 
Line wires as ordinarily constructed for telephony are 
subject to many breakages during the winter months. 
An attempt was made to increase the reliability of 
operation by installing larger wire and using distribu¬ 
tion insulators. The choice of the No. 6, B and S line 
wire was due, therefore, to its mechanical qualities 
rather than its electrical characteristics, although the 
latter are highly desirable. 

2. On account of the increase in cost of the specially 
constructed circuits, it was necessary, therefore, to use a 
m i nimum number of line wires, running between 
stations. 

3. Since the supervisory circuits were exposed to 
high tension disturbances, it was essential to provide 
protection to connected apparatus. Where line wires 
are connected metallically to sending and receiving 
equipments we have a very serious problem of obtaining 
proper protection. Protection of equipment so con- 
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nected presents an entirely different problem from that The carrier-current system uses the same equipment 
experienced in telephony. It is impossible to use line which has been used so successfully for a number of 
insulating transformers and drainage coils are unde- years in the selector system. A carrier~euironf panel 
sirable on account of the resultant losses. The use of is added to the standard selector equipment at each 
insulating transformers is not possible where the opera- station. 

tion of the system is dependent upon d-c. lock-out or In the 90-in. carrier-current panel, a cover over 
holding circuits. the back affords protection to vacuum tubes, eon- 

The supervisory equipment line yvires can be run, in densers, and variometers. On this panel are mounted 
many instances, in lead sheath cable in order to obtain the selectors and polarized relays which set up the 
proper protection to the equipment. The cost of such indication circuits on the key and lamp cabinet in 
construction becomes prohibitive on a right-of-way of accordance with coded signals received from the 


this mileage. 

4. The carrier-current system provides a satis¬ 
factory solution to the protection problem. The 
coupling between the station's equipment and the 
external circuit is readily made by means of high-voltage 
condensers which, from the standpoint of protection, 
serve, in effect, the same purpose as the insulating 
transformers. Low-frequency drainage units serve to 
remove the electrostatic induction from the line wires, 
and standard protective apparatus, consisting of gaps 
to ground, fuses, arresters, and choke coils, can be 
employed to protect against unusual disturbances. 

Carrier-current equipment as designed will satis¬ 
factorily operate over any circuit which will offer low 
impedance to the high-frequency carrier current. The 
equipment can be coupled, therefore, through suitable 
condensers to the high-tension power lines. In the 
installation referred to, the transmission lines did not 
offer a satisfactory circuit because of their intercon¬ 
nections and possible separation along the right-of-way. 



Fig. 1 Dispatcher’s Key Cabinet (Columbia Aye. 

Substation, Hammond, Ind.) 

The cost of the necessary by-pass equipment to secure 
a satisfactory carrier-current circuit was prohibitive. 

A very important feature in connection with the 
design of this apparatus is that all devices are panel 
mounted. This applies to all equipment with the 
exception of the dispatcher's office key and lamp cabi¬ 
net. The equipment is mounted on standard 90-in. 
switchboard panels. The panels are completely wired 
and all external, circuit connections are made to 
standard connection blocks on the back of panel. In¬ 
stallation costs are reduced, therefore, to a minimum 
as it is only necessary to interconnect between major 
apparatus in the stations. All installation wiring can 
be of the standard control size ordinarily used on power 
switchboards. 


substations. 

Pig. 1 shows a key and lamp cabinet. For each 
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substation unit supervised this cabinet contains two 
manually-operated, spring-driven code-sending keys and 
two indicating lamps. It also contains the master 
operating key, checking keys, and common indicating 

lamps. 

On a typical substation, panel, the selectors in con¬ 
nection with an associated carrier-eurrenI. panel respond 
to coded control signals from the dispatcher. 

•Mounted on this panel are the motor-driven sending 
keys (Fig. 2) which, originate the code signals for each 
supervised substation unit. Associated with each 
motor sending key is a cheeking relay. 'Pins relay 
provides a means whereby the dispatcher can check 
the position of supervised equipment without operating 
it. This feature is important from a maintenance 
viewpoint because it provides a check on both the 
control and indication operation of the equipment. 

All operating potentials are obtained from storage 
batteries. The supervisory system, therefore, is not 
affected by the momentary loss of the high-tension 
power circuits and renders reliable service under 
emergency conditions. 

The selection of a carrier-current frequency is, in 
general,.dependent upon the impedance characteristics 
of the circuit oyer which the equipment must operate, 
un an installation involving a number of stations it is 
desirable to obtain this from actual field tests at the 
! me _ e ^ffuipment is placed in service. Such tests 
snow that there are one or more frequencies to which 
tne entire system will respond most effectively. The 
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carrier-current selector supervisory equipment, there¬ 
fore, is designed so that frequency adjustments can be 
made over a wide range. (hire the frequency is chosen 
for an installation, the tuning adjustments of all trans¬ 
mitters and receivers are locked in position and require 
no further at tention. 

The carrier-current circuits may he divided into two 
distinct, divisions which may lx* designated as the 
transmitter and the receiver. The funct ion of the trans¬ 
mitter is to transform the* d-c. impulses originated 
by the* code sending keys into a high-frequency form so 
that they may be impressed upon the carrier-current 
line. The function of the receiver is to take the high- 
frequency impulses from flu* line and, by means of a 
vacuum tube rectifier, reduce them to such a form that 
they may be used for operating f lu* usual supervisory 
relays. Bold the transmitter and the receiver depend 
upon the three-element vacuum tube or pliotron for 
their action. 

The transmitter ut ilizes 1 hree vacuum tidies of the 50- 
waft; size. One tube is used in the master oscillator 
circuit which generates t he high-frequency oscillations. 
The other tubes form a part of the power amplifier 
circuit, tin* function of which is to increase the output, of 
the element, The master oscillator uses the Oolpiffs 
circuit for generating the high frequency. A 1000-volt, 
d-c. source is required between the plate and filament 
of the tube and a 10-volt, a c. source heals t he filament. 
The inductance of the oscillator circuit is in the form 
of a variometer having a movable rotor. Depending 
on the position of this rotor, the master oscillator can 
be made to generate any frequency between 20 and SO 
kilocycles. 

The elements of the two power amplifier tubes are 
connected in parallel and their plate and filament 
voltages are taken from the 1000-volt,, d-c. source and 
10-volt, a-c. source, respectively. The high-frequency 
voltage taken across one of the condensers in the oscil¬ 
lator circuit, is applied between the grids and 'filaments 
of the power amplifier tubes. This high-frequency 
voltage applied to the grids results in a variation in the 
d-c. plate current to the power amplifiers of the same 
frequency. The primary of an output transformer is 
connected in the plate circuit of the power amplifiers ami 
the high-frequency output of these tubes is utilized by 
connecting to the secondary of this transformer. The 
secondary is provided with taps so that the desired 
voltage may be obtained, the correct voltage being 
dependent on the line impedance at the frequency 
used. One side of the secondary of the output trans¬ 
former is connected to ground and the other side 
through a coupling condenser to the carrier transmission 
line. A second variometer and a thermoammeter are 
in series with the coupling condenser, A resonant 
circuit is formed by the output transformer secondary, 
the output variometer, the coupling condenser, and the 
impedance of the line to ground. This circuit is tuned 
to resonance for the frequency generated by the master 


is:; 

oscillator by varying the position of the rotor in the 
output variometer until maximum current, is indicated 
by the output ammeter. The maximum input of power 
to the line at this frequency is then obtained. Two 
tubes are used in parallel in the power amplifier circuit 
in order that the desired output may be obtained from 
the transmit ter without overheating the tube elements. 
The maximum output, of the transmitter is 150 watts. 

The high-frequency output from the transmitter is 
controlled by means of a relay calk'd the transmitter 
keying relay. When the coil of the relay is energized, 
one pair of contacts completes the circuit from the 1000- 
volt, d-c. source to the plates of the transmitter tubes, 
causing the high frequency to be generated. A second 
pair of contacts connects the secondary of the output 
circuit to ground. 

The 1000-volt, d-c. power for the plates of the trans¬ 
mitter tubes is derived from a 500-watt motor-generator 
set which is driven from a 120-volt storage battery. 
The motor is in reality a converter as it has slip-rings 
which supply 88 volts at <10 cycles. By means of a 
small transformer, tin’s source is stopped down to 10 
volts for lighting the filaments of the transmitter tubes. 
Two rheostats are mounted on the carrier-current 
panel, one for controlling the field current of (.lie genera¬ 
tor and the other is in series with the primary of the 
filament, transformer for adjusting t he filament voltage. 

Test, jacks and keys are provided on the panel to 
facilitate cheeking the operation of the transmitter. A 
jack, in series with the common grid connection to the 
tubes, allows a milliummeter to be connected in this 
circuit, if the master oscillator is not generating high 
frequency no reading will be obtained on this meter. 
If the master oscillator is functioning properly but the 
power amplifier is not, t.lu* meter will read about 80 
milliampercs. If both master oscillator and power 
amplifier are functioning properly, a reading of approxi¬ 
mately 150 milliumperes will be obtained. A jack 
across the filament circuit of the transmitter tubes 
provides for connecting an a-c. voltmeter in order to 
adjust the filament voltage. The output ammeter is 
normally shunted out of the circuit and is used for test¬ 
ing and maintenance purposes only. When it is neces¬ 
sary to start the transmitter for inspection purposes, a 
switch on the panel may be closed, operating the 
motor starting contactor. This switch also opens a 
circuit which delays the operation of the motor sending 
key until the inspection is completed. Another switch 
completes the circuit to the keying relay, causing the 
transmitter to generate and send out t he carrier current, 
It is sometimes necessary for the mainfainer to make 
inspections, on the back of the panel, which might cause 
him to come in contact with high potential circuits if the 
motor-generator were running. A switch is provided to 
open the circuit to the motor starting contactor, thus 
preventing the generating of high voltage until his 
inspection is completed. All of these test switches are 
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plainly marked with individual nameplates on the front 
of the panel. 

The receiver is connected to the carrier-current line by 
means of a coupler which consists essentially of two coils 
so mounted that their inductive relation to one another 
may be varied. One terminal of the primary coil is 
connected to ground and the other terminal is connected 
to the carrier-current line through the coupling con¬ 
denser. A variable condenser is connected across the 
terminals of the secondary coil forming a resonant 
circuit which may be tuned to the carrier frequency by 
adjusting the condenser to the proper capacity. The 
voltage across this resonant circuit is applied to the 
grids of the detector tubes which are of the 7.5-watt 
type and are slightly larger than the average tube used 
in radio broadcast receiving sets. There are two of 
these tubes in the receiver with their elements connected 
in parallel. Plate voltage is supplied from the 120-volt 
station battery and the filaments are lighted from a 24- 
volt tap on the same battery. The grids are connected 
through the secondary of the coupler to the low poten¬ 
tial end of the filament resistor. This makes the poten¬ 
tial of the grid minus 18 volts with respect to the fila¬ 
ments when no high-frequency voltage exists across the 
secondary coil. This prevents any current from 
flowing to the plate and consequently the detector 
relay, which is operated by this plate current,-is not 
energized. When the carrier frequency voltage exists 
between the earner line and ground, a voltage of this 
frequency is superimposed upon the d-c. voltage applied 
to the grid of the detector tube. Due to the character¬ 
istics of the vacuum tube, this a-c. voltage superimposed 
upon the negative 18 volts of direct current causes the 
a\ erage voltage of the gnds to be increased, allowing 
plate current to flow and energizing the detector 
relay.. A jack is provided in the plate circuit by means 
of which a five-milliampere ammeter may be connected 
in this circuit. This provides a means of checking the 
operation of the receiver as well as a means of tuning the 
receiver. to the desired frequency. When carrier 
current is. being transmitted from some other station 
the capacity of the receiver tuning condenser may be 
varied until a maximum plate current is obtained. 
This indicates that the receiver is tuned to the proper 
frequency. 

Tw o detector tubes are used in order to give a maxi¬ 
mum reliability to the equipment since the operation 
of the receiver depends upon the proper functioning of 
the detector tube. The action of the receiver is equally 
as satisfactory with either tube alone as with both 
tubes. The failure of one tube, due to a broken fila¬ 
ment or loss of emission, does not impair the operation 
of the equipment and the maintainer, during his regular 
inspection, will discover and replace an inoperative 
tube. The detector tube is of sturdy design and in this 
class of service has a life of approximately one year. 

When the detector relay is energized it completes a 


circuit from the 24-volt source to the reversing relay 
which, in turn, operates the selector according to the 
coded carrier-current impulses. The detector relay 
also breaks a circuit which prevents the dispatcher, or 
the motor key as the case may be, from using the 
associated transmitter for a definite time after the last 
carrier-current impulse. In order to prevent the 
receiver from detecting the carrier voltage generated by 
the associated transmitter, the keying relay is provided 
with contacts which disconnect the receiver from the 
carrier-current line and open the plate circuit of the 
detector tubes. In the dispatcher’s station, the detector 
relay completes a circuit to a pilot lamp on top of the 
key cabinet, causing it to flash in accordance with the 
incoming code. The equipment is interlocked to 
prevent the dispatcher from using the transmitter 
while the receiver is in operation. 

. The operation of the system may be divided into two 
distinct functions; namely, the control operation and the 



Fig. 3 Dispatcher s Panel Equipment (Columbia Ave. 
Substation, Hammond, Ind.) 


indication operation. The control operation is origi¬ 
nated by one of the dispatchers and is for the purpose 
of starting or stopping one of the machines, or closing 
or tripping one of the breakers assigned to his super¬ 
vision. The indication operation is originated by the 
starting or stopping of some machine or the closing or 
opening of some breaker in an outlying station. Either 
type of operation requires the use of only the trans¬ 
mitter at the originating station and the receivers in all 
° the res ^ the stations. All of the operations of 
ei er type are transmitted on a single carrier-current 
requency. In order that only one transmitter may be 
in operation at a time, the transmitters are interlocked 
with the receivers. 

Before any station may transmit a coded signal it 
must send out a short impulse of carrier current called 
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the locking impulse. This is detected by all receivers 
which immediately interlock their respective trans¬ 
mitters. A transmitter may function only in case its 
associated receiver has not detected carrier current on 
the line for a definite period of time. This allows for 
the completion of any code which might be in the process 
of transmission. 

In order to demonstrate more clearly the working of 
the system, a complete operation of each type will be 
followed through. 

Assume that the dispatcher at station No. 1 wishes to 
trip the a-c. incoming line breaker at station No. 4. 
The red lamp corresponding to this breaker indicates 
that the breaker is closed. If the white lamp on top 
of the key and lamp cabinet is not flashing, no signals 
are being received and the dispatcher can use the line. 
He turns the master key 90 deg. in a clockwise direction 
and releases it. The spring which is wound up by this 
turn revolves a contact wheel. While revolving, this 
wheel completes a circuit through auxiliary devices to 
start the motor-generator set. The generator lights 
the filaments of the transmitter tubes and supplies the 
1000 volts d-c. for their plates. A timing relay is 
energized and at a definite later time, a circuit to the 
keying relay of the transmitter is closed for 0.2 of a 
second to send out the locking impulse. At the termi¬ 
nation of this locking impulse the circuit is completed to 
a green lamp opposite the dispatcher’s master key. 
This indicates to the dispatcher that his transmitter is 
now ready for operation and that he has control of the 
line. He now turns the operation key, which in this 
case would be labeled “Trip a-c. breaker, station No. 
4.” When released, this key keeps the motor-generator 
set running and operates the keying relay in accor¬ 
dance with the code setting on its impulse wheel. This 
causes impulses of carrier current to be sent out over the 
line. The detector relays in all of the other stations 
are operated in accordance with this code and the 
selectors at all these points are actuated. Only the 
selector in station No. 4, however, closes its contact 
and trips the a-c. incoming line breaker. When the 
key released by the dispatcher completes its rotation, 
circuits are opened which shut down the motor-genera¬ 
tor set and extinguish the green lamp opposite the 
master key. 

Whenever a supervised unit at an outlying station 
changes its position, a circuit is established to the motor 
driven sending key. A circuit is also made to start the 
motor-generator set and energize a timing relay. If 
there has been no carrier current on the line for a 
definite period of time, this timing relay completes a 
momentary circuit to the keying relay and sends out the 
locking impulse. This prevents any other station 
from obtaining the line during the transmission of the 
coded signal. As soon as the locking impulse has been 
sent, the code wheel associated with the supervised 
unit is released. As this revolves it operates the keying 


relay which transmits the coded group of carrier-current 
impulses. 

These impulses of carrier current are received on the 
detector circuits in all other stations. Only one selector 
in the dispatcher’s office notches up and completes its 
contact. Depending upon the code received, a circuit 
is established to light either the red or green indicating 
lamp on the dispatcher’s key and lamp panel. In 
addition to any change made in the dispatcher’s indi¬ 
cating lamps, there is also a bell which calls his attention 
to any change in the position of his supervised units. 

When any station has completed the transmission of a 
signal the motor-generator set comes to rest and all 
associated transmitting circuits are de-energized. Only 
the receiving tubes in the entire equipment require 
current continuously. 

It is expected that this class of supervisory equipment 
operating over a well constructed line wire will prove 
more dependable than a system operating over several 
wires between the respective stations. Experience 
indicates that more difficulties are encountered due to 
the line wires than with the actual selector equipment. 
Great care has been taken to obtain simplicity of 
circuits, well constructed and reliable devices as well as 
a design layout which invites and facilitates proper 
maintenance. 

In conclusion, supervisory systems of reliable design 
have centralized in the person of the dispatcher, the 
human intelligence which was removed from the sub¬ 
stations by the advent of the automatic station equip¬ 
ment. The dispatcher is able to operate his system 
more efficiently and is prepared to meet promptly any 
special problems which may arise. The supervisory 
and automatic equipments are waiting night and day 
to give immediate response to his orders. 


Discussion * 

R. J. Wensley: There are many applications for remote 
control of power apparatus where the distance is such that con¬ 
trol conductors become prohibitively expensive. Such applica¬ 
tions are usually in connection with high-voltage systems where 
inductive interference would be severe should control circuits 
be constructed along the transmission’ right-of-way. The 
Alabama Power Company solved such a problem in a very 
ingenious manner. They have an extensive 110-kv., “H”-type 
wooden-pole transmission system. Their southern loop is to be 
sectionalized at. intervals of about 15 mi. by motor-operated 
disconnecting switches. As there are several hundred miles of 
this loop, the construction of separate control circuits would have 
been very expensive. 

The standard practise of the Alabama Power Company is to 
install two ground wires on the tops of the two poles of the “H” 
frame. These wires serve as static guards and as return circuits 
for the ground relays. In addition, these wires are now used 
for the supervisory control of the section switches. 

. To enable their use, insulators were installed and' all direct 
ground connections were removed. Transformers were in¬ 
stalled at each section switch with center taps on the primary 
windings, these taps being grounded. The control is effected by 
impulses of 500-eycle and 650-cycle energy. 

The control equipment is an adaptation of the Westinghouse 
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audible system. Motor-generator sets provide the two fre¬ 
quencies. The impulses are originated by an ordinary auto¬ 
matic telephone dial. 

Selection is obtained by dialing impulses of one frequency. 
Answering signals are received by audible signals originated bya 
buzzer at the distant point which cheeks both the station called 
and the device selected. Operation is obtained by application of 
the second frequency by means of the control key on the dis¬ 
patcher’s cabinet. 

The impulses of the two frequencies are received on tuned 
relaj s. These relays are tuned to resonance by condensers in 
series with their coils and will not operate unless the frequency 
is within about 50 cycles of the point of-resonance. The selective 
equipment is operated by a local 12-volt battery. This same 
battery is used for the motor of the disconnecting switch. 


The batteries are to be charged at certain central locations and 
distributed by trucks at regular intervals. An experimental 
installation for trickle charging from the drainage current in the 
ground connection of the transformer primary is now being tried. 
This involves a special transformer and a Rectox rectifier. If 
successful, this method will eliminate the handling of batteries. 
The receiving equipment illustrated is located in a substation, 
but at most of the locations there is no station and the equipment 
is housed in an outdoor steel switchhouse converted for the 
purpose. 

All control connections to the ground wires are made through 
transformers. Spark-gaps on both primary and secondary 
guard against actual crosses between the ground wires and the 
110-kv. lines. A series relay short circuits the transformer pri¬ 
mary when the current exceeds its safe rating. 


Mercury Arc Power Rectifiers 

Their Applications and Characteristics 

I’.Y O. k. MAIIT1 1 and II. WINOOHAD' 


Synopsis. Steel-enclosed mercury are rectifiers, due to their 
advantages over rot ary converters in efficiency, nine and reliability 
of operation, mol ability to produce, hiijh d-c. voltages, are. gradually 
replacing other forma of converter# in all Jidda of application. 
There are. at prevent MH>,tit in lew. of rectifier installations, distributed 
over different porta of the world. Statistical duta are yiven showing 
the growth of installed rectifier capacity since Hitt, the distribution 
of rectifiers over various fields of application, and their increasing 
use at higher voltages for railways. The high efficiency and re¬ 
liability of rectifiers at high voltages will undoubtedly influence the 
selection of systems and milage!; for main-line electrification. Com¬ 
parative operating figures arc gin n for rectifiers and motor-generator 


D IRKCT current., in spile of the many advantages 
of alter null 14c current, has its own numerous and 
valuable characteristics and uses. Among t hese 
might he mentioned trolley and other city railway lines, 
interurhan and main-line railroads, rolling mills, special 
drives requiring the facility of control made available 
only by the use of direct current, electrochemical 
applications, and so forth. The generation of d-e. 
power at ordinarily used voltages would he very 
uneconomical due to the small power involved for 
particular requirements. Furthermore, at t he voltages 
at which it is at preset if generated and used, transmis¬ 
sion of the d-e. power over long distances could be 
accomplished only with considerable losses. The only 
solution of this problem, therefore, is to generate alter¬ 
nating current, transmit if at high voltages to the site 
of its application, and there convert it by the host 
means available into the desired d-e. voltages. Rotat¬ 
ing converters have been t he only means commercially 
available for this purpose, until the comparatively 
recent advent of the steel-enclosed mercury arc power 
rectifier. 

On account of its newness in the commercial field, 
there was at first, u lack of confidence in the rectifier. 
This, however, has been dispelled by its ad vantages and 
successful operation in all parts of the world and in 
every field of application. Contrary to the rotating 
conversion apparatus, the electrical energy is not; first 
changed into a mechanical form and then changed hack 
again to t he electrical form, but the conversion occurs 
directly with no intermediate stages. The losses and 
other disadvantages accompanying conversion by 
means of rotating machinery are either greatly reduced 
or eliminated entirely. In a rectifier t here are no iron, 
windage, frict ion, or ventilation losses, and those which 
do occur dosses due to the voltage drop in the arc) 

t. Both of this Amiirtmn Brown Buvori Kloclrio Oorp., 
Cam dors, N.J, 

Presented at the Jtrgiomd Meetings of tin . 1 . /. K, K., Kansan 
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sets at 3000 volts d-e. Several types of Brown Hoveri rectifiers and 
their load curves are. shown. Due. to the fact that the d-e. milage of a 
rectifier consists of {tortious of sine waves, the voltage wave is some¬ 
what undulated. The. magnitude of the undulations tie {tends an the 
number of phases and varies with the load. The effect of the undula¬ 
tions in the voltage wave on the shape, of the current wave for various 
types of loads is discussed, and oscillograms of the voltage and cur¬ 
rent waves of a rectifier feeding a railway load under various 
conditions are shown. The effects of the undulations on different 
kinds of loud batteries, lighting, and power circuits and on 
communication circuits paralleling the d-c. feeders are discussed 
briefly. 


do not vary as in the usual electrical machine's and 
apparatus, as the square of the current, but only as a 
linear function and independent of the voltage. Two 
important properties of the rectifier are dependent on 
this last mentioned fact: the efficiency remains practi¬ 
cally constant at all loads, and since the losses in the 
rectifier proper are practically constant at all operating 
voltages, the efficiency increases as the operating 
voltage is increased. This characteristic of the recti¬ 
fier a high ellieieney at partial loads is of particular 
importance* in eases when the conversion machinery 
has to be operated under conditions which impose a 
low annual load factor, as in file supply of d-c. power 
to rolling mills, dredges, elevators, and especially for 
1 ,ruction motors. For the last, mentioned application, 
the simplicity and rapidity of the starting operation 
are also outstanding advantages. These advantages, 
together with others, have proved the rectifier to he 
superior to the rotary converter, and have contributed 
to the great popularity which rectifiers have gained 
during recent years. 

As an example of the superiority of the mercury arc 
rectifier, it may be mentioned that the chief reason for 
not using d-c. voltages above 1500 volts for traction 
lies in the fact that this value is already close 
to the maximum which can reliably and safely he ap¬ 
plied to one commutator of rotating converters. For 
higher d-c. voltages, two machines must he connected 
in series, which greatly reduces the efficiency, appreci¬ 
ably increases the initial cost of the installation, and 
introduces further operating difficulties. With recti¬ 
fiers, this is not the case, as a single cylinder is capable 
of producing many times this voltage. 

The fact that today there are in service throughout 
the world steel-enclosed rectifiers with a total capacity 
of more than 600,000 kw. is without doubt a proof of the 
soundness of the basic design of these devices. In 
Fig, 1 are shown the total installed capacities from year 
to year, and the fact that the steepness of the rise be¬ 
comes greater year by year indicates the possibility that 
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this device will soon largely replace all other forms of 
converters. 

The field of application of the steel-enclosed mercury 
arc power rectifier is already very wide, as is clearly 
illustrated in Fig. 2. Mercury arc rectifiers are natu¬ 
rally useci with greater advantage where their peculiar 
qualities meet the requirements of the service in 
question. To these classes of sendee belong installa¬ 
tions subjected to large fluctuations in load and to 
heavy and short current peaks, such as main-line rail¬ 
ways, street cars, subway and elevated railroads, rolling 
mills and the like. A comparison of the shaded areas in 
Fig. 2 shows that the use of rectifiers for street car and 
railroad sendee is twice as great as for all other purposes 
combined. The next largest field of application is for 
power and light. Then follow motors for rolling mills, 
special drives, shovels, dredges, elevators, and mining 
locomotives. The smallest application of rectifiers, 


with Fig. 4, showing the relative sizes of the different 
types of rectifiers made at present by the Brown Boveri 
companies. Inspection of Fig. 3 and Type C in Fig. 4 
reveals that the relative dimensions and arrangement 
of the various elements are practically identical in the 
1914 and the present designs. In spite of the fact that 
there has been no great change in the basic structure of 
the rectifier, many refinements have nevertheless been 
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Fig. 1 Growth of Total Capacity in Kw. of Rectifiers 
Installed 

because it is the newest, is for electrochemical purposes. 
Successful load tests have been carried out with recti¬ 
fiers at d-c. voltages of 5000 volts and 8000 volts for' 
special electrolytic purposes. Considerable study is 
emg devoted ^ to this field, and attention has 
natural y been given to assure safety of operation at the 
high vol ages mentioned. These tests have shown that 

» tS fm d "f* voltages for which rectifiers can be 
used are still unknown. 

Installations on a commercial scale were begun in 

WoZ- m n Y TJ 912 ' f nd then in of 

Wh-1“ t 6arhest ^ shown in 

Fig. 3, which is for a municipal lighting plant, the direct 

cun-ent being employed for power and lighting purposes! 
This plant consists of four 6-anode rectifiers each rated 
for 150 kw. at 220 volts. The supply cn^nt is three - 
phase oO^jple O 2o0-volt. This installation was made 

later on. Cy ' the fourth bein « added 

Attention may be called to the fact that the principal 
elements m the design of the Brown Boveri type of 
rectifier have changed little during the past twelve 
years. This is evident at once when Fig. 3 is compared 


Fig. 2 Distribution of Rectifiers Installed According 
to Classes of Service 

made in the design of such details as cooling, anodes, 
seals, etc., and in the development of more suitable 
material. Improvements have also been made in the 
auxiliaries, which, together with the improvements in 
the rectifier proper, allow a far better utilization of the 



Fm. 3 One or the Earliest Rectiher Installations 

device. These facts are mentioned merely to remove 
any possible impression which may exist that the mer- 
cury arc power rectifier is still an unfinished product 
in its first stages of development. 

Operating Features 

Rowing figures might be of interest in connec¬ 
tion with the operation of rectifiers. 

..T® ™ mb ® r of r ectifiers operating in parallel with 

ov^»?h S f d batteries ’ either in substations or 

m7telvlAn rS ’ ? n T* 9 °°’ distributed over approxi¬ 
mate fh ( !n! f 10ns ’ Wlth a totaI rated capacity of 
with fT 4 ® 0 ’ 000 S W - Parallel operations of rectifiers 
with each other, with rotary converters, d-c. generators, 













MARTI AND WINOURAI): MERCURY ARC POWER RECTIFIERS 


fill 


April ll>: 

or butteries, is governed l»y the same principles as 
govern the parallel operation of d-e. generators. In 
accordance with the fundamental principles on which 
the operation of the rectifier depends, energy cannot 
How from the d-e. tothea-e. network, since the current 
can pass only from the anode to the cathode. This 
fact is of considerable importance because a satisfac¬ 
tory parallel operation of rectifiers connected to two 
independent a-c. networks is thereby possible. The 
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two networks are not restricted, in t hat they must have 
the same frequency, nor does a change in frequency 
affect safe operation, because a change in the frequency 
in one network will not. cause motoring or ot her trouble¬ 
some and dangerous occurrences in the rectifier, as 
would be the case in synchronous converters should 
they hi* connected to independent net,works. 

In regard to the adaptability of the rectifier to full 
automatic control, the fact that the total number of 
fully] automatic substations reaches the appreciable 
figure of 100 may be of interest. I hie to t he simplicity 
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and speed of starting and stopping a mercury arc 
rectifier, this device lends itself to automatic control 
much more readily than a synchronous converter. 

Another outstanding feature of the characteristics of 
the rectifier may be brought out here. As can lie seen from 
Fig, 2, the application of rectifiers for railway service is 
far greater in respect, to total capacity than for any other 
field; in fact, twice as much as for all other applications 
together, A most interesting fact in relation to railway 
service is illust rated in Fig. f>, in which the total capacity 


rating of rectifier installations for railway service - 
including city, interurban, and main-line—at different 
voltages is given, for the years 1920 (solid areas) and 
1920 (shaded areas), respectively. The solid areas 
show that the voltages most frequently used in 1920 
lay between 000 and 750 volts, while the shaded areas 
show that in 1926 the average choice lay between 775 
and 1250 volts. It is unquestionably true that the 
influence of the outstanding rectifier characteristics, 
consisting of reliable and safe operation at voltages 
above 600 volts and increased efficiency at the higher 
voltages, accounts in great part for this fact. The 
authors firmly believe that an even more pronounced 
effect of these characteristics on the selection of voltages 
for the electrification of railroads will soon be notice¬ 
able, and t hus the mercury arc power rectifiers will soon 
exert an influence on the question of d~c, versus a-c. 
systems. 

In support of this, the following figures, which show 
the a<lvantages of a 2000-kw. mercury arc rectifier as 
compared to a 2000-kvv. motor-generator set, at 2000 
volts d-<\, both at nominal raring, may be adduced. 
Assuming a load fact,or of 40 per cent, which is common 
in railway service (800 kw. for 24 hours), a total of 
19,200 kw-hr. is obtained, and, assuming a load charac¬ 
teristic of two hrs. at 150 per cent load, eight, hrs. at 
50 per cent load, eight hrs., at 20 per cent load, four 
hours at five per cent load, and two hrs. at no-load, the 
table below will illustrate the large saving which can be 
effected by employing a rectifier in place of a motor- 
generator set for this part icular load characterist ic, 
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Hence, the saving effected during 24 hrs. amounts to 
2827 kw-hr., and per year to 1,025,000 kw-hr. Assum¬ 
ing the cost, of power to he one cent per kw-hr., an 
annual saving of about $10,000.00 would be obtained, 
which would pay for the substation in a few years. 
Additional savings in the annual costs would result 
from the use of a rectifier of the above rating in place of 
a motor-generator set on account of the lower initial 
cost, of the rectifier, which is about 55 per cent of the 
cost, of the motor-generator set, and on account of the 
lower cost of the substation, since the building required 
by the rectifier would be smaller, and would not need 
special foundations nor cooling duets. 

1 A >AI) ( III AKACTERIKTH JS 

The mercury arc rectifier is inherently a machine 
with a continuous rating, due to the very small masses 
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which can absorb and store up the heat produced during 
its operation. Due principally to the absence of all 
rotating parts, however, it has a high momentary o cer- 
load capacity and can respond very quickly to these 
overloads due to the absence of the inertia of a magnetic 
field. Standard types of Brown Boveri rectifiers are 
shown in Fig. 4: their current and kilowatt ratings at 
various voltages, up to 5000 volts, are given by the 
curves in Fig. 6. At present they are built for voltages 
from 220 volts to 5000 volts d-c., and in capacities from 
220 kw. to 2700 kw. The ratings given in Fig. 6 are 



Fig. 6—Load Curves of Brown Boveri Rectifiers Shown 
in Fig. 4 


kilowatt output increases in a straight line at first, but 
that the rate of rise decreases with further increases 
in the voltage. 

The rectifier transformer serves the same purpose as 
the transformer for a synchronous converter; namely, 
to obtain the proper d-c. voltage and to split the pri¬ 
mary power into the desired number of secondary 
phases. As is illustrated in Fig. 8, the d-c. volt¬ 
age, during conversion, retains the caps of the sine 
wave of the a-c. supply voltage. It will be shown 
later that, in consequence of this, the amplitude 
and the frequency of the ripples depend on the 
number of phases, and that increasing the number 
of phases reduces the magnitude of the undulations. 
This is one of the reasons why the number of phases 
employed with rectifiers is relatively large: usually not 
less than six, and often as high as twelve. As the 
number of phases is increased, however, many compli¬ 
cations enter into the design of the transformer, and its 
utilization decreases. This latter fact can easily be 
realized from a consideration of Fig. 8. The interval 
per cycle, during which the arc is maintained between 
the cathode and any one anode, decreases with a larger 
number of phases so that the time of utilization of each 
phase is shortened. During the other intervals, the 
phases are not under load and hence not fully utilized. 
Therefore, for a given d-c. output, the rating of the 
transformer will increase with the number of phases 
(see curve 3, Fig 9) which necessitates limiting the 
number of phases for economic reasons, at a reduction 
in the smoothness of the d-c. voltage wave. It is 


reduced somewhat if overloads of appreciable duration 
are required. In order to give a picture of the overloads 
which can be cared for by rectifiers, the following figures 
have been noted: Type D, shown in Fig. 4, has a 
continuous capacity of 1500 kw. at 1500 volts/with an 
overload capacity of 2250 kw. for 15 min., 3000 kw. 
for five min., and 4500 kw. for one minute. The signif¬ 
icance of these figures may be better appreciated if it 
is realized that it would be possible to start and run a 
ram of average size with one such unit, since it does not 
take more than 5 to 10 minutes to bring such a train 
up to speed. 

.It can k e ^en from Fig. 6 that the output for a 
given cylinder increases with the voltage. In spite of 
this fact rectifiers are at present rated on the basis 
adopted for the rating of electrical apparatus and 
machinery before the advent of the mercury arc power 

If a . uth0 !? beIie ™ in view of the fact 
that the field of application of rectifiers is constantly 
enlargmg rt wouM be justifiable, to take steps to work 
out standards of rating for rectifiers based on their 
peculiar characteristics rather than on those of rotating 
machinery. The curves for Types D and E show the 
characteristic fact that with increasing voltage the 
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Fig. 7 Six-Phase Rectifier With Generalized D-c. Load 

therefore necessary to take into account a certain 
amount of undulation in the voltage wave of all recti- 

aCC ^ ngly we sha11 look into this question 
more thoroughly m the next part of this paper. 

The various applications and present status of steel- 

fho mer , CUI ? r arc rec tifi ers have been dealt with in 
5 s tins paper. We shall consider now 

cwl h + u ‘ act , e I 1 f tll f of the rec *ifier as affected by the 
character of the load and electrical conditions on the 
a-c. side, tor the various applications. 
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Voi.tark Wave 

In a preceding paper by one of the present authors 3 , 
the current and voltage relal ions in circuits of polyphase 
rectifiers won* derived with I he assumption that, the 
direct-current wave is a straight line. While this 
assumption leads to suHieient.ly accurate results, for all 
practical purposes, insofar as the rela tions of voil ape, 
current and power on the d-c. and a-c. sides of the 
rectifier are concerned, and is entirely justified when 
there is a. considerable amount of inductance on (die d-c, 
side, yet in some cases the undulations in the d-c. 
curreni and voltage waves become a factor worth con¬ 
sidering, as will be brought on I later on. 

In a polyphase rectifier, the load current ai any 
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instant is carried by the anode having the highest 
positive potential with respect to the neutral of the 
transformer secondary. The d-e. voltage wave at no- 
load has the form shown in Fig. Ha, The undulation 
of the (volt,age) wave is formed by I he caps of sine waves 
of the transformer secondary phase voltages. As each 
phase assumes a maximum positive potential once 
during every cycle, the number of pulsations per cycle 
must be equal to the number of phases, and the fre¬ 
quency of pulsation or the number of pulsations per 
second must, be equal to the product of the frequency 
of the a-c. supply and the number of secondary phases. 

If the transformer, the a-c. line, and generator supply¬ 
ing the rectifier were free of reactance, each anode 
of a p-phase rectifier would carry the whole d-c. current 

2 7T 

during part of a cycle only; thus, in Fig. 8, the 
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whole load current would lie transferred instantly from 
phase 2 to -phase 8 at, m and from phase 8 to phase 4 at 
u. Under such conditions, the d-c. voltage wave under 
load would have the same form as at no load. 

Due to the unavoidable reactance present in the trans¬ 
former, the current cannot die down nor build up 
instantly in any phase. As a result, there are intervals 
during which two adjoining phases carry current simul¬ 
taneously, as the current in one phase is dying down 
and the current in the other is building up. 'This 
period of overlapping between two adjoining phases 
begins at the intersection of their respective sine waves 
and continues until the curreni. in the leading phase 
becomes zero. The angle of overlap u is given by the 
expression 


COS H 1 


K v 2 sin 


in which / is the direct current, X the reactance per 
phase of transformer secondary' 1 at the primary fre¬ 
quency, /f the effective value of phase voltages and p 
the number of secondary phases. 4 

The d-c. voltage during the period of overlapping is 
equal to the mean of flu? overlapping phase voltages. 

Using the point of intersection of phase voltages iq 
and c., (Fig. 8n) as (lie origin, these voltages may he 
expressed by 

r j K \ 2 cos (to M ) (2) 

C;. K \ 2 cos y to / ' ■ j (3) 

The d-c. voltage during flu* period of overlapping is 


f'n A’\ 2 cos -• cos col (4) 

2 p 

When the period of overlapping is over, the d-e. 
voltage is equal to the voltage of the working phase. 

The average d-c. voltage AO (including the constant 
drop in i he arc), is given by the expression 

rt K v2 sin t r p / A* 


The first term to the right of eq, (5) is the average 
d-c. voltage at no-load; the second term is the voltage 
drop at load current, /. The rect ifier d-e, voltage wave 
under load is shown in Fig. 8m Oscillograms Nos. I 
and 2, Fig, 18, show rectifier voltage waves at no-load 
and full load, respectively. 

The magnitude of the angle of overlap, and therefore 

3. biclinluitf <*quivat<*nl mudaiiw of fmunfornior {iriitmry 
arid lino, 

4. For dodvaliun of ih}h. ( I ) and f5j h»*o pafior mciilioiifi] in 
footnote 2, 
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the shape of the d-c. voltage wave under load depend 
somewhat on the nature of the load. Eq. ( 1 ) was 
derived on the assumption that the current curve is a 
straight line. The angle u will be greater or less than 
that given by eq. ( 1 ) depending on whether the current 
during the period of overlap is greater or less than the 
average current. The difference, however, is negligible, 
and the voltage wave is assumed to be independent of 
the character of the load. 

The total height, h, of the ripple in the voltage wave 
is equal to the difference between the maximum and 
minimum ordinates of the wave. From Fig. 8b, it is 

7r 

readily seen that for values of u < -, the maximum 

V 

ordinate is equal to the amplitude of <? 2 , while the mini¬ 
mum ordinate is equal to the value of e u for cu t = ■ u. 

Therefore, 

h = Ey /2 — Ey/2 cos-cos u 

V 

~ Ey/2 (l - COS —cos uj ( 6 ) 

Expressing h as a fraction a of the average d-c. 
voltage at no-load (see eq. ( 5 ) ), 



E V 2 sin -EL. /LL 
V V 


with the number of phases, at no load, is shown by 
Curve 1 in Fig. 9. In the same figure are plotted the 
frequency of the main ripple and the ratio of the trans¬ 
former rating to d-c. load, to show the effect of the 
number of phases used on these quantities. The 
magnitude of the ripple naturally decreases as the num¬ 
ber of phases is increased; but to counterbalance that, 
the size of the transformer increases with the number 
of phases. Furthermore, the frequency of the ripple 
increases with the number of phases, which is often 
objectionable. 

In Fig. 10 are shown the variations of the voltage 
ripple of a six-phase rectifier with the load on the 



Fi«. 9.CuitVEH Huowinu Vaiuathw in Ru-i«uk Hkkiht 

RiPI’IjK Fni'HUJKNCY, ANJ) Tkanscoumkh Kv-4. with ' TUI. 
NUMHBtt OF IhlAHKB UhKJ». ’ ‘ " 



EV 2 sin —/— 
V v 


rectifier. The curves have been plotted from eqs, ( 7 ) 
and (9). The load is expressed as a ratio, ///,. This * 
ratio is deduced by rewriting eq. ( 1 ) as follows; 


1 — cos-cos u 

_ V _ 

sin - 2 L./-JL 
V V 


For values of u > p , the maximum ordinate is 

equal to the value of e 2 for co t = u, and the minimum 
ordinate to the value of e u for c ct = u. Therefore 

h = Ey/2 cos (u - —~) ~ Ey/2 cos cos u 


— Ey /2 sin — sin u . ^ 

7r 

E V2 sin sin u . 

EV2 sin = ~ SIn “ (9) 

V v 

The variation of the ripple in the d-c. voltage wave 


cos u = 1 


Ey/2 . 7 r 

..sm ■ ■ ■ 

A p 


TV * L 


where L 


I he point on the abscissa corresponding to full-load 
current of a rectifier is determined by the value of X., 
and therefore depends upon the design of the trans¬ 
former. I he smaller the value of X for a given trans¬ 
former rating, the larger is 7, and therefore the smaller 
the ratio I/I at full load. The value of ///, corre¬ 
sponding to full load is approximately 0.05, 

Current Wave 

It was shown above that the form of the rectifier d-c. 
voltage wave depends on the number of phases used and 
on the design of the transformer, and that it varies with 
•^e magnitude of the load; but is practically independent 
o ' the nature of the load. The wave consists of a d-c. 
component equal to the average value of the voltage, 
on which is superimposed an alternating component 
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made up of the upper portions of sinusoidal waves. 
The alternating component is irregular in shape and 
cannot be expressed by a continuous function. It may 
be resolved into harmonic components by means of a 
Fourier series. The first harmonic has a frequency 
equal to the product of the frequency of the a-c. supply 
and the number of phases used; it is therefore the pth 
harmonic with respect to the a-c. voltage supplied to the 
rectifier. The frequencies of the higher harmonics are 
multiples of the frequency of the first harmonic and 
since the positive and negative portions of the wave 
are not symmetrical, there are even multiples as well 
as odd. Thus, the d-c. voltage wave of a six-phase 
rectifier supplied by a 60-cycle system has an alter¬ 
nating component consisting of sinusoidal waves of 
frequencies 360, 720,1080, etc., cycles. 

The general equation of the d-c. voltage of a p-phase 
rectifier, expressed in a Fourier series, is 
e d = E d + A pL sin p to t + A p2 sin 2 p oo t 
+ A P3 sin 3 p co t + . . . 

+ A pn sin np cot A . . . + B pl cos p cot 
+ B p2 cos 2 p co t + 

-f B p3 cos 3 p oo t + B pn cos n p co t + . . . 

( 11 ) 

The voltage curve may be analyzed to determine the 
amplitudes of the various harmonics by any one of the 
well-known methods of analysis. 

A typical analysis of the alternating component in the 
d-c. voltage wave of a 60-cycle 6-phase rectifier under 
load, with and without a series reactor on the d-c. side, 
is given in the table below: 


Order of 
harmonic 

Frequency in 
cycles per sec. 

Per cent amplitude of 
harmonic to d-c. voltage 

Without 

reactor 

With 

reactor 

First 

360 

S.46 

2.36 

Second 

720 

1.70 

0.40 

Third 

1080 

0.95 

0.28 

Fourth 

1440 

1.05 

0.17 

Fifth 

1800 

0.71 

0.12 

Sixth 

2160 

0.58 

0.10 

Seventh 

2520 

0.45 

0.09 

Eighth 

2880 

0.39 

0.08 


When the voltage wave with its d-c. and a-c. com¬ 
ponents is known, the shape of the current,wave may 
readily be determined when the constants of the load 
are known. 

A six-phase rectifier with a generalized d-c. load is 
shown in Fig. 7. The load may consist of one of the 
following combinations. 

1. Resistance only (. R ). 

2. Resistance and back-e. m. f. (R + E b ). 

3. Resistance and inductance (R + L). 

4. Resistance, inductance, and back-e. m. f. 

(R + L -f- Eh). 

1. Resistance only. With a load consisting of resis¬ 
tance only, such as a lighting or heating load, the current 
wave has the same shape as the voltage wave; i. e., the 


harmonic components in the ripple bear the same ratios 
to the average value of current as in the voltage wave. 

2. Resistance and back-e. m. f. With a load con¬ 
sisting of resistance and a constant back-e. m. f., such as 
a battery, the shape of the current wave depends upon 
the relative magnitude of the average d-c. voltage, E d , 



Fig. 10 —Curves Showing Variation op the Angle of 
Overlap and Height op Ripple with the Load 


and the back-e. m. f., E b . The conditions are shown 
in Fig. 11. The current is produced by the portion of 
the voltage wave lying above the line 5 b', the average 
value of which is E d — E b . The ratio of the height h 
of the ripple to this voltage is greater than its ratio 

E d 

to E d (eqs. 7 and 9) m the proportion of . The 

Hi d — Hi b 

ripple in the current wave, therefore, has the same 
shape as that of the voltage wave; but the percentage of 



Fig. 11 — V olt.age Conditions op Rectifier Supplying a 
Load Having a Back, Electromotive Force 


the current ripple is greater than that of the voltage 
E d 

ripple in the ratio, -w - . 

Hid — Hi b 

3. Resistance and inductance. With a load consist¬ 
ing of resistance and inductance, such as a lighting or 
heating load fed over a line having a certain amount of 
inductance, or with a series reactor connected into the 
d-c. circuit for smoothing out the wave, the average d-c. 
current is equal to the ratio of average d-c. voltage to 
the resistance: I d = E d /R. The amplitude of the nth 
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harmonic in the current ripple, however, is equal to the 
height of the corresponding harmonic in the voltage 
ripple divided by the impedance of the circuit to that 
harmonic: 

I n = E r \ R‘~ -j- X r ~ 


From the above, 


R 

x WTxs 


\ 1 + X n 2 /R~ * E d * 

i. e. f the percentage of the ?zth harmonic in the current 
wave is less than that of the corresponding harmonic 

in the voltage wave by the ratio of — -. :- in 


which X n = p n L is the reactance of the circuit to the 
wth harmonic. It is seen from the above that the 
inductance has a smoothing effect upon the current 
wave, and the smoothing action is greater for the higher 
harmonics. 

4. Resistance, inductance, and back-e. m. f. This 
type of load is by far the most common load supplied 
by rectifiers, as it is characteristic of all d-c. motors. 
While starting, when the speed of the motor is zero, 
the back e. m. f. is also zero, and the load conditions 
are as ghen under 3. When the motor is running, a 
back e. m. f. is generated, in opposition to the applied 
e. m. f.; the voltage conditions are then as shown in 
Fig. 11. The current is produced by the portion of the 
voltage curve lying above line b b', as for load 2. The 
load here, however, is inductive and the current wave is 
consequently smoothed. The average d-c. current, 

r E d ~E b 
Ii= R - 

The amplitude of the rath harmonic in the current wave, 
I, = E„/ X /R n - + X / 

~ = R En 
^ d \'R- + X n 2 Ed — E b 


JiIzZTiT^ * 

^ -V 1 ~ e 7 > 


the symbols having the same meaning as in eq. (12). 

The series d-c. motor, used for railways, hoists, etc., 
is the most common motor fed by rectifiers; in fact, it is 
the favorable characteristics of the series, d-c. motor 
for traction purposes which have brought about the 
present large scale conversion from a-c. to d-c. The 
series motor is also the most favorable load for smooth¬ 
ing out the ripples in the current wave, due to the 
inductance of the series field of the motor. In oscillo¬ 
gram No. 3, Fig. 13, are shown the voltage and current 
waves of a rectifier supplying a railway load. The 
oscillogram was taken on a 1500-volt rectifier at 200 per 
cent of the rated load when the voltage ripple is greater 
than at rated load, and shows the smoothing effect of 
the series motor on the current wave. 

A further smoothing out of the current, and also of 
the voltage wave supplied to the line can be realized by 
connecting a reactor into the d-c. lead of the rectifier. 
The smoothing of the voltage wave is produced by the 
a-c. voltage drop across the reactor, due to the ripple in 
the current. The effect of the reactor on the current 


From eq. <.13) it is seen that the percentage of the rath 
harmonic m the current wave is smaller than the corre¬ 
sponding harmonic of the voltage wave in the proportion 

1 


Fig. 12 Voltage Conditions op Rectifier Operating in 
Parallel With Rotary Converter or D-c. Generator 

and voltage waves supplied to the line by a rectifier is 
shown m oscillogram No. 4, Fig. 13. The oscillogram 
was taken at approximately the same load and under 
the same conditions as oscillogram No. 3, except that a 
series reactor of approximately 3 millihenrys was 
connected into the circuit when oscillogram No. 4 was 
taken. 

When a rectifier operates in parallel with a rotary 
converter or a d-c. generator which has a smoother • 
voltage wave than the rectifier, the resultant line voltage 
and current waves are smoother than those of a rectifier 
alone This condition is shown in Fig. 12. In this 
sketch, e is the voltage wave of the rectifier and e 0 that 
o e ro ary machine. For the sake of simplicity, the 
commutator ripples of the rotary machine are not shown. 

. s ™ othm g of the voltage wave is produced by the 
interchange of a small alternating current between the 
rectifier and the rotary machine. 

The interchange current is produced by the alter¬ 
nating component m the difference of the two voltage 

If' , e a " c * V0 ^ a S e drop in the reactance of the 
er rans ormer, produced by the a-c. current com- 
j owing etween the rectifier and rotary machine, 
educes the ripple m the voltage wave of the rectifier. 
thlS respect ' rotary acts somewhat as a shunt 
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condenser across flic rcciilicr in Ihol il absorbs an 
allcrnaiiug eomponent • 

When a scri(‘s reactor is eonuerled into the d-e. ] ( .;ul 
of a I'cclilicr operatin*.-; in parallel with a rotary, the 
wave of line voltage is improved on account of (lie 
additional drop in l lie react or due to all .era; it inti ini er- 
ehmige current. 

I he above conditions arc clearly shown in oscillo- 



1 *' 1*1, t ) t i ij,|.i mu 4 Ms 'll Voi.i VOUfi AN I* t *1’ H UK NTs ur A 

loOl) Kk., lAUO Ymj.t limini.i; 


Nu I I * •• V'llt-tr* » ,t 11 - a! in, 

No I vnl(;i(?n m ii vi’- iimli’i' lu:ttl 

X** S. Wim ■. til 1 nn*l runrit! ft* railway IoaiI. o-O tiler 

wort, in:; alone. 

Xu t VS.tvi ’. ,il vul(iif?r> Mini uun.-jif -o11j•)i* >l in raitwa.v load. rcclfller 
W«*tlialone w illi u ■ i l ie . reactor. 

No. \Viivr-i of viiltitftf and rmi't'iil MtlijtHoi lu railway load. rectifier 

vvi»rl.iur in psralFl w If h rol ary converter in f la same '.(at ion, 

Xu. ii Wave-. nt' voltage and I'limiit o»t>t'li"'t !•> ntltwiiy lu.ul, tvr tiller 
work hit; in gavolli't w if h rut .try converter in flu' wmiti si at Inn umt with a 
Merles !v:ir!ur iii f lit, 11 rl tiler cio nil. 

grams a and fi, Fig. 115. i Iseillogram No, 5 was taken 
with a rectifier operating in parallel with a rotary in 
the same station. Oscillogram No. f> was taken at. 
about t he same current and tinder the same eonditions 
as oseilloeram No. 5, except t hat I hen* was a series 
reactor in the rectifier circuit;. 

The ell’eet of various load conditions on (lit* wave form 
of rectifier voltage and current having been disc asset I, it 
might be of hifemd to mention hen* that extensive 
tests have been earned out to defermine I lie effect of i he 
undulations in the waves upon tin* load eonneefed to a 
reetifier. For this purpose, batteries ami shunt-wound 
and series wound motors were connected, first, to a 
battery I/, c., a constant «l-e. voltage supply), then to a 
reetifier fed, respectively, by a single-plump, three-phase, 
and six-phase a-e. supply. With six-phase opera!ion, 
no difference in the efficiency as compared to operation 
on a battery could he noticed in the ease of either 
motor; nor did the undulations have any effect, upon 
commutation. 

If can readily be seen that, the undulations in the d-<\ 


! IA 

voltage will have no elfecl upon the usual lighting 
circuits, since the frequency of the undulations is high 
and (heir magnitude small as compared In the (JO-eyekt 
a-c. voltage used for lighting. 

The presence of t hose ripples in the d-r. voltage wave 
of a rectifier, particularly the harmonics lying within 
the audible IVequeney band, has raised the question of 
their influence upon neighboring communication cir¬ 
cuits. This influence has been delected in connection 
wit Ii about 5 per cent of all installations and was found 
to be due (‘it her < o el< ise spacing bet ween eornmunieat ion 
circuits and rectifier feeders, to bad insulation condi¬ 
tions, nr ton grounded method of operation on pari of 
th(‘ communication system for certain types of service. 
The cause of the interference is similar to that which 
results in disturbances in communication or signaling 
circuits which parallel high-voltage supply lines at 
small separat ions and for long dist ances; /. c., induced or 
leakage currents and voltages due to harmonics m the 
voltage wave. When, as in the case of street railway 
systems, one side is permanently grounded, the ripples 
may appear in (lie communication circuits, especially 
when the method of operation or intcrcoimeclion in¬ 
volves grounded equipment, wet soil conditions aggra¬ 
vating t he case materially. The problem may be solved 
by the elimination of the exposure, ihe employment of a 
tion-grounded method of operation or interconnect ton, 
or the utilization of a so-called filter, which consists of a 
combinal ion of indue! mice and capacitance, so arranged 
in the circuit as to smooth out (.lie high-frequency 
ripples in the voltage wave of the rectifier. To the 
knowledge of the authors, such (tilers have been found 
necessary in but few eases. The subject, is merely men¬ 
tioned here, as a thorough discussion of the question 
would lead beyond t he scope* of this paper. 

Discussion 

i* a mats ON MKRCIJRY arc iu*;< rni nans 

iM.um a Xu Win< Miu.uf, Siivnh", bercittH'i 
Kansas e'lTv, Mo., Mauch is, I!)U7 
liKTiit.iAiKM, P \., A run. 21, 1U1’7 
(Discussion at Kansas C’itvi 
IUavsrrj A limited study ou the application of mercury 
nre recti Hern to a eity street, railway system brought out smme 
interesting comparisons I hal, might, lie of interest, 

On the property of the Kansas City Ptihlie Serv ice I’umpaiiy 
t he daily load factor is almost. eottHl.auI, for any week day, varying 
between It) ami AI per cent. Whh 1 bin condition, il, is a simple 
matter to construci. typical load curves for any aem-ion from I,tie 
average mil put. over I ho period under consideration as compared 
to t he output,on (hi! maximum tiny in the year. 

!'or the purpose of this discussion die four eurvea in the 
accompanying Fig. 1 were constructed; ill flic maximum tiny in 
Mm year taken from hourly readings, CJ) t he typical winter day 
which is SI per cent, of the maximum day, dh average day for the 
year, 70 per cent, of the maximum day, and el t a typical summer 
day, (il per cent.of t he maximum day. 

For a .single-unit, substation in an outlying dint-riel,, die time of 
operation may he .somewhat different, from a eeulndi/.ed Hul«idiw 
t.iou and with the. application of a 7f»0~U\v. unit, to the lose! of 
1 (MM) amperes for the maximum hour as shown by Curve No. 1 it 
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is assumed that the station will be shut down whenever the load 


drops to 200 kw. Tills operation would give 20.5 hr. operation 
on the maximum day and 17.75 hr. per day in the summer time. 
If it should be necessary to operate this station through the 
“owl” period at less than 200 kw., the comparative results would 
be materially changed. The dotted line shows the approximate 
load, that would be carried by the machine on the “owl” if this 
station had its proportionate share of the total load. The 24-hr. 
operation would give a station load factor of 51 per cent as 
compared to a load factor under proposed operation of 60.8 per 
cent on maximum day and 65.5 per cent load factor during 
proposed summer operation. 

In comparing the operation of 750-kw. synchronous converters 
with 750 kw. rectifiers, the daily load curves shown were used to 
determine total loss for the day and the difference between the 
loss with converters and the loss with rectifiers (expressed as a 
percentage of total output) was plotted against the average load 
of the machine for the four typical loads shown, Fig. 3a. Posi¬ 
tive values show rectifier more efficient and negative values 
show converter more efficient. 

This set of curves shows the effect of load factor and more 
variation in performance between converters and rectifiers is 
obtained on 60-cycle systems than on 25-eyele systems. 

A similar set of curves, Figs. 2 and 3b, was plotted for a 
1500-kw. station using a single-unit converter and two 750-kw. 



rectifiers in parallel. It was assumed that the rectifiers were 
operated as a 1500-kw. unit and that one element could not be 
shut down during periods of light load. The loads were taken 
as double the values of the load curves shown for the 750-kw. 
station except that it is assumed that the station is located at an 
intermediate point between outlying district and downtown 
making it necessary to operate the station during the “owl” 
period. It is also assumed that this station will pick up load from 
surrounding districts so that it will carry a minimum load of 
50 kw. 

Even with the additional period of light-load operation, 
the 25-cyele converter is almost as efficient as the rectifier for the 
year s operation and is more efficient during the winter period. 

On 60-eyele systems, the rectifier is more efficient than con- 
. verters although the margin is less with the double-unit station. 

For the 1500-kw. station, another set of curves, Fig. 3c, was 
made up with the assumption that one of the 750-kw. rectifiers 
could be shut down for all loads under 750 kw. This eliminates 
the loss of one unit over a considerable period of-time and results 
in an increase in efficiency for the rectifier. This operation gives 
about the same percentage of saving as was obtained with the 
750-kw. single-unit station. 

From the standpoint of station losses, I should conclude that 
the application of rectifiers on 25-eycle systems would be justified 
only after their satisfactory operation in service had been 
proved, but that the margin of saving when applied on 60-cycle 
systems is sufficient to justify the expense of trial installations. 
The tendency of 60-cycle converters to flash over is a 'further 
incentive to the trial application of rectifiers on that frequency. 


Rectifiers have not been in service for sufficient time in this 
country to obtain maintenance costs that are truly comparative 
with other types of apparatus and until this information is 
available comparisons of total operating costs will have an 
unknown factor that might lead to erroneous conclusions. 

R. G. McCurdy: I wish to discuss briefly the effect on 
inductive coordination between electric street railway circuits 
and telephone circuits induced by the use of mercury arc recti¬ 



fiers. In his paper Mr. Shand refers to the importance of this 
problem and it is mentioned briefly in the paper by Messrs. 
Marti and Winograd. It may be of interest to consider the 
relative advantages of rotating machinery and mercury arc 
rectifiers in this respect, along with the relative advantages from 
the power standpoint. It w r ould be unfortunate in this respect 
if such a new-development should result in a general increase in 
the a-c. components on street railway circuits in the range‘of 
frequencies employed in the telephone- circuits, thus increasing 
the inductive influence of the street raihvay circuits. p 

In considering this problem, it should be remembered that the 
distribution system of the street railways is a system having one 
side connected to ground. For given magnitudes of voltages 
and currents of voice frequencies, the inductive effects are much 
more severe than with circuits wdfich are connected to ground 



only at neutral points. Moreover, it is of course impossible to 
employ transpositions in the trolley circuits to reduce coupling 
with neighboring communication circuits. 

As brought out in the paper by Messrs. Marti and Winograd, 
there are present in the voltage wave shape on the d-c. side of the 
rectifier, ripples whose magnitude and frequency depend upon the 
frequency of the fundamental a-e. supply and the number of 
phases. The fundamental frequency of the ripple is equal to the 


















April 1927 


MAKTJ AND WINO(IRAI): M Kl« ’UliY-A IK ’ I’OWKIt RUCTIRIMRS 


(lAWUri.ATKl) I) ATA USKI) Kok (HiRVKS USKI) IN DISCUSSION OR APPLICATION OF MKItOUUY A HO RKOTIFIKR 

7 r>(l-Kw. Station—Outlying IJintrlct, 


Maximum day....... 
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Average day tor your 
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Maximum day. 

Average winter day. , 
Average day tor year 
Average cummer day 


Maximum day . 

Average winter day , 
Average da.v tor year 
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product of tint fundamental frequency of thou e. supply and t h<« 
number of :foojulnry plumra. TI»o ftmdanu mini ripplo contniiiB 
hoi h otltl ami »'Voit It.'iriiiotiioH, A.» t ho itttiiil»**i* of plumes increases, 
the MUgtiil ltd** of tho fundamental ripplo deer* a: :**s, is shown 
hy t ‘tirvo T of Fig, 9 of tho paper. Thus ill n 9 plume ivelifitT. 
supplied from a 90eyrie uotiroo, fin* fiititlutiietilttl frequency 
of Urn ripplo is .'*99 cycle:and m n IV plm *• rectifier, 729 eyries, 
1*1 m mngnitmlo r i of tin* 729 oyolo oompottoitl. in tho 12 phase 
rectifier being considerably h . than thttt of (In* 209 cycle 
component, in tin* 9 jtluo*'r*fliiior. If there worn 21 plumes, 
tho fumlnmontill frequency of tho ripplo would In* H It) *w oh u timl 
its magnitude would l*«* much h r, than that of tho 729 oyolo 
ripplo present in fin* 12-pho*a* device, 

In tho t-ahh* oil the seventh page of tho papor by M* , rs. 
Marti ami Wiimgrad tiro shown amplitudes of tin* harmonic 
component.'* of tin* voltap** from a 0 phu **, tin oyolo roniilior 
including tho liartuouiou up to tho eighth. It will ho noted that 
• ho mngnittnlon of flu e harmonic fall off with inetva ang fro• 
queue,v, 'Pin second harmonic, 729 ey oh , j« about, niii*-fourth 
of tho Itt.ltI oyolo compote rtf whilo that of tho H 10 cycle com- 
potionl is ahmiI on* eighth. It will ho noon, thoroforo, that tho 
(l-phaso rootitlor him all tin* harmonic components that tlm 
12 pint mo rent it hr rontaum ami in addition contain:! 2 lit), 
10,HO and other odd harmonic multi plus of 299 cycle?!. 

An brought out in the papers, there is usually considerable 
H <*rioN inductance in tho feeder circuits and load of at root railway 
systems, 'Pho pen-cut an** harmonic in flu* current is usually 
Iohh, therefore, than if is in the voltage, the pt reentuge of current 
harmonic with r< pert to voltage decreasing with increasing 
order. In a particular in tunc** which I hay** in mimi. the im- 
petlafico (if the load for the harmonic frequencies was equivalent 
hi tut inductance of ahout one millihenry. 

In the tahle on the seventh page of the paper, to which l previ¬ 
ously referred, there is hown also the elTeel on the wave shape 
of a series reactor. The recti Her itself at volt apes of ahout 999 has 
a hnv internal reactance us compared with the reactance of the 
feeders and tin* load, The rectifier net*, therefore, practically as 
a coffKhuit-pohuiitd pom-rut or of these frequencies. As the 
nnpcdam.se of the load varies for these frequencies, the harmonic, 
voltage impressed upon it does not change appreciably. If a 
series reactor is insert**!, if is evident that, the total harmonic 
current, and the harmonic volt-ape impressed upon the load will 
be reduced in the ratio which the total impedance of the load and 
scries reactor hears to tin* impedance of the load. In the ease 
cited in the paper by Messrs. Marti and Wiimgrad, the series 
reactor was about three millihenry#, the load impedance being 
about, one millihenry. There is thus a reduction of about four 
9> unt* in the harmonic voltages impressed upon the load. It 
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is evident that if tin* load impedance were larger or the .series 
reactor smaller, tin* reductions obtained would also I**' smaller. 

It is known, *>f course, that there are also harmonic rijiples 
present in the d c. Hides of rotating apparatus for eon verting 
from alternating lo direel, current. It will be of interest, there- 
fere, to compare mercury are recti tiers with rotating converting 
apparatus in this respect. To date in this country there has 
tier'll a number of installations of mercury are reel .ill era on street 
railway systems from which experience has been obtained. 
These experiences have indicated that the inductive iniltienee 
on telephone lines of street railway systems will lie increased hy a 
factor "f bet ween live and ton to one by the use of a mercury arc 
rectifier not equipped with auxiliary devices for correcting the 
wave shape, as compared to the influence when rotating con¬ 
verting apparatus is employed. The general experience with 
induction from street, railway systems supplied hy rotating 
converting equipment has been that the noise is largely due to 
commutator ripples from the ear motors. When mercury arc 
reetiliers are- used, the source of the noise linn been due eliielly 
to the harmonics from ttu* rectifier, the effects from the ear 
mot or;* being overshadowed. 

The iuqiedunee of rotary converters to the harmonic frequen¬ 
cies is of the same order of magnitude as the internal impedance 
of the rectifier. When a rotary converter and it mercury arc 
rectifier are operated in parallel in the same substation through a 
reactor, tlm harmonic currents circulate locally and do not got 
out to tlm feeders. Under such conditions, the noise effects on 
the telephone lines will be. very much reduced. When rectiticrN 
and rotary converters are operated in parallel in different sub- 
stations without, a series reactor, harmonic currents are ex¬ 
changed between tie* rectifier and the converter, wlut*h are 
determined by the magnitudes of tin* harmonic voltages from the 
rectifier and tlm impedance of the feeders between the two 
substations. Tin* harmonic currents taken by ear motors are 
small as compared to these currents. When these lie feeders are 
involved in telephone exposure, tho effects arc particularly severe, 
the noise being practically constant in magnitude and indepen¬ 
dent of haul so long as the rotary converter ami tin* rectifier are 
connected to the line. 

All types of tcleidmne circuits an* affected by these induced 
disturbances, including interuilleo trunk circuits used for private 
brunch exchanges mid parly-line subscribers' circuits. Individ¬ 
ual subscriber circuits arc also affected under some conditions. 
Those circuits are affected even when they are carried in under¬ 
ground cables. 

Reference is made in the paper to a small percentage of cases 
involving mercury are ree,tillers which have given telephone 
troubles, but, as 1 understand the matter, this figure is based 
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upon European experience. So far, experience in this country 
has indicated that the percentage -which -Rill require remedial 
measurements -will he very much higher than that. Our ex¬ 
perience has been that where these mercury are rectifiers are 
connected without auxiliary devices for modifying wave shape 
to street railway circuits involved in telephone exposures, severe 
noise is caused in the telephone circuits. In two or three in¬ 
stances it has been necessary to temporarily shut down the 
mercury are rectifier until a remedy could be applied. 

In cooperation with the manufacturers of these rectifiers, and 
with the street railway companies that are particularly involved, 
work is being carried on by the American Telephone and Tele¬ 
graph Company and Associated Telephone Companies to deter¬ 
mine remedial measures. Consideration is being given both to 
measures that may be applied to telephone circuits so that they 
may withstand a higher degree of inductive influence, and 
to corrective measures which may be applied to the mercury 
are rectifiers to reduce their inductive influence. 

In reference to the latter, consideration is being given to the 
use of filters. One particular arrangement which is being in¬ 
vestigated consists of a series reactor having an inductance of 
about one millihenry, with three shunt branches, each consisting ' 
of inductance and capacity tuned for the 360-, 720-, and 1080- 
cycle components. This arrangement gives large reductions in 
the magnitudes of those particular harmonics and appreciable 
reductions in the magnitudes of the harmonics of 1440 cycles 
and above. With such a filter connected to the rectifier, its 
telephone interference factor will be reduced to that of a reason- 
ably good rotary converter. Under such conditions it would 
seem to make no particular difference, so far as inductive co¬ 
ordination between the d-c. circuits and telephone circuits is 
concerned, whether the power were obtained from a mercury 
arc rectifier or from rotating converting equipment. At present, 
it is not possible to give any precise figures on what the cost of 
such a filter will he, but it does not seem that it will very mate¬ 
rially change the cost comparisons between mercury arc recti¬ 
fiers and rotary converters. 

In addition to the effects involving the d-c. side of the rectifier, 
there is also a problem of w-ave-shape distortion on the a-c. side! 
The current input to the rectifiers from the a-c. supply contains 
harmonics of considerable magnitudes. The effects on the 
telephone interference factor of the voltage depends upon the 
relative ratings of the rectifier and the generating system and the 
impedances of the feeders to the harmonies. If the rectifier 
load is small as compared to the power capacity of the generating 
system and the feeder is short, the effect on the a-c. system is not 
large. If rectifiers form a large proportion of the load, such as 
might be the case with a main line railroad electrification, the 
effect on the a-c. voltage and current -waves would be important 
and the difficulty of coordinating the a-c. supply circuits with 
neighboring telephone circuits would be materially increased. 
There is an important difference, however, in that these har¬ 
monies are in the balanced voltages and currents rather than in a 
circuit having ground as one side. 

A. S. Biesecker: In connection with the first method of 
which you spoke—that is, the introduction of the reactance in 
order to smooth out the current curve—by -what percentage is 
that going to affect the regulation? 

R- G. McCurdy: The regulation of the rectifier is effected 
only bj the d-c. resistance of the series reactor. The power losses 
m the shunt elements are entirely negligible. There seems to be 
no particular difficulty in designing the series reactor to have a 
voltage drop of 0.5 per cent or less of the rectifier voltage where 
s is oOO volts or above. With lower voltage rectifiers, of 
course, the loss in the series coil would be more serious. 

G. E. Kmi: What, in microfarads, is the capacity of the 
condenser you would have to put in there? 

R- G. McCurdy: In the particular arrangement I have 
described, which is applicable to a 600-volt, 60-eycle, 6-phase 


rectifier, the series reactor is one millihenry and the reactor in 
.each of the three shunt branches is two millihenry s; approxi¬ 
mately 100 microfarads are required in the 360-cycle branch, 
25 microfarads in the 720-cyele branch, and 10 microfarads in the 
1080-eycle branch. A design involving more inductance and less 
capacitance would be more economical for higher d-c. voltages. 

A. S. Biesecker: Does it require as much capacity as that 
for each installation? 

R. G. McCurdy: That is one of the matters which must be 
determined by the cooperative studies by the manufacturers and 
street railway and telephone companies, to which I have referred. 
It is obvious, of course, that if the mercury arc rectifier were 
connected to a trolley system which is not involved in telephone 
exposures, no filter of any sort would be required. As a rule, 
however, wherever we find street railway systems, we are likely to 
find telephone systems in proximity so that some filtering equip¬ 
ment will be required. The total amount of capacity required 
will, of course, be determined by the reduction in harmonic 
voltages and currents which must be obtained. 

O. S. Clark: Is the trouble caused by harmonics in the 
rectifier comparable with the trouble caused by harmonies in the 
rotary converter? 

R. G. McCurdy: While there are occasionally encountered 
rotary converters which have fairly large harmonic components 
in the voltage wave, approaching those of the mercury arc recti¬ 
fier, as a rule, rotating equipment has noise-producing harmonics 
amounting to not more than 10 per cent or so of a six-phase 
rectifier not equipped with correcting means. In a number of 
instances where rotating apparatus having these large harmonies 
has been encountered, these harmonics have been reduced by the 
application of auxiliary devices, such as resonant shunts. As a 
rule, there has been sufficient series impedance in the generator 
or converter to make it unnecessary to introduce a series reactor. 

R. E. Curtis: The Luzerne County Gas and Electric 
Corporation has had experience with harmonic filters. We have 
installed a filter on a 25,000-kv-a. generator for this very trouble, 
and I wonder if the American Telephone and Telegraph Com¬ 
pany is not in a position to stand the expense for any of these 
harmonic filters that are required. 

R. G. McCurdy: I feel that this matter of the division of cost 
of coordinated measures between the power and telephone 
companies is somewhat beyond the scope of this discussion. 

It seems to me, however, that when any utility is considering the 
use of new apparatus or methods of operation resulting in 
operating economies to the particular utility employing it, a 
study should be made to determine what methods of inductive 
coordination would be required by the introduction of the new 
apparatus or methods. It seems obvious that over-all economies 
s ould be considered rather than the individual economy to any 
particular utility, and the introduction of any new devices or 
methods, which require for inductive coordination the expendi¬ 
ture of sums of money larger than the amount involved in the 
operating economies, is a step in the wrong direction. The whole 
matter of inductive coordination should be attacked from the 
standpoint of the best engineering solution using apparatus and 
me o s m the plants of both utilities which will permit them 
o to meet their present and future service requirements 
efieetively and at a minimum total cost. 

Caesar Antoniono: We have been listening mostly to one 
side of the story, the manufacturers’. We have one of these 
rectifiers which was put in operation a year ago last June. At 
^ e T e . ad in Chicago the problem, of handling the crowds 
, 6 ue , aris ^ c Congress, which was one of the biggest tasks 
a any ra oa ever undertook—to carry such a large number 

= f? 1 ? °If SU( ? a distance in that time. This rectifier station 
was the last leg of the outfit. We had confidence in it. We had 
to install eight substations to take care of that load. About 18 
ro ..° f d ° llb e track were buil t to take care of that.. So, this 

rectifier was very much depended upon. 
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.Tusli In show you whuf we know about 1.1 10 rectifier and what 
we don’l know it seems I hero an* many tilings we don’t know 
about it yet. Tim theories presented here this morning 1 tako 
with a grain of sail some an* Inm. or limy appear to be Inn*, ko 
far as our experience poos. 

At noon before the Eucharistin Congress wo were still baking 
out the rectifiers, uueerluin wlmlher we were going to have them 
in service or iu»|. ll developed at noon that we had one anode 
leaki uk on one tank. ('onsideration showed that if we were 
goitut to take the tank apart again and try to re-seal the leaking 
anode, we would not he able to re-hake if in time to put. it into 
service. That service was to begin at three o’clock the next 
morning, and t his was noon, 

It wtts decided, therefore, to take a change, inasmuch 
aw h.v keeping the vacuum pump running, it. would keep the 
vacuum up. We put it into service that afternoon. It. carried 
a light load untila. m. From t hen on, the rectifiers stood up 
under momentary peaks of.'1(H) percent load without a dicker or 
any effect apparently on the rectifier. The only trouble we 
got,into right off when it began to pick up the load washeat¬ 
ing. it seems that the way we had arranged the cooling water 
was not proper to take care of this load. 

This substation wan installed in the country and tin* cooling 
water is pumped eojitinously from a well. Tim first idea was 
that the well water w as perhaps too cold to apply to t he cal Undo 
and to Mm tanks and, therefore, it was considered the best policy 
to discharge the water back into the well case, Right away we 
wanned that too much. So, if was necessary to discharge the 
water outside and we went through that day without any hitch 
at all as far as the rectifier carrying the load was concerned. 

It happened that a few weeks after that, the designer of that 
particular reeiitier came on the job and we told him the anode 
was leaking, lie said, "Well, if 1 had been on the job, it. wouldn't 
have been put on the line." That anode was there until a month 
ago, when for some reason the factory decided to change it. It 
was considered that a perfect, vacuum must be had to run. This 
rectifier had a leaky amah* running for ten or eleven months 
without causing any trouble, 

Now I am optimistic iit believing the mercury rectifier has 
a Held, and if some of the properties w ill make trial stations, I 
think that the troubles will be overcome pretty quickly. 

Wo have been compelled by ordinances in Some towns not to 
put up certain types of buildings in certain locutions. That 
will ban the converters from those locations on account of the 
noise unless an expensive structure in designed to be sound 
proof. 

There is another place where the rectifier adapts itself very 
readily to the loud in certain conditions. This is at a railroad 
crossing. Our trains may approach a crossing at a spent! of 
7ft mi. per hr. and then slow down to !f» mi. per hr. which is the 
ruling of tin* commission, in crossing the railroad. The result in 
when a train approaches the crossing, at a distance of about 
2 mi. it shuts off the power amt goes over tin* crossing wit,bout 
power. When it gets mi the other side of the crossing power 
must he available. With the rotary converter station it, is 
necessary to set the relays very high or slow, otherwise the 
station may shut down. It takes from 25 to 35 sec. to get the 
station buck on the line. Rectifiers have proved to be better 
equipment for that class of service. The rectifier picks up the 
lottd right away when the trains get on the other side of tin* 
crossing, in about 10 sec. We haven't, heard of any telephone 
interference. We have a private telephone cable for the rail¬ 
road’s use passing right by the station amt there is no inter¬ 
ference there. The telephone property is about H mi. away 
and there is no interference at this time, although in that same 
vicinity we have had radio complaints on the rotary converters, 
< I'here arc other tilings that appear to be in favor of the roe- 
tiller as against the converter. One thing we have to contend 


with in the rotary converter is (lashing over and locking out. 
That seems to Ik* in some cases quite serious. 

Then, wo have the commutator and brush troubles. Every 
one knows the troubles of the commutator of a high-speed 
machine. Also the a-e, brush is as much trouble to the con¬ 
verter man as the d-e. brush on account of serious dust. The 
dust, spreads all over station equipment and causes troubles on 
contacts and insulat ion. 

A question has been asked about the load division. This 
load division question brings us back again to what we don’t 
know about, the rectilier. Wo had a, case where one starting 
anode stark closed for over a, week and would not draw an are 
and pick up any load. During this time we assumed the two 
tanks were working though one was not. Without any apparent 
trouble mm tank was doing the work both were supposed to do. 
We didn't, know t he difference. 

As to repairs, as has been brought, out, we have not Imd much 
experience on what, repairs amount to, but. the impression I got 
is that tin* repairs are not going to be anything as compared to 
t hose on rotary converters. 

A. IU *r/,s Mr. McCurdy mentioned something about, tele¬ 
phone interference. On that subject Mr. McCurdy can tell you 
more than I can, but dm audibility or sensitivity curve of the 
human ear is, 1 think very interesting. From analysis of the 
inductive intlueuec liberated by these rectifiers, we know that a 
great percentage of induction is in the order of the fith harmonic, 
that is, 3(10 cycles. Another large batch of if comes in at the 
30th harmonic, that is, 2100 cycles. Between these there is a 
valley in t his induction. This, of course, is a favorable circum¬ 
stance and is a material help in the problem of inductive 
coordination. 

If is an interesting fact, that the inductive intlueuec caused by 
the recti tiers is really in the valley of the sensitivity curve of the 
human ear. it may come in higher up again, as some claim that 
the human cur lias two sensitive spots, one of which is much 
higher than the one 1 have mentioned. 

Changing the subject, this matter of having substations 
3M mi. apart on heavy electrification raises the question where 
are we going to slop? If we increase our traffic we shall have to 
put in substations 1 H mi. apart, assuming the use of 700 volts or 
less on the trolley. The reetifler now gives ns an opportunity 
to increase the voltage. 1 believe it. is very opportune that it 
does. When you have to put substations in at, spacing of 1 D* mi. 
it is nearly time Jo increase our trolley voltage. Certainly 1500 
volts is practically out of the question in city electrification on the 
streets; 1500 volts or higher is more applicable to interurban or 
main-line electrification and electrification, outside of the cities, 

I believe the Europeans have gene a little deeper than we have 
into the transformer construction layout used in connection with 
the rectifiers. If the transformer is the answer to some of the 
troubles we have wo should have the transformers made in 
Europe or else our manufacturers might, be induced to change 
to the better way. 

The- subject of speed of operation is vital. The* rectifier can 
be placed in service in a, few seconds. You have to pay no 
attention to synchronizing. As a matter of fact you can get, a 
rectilier on us quickly as your switches will operate, With 
rotaries that is out of the question, especially with loUIMolf 
installations when* you have two rotaries in series. The question 
of polarity on the rotaries is very important, but not, so with the 
rectifier if comes up correctly every time. 

As regards noise both within the substation ami outside, wo 
must acknowledge that tlm advantages are nil with the ree.fiHer. 

Flash overs have been mentioned. Flnshovers on rotaries 
are bad wo know it. Flashbacks occur in rectifiers, but 1 feel 
confident that they are less serious to the system and 1 am sure 
they are not us hard on t he operators. 

In the matter of cooling these rectillers, we have had certain 
difficulties caused by electrolysis. Burts of these rectifiers float 
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1500 volts above ground and when a semi-conductive cooling 
medium is used there will be some-current leakage. I wonder 
why the manufacturers don’t go to oil cooling, using the same oil 
over and over again and cooling this with water through cooling 
coils. That would mean a change in apparatus hut I am quite 
sure it is feasible. Attempts to overcome this difficulty by the 
use of distilled water have been unsuccessful; within two weeks 
it becomes contaminated to such an extent that it is worse than 
Lake Michigan water normally is. So, I think serious considera¬ 
tion should be given to cooling methods, making use of oil. 

W. C. DuVall: It seems to me in this big subject of rectifica¬ 
tion, it is going to be a matter of economics and I am quite con¬ 
fident that we are going to do in the future the same as we have 
in the past—engineers are going to find ways and means of 
correcting such things as telephone interference and other factors 
that would he in the way of progress. 

The biggest thing that the rectifier is doing is to help fight the 
battle of electrification of railroads, alternating current versus 
direct current, and no doubt, we are going to sift it down to a 
field where the rectifier will take its place at one end, and the 
converters at the other. Just where that division is going to be it 
is hard to say, but in any event, I am sure engineers will find 
a solution. 

W. B. Anderson: In the latter part of his paper, Mr. Shand 
mentions a series of tests on one of the old rectifiers, Unit No. 56, 
which was built by the Westinghouse Company in 1916. These 
and other later tests were made by the writer,"who is associated 
with Air. Shand, to obtain a direct comparison of certain features 
in the old and new designs. The older unit was operated for 
approximately three months. The results were such as readilv to 
convince anyone that- successfully operating steel-tank rectifiers 
were made by American manufacturers previous to their present 
commercial activity. 

• ) aeuum Camber of Unit No. 56 is a drawn steel t.ant- 19 
m. in diameter and 26 in. deep, this being supported by an outer 
sheet metal casing which also serves as a water jacket. The two 
anodes are made of drawn steel and constructed to permit circu¬ 
lation of water for cooling. Steel anode shields are used and the 
cathode is not insulated from the rectifier tank. The unit is also 
equipped with a Pirani type of vacuum gage, the same principle 
now- being applied to what is more commonly known as the 
^hot-wire vacuum gage. AH of the seals are made with 
vacuum cement” a sealing compound developed especially for 
mercury-arc rectifiers. This cement is still one of the best 
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ture was about 35 deg. cent. When starting, the anodes were at 
room temperature or lower. The other method, which is similar 
to the practise of ten years ago, w r as to recirculate the anode 
discharge water, adding just enough make-up water to maintain 
a predetermined temperature. Before placing the rectifier in 
service, the anode water was heated to permit starting with warm 
anodes. The latter method proved much more satisfactory. 
Operation at uniform and higher anode temperatures was possible 
and the necessity of starting with cold anodes was eliminated. 

With such an anode-cooling system, it was possible to collect 
some interesting data and verify certain ideas relative to the 
proper .temperatures at which anodes should he operated. 
Several mornings when starting up after the rectifier had been 
standing all night, full load and overloads were thrown on the 
rectifier. With cold anodes, the first few minutes of operation 
w r ere very unstable and internal short circuits frequently oc¬ 
curred. By preheating the anode water, operation was made 
stable and there were no short circuits. 

For continuous operation, the anode water intake and dis¬ 
charge temperatures were limited to values corresponding to the 
limiting temperature of the seals. On several occasions, these 
temperatures were allowed to increase approximately 50 per cent 
for periods of about 2 hrs. following continuous operation at the 
first mentioned temperatures. The result was improved vacuum 
and increased stability under abnormal operating conditions as 
compared to similar operation with normal anode water tempera¬ 
tures. . These, tests demonstrated very forcibly the desirability 
of relatively higher anode temperatures. 

As already mentioned, the loss in the rectifier was dissipated 
eit er in the anode or the tank cooling systems. Measure¬ 
ments indicated, that at full load, approximately 65 per cent of 
. e loss was dissipated in the tank cooling water and 35 per cent 
m the anode cooling water. These values represent continuous 
operation at the most satisfactory discharge water temperatures 
for this particular design. 

One interesting and very noticeable thing connected with the 
operation of this old rectifier was a decided improvement in 
vacuum when it was placed on load after standing idle a few 
nours. This was apparently due to a redistribution of pressure. 

As Mr. Shand has pointed out, one of the objectives of the 
older rectifier, development was the perfection of a rectifier 
normally requiring no vacuum pumps. The tests on Unit No. 

• , 1Ca a ree dfiers can he made to operate for long 
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April 1927 

(Discussion at Bethlehem on IVIarti and W4nograd Paper 

Only) 

L. A. Domett: Referring to the table, where the compar¬ 
ison is made on the efficiency basis between the rectifier and 
the motor generator set, it seems to me there ought to be another 
column in that table that would include the rotary converter, 
for it seems to me the rotary converter of a 3000-kw. size would 
have an efficiency of nearly 96 per cent which would make the 
efficiencies almost equal for the two rectifying devices. 

A. J. Standing*: There are three questions that probably 
have been covered in this paper but unfortunately I have not 
had an opportunity to read it. The first question is: Are 
rectifiers available in 25-eycle 6600-volt circuits? The next 
question is: Are rectifiers affected by changes in temperature? 
And the third question is: What is the maintenance on them and 
what troubles are they subject to? 

J. T. Waug*h: I would like to ask Mr. Marti what informa¬ 
tion he has on the reliability and maintenance of mercury-arc 
rectifiers, as found by experimentation or actual practise? Can 
he give us the relative cost between a rectifier with its trans¬ 
former equipment and a motor-generator set of approximately 
50 to 100 kw. and for say 220 volts d-e. 

John Grotzing*er: It is evident that the application of this 
rectifier to electric-traction substations is offering decided 
advantages. 

Unfortunately this does not apply to industrial plants where 
d-e. at 240/120 volts is required for the operation of small and 
medium-sized variabie-speed motors. I take it that for a three- 
wire system two rectifiers would be required, one on each side of 
the neutral, operating at 120 volts d-c. 

At this low voltage there is no gain in efficiency over the motor- 
generator set and the cost of the rectifier would be excessive. 
The attractive feature in such an arrangement would be the 
freedom from the compounding trouble met with when operating 
several three-wire generators in parallel. 

I would like to have Mr. Marti tell whether in operating several 
such units in parallel they divide the load uniformly, also what 
takes place in the case of a short circuit. 

G. M. Kennedy: I want to know whether you use a three- 
phase transformer or a single-phase. Suppose we had a 300-kw. 
rectifier, what transformer capacity would we use with that? 

W. H. Lesser: How does the attention required with these 
rectifiers compare with the attention that we need with an 
automatic motor-generator set or an automatic converter? 

O. S. Clark: Fig. 5 shows increased tendency in Europe 
toward higher voltages. I wonder if this is being done to reduce 
distribution losses, or does it indicate a tendency to adopt the 
mercury-arc rectifier which operates more efficiently at the higher 
voltages. 

D. C. Prince: On this question of telephone interference the 
General Electric Company has taken the position that we have 
to go halfway with the telephone company, and I believe all the 
rectifiers which we have put out are equipped with the reactance 
which Mr. Marti shows at the top of his figures. 

On the question of filters it has been a matter of where the 
exposure has been bad, and in our installations in most eases 
the exposures have not been bad enough to require the filters. 
However, there seems to be still some hidden question regarding 
that, because one hears all sorts of stories about what interference 
this rectifier and that rectifier produces. So far, our rectifiers 
■with the series line reactance have made no trouble in the places 
where they have been fed over heavy power lines, and it is ob¬ 
served that if the rectifier is supplied over a large power line, 
so that it is a relatively small part of a power load, the inter¬ 
ference seems to be considerably -less than where the rectifier is 
the only piece of apparatus fed over the entire line. A definite 
correction procedure will probably be developed as a matter of 
experience, and I don’t believe the cost will be great.. In most 


cases where we have had to put in the filters the cost has not been 
prohibitive. 

Mention is made that a rectifier is naturally a continuous¬ 
rated machine. The rectifier itself is only a small part of the 
installation, and for that reason the characteristics of the rectifier 
are not necessarily imposed on the system as a whole; that is, if it 
were desirable to supply any particular 2-hr. rating, the fact 
that the rectifier might come to its final temperature inside of 
half an hour would not make it necessary to supply a complete 
installation on the basis of half an hour period overload; i. e., the 
fact that the rectifier itself is a relatively small part of the whole 
makes it possible to discount its own particular characteristics 
by supplying a margin in rectifier capacity. We have installed 
in Chicago a rectifier with a capacity of 1500 kw., and this unit 
has repeatedly carried loads of over 9000 kw. with no ill effects 
whatever. We hope that the policy will be to install rectifiers of 
sufficient size to handle anything that can come, and then, 
as the device becomes more exactly known, it may be possible 
to make savings, but there again such savings will be only in the 
rectifier, which is but a small part of the whole installation. 

Mr. Marti has also gone into this question of the rating of 
transformers. The transformer rating for a three-phase rectifier 
is somewhere around 130 per cent of the kw. capacity, and for a 
six-phase rectifier he has given the figures as somewhere around 
150 per cent, and that leads to the question: Aren’t we sacrificing 
something by going to polyphase operation; that is, to a higher 
number of phases? We have made an investigation to see if the 
advantage in wave form of the higher number of phases cannot 
be obtained with three-phase units, which have the advantage 
not only in that the transformer ratings are less, but the regula¬ 
tion also tends to be better and the telephone interference tends 
to be less. As a result, our standard rectifiers, instead of being 
six-phase or more, are all three-phase, connected through inter- 
phase transformers, either two or four units operating at an 
angular displacement to bring the total phases up to six or twelve. 

Sidney Withindton: (communicated after adjournment) 
There is no doubt that mercury arc rectifiers possess many mate¬ 
rial advantages as compared w r ith rotary apparatus, either con¬ 
verters or motor-generators.- They are relatively simple in their 
operation and, being static, are especially adapted to automatic 
substation operation; furthermore, they can, like transformers, 
be placed on the line instantaneously by the closing of a switch as 
required to take care of sudden unexpected loads. As Messrs. 
Marti and Winograd have pointed out, rectifiers are especially 
advantageous for high voltages, both from the point of view of 
their operating characteristics, and cost as compared to rotary 
apparatus. Then, too, as has been stated, they are very attrac¬ 
tive as regards efficiency, especially at fractional loads. It 
should be borne in mind, however, that the relation between 
overload capacity and continous rating is relatively unfavorable 
as compared to rotary converters or motor-generator sets, es¬ 
pecially for steam-rail-way electrification. Where the load 
increments are relatively large compared to the total load, and 
where, therefore, the peaks may be of but short duration, the 
overload capacities of rotary apparatus are of value, whereas the 
relatively small thermal capacities of the rectifiers are a limiting 
factor. In the case of urban traffic, where the load increments 
are a relatively small part of the total load, this feature is of less 
importance, and this is the field in which the greatest develop¬ 
ment of the rectifier will undoubtedly he. 

An important characteristic of mercury rectifiers is that if they 
are subjected to conditions which are too severe, they are not 
likely to be permanently damaged as are many other types of 
apparatus, but after a break-down due to overload may as a rule 
be immediately restored to service. 

The question of overload characteristics is an important one, 
and it would appear to be opportune at this time to consider 
special ratings for mercury arc rectifiers which would recognize 
the relatively high continuous capacity as compared to their 
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overload capacity. Such, data might veil be included in 
A. I. E. E. Standards. At present a “nominal” rating which, 
means little, is assumed in order that standard overload specifica¬ 
tions may l ie met. 

A limitation of the mercury are rectifier is in its voltage regula¬ 
tion. There is, of course, no possibility of“ over-compounding,” 
and therefore there is a drop in bus voltage at heavy loads. This 
feature, however, especially in the ease of street-railway loads, 
may be offset by scattering automatic rectifier substations about 
the territory served, utilizing high-voltage a-e. distribution. 
Sueh a plan would, of course, mean a relatively low load factor on 
each substation and, therefore, a considerably greater installed 
capacity would be necessary than if the apparatus were concen¬ 
trated. It is probable, however, that before long, on account 
of quantity production and amortization of development 
■expense, mercury rectifiers will be available at considerably 
lower cost than rotary apparatus, even for 600-volt service, and 
the excess capacity will thus be justified by the obvious advan¬ 
tages of small scattered substations. 

It is probably going a little too far to say that the mercury are 
rectifier will soon exert an influence on the much-discussed ques¬ 
tion of direct current versus alternating current for heavy 
ti-aetion systems. The electrification system finally adopted as a 
standard in this country will necessarily be capable of handling 
all branches of operation economically and reliably, including 
suburban service and “through” traffic of all kinds, over the same 
tracks. National standardization in this respect is nearly as 
important as track-gage standardization, and should rest on 
considerations which are broader than the economics of any one 
individual problem. 

The chief limitations thus far with d-c. systems are not in the 
generation of power so much as in the flexibility of its distribution 
and use on the rolling stock, and with the increasing voltages 
mentioned by Messrs. Marti and Winograd, even though they 
may be practicable at the substations, problems will necessarily 
be met on the ears or locomotives in main motors and auxiliary 
facilities. Although it is of course impossible to predict what the 
future holds in store for us, nevertheless it may be said that the 
fundamental advantage of alternating current as compared with 
direct current in the present state of development of the art of 
electrification, is in the flexibility of the a-c. system, wherein it is 
possible on a single distribution system to operate motor cars, 
either singly or in multiple-unit trains up to ten or twelve cars, as 
■well as high-speed “through” passenger trains, and extremely 
heavy-tonnage freight trains with concentration of 15,000 or 
20,000 hp. in a single train. This degree of flexibility has thus 
far not been reached with any d-e. installation yet designed, and it 
does not seem probable that the mercury arc rectifier can 
change this phase of the situation very much, especially as it is, 
of course, impracticable to regenerate power and feed back into 
a transmission system through this type of apparatus. 

O. K. Marti and H, Winograd: Mr. McCurdy answered 
practically all the questions on interference which were raised 
during the discussion, and he brought out very clearly the prob¬ 
lems involved in mercury-arc rectifier installations in connection 
with communication systems. I should only like, to follow up 
one point a little further. As he states, there are also harmonic 
ripples present in the d-c. sides of synchronous converters, and I 
might point out that interference is sometimes caused by syn¬ 
chronous generators and condensers. Up to the present time, 
no definite rule has been established by technical societies with 
regard to the permissible volume of this interference- for any 
kind of machine, and it is therefore difficult to arrive at a proper 
conclusion in regard to the permissible magnitude of the ripples. 
In connection with the machines which cause interference, the 
noise-meter and the telephone-interferenee-factor meter are used 
to obtain some quantitative measure of the interference effect. 

ssuming, now, that the influence of the rectifier ripples is 
measured by this meter, and that we allow about the same 


telephone interference factor for rectifiers as for other machines, 
a filter equipment which is not prohibitive as to cost and main¬ 
tenance can probably be found, especially since the recent im¬ 
provements in condensers, due to the greater demand for them for 
radio and for power-factor correction, have improved their 
quality and also made them lower in price. 

In regard to radio interference, I should like to mention that 
even if the mercury arc should radiate waves of the frequencies 
used in radio communication, they would probably be shielded 
by the steel tank. However, it does not radiate sueh waves, and 
no difficulty has to be feared in that regard. It might, however, 
be mentioned that a great deal of investigating has been done in 
this connection in Europe, Canada, and in this country, without 
any influence on radio being observed. 

I had intended to discuss Mr. Butcher’s paper quite 
thoroughly, but Mr. Herz and Mr. Antoniono, whose companies 
have had rectifiers in operation for an appreciable period of time, 
gave a much better comparison of the advantages and disad¬ 
vantages of mercury-arc rectifiers and synchronous converters 
than I would have been able to give. 

I should, however, like to make some remarks regarding the 
first cost and the cost of maintenance, as brought out in this 
paper. The maintenance cost of rectifiers and their automatic 
equipment is less than for synchronous converters, as was proved 
by many comparative studies made abroad and in this country. 
It is unjust to base a comparison in regard to maintenance oh 
the experiences obtained -with the few early trial installations in 
this country, and the comparison will come to be more in favor 
of the rectifier as this equipment and its characteristics become 
better known. 

The cost of an installation as indicated on the last page of 
Mr. Butcher’s paper, giving the cost of the building and founda¬ 
tion as $5000 for either a rectifier or a rotary converter, cannot 
be correct for two reasons: First, the number of cubic feet of 
space required for a rectifier installation of a certain rating is 
much less than for a converter installation, and, since there are 
no heavy moving parts in a rectifier, the foundation costs practi¬ 
cally nothing by comparison. According to our estimate, the 
cost of a rectifier substation would be about two-thirds the 
amount stated in Mr. Butcher’s comparative table. Since the 
heat produced by the losses in a rectifier is carried away by the 
water, no extensive space is required above the rectifier, as is 
necessary for the proper cooling of a synchronous converter. 
The cost of making a well in case no running water is available 
can be circumvented by using a recooling system, the cost of 
which is considerably lower than the cost of making a well as 
given in Mr. Butcher’s paper. If the comparison had been made 
upon such a basis, it would have shown that the first cost of a 
rectifier installation compared to a converter installation for 
600 volts, direct current, would be the same, or even less. There 
is a tendency, and I do not see any reason why it cannot be done, 
to increase the trolley voltage to 750, and even to 800 volts. 
At such a voltage the first cost of the rectifier will be less and the 
saving effected due to lower losses in rectifier and feeder will be 
extremely favorable. 

Answering Mr. Clark’s question, I believe the tendency toward 
higher voltages in Europe is accounted for by a desire to secure a 
higher rectifier efficiency and to reduce the distribution losses as 
well. In one case 800 volts was adopted in order to do away 
entirely with all feeders, the rectifiers working directly on the 
trolley line at 800 volts. The spacing of the substations is 
very close, being only about half a mile. The rectifiers are 
mounted right on the station platform, there being no enclosure 
other than a sereen, and the transformers are mounted close to 
the rectifiers. In this case, almost the entire cost of a substation 
building and feeders was eliminated. 

In answer to Mr. Lesser’s question in regard to the attendance 
required, I should think that the same practise as applied to 
rotary-converter stations should be adopted for rectifiers. Due 
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to tho fact, however, that a fully automatic, rectifier installation 
is simpler and involves loss automatic, equipment, it, requires 
less at,tent,ion. 

In this connection may In' answered the last part of Mr. 
Standing’s question about the troubles to which rectifiers are 
subject. Tim main trouble experienced with the rectifier itself 
has been back-lires, or arc-backs. By improvements in the de¬ 
sign of the rectifier and its auxiliaries, these have been practically 
eliminated, and when they do occur, they have no serious con¬ 
sequences as the rectifier can bo put back into service 
immediately. In automatic rectifier substations they are taken 
care of by automatically reclosing circuit breakers. 

Mr. <irot/.inner made a remark about the use of rectifiers for 
240/1’20-volt, direct current, three-wire systems for industrial 
plants. There are a number of such installations in service. 
Wince the rectifier* efficiency iu considerably reduced at the lower 
voltages, on such systems the rectifier is usually connected to tho 
outside wires, and a balancer, which may he a battery or a small 
motor-genera tor set, is used for obtaining the middle wire. 

As for parallel operation, the rectifier is far better suited for 
ouch service than a rotary converter. Rectifiers will operate 
in parallel satisfactorily even if connected to two independent 
ft-c, systems having different frequencies. Should the voltage be 
lowered, the rectifier cannot feed hack, so that one rectifier 
cannot affect* other rectifiers operating from the same or other 
a-o. networks. Frequently a power company would like, to 
operate a rectifier from 2b- and fHheyele systems during certain 
periods. That, again, is an advantage or recti Hers, as they can 
operate equally well at In, 2ft, lit), or even 11)1) cycles. The only 
factor which will be affected is the size of the transformer, which 
of course must be dimensioned for the lower frequency. This 
will cause a slight, decrease in the ettleirncy of operation at, lower 
frequencies. 

In regard to the question of whether a rectifier transformer 1ms 
to he rated for ft. higher capacity than a transformer for a syn¬ 
chronous converter, and to what extent the size is affected by 
the number of phases, see curve No. 2 in Fig. t> of the paper. 
From this curve it is evident that a two phase transformer, for 
instance, has a rating of 12b per cent of the d e, output, and 
about Mb per cent of the ilt*. output for six-phase recti Heat urn. 
Ah a rule, because of the simplicity of the interconnect tons be¬ 
tween the phases and the lower cost, t hree -phase transformers are 
used with rectifiers. 

If a rectifier is operated in a place where the temperature is 
high, ils operation is entirely unuffeeled, as the heat, generated 
by it is taken away by the cooling water and therefore the am¬ 
bient temperature does not matter, 'This is another advantage 
of the rectifier; one can place it in a small space and does not 
have to bother with ventilators and ventilation ducts to remove 
the heated air from t he room. Incidentally, the amount of noise 
generated by the vacuum"pump motor is ho small that rectifiers 
may he located in places whore rotary converters would lie out 
of question. In fact, we have rectifiers operating iu department 
stores, municipal buildings, hospitals, and other locations where 
the absence of noise is of prime importance, 

In reply to Mr. Waugh’s question regarding the relative eosls 
of recti Hers and mot or-generator sets for At) and 1(K) kw., 220 
volts, the price of rectiliers would be higher. For such capacities, 
rectifiers would lie used only if other factors, such ns noise, 
flexibility, or operation, etc., make their application advisable. 

Ah to .Mr. Daggett's remarks, 1 vvish to way that the comparison 
of eflleioneicN in the paper concerns 2000*veil, conversion, for 
which synchronous con vert era would not be used. 

ft.II* Shmuh Mr. Marti has referred to the difficulties of the 
design of transformers when used with rectifiers, a point which 
was also touched upon by Mr. Her/,. 1 mentioned in my paper 
Heme extensive work on the investigation of rectifiers and circuits, 
and I believe that by adhering to the principles determined, these 
(liillcniltieH are not great; ami in fact,, they have not boon found 
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so. Where com]ilex arrangements of the transformer windings 
are used, there naturally will be some undesirable complications. 
Tho transformer inductance determines, to a large extent, the 
voltage regulation of the rectifier, and it requires careful design 
to obtain the proper distribution of this inductance in the wind¬ 
ings, particularly in the eases where eomplex sehemes of con¬ 
nection are used. It, may be said, therefore, that there is 
.something to he gained in the choice of a simpler transformer 
arrangement. 

Referring to Mr. Marti's remarks of the heat ••storage character¬ 
istics of recti tiers as compared with rotating apparatus, I am not 
sure that 1 am in strict agreement.. It must, be remembered 
that, water is the cooling medium of the rectifier and that water 
has a very great thermal capacity. Some calculations on this 
subject made some time ago indicated that the rectifier, with its 
cooling water, would have a slightly greater heat-storage capacity 
than a corresponding rotating machine. Of course, where the 
anodes are not, equipped with water-tilled radiators, the n nod eft 
will have a lower thermal capacity. 

There is probably a certain amount of general misunderstand¬ 
ing on the subject of the meaning of the ov er-load capacity of 
normal-rated machines. Tests have shown that a, rotating 
machine, such as a d-e. generator or synchronous converter, will 
reach very nearly its maximum temperature in 2b to lb min., so 
that, there is.no basis for the supposition that the machine can 
carry its guaranteed overload on account of its thermal capacity. 
The limitation for the continuous rating is bused rather on the 
limitation on the current-collecting parts; that, is, if operated 
continuously on the overload rating, the commutation limit 
would he exceeded ami the maintenance on both commutator 
and collector rings would be unnecessarily high. With our 
present slate of information on the rectifier, it does not. appear to 
have t hese two kinds of limitat ions to the same extent, so that its 
application may not be made to the best advantage by directly 
following converter practise. 

In regard to telephone interference, 1 believe that. Mr. 
McCurdy has brought out, a number of interesting points. As 
he mentioned, when rectifiers are connected to a highly inductive 
load, such as presented by street-ear motors, the harmonic cur¬ 
rents are reduced to a point where they do not cause any appre¬ 
ciable trouble; but as is usual practise, where low-impedance 
feeders connect different substations, the differential voltage 
between two pieces of apparatus in differenl. substations will 
produce much larger harmonies over the. connecting feeder. An 
exposure of much less than 10 ampere-miles of such harmonic 
currents has been found to cause trouble iu telephone circuits. 
It, has been demonstrated both in the investigation referred In 
in my paper, and also iu later work that telephone interference 
can be eliminated by installing special apparatus either iu the 
telephone circuits or in the rectifier circuit. The practicability of 
the elimination of telephone interference comes down, therefore, 
to a question of economies, both in the first cost of apparatus, 
and, where installed with the rectifier, in the additional losses 
involved. 

Tim comments of Mr. Met "urdy on the relative advantages of 
ti-phuso and 12-phase rectifiers are not. borne out in the experi¬ 
mental values of tele|diouc'interference-factor which ho has 
obtained from these two types of apparatus. It may be noted 
that the wave shapes of rectifiers under load are such that tho 
advantage of the 12-phase connection will be very much reduced 
on account of flic effect of overlap which produces further varia¬ 
tions of voltage fluctuation but which do not occur at no load, 

C. A. Itutdhcr* If is seldom required that converters of dif¬ 
ferent frequencies be operated iu parallel although this is being 
done very satisfactorily. On the Edison system in Chicago, 
2b~cyehs and lUI-cycle converters are operated in parallel mi tho 
d-e. bus with little or no apparent difficulty. 

There is something to be said about rectifier development. 
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apparently having been on a more rapid scale in Europe than in 
America. A reason for this probably lies principally with the 
rates of development of the central-station industries in the two 

countries. 


Tile central station industry had its birth in this country in the 
three-wire d-e. system. This was quickly followed by the a-e. 
system, which discouraged the installation of numerous small 
Isolated plants. Following later, the development of the central 
station in Europe was principally at .50 cycles, whereas 25 cycles 
was the predominating frequency in this country. The" 25- 
eyele converter was, therefore, not in the same demand in Europe 
as in America and, perhaps, has never reached the same stage of 
perfection. In the substitution of central-station service for the 
isolated plant, the rectifier in Europe has been the competitor of 
the motor generator and the motor converter rather than the 
syne hro no us converter. 

The development of the 60-cyele converter followed later and 
those familiar with it know that its early troubles were many. 
However.^ these have been quite successfully overcome. In 
spite of the remarks made about flashovers, the 60-eyc-le con¬ 
verter is a satisfactory piece of conversion apparatus. The de¬ 
velopment of the high-speed breaker, and the high-reluetanee 
commutating pole has done much to assist in its proper per¬ 
formance. The operators can do well to study those features in 
the application of a synchronous converter which will contribute 
to its more satisfactory performance. Perhaps 50 per cent or 
more of the responsibility for the flashovers of synchronous con¬ 
verters is until matters of application and operation and not in the 
limitations of design. 


The increase of voltage abot e 600 brings in many other prob¬ 
lems in the way of design of traction motors, control, and dis¬ 
tribution insulation, also the problem of using efficiently the 
higher voltages in congested metropolitan areas. The automatic 


substation, since attendance is not required, probably lowers the 
scale of voltages on which d-c. railways may be operated economi¬ 
cally. There are probably any number of installations which 
years ago would have been made at higher voltages had not the 
automatic substation been perfected to the point where a greater 
number of substations with smaller spacing might be used with¬ 
out excessive operating cost. 

The transformer design, which enables a rectifier designer to 
gain low efficiency at light loads, is also possible with synchronous 
converters since it is merely a matter of proper ratio of iron to 
copper losses. 

Power-factor correction by operating rectifiers and converters 
in parallel in the same station,—a question was brought up by 
Mr. Blasser is probably -something that has not been given a 
great deal of consideration. When one stops to think that the 
power factor of the rectifier, 93 per cent, is much better than that 
of the average industrial load, and that generators in our power 
stations are designed for SO per cent power factor, I doubt if he 
wall find very much to be gained by the parallel operation of 
converters and transformers in the same station for that purpose 

The question of reverse current at light loads merely means 
that the designs for interurban substations or metropolitan sub¬ 
stations must be considered in conjunction with the a-c. supply 
m order to gain stability of synchronous apparatus and the system 
as a whole. 

Operating third-rail systems with 60-cycle synchronous con¬ 
verters does not render the problem of flashovers more serious 
if the installation is properly made, the flashovers are probably 
not so severe, on a third-rail system as on overhead, for the reason 
that the magnetic induction on the third rail on the average 
fault, causes the current to rise very slowly, and thus it may be 
interrupted by a breaker of ordinary speed before the load on 
the converter is such as to cause flashover. 
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1.11 Leetricity in the Drilling of Oil Wells 


BY L. J. Ml BBIIV* 

Non-Mwulmr 


Synapsis, -Ik in other industries, elccti icily Inis taken the tend 
in lhr petroleum industry in putting (hr drilling of oil well:; on an 
engineering Intsis and an a remit of an nor our, installation;; it can In; 
saiil that nil companies in general at thr prnunt time have a vary 
receptive attitude toward electric drift http Satisfied drillers, tatty 


operation , law maintenance, law pawn' bills, fewer shut downs, per¬ 
fect motion, faster drillimj, heavier pulling, na stnnd-hy Unmet; all 
these factor;; have contributed la make electricity the earning accepted 
standard by which alt other form;; of oil-well drilling will lw judged, 
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npilKUK nrt‘ I wo forms of drilling pract ise in common 

| use in the United Slates today, /, c., cable-tool 
and rotary. The cable-tool or percussion system 
was the original method and is the one most, extensively 
employed at ihe present time. It is used exclusively 
in t he Pennsylvania, Ohio, Illinois, and Kentucky fields 
and to a very large extent in the mid-continent and 
western fields. 

In drilling with tins system, the drilling tools art 1 
suspended from a steel cable or manila rope and moved 
in an up-and-down motion with the speed of the walk¬ 
ing beam, which supports the tools, corresponding to 
the natural period of the string of tools. Naturally 
this period becomes greater as fin* depth of the hole 
increases and, in order to obtain maximum drilling 
speed, the motor driving the rig must he capable of very 
delicate* adjustment over quite a wide range of speed. 
It can he seen readily t hat this met hod is better adapted 
to hard solid formations than to soft formations on 
account of f lit* fact I hat repeated jarring of t he earth will 
loosen soft structures and cause cave-ins which necessi¬ 
tate fishing jobs ami no end of t rouble. 

There are four principal operations in the drilling of 
oil wells by the cable-tool system, namely, spudding-in, 
drilling, hoisting tools, and bailing, each operation 
necessitating distinct requirements of the electrical 
equipment, operating the rig. 

The "spudding* 1 operation consists of raising the 
drilling tools through a vertical distance of three or four 
ft. and allowing them to fall. The operation is accom¬ 
plished by means of a jerk line one end of which is 
attached to the crank on the band wheel and the other 
end through a sliding shoe to the cable which supports 
the drilling tools. The tools are supported usually by a 
steel or manila cable which passes over a sheave wheel 
on top of the derrick and then is spooled on a hoisting 
drum or hull wheel. The tools are feil downward by 
releasing the brake on the bull wheel. Near t he t op 
of the hole the band wheel is operated at a speed of 
42 to *15 rev, per min. to give most satisfactory opera¬ 
tion and the speed must be very closely controllable. 
This operation requires approximately UO to 40 hp. 

L (Scticrat KttKint*i«riitg Dcpiirlmciit,, Wcmt-iughotiHo KJt?<*tri<* 
and Mfg, Kiwi PiM#hurgli, Pa. 

Presented at the Itryumnl Met tiny of District No. ? a} the. 
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After a 200- to 400-ff. length of hole has been drilled 
by the spudding operation the remainder of the drilling 
is done on t he beam. Drilling on the beam requires t hat 
the speed of the driving motor or motors bo very closely 
regulated and that tin* motors have relatively small 
tly-whecl effort in order to permit iv.pid variation in 
speed in response to variations in torque throughout 
tin* drilling cycle. The range of speed throughout the 
drilling of a well runs from •10 to 45 strokes per min, at 
the top of the hole down to as low as 14 to 20 strokes 
per min. at the hot tom. 

The average speed of t he drilling equipment, must be 
adjustable at all times to correspond exactly to the 
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natural period of the drilling tools and drilling line, if 
maximum progress is to be obtained. If the speed of 
the drilling tool is set. too low, the hit does not; strike a 
sharp blow and the progress is slow, while if the speed is 
set too fast, excessively high stresses are set up in the 
drilling cable, drilling is slow, and fishing jobs are t o he 
expected. 

The horse power required will he found to vary hut in 
general it can be said to decrease somewhat as the depth 
increases. If the hole is free of wafer, the horse power 
required to swing the tools will be comparatively light, 
the beam will operate at a larger number of strokes, and 
the drilling will progress faster than if water in appre¬ 
ciable quantity is encountered in tin 1 hole. 

Fig. 1 is a curve showing how the horsepower output 
of the motor varies with t he depth of the well. As no 
two wells are exactly alike and as conditions will vary 

"if* 
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considerably throughout different parts of the country, 
the above mentioned curve can be considered as 
representative only of the general trend of the power 
requirements with increase in depth. 

After every six-foot length of hole has been drilled, it is 
necessary to remove the cuttings from the hole and be¬ 
fore this can be done the drilling tools must be hoisted. 
In this operation heavy ropes are slipped into a large 
grooved pulley on the bull wheel and into similar 
grooves on a tug rim bolted to the band wheel. Thus, 
the same motor equipment that is used for drilling is 
used for hoisting also. The pulley ratios between the 
motor equipment and the band wheel are such that a 
maximum speed of 80 to 90 rev. per min. is possible at 
the band wheel and approximately 90 to 100 rev. per 
min. at the bull wheel. The tools are accordingly 
hoisted out of the well at a rate of 350 to 700 ft. per min., 
the speed increasing as the bit nears the surface, due to 
the increasingly larger effective drum diameter. As 
the effective drum diameter is increasing, however, the 
weight to be lifted is decreasing, so that for a given 


probably around 25 to 30 kw. The operation of 
hoisting the tools shows that considerable power is 
required to accelerate the load to full speed but that as 
soon as the motor has come up to full speed the load 
remains practically constant. Since the motor is 
already up to full speed at the time the bailing operation 
commences, the peaks at the start of this operation can 
be attributed to pulling the bailer loose from the mud 
at the bottom of the hole and accelerating it to full 
speed. It will be noted that the first bailer was evi¬ 
dently more fully loaded than the second. 

In order to take care of all the operations incident 
to the drilling of an oil well by the cable-tool method, 
there are two equipments in common use in the United 
States at the present time, one involving two two-speed 
motors and the other involving one larger single¬ 
speed motor. The former method employs two stand¬ 
ard two-speed, 15/35-hp., oil-well pumping motors 
belted to a common counter shaft whereby the drilling 
is accomplished on the low-speed, low-horsepower 
connections and the. hoisting taken care of on the high- 
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condition the horsepower remains practically constant 
from bottom to top. At the start of the drilling, the 
hoisting of the tools is not exceptionally heavy duty, 
but as the hole becomes deeper this load is likely to 
become as high as 150 hp., especially if the rig is not 
very efficient. 

As soon as the drilling tools have been hoisted out of 
the hole, the bailer is lowered several times to remove 

T he , bailer ’ whicil consists of a piece of 
pipe with a dart valve at the bottom, is operated by a 
sand reel, fnction-dnven from the band wheel. The 
speed of hoisting the bailer is approximately 2 to 214 

oAUvvkt “ the ? PSed ° f hoisting tooIs > but because 
of the lighter weight of the bailer the load on this 

operation „ practically the same as that of hoisting 

Fig. 2 represents a section of a drilling chart, showing 
the various operations when drilling at a depth of 

» 600 ft --r ng a 15 - in bit - be 

cycle the Ll7- a Consid . erable Portion of the drilling 

dak the t i 13 appr °“y 16 kw - but that at the 
peak the meter registered 53 kw. with an average 


speed, high-horsepower connections. Each motor has 
nine points of speed control on each speed connection 
and by operating one controller on one point and the 
other on any one of its nine points, a total of 45 speeds 
on each speed connection is available. The latter 
method employs a standard 75-hp., single-speed motor 
m which the low drilling speeds are obtained by the 
insertion of slip resistance in the secondary circuit of 
the motor.. A main controller takes care of acceleration 
an reversing and - an auxiliary controller gives fine 
speed adjustment by subdividing one of the steps of 
resistance into a number of smaller steps. 

In regard to power consumption, the kilowatt-hours 
per oot will vary considerably with the location and 
formation but in general it can be said to vary from 4 to 
iO kw-hr. per ft. for a 2000-ft. well with an average of 7 
and from 5 to 12 kw.-hr. per ft. for a 3000-ft. well with 
the average correspondingly increased. The two-motor 
sc erne will be found, as a rule, to be the more economi¬ 
cal of the two, due to the fact that during the major 
part of the drilling operation the two motors are 
operating at more nearly their synchronous speed and 
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therefore little power is lost, in secondary resistance. 
Fig. M shows an installation of this kind. 

Fig. -1 shows a typical power curve for cable-tool 
drilling in (lie mid-continent, held and indicates that the 
total power consumed tends to increase slightly faster 
than the increase in depth, due, no doubt, to the greater 
power consumption in the hoisting and bailing op¬ 
erations. 

Rotary Drillino 

In certain sections of the country where the forma¬ 
tions are, for the most, part, of unconsolidated material 
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such as smtil, gravel, and boulders, considerable diili- 
culty was encountered in endeavoring to apply the 
cable-tool system as the jarring of the tools would 
loosen the earth and cause cave-ins with resulting 
fishing jobs. To handle these formations successfully, 
the rotary system of drilling was developed. 

In this system a hollow drill pipe with a suitable bit, 
usually shaped like a fish tail, fastened to the bottom 
of if, is rotated at a speed of til) to PI) rev, per min. and 
gradually fed downward. At the saute time plunger 
pumps force mud down through the drill pipe, through 
two small holes or eyes in the bit, and up on the outside 
of the drill pipe. The combination of the scraping 
action of the bit with the jetting action of the mud 
through the holes, actually drills tlit* well, but in addi¬ 
tion to assisting in drilling the mud functions also to 
carry the cuttings continuously to the surface. The 
high hydrostatic head forces this mud into the soft 
formations and the rotating pipe trowels it, into place 
and thus t he walls of the hole are built up rather solidly. 
The amount of casing required with this system is 
thereby reduced to a minimum. 

The equipment, involved in an electrically-driven 
rot,ary drilling rig consists essentially of a motor, a 
suitable single reduction gear unit, a draw works, a 
rotary table, and two motor-driven mud pumps. The 
draw works comprises a line shaft chain-driven from the 
gear unit and a drum shaft on which is mounted a 
hoist ing drum so arranged with a number of sprockets 
and jaw dutches, chain-driven from the line shaft,, that 


two or three hoisting speeds can he obtained. The 
rotary table is also chain-driven from the line shaft; 
with a jaw dutch on the latter whereby the rotary 
table can be disengaged at any t ime. 

The operat ion to be performed in rot ary drilling may 
be segregated into three distinct classes: drilling, 
hoisting and lowering drill pipe, and circulating, each 
requiring certain fundamental feat ures in the design of 
the electrical equipment... 'The drilling operation re¬ 
quires from .‘>0 to 100 lew,, depending on the depth, 
size of hole, and the formation, and as mentioned 
previously, the table speed ranges normally from (50 to 
90 rev. per min., although under some conditions this 
speed may be as low as MO rev. per min. Certain 
formations require as high as 100 kw. at a speed of 70 
rev, per min. which is probably the worst, condition 
encountered, while in ot her format ions I he most 
satisfactory progress of the bit will occur at 90 rev. per 
min. with loads as light, as MO kw. When special types 
of rock bits an* employed, the speed of rotation of the 
drill pipe will ho as low as MO rev. per min. and the power 
drawn from the lint* will seldom exceed MO lew. Thus it 
can he seen readily t hat, the ranges of power and speed 
for satisfactory penetration of the hit vary considerably 
with the formations and the location. 

There is still another feature* to take into considera¬ 
tion and that, is the ultimate torsional strength of the 
drill pipe. With the necessity for excessively high 
torques in hoist ing, as will be described later, if is found 
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highly desirable when drilling to insert; a certain amount 
of permanent, resistance in the secondary circuit of the 
motor which will not. only limit the maximum strain 
that can he applied to the drill pipe hut; which will also 
give the motor a drooping speed-torque characteristic, 
'Tins drooping characteristic otters a cushioning elTcct; 
between the motor and the drill pipe, a feature particu¬ 
larly desirable when drilling through boulders or hard 
shells where the equipment is frequently subjected to 
very severe shocks. 

After drilling has progressed for four orfivelmms, the 
bit has usually become dull and out of gage and if. is 
therefore necessary to replace it, with a fresh bit. To 
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do so means removing all the drill pipe from the hole 
and standing it up in the derrick in “fourbels” or 
approximately 85-ft. lengths. As the well becomes 
deeper this operation requires an ever increasing per¬ 
centage of the total time and as a result it is highly 
desirable to have equipment which will take care of 
extremely high overloads for short periods of time in 
order that as much of the drill pipe as possible can be 
hoisted in high gear. Records show that when handling 



Fig. 5 Installation of 100-Hp. Rotary Drilling 
Equipment Showing Relative Location of Motor, Control. 
Gear Unit and Draw Works 


3500 ft. of 6-in. diameter drill pipe, representing 
approximately 42 tons, the hoisting loads are as high 
as 300 hp. but inasmuch as the load lasts only for a 
penod of 40 to 50 sec., this load can be handled very 
conveniently by a 100-hp. motor, providing the motor 
has been designed with ample pull-out torque. After 
oistmg the entire string of drill pipe approximately 


required by friction, the weight of the blocks, and one 
stand of pipe. 

After the worn bit has been replaced, the pipe is put 
back in the hole, and during this operation very little 
work is required of the motor other than lifting the 85-ft. 
sections into place for coupling together and running 
the blocks up light to the top of the derrick. 

Circulating is an operation in which the drill pipe is 
held off bottom and rotated very slowly at a speed 
seldom exceeding 15 rev. per min. The purpose of 
circulating is to allow the pump to force mud through 
the drill pipe and build up the walls of the hole. Since 
the load is exceptionally light and the speed extremely 
low, a considerable amount of secondary resistance is 
required to accomplish the desired results. Rotating 
the drill pipe at too high a speed in this operation will 
cause the bit to become out of gage. 

For extremely shallow wells it has been found that a 
15/35-hp., two-speed pumping motor has sufficient 
capacity to do the work, but for the average wells a 
100-hp. or 125-hp. motor is required, with the possi¬ 
bility of utilizing a 75-hp. motor on moderately light 
wells in some territories where oil is reached at a depth 
not in excess of 3000 ft. It is interesting to note that 
the deepest well in the world, 8046 ft. deep, was recently 
completed in California and electric motors were used 
throughout, both for driving the drilling machinery 
and for operating the mud pumps. 

Fig. 6 is a typical graphic chart showing the load on 
a 100-hp. drilling motor for the various operations. 

The power consumption per foot of hole will vary 
considerably with the location, with the ultimate depth, 
and with the diameter of the hole. In the Gulf Coast 
district for wells around 850 to 950 ft. deep, the kw-hr.- 
per-ft. range from 1.5 to 4 with an average around 2.5. 


Fig. 



6 Graphic Wattmeter Chart of 100-Hp Rotary Drttttw^ ~ 

ary Drilling Equipment Operating at a Depth of 2730 Ft. 


85 ft., one stand or fourbel is uncoupled and stooi 
the derrick the elevators are lowered, a new hold ta 
on the drill pipe, and the hoisting operation repea- 
Thus there is an interval of about one minute when 
motor is required to-do little or no work. Each t 
ceeding hoisting operation means less load on the me 
unti! when the last length of.pipe is drawn out of 
o e, the load is a minimum, amounting only to t 


Deeper wells in this same territory require from 8 to 
14 kw-hr. per ft. with an average of 9.5, the great 
increase over the shallower wells being due primarily 
to the larger diameter hole, the harder formations at 
the greater depths, the high power consumption during 
hoisting, and the extra horse power to maintain mud 
circulation at the greater depths. In the California 
fields, for 3500- to 4000-ft. wells, the power consump- 
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tion runs as high as 25 kw-hr. per ft., although, with the 
general adoption of more efficient bits, this figure has 
been reduced considerably. It is therefore apparent 
that no definite figures can be given as to the power 
consumption for various depths of hole as conditions 
vary in different fields and even in the same field the 
formation varies to a great extent. 

Automatic Rotary Drilling 
A large proportion of the difficulties in rotary drilling 
are fundamentally caused by improper feed of the drill. 



Pig. 7—Schematic Diagram Showing Principle of Opera¬ 
tion op the Hild Differential Drive for Automatic 
Rotary Drilling 


SPEED (REV. PER MIN.) OP DIFFERENT PARTS OF 
AUTOMATIC DRILLER 


Operation 

Reg. motor 

Differential 

Drilling motor 

Drilling, no pro¬ 
gress . 

1000 Forward 

0 

1000 Forward 

Drilling progress. 

990 Forward 

5 Down 

1000 Forward 

Drilling progress. 

990 Forward 

2 Down 

996 Forward 

Retrieval. 

990 Forward 

45 Up 

900 Forward 

Hoisting. 

1000 Forward 

1000 Up 

1000 Reverse 


The feed is in the hands of an individual operator and 
the regulation of proper feed depends upon the personal 
equation of this individual, his judgment, his experience, 
his desire to do good work, etc. Errors of the individual 
are responsible for many’ such accidents as twist-offs; 
balled bits, and crooked holes. If the feed of the bit 
could be made scientifically proportional to the resis¬ 
tance it encounters, and if this feed could be cared for 
automatically and independent of any personal equa¬ 
tion, many of the accidents and errors due to incorrect 
drill feed would be eliminated, the speed of drilling 
would be increased, delays would be decreased, and 
costs would be reduced. The Hild Differential Drive 
was developed with this idea of providing a scientifically 
regulated feed for the drill bit in the place of haphaz¬ 
ard manual feed dictated by personal judgment and 
inclination. 


The fundamental principle of the Hild Differential 
Drive is that the downward feed of the drill pipe is varied 
according to the power required to revolve the bit on 
bottom. This relationship between the feed and the 
power required for drilling is not only adjustable but is 
fixed for any given adjustment due to the inherent 
characteristics of induction motors and the principle 
of the differential gear drive. In operation, if the 
formation changes so that the load on the drill pipe 
increases, the downward progress of the drill pipe is 
automatically retarded. Thus the device not only 
tends to keep the load on the drill pipe constant for any 
given setting but also tends to hold the pipe on bottom 
at all times and at a constant pressure. Furthermore, 
if the load on the drill pipe suddenly becomes excessive, 
as would be the case in encountering boulders, the drill 
pipe is raised until the bit is free of the obstruction, after 
which downward progress is again resumed. 

Briefly, the equipment makes use of a differential 
gear unit and two motors. The drilling motor drives 
one-half of the differential, and also the rotary table, 
direct through gears and chains; while the regulating 
motor is connected to the other half of the differential. 
The hoist drum is connected to the central portion or 
floating part of the differential gear unit. 

Referring to Fig. 7, it will be seen that if the two 
motors are rotating in opposite directions as indicated 
by the arrows, with the drilling motor having the 
slightly higher speed, there will be a slight downward 
feed of the bit. Now if the load on the drill pipe 
increases, the increase is reflected in a slowing down of 



Fig. 8—Installation of Hild Differential Drive for 
Automatic Rotary Drilling 

the drilling motor and a resultant decrease in the rate 
of feed. If the speed of the drilling motor is reduced 
below the speed of the' regulating motor, the feed 
reverses and the bit is raised off bottom. Thus the 
device tends to maintain a constant predetermined 
pressure of the bit on bottom, at the same time limiting 
the torsional stresses in the drill pipe. By reversing 
the drilling motor, the equipment is used for hoisting 
with the maximum power of both motors available. 
Fig. 8 shows an installation of this type of drive. 

In the operation of this equipment, the drilling, the 
hoisting, and the other minor operations are all per- 
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formed in the same manner as with the hand-fed 
equipment. 

In Fig. 9 are shown two typical parallel graphic 
wattmeter charts representing the loads on the drilling 
and regulating motors when drilling at depths of 1460 


hoisting load is divided evenly between the two 
machines. A comparison of the charts in Fig. 9 with 
those in Fig. 6 demonstrates conclusively the advan¬ 
tages of the automatic feeding of the bit over the hand- 
fed method, both from an economic and from an 
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Fig. 9 Parallel Graphic Wattmeter Charts op Load on Drilling and Regul* 


ating Motors 


Upper—Drilling motor 
Lower—Regulating motor 

Note the comparison between the loads for automatic drilling and hand fed drilling 


as shown in Pig. 6 
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DEPTH OF HOLE IN FEET 

Fig. 10 Tipical Curve of Power Consumption for a Well 
D hIL1ED bt ™ e Differential Drive in CaliforS 

™ us ™£ 6 ' in - diameter drill pipe and 14}^-in 

the'^L blt f' ‘“J® 1 ddliing Ioad is re Presented by 

the sum °f the loads on the two motors. During 

hoisting both motors are pulling together and the total 


stand P°^ nt - The absence of peaks during 
the drilling operation with the automatic feed lessens the 
strains m the equipment as well as in the drill pipe and 
the steady uniform load insures that the bit is on bottom 
the maximum possible portion of the time, resulting 
naturally in much faster drilling. 

Fig- 10 shows how the total power consumption 
Y^nes with the depth of the hole in the drilling of a 
6700-ft. well m the California fields with the Hild 
Differential Drive. It will be noticed that in this particu¬ 
lar case the power consumption amounted to 15.5 
Jcw-hr. per ft., while, for other wells in the same field 
usmg the same drive the consumption has run as low 
as 6.6 kw-hr. per ft. The general shape of the curve 
“ be a sli sht modification of. a parabola 
T * c differs from the shape of the curve for wells 
anlled by the cable-tool method as shown in Fig. 4. 

The past three years have demonstrated the success 
of the automatic drive and, in the opinion of quite a few 
operating men, this drive constitutes the greatest 

% I anCe in ^ le ar ^ oil-well drilling since the advent 
or the rotary system. 
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Everywhere in the oil fields, the operator is in a very 
receptive mood towards electrification as a result of the 
success of the pumping and drilling drives. The possi¬ 
bilities are unlimited, especially when it is considered 
that the industry is at the present time less than 10 
per cent electrified and the central stations have only 
just recently realized the desirability of the oil field 
load. The drilling load in itself is not so desirable 
but wherever a well is drilled electrically, it is pumped 
by the mime power and the pumping load with practi¬ 
cally a 100 per cent, load factors represents the ideal 
load for any central station. 

I)i Muission 

W, (#« Tn> lorr Hulls cable- fool and rotary drilling impose 
extremely heavy duty on tie* power equipment, ns in indicated 
to Hone* extent by tie* graphic charts submitted in Mr. Murphy's 
paper. It. would he even more interesting if le* hud shown Home 
records of the work required to handle and set the easing w hich 
lines the well. In fact, it is this work which really determines 
the si/.e of motor necessary for cable-tool drilling. The work 
is fully tin heavy an handling drill pipe in rotary drilling. 

The exacting requirements of oil -well drilling hy either method 
have resulted in the development of the special equipments and 
schemes of control which Mr, Murphy has described. In the 
case of ('aide tool drilling, the relative success of the twill-motor 
and single-motor Hellenics has been determined by the practical 
rather than by the economic aspects, and some of these may well 
h« mentioned here. 

Experience has shown that the t win*under equipment, requires 
more than ordinary attention from the driller to avoid serious 
overloading of one motor, and that the average driller in the 
fluids cannot, be depended upon to handle this type of equipment 
without burning out a motor now and then. Belt maintenance 
has proved excessive, and it has been found diflieiili to keep 
the motors and countershaft in alinemeut, On the other hand, 
the single-mot nr equipment, has been relatively free from troubles. 
These tilings explain why oil companies, especially those which 
have tried out both kinds of equipments on a large scale under 
similar Held conditions and have thus obtained a fair comparison, 
have a decided preference for the single-motor cable-tool 
equipment, 

It is of interest that a ?* f »«hp, single-junior cable-tool rig very 
iuiwessfully drilled a well in t 'olorado to a depth of TUtH) ft., with 
every indication that the motor could continue the drilling work 
indefinitely to greater depths without the least distress. 

Automatic feed of the bit in rotary drilling m exemplified by 
the Mild differential drive is a recent and very interesting 
development, Two devices of this kind are on the market, 
both operating on the fundamental principle of the differential 


gear. One of these is the Mild drive described by Mr. Murphy, 
and the other is tlm Halliburton drive. Both accomplish 
similar results, but the latter is driven bv a single motor, or it 
may be driven by an engine of almost any type. The motor 
or engine drives tin* ring gear of the differential, as an engine 
drives the differential on an automobile. The tw o shut Is, cor¬ 
responding to the rear-wheel axles of the automobile, drive the 
drilling hit and the draw-works hoisting drum through suitable 
chain or gear reductions. Thus the feed of the bit is balanced 
against the torque of the load and varies inversely us the load, 
and the bit is automatically retrieved when the load exceeds a 
certain amount. A number of the Halliburton drives are in 
successful operation, with both motor and steam-engine drive, 
and the future will very probably see many more of both types 
installed, but it seems likely that their application will be 
limited to deep drilling ns long ns their present, high prices prevail, 

B. T. McCormicks Fig. -1 in Mr. Murphy’s paper shows 
that for a well of about, 2<HK) ft. in depth 12.0(H) kw-hr, is required, 
which means about an average of 0 kw-hr. per ft. 

Home of our recent experience in Pennsylvania held wells of 
about 2(XH)"ft. depth drilled with gear units and also the old 
fashioned jack-shaft drive by Star Delta drilling motors indicates 
that we get an average of about fl kw-hr. per ft. 1 do not know 
whether that difference ia due to the difference in formation or 
not. I should imagine that, difference might account for the 
very much lower kilowatt-hour draw in the Pennsylvania held. 

1 would like to ask just why tlm depth of the well influence*! 
the power requirements in the way it seems to. There seems 
to he a marked reduction in horse-power required as tlm well 
becomes deeper. That, point has not been made euf iivly idem*. 

I„ J. Murphy; In answer to the latter question, it might be 
stated that this reduction is due to several different causes 
Arab the decrease in diameter of the hole ns the depth increases, 
second, a decrease in the size of drill stem used and, third, the 
slower mot ion. 

Mr. McCormick mentioned that in the Pennsylvania Acids 
t hey have record* which show that drilling could he accomplished 
Pi 2tXX) ft. with a power consumption as low ash kw-hr. per ft. 
In this commotion 1 might state that I have aeon installation* 
in thi* Bradford territory where drilling was accomplished to a 
similar depth wit h a lUhhp. motor w ith a power consumption of 
2.4 kw-hr, per ft. However, this equipment, is Much that high 
hoisting speeds are not possible, and 1 believe the same holds 
true of the equipment which Mr, Met'ormick mentions. In 
other words, the hand-wheel speeds art' not in excess of o0 rev. 
per min., and, hence, little power in used in the secondary 
resistance. This accounts for the low power consumption, but, 
in obtaining low* power costs, the motor, during drilling, is 
operating at mere nearly synchronous speed with tlm result that 
it lias a rather stilt speed-torque characteristic not conducive 
to satisfactory drilling motion except with a munillu drilling line. 
The Bradford Held m one of the few territories using this type 
of cable. 






















Application of Electricity in Cement Mills 


Synopsis. 


' aaiani(K 
'saner a mi 


BY W. E. NORTH' 

Associate, A. I, E. E. 

; or electric drive for cement mills are equipment are given. The electrical installation recently made in a 
mem! pointers on installing electrical modern cement plant is described. 


0 single factor has contributed more to the present 
design and efficient operation of a modern cement 
null than the application of electricity as its 

motive power. 

The older cement plants were designed to operate on 
steam power and since this necessitated the use of long 
line ^ shafts to accommodate the numerous pulleys 
required to drive the many small manufacturing units 
tnen m lise - these Petits were practically built around 
engine mom. For this reason it was not possible to 
arrange the machinery used for the manufacture of 
cement m such a way as to insure maximum efficiency 
nor could the elevating and conveying systems be 
installed so as to give the best flow of materials through 
the mill * 

1 fie first application of electric motors in cement mills 
was the use of d-c. motors to drive auxiliary machinery 
requiring from 1 to 50 hp. It was, for example, most 
inconvenient to transmit power from the line shafts to 
e eiatur heads and overhead conveyors, and tests 
showed that from 50 to 90 per cent of the power was 
los, in transmission, due to speed reductions usually 
accomplished with long chain and sprocket drives 7 

®T ne 7. t0rS in "“l 1 p!aces P™ TCd immediate 
succfos. They not only cut the transmission losses 
but it was soon found possible to install an astonishing 
amount of connected load in motor horsepower, on a 

toTtefaef thlf^h'T 5 - rat6d eapacity ' This ™s due 
. 7 ‘7 such dnves usually over-motored 

7 che . hlgh , rat l° ° f the maximu m to the average 
f required by the individual motors. In one case 
known to the writer a total of 375 hp. in rated motor 
capacity was carried by generators rated at 150 kw 
with only occasional interruptions in service due to 
opening of circuit breakers. This constituted such a 
rad,cal and valuable change from the old line Trans 

ST 6 f at SmaU generator units driven by 
-peeiaJ high-speed engines of from 100 to 500 hb 
became a feature of every cement plant. P * 

vJut eIectrification of the cement plants in the Lehteh 
al!e\ v.as started on a larger scale when the Lehiffii 

‘ a ? U f tI0 5 Electric Company built its plant at Hauto 

"7 d m a oTrf ’ r ? ower rates t0 the cement ma ^- 

hirers, moist of whom werp •, i 

power plants that were either in poor condition or S“ 
21 ^teded due to increased production demands. b The 

LSErt M 7 Co - Copla -'-’ p “- 

n ‘ nt ‘ d Rwoml Meeting Disiricl A , 

A. Bethlehem, Pa., April 21-23,1927. ‘ ~ * the 


work of changing over these mills consisted primarily of 
replacing the old line shaft drives by individual motors, 
and in most cases the general layout of the cement 
machinery was not changed to any great extent to get 
greater advantages of the use of electric motors. One 
of the plants installed 2200-volt and 220-volt induction 
motors, two plants used 550-volt induction motors, and 
one plant installed d-c. motors. 

The advantages of the electrification were realized 
very soon. At the Coplay Cement Manufacturing 
Company’s plant the production was increased from 
2600 barrels per day to over 3000 barrels per day with¬ 
out the addition of a single grinding unit and since the 
meters on the various feeder circuits gave accurate 
records of power consumption, causes of trouble and 
faulty operation could be detected easily and the unit 
cost of manufacture was decreased. 

The use of electrical machinery in a modern cement 
mill is necessary for the following reasons: 

i. It makes it possible to design a plant to meet 
manufacturing conditions without being restricted by 

power 10118 lmp ° Sed when usin & other forms of 

Increasm g cost of labor necessitates the use of 
abor saving devices that are not practical except when 
driven by electric motors. 

runmffi^Hln g m °? erating efficiency on account of not 
running idle machinery. 

4. Necessity of keeping accurate daily cost data 
Which , s greatly aided by proper use "of“ 

mentsto ea E flexibility in makin g repairs and adjust- 
re^oper" ^ ° f ““ ^ “ng with 

6. General trend toward larger manufacturing units. 

operation ofTrE ™ P ° r ‘ ant P ° ints to consider in the 
of the valoL de IS the e ™ timious operation 

sledhe The to a Prearranged 

rkeSLSTE’ alth0Ugh * - 

able to S T h ° shut - d0 ™. it is sometimes advis- 
ends. The ml™ certam | de P ar tments over the week- 
many cases ,777 E packing operations are in 

SsEma^r T 6 .° n Smdays exce Pt dur! “g 

p ods of maximum shipping requirements. 

®. mallu i acta nng departments of a dry process 
cement m,n may be divided as follows: 
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Quarrying, 

Stone Crushing and Drying, 

Raw Material Grinding, 

Kilns, 

Coal Crushing and Grinding, 

Clinker Grinding, 

Stocking and Packing. 

It is seen easily that if a mill is designed with sufficient 
storage capacities between these departments, any 
department except the kilns and possibly the coal 
department may be shut down for repairs or other 
reasons without interfering with the other operations. 

In a cement plant as outlined above, the electrical 
feeders should be so arranged as to supply one depart¬ 
ment only. If this rule is followed, repairs and adjust¬ 
ments to electrical apparatus and mill machinery can be 
made without interfering seriously with the operation 
of the mill. Such a feeder layout will not always meet 
with approval from an electrical point of view since the 
power requirements of the various departments vary 
within wide limits, which means that the feeder panels 
and the distribution feeders will not be the same size, 
but the advantages gained from a manufacturing 
standpoint offset its disadvantages when considered 
simply as an electrical installation. 

The advantage of flexibility of operation and the 
readiness with'which repairs and adjustments may be 
made without interference have been explained. 
Another advantage is derived from a cost accounting 
standpoint. Compared with other industries, the ratio 
of the cost of power to the total value of the product 
manufactured is great, varying from 15 to 20 per cent 
of the total cost, depending upon cost of power and 
efficiency of operation. • To keep accurate and reliable 
account of the power costs is therefore of utmost im¬ 
portance and if each manufacturing department is 
provided with its own feeder panel and necessary 
metering devices, accurate data as to power cost can be 
obtained daily. Since the power consumption is an 
indication of the efficiency of general operating con¬ 
ditions, other troubles are easily located and corrected 
before serious trouble is caused or costs increased. The 
safety factor is also improved as any department not 
in operation can be cut off entirely from the feeder 
system. 

The plans under way for the installation of new 60- 
cycle motors and for remodeling the mills of the Coplay 
Cement Manufacturing Company at Coplay, Pa. are 
based on the above principles; that is, the electrical 
equipment simply supplies a means to drive the 
machinery and in no way influences the layout of the 
mill. 

When the improvements in the mill are completed, 
sufficient storages will be supplied between all depart¬ 
ments to allow for flexible and economical operation 
and the electrical system has been installed so as to 
meet all of the requirements of operation of the mill. 

The power for the electrical machinery is purchased 


from the Pennsylvania Power and Light Company, 60 
cycles at 66,000 volts. Due to dusty conditions, and to 
insure as far as possible freedom from interruptions in 
power service, all of the 66,000-volt equipment was 
installed indoors, and the installation was designed to 
combine the greatest possible protection affording safe 
and continuous operation with the greatest simplicity 
of arrangement of equipment. 

The transformer house is built of concrete with a 
cement tile roof supported on steel trusses. The con¬ 
crete work was erected by the use of sliding forms. The 
pitched roof (six in. per ft.) with ventilators was used 
to secure the maximum amount of ventilation for the 
self-cooled transformers without the use of fans. A 
tunnel extends through the building under the switch¬ 
board and contains cable racks, steam, water, and com¬ 
pressed air service pipes and a concrete tank of sufficient 
capacity to hold the transformer oil in case it is neces¬ 
sary to empty the transformer tanks for any reason. 



Fig. 1—Distribution Switchboard 


The building was erected and all of the equipment 
installed by the construction forces of the company. 
The transformer house and arrangement of the elec¬ 
trical machinery is shown in Figs. 1, 2, and 3, and the 
schematic wiring diagram of the whole system in Fig. 4. 

The incoming feeders enter the building through 
110,000-volt wall entrance bushings and the equipment 
is protected by oxide film lightning arresters. The main 
line oil circuit breakers have manually operated closing 
mechanism and are equipped with bushing type current 
transformers and have d-c. trip coils operated by induc¬ 
tion type overload and reverse power relays. 

The rupturing capacity of these switches is sufficient 
to interrupt the current due to a short circuit on any 
part of the system. The transformers are self-cooled, 
three-phase, 66,000-2200 volts, 5000-kv-a. capacity 
with four 234-per cent taps below 66,000 and are 
equipped with conservator tanks, thermometers, and 
temperature indicators connected to coils in the wind¬ 
ings. They are mounted on trucks and provision is 

made for a hoist beam for repairs. . . 

The disconnecting switches between the oil circuit 
breakers and the bus are three-pole, gang-operated and 








NORTH: APPLICATION OP ELECTRICITY IN CEMENT MILLS Transactions A. I. E . E 


are mechanically interlocked so that it is impossible to 
operate them when the oil breaker is closed. The bus 
tie switch and the transformer bank switches are three- 
f>oie, gang-operated air break switches and are used for 
breaking the parallel operation and the magnetizing 
current of the transformers. 

it will be noted. Figs. 2-4, that when operating on 
one transformer bank, one side of the station can be en¬ 
tirely disconnected, making safe repairs and adjust¬ 
ments possible. ' 

1 he operating switchboard is in a separate room, and 


component indicator to be used with watthour meter in 

computing the average power factor. 

The feeder panels are equipped with oil circuit 
breakers, disconnecting switches, ammeter, wattmeter 
and watthour meters, and with a complete set of testing 





I iu. 2 ."jOOO-Kv-a., 60,000. 2200-Volt, Three-Phasf Tr a-v* 
I'G'tMt'H „r„ Air Brake Switch a» Main- 


1 t ' t i t i mmitr 

Pig. 4 Schematic Wiring Diagram of System 
relays. 011 °' the b ° ard f ° r test “g ™*ers and 

are"of 0 ™dtaT ireUitS i 0 the Various Aments 

Sble ThZlt m VeTed va ™sh-cambric-insulated 

cable These cables are run underground to the various 

a L Pa + t S entS / nd When located out of doors are buried 
about three ft. underground and spaced several inches 




a 



.. 

! .... .. 


Pig. 3—Transformer House 

breakers which have d-c Wn 

time limit relays. This ’Jv ^ operated h 7 inverse 

fully on two occasions when operaded success- 

feeder cables during the const™ °r Gircuits occ nrred on 

The C - I0nperi0d * 



Pig. 5 600-Hp., Three-Phase good v q — 
SYNCHRONOUS MOTOR Db^O 

as Tpro B Sn a o? kC ? d 3 • ° Ut Six above the «*■ 

excavations. SamSt 1 “'” lry by wor kmen maki 

cr^efloors'^he^ditchp 6 ^ “ b “ Idin S s ^ving co 
filled are laid a 

marked to show location of cables and tnalFTr 6 Sl! 
Crete t 0 be broken out easflS^ a ' W the C0 

The starting equipment for the various motors coi 























nected to a feeder cimiil is in most, cast's arranged in a 
group at, the termination of the feeder. Since •MO-voll, 
motors are used for all sizes under 50 horsepower, small 
distribution transformers are connected to each feeder 
to take cure of t hose motors. 

The 2500-volt induction motors with few exceptions 
are controlled by manually operated starting: compensa¬ 
tors and the 410- volt induct ion motors are controlled by 
magnetic starters except in ease of variable speed motors 
that have drum eontrollers'and resistors. These start¬ 
ing switches are mounted on panels containing discon¬ 
necting switches, fuse Mocks, and testing jacks all 
mounted in a single sheet steel box with safety catches. 

The motors for t he main grinding units are 500- and 
200-lip. super-synchronous motors controlled by auto- 
malic panels; see Mg. 5. Where necessary* all motors 
driving different units of an elevating and conveying 
system serving a main grinding machine are interlocked 
to prevent choking of materials in ease of stoppage of 
one of the units, All automatic starters are equipped 
with but one starting station but many have several 
stop stations. 

With the exception of gasoline locomotives operating 
in the quarries and on the railroad and two pasoline- 
engine-operatod well drills used for prospecting at points 
distant from our feeder circuits, all power applications 
in the mill are motor driven 

The distribution of the motor load may he classified 


as follows: 

Pilings.. gun lip. 

Air < ’Minpo ! or , ,. tvn hj». 

fUmvi'fH. . . MKt lip. 

Wi ll I iritttf.... •, *»U lip. 

Ktnetrii* Kinivein t; M *» Met s. 'MU tip. 

i.itmrn !i*u l ■■ .. . t’.'c tip. 

Bridge (‘ruin- M <» Ni*eo. gnu tip. 

Kievu(«ii';i Hint ('niivi-yurs. IO.Vi lip. 

('riCitn I’,.. tit.4 tip. 

1 M'.vi'r >.. 11<1 tip. 

Kilim. , ... 2 to lip, 

Urimiiit}! Mu»4iin*-rv.4050 tig. 

Packing Min-iiim n. MU kg 

Machine Took* ami Mi ••eltmnmm 

Appticufi**»m. gss hp. 

Tulitl HVaH tip. 

The types of motors used art* as follows: 

J)«i*. Muf ur«, 220-vult. a?-i kg. 

i Mies ri.- Khnvcts, 1‘rftin‘H, fte*A 
Ktpiirret Cage tndnctkm M*tOir«, 4 40* 

Vi tit. l.HKU tip. 

Viirintiln-Kpicd Induction Motow, 440- 

volt. 2.80 lip. 

Kquirrcl f ago Imluctimt Motor#, 2200- 

volt . . 5100 hp. 

Point. Duty Induction Motors, 2000- 

volt,,.. 12a hp. 

Kyndironoui. Motor#, gUOO-volt. 0040 hp. 

Total... t»Uir» hp. 


With the exception of comparatively few motors with 
characteristics suitable for the operation of electric 


shovels, cranes, and other labor saving machinery, most 
of t he motors used in the cement industry are of st and¬ 
ard design and construction and since the* general prac¬ 
tise in the installation of this equipment is to make the 
starting operation as automatic as practicable, special¬ 
ized mechanics are not required for the operation of the 
motors and few skilled men are required for their 
maintenance. 

An installation such as described above would he 
expected to operate 24 hr. a day for M(5() days per year, 
and would have a yearly load factor (ratio of average 
demand to maximum demand) of SO per cent and a 
monthly load factor of 88 per cent, with an average 
power factor of B0 per cent, making it a desirable load 
from a power generating standpoint. 

The tendency in cement mill work is toward larger 
grinding units and the most efficient, elect rical apparat us 
obtainable, standardizaf ion in sizes and speeds of the 
general purpose motors, and distribution of tin* motor 
load into circuit, so as to best meet t he manufacturing 
requirements of the mill so as to he an aid to more 
efficient opera! ion. 

The recent, development, of synchronous motors of 
high starting torque, with eit her mechanical or magnetic 
clutches, has caused the installation of more direct-con¬ 
nected units, eliminating many expensive belts and 
pulleys and resulting in great saving in space and in 
etlieiency and safet y of operation. 

In many instances, ball and roller bearings have been 
used in extremely dusty places with good results, but a 
modern cement, mill can be made to lie so free from dust, 
that when proper attention is paid to the condition of 
the equipment , motors with standard babbited hearings 
can be operated with as little trouble as when installed 
on similar machinery in other industries. 

The use of hells and chains on countershafts for speed 
reduction necessary to drive elevators and conveyors 
has been almost universally replaced by the use of gear 
reduction units direct connected to motors through 
flexible couplings mounted on common bases. Re¬ 
ducers of t hese types can be built for speed reductions 
ranging from 4 to i up to 80(H) to 1 when power does not 
exceed 500 hp. and therefore cover t he ent ire range of 
cement making machinery except, in case of t he larger 
grinding units. Rock crushers and heavy machinery 
subject, to severe shock are still usually belt, driven to 
provide flexibility and reduce the strains on the motor 
bearings and coils. 

In addition to t he above described motor application*!, 
electricity is used in cement, mills for magnetic separa¬ 
tors, rivet, heaters, arc and spot welders, pyrometers,and 
various other applicat ion of electricit y, all of which have 
become most satisfactory features in operating cement 
plants, and as is the ease in other industries, electric 
power has become one of the greatest, furious in produc¬ 
tion, and from raw material to the finished product the 
responsibility of uninterrupted manufacture rest s pri¬ 
marily upon the electric, motor. 

















ORTH: APPLICATION OF ELECTRICITY IN CEMENT MILLS 


Transactions 'A. I. E. E. 


Discussion 

L B. Hajiner: Mr. North mentions that the main sub” 
encIosHi in a briek building in order to protect the 

* q'.npmen! from dust. I should like to ask how he was able to 
■ ' !> t:;« -iu~: out of the building. 

He ’-"’hi u- that he had provided the super-synchronous motor 
?* ;. an auromat’e starter. I should like to know if this is a full 
mr-.-r::at;e starter; that is, does it take care of automatically 
nny.ymg *.:e ; >rake on the revolving stator so as to slow that 
do-T! am; bring the rotor up to speed? 

W. L. North: Tee high-tension transformers and switching 

eijiiipmeut ’>.-re coused m a building because the combination of 
eo-men: cu-: and water causes a lot of trouble on 110,000-volt 
insulators tnat were used for the 66.000-volt service, and although 
■- n y?bt nave : .ten satisfactory to build an entirely outdoor 
slut.on, a little less money, we didn’t believe that it was wise 
u.t taKe That chance since the main thing we wanted was abso- 
lutwy continuous operation. 

A »niah amount of dust gets into the building but the dry dust 
(iut-'T: i. ua. e tie any the same disastrous effect on insulators as 

cement dust coked up with w ater. 

i ,i.e ua•.t.>ciatiC starters we nave on the synchronous motors do 
automatically put on the brakes. That has been a later 

development. The motors are not thrown directly across the 
i.ne out are started with an autotransformer with reduced-volt¬ 
age taps. I don t know on which taps they were working at 
nut at out 40 per cent increase over the normal operating 
c “ rr " :; ; :s required fur starting and the brake is put on by hand 
a:>r v* barter automatically throws on the field. The men 
ffiotOK have ^come fairly skillful intheopera- 
L ','“ ' • •; - ; a > ae ; aR d ’- ve can t see any rise in the power curve 

i-.Ad a,t. Han iS brought up to speed. Ye allow from 15 to 20 
.ttUiiJs u»r .he acceleration of the motors and it is entirely possi- 
.’i*. .u operate the brake by hand to get these results. 

**. C * Qddwe, I : 1 ' v;int to ask if high-tension electric 

precipitation devices for abstracting the dust from the air are in 
use at ad in cement mills; also, whether the general tendency to 
ex,end tut use of roller and ball bearings that is going on these 

’ L I ! ° ?eSuIt m their general adoption in the case of the 
cement-mu: motors. Mr. Findlay of the Giant Portland Cement 
. ompan.% told me that his company has used nothing but ball 
or routr tarings for the last five years and they are thoroughly 


..../or" , „ .1 „ , * cu-e inurougmy 

tto« T , ' type ° f hparing for dork; 

f* im e had110 necessity for the replacement of the roller 
or bah bearings, and that they would use no other kind 

anmra * ^ tH: , Fr0m T 19l7 ,, to ^19 we had a precipitation 
apparatus a: our plant. It will collect the dust. The prinbinal 

reason that we abandoned it is that in our particular case the 
gam v:,, made was far offset by the cost of operating it In some 
. lR A ne ” Possibly, where the dust collector is built 
vL? 01 T\ desigaed t0 0 Pe™te with that particular plant 
Km would probably have much better operating condition!’ 

greater capacity. siau a stem of 

In regard to the bearings, the best wav, I believe to nmf e 
»»' hewings, or anv other kind of WinT ' P ‘, eCt 
machinery around a cemmt mi „ is not flrSt 
bearm 5 = dust-tight but to provide dust^oUeetiS ^ 

Miove the cause of the trouble. However If apparatlls 
done without enormous expense the nmt !L • ® ‘ ' annoti be 

hearings. With regard to that, however om nSlt 

less mill and we have u j er ’ 0ur m m ls ncd a dust- 

^ ** 3-ear, whSil^ 


As to the life of the bearings in these motors we would some¬ 
times lose a bearing in 2 weeks at first but we soon remedied that. 
We have, for instance, one 75-hp. motor that ran 12 years with¬ 
out a change of bearings. Our tube mills were driven by 150- 
hp. squirrel-cage motors mounted in rather dusty places on the 
second floor because of lack of space on the first floor, and they 
were running with excessive belt tension. The bearings on these 
motors averaged 2 years. The average life of the smaller motor 
bearings, that is 25-, 15-, and 10-hp. motors driving elevators 
and conveyors which are usually mounted in fairly dusty places/ 
was 1 }4 years. As to the vertical motors with ball and roller 
bearings driving Fuller mills in a coal mill, one of those never had 
the bearings changed. Our vertical motors with hall bearings 
averaged 4 years. 

As to the effect of dust on the coils, we have 80 motors whose 
coils were never repaired, 70 motors were patched, and 10 of them 
were completely rewound in 13 years’ service. 

As to the ball and roller bearing applications on motors, I have 
personally no data oh their life in the cement industry. 

In a properly laid out plant, as a rule, the time required to 
replace babbitted bearings does not often hold up production 
very much because such repairs can be foreseen and may be 
made during regular repair periods. 

D. M. Petty: There seems to be doubt in the minds of some 
people, particularly those who have not been in the steel industry 
to any great extent, as to why some of us in the steel industry 
are particularly interested in hall bearings. We know from 
experience in the steel industry that the babbitted bearings will 
be cheaper than ball bearings, so far as the cost of bearings is 
concerned. The reason we put ball hearings in our motors, 
however, is to eliminate the loss of windings due to the lubricating 
oil getting out of the bearings and into the windings. We found 
by keeping a very careful record in our own plant and by ques¬ 
tionnaires sent out among all of the other larger steel plants 
where proper records were kept, that at least 75 per cent of ah 
motor faflures were due to the oil getting out of the bearings into 
the windings, and that is the big reason why I, personally, and 
the committee on which I served came to the conclusion that 
bah and rofler bearings would be a good proposition in the steel 
industry. In the cement industry, motor windings are not sub¬ 
jected to all the hazards that we have in the steel industry. 
Cement itseif is a fan- insulator. If we could only get our motors 

ofher ^ ° f Sm ° ke gaSS6S and <^bons 

her such things, I don t believe we would have to worry about 

toildnTwft 1 ” f. ee fi mms - 1 d °u’* see why ball bearings 
• , . ° rk °, Ut 7 the oement industry, but as in the steel 

bearing!fteSelves * ™ di “ !S tbaa fOT tba 

22 S)\^; Keane f y: 1 understand Mr. North to say that the 

440 vnH qUlrr f Cage motors are anally operated and the 

sho^ldl e .r tOTS arG automatically controlled. I 

should like to ask why that, is the ease. 

across T 440 " volt m otors are thrown directly 

Jwiteh Thl Slmplyky means of a u automatic magnetic 
smiirTp'l-pn reason have manual operation on the 2300-volt 
nut nn g l m ° 0r f- 1S fluite a few of these motors were 

we fi4Sd C ^ eS f W0Uld Pr ° bably be re *> laced so °u after 
™ d h re ? OUstrilc tion of the mill and we did not spend 
y more money than necessary on them 

1 am at ia - 

C o,]L E , : 1 b e Keve 1 would pufe in 440 volts. That, of 

eani^mt “th ^ ° Pini011 - 1 beIieve that «°- TOlt 

n^to tbe , pr ° per aPPMatus can be made safe enough 

at ConCS S T 0P r ti0n ' Por 14 ^ ™ operated 
at uopiay with 550 volts and we did not have any serious acci- 

dents to our operating force due to the voltageTCeZ 
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a few slight accidents due to flashover on opening switches. 
On the 440-volt apparatus that we have now, the starting equip¬ 
ment is totally enclosed; there is nothing exposed whatever on 
the whole layout. I think I would use 440 volts in preference to 
220 volts for small motors on account of the feeder conditions, 
and 2200 volts for larger motors. 

John Grotzinfler: I am particularly interested in the ap¬ 
plication of the super-synchronous motor to tube-mill drives as 
the application of synchronous motors to heavy mill drives in 
the rubber industry, with which I am connected, has been a 
feature of the past two years. 

Can Mr. North give us the torque characteristics of his super- 
synchronous motor, particularly the pull-out torque? 

Is excitation furnished from a belted exciter or an external 
d-e. system and what method is used to apply the field at the 
proper time during the starting operation? Is a frequency 
relay used for this purpose or current lockout in combination 
with a definite time relay? 

W. E. North: These 600-hp. super-synchronous motors I 
was speaking about drive tube mills which require a running 
load of about 425 to 450 kw. We have never made any tests on 
the starting torque or the pull-out torque on those mills. Since 
the load is applied by means of a brake the principal starting 
consideration seems to be the period of acceleration. After the 
motor is up to speed we begin to apply a manually operated brake 
and it is possible to hold the current constant at full-load running 
value, if sufficient care is exercised in tightening the brake. We 
never have had any trouble with starting and therefore have 
never made any tests on the starting torque of those motors. 

The excitation is supplied for three of these motors by a motor 
generator.or exciter set. I cannot give the exact details of the 
relays used but to. the best of my recollection, current-lockout 
in combination with time-limit relays are used. 

F. E. Fairman: In connection with the operation of these 
super-synchronous motors and also the other 2300-volt switching 
equipment, I should like to know just what experience was had 
with the operation of auxiliary devices and auxiliary contacts 
for the field contacts on the synchronous motors, first, with dust 
in the substations, and just what steps were found necessary to 
be taken in maintenance, cleaning, and the like. 

H. H. Leh: We have noticed that when surges occur on the 
line feeding our plant the undervoltage release on our super- 
synchronous motor opens quite frequently, throwing the motor 
off the line, whereas the induction motor in the plant keeps in 
continuous operation without the undervoltage release opening. 
I should like to know, if possible, whether this is an inherent 
characteristic of the motor or if it is only due to the design of the 
undervoltage releases. 

Aubrey Smith: Relays are available which can be used to 
prevent the disconnection of a synchronous motor from its 
source of power by voltage dips which are not too great in 
magnitude nor too long in duration. Ordinarily the lower the 
voltage dip, the shorter the time during which synchronous 
operation of the motor may be maintained and vice versa. The 
degree of continuity of service which can be secured in any given 
ease by use of such relay equipment depends more upon the 
characteristics of the synchronous apparatus than anything else. 
General-purpose synchronous motors, for instance, are available 
which will carry their load operating as induction motors for 
several minutes, 'without over-heating, at a slightly reduced 
speed. On the return of voltage to its normal value, these 
machines can be made to come up again to synchronous-speed 
and operate as synchronous motors. Of course, in such cases 
control equipment must be provided which will attend to the 
removal and re-application of the field when the proper rotating 
speed of the machine is reached. 

Installations making use of the control principles and equip¬ 
ments mentioned have been made in various places and in various 
industries. Such relay equipment is effective in increasing the 


continuity of service, especially if line disturbances are not too 
violent in character. If it is known at the time of plaining the 
new installation that the source of power will be subject to 
momentary voltage dips, plans should be made at the outset 
to equip the apparatus with relays designed to sustain synchro¬ 
nous operation as long as possible. 

W. H. Lesser: I can give some experience about that, too. 
We have in operation at one of our collieries a new system of 
preparing coal known as the sand-flotation process. Each time 
there is a surge in the voltage or an interruption in the power, 
this apparatus stops and it takes about half an hour to agitate 
the sand again. We have sixteen motors there and the control 
boards are all in one room, and every time we have a surge on 
the line the whole plant shuts down. Mr. Lloyd looked over the 
proposition and w r e ordered a master control panel for this instal¬ 
lation, with a time relay oh it. We set the relay for 4 sec. which 
holds the motors on the line during the surges. 

There is another point I should like to ask Mr. North about. 
Do you have any trouble in the operation of the super-synchro¬ 
nous motor; that is, with flashovers and things similar to that? 

W. E. North: No, these motors have been running con¬ 
tinuously since they have been put in. The only trouble we have 
had, has been on account of misalinement of a flexible coupling. 
That was not the fault of the motor and it was remedied within 
a few hours. 

W. E. Lloyd: A few years ago when the interconnection 
system in this territory was being built and surges were com¬ 
paratively new to the customers now on this system, the tripping 
off of apparatus, either synchronous or induction, due to the low- 
voltage release was very common. We advocated either a time 
delay on the low'*-voltage trip or removing the low-voltage trip 
entirely, that being dependent upon the particular operation. 
We went through the same conditions in our power stations; 
fans and pumps, and other auxiliary apparatus would trip off 
during these surges, which we could not afford because it meant 
an extended interruption of many minutes rather than one 
minute. So we have taken off the low-voltage releases in our 
power stations; many of-our customers have taken them off. 

I feel that the super-synchronous motor is a new piece of equip¬ 
ment. We, as well as the customers, are feeling our way, but 
actually I think the time will come when we shall treat the 
super-synchronous motor from a low-voltage-release standpoint 
just as we now treat the induction motor; that is, put on an 
adequate time delay to hold that motor on the line during surges, 
allowing it to trip clear if the voltage goes entirely off for, say, 
half a minute or a minute, or else take it off entirely in case 
the power fails and rely upon the operators to clear the switch 
and have it cleared before the power comes back on. 

In connection with the dust problem Mr. North told how he 
housed his equipment in a building. We can’t very well house 
our incoming transmission line in a building and we have to fight 
a problem of dust on the insulators. Of course, we might run 
the incoming line for the last half mile in a 60 kv-a. cable, but it 
has not been done to date. It was our practise several years ago 
to wipe off the insulators every w r eek on the last few towers adja¬ 
cent to each cement mill. This worked only fairly well. We had 
no definite plan for changing these insulators and after a pro¬ 
tracted dry spell followed by a light rain or a fog, we invariably 
had a number of insulator failures caused by leakage over the 
surface of the insulator due to cement dust and collection of 
the moisture. If we were fortunate enough to get a real heavy 
rain following a dry period, that heavy rain usually washed off 
the insulator dust sufficiently so that no trouble was encountered. 
Our recent experience has been to change these insulators on the 
last three or four towers , of the line going into the cement mill 
every six months. The insulators further back on that line will 
be changed probably in periods from two to five years, depending 
upon just how much precipitation of dust there is on the insu¬ 
lator. These insulators were taken down every six months, 
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K-rar* d. ami then finally scrubbed with a weak solution of 

add and water, after which they were tested and if 
y a vo-tv- pm into service again. It was a rather expensive 

* ry .un to serao and clean those insulators. In the last two 

or ar '/' u ‘ bt ‘ ea mking hot paraffin and painting the 

ii>Capers with a brush. It does not affect the insulating quality 
at as;, and when ?ney are taken down we simply dip them into a 

* “’A'O 1 * '--soiling water and it melts off the paraffin and along 
8-itiL it comes the cement dust, and the insulator is ready to go 

Lack Into service again. 

mt. North speaks about the titi,000-volt transformers which 
n»- nas installed at his mill. I want to mention the reliability 
of that transformer. We have at least 250,000 kv-a. of this type 

transform*: r in service on the system, either our own transformer 
or^e-ustomers', and to date we have not experienced a single 
fairurc. When I say that, I want to qualify it in this wav: We 

have nau trash : — f, - J ’ 1 - ’ • 

replaced pron 
have had win*. 


oi taste 


>- •“*** }:,ut th at is an attachment which can be 
y and stock units are always available. We 
' tenures, where a short circuit occurred on the 


me and ^the switching equipment did not clear the 
T*T’ We d V ;i t e ^ ns ider t - iat an inherent defect in the 
transformer. So that I believe Mr. North and everv one using 
T: ‘ ,s par ;; eUiar transformer at this particular voltage is going to 
k.’f-ct service from the unit. 

Air. North, in speaking of his load factor of 88 per cent 

“* ° { “ e -' ment mm whieh is rotary converters 
k% '?‘ C * I,ae,tJ ** They run a load factor for the month 
■ i. kfch a» MS per cent at unity power factor. It was very 
mteresnng to sec the operators in that substation regulate their 

1 W0 . uId 80 the switchboard and open and 

f IW ‘ a Knife-switch and by a series of flashes they would signal 
to a motor tender out in the mill and he would merely drop* off 
•jht motor or two motors, and they would thus maintain a con¬ 
stant load of 4000 kv-a. hour after hour. 

O. S. Clark * i shonder if Air. North has found it to be an 

™? om,<,al to install lead distribution feeder cables 

underground rather than in conduit nr „ .. , caDies 

install a cable underground without the conduit but rtTi* 0 
much more expensive to make repairs and tee must he 
batanee some place, depending upon the extent of fWrV ? 

XTZJ.’r? m ( r Lr ™ 

*»t complete prices and Jstdata onttaZ *S h *’ " 
the installation of lead cables in conduit ^ *’° Uid be f ° r 
and if we put in conduit we would have a mU1 

and in many places we would not have room to nkin ° f 
To reduce repairs u,. 0 » , ; m . pufc ln the conduit. 

cables. We use cables with n f)r Jf n llb ? ral m , our selection of 
KTviee and the capacities are ampR° f ^ saladl01 \ for 2300-volt 
the ground we use 70 per cent nt n ** l ead cabies bur ied in 
calculating the capacity of the cable e undenvriters ’ rating i n 

ffi “ y ,ail ^ S * 'arnished-eambrie-coveredTealfir come^from^ 


gradual baking out of the varnish which settles to the lower part 
of the cable, and if the cable is never heated failures are not so 
frequent. I don’t know what the economy would be in a plant 
where you had plenty of room to put in the cable ducts but in 
our particular case it would have been rather expensive to at¬ 
tempt to put in any kind of a duct system on account of the 
numerous manholes we would have to put in. We would have 
had 6 bends in one run of 400 ft. 

Regarding lead cables and open or closed ditches, our experi¬ 
ence has been just the reverse of the one mentioned, about 
overheating of the cables. Of course, we were fortunate enough 
not to have to run the main feeder lead cables near the kilns. 
All of the cables in the ditches are separated about 6 in. apart 
and clay or sand is put in to keep a cable, if it flashes over, from 
passing the trouble to the other ones. During our construction 
v ork some workmen doing concrete work near the cables built a 
fire to thaw a frozen water pipe, not knowing the cables were 
near. The fire was about 2 in. from a cable. In very short time 
e cable burned through and although there was another cable 
b m. away it was not damaged. This, I believe, justifies the use 
of sand between the cables. 

+ i I* Wau ^. h: In dis <mssing M ?- North’s paper, I might say 
that the electrical distribution systems in a wet-process mill and 
m a dry-process, are identical. 

One type of construction, for a low-tension transformer station 
that has successfully coped with the dust problem is based on the 
elimination of exposed leakage surfaces. 

r-ahinT 6 ra f aUt h f at is exce P tioiiall y Mgh, tbe use of ventilated 
factory CheS h ^ ° miSsion of sand lias keen found satis- 

Both air-break and oil-immersed starters have been used and 

it is ?™™T f? 0P f n t0 GOntroversy - In a coal mill however, 
nip! ? r rt n fhminate all air contacts due to the ever 
prevalent inflammable pulverized coal dust and its potential 

by a sudden ^ ^ amount of ox Tgen is supplied 

how totatol anS Z ? tte question of gentleman who asks 
alrldy bunt Thai k “ a transformer station 

the use of • 1 behe ™ ‘he permanent sealing of all windows and 

SnimL th dnT e0 ™' ed ; vitl1 muslin greatly tend to 
minimize the dust menace. In such a transformer station in th* 

heart of a cement mill, where the above venSbn L used s tat 
eliminated^ 6 PUIP ° S ° 0t cleanin ^ Gators hawe been practically 

m regaritoflwh 1 “‘"kb Uke t0 disa ™ se the minds of some 
exploit cement pZTs ThaZ H * Z iM% ° f 
operating force and is a question'oVZuZclI^ TtTe 

the ZvSnmtarn ‘Z h °° al miUs dean and do not a^se 

from explosions. ’ 6J ^ L1 liave trouble whatever 
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1 NTUOPUUTION 

npiIK iron and steel industry is the largest single 
I consumer of eleelrie power. In H>24 this industry 
used more Ilian <1,000,000,000 kw-hr,, which 
isahouf 20 per rent of the total power consumed by all 
industries in the United Stales. It is of interest to note 
that the combined output, of all central stations in the 
country equalled hi,410,400,000 kw-hr. during (he 
same year. 

A modern steel plant, starting with an iron ore 
as a raw product, produces at. its blast and open heart h 
furnaces and at t in* coke ovens a large amount of waste 
gas or heat. Uleetricify gives means of conveniently 
converting and transmitting this potential power to the 
centers of its consumption, 'fins explains the rapid 
growth of power generating plants in the steel mills; 
one steel plan! has an installed capacity of over 100,000 
kw,; a number of plants have a demand in excess of 
50,000 kw. in 1020 alone the steel industry purchased 
for its use a 00,000 kw. t urho generator anil three ot hers 
each rated at 20,000 kw., not counting many other units 
of 1 h ( un<) kw. capacity and less, 

So great is the demand for power in the steel industry 
that, even plants having their own blast, furnaces often 
purchase addit ional power from public uf ilities. Many 
other plants, deprived of the use of blast, furnace gas, 
run almost exclusively on purchased power. 'Flu* 
latter amounted in 1024 to 00 percent of the total power 
consumed. 

'Flu* hulk of this vast amount of energy goes for the 
work of shaping the steel; tin* rolling mill drives are the 
principal outlets of the generated power. Here tin* 
electric drive predominates, Hardly any new mills 
are being equipped with anything but, electric motors; 
older steam driven mills are being gradually electri¬ 
fied, for purely economic reasons. 

Many electrical engineers, not connected directly 
with the steel industry, may not fully realize the pro¬ 
found, almost revolutionary changes which the elect ric 
drive brought, about in tin 4 rolling mills. It is not 
merely the question of performing the operations in a 
better, more elFieient, or mure reliable manner than 

1. fmhetrut! Pitre l>. j.i , < 0 n* ml PleHrit* Viu, St-ln*iH>i’Uuty, 
N. V, 

jFiO m-nletl t' f fit It i tf C r 111.11 1 \f > * h tit f ni $licit inf V 11 • "v etj (hi 

A, i, /•:. Ihfhhht m,/»«., ,t pnl tnjf. 


Special machines nr s/ieeinl comhi not inns nj them an j'n i/uenll }/ 
list tl. 

Several rejircttcillative cases are outlined, ami stunt- methods of 
ftah'iny the enennnhml jirnhh ms are analyzed. 


otherwise possible; but the point,, which is sometimes 
lost, sight of, is that, many operations and processes, 
now in wide use, an* practically impossible without the 
agency of electric power. Rolling mill designers have 
taken advantage of the possibilities of electric drives 
and have built mills on radically new principles, ex¬ 
ceptionally advantageous for steel plants, but not 
practical, were it not for the presence of electrical 
motors. On the other hand, the electrical engineers 
have developed new machines, or new combinations 
of machines, primarily, if not exclusively, for rolling 
mill applicat ion. Thus Hie new rolling mill has become 
closely tied to its drive and is unthinkable withoutit;the 
influence between the electrical and mechanical equip¬ 
ments is now not only great, it is also mutual. Many 
new problems were brought up and wen* solved more or 
less successfully. 

There will be outlined in this paper, in a necessarily 
short space, t hose solutions ottered by electrical engi¬ 
neers for a few of these problems, A brief sketch of the 
types of new rolling mills will give the necessary 
background. 

Continuous Rolunu anp Continuous Minus 

It has been generally recognized that; for a large 
tonnage output a continuous rolling mill possesses 
decided advantages. Such a mill, see Rig. 1, consists of 
a number of two-high stands, arranged in tandem and 
conventionally driven through a line shaft and gears 
by a single motor or engine. The hot bloom or liar 
pusses in succession through all stands, as indicated by 
the arrow. Mach pair of rolls reduces the cross-section 
of Hu* bar until the latter leaves the last stand as a 
finished product of tin* desired shape. The layout is 
compact; little heat is lost between stands; the metal is 
rolled at a high temperature and with a relatively low 
power consumption; the steel requires little, if any, 
handling; the labor costs per ton are reduced to a 
minimum. 

Tin* bulk of the country's steel output passes through 
a cont inuous mill of one kind or another. 

To maintain the* high tonnages and to keep the cost 
of handling down, the rolled bars are usually of con¬ 
siderable length; a finished length of several hundred 
feet is quite common. In order to save floor space the 
stands are located close to each other. This means that 
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tnt metal is in several stands at the same time. It is 
obvious that with such an arrangement the speed of 
eaen consecutive pair of rolls is increased in proportion 
U) the reduction of the cross-section area. For a given 
mm the speed relation between stands is fixed and is 
determined by ratio of the several gears; hence the 
redaction* per pass, or the so-called drafts, are also 
more or less fixed. Thus, a continuous mill of the 
outlined type, capable of producing large tonnages of a 
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‘ * 1<3 ” * '“Ui-LMENTAET DIAGRAM OF A CONTINUOUS MlLL WITH 
a Single Drive 

certain class of sections, is not quite flexible when it 
coses to rolling of a diversified line of products 
Individual drives for several stands of a continuous 
mm gi\e it the necessary flexibility, at the same time 
maintaining its inherent advantages 

J” imtance : ™11, Fig. 2. has its first three 

roughing stands driven by one motor, the next two 
sstanda b\ another motor, and the last three, or finishing 
stands are each provided with a separate drive. If 
a * motors, or several^of them, are of the adjustable 


even in small units and which is capable of speed 
adjustment, yet will closely maintain its speed, once 
it has been adjusted. 

It is outside the scope of the present paper and 
outside the competence of the writer to offer a thorough 
analysis of mill layouts from the standpoint of rolling 
mill operations. It was not intended to convey the 
idea that, for instance, a continuous mill with individual 
drives is the best combination or layout for all applica¬ 
tions; such a mill was merely discussed in order to 
illustrate the profound influence of electricity on rolling 
mill engineering and practise. 

Types of Electric Drives 
It will be shown presently how the electrical engi¬ 
neers are providing suitable drives for mills of the kind 
just described. While no radically new machine was 
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D p IG vr 3 LAT0 Ef aF A Laege Continuous Mill Driven bt 
S n'owf onFig. I"" ^ V “ W ° F THE Motor Room 

invented nor introduced, some new combinations of 
machines were conceived and were successfully applied. 

-c. Drives. When a mill requires a number of 
adjustable speed drives it is the simplest and, in many 


p,_ 0 - 1 Bnwar Lino 

“ LEUE!fTAB * Diagram of a -Multi-Drive Continuous 
Mill 

speed , th ™ speed ratio between the stands 
may be readily changed. A wide varietv „ I ? 

may be then successfully rolled, each at its proper spee'd" 
ea^wuh the most suitab.e reductions a? thTsS 

Mills, designed and built on this nm™i. 
spnngmg up all over the country. Hot strin Vn T 
Rierenant, and certain structural sihoTiQ u • ro ^ s > 
on such mills. Thlv are bX V ed mT ^ r ° 1Ied 
flexible and tonnage producing In J 36 eeonomica1 ' 

mill of this type takes the Ze of two " r T* 
modem mills. P 1 two or ^ ree less 

Such layouts would be hardly feasible were it f 
the appheation of the electric motor w notfor 
accepting it as a matter of fact and ara T a ” y 

that there is no other device which* pt to forget 

large bulk of power in a limited space, which isefficiert 




Merchant MiTo/J-hI JoJY Mot ° e Room at the 14-Ii 
PORATION, WOODLAWN, Pi S ANE> LaUGHM N STEEL Coi 

The element^ diagram o, connects ia shown on Fig. 3 

to furnish ^ drivea d ' c ’ motor ani 

from synchronous conTCrtera° m m ° tor ' generator sets 0 

general view of the^motor Schemat !° Iayout an d thi 

modern mills of this type r °° m ° f ° ne ° f the mos ’ 

A SOOO-hp., 200/360-rev. per min. motor drive: 
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the roughing I ruin of three stands; two 1700-hp., 
90/204-rev. per min, motors and two 2.100-hp., 150/- 
4fi()-rev. per min. motors an 1 individually driving the 
next four stands; tin* two finishing stands are each 
driven by double-unit, 2000 lip. motors, consisting of 
two iUCKFh, p. armatures which can beeonnected either 
in series or in multiple, and operating' up to 800 rev. 
per min. Three smaller edging roll stands are also 
electrieally driven. 

All motors are tiOO-volt, d-e. machines and the power 
to them is furnished from three large synchronous 
motor-generator sets, aggregating 12.2(H) kw. (40 deg. 
cent, continuouscajtaeily). I’raetieally each motor has 
a corresponding generator, as is shown on the diagram, 
Ward-1 ,oonard control is used for starting, and the 
combination of generator voltage and motor held 
control gives a very wide speed range tas wide as 4:1 
and 5:1t to each drive, 

Another interesting example of a modern mill wil.lt 



Fie. f* TvweAt. AtuiA^or-ui.NT *»» v Mimiuvn; Si/i.n 
('mxi tst mi ;* Mo t, loaves nv Its. Motmiik 

stands individually driven by d»e, motors is represented 
by tilt* layout in Fig. 5, The capacity of each drive is 
indicated on t he diagram. The power fo the motors is 
supplied from a 8000 kw., 000 volt. three-unit motor- 
generator set . W ard Leonard control is used for start¬ 
ing, and motor field emit rol for speed adjust meat . 

/.Lc. Versus Ac. I hi vis. When a mill requires a 
number of adjustable speed drives, especially of the 
average or of less than the average capacity, then it is 
usually more economical to make litem of the d-e, type, 
as just described. When a speed range larger than 
2:1 ‘ is necessary, the use of direct current becomes 
almost imperative. The speed regulating control is 
quite simple, usually consisting of one or several field 
rheostats. The use of direct current may also reduce 
the cost of t he high voltage swit ehing equipment. 

On the other hand, the necessity of converting the full 
amount of electrical power three times from the avail¬ 
able n-c. line to tie* mill coupling, greatly reduces the 
over-all efficiency of the drive and increases the running 
light losses. Assuming an etlieieney of a d-e. motor at, 
92 per cent and that of a motor-generator set, at 88 per 
cent, the over-all etlieieney of the drive at, full load is 


only 81 per cent. When the d-e. machines are operat ing 
at reduced voltage (/. r., when part of the speed range 
is covered by Ward-Leonard control) their etlieieney 
goes down quite appreciably. The actual over-all 
etlieieney and tin* power consumption tin terms of 
kilowatt-hours used per ton of rolled material) are 
still further unfavorably affected by the tact that the 
average mill load is usually much less than the rating 
of t he drives. 

Thus, much as a straight, d-e, system may seem 
attractive, in many eases, from the operating stand¬ 
point,, it would he a fallacy to consider it, as a standard 
for any mult i-drive mill. 

With alternating current universally adopted in all 
steel mills for power generation and distribution, the 
engineers should always analyze whether the available 
a-e. power could not be more directly used lor driving 
tlu* mills. When large amounts of energy and large 
tonnages are involved, the possible improvement of 
5 or 0 per cent, or more, in over-all etlieieney, presents 
an attractive goal worth striving for. Say, a mill rolls 
50,000 tons of steel per month, consuming approxi¬ 
mately 40 kw-hr. per ton, or 2,0(H),000 kw-hr. per 
month; a saving of 8 per cent at, say, 0.9 cent per 
kw-hr. will net over $10,000 per year. Such economy 
alone would justify an additional investment as high as 
$50,000 if it. were required. Hut, if it. is obtainable 
without any additional outlay, or even with a lower 
first cost, than with a d-e. drive, t hen the application of 
a-e. drives becomes vital and their possibilities should 
In* most, carefully studied. 

A-v. Driven. The art of engineering t hus far knows 
of but one way to build adjustable speed, a-e. drives, of 
such capacities as are involved in steel mill work. 
This is to use a slip-ring induction motor and to regulat e 
its speed by acting on its secondary circuit in one or 
another well known manner. These methods were 
described in great detail, at various times, before this 
Institute or before other engineering societies, and I lie 
most representative of them are diagrantmatieally 
shown on Fig. <h 

Broadly speaking, all these methods have one thing 
in common. An induct ton mot or, running at a sub- 
synchronous speed, delivers at its shaft, as mechanical 
energy, only that portion of the power transmitted to 
the rotor which is proportional to the speed; the 
balance of this power, proportional to the slip, is 
available at the slip-rings and is usually called the 
slip energy; it is of a frequency and voltage proportional 
to the slip. This energy is either converted into 
mechanical power and is returned to the main motor 
shaft, see (in, fin. Of, or is converted into elect ric power 
of the line frequency and voltage and is returned t.u the 
a-e. system; see Figs. <>A, fin, 111*;. In the first ruse the 
drive is of a "constant horsepower" type, as approxi¬ 
mately the same amount of power (neglecting con¬ 
version losses) is available at the motor coupling at all 
operating speeds; in other words, larger torque is 
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available at the reduced speed. In the second case the 
*iri\e i." 01 constant torque” type, i. e., the power 
available at the coupling varies in proportion to the 

Fltr^ 6 a and 6 b represent the Sc-herbius system 
employing an a-e. polyphase commutator motor R 
to convert the dip energy into mechanical power at its 
shall; then it Is either returned electrically to the line 
through an induction or synchronous generator IC, 
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Fig. 6 —Element art Diagrams of Severai a „ a 

Speed Dora, °' AorosI '™ 

Of IS utilized directly on the drive shaft tl , . 

machine R j s shunt wound and if ^ r , eguIatm g 

shp-ringsofthemainmnfor.K d 5 lted from the 
of excitation the speed of the^W^ 0111 ^ the amount 
suitably. ^ ° f the ^ may be adjusted 

~ f the Energy is converted 

dt power fof V S ™iT T™ 5 Conyerter C ' 
Pumped back to theCttaSSf® 0 “ ay be aIso «ther 

D *. Fig. 6c or ret^ rf “^ am0t , 0r ' generatOT ^t 
returned mechanically to the main 


motor shaft, Fig. 6 d. In either case the speed of the 
drive is adjusted by controlling the excitation of the 
motor D. 

Or, the slip energy may be transformed by means 
of a frequency converter, F, running at the motor speed 
and a regulating transformer, T, Fig. 6e, into line 
frequency and voltage. Finally, it may be converted 
suitably by a frequency converter, F, Fig. 6f, separately 
driven by a small synchronous motor, A, and is then 
returned as mechanical power to the main shaft by 
means of a synchronous motor, S; its excitation provides 
the speed regulating means. Several other schemes 
employing a frequency converter, are also conceivable. * 
ither scheme is capable of regulating the speed of 
the mam motor not only below but also above syn¬ 
chronism, forming a so-called double range drive. 
Obviously the slip energy is then of a reverse direction- 
it flows from the regulating machines to the slip-rings' 

IT th T ; thG aiTOWS ’ see Fig * 6 > indicating,' 

by dotted lines, the flow of power will have to be re¬ 
versed. The Scherbius and the frequency converter 

° f T d ° Uble range *Pe; on acc °nnt 

of certain difficulties of operating the Kraemer drives 

thT t0 h yn( Sm (i • * at a Very Iow frequency at 
the synchronous converter C) and of inability to go 

through synchronism under load, these drives are usually 
«o„Zy. range e<JUi “’ f ° r ^-synchronous 

that ^ a ” of these themes the 

until it f, h f a - c - P° wer ^ converted but once 

power ^ m C0UpHng; only the balance of 

transfo^DHn L f ergy S ° eS through more than one 
transformation before it is utilized. Naturally the 

ver-all efficiency is higher than with the d-c. drives 

is usually around 90 per cent at full load The 

machines used for speed regulation should have a ca- 

the amount of 1 " 2 °a ^ ** ° f the main moto and on 
he amount of speed range. Therefore, the greater the 

speed range, the more expensive become? the,7 
double-range^drive 8ffideMy - 0bvi °™f 

me „t Ser\? ea rSthr lat r equi r 

range drive. * than mt h a single 

Hn^lcTystems*J W .„ F** S ° me ° f tbe 

10 or 15 yeS theiTaL™ 7 T* d T n 8 ‘he last 
discussed in this naner 1 Ieat ' on for multi-drive mills, 

opportunity to £ S'SdT “I*’ 

“^oombinationdrivesTtffisr 8 Pmdple ° f 

ori^VFZTnJT::<* <*• 

of these drives it man b P ° j & returne< ^ io the shafts 
completely or in vart the ma 6 Use ^ or furnishing , 
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This principle wits applied for the first lime in 1925 
in connection with tin* equipment, shown on Fig* 7, 
and, to l.lit! best, of the author’s knowledge, it, had not 
been su,jested nor applied previously. 

This sketch represents a single line diagram of a 
large continuous rolling mill equipment recently put in 
operation in the Chicago district, For the sake of 
simplicity, the switching and control apparatus are 
not shown. The mill consists of several stands ar¬ 
ranged in tandem. The roughing stands were to be 
driven by one motor I M 1 developing M000 hp. at 290 
rev. per min, and 1990 hp. at 15(1 rev. per min.; the 
intermediate train was to be driven by another motor, 
JM-2, developing 7500 hp. at, 250 rev. per min. and 
4040 hp. at, 1M0 rev. per min. The three finishing 
stands were to he each driven by a 2000-hp. motor, 
developing f bis rapacity at any speed from <Sf> to i (55 rev. 
per min. A set of edging rolls required a 250-hp. 
drive. The electric power was available at 2200 volts, 
three-phase, 00>eyele. 

The electrical engineers have solved the problem 



at 52 per cent synchronous speed), is required to develop 
only I960 hp. as mechanical power at its shaft; the 
other 48 per cent or 1040 hp. are available as slip energy. 
The latter is converted by means of the synchronous 
converter. Cl , into d-e. power and drives a d-e. machine, 
{) 1, as a motor. The excitation of the latter determines 
its voltage and, therefore, the* speed of the drive IMA, 

Likewise, the 7500-lip. motor, running at, 150 rev, 
per min. or 52 per cent, synchronous speed, delivers 
to the mill 4040 hp., while the available slip energy 
amounts to 2400 hp. It, is converted to direct current 
by means of two synchronous converters, C2 and CM, 
duplicates of Cl, and is used for driving the d-e. ma¬ 
chines, I )2 and CM, as motors; by changing simultane¬ 
ously t he excit ation of C2 apd CM the speed of t he drive 
//1/-2 is adjusted. 

As the maximum amount of the slip energy to be 
handled by each of the machines Cl, C2, and CM is 
approximately 1750 lip., they are made exact dupli¬ 
cates of the 1700-kw. generators, Cl, C2, and CM, 

Arrows on Fig, 7 indicate the flow of power when the 
entire mill is in operation. It will he seen that, the 
machines, C, arts running as motors and are assisting the 
synchronous motors, ,S\ in driving t he generators, C. 
'This assistance is the greater, of course, the lower t,he 
speed of the drives / M-\ and / il/-2; if this speed is 
close to synchronism, or if the load on the drives I MA, 
and / /1/-2 is relatively light, then the synchronous 
motors are more heavily loaded. In the extreme case 
they should be capable of furnishing the total power 
required by the generators and cover the friction and 
windage of the machines, C. In other words, the syn¬ 
chronous motors need he only 50 per cent of the ca¬ 
pacity required for a three-unit motor-generator 
sot. of the sane* d-e. rating. 

Ordinarily, the motors, S, would he running under¬ 
loaded, providing an additional amount of leading 
kilovolt-amperes, and compensating for the reactive 
kilovolt-amperes of the large induction motors. The 
power factor of tin* whole installation is approximately 


The MOOO-hp. and Y5no dtp. drives, being large 
units running at reasonably high speeds, could be 
economically designed as induction motors, with 
speed adjusted by the Kraemer method, 'Pin* finishing 
mill drives, smaller in capacity and much lower in 
speed, could be more advantageously and more com¬ 
pactly built as OIHLvolt, d-e. motors, with speed ad¬ 
justment by motor field control. The power to these 
motors is furnished from three 1700-kw. 1500-rev. per 
min,, d-e. generators, Gl , ( /2, and G*M, driven by syn¬ 
chronous motors, SI, S% and S:\. Low-speed, 00- 
cycle induction motors for driving the three finishing 
mills would be expensive machines with a rat her poor 
power factor; the use of reduction gears would not be 
very advantageous, nor feasible, due to certain local 
conditions. 

It will be observed that the OOOO-hp. induction 
motor, IMA, when running at 150 rev, per min. w. <?., 


97 per cent leading at full load. 

Thus the slip energy of the constant; torque drives 
I MA and / M-2 is not returned mechanically to the 
shaft of these drives where it, was not required in this 
ease, nor is it-returned electrically to the power bus. 
Instead of this, it is made use of in a more direct manner; 
namely, for driving the finishing mills. The over-all 
efficiency is improved and the required capacity of the 
regulat ing apparatus is reduced to a minimum. 

The drive just described possesses a number of 
secondary advantageous points, although these are not 
directly connected with the new principle of utilizing 
the slip energy. For instance, in case of light loads, it, 
is possible to operate the drive / M -2 with only one. 
synchronous converter and one d-e,. motor, say with 
G 2 and I> 2, and to operate tin* three d-e, motors 
M 1, M 2, and M M from only two generators, say 
G 1 and G 2, by using the paralleling bus. 'Phis will 
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permit t 
thereby 
is hard 
resultan 
saving h 
nection t 
ally mot 
lions, tl: 
factor in 


:he shutting down of one’motor-generator set, 
reducing the running light losses. Although it 
to estimate with any degree of accuracy the 
t saving in power, it is evident that any such 
* a net gain. It may be truly said in this con- 
mat in steel mill drives, which are usually liber- 
ored to take care of the maximum load condi- 
low running light losses are just as big a 
conservation of power as the high efficiency. 




Iiu. 9 Close-Up View Showing Three ‘WMVRd tv 
Motors, Each Driving a Finishing W n A? '’ D " c ‘ 
Mill * hing bTAND of a Continuous 

See Pigs. 7 and $ 

principle; several new features of a different- nahn. -n 

f revi r 

arranged irtendem^^sthown d' nUmber °. f stands 

10 The rolling ^u^e^nTSenT 
the first several stands will be driven W 

j« Th, „„ „“,f 


The roughing train will take a 4000-hp., 83.3-rev. 
per min. motor, A, the intermediate train will be driven 
by a 6500-hp., 187.5-rev. per min. motor, B. The 
following group of stands will be jointly driven through 
a train of gears by an adjustable speed equipment, C, 
developing 6700 hp. at 500 rev. per min. and 3350 
hp. at 250 rev. per min. 

The last finishing stand will take a separate direct- 
connected drive, D, with an output of 2600 hp. at a 
speed of 275 rev. per min.; constant horsepower output 
will be maintained for speeds above 275 rev. per min., 
and reduced output on constant torque basis, for speeds 
below this value. 

These drives will never be required to start their 
respective mills with metal in the rolls. Mill friction 
on a cold winter day, after a prolonged shut-down, 
would be the most severe starting condition. Several 
tests have shown that a torque of about 25 or 30 per 


Fig. S General View of the Mill Motor Room Con¬ 
taining the Electrical Equipment Arranged as Shown on 
Jr ig. > 

r J^,°' Jt ° tXhTee synchronous motor generator sets and two synchronous 
con\ * are sut?n in tiiB forutTrop v d * tlirpp h-n ^ „ 
localpd nr*vt .il’ ree d-c. motors are 

risrh’- o' 'An7 tL will f 1U * he ‘oOO-hp. Kraemer drive seen to the 
ci ard" I? ? P ' drive is located back of the gear 

ea-*...-. and is not shown on the* photograph 6 

The motor room of the mill just described is illus¬ 
trated by Figs. 8 and 9. 

Another continuous mill, now being built for a large 
eastern steel manufacturer, will be equipped with elec¬ 
tric drives embodying to a smaller extent the same 



Fig. 10 Arrangement of Electric Drives for a Large 
Continuous Mill . 

* W ° s J Dchronous ™tors, one Scherbins equipment and one d-c motor 
20 -°° 011P - capacity wnVb“ut? 

cent normal will start a continuous mill under most 
adverse conditions. 

Actual experience with a 9000-hp„ 107- rev. per min. 

synchronous motor, driving since the summer of 1926 a 

large continuous rolling mill at the McKinney Steel 

that Pany ’ C eveland, Ohio, has proved conclusively 

of tht S L7 hr0n °ml driVe k quite a PP lica ble for mills 
this nature. This synchronous motor, shown on 

Sf'T; ls capable ° f developing a starting, torque of 
265 per cent normal if started on full voltage • it is 

Sir ° n 3 l0W ™ ltage ta P of « autcf-trans- 

aSlSlT the Starting torque actually re- 

volt-am^einiS 7 ^ “ Une M1 °- 

the drives C A C fmd St R UCeS bas been decided to build 
advantage of SeldWmotors and to take 
factor correction of the steelS '*”* P ° W6r 
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(i, e., from 500 rev. per min. to 250 rev. per min.) 
by means of the two Scherbius regulating machines R 1 
and R 2. With this constant torque layout, the ca¬ 
pacity of the drive will be 6700 hp. at 500 rev. per min. 
and 3300 hp. at 250 rev. per min. An a-c. drive of 
such capacity and speed can be built more economically 
and with a much higher efficiency than any combination 
of d-c. machines. The fact that the power supply was 
25-cycle gave the Scherbius system an advantage over 
the Kraemer drive. 

The last finishing mill drive, D, will have a wider 
speed range, is of smaller capacity, and runs at a lower 
speed than the drive C. While a Scherbius equipment 
for the drive, D, would be fully competitive in first 



Fig. 11—9000-HP.-107, Rev. Per Min. 6600-Volt, 25- 
Cycle, Synchronous Motor Driving a Large Continuous 
Rolling Mill 

cost, the difference between it and that of a d-c. drive was 
not as wide as in the case of the drive C. For the sake 
of greater flexibility of control it was decided to make 
the drive D of the d-c. type. 

A 500-rev. per min. synchronous motor, S, will drive 
a -2300-kw., d-c. generator G (furnishing power to the 
motor D) and the two 650-kv-a. Scherbius speed regu¬ 
lating machines R 1 and R 2 used for adjusting the speed 
of the induction motor C. When the motor C runs 
below its synchronous speed, the slip energy flows to 
the machines R 1 and R 2; the latter run as motors and 
assist the synchronous motor S in driving the generator 
G. In other words, the slip energy does not have to be 
returned as electric power to the incoming line; instead 
of this, it may be used for driving, wholly or in part, 
the finishing mill D. The flow of power is indicated 
by arrows. This is another application of the same 
principle which was illustrated on Fig. 7. , 

When the drive C is running above synchronism, 
the slip energy becomes negative and arrows shown by 
the dotted lines, see Fig. 11, will be reversed. The 
machines R 1 and R 2 act then as generators, and de¬ 
rive their power from the synchronous motor S. 

A' direct-connected exciter provides the necessary 
250-volt excitation to the synchronous motors A, B, 
and S, and to the d-c. machines G and D. 


The use of two regulating machines R 1 and R 2 for 
controlling the speed of the motor C presents some 
interesting features. The maximum amount of the 
slip energy to be handled by the speed regulating 
equipment is 1700-hp.; it is not practicable to build an 
a-c. commutator machine of such capacity and to run 
at 500 rev. per min.; a lower speed like 375 rev. per min. 
or 300 rev. per min. would be required; With the 
proposed layout such reduced speed would considerably 
increase' the cost of the d-c. generator G and of the 
motor S. It would be still more expensive to provide 
a separate low speed drive for the regulating machines 
R 1 and R 2, and to drive the generator G by another 
500-rev. per min. motor. It was quite advantageous, 
therefore, to split the capacity of the regulating equip¬ 
ment in two units and to run them at 500 rev. per min. 

The connections of the regulating machines to the 
secondary winding of the induction motor are shown on 
the Fig. 12. The 5000-hp. motor is equipped with six 
slip-rings, with both ends of each phase of the rotor 



Fig: 12 —Elementary Diagram of Electrical Connections 
of a Scherbius Adjustable Speed Drive with Two Regu¬ 
lating Machines Connected in Series 

brought out. Each set of three slip-rings is connected 
electrically to the commutator of the regulating ma¬ 
chines R 1 and R 2, which thus forms the two Y-points 
of the secondary circuit. In other words, the two 
machines R 1 and R 2 act as if they were connected in 
series with each other, their e. m. fs. added together. 
The shunt fields F 1 and F 2 are adjusted simultane¬ 
ously by a common speed control apparatus. 

By disconnecting one regulating machine and by 
short-circuiting the corresponding set of slip-rings, it 
is still possible to operate the drive with the other 
regulating machine; full torque of the drive will be 
obtainable, but the speed range will be cut in half; 
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t. e. f it will be in this ease approximately 312/437 long time apparently offered an almost insurmountable barrier 
rev. per min. to an interchange of power agreement, but I find in talking to some 

of the power engineers, that as these super-power systems grow 
CONCLUSION and their lines extend over greater distances, the use of syn- 

None Of the several electrical layouts described on condensers becomes a considerable factor in the regula- 

xt„ , , , , " , tion of voltages at different points. 

* ' ( P a ^ should be considered as anything It has occurred to me that possibly some of these synchronous 

more than what they were originally intended for: — condensers at different points could have a 25-cycle generator 
a good combination of electrical machines to fit a set Connected to the big, 60-eyele synchronous condensers. It might 
of given requirements. Certain principles may be used look ’ in a good many cases - like an exciter connected to the 
again in some future drives; the whole combination synch f nous condenser. However, it might be big enough to 
may never be repeated Electric drives for modem f rovide a raeans of interchange of power in sufficient quantities 

rather are and may rightly be called “custom made.” of P° wer which the steel plant might have available at any 

Many single mills require up to, or over, 20,000 hp. in pa ^ eular time in ite operations. 

electric drives; investment runs into several hundred T +v 1 various roll ing-mill la y° ut s which Mr. Umansky showed, 
thousands n f dnllam. f hn t nunared I think, are very typical of the modern trend of steel-mill design 

tnousands Of dollars, the cost of power consumed m a and rolling-mill design. There is just one thought tlTt T 

J ear may approach the same figure. This alone justi- like to mention in this connection, .for fear that possibly some 
ties a thorough engineering study and a preparation one Avko * s not a steel-mill engineer might be a little misled, 
of an individual layout for each case. Machines of f Tbe b , ig thing in ro]]i ng-mill practise is to obtain tonnage 
special design need not necessarily be built for anv new 2!™® and, 1 with the various Kraemer and Scherbins 

-—» sSHSHS 

It was the authors intention to point out, by means Of mi11 the maximum amount of tonnage at the lowest possible 
the several illustrated schemes, that such an oppor- ° 0S V and cos t m a rolling mill hinges almost always around pro- 
tunitv is present in most cases and that the electrical 2^ n “^,. thaa any other factor - So that when you think 
engineers seldom let such opportunities slip by. a say “ g s “ ee 

NY. at ls not reliable, either because of complications or 

Bibliography thfftTu -7°^ ? m T diately run tlie eost up by virtue of 

, „... ,, oPv the fact that it would reduce the tonnage. The actual dollar 

1. Adjustable Speed Drives for Rolling Mills” by L. A and eents expended on labor and material in repairs might be 

ofS \ Ir T aild : Skd Engineer, September, 1924. negligible but the reduction in tonnage would be a serious matter 

Mffier Th v ° f aryi * 9 r th l Speed * A ‘ C - Motors” by Gus A. S .° tbat wbile ™ Hke to feel that we are going after all the efffi 

E - 1911> PagG 2455 ‘ ? nCy WG ° an get “ mil1 drives > w e should not hesitate to 

RoUino t P€ed Contr ° l of A - c ' Motors Driving ° ufc 3 . 0r 4 P er °ent of efficiency if there was a thought 

A. I. E E., 19l2, 5 page2067 eyeraDd WllfredlSykes - Transactions KmemJofal Pr ° dUCet0nnage0namil1 than eithera 

A 'ft w Mm “ “ ° f fte mi “ iS ~ d “ ed at * timc * 

Ju“ Dm ' es " by H - A - ' ««nc ReUe W , ****** beforehand that the min is never going 

S Z7ferLbjZ F eTc° f ^ Induction w^to do ev^- 

~ : - dn“ a ’ my mmd ’ is tlle bl « faotOT “ the matter of 


Discussion 

noted In - readmg the introduction to this paper I 

rt d n ^T„ sr sfr^^ 

Incoming more vital every dav. Thatk 7 ’' Ua ] p0,nt anci 's 
IKiwer generated in steel plants' to that v,’- u 6 re atlon of the 
number of steel plants are making it a point 7 PUrCW<1 A 
proportion of their power and with the adven t & Certain 

of large power companies I 'think the^inT^ °h ln t^ reonnec tions 
between steel companies and ^ coin ° f P ° W6r 

ereasingly important. The pow^ comn^^f beeomes in ~ 
ura%, having a wider ranee n f i , pames themselves, nat- 

waste-g as and waste-lieat^ner-.- ^ettTr ^ ^ t0 abS ° rb 
could have done had their svstem been? p thej oth ™se 
«ory. it bei^ understood” Z f f ^ SmaU terri - 

power available as a by-product ’ " ^ * St6el plant has this 

^“he^^ioTm 6 "^ “ ^ ^ - - 


that^one to empbas ^ ze furtk er the point that you cannot say 
^ X a,t work ^ t^ ^ u W ° rked ° Ut exeelleil % in one mill, 
necessarilv be i l + S p WGl m tbe next miLk Eack mill must 
product S the mffiT ^ and f ° r tbe purposes w hich the 
d T ands - In SOme cases two mills may 
differ^^ancTeonsp' aUmber . hut the product may be 

different W nf dX ? ? n6CeSSary to k ^e an entirely 

of the best points h & fee ^_ that that particular point is one 

oi tne best points brought out by Mr. Umansky. 

mill*lavou+ , Tbe mms . should he so designed that the 
miff shah be soTe^^ ^ facto r; in other words, the 

it that teel canted r m , the heating and tbe furnace end of 
can ro 1 R and t ha f tbe ^ as fast as the drive 

taken ci; ofat ^ ^ ° f tbe ^ steel can be 

take carTof^ th !^ end f -t-enough to 

oftentimes the mill ki o , ^ eas ° n 4 mention, this is because 
and later we find tw +u ld °T i 0r the productio13 of one product, 
from the time ^ has undergone considerabie change 

time when original product was got out. So thatjLn 
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putting a drive uit a mill, the pant experience has a great. deal of 
weight iluc to the fad thnl information has been obtained as to 
t,he speed with which we can handle steel hath before it enters 
(he drive and peeially after it leaves the mill. With •that in 
vims, 1 l hiuk the -leel manui’uet urers each year are gaining more 
experience with various installations so that, those who are 
installing electrical drives from now on will he able to profit by 
the actual .applications and the improvements which have been 
made in the tonnage especially from the standpoint, of cost per 
ten. 

It. H. VVrliiht* Ruder present-day business conditions, it is 
essential that any organization, to he successful, must be quick to 
adopt new method'! and equipment. Steel plant engineers and 
executive! for ; car have been pioneer* in the application of 
electrical equipment to heavy mecha ideal opera I ions a ml, through 
continual ex pa tenon of their eledrieitl power systems, they have 
effected great economies of operation. 

One of the chief advantages of the electric motor drive in the 
steel iudu try, m addition to the inherent economy, is the ex¬ 
treme devil util y and t In- case with which it cun be applied I o new 
proof. . and labor sav ing dev ices. Through liberal use of 
electric motors am! automatic control in the modern steel 
plant, t he out put per mail has been increased many times and the 
accident hazard reduced to a minimum. That the advantages of 
eleetrtUeutmu can be obtained without sacrificing plant, produc¬ 
tion during installation of new equipment is illustrated hy a 
project recently completed in the Philadelphia, district. AH the 
steam engines in this plant were replaced by electric drives 
operating on purchased power in less than three years with no 
appreciable lo in production during the change-over period. 
The saving in (tower cost ami operating hit our will, in three years, 
cover the cord of the installation. 

To meet the peculiar needs hi the industry, the electrical manu¬ 
facturers lutvt developed complete lines of equipment for steel 
mill service, flue of the first main-roll drives was it reversing 
mnl or, installed twenty years ago to driven plate mill. Since the 
initial installation reversing motors have been increasing in size 
until units rated 7cmil hp at off rev, per min. are now quite 
common and one motor him been built for HtHHl hp. at 40 rev. 
per min. 

Up to a few years ago all reversing motors above nOOO-hp. 
rating were built with two armatures on a common shaft. 
Direct current power w as supplied to the motor tlirough a motor- 
generator set having two generators. In order to keep the volt¬ 
age to ground from exceeding the potential of one generator, 
a sandwich scheme of electrical connections was employed in 
the circuit between the generator armatures and the double- 
armature motor, M*d or generator sets with two generators 
are used with the more recent equipments, but the double-unit 
armature eotetruei ion of the motors has been abandoned, and 
one Kfltm hp. and si\ 7IKXI hp, motors have been built with 
single-imn armatures by the WestinghouHe Company. 

It will be obvious that the single-unit motor has one-half the 
armature end w hidings of u double*unit motor of the same ratitig 
and diameter and that th«* number of cross connections for the 
commutating pole and compensating windings is also reduced to 
half that required for a double-unit motor. The copper loss of 
the single unit motor is therefore about "2*7 per cent less than the 
cupper loss of a double unit motor of the same rating and the 
eilieieitey in higher. 

When two generators are used in the motor generator set they 
are connected in parallel. Equal division of the rapidly varying 
load to which such generators are subjected is obtained by 
means of special field connections. As shown in the accompany¬ 
ing figure, each generator has a differential series winding and a 
cumulative series winding. These windings are identical and 
under 1.mill need load conditions, they neutralize each other. 
However, if No. 1 generator, for example, should tend to take 
more than its share of the load, the differential series Held of the 
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No. 1 generator would he stronger than the cumulative series 
field and the voltage; consequently, the load on the No. I genera¬ 
tor would be reduced. At the same time, the excess of current 
from the No. I generator would strengthen the cumulative 
winding of the No. 2 generator, causing it. to take more load. 
Any tendency for unequal div ision of load is therefore corrected 
very quickly. 

W. E. I.Ioyd: I should like to include one quest ion. How is it 
controlled:’ Do you have a dozen men or one man with a push 
but Ion? 

I,„ Umnnskys This paper was not intended to cover the 
very interesting point, just, brought, up by Mr. Petty; namely, 
the interchange of power between the steel plants and the public 
utilities. It is very fortunate, however, that this problem has 
been mentioned here as it is a very vital one and will undoubtedly 
grow in importance as time goes on. \\ believer the steel 
plant operates at a frequency of ‘Jo cycles, while the purchased 
power is available at. tit) cycles, the two systems will be un¬ 
doubtedly lied-in by means of special frequency-changer sets. 
Their purpose w ill be not, only to com erl t he tiO-eycle to 'Jfi-ey ele 
power, or \ tee versa, but also to control the How of power lad,ween 
the two systems. It means that while one unit, presumably 
at. the (itl-eyele end of the set, will be of asynchronous type, the 
'Jo-cycle unit is likely t o b«* an induct ion motor wit h a speed- 
regulating equipment attached to if. The latter may lie similar 





to the Scherbins, Kraemer, or similar systems outlined in this 
paper. Tim actual speed of the frequency-changer set is not 
changed us long as the frequencies remain Used, but, by control¬ 
ling the frequency applied to the secondary circuit of the induc¬ 
tion machine, the latter may be given a tendency to operate 
either as a motor or ns a generator; iti Huh manner the inter¬ 
change of power between the two systems may he readily con¬ 
trolled. The synchronous motor of the set, if suitably designed, 
may also act, as a synchronous condenser on the UO cycle line. 

We all agree with Mr. Petty that the question of reliability and 
llexibilily is just as important in selecting electric drives for 
rolling mills as is the question of efficiency. So many of both a e, 
and d-c. drives are in successful operation for many years that 
their reliability certainly should be considered on a. par. 

No reversing drives were mentioned in my discussion as there 
were no radical changes made in Huh line for the lust, ten or fifteen 
years. Many details were undoubtedly improved, ns pointed 
dill, by Mr. Wright, but the method of operation of the mnehincH 
remains substantially unchanged. A single-unit armature of a, 
say, 7000-lip. reversing motor, is an improvement of size rather 
than of kind. When two generators are supplying power to a 
single-armature reversing motor, means should be provided, 
of course, to divide the load automatically and evenly between 
the two generators. Tim scheme mentioned by Mr. Wright is very 
effective for this purpose; ns a matter of fact, the same scheme 
is used fur a number of years on the double-unit, dm, motors 
shown on Figs. Hand \ of my paper. It should he borne in mind, 
however, that, if we equip each of the two machines with two 
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one cumulative and one differential, then the load 
tiasmamed af l ^ e expense of crowding the main poles 
a double amount of series field turns; the 
■ the faH current but, in the ideal ease, do not produce 
lu otner words, the balance is obtained magnetically 
ctr.'cailv. By causing the current to circulate through 
copper losses are increased and the efficiency 


r ' *tri\es usually give an excellent opportunity to 

a ■•onpit-r nut an equally effective scheme which, at the 
sa: ‘ ik * l f devoid of the above shortcoming. A relatively 
.u-iaii potential winding may be mounted on the main poles of 
;' a ’; rator . and these auxiliary fields of the two machines are 
' i!i >, - Kfc ' s u e aeh other. They are so wired that, 

a U ' M tJ \ aie;n aeJ ~ cumulatively with the main field of its 

V *oditr uuxiharj winding acts differentially with 

.■ °* lh6 seeond S^uerator. The free ends of the 

auAmary fields are connected to terminals of the two generators 

■ a, ‘ i ' P rue current of each generator is carried 

separately to the reversing motor, where the two circuits are 
pv.xrij .egethen Waen the load is evenly divided between the 
v,’, o generators the / R drop in each circuit is equal and, therefore 
no current is lowing through the auxiliary fields. If, for any 
^ason om, generator carries less than its proper share of the 
A ‘ {h*** “ tlw «*» c ' ireuits "ill differ and therefore a 

AJXm ^ ’A ^ the aUxiliar ' V * eIds - strengthening the 

V " ■ ’ - ; L -‘- a particular generator and weakening the field of 

A f ”«ator. thereby re-establishing the balance. It 

Af 1 ,n ? **«* «• by means of an 

raAm--,. !'• m “'A ™** the auxiliary field does not 
an -‘ c , urreat m ease tbe Joad is evenly divided. The copper 
are lower than in the scheme described bv Mr. Wright 
ann the main poles are less crowded. ‘ S 

r 1 ' i' een in suceessfuI operation for a number of 

C" ;i\ -U mterest t0 110te that just a few- days ago a 
u.nng in:. was started at the Lackawanna Plant of the 


Bethlehem Steel Company. This mill includes five reversing 
drives, of which three are 7000-hp., single-armature motors, 
each furnished with power from two generators connected in 
multiple. The division of load is load is maintained in a perfect 
manner by means of the scheme just described. 

Once the reversing drives are discussed, I wish to mention one 
other point which may eventually change -in one respect the 
conventional form of these equipments. It has been commonly 
understood that any reversing drive requires a motor-generator 
set equipped with a heavy flywheel to equalize the load on the 
incoming line. This is still true for the larger reversing drives, 
but, as the power systems grow, the question of limiting the 
instantaneous peak load will acquire relatively less importance. 
Just recently, a reversing drive which will include a synchronous 
motor-generator set was ordered. The power in this ease was 
purchased from a public utility and the question was put squarely 
before the power company: Did it prefer to take on its system 
a heavier instantaneous peak load, not smoothed out by any 
flywheel, or to reduce this peak load and contend with the lagging 
pow-er factor of the induction-motor-driven set. The answer was 
m favor of the synchronous motor drive. While this particular 
reversing drive is of a moderate size, (4200-kv-a. synchronous 
motorj, I believe that it is a forerunner of larger equipments 
provided with synchronous motor-generator sets. Maybe in ten 
or fifteen years from now, even the 7000-hp., reversing blooming- 
mill drives will lose one of their typical features,—the flywheel 

Mr. Lloyd inquired as to how many operators usually control a 

thfmntn U0US + miU mth individual d ™. The motors and 
! r 7! °! SetS are usuaU y fully protected by automatic 
es, and, strictly speaking, no attendant is required in the 

Ant°nf r ° 01 I\ Tlie aetual starting speed adjustment and stop- 
havhS Controlled b y one man in the operating pulpit 

mTS T v S 6aSy rea ° h the neeessai ’y roaster switches, 

do this work 8 ’ rhe ° St ^ ts ’ etc - 0ne man is usually sufficient to 
o this w ork, a second man would be comparatively useless. 




Notes on the Use of a Radio Frequency Voltmeter 

liY W. N. GOODWIN. Jr.' 
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tiynapHis. *1 tin ruiuraltnn It r haring a ..pi rial farm if shirhli ng, 
fat iw in tht arrnrali un it:, an an at nf raltagi til ratlin frrgm nrit s 
W’tt« (It nerihvtl in in it papt r lug Mr. I,tun T. Wilsnn. Thin 

ituh’it mini h tin .Hitt hit n thnluptil intn n ram int rrial farm, untf 
thin jin jit i' th •rn l it . thr h rhn it/ m fur tin nt/ it in ti ft w nf Hr /ime/mil 
Uppltratian:;, 

Thr vnltiiutn' ram til g intliral • ; tin raltagi at Hr hrminals 
far anti frrgtn urg up hi nhuat Haiti hdargrlt s. Far Itur i'rt t/m nrtrts 
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the i imtni limit in mail i.rarlhi nt: an ardinarif vail unit r. Far 
high fat/antrirs, it in mnssarg In png rs/itt'ial iith ntion hi thr 
< .rh i nal run Indians, in unit r that thr ralhnjt tit rant! ta In iinnstind 
shall In npplirtl itnrhtingi d In thr rnlliiu h r landing pants. 

Mt thuds tin th srrilird fur nirasun ng thr ratlin Jn ipu nag rrsis- 
tanrr ami imlurtitnt't uf rails, tintI jar i stnhhshing a drtinih niltaijr 
arras,'; a rirrnit surli us Hit input circuit uf an amplifier. 
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A T (Ik* Midwinter ("onvcntion held in Philadelphia, 
Feb. IblM, Mr. Leon T. Wilson <lt*st ; rihtal a 
specially shielded voltmeter designed for the 
measurement of voltages at radio frequencies. A 
detailed description of the instrument will not he 
repeated at this time, as this was quite fully covered by 
Mr, Wilson in Ids paper, except, to state that it is a 
thermocouple t ype volt meter enclosed in a met al shield 
formed in two halves, insulated from each other. The 
movement and couple tire placed between the two 
shields, symmetrical with them, and the resistor is 
divided in two parts, symmetrically disposed, one on 
each side of tin* movement. The two terminals are 
connected directly to the shields, one to each. 

The complete volt under is illust rat ed in Mg. 1, and 
the arrangement of parts in Mg. 2. Briefly, the 
principle of the shielding is as follows: The thermo¬ 
couple circuit and d»i\ movement, in which it is desired 
that, no aliernuf mg current shall flow, are placed exactly 
midway between the two shields, so that the values of 
their electrostatic capacities to both shields are equal. 
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The resistors, in two halves, also have equal electro¬ 
static capacities with their corresponding parts of the 
shield. On account of t ins symmetry, t herefore, there 
is no tendency for the alternating current to pass from 

I. Chief Ktci’trifitl Kitgiitccr. WThIoii KlcHrical Iuslrumciit 
Corp,, Nmvark, N. 4. ftp 

Prmintni at thr Hrgiumil Muting if Distrirt Xa. t^af tin' 
A, 1, E. /?,, ViUnjkUl , Mum., Mug .VI-.7.V, WX. 


the heating wire through the couple into the movable 
coil, which is t he cause of errors in voltmeters not pro¬ 
vided wit h t his form of shield. 

Tliis type of voltmeter is used in a manner very 
similar to the ordinary low-frequency voltmeter, and 
since it requires current for its operation, is subject, to 
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the same limitations; that, is, if will not. give correct 
indications of voltage in a circuit if t he current, drawn 
from t hat, circuit, for the instrument appreciably affects 
the voltage to be measured. The current required 
varies from two to eight milliamperes, depending 
upon the range of the instrument,. In addition to 
this operating current, there is also the charging current 
for the shields, which form t he plates of a condenser in 
parallel to the instrument circuit. This current, at a 
frequency of 1000 k<\, is of t he same order of magnitude 
as the current, in the instrument circuit, hut. if is in 
quadrature with it. 

In using the voltmeter for direct current or alternat¬ 
ing current of low frequencies, it is used in exactly the 
same manner as an ordinary voltmeter. For high- 
frequency measurements, however, while the principle 
of the measurement, is the same as for low frequency, 
there is a definite technique which must, he followed in 
order that the voltage at the binding posts of the in¬ 
strument will he the value desired to he measured, 
and not the resultant of this voltage and those of 
mutual and Keif-inductance in the connections and the 
effects of capacity. A few examples will he given to 
illustrate the technique. 


470 






































GOODWIN: USE OF A RADIO FREQUENCY VOLTMETER- Transactions A. I. E. e. 


To Measure the Effective Resistance and 
Inductance of a Coil 

Tne method used is the usual voltmeter-ammeter 
meuim m which the resistance is measured by the drop 
across it produced by a measured current. 

The connections are made as shown in Fig. 3. The 
coil /), tne resistance of which is to be measured, is 
connected in series with a condenser C 2 , having a 
negligible or known loss and a thermomilliammeter A 2 . 
The circuit thus formed is connected across the non- 
inductive resistance R at the points E x E«. The 
jmnt L should be carefully grounded and the shielded 
Me of Ate condenser (' ■ connected to the milliammeter, 
which is in the grounded side. The resistor R and 
connections should all be short, especially the.connec¬ 
tion between B, and the condenser C 2 , as this is the 
only part of the circuit at relatively high potential. 

1 his connection should preferably be suspended 
together with the coil, away from all dielectrics except 
air, m order to prevent any losses being added to those 
of the coil being measured. The voltmeter V M 
must be connected with short leads directly at the points 
A E z where the measuring circuit is connected to the 
resistance R. 

( urrent is supplied at the frequency desired from an 
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Fig. 3 

dT^rolAt Shielded . 0r plaeed at a considerable 
distance from the measuring circuit and connected bv 

rtetS. 10 ^ 116 -’ *° aV ° id “ Utua! “ductance 
eneei* m the measuring circuit Thp poll r i , 

denar' 0 ' the ° ScilIator eoiI ^ at >d has a taningcm- 

by the use of the ^S W. ^ * adiUSted 

The current L should in 
than so that the tunintr „f i!?® tlnles ^ eater 
materially affect each other. The 1° CIrcuIts wil1 not 
become practically equivalent to a 

source of high-frequency voltage for ^seTn'thfm 
sirnng circuit. s 1136 in tile mea- 

To measure the resistance of a coil D for ev» i 
such as is used as a tuning coil foA.u- ’ l exam Ple, 
frequencies, the condenser C sh 0 nwT y ° adCaSting 
capacity of about 500 u uf d a ma ximum 
a range of about 100 miliiamoerl ia f lmeter A! 
a full scale value of about thrS volt? 6 t°i t 1 meter V* 


resistor for the purpose may consist of about two inches 
of manganin, constantan, or other high-resistance wire 
• about 0.0065 in. in diameter. 

It is desirable to have a thermoammeter A x in the 
high current circuit, having a range of two or three 
amperes. An oscillator having two five-watt tubes in 
parallel will supply sufficient power for this purpose. 
The oscillator is adjusted to the proper frequency, and 
then the current I x adjusted to one or two amperes by 
means of the condenser C x , to give a readable indication 
on the voltmeter scale. The condenser C 2 is then 
adjusted until the current I 2 , indicated by the milliam¬ 
meter A 2 , is a maximum. It is desirable to use a ver¬ 
nier condenser or vernier attachment on condenser C 2 , 
as the tuning is exceedingly sharp. Under this con¬ 
dition, all self-inductance in the measuring circuit 
has been neutralized and the resulting current is due 
solely to the voltage V indicated by the voltmeter and 
the resistance of the circuit, which is computed in the 
usual manner by Ohm’s law. The coil resistance is 
then obtained by subtracting from the computed resis- 
tance of the entire circuit the known resistance of the 
milliammeter, and the resistance of the condenser if 
it is not negligible. It is obvious, of course, that the 
resistance R is not included in this circuit. 

The same setting may be also used to measure the 
effective inductance of the coil, if the condenser U 2 is 
a calibrated one. The condenser capacity to give the 
maximum current I 2 is noted, together with the fre- 

Z GnCy -1 i mce , the inactive and capacity reactances 
are equal, the inductance is then 


25.35 X 100 

~Fc 


millihenrys, 


oiC»in M _ pT UenCy “ kil ° Cydes ' and C is the capacity 

su^mert^? f0Un ?’ in USing the voItmet ® for the mea- 
mTasTrehfc! T that whereas ‘he voltmeter 
the finll V ° Itage at Its terminals with high accuracy, 
whoUv^ri^f 7 ° f he rasistanc e measurement almost, 
circuit T?m dS t UP T the set ' up of the measuring 
any other™?? Tt be concluded that this method or 
frequencies^IsT 7 measurin « resistances at radio 
measurements f S ™ P 6 “ 88 accurate as low-frequency 
SranTement ’f expenen f has shown that the best 
and coSrli ! S ° ften d!fficult to determine, 
obtain the best resX" ^ iS neCesSary t0 

but h thlTctu1i rU - eS r .f errad , t0 above may be followed 
paratus Zmf and location of measuring ap- 

app»atulld Pe T? m f* ** UP °“ the par “ 

permanent when +h h advisaWe to make the “set-up” 
The chief ad van t^ best arrangement has been found. 

rapidly Ta 1 ■ he I° ltmeter method to ‘he 

compared 1Ch ° f Various W>es can be , 
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Kstarusiiino a VobTAOK 

It is often desired to apply a definite measured hiph- 
frequenry voltage to tlx* grid circuit, of an amplifier or 
to the primary of a f ransformer or to some other device. 
The voltmeter operates very satisfactory for this pur¬ 
pose by simply connecting if .across the input circuit; 
between the points where the voltage is to be 

established. 

Limitations ok Lsr and Accuracy 

The voltmeter is limited at high frequencies to mea¬ 
surements of voltage in continuous wave circuits and 
to frequencies up to about 1500 ke., and where the 
current required to operate the instrument and its 
electrostatic capacity do not materially alter the value 
of the voltage to he measured, which is similar to the 
limit at inn under which ( lie ordinary low-frequency 
voltmeter operates. 

It cannot be used, for example, to measure voltages 
from spark generators, or in continuous wave circuits 
having large harmonics greatly exceeding 1500 ke., 
nor can it be used to measure the output, voltage of a 
radio frequency transformer, or coupling coil, or, which 
is often the same thing, the grid input voltage to an 
interstage tube of an amplifier, on amount, of t he dis¬ 
turbing effects of operating current, and the capacity 
of the instrument, 

The error in the voltmeter due to frequency from 00 
cycles to 1000 ke. averages about 0.5 per cent, and to 
1500 ke., about one per cent. 

Discussion 

I,. T* Wilwm Ii lues been mentioned that, thin meter taken 
from 2 to S mittmmjirn-’i, met that a displacement current flown 
between fin*; holds of the came order of magnitude. It was not 
specified in Out! statement that charging current is of (lie 
Haute order of mnemonic an thin 2 to K millinmperes only ut 
l,0(H),(HHl eyeh . Of emir .e. »t any frequency lower*than that, 
the charging current m propurtinimfel.v lower, and down ut 
Very low frequencies, it \n elifirely negligible. 

P. A. Ikmlem Mr. Goodwin at a leu that in nuing the instru¬ 
ment, he has described. if becomes necessary to get the voltage 
at the terminal?* of flu* instrument to In- the voltage which it in 
desired lo measure; and m fhi*, regard its application does not 


differ from dial, of any other voltmeter. To obtain this object 
he suggests what lie has styled a “point source" of voltage, which 
is very nicely worked out on high frequency circuits. Without 
having had the opportunity to fully study tin* circuit, my ques¬ 
tion in t his regard is, can t hat arrangement hi* applied to com¬ 
mercial frequencies? If so, if would be very useful in measuring 
small voltages, mid potential differences across circuits where a 
very small amount of power is available. I refer to circuits 
where the power consumption of the instrument compared with 
the [lower available in the circuit is so great that the ordinary 
instrument would disturb the value of the quantity under 
measurement. Kor example, in the determination of the volt- 
arnpere consumption of the voltage coil of a watthour meter, 
current, and voltage being measured simultaneously, it would 
be very valuable if the “point source” of voltage could lie ap¬ 
plied in the measurement. 

II. M. T urncri Mr. (loodwin mentioned the fact that, it is 
desirable to have a fairly large ratio between the currents /1 and 
A* of say It) to 1. Them!vautagesnre that dteeiirrenf amplittides 
may he easily controlled by adjusting (', (Kig. M of the paper) 
without changing the oscillator coupling and that when tuning 
the measuring circuit to resonance, the reaction on llm oscillator 
is usually negligible, 

1 have used this method in llie. laboratory and find it con¬ 
venient and satisfactory for measuring circuit constants. 

W. N. Goodwin, Jrt Mr, Borden asks whether the "point 
source” of electromotive force could not also he applied ad¬ 
vantageously to low-frequency measurements. What I termed a 
"point, source” of electromotive force was provided as a means 
for obtaining a source of electromotive force which for all practi¬ 
cal purposes was free from inductance, To obtain this at radio 
frequencies, it was found that the voltage drop across a high- 
resistance wire of very small dimensions gave the desired results. 

on low-frequency circuit:! a somewhat similar method is often 
used in practise in which a low voltage is obtained from a higher 
(me by means of the well-know n voltage divider. In this case, 
however, there is no advantage in using what I have termed a 
"point, source," since the ratio of reactance to resistance can 
readily he made negligible without special reduction in 
dimensions. 

The method described, either for low or lor radio I’requoneicH 
is not intended for the measurement, of unknown volt ages, hut 
for establishing a voltage For use in measurements. Thu voltage 
can, of course, he adjusted to a definite value by knowing the 
value of the resistance and that of the current passing through it. 

1 wish to thank Mr. Wilson for calling attention to the fact 
that tin* value of the charging current given for the shields in for 
frequencies of the order of 1,000,001) cycles. This was inadver¬ 
tently omitted from tin* text. 





Substitution Method for the Determination 

of Resistance of Inductors and Capacitors at Radio Frequencies 

BY C. T. BURKE 1 

Associate, A. I. E. E. 


Synoptin.—Tb urt of a series resonant circuit for the measure- 
' ; . ■'>> ' - ■ • of ernis and capacitors at high frequencies is 
1 ' .v t-.tuid with the unknown in circuit and 

*’ ’ • introducing suficicnt resistance to keep the current 

'■ '• : f rulH Mention of constant current, and the circuit 

:ants of ttn unknown art derived. The derivation 
? - v i,i?t f *•” the resistance of a capacitor involves certain 


assumptions which are shown to he justified for frequencies at which 
coils and capacitors are now generally used. Sources of error are 
pointed out and discussed. In the measurement of resistances of 
the order of two ohms arid larger, the precision of the method is of 
the order of one per cent. A change of circuit resistance of approxi¬ 
mately 0.02 ohm can be measured. 


rjpi 


'HE measurement' at radio frequency of the resis- 
taa 5 e °** co ^ s anc * capacities has presented some 
dirHeuIty. A number of methods has been pro- 
poseu, but most of them have been rather elaborate 
and some have involved quite formidable complica¬ 
tions. 1 he method to be described does not involve 
any new principle, and is, in fact, rather obvious It 
fa simplicity which makes it compare most 
tavorahh- with many of the schemes heretofore pro¬ 
posed, and renders it deserving of more attention than 
it oils received. While it does not pretend to hair¬ 
splitting exactitude, its precision, if the system is 
constructed with reasonable care, is equal to the 
requirements of a vast number of factory and research 

:r™ G n Ir a5so P° ssesses advantage that 
I of e f ror are known, and most of them can 

.er^ucea to almost any degree required for precision 
>ut.k i- the necessary precautions are taken. 

- The measa nng circuit consists of a simple series 
cmaut containing inductance, capacitance, Tnd resis¬ 
tance. and a current indicator. This circuit is coupled 

uinllT COil ° f a radi ° fr6QUenc y osc illator of 
frequency range. Provision is made for don 

ruling the inductor to he measured in series in this 
orcuit C apacitors under measurement are connected 
m parallel with the test capacitor. While the absolute 

« t! I ~r nt ^ que^the 

effieitw VeST ’f? !? determin ing the relative 

°! more interest ThaTTe IctuVreSstencT 

the measurement of coil resistance of the order^'* 8 
ohm with fair accuracy, and of resistant of + ,° ne 
and over to one per cent. ‘ * of two °hms 


with the oscillator, adjusting the coupling to give a 
convenient reading on the current-indicating device 
Then 


I 


j CO MIo 

z 

L x is removed, a short-circuiting plug substituted, and 
the circuit retuned to resonance. Adjusting R until 
the current is reduced to its former value, it follows that 

This assumes; (1) the current in the oscillator is 
constant; (2) the coupling between the circuits is not 



I s readiIy 

Sftf rtf between the 

between t.hZ U ^ Pre T ent ap P recia bIe coupling 
and thTinfd ent I C0UpImg between the oscillator 
made fa thk no b 1S of ™ consequence, as no change is 
ment Ah n fr i0n th ® cir6uit du ™g the measure-' 
where the nrpei • 1 ° n ° n A IS pc ™t can be removed, 
suitable shiSr” r6qmred jUStifi6S 5t ’ by means ° f 


High Frequenct Measurement of Inductors 

. , the . measurement of inductors i 

inductor Is connected at T j - u ’ un known 

set at zero. The measuring circuit 
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Zl R« + R,+ R c ! + 3 03 (l, + A„ 

Ro + R + [R cz +j oi (la + U 

At resonance 
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Hence 

1 1 

La | L{\ I Lx " /1 L a | /vii 777~ 

U)‘ ( I CO" C J o 

and 

1 1 1 

ht Co"/’, or r, w- r,r«’ (f; " r,) 

1 likewise 

/1M I A. I /i, I /t’n I /i I /t 

and 

A. A | A,, 

Thin assumes (he variable resistance to he non- 
reactive 1 . 

If (lit 1 capacitor used for tuning the circuit to reso¬ 
nance has a series resistance which is appreciable in 
comparison with the coil resistance, a calibration of the 
equivalent series resistance as a functioli of t he capaci¬ 
tance will be required. A capacitor designed so as to 
eliminate this complication should lie used, however. 
This is readily accomplished, as the loading coil is so 
chosen that the capacitor is used near the maximum 
capacitance where the equivalent series resistance is 
small. It is possible by means of proper desi.cn to 
reduce the capacitor resistance to the vanishing point,. 
Using a capacitor of such design, it is obvious that the 
change in resist ance disappears. 

Therefore: 

AT A 

Nmwmrj/ of Pnimliur fur hulmimwv Mvtnmrnm'uis. 
With I he unknown coil in the circuit, and the loading 
coil of such inductance as to give a capacitor setting 
near the maximum capacitance, the circuit is t uned to 
resonance as indicated by maximum galvanometer 
reading. The coupling coil is moved so as to give* a 
convenient galvanometer deflection. Removing the 
unknown coil, the coil mounting is short-circuited and 
the circuit retuned to resonance and U adjusted until 
the current equals that, obtained on the first reading. 
Then 

AT i. A (Kquivalent. series resistance* » reading of 
standard resistance.) 
and 


The loading coil should he so chosen as to give a high 
capacitor reading wit hout the test coil, for two reasons. 
Not. only is the capacitor resistance less at high capaci¬ 
tance settings hut tin* potential of the coil under test 
with respect to ground is determined principally by the 
inductance of the loading coil. As the potential of the 
coil with respect to earth afreets its resistance some¬ 
what, it is desirable to have the test coil as near ground 
potential as possible. 


High Frequency Measurement of Capacitors 

In the measurement of capacitors, the unknown is 
connected in parallel with the capacitor of the test set. 
Sufficient inductance is connected in circuit to give 
resonance at a rattier low value of capacitance. The 
procedure in measuring is t he same as that employed 
with inductors. The circuit is adjusted to resonance 
with the unknown connected across the test capacitor, 
the unknown removed, and the circuit ret imed, intro¬ 
ducing sullicient resistance after the second tuning to 
bring the current, to its former value. 

Again the condition of constant current in the 
measuring circuit requires constant, impedance in the 
circuit. As all other portions of the circuit, are un¬ 
changed, it is necessary to consider only the measuring 
condenser, I he unknown condenser, and the variable 
resistance. 

When the test circuit is tirsl adjusted to resonance, 
this portion of the circuit consists of the standard 
capacitor, shunted by the capacitor under measurement. 
After the second adjustment, the impedance consists 
of the standards capacitor in series with a resistance. 
Kquating the impedances of these two circuits, the 
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relation between the resistance added to reduce the 
current to its first value and the equivalent series resis¬ 
tance of the unknown capacitor may he derived. 

In a properly designed capacitor, the dielectric is 
placed in a constant, field, so that- the dielectric loss 
does not vary with setting. It is convenient, to repre¬ 
sent such a capacitor as a fixed capacitance in series 
with a fixed resistance, the whole shunted by a perfect 
variable capacitor; see Fig. 2. 

In this circuit, the customary equation for parallel 
circuits (resultant, impedance equals the reciprocal 
of the sum of the reciprocals) reduces to; 

z x,: r z, 

where 

Z resultant, impedance, 

Zi impedance of “loss** circuit, 

Zv impedance of perfect capacitor. 
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BURKE: -MEASUREMENT OF THE RESISTANCE OF COILS AND CAPACITORS 


iiaiiBacuuns A. 1 . Ji], J]. 


1 ~f- j 0) III Cl) 


III it!' Cp Cl — j OS (Cp -f- Cl) 

I'iationalizing and redueing: 

y _ JC- OS~ C L ~ j OS [1C p 4- Cl) -f- CO 2 Rl~ Cp Cl 2 ] 

Rl Cl ' 2 Cp Cl) 2 + CO 2 (Cp + Cl ) 2 

The order of magnitude of the second term of the 
reactance under test conditions is IO- 30 ; that of the first 
term, 10- 1 . The second term is therefore negligible 

for values of a? up to 10 s . 

I using out a' 2 , the first term of the denominator is of 
tiie order of 10~ w or, while the second is of the order of 


R x = equivalent series resistance of the unknown 
capacitor. 

Then 


h. — -yj Rl 2 


+ 


CO 


■ 2 Cl 2 


Zp = 


CO 2 Cp 




0 p = tan -1 c» 

1 

R co C x 

Zl = Zl e j6L Zp - Zp e j8p Z x = Z x e j0x 
The resultant admittance of circuit A is 

= + -A- + 1 ^ ■ . 


Zi ~ 'J R ‘ 2 + e * = tarrl 


Z *Z* e~ jBL +.Zl Z x e~ jep + ZlZp e~ jBx 
Zl Zp Z x 


A 



111 The first term of the denominator is therefore 
also negligible for values of w less than 10-*, and the 
expression reduces to 

Cl 2 


1 

~ Zl Zp Z x ^ Zp Zx ^ C0S ~ •? ‘ sin ^ L ) 

+ Zl Z x (cos Op — j sin Op) 

+ ZlZ p (cos 0 x - j sin 0 X ) ] 

As the j? terms disappear at resonance: 

^ ” Z, Z r Z x [ Zr Z * Jr + Z* ~] 


Ri R x 
zc + ~z} 

Rl 


Rl 2 + 


+ 


r 3 


CO 2 Cl 2 


Rx 2 + 


CO 


C 2 


z = r l 


[Cp -f- Cl) 2 


os (Cp -j- Cl) 

therefore C rL iS ‘ h ? ‘T 1 “Prance of the capacitor; 

“mnce C - 7rZ r ? Ui ™ lent t0 a «*«*«■ of 
P cet - iCp + Cl), and equivalent series resis¬ 
tance R = Rl~)t. 

flaking use of this convention, Figs 3a and 

TOn the variable portion of tte tesfcirch at the 
first and second staces nf fu Q ^he 

solution will be 

»» 

CL lm caid^ <I0SS^, Capacitance of the standard 
Ri = imperfect “loss’ 
capacitor, 

C n and C„. = settings of perfect capacitor 
c, » unknown capacitance, P t j 


As the capacitances are of the order of 10~ 10 and the 
resistance of the order of unity, the first term of ffie 

orderTToC negIeCted for Values ° f “ U P to the 

Therefore: 

T ., . . Y * = Rl os 2 Cl 2 + R z co 2 C 2 

In the circuit of Fig. 3b, 

for the parallel portion as previously developed: 

Z = Rj. Cl2 i 


C, 


uC. 


resistance of the standard 


where 

+ Cp 2 — total capacitance of standard 
capacitor. 

-tor the complete circuit: 

Z.-R + R^f l__i 

u S 2 2 as C s2 

= toC «[^ + ^(-^-) 8 ]-yi 

OS Cat 
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MEASUREMENT OF THIS RESISTANCE OF COILS AM.) 


CAPACITORS 


4 Hf> 



w mv /i’ f /u y ’ 11 


Th<;» first. I (Tin of t he denominator is of t he order of 
10 ", when co is less t han HP. 

Therefore: 





/ f ’> V ’ 


Yu 

uf ( V/ 

n \ 

Mr,;)! 

1 j to ( 


At.resonance the./ term disappears. 

For constant current, equal admit lances are required. 
Therefore 

/it, w" (%" i lii to'' t V A* to- (T-e d /A co'f’i ' 
or 

a // 


difficulty in keeping’ I,he detector sensitivity constant, 
for t he short, time required; in fact, the sensitivity of the 
fixed crystal used is constant over a long period of time. 

The actual layout of apparatus used is shown in the 
reproduction of the photograph. Plug mountings for 
the loading coil and the unknown indue tor were mounted 
on insulators to reduce the capacitance between the 
coils and earth. As it. is desirable to keep the circuit 
resistance as low as possible, the jacks were mounted on 
hard rubber, and the dielectric directly between the 
jacks was cut away to lengthen the path. The mount¬ 
ings for the two coils wore permanently secured about 



The eapaeii mice of f ho unknown is equal,, of course, to 
the change in capacitance, i. c., 

C\ ■ - ■ C* 

it will be noted that the resistance measurement of 
capacitors Involves the assumption that the field 
through the solid dielectric does not change with the 
position of the capacitor plates, a requirement met by 
any properly designed capacitor for laboratory use, and 
that; the conductive resistance of the capacitor is 
negligible, 'five latter requirement may require special 
construction, especially as the higher frequencies arc 
approached. 

As the sensitivity of the measurement depends to a 


ri .1 

Vj? jPi 


Ki<». I 


considerable degree upon the sharpness of resonance of 
the circuit;, a current,-indicating device of low resistance 
is required. A sensitive current, indicator is of value 
as it; permits the use of an oscillator of low power, and 
consequently reduced stray field. Since sensitive a-e. 
meters have a relatively high resistance, the arrange¬ 
ment on Fig. 4 was resorted to as a current indicator. 
The drop across a small coil is used to actuate a micro¬ 
ammeter through a crystal detector, There is no 


Fru. f> 


two feet apart. 'This distance seems .sutlieient to 
eliminate coupling between the coil under measurement, 
arid the loading coil or oscillator. The pick-up coil was 
mounted on a wooden block and connected to the rest, 
of tlu* circuit by means of flexible leads so that the 
coupling to the oscillator could be conveniently altered. 
The drop coil and detector were mounted on the side 
of the galvanometer. The galvanometer used had full 
scale deflection on 50 microamperes, 'flic pick-up 
roil was so wound as In have lit t le external field. 

The resistance used was one of t he standard decade 
type, using the* Ayrfmn-I’erry type of nun-reactive 
winding. II is probable that this resistance has a 
slight reactance* at the higher radio frequencies and 
would not. be proper for extremely precise work. There 
is undoubtedly a change in the resistance of these units 
with frequency. When* the requirements of the work 
warrant it, the resistance standard should be cali¬ 
brated at the frequency used. 

A special type of capacitor was used. The capacitor 
was designed so as to permit a very line adjustment of 
the capacitance and to have a very low equivalent 
series resistance. 

The main scale in the capacitor is fitted with a 
vernier, making possible readings to one-tenth of the 
smallest, scale division. A small uncuHhratcd capacitor 
is placed across the main capacitor in order t.o permit 
setting exactly to resonance. The error of calibration 
on the main scale due to this capacitor is ordinarily 
negligible. 
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A shield was used under the galvanometer and 
associated apparatus, the resistance, and the standard 
capacitor. 1 he junction of the standard capacitor and 
cie standard resistor was selected for grounding. It 
ss desirable that one side of the standard and also of 
uie unknown capacitor be grounded. If the junction 
01 the coil and capacitor were grounded, the resistor 
ami meter would be at high potential. As the potential 
drop through the resistance is small, the junction of the 
r&iMor and current indicator could have been grounded 
with practically identical results. The oscillator is of 
sMtidard type, using a L 1 199 tube and plug-in coils 
to cover a wide frequency range. 

Jmmmrj of Procedure for Condenser Measurements. 
The unknown capacitor is connected in parallel with 
me standard capacitor, loading coils being used in one 
or both mountings, and the circuit is tuned to resonance, 
adjusting the coupling for a convenient galvanometer 
reading. ^ The unknown capacitor is removed and the 
circuit is again tuned to resonance, adding resistance 
oj bring the current to its former value. 

Then C. = C, - c, 

‘■■‘Cfe-'l 
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Discussion 

, T : E : sheaTllis paper offers an opportunity to call attention 
to certain equivalent networks, due to Dr. O. J. Zobel, which do 

rrntAS^ 

In the design of wave filters, of equalizers, or of balancing 

two*values° r iHwf t . ele ^° ne lines ’ these equivalents have 
■ Tr first place, they simplify a great rmnv 

Inlet 6 a ,T PW °" ° f What *•**£«. the 
cnemt._ In the second place, more desirable inductance, capacity 

and resistance values are often obtainable. capacity 

p ° W th ii ? tW ? rk represente d m Fig. 2 of the present 

elronU ” ** easllf Calculated" 

ment of caoacitip* ht ■ if’ e eonv ©aient arrange- 

Physically in place of the ottt e '™ Sabstitute th ® “ m ® h 
in whitthte ilt 0 or inal Mt ™ rkS ’ that is ' tapedences 

number TnZ ^ & 

corresponding equivallltU, 1 oase . of Fig. 2, the 

capacity in series with a r. Vi na | n ®fwork is in the form of 

capacity. Likewise there X tw 1 a “ d 

using inductance and resistance i J t vo_termma l meshes 

respectively, and for any number of cT & and capacity ’ 
elements. y numDer of component impedance 

thellteofsTelX’ t T nPl6 '- °“ Wishes t0 “«*tigate 
ns the freqtnT: , ”5 6 “ seasi «vity of the device 

done very mucf more ™ggest that it can be 

although^ of course the formal y . m ® ans of e qtiivalent networks, 

down to give Sme IS 8 “ “* Paper 

ne ‘T kS “ discussed in many 
Filters,” R. s. Hoyt’s op tip Zobel ’ s P a Pers on “Wave 

Smooth Lines ’’and R M 01 y> esign works to Simulate 
Theorem,” and in K fu F °?T S ? aper 011 “A Reactance 
for Telephonic Communication!” 31 § °° k Trausmission Circuits 
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<i. Ferguson: I should lilu< to point out the small modifi¬ 
cation necessary in a circuit of this type to jransfonn it, info a 
bridge net work ami thus eliminate the necessity of measuring: 
the current in the circuit in order In determine the point, of 
resonance. 

In Kim 1 of the paper, we have a resonant circuit consisting of 
the three i nduet ances, the variable cn pacit a nets and the variable 
resistance, all connected in series. In order to measure resis¬ 
tance, as deserihed in the paper, it is necessary to adjust, the cir¬ 
cuit, for re: otianee. 'File resistance is determined by adjusting li 
to give the same eurreiit reading with t he lest, coil or condenser in 
and out of tin* circuit. 'Flic difference in the reading of U then 
gives l he viihm of resistance required. 

Now the c, m. f. applied to this circuit, is induced in <’oil 
If we place across this coil in series, t \v o equal resistances, we do 
nut idiance the circuit in any way except to iulroduce a, shunt 
across the generator coil. By connecting a, detector from the 
midpoint of the two added resistances to ground, we transform 
the circuit into a bridge network, having two equal resistance 
arms, a third arm containing the resistance /»*. and a fourth arm 
<!uiilMining ami t* in series. If we balance this bridge by 

adjusting, /fatal f* to give aero current, through t lie detector, then 

and /•; in series must he in resonance with and the total 
resistance i.f tin arm must he equal to //, 

This method is practically identical with the method de¬ 
scribed, except that if is iiuimce ary to measure tin* current, 
or even to hold it constant. Consequently, we do not have the 
Ktinic requirement of at ability in tin* oscillator. 

The general method described is really a .substitution one, the 
assumption being made that the change in the capacitance of 
F may he made witImut changing the Ions in the circuit. 'Flu* 
usual assumption made is that if the dielectric loss is known or 
negligible, there are no ofhef losses to he considered. However, 
at radio frequencies I his iw by no means the cane, as in certain 
design?* of capacitors we may have considerable eddy-current 
loss, t ’on equetitly one of file chief limitations of the method is 
in the determination of the loss in tin* standard capacitor. 
Knowing the he m the standard, the method consists simply of 
HiiliHtiltiling the unknown for the known, keeping other condi- 
difinns the sane* and reading the change in the setting of the 
variable resUmr H. 

Probably the only absolute way of determining the loan 
in a .standard capacitor in the calorimeter method, and there arc 
hu many iluficuliie , to he overcome in a measurement of that 
type, that a high degree of accuracy can be obtained only by use 
of extraordinary precautions. 

In conclusion, there is just one other point which makes a 
bridge method preferable to an indicating method. If the 
detector is a heterodyne type or tonne type which allows tin to 
discriminate between the Frequency at which we wish to make the 
measurement and other frequencies, it is possible to balance the 
bridge for one frequency only, that is, for the fundamental. 
Any indicating method such hh described in the paper which is 
dependent on a current measurement, measures tie* total current 
in fin- circuit including all of tin* harmonies, and the result 
obtained becomes ft function of waveshape. 

A# \vmnm 1 was rat her amused tin the question of nomen¬ 
clature and part ienlnrly as applied to condensers, The company 
1 am connected with is making millions of condensers every 
,vcar, ami 1 believe if we started changing the name to capacitor 
We would lind «,ur eh es in ddlicnlfy; people wouldn't know w hat 
we were talking about. 

In connect.ion with the measurement of condensers in Mr. 
Burke's paper, particularly at radio frequency, we worked out a 
method of measuring condensers at radio frequency which I 
believe is very accurate ami quite simple. 

The accompanying figure shows tin* construction of this lest 
sot. It consists of two independent oscillating circuits hot h with 
adjust able capacities. By arranging the capacities close to the 


same values, a. heat, note is formed between the two oscillating 
circuits, and this heat, note can he brought, very close to 10(H) 
cycles by introducing in (lie circuit a 1000-cycle note Irom a 
tuning fork. Thus, on the left-hand side o! the diagram, a 
standard condenser is adjusted alone until the I (MM (-cycle heat 
note tunes in with the lOOn-eyele note from the tuning fork 
Then a eondeuser to he measured is inserted in parallel with the 
standard and tin* standard readjusted to get. the same condition. 

It is of course necessary to watch that this heat, note is always 
ou t he same side of tlu* resonance curv e. This will he the con¬ 
dition if flic resonance is always approached from the same side, 
say, reducing the condenser in each case, Since the li'eqileuey 
of the circuit, is now the saute as it, was before, llu* total capacity 
is I In* same as il was originally. 

II lias been found t hat if is possible to gage t he frequency of the 
heat between t he two 1(H ill-cycle notes to within one cycle every 
two or three see. With a million eyelet; on each oscillating 
circuit, this would give an accuracy of comparison of condensers 
of mm in a million. (>f course, this accuracy is a goed deal higher 
than is required under any practical circumstances, Moreover, 
t he act ual accuracy is limited by t he construction of I lie standard 
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condenser. With a tieneral Kudio type JJJ standard condenser, 
this accuracy is not more than om* in *«!.»,( It HI, 

This met boil of measurement has been found quite reliable and 
is not affected by any outside circumstances. Since the two 
measurements arc made on the same oscillating circuit, and the 
measured condenser is generally considerably smaller than the 
standard, t In* load conditions on each t uhe are privet Tally ident i¬ 
cal and there in no tendency to upset the frequency relations 
or the two circuits. Moreover, the coupling between these two 
circuits is so loose that, any change in one circuit does not affect, 
the oscillation in tin* other circuit until approximate resonance 
(heat note of about 'Jo to (Ml cycles J is reached. Tims, at the 
KHHf,cycle heat note, the effect of one circuit ou the other 1H 
cut irely negligible. 

Cl, T* IVnrkes In regard to the points raised l»y Mr, Kergu urn, 
the condenser is the weakest link ill the circuit. We have found 
in fact that on very high frequencies of the order of otl.tKHJ kilo¬ 
cycles or t hereabouts, the use of a condenser of the soldered* 
plate type does show a noticeable improvement over the usual 
Hlacked-plate ly pe, 

In connection with the other question as to the effect of 
harmonies, .since ibis circuit is tuned to flu* fundamental of Hie 
oscillator, the magnitude of harmonies in the circuit should he 
rather small, and as the act ual value* of current is not used in the 
computation hut is only used to reset the circuit, Imnunnica in 
the circuit should not affect the accuracy of the method unless 
the magnitude of the harmonic differs between Hu* two tunings, 
and there does not seem to he any reason for expecting this to 
occur. 

Ah to the other poinl raised in the matter of nomenclature, 
the terms “capacitor” and “condenser" do refer to the same 
thing. 

















































Condenser Shunt for Measurement 

of High-Frequency Currents of Large Magnitude 


BY ALEXANDER NYMAN 1 

Member, A. I. E. E. 


Synopsis. -1!a r.trivmitif tor an accurate ammeter for large 
they cuTTinti is pointed out. .1 new device consisting 
a ihrye eormtnsir in parallel with a small condenser, and the 
ut. fan yn-g the current to a small thermocouple ammeter, is 

J MTtce of (his nature can he made very accurate; in fact, com- 

' 7 >'L it in accuracy to any available standards. 


The construction of the device includes provisions for restricting 
the electrostatic and electromagnetic field, due to large current, the 
reduction of distributed inductance and capacity, and a provision 
to prevent the resonance effect of high harmonics of the operating 
current. Provisions are also made for locating the measuring 
instrument at a distance from the circuit. Large ratings are 
possible by connecting a number of condenser blocks in parallel. 




iiMHi* b» iorlh.uaiS,™ 

, ■ 1 a demand for accurate means of measuring Fig. 1 illustrates the meHwt n x 

high-frequency current of large magnitude limstr ' ates the method by which currents of 

The methods so far in use are all Imitedinonepartic- factoriW^l^ 6 ^ nd T+ hlgh fre q u ency can be satis- 
ular or another. The use of the hot-wire expansion “ fT”’ ° f * W0 

type instruments is not feasible for values above 10 greater oortio/nTfh! 1 ' f! T® Whlch carnes the 
amperes, as the size of heating element becomes PYPPtI . ?! • 10n , of the curren t to be measured, without 

sively large and the skin effect does not allow the <?nh PP ref ' ia le voltage drop, and so constructed that it 
division of hot wire into parallel elements " StF? arge current at high frequency without appre- 

The direct thermocouple type has been used with to shunt "off T 0Pe con siderably smaller, designed 

current t preda t en ™ed fraction of the total 

ii nr ?? through a small ammeter, either of the hot-wire 

-1-II- 1 - ° * he thermocouple type. In the latter case, the 

I circuit "as ill b t at a dist ance from the main 

j .. circuit, as illustrated m Fig. 2. 

HI (A)— 1 sa+tsfort 106 ° f this nature ’ if properly designed, will give 

F, °- 1 Wgh as^ e n tS ° f CUITent at as 

kc ’t whlch 18 practically the limit of the. 

satisfactory results up to currents nvpr inn ? . °P eratlon s of radio stations. It can be 

bu, the heating element of the T g CrJZ teomes The OTOr due *o the 

bulky and expensive to build on account of i rmn-r f the thermoc °uple element is practically 

Ate thelinXrt CarefUl WOrkmansW P requhed! * ** ^ high6St freqUencies used - T h^. 

frequencies. appreeiabIe at the higher |( 

4u™™^nt“TL f h red H?H he high- ~1 

small instrument gives satfafacto^rS^fof 

fluencies up to 500 k o nw. x,- y ; esmts ior fre- >l_y 

rfh 

Wrthfhtting of iS p^® C te 0 T ^ <£~L®J 

permit S't^Tof ’“ * T* "“»««“*» which will tteraoeo^edeme^twTre ■■ / “'T M and the 

- asfaras »? 
meterjoi^large current lies in iteTccZa^l ° f ^ W ° Uld be Used - 

*»***?. EnP ' nefr ' D “ biU » Condenser Corpora^, “ 

Pmm'nted at the , ,, thermocouolp form o n • ., .ocnsens and the 

*’ '■* * ■ N °• 3 f «* f roq«epcy that sometimes “ whhfaThf 


Fig. 2 

the™o“upireTem^A CaPadt ^ ° f 0M1 M L and the 

error becomes one h if aS f a resls t ance of 2.6 ohms, the 

(50-Leter wavelet Fo" 6 at 6000 kc ' 

capacity would be used.' ^ WaV6S ’ smaIler 

is due to 7 the , fect 0 t f hT , k aCtUaIly f ° Und in operation 
thermocoupleW*? f* tw .° 00nde asers and the 
frequency that sohibI' 0 * circuit which has a resonant 
some LL sometimes comes within the range of 
some harmonic of the frequency of operation 0 Tth1 




Mti.v V.rSi 


NYMAN: MI4AKUUKMKNT Ob’ UK JI lMMtKQl 1 1'1N( ’ Y ('(I ItKKNTS 


instrument. The presence of such ;t com lit ion becomes 
apparent in an obvious irregularity of 1 be meter readme;. 
I<%. b shows a very evident method to avoid this error 
at the resonant frequency. An auxiliary circuit which 
is tuned to the resonant frequency of the closed circuit 
referred to is connected to some point of the condenser 
shunt and actually absorbs the power of the harmonic 
from this circuit and in this way eliminates this error. 




Since this tuned circuit is connected only at one point, 
its effect at all other frequencies is entirely negligible. 

If is worthy of notice (hut the accuracy ol this 
instrument cannot really he checked by any available 
standard of high frequency current. Probably the 
must accurate fundamental method ol measuring high- 
frequency current is by means ol the calorimeter 
ammeter in which the lealine due to the current 
resist<‘i*s i be value of that current in terms of the 
resistance of the heating clement. Kven this method, 
however, is subject (to two errors which are dilliculf 
l,o eliminate. One is fie* actual value of resistance at 
tie* hi,eh frequency and the second is the distributed 



capacity of the heat in# elements and the calorimeter 
apparaf us. 

If it is remembered that the capacity values used in 
condenser shunt are considerably in excess of any 
distributed capacity, and moreover, with a properly 
constructed mica condenser, these values are constant, 
at all frequencies, and if it is further realized that, the 
distributed inductance and resistance of leads are really 
negligible, the accuracy of this method becomes self- 
evident; it establishes,*! standard of large high-frequency 
current determined only by the accuracy of the meter 
element in series with the small condenser. 

Fig. >1 illustrates the construction of the condenser 
element suitable for tbis apparatus, 11 shows a unitary 
structure with a powerful clamp and two capacity 


4s l .) 

elements, both within this clamp. One (‘lenient con¬ 
sisting of a number of metal foils in parallel gives the 
large capacity, while* one extra foil brought, out. as a 
separate lead gives the small capacity. It is evident, 
that the construction is made so symmetrical that there 
is no chance of one capacity changing relatively to the 
other. If will also he seen that the incoming and the 
outgoing leads of this condenser are on the same side 
of the clamp. There is no magnetic loop around the 
condenser element. t herefore, and the losses are reduced 
l.o a minimum. 

If is a well-known fact that for high-frequency opera¬ 
tion, the presence of iron near the conductors results in 
considerable losses and consequent healing which may 
become prohibitive. In the improved construction of 
this element, although a steel clamp is used to hold 
together the condenser under a high pressure, the 



arrangement of conductors is such that with a current 
of Bt) amperes the losses art* negligible, 

A typical example for a condenser to operate at f>0 
amperes is as follows; 'The shunt element is 0.1 UP /i f. 
ami thi* part constituting the small condenser is 0.001 
/4 f. The shunt element consists of a large number of 
metal foils, and therefore each foil will carry only a 
fraction of an ampere; also each one of these toils will 
1»* of a very short length. For this reason, the resis¬ 
tance losses in the foils will be quite small and it, will 
carry a total current of f>() amperes, without appreciable 
heat ing. 

At 0000 kc„ the potential across this condenser 
would be only 0.0 volts. Although the clamp is of 
the same potential as t he condenser, it is separated from 
if by a space of almost half an inch, which is suHicienl 
to avoid t he losses in the steel clamp due to the spread¬ 
ing elect romagnet ic and elect rostatic held of the con¬ 
denser element. 

Fig. 5 is an illustration of a meter of this type con¬ 
structed for operating with a current of lot) amperes. 
It, will la* seen that there are two leads coining out 
through the cover which can he connected in parallel 
or individually, depending on the current, to he 
measured. There are two condenser elements corre¬ 
sponding to these leads. Only one of these condenser 
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fitments contains a small capacity in series with the 
m-ter. that is, the element closest to the meter end. 
!■ this element alone is used, the reading is 50 amperes, 
if the second element is also connected, the reading 
becomes 100 amperes, and the meter readings must be 
multiplied by 2 without affecting the calibration of the 

F:m t; shows this condenser viewed from the bottom, 
! a:u: tee base removed. The two condenser elements 
will be seen inside a perforated aluminum container 
Wlln thermocouple and instrument mounted on 
5 ne A small adjustable condenser and spool 



circuit, the leads would be going in a direction away 
from the meter. 

If the meter is used at a distance from the thermo¬ 
couple, the leads from the latter to the meter are 
brought through a metal shield casing which is grounded 
to prevent any radio frequency from affecting the 
circuit. 

Fig. 8 shows the mounting of the condenser element 
inside the casing. It is seen to be held by two metal 
plates which act as ground leads of the condenser 
element. Thus the two ground leads are parallel to 
each other and almost completely enclose the condenser 
element and the incoming lead. It will be observed 
from Fig. 6 that the condenser element is connected to 
these metal plates by means of several thin, wide metal 
leads. It can be seen readily, by observing Fig. 8, 
that the electrostatic field is confined within the ground 
leads and its influence on the meter and the thermal 
element is thereby minimized. ' 

For high current ratings, the principle of block 
additions of condenser elements is utilized. Thus for 
oO amperes, one block is used; for 100 amperes, two 


tne ® ete ^ are f°r the purpose described in 

til?w ?° n WlUl Fig * 3 - t0 eIiminate the effect of the 

Mimer harmonics. 

iriSnln^T-? arran f ment of Parts in this 
iX : 't ‘"hows a tmall resistance element R 

amneeted in the output leads of the thermocouplf 

ir IT spoo! of distance wire which is equiva- 
- w, m instance to a certain length of lead so +w 

Whe " “ is to use the mete? at a Snee from 



W/m Mem is*/,. 



-t * zss r 

>tta - v 1,1 anri a 

•itv seen to be made of two twister) These leads 
Placed together closely and w ’ 866 ^ 6, 

Fig. 7.show"'theIS j he therm °- 

"Wwite to the meter an rT ttheend 

’ and when connected to the 


Fig. 8 

are used; for 150 amperes, three blocks are used- ei 
The same thermocouple and meter are uselln each ca 

bbcks toTnected" b * tba -mb^ 

is ?hTete m T d ?T ribed - tbe of capaeii 

a quarter V ’ * be tIlerm °c°uple will carry on 

a T eres T e j 

quite practinnl w • . A quarter of an ampere 
instrument With lOO^terT 6 TT accurate therm; 
mocouple 'wilk receive' the amP6reS ’ the theI 
ratio will have char ed h same current - but th 
that is, the number S d blo n ck C r anC6 ^ the 

for A ov^o aS vears C on’a'te ^ bee “ “ - 

have ranged from 100 kc^eototc^ ‘ w T quencie 
values have ranged up to 120 amrT and T tb f curren 
found that the mp+av • a- ?. amperes - It has beei 

reliable at all these vaTef “ nflrt ““ 

n tact, its accuracy has 
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been such that, it. was possible to measure the voltage 
in a circuit by connecting such an ammeter in series 
with a known condenser, and determining the voltage 
drop in the condenser by calculat ion. 

For developing a special thermocouple ammeter used 
in connection with the condenser shunt, an acknowl¬ 
edgment. is due the Weston Klectrical Instrument Cor¬ 
poration of Newark, N. .1. 

Discussion 

R, I 1 ’,. I.onehnm li h hot apparent why 1 li«• capacity of a 
(tondeuser can be assumed In be constant up to frequencies as 
high us tHHH) kilocycles. 'two conductors spaced approximately 
10 liincs I licir diameter vv ill have an iuductiv e drop at at) amperes 
(i(K)O he. of ahout did volt per ft. The mutual inductance 
between the meter and shunt circuit can hardly he disregarded 
as only 1 per cent coupling would introduce errors of around do 
percent. 

The method is a very good practical way of making high- 
frequency measurementu after its accuracy has been established, 
hut it can hardly he clawed as a standard, The well Known 
diflUndtieN of shielding high-frequency circuits are evidently due 
to the high resist mice of nil materials. This effect accounts for 
the use of only moderately high frequencies in induction furmteoH. 

We must remember that no method of demonstrated accuracy 
exists for measurement of currents above I0t>0 he. Resistances 
arid inductances are all affected by the proximity of the return 


dill 

conductor of a, circuit if any exists and the usual effects by which 
one makes measurements are complicated by tin* fact that the 
usual “constants” of a circuit are nut. constant. 

Alexander Nymans Concerning 1 he statements of Mr. 
Lenolian, with regard to the voltage drop on leads at (i(H)O ke. 
and 50 amperes, it. is not, clear w hat si/a* of lead he is contem¬ 
plating, as of course the bigger the lead tin* less would he tie* 
drop per unit length. If is of course also true that, the leads to 
condenser shunt, tire short from the junction point of the small 
condenser and these leads are so arranged as to coniine the 
magnetic lield to a small space and for this season the voltage 
drop is practically negligible. 

The inductive effect of these leads is again reduced by their 
mu I uni shielding arrangement, and by the fact that the leads 
to the thermo-couple tire very short. 'Phis inductive effect 
can of course be determined by commoting the small condenser 
element to the large, in which ease it. will he found that no 
current passes through the thermo-couple, hi other words, 
the mutual inductance which Mr. Letmhuu mentions is much 
less than I percent and probably could not be readily determined. 

With regard to the second paragraph, the writer is fully aware 
of the difficulties of shielding as this fuel or had been carefully 
studied in I lie design of the condenser shunt. 'Pin* shortness of 
hauls, the construction which encloses the incoming lead by 
outgoing leads, and a complete separation in u metallic container 
are the essential features which were found necessary for 
shielding. In other words, if the construction is such that there 
is no external field except in close proximity to the conductors, 
then the magnetic effect evidently is much easier to shield than 
than for an exposed conductor. 
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F OR several reasons the radio art was well advanced 
)t ore the most fundamental measurements, 
those of the signal strength in free space, were 
undertaken. Chief among these reasons, perhaps, was 
the fact that the damped spark transmitter was the 
most common generator. Such a radiator has so many 
vanabJes that accuracy in measurement, is difficult, 
i he simultaneous advent of the vacuum tube generator 
and amplifier furnished the sinusoidal radiation and the 
sensiti ve receiving set, so that an exact knowledge of the 
held strength became a matter of greater engineering 
moment and at the same time more accurate and 
sensitive means of measurement became available. 

t he earliest; transmission measurements were made 
by inserting sensitive a-c. ammeters in the receiving 
antenna. .Later the coupled circuit with crystal 
rcc.tihei and d-c. instrument was used. Here the 
coupling allowed a matching of circuits and the high 
sensitivity of the d-c. instrument made it a moderately 
sensitive method. Still later the telephone and audi¬ 
bility meter wore added, increasing the sensitivity and 
making the measurement one differing, only slightly 
rom the normal operating technique, a desirable 
feature. 1 he advent of the vacuum tube amplifier and 
detector enormously increased the intensity range of 

unh-?f na rT n h COl,Id 1)0 reedved and estimated as a 
unit of audibility. 

.1 here were serious deficiencies, however. The 
measuring unit was too far away electrically from the 
antenna, the step from free space to antenna was not 
nclged, and the threshold of audibility which furnished 
Che basis of measurement was not an accurately re¬ 
producible standard. One of us, therefore, in 1917 a 
id ° a <>f lutrod ucing a local measurable 
iatc J thc antenna und turning the measurement 

U c f mparison between local and distant 
signals. I he advantages would be that the type of ' 

receiving set would become immaterial, since this set 

wonld ha! ely a < ; om i )arator » and the comparison i 
d become one of equal voltages impressed in the 1 
antenna, the only antenna constant required being the ( 
SO called e ffective height. This method has now be- ' 


Stf^wYork^N. v”" T ” I<n>lumi ' I * bomtorios , 403 Wo»t 

2. Bnglund, Proc. 1. R. IS., s, p. 24s, UIJ 7 , Di«i, U HHi(m. 

Presented at Urn Regional Meeting of DUtHd No. 1 of Ike 
■ J al 1 itlsjieldt Mavis,, May SB-28, 1027. 


1 come standard for frequencies below HP cyclcH-*' 
i, TOO meters,) and while it lias boon found inapplicable at 
» higher frequeneies, due In (eehniea! 
s of its features are retained. Its chief disadvantages are 
the physical difficulties of generating and controlling 
' s ^ rud JUld the increased cost of apparatus, 

. 1 he limiting signal which can he measured, in the 

absence of sialic, is fixed by (he leakage through the 
comparison oscillator shielding and it is the control 
' of this that has made the method feasible. 

From the theoretical viewpoint, then* is no question 
as to what, should be measured, and granting ihaf Inch¬ 
meal troubles dtumf intervene, the same holds for the 
practical viewpoint, This is to measure tin* electro¬ 
magnetic condition at the receiving antenna, or rather 
, ie condition as it would he if the antenna were not 
there. Whether the unit should be that of energy 
( ensit >, electrie field, or magnetic displacement may be 
debatable; it has been chosen as a pract ical mat ter, and 
>y common consent, as the electric field expressed in 
microvolts per meter. This gives a convenient unit, 

' 10 ran tfc <>f from 0.1 to 500,000 microvolts per meter 
lepresenting the present reception levels. Since the 

™ <IonH ! t ' V ** »Pacc of an electromagnetic 
disturbance is 

W I IP 

u *< 

n 7T 

[ or ,! , '! n ' ru< ! ial ; on I !•: I ! // |, ill abwilute 
. j.ios. t i a. and electromagnetic units respectively, 

1 1 1K , ^bnalerial which is chosen. For very short 
ransmiHsion distances, the second equation docs not 
obtain as the fields are not pure radiation fields*. 

i X \ U ? 1 . n ? Wir ° t ’ ondu(,<or » Miere eddy currenfs may 
-JlfL? c118 ex P°‘ st *d to an electromagnetic radiation, 

7 ; IL "" U ’ !»• a». UKM. “Nolo cm Out 
pZ ?T'v lilU Vi Hitfna,M ” : Fngluml, & Friin, 

limnin'’* i, '' * !' r,, "ftmlio Tnw»«miHHiou Mtmnuro- 

S ' 7' ‘‘r '■.'<■ «4, P. 333, 1112(1, ••I’ortn.liln Ito- 

(itM, L" ; ’ M ,T Ur '" K 1, ' i " 1 ' 1 Sll "”«n>« *l Itrottdcttst, l.’ra- 
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a total olootromotive lorn* is developed along the wire 
length whioli is equal to 

) hid l 

where hi is the component of oleotrio held parallel to 
the wire and n and h are the coordinates of the 
wire ends. If it ,** h we have the ordinary "open” 
or "inarconi” antenna; if a h we have the closed or 
“loop” antenna. In the latter ease, the line integral 
around the closed curve always gives the same value 
as the surface integral of the rale of change of magnetic 
displ.'icement llaunch the closed curve. 'Phis is the 
origin of the inexact notion that the open antenna 
operates from the electric held and the closed antenna 
from t he magnet ie held. 

When either of the antennas mentioned is exposed 
to electromagnetic fields, currents How in if. In 
f,he general case the relation between current and 
driving field at any point on the conductor is a very 
complicated one and while ;m equivalent, lumped 
electromotive force can always he found to replace the 
distributed electromotive force in a single given 
connection of input and indication; apparatus, the 
most desirable slate of a I fairs is that when the integral 
of the wire component of the electric field can he re¬ 
placed by an equal total lumped electromotive force. 
This condition can be met for an open antenna by 
making it short and adding large capacity areas at the 
end; for a loop antenna we need only make tin* dimen¬ 
sions small and wind to such an inductance that the 
tuning capacity greatly exceeds the natural or "shunt” 
capacity of the conductor. A comparison in the an¬ 
tenna. itself of a locally generated electromotive force 
and t he signal elect romot ive force, both of t he same 
frequency, does not require an antenna tune. It is 
advisable to tune, however, because of the sensitivity 
and selectivity resulting. The free space Held can 
then be determined in terms of what may be termed the 
"effective height” of the receiving antenna. For the 
open antenna, the effective height is the physical 
length and the resultant voltage in the antenna V u 
is related to the electric field K by the condition 
Vo ; k u hi For the closed antenna of N turns, t he 
resultant voltage is 

X o 

V, at 

which is to he evaluated for any given field and loop 
area. If the loop is in free space and is so small that 
the field is sensibly constant over its area A and if 

the field is sinusoidal of frequency qyr then 

4 * 7T 

w N A H 

v * ** ■ r.* 

Now for pure radiation } II j « j E 1 and accordingly 


an effective height or height of equivalent open antenna 
hi. can be defined as 


Vt - E In 


w N A E 


and is convenient as long as the transmission distance 
is great enough to assure only a radiation field. 'The 
tacit, assumption is of course made that, the fields are 
rectilinear and the antennas oriented for maximum 
pick-up. 

As a practical fact, we have had little success in 
using an open antenna as ail antenna for which file 
effect ive height is determined from physical dimen¬ 
sions. We have always had to rely on the loop as the 
absolute antenna type. In the last analysis, then, all 
transmission measurements and formulas are based on 
a computed loop cllVct ive height which it. is impossible 
to check by direct measurement. We have had no 


j t!i.c l ivf If 


'*.! ID 1 dJ n! ! ' 


Em. 1 Mkasoiunu M of Lose Wavs Ena.n Hthknotji 

indirect evidence to date showing (hat the effective 
height computed in this manner is incorrect. 

The method of introducing t he sinusoidal comparison 
voltage into the antenna is at the disposal of the opera¬ 
tor., Two which have been commonly used are flu? 
resistance drop and the mutual inductance voltage". 
Figs. 1-A and 1-B are schematic of these. 

If K be flu* current attenuation ratio, f K > lj, then 
the voltage introduced into the antenna is, in the two 
eases, 

Ii / 1 i w M 11 

K ’ K 

and the currents resulting in f lu* antennas, (we actually 
indirectly compare voltages through the resulting cur¬ 
rents), are 

It, Viilliuiri, Fine, J. H. A'., 8, p. 2KU, 1U2U; Lunium, hint, FL 
Kuq. tUiil, j). tiSH; Htweragn and Potemiii, Pror, 1, U. 

U, 1U2S, p. IUU ; I htllingHWtii'l h, hint, Ft, Fug, JL, Id, Hi2a, p. API, 
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RI , 


iuMI 


K (R -f Z) K (i co Lo + Ro + Z) 

where Z is the antenna impedance beyond the local input 
terminals. Now the currents produced in the antennas 
by the radiation fields are 


h E 


R r 

r + R 


+ Z 


and 


hE 


Ri ~ j~" % CO Lo —j—■ 


co 2 M 2 


__ _i_ % 

r ”h R\ -f - 4 co L\ 
where r is the impedance of the attenuator looking 
backwards into it. The condition of equality means 
that 


Rh 


hE 


. K(R+ Z) 
i oi M lx 


K ~b i co Lo -j- Z] 


Rr 

r + R 


hE 


+ £ 


R% -j- i co L2 - f- 


co 2 M 2 


T Z 


Ri + i co Li -j- t 
in the two cases. Now it is very easy to make r > > R 1 

and, this done, R U = K h E or E = |L> f or the fcst 


can be as much as 14 per cent of the resistance before 
the impedance drop across it increases 1 per cent 
Moreover, the constant impedance attenuation network 
of resistances is the first that comes to mind because of 
its independence of frequency and a resistance termina¬ 
tion is then the logical one. No question of efficiency 
is involved since rejection and not conservation is 
aimed at. 

We have used two types of resistance attenuator 7 
and have found that below 1000 kc., safe resistance 
units can be made and used. Even if reactive units 
should result, a reasonable agreement of phase angle 
among them will maintain the high accuracy of the 
resulting attenuator and the utility of the resulting 
instrument exceeds that of similar apparatus made up 
of inductances or capacities. For example, the shield¬ 
ing of a resistance attenuator is very easy, a statement 
not valid for an inductance attenuator. At high fre¬ 
quencies, the unavoidable inductance of leads ruins the 
operation of a capacity attenuator. 

The theory of the measurement by means of a com¬ 
parison signal in the antenna has been sketched above; 
it was also stated that a different method was forced 
upon us at the higher frequencies by reason of the 
impossibility of constructing predeterminate attenuat¬ 
ing networks. Several suggestions have been investi¬ 
gated but at these frequencies the dimensions of con¬ 
ductors having negligibly small impedances become 
unworkable and it is necessary to make a radical move. 
The resulting method 8 , requiring a double detection 
type of receiver, may be sketched as follows. 


equation. For the second, it is equally simple to make 




-.w w X-r 



cN M 2 

< < 

Ri T i o) Z/2 -f- Z 


R i T i co L\ -j- r 

and, this achieved, 




KhE = i cc M Ii or E = ~~ — — 

K h 

In case a loop is used, the last equation further simpli¬ 
fies. For substituting the effective height of the loop 
gives 1 


E I = 


uM\Ii 

K hh 


M 


KAN 


and the frequency has cancelled out which is an ad¬ 
vantage. The relative availability of these two methods 
will depend somewhat on the occasion. A workable 
mutual inductance unit may be purchased in the 
open market while a resistance unit cannot be so bought. 
On the other hand, it is our experience that a resistance 
can be made without a-c. calibration which will function 
more accurately than a small mutual inductance can be 
calibrated, particularly when shielding is necessary to 
prevent antenna pick-up. Another point in favor of 
the resistance input is that the reactance of the unit 


applied to the first detector grid. (The beating oscilla¬ 
tor input may also be introduced into the detector 
plate circuit.) The detector output passes through a 
controllable attenuation element and a selective inter¬ 
mediate frequency amplifier, the amplified intermediate 
requency being applied to the last or low-frequency 
etector grid. A meter in this detector plate circuit 
serves as an indicator and by adjusting the attenuation 
unit a convenient deflection is obtained from the signal, 
Iig._2A. Let this attenuation ratio be K x . The 
eating oscillator is now disconnected and a comparison 
osci ator input introduced into the loop and increased 
1 re ^ a ^^ e deflection is obtained in a meter 
m the first detector plate circuit, Fig. 2 b. This detector 
having been calibrated as a vacuum tube voltmeter, the 
vo age is read directly from the calibration curve, say 
• ■ ex beating oscillator is reconnected and 
e a enuation increased until the output meter gives 
e original deflection. The attenuation is now Kz 
and it is evident that the original signal voltage applied 

tothefirst detector ** was ir 

7. England, loc. cit; Jensen, loc. cit. 

8. Friis and Bruce, loc. cit. 
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loop tune is short-circuited so that the unchanged 
comparison oscillator output is applied directly to the 
first detector grid. A reduction in the attenuation to a 
third setting K s brings the output up to its original 
value. The signal voltage picked up by the loop is 
thus, 


and equating this to the product of field strength times 
loop effective height gives 

k x -A 3 v 

E ~ KS ■ h L '■ 

As practical procedure, V is conveniently chosen as 
one volt. The necessary condition is that the inter- 



Fig. 2—Measuring Method of Short Wave Field Strength 

mediate frequency output of the first detector be pro¬ 
portional to the product of the two inputs over the wide 
range from signal voltage up to unit voltage, a condition 
which is found to be satisfied. The attenuation unit, 
being in the intermediate frequency circuit, operates 
accurately as in the direct use for lower frequencies. 
It may be added that when consideration is taken of the 
extraordinary variability of short wave transmission, 
both in amplitude and polarization angle, the accuracy 
of measurement required is not great and is amply met 
by the apparatus described above. In fact, we believe 
that the significant type of measurement for short wave 
signals is a continuous record over extended periods, 
such as would be obtained by an automatic recorder 
operating out of a receiving set. It will be necessary, 
at any rate, to record both the amplitude and the polar¬ 
ization angle. 

Another type of signal comparison measurement, 
very easy of execution, is that of erecting a local trans¬ 
mitting antenna of low effective height and comparing 
its radiation with that of the signal. It is not possible 


to make this an accurate method as a little consideration 
will show. A method of determining the effective 
height of an antenna by a set of interconnected 
measurements on three antennas has been proposed 9 
but it is difficult to see how it can compare with a loop 
measurement in accuracy. Naturally, an open antenna 
has a great effective height compared to that of a usable 
loop and the problems of comparison oscillator shielding, 
high current attenuations, and high amplification at a 
low noise level, in great measure fade out. 

The discussion.so far has assumed a simple sinusoidal 
signal but this is not the only type awaiting measure¬ 
ment. The major applications of radio are for com¬ 
munication purposes and such applications require a 
modulation of the simple sinusoid. To mention only 
two such, we have the broadcast transmitter and the 
radio telegraph sender. The former carries a dominant 
unmodulated carrier and measurements are simply 
made on this carrier frequency using a meter in the final 
detector plate circuit for comparison. Normal signal 
strengths for broadcast purposes make a meter reading 
simple. To measure the dot and dash amplitudes of 
telegraphy requires something of the nature of an 
oscillograph, and the cathode ray oscillograph using a 
neon tube discharger 10 to spread the beam has proved 
serviceable as a visual comparator. The signal in¬ 
tensities are here likely to be small and static inter¬ 
ference marked. It has been shown that static inter¬ 
ference is proportional to the width of the resonance 
band 11 of the receiver and for telegraph signals a sharp 
low-frequency tune will reduce the interference so 
greatly that it has usually been found possible to 
measure with the cathode ray tube if the signals can be 
read 12 in the phones. 

Static is another signal type awaiting measurement. 
The rather intangible “noise value” of the static is what 
it is desired to measure in radio telephony and for 
rectifying systems such as telegraph recorders and 
printers the total static energy is of greatest importance. 
The first static measurements were obtained by mea¬ 
suring the intensity of the telegraph signal which was 
just masked or rendered unintelligible by the static. 
Consistent results can be obtained on continuous 
static by this method. For telephony, the same con¬ 
siderations demand a signal representative of speech 
and the so called “warbler” 13 was chosen for this. 
This signal is produced by varying the frequency of a 
continuous-wave oscillator, over the range covered by 
the transmission band of the receiver, at a slow rate— 
5 to 10 times per sec. But the great variability of 
static, in direction as well as in amplitude and type, 
makes isolated observations of limited value and an 
automatic static recorder appears to be the logical 

9. Pession, Rad. Rev., 2,1921, p. 228. 

10. Bailey, Phy. Rev., 25, p. 585,1925. 

11. Carson, Bell System Tech. Jl., 4, p. 265,1925. 

12. Espenschied, Anderson, & Bailey, Bell System Tech. Jl. ,4, 
p. 459, 1925. 









ENGLUND AND FRIIS: MEASUREMENT OP RADIO FIELD STRENGTHS Transactions A. I. E. E 


attack upon the static measurement problem. Because 
of the extreme ranges of received energy which occur, 
it is necessary to invert such a measurement and in¬ 
stead of recording the static itself, record the gain of 




Fig. 4—Field Strength MeasurembntJApparatus 
500-3000 Kc. 

a. Loop; b. Double detection receiver; c. Attenuator; d Batteries- 

e. Output meter ;f. Comparison oscillator ' -Batteries, 

the greater number of advantages is one employing a 
“fluxmeter ” or non-restoring type of deflection instru- 

13. Bown, Englund, and Friis, loc. cit. 

14. Friis, Bell System Tech. Jl., 5, p. 282,1926. 


ment to add up the energy received for a definite inter¬ 
val. This is not a ‘‘lagging” type of average such as a 
sluggish thermocouple would give and is yet immune 
from the wild fluctuations of set gain which result when 
a “rapid” thermocouple is used. 

The static measurement desired is naturally a mea¬ 
surement of the interfering effect or signal destructive¬ 
ness of the static. This is exactly the property of 
greatest interest since the signal to static ratio thus 
defined is the engineering factor of safety for continuous 
transmission of the desired intelligence. 

In closing this resume of radio field measurement 
methods of today, a few observations from the practical 
side may be welcome. We have had occasion to make 


Fig. 3 Field Strength Measurement Apparatus, 
15-500 Kc. .’ 

, "im tenUa iT : b ; Comparison oscillator; c. Intermediate frequency 
'T freque fi cy detector : d. Intermediate frequency filter; 

tomtSSS ” Cy “ d bea,tos “ cl,lator; f - ^ 

the receiving set necessary to maintain the static output 
constant, and this has been the method chosen 14 . The 
particular output metering sytem which seems to have 



Fig. 5—Field Strength Measurement Apparatus, 
1-40-Megacycles 

freauencv' c3 f cuits : c ; Comparison oscillator; d. Intermediate 

SI T m6ter: e - attenuator; f. Intermediate frequency 

S ’ **** 

measurements of field strengths from 15 kc. to 25 
megacycles and from 0.1 to 500,000 microvolts per 
me er. t is a striking fact that for the entire frequency 
range a measuring set sensitivity of 0.1 microvolt per 
meter reaches the weakest usable signals. From a 
ra 10 e ephone point of view the most important fre- 

qu ® n 0 cy S ngeS at present are 40-70 kc., 550-1500 kc., 
a ? , 0 megacycles. In Figs. 3,4, and 5, reproductions 
ot photographs of measuring apparatus for each of 

• 1 ? re rp his apparatus possesses 

g e ^ 1 Er dl ty to bridge the frequency gaps and 

" ^ t0 25 - me ^ycle range already men- 
tioned. The measuring sets of Figs. 3 and 4 measure 

Q eans 0 comparison signals in the loops; 

° f Flg '. 5 Uses a Crated intermediate 
• qCy i detect °r with an attenuator in its output 
j,,. as a ead ^ described. All three sets are double 
detection receivers and are intended to be portable. 
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Appendix I 

'I’hc "Hertzian doublet” is essentially a rectilinear 
antenna wit h such large capacity areas al its ends I hat 
the current in the linear portion is everywhere the same. 
If we now assume such an antenna in free space with a 
capacity area separation of// and carrying a current 
/osin w/, then .at. a distance </ such that d • • h, 

the fields, in cylindrical coordinates, are given by the 
following expressions, where the center of the antenna 
has been chosen as tlu* zero of the coordinate system 
a.ud the antenna along the 7 axis: 
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With similar expressions for t he elect ric held, (r, z'l 
are the coordinates of the {joint of observation and 
the symmetry makes a 0 coordinat e unnecessary. In 
the formula /the current function is arbitrary and 
may be any given function of /. Until this is speci¬ 
fied, the integrations cannot be carried out. 

For tlu* equatorial plane, s 0, the simple doublet 
equal ions reduce t o 
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where d \ r" j z". 

Obviously, the magnetic held lies in circles about the 
z axis and the electric field in the plane containing 
d and the z axis. As before, the units are absolute 
electromagnetic and eVc! mat at ie, respect ively, 

For distances where <1 is not great compared with 
k, these formulas must he integrated over the 
antenna. Thus, for f he magnetic field, 





r cos to 


Notice that the first two terms in //» and /A? are 
separately equal. At great- distances, all but the first, 
terms in l!» and Kt. become negligible, these two 
terms being the radiation fields. It is easily seen that 
the radiation components \KA t j//«j, and r form, in 
t lu* order named, a right hand screw system. 

To pass from the antenna in space to a grounded 
antenna we need only notice that if the grounded 
antenna is half the lengt h of the free antenna, the fields 
in free space are I he same. We assume, of course, f hat 
the ground conductivity is great enough to produce* a 
t rue antenna image. 

In amperes, volts, and meters the electric field in 
the meridian plane of the doublet becomes, at great, 
distances, 



Quantitative Determination of Radio Receiver 

Performance 


BY H. D. OAKLEY 1 

Associate, A. I. E. E. 


Synopsis. The practise of making quantitative measurements on 
the individual units of radio receivers is quite general, but seldom are 
such measurements made on receivers as a whole because of certain 
difficulties encountered in this type of measurement. This paper 
describes apparatus developed to overcome these difficulties and to 


make possible a study of the performance of receivers as such. The 
over-all characteristics of receivers are classified and described the 
method of tests for obtaining measurements on them explained, with 
some curves shown to illustrate the results obtained from these tests. 
***** 


Introduction 

I N the development and design of a device consisting 
of moiv than a single unit, it is advantageous to 
subject it to a series of tests to determine its operat¬ 
ing characteristics as a whole, as well as the character¬ 
istics of the individual units alone. A radio receiver 
is comprised of apparatus performing, as a rule, five 
main functions: (1) Selecting a voltage of a particular 
radio frequency from among several co-existing volt¬ 
ages, the frequency of each one being different from 
that of the desired voltage; (2) amplifying the selected 
voltage; (3) deriving from this amplified voltage an 
audio-frequency voltage; (4) amplifying the audio¬ 
frequency voltage; (5) converting it into sound energy. 
Present day receivers perform functions (1) and (2) 
simultaneously in the radio-frequency selector amplifier, 
function (3) in the detector, (4) in the audio frequency 
amplifier, and (5) in the loud speaker. Testing the 
apparatus performing any one of these five functions is 
relatively easy but to make measurements of the whole 
assemblage is rather difficult. 

It is the purpose of this paper to describe briefly the 
test apparatus used by the General Electric Company, 
to explain the quantities measured, and the method of 
test, and to present some results obtained from over-all 
tests on receivers. 

To obtain satisfactory results from over-all tests, 
three main conditions must be satisfied. 1. To the 
input terminals of the receiver must be supplied a radio¬ 
frequency voltage of a character and magnitude com¬ 
parable with normal operating conditions. 2. The 
testing apparatus must be so constructed and arranged 
that the receiver is subjected to the signal in a known 
manner and is not affected by unknown stray signal 
effects. 3. The test conditions must be so controlled 
that the receiver is not influenced by electrical distur¬ 
bances other than the test signal. 

Description of Test Apparatus 
The apparatus developed to meet these conditions 
consists of a signal generator, a current-controlling and 
measuring device, a voltage attenuator, a dummy 

1. General Engg. Laboratory, General Electric Co. Schenec¬ 
tady, N. Y. 
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antenna, and an output voltmeter. The first two units 
are in a shielded room and in another are the last three, 
as is also the receiver to be tested. The signal genera¬ 
tor is a miniature broadcast transmitter employing the 
Heising system of modulation, and is composed of five 
main units: (1) An audio-frequency oscillator with a 
range of 40 to 10,000 cycles; (2) a radio-frequency 
oscillator, having a range of from 550 to 1500 kilocycles* 

(3) a modulator, with its grid controlled by the audio¬ 
frequency oscillator and its plate controlling the plate 
voltage of the modulated radio-frequency amplifier; 

(4) a modulated radio-frequency amplifier the grid of 
which is excited by the radio-frequency oscillator and 
whose output is varied, at an audio-frequency rate 
by the modulator; (5) a power amplifier (provided with 
a modulation indicator), excited by the radio-frequency 
amplifier. The power amplifier supplies current to the • 
current controlling and measuring device. This is a 
variable mutual inductor with its primary connected 
to the signal generator and in its secondary circuit a 
tuning condenser, a thermoammeter, and a voltage 
attenuator. The value of the current flowing in the 
voltage attenuator is measured by the thermoammeter, 
and is controlled by varying the mutual inductance, 
the attenuator is a special form of self inductor, first 
proposed and used by Dr. N. H. Williams of the 
University of Michigan. It consists of a coaxial metal 
shell and rod, which terminate at one end in a metal 

p ate perpendicular to their axes. At the point where 
mif . meebs ^ ie . P^ e it is connected to ground. 

® des , lg J 1 of ^ hls induct or is such that its inductance 
fZnT ] ? ngt \ ls easi1 ^ calculated. This particular 
ductor has three taps providing inductances of 

— at f ° 01, 0 - 0055 ' and °- 02 microhenry* 

0 ta or and an mput current > range of from 

99 non 0,0 mi1 f m P eres > a voltage range of from 1.5 to 
' pv be obtained at the lower fre- 

kUocvclp,T d I? 6 broadcast ran ge> (550 to 1500 
Mlocycles) and three times these values at the higher 

its rharan-h ardenna is a circuit so designed that 
avprai K ? ICS A e re P resen *ative of those of the 
v g f « reeeiver antenna. An arbitrary 

becansp f it t - n G eterS p 1S giyen as its effective height, 

antonl f 1 that this is *e average value of 

antennas commonly used. The output voltmeter 
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measures t he* effective value of audio-frequency voltage 
existing across (he output. of (he receiver. It has a 
range of 0.2 l.o 250 volts and its indications are inde¬ 
pendent of frequency. The impedance (150,000 ohms) 
of the voltmeter is so great compared with that of the 
loud speaker that the extra load imposed upon the 
circuit by t he volt under is negligible*. 

This concludes a description of the apparatus used 
in making the usual over-all characteristic tests. The 
quantilit.es measured will be explained now; then the 
test procedure for obtaining f hem. 

C^OANTITIMS MkAXRUKP 

'Idle characteristics commonly measured are 
sensitivity, selectivity, and quality. In some special 
cases, tin* radiation from the set is also measured. 
Sensitivity is defined as the degree to which a radio 
receiving set. responds to signals of the frequency to 
which it is timed, i h<* output of a receiver is not 
directly proportional to the input field strength. 
Therefore, sensitivity cannot be expressed by a single 
figure, but takes the form of a curve. Sensitivity can 
be expressed by an input-output curve; i. a curve 
showing the relation between I he potential induced in 
the antenna circuit and the voltage existing across the 
loud speaker. It inconvenient, however, to express 
sensitivity as the ratio of output voltage to input field 
strength at various output voltages. This method is 
somewhat analogous to transformer practise wherein 
relations are found between the transformer ratio and 
the voltage supplied to the load at various loads, rather 
than between impressed primary voltage and voltage 
supplied to the load. The ratio of output voltage to 
input field st rengt h, expressed by a dimensional formula, 
reduces to a length. Since this is so and since tin* hold 
strength is expressed as a certain potential per meter, 
the unit of sensitivity has been called tin’* meter. A 
receiv er is said t o have a sensitivity of one met er when a 
field with strength of one volt per meter acting upon the 
antenna circuit causes a potential of one volt to exist 
across the loud speaker. 

Selectivity is the degree to which a receiving set is 
capable of differentiating between signals of different 
frequencies. As measured, selectivity is a curve 
showing the input field strength required to maintain a 
constant signal volt age in f he out put as the frequency of 
the field is changed. Of course, the field strength is 
lowest at the frequency of the desired signal, and in¬ 
creases in value as the frequency becomes greater 
or less than t hat of f he desired signal. 

The definition of quality is the degree to which sound 
is faithfully reproduced. To be strictly in accord with 
this definition, quality measurements made on receivers 
should be such that the sound wave modulating the 
radio wave actuating t he receiver can be compared with 
the sound wave generated by the loudspeaker of the 
receiver, Then the results of these measurements 
should be expressed in such a way that the nature and 


magnitude of the discrepancies between t he original and 
the reproduced sound waves can be shown. The 
measurements as actually made are not so rigid. The 
assumption is made that the radio-frequency voltage 
induced in the antenna circuit, is of such a nature that, 
were the receiver and sound reproducing apparatus 
perfect, the reproduced sound would be identical with 
that which acted upon the microphone of (.he trans¬ 
mitter. The measurements as made furnish data 
showing; the relation between the receiver output 
voltage and the modulation frequency, as this frequency 
is varied from ■!() to 10,000 cycles, without changing 
either the voltage induced in (he antenna or the degree 
ol modulation. A perfect receivin’ subjected to (Ids 
test would maintain a constant value of voltage across 
its output and therefore its quality curve would be a 
straight line parallel to the modulation frequency axis. 
In order to compare the quality of different receivers, if, 
has been the practise to plot these curves as output 
voltage in percentage of output, voltage at some one 
frequency (usually 1000 cycles), against frequency. 

I lie more nearly the output voltage* remains constant, 

I lie bet ter is t he qualify. 

The last, receiver characteristic to be considered is 
radiation. Radiation is detim.nl as the process of 
entitling electromagnetic waxes into space. Obviously 
it is impossible to measure a process, so that when 
radiation measurements are dismissed, the act in mind 
is not that of measuring the process but rather that, of 
measuring the quantifies causing the phenomenon of 
radiation. 1’he relat ive distances to which transmitters 
can maintain communication depend upon their 
antenna height and the current flowing in the antenna, 

1 he antenna height is expressed ordinarily in meters 
and the current, in amperes, so that it is customary l.o 
express Hit* radiating power of a transmitter in meter 
amperes the product of the antenna height and the 
current, Song* receivers contain an oscillating tube 
and it is possible to so adjust the controls of certain 
others that one or more tubes will oscillate. In both 
eases disturbances are serif, out which seriously interfere 
with the operation of neighboring receiver sets. Tests 
are made to determine both the magnitude and fre¬ 
quency of this disturbance. The results are expressed 
in meter amperes, since, in this ease, the receiver is 
considered as a transmit ter and t lie strength of its field 
at various distant points can lie determined if the 
equivalent meter amperes and I he distances are known, 

Mktiiod of Trst 

Sensitivity, .selectivity, and quality are more or less 
inter-related so that, in general, it. is impossible to 
adjust a receivin’ to obtain a maximum of one of these 
quantities without, a decrease in one or both of the 
other two. In making tests on a receiver an attempt, 
is made to so adjust it, that a satisfactory compromise 
among the three is reached. This condition is con¬ 
sidered as the average normal operating one. Kig, 1 is 
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a schematic layout of the test apparatus and an antenna 
type receiver which is undergoing test. An RCA 
model-100 loud speaker is used as the output load, and 
across it is measured the output voltage. 

Sensitivity. To determine sensitivity, the signal 
generator is set to some desired carrier frequency and 
adjustments are made so that the current is modulated 
50 per cent at 1000 cycles. The current flowing through 
the voltage attenuator is adjusted to some convenient 



Fig. 1—Schematic Layout of Receiver Test Apparatus 


value and the receiver antenna circuit is connected to 
one of the attenuator taps. The receiver is then tuned 
to the signal and other adjustments made so that the 
receiver is operating normally. The test is then 
begun by adjusting the input to the receiver, (input 
current to the attenuator or changing taps), so that 
some low value of output voltage is obtained. The 
input is increased in steps and at each step the corre¬ 
sponding output voltage is recorded. The test is 
continued until the grid of one of the receiver tubes 
becomes positive during a part of the cycle (this 
usually occurs first in the tube located in the last stage 
of the audio frequency amplifier). This point is 
considered the operating limit of the set, since any 
further increase in input will result in a distorted output. 
During this test the following data were recorded: 
carrier frequency, current flowing through attenuator, 
attenuator tap used, and output voltage. To plot 
sensitivity curves the field strength for the different 
output voltages must be known. It is found in this 
way: knowing the current flowing through the attenua¬ 
tor and its frequency, and the inductance corresponding 
with the tap used, the voltage induced in the antenna 
circuit can be calculated. This voltage, divided by the 
height of the antenna in meters, (in this case 10 meters), 
is considered as the field strength of the signal. The 
sensitivity of the receiver in meters is then found 
by dividing a given output expressed in microvolts 
by the corresponding field strength expressed in micro¬ 
volts per meter. 

The test just described is made with the receiver 
tuned to 560 kilocycles. The signal generator is then 
reset to give the same sort of signal as before except 
that the frequency is now 1000 kilocycles. The 
receiver is tuned to this new frequency and the test 
repeated. A third setting of the generator and retuning 


of the receiver to 1300 kilocycles completes the sensi¬ 
tivity tests. The complete test then shows not only 
how the sensitivity varies for different input field 
strengths but also gives an idea of how it varies for 
different carrier frequencies. Tests to determine the 
other receiver characteristics are also made at these 
same three carrier frequencies so the whole set of 
curves obtained furnishes a very good picture of the 
behavior of the receiver over the entire broadcast 
range. 

Selectivity. With the receiver tuned to 560 kilocycles, 
the frequency of the signal generator is set to a value 
such that with the receiver connected to the highest tap 
of the attenuator and the maximum obtainable current 
flowing through it, no signal exists in the receiver out¬ 
put. The frequency is brought nearer and nearer to 
the tuning frequency of the receiver until a point is 
reached where some low value of signal (0.5 volt) 
exists in the output. From this point on, through 
resonance and beyond as far as it is possible to go, 
the frequency is changed in steps, and at each step, 
the current through the attenuator and the attenuator 
tap is chosen so that the voltage in the output remains 
constant. As the frequency of the signal generator is 
changed, its modulation frequency and degree of 
modulation remains unchanged. These data are re¬ 
corded: frequency, value of current flowing through 
attenuator, attenuator tap used, and the value at which 
the output voltage was maintained. The field strength 
corresponding with the several frequencies is then 
calculated in the manner explained under sensitivity 
tests. The curve obtained by plotting field strength 
required to maintain a constant output voltage against 
carrier frequency is the selectivity curve for this 
particular, tuning point. After this test, another is 
made with the receiver tuned to 1000 kilocycles and 
after that, a third test is made with the tuning point at 
1300 kilocycles. 

Quality.. A preliminary test is made to determine at 
what audio frequency the maximum output voltage is 
obtained. After finding this point the input to the 
receiver is adjusted so that at this frequency the grid of 
the last tube does not at any time become positive. 
The input is then maintained at this value while the 
modulation frequency is varied from 40 to 10,000 
cycles and the degree of modulation is held constant at 
50 per cent. At each frequency, the output voltage is 
recorded. A plot is then made of output voltage in 
per cent of output voltage at some one frequency 
(usually 1000 cycles), against modulation frequency 
and the quality can then be judged by the amount the 
curve deviates from a horizontal straight line—the 
greater the deviation, the poorer the quality. 

Radiation. These measurements fall into two classes: 
(1) Measurement of radiation from loop or antenna 
alone; (2) measurement of radiation from receiver and 
loop or antenna combined. In the case of sets operating 
with an antenna, the amount of radiation from the set 
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itself as compared wit h that from the antenna is usually 
small, so that on this type of set measurements art* 
routined to radiation from the antenna itself. Hut- 
in the ease of sets operating with loops, the electrical 
dimensions of t hem and of the receiver circuits are 
comparable, so that quite a large part of the radiation 
may originate in the receiver. Thus, measurements on 
this type of set include both loop and set radiation. 

The first mentioned type of measurement is made in 
this manner. The receiver to be tested is set up in the 
same room with the signal generator and in the other 
room is another receiver which will be designated as the 
indicator. 'The two current leads of the attenuator 
are disconnected from the current, controlling and 
measuring unit and are connected to the antenna circuit 
of the receiver. The indicator is connected to the 
highest tap of the attenuator. Tests are matte to be 
certain t he receiver is tuned to some earner frequency, 
and then if if is radiating it will be sending current 
through its antenna circuit, which consists of the 
dummy antenna and the attenuator. This current 
flowing through the attenuator will set up a voltage 


testing this type of receiver, the dummy antenna, of 
course, is not used but the attenuator is connected 
directly in the low side of the loop circuit. The 
connections are as shown in Fig. 2. The voltage 
induced in the loop circuit is found in exactly 
the same manner as it was in the case of the 
antenna circuit. The same dummy antenna is used 
for all antenna receivers and its height is always 
considered to be It) meters; but when testing loop 
receivers, the loop belonging to the particular set 
undergoing tests is used. It is therefore necessary to 
determine the elfeetive height of this loop in order to 
find the input, field strength. The effective height of a 
loop is simply a figure which, multiplied by the field 
st rength of the electric component of an electromagnetic 
wave, gives t he value of the voltage induced in the loop. 
In other words, if a loop and an antenna were simul¬ 
taneously subjected to the; influence of a moving 
electromagnetic field, and the height of the antenna 
happened to be such that the voltage induced in the 
antenna was equal to that, induced in the loop, then 
the elfeetive height; of the loop would be considered 


across the input of the indicator resulting in a certain 
value of output voltage, The current leads of the 
attenuator are then removed from the antenna circuit, 
and returned to their normal connection. The indicator 
is connected to the lowest tap on the attenuator and the 
signal generator supplies current of the same frequency 
as that generated by the receivers the value of which is 
so adjusted that the out put voltage of tin* indicator is 
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tin* same as before. This current, multiplied by the 
ratio of the inductance of the lowest tap to that of 
the highest, gives the value of current that was in 
the receiver antenna circuit. This current, in amperes, 
multiplied by the height of the antenna in meters, 
sin this case 10 meters), expresses the radiation of 
the receiver in meter amperes. 

To measure the combined radiation from a receiver 
and a loop, they are set up near the attenuator; and in 
the same room, but at a distance from them, is another 
receiver called the indicator. The receiver is properly 
tuned to receive some carrier frequency. If the receiver 
is radiating it will cause a voltage to exist in the indica¬ 
tor. The value of this voltage is noted, f hi* receiver 
and its loop removed, and in their stead is set up a loop 
circuit whose elfeetive height and resistance are known. 
With the aid of the attenuator and signal generator a 
current is set up in the loop circuit, of such a value that 
the voltage in the indicator is the same as before. 
Multiplying this current in amperes by the effective 
height of the loop in meters mot the receiver loop) 
the combined radiation of the receiver circuits and its 
loop Is expressed in meter amperes, 

Kffkftivr Height or Receiver Loops 

The sensit ivity, selectivity, and quality tested escribed 
were for the antenna type of receiver. These teste are 
the same for loop receivers, but the method of deter¬ 
mining field strength needs an explanation. When 


equal to the height of the antenna. It can be shown 
that the elfeetive height of a loop is dependent upon 
the frequency of the field, the area of the piano enclosed 
by the loop winding, and the number of turns in the 
•loop. The relation is: 

//,„ im\N A Fit) * 

when* 

II, Loop height in meters 

N Number of turns in loop 

A Area in sq, cm. enclosed by loop winding 
F Frequency of the held in kilocycles 

Curves Obtained from Test Data 
A number of different types and makes of receivers 
have been tested, but for purposes of illustration, the 
curves plotted from data obtained from tests on one 
well-known make of receiver are shown here jsee 
Figs. .*1 to tVu These curves are typical of those obtained 
for other receivers and show up the faults of present 
day sets. The sensitivity is different at different 
carrier frequencies within the broadcast, range, this 
is not a desirable* characteristic, and receivers are 
now being designed so that the sensitivity will be more 
nearly uniform. Another bad feature is that a weak 
input signal produces an output voltage that is pro¬ 
portionately very much smaller than that produced by 
a stronger input signal. This condition is due to the 
type of detector in use today. There exist special 
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forms of detectors which overcome this difficulty, but 
they are not generally used because of their lack of 
simplicity as compared with the usual form. 

The selectivity of a receiver should be such that there 
is very little discrimination among frequencies over a 



Potential Induced in the Antenna Circuit and the Voltage 
Existing Across the Loud Speaker of a Receiver 

range of from 10 kilocycles below to 10 kilocycles above 
the resonant frequency and outside the band the 
receiver should be unresponsive. The first condition 
is set down so that there will be no impairment in 



quality of the audio output of the receiver and the 
second condition so that undesired signals can not 
affect the receiver and thus also impair the quality. 
Fig. 5 shows the selectivity curves. At 560 kilocycles 
the selectivity is very good with respect to eliminating 
undesired signals, but is too selective for good quality. 
At 1000 and 1300 kilocycles the selectivity is not so 
good so far as eliminating interference is concerned but 
is good from the standpoint of quality. Selectivity is 
then another characteristic that may be improved upon, 
and the ideal to be reached is constant selectivity 
throughout the broadcast range, complete suppression 
of all undesired signals, and non-discrimination among 
frequencies over a limited range both sides of the 
resonant one. 


Fig. 6 is an example of how far the quality of modern 
receivers departs from the ideal. The falling off of the 
low frequency part of the characteristic can be attrib¬ 
uted to faults in the audio-frequency amplifier and 
loud speaker circuits. The drooping of the high- 
frequency end is due partly to these faults, partly to too 
great select'.vity, and a great deal to the characteristics 
of the detector. 

Summary 

Over-all measurements supply the means for ob¬ 
taining first, a picture of the performance of a 
receiver as a whole and, with such pictures, the per¬ 
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Fig. 5—Curves showing the Relation between the 
Frequency and the Strength op the Field for Constant 
Voltage across the Loud Speaker of the Receiver 
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formane e of various receivers may be easily compared; 
and second, quantitative data which are particularly 
valuable m development work because they enable 
r e l° f termine irately the degree and manner 

tho oU 1Ch “Pavements m individual units affect 
the characteristics of the. receiver as a whole. 
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Discussion 

A. L. Cook: I think it is a decided indication of progress 
in the development of sets when the manufacturers begin to 
test their complete sets and publish results of these tests. 

I wish to ask particularly about the curves on the fifth page 
of the paper showing the quality of reproduction of a certain 
receiver. I wish to ask does the method of testing used really 
tell whether or not the set has good quality of repro¬ 
duction? 

As I understand it, the method is based upon the measure¬ 
ment of voltage amplification at different audio frequencies 
and 1 wish to ask if this is a true measure of the quality? That 
is, if this were a straight line parallel to the horizontal axis, 
would this represent a perfect set? 

I believe that most of the energy in a complex note is in the 
lower frequencies, and it would seem to me that the energy 
amplification would be more important than the voltage ampli¬ 
fication. I should like to ask Mr. Oaldey, therefore, if an in¬ 
dication of the relative energy amplification at different fre¬ 
quencies would not be a more exact representation of the quality 
than is the voltage amplification? 

B. V. K. French: I should like to ask Mr. Oakley about 
the amount of error in the attenuator used. The attenuator 
was described, I believe, by A. W. Hull, in the Physical Review 
of 1925, and I wonder if any errors have been calculated? 

Another question I should like to ask is, how is the percentage 
modulation measured on the oscillator defined, and how can 
we all reach the same agreement on the necessary percentage 
modulation to si m ulate broadcast reception conditions? 

H. D. Oakley: The point about the quality curves of re¬ 
ceivers is at present quite a disputed one. It has already been 
proposed to measure the power delivered to a loudspeaker 
rather than the voltage across it. But even in this case, the 
designers of loudspeakers are not prepared to say whether a 
definite relation exists between the power supplied to a loud¬ 
speaker and the sound received by the ear of the listener. Varia¬ 
tions in room conditions cause variation in the sound received 
by the ear. If we could measure the sound pressure at the micro¬ 
phone of the transmitter and the sound pressure at the ear of the 
listener, then a true representation of quality for a particular 


set of conditions could be made. Because so many variables do 
exist, and because it is more convenient to measure voltage than 
power delivered to a loudspeaker, our quality curves are plotted 
in terms of voltage against frequency. We depend a great deal 
upon past experience in interpreting the picture presented to us 
by the quality curves. 

The other point brought up was concerning the type of inductor 
used in making the measurements. Calculation of inductance 
involves a term which is the log of the ratio of the radius of the 
cylindrical shell to the radius of the rod inside the shell. Slight 
errors in determining the magnitudes of these two radii will cause 
a very slight error in the calculated value of inductance. There 
are two other sources of error. (1) The point at which the 
rod enters the end plate is grounded. Consequently there may 
be some current flowing from the point through ground and 
back into the circuit again. So calculations based upon the 
assumption that all the current flowing in the rod return through 
the shell may be slightly in error. And (2) the electric field 
about the shell will induce voltages in the receiver in addition to 
those obtained from the tap to which the receiver is connected. 
This error has been eliminated by enclosing the inductor in a 
shield. Measurements on the inductance show that it is within 
4 per cent of calculated values. 

The degree of modulation of the current supplied by the 
oscillator is expressed by the ratio 


where A is the maximum and B the minimum amplitude of the 
modulated current. For 50 per cent modulation, A would be 
three times B. No single value of percentage modulation can 
simulate broadcast-reception conditions, since the percentage 
modulation of a broadcast transmitter is continually changing 
and may be any value from zero to distressing over-modulation. 
But the audio-frequency output of a properly designed receiver 
should vary directly with the degree of modulation and for 
measurement purposes a reasonable value should be satisfactory; 
50 per cent modulation was used by us, but there is at least a 
tentative agreement now to use 30 per cent for all receiv er 
measurements. 
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Synopsis. — This paper describes briefly a testing technique and standardized high-frequency apparatus units. These include 
■chick has been developed for making line measurements at high an oscillator, a detector-amplifier, an impedance bridge, a thermo- 
frequencies in connection with the application of carrier telephone milliammeter set, a variable attenuator, a cross-talk set, and a 
and telegraph systems in the Bell System. The yneasurement of frequency meter. A brief description of the individual units is 
line attenuation, impedance, and cross-talk up to frequencies as high given, as well as their coordinated use in complete testing circuits, 
as ,50,000 cycles is described, using a number of specially developed * * * . * * * 


P RIOR to the introduction of multiplex carrier tele¬ 
phone and telegraph systems, the operating 
telephone plant was concerned only with the 
transmission of frequencies in the voice range. The 
considerable application of carrier communication sys¬ 
tems to long distance open-wire circuits, whereby a 
pair of such open vires carries several messages simul¬ 
taneously by the employment of higher frequencies, has 
however greatly raised the upper limit of the frequency 
range used in the telephone plant. Among other 
things, this has required the development of a special 
technique suitable for the testing at these frequencies 
of the line circuits over which the various types of 
carrier systems are operated. 

A brief description of this technique was included in 
a paper delivered before the Institute by Messrs. 
Colpitts and Blackwell. 2 It is the purpose of the 
present paper to describe these high-frequency measur¬ 
ing methods in greater detail and as they are now 
applied with recently improved apparatus. 

The high-frequency line characteristics of chief 
interest are attenuation, impedance, and cross-talk for 
frequencies up to about 50,000 cycles. It is thought 
that the interest of others in the measuring methods 
employed may, perhaps, reside not so much in their 
novelty, but rather in that they represent a solution of 
the problem of standardizing the technique of high- 
frequency measurements for use under practical tele¬ 
phone plant conditions and of a relatively wide-spread 
application. The apparatus with which the measure¬ 
ments are made has been standardized and is in general 
use by the operating telephone companies of the Bell 
System. 

Consideration may conveniently be given to the 
subject matter under two general headings: First, a 
brief description of the different apparatus units which 
serve as tools for the work; and secondly, the com- 
bination o f these units in ways needed to effect partic- 

1. Both of the American Tel. & Tel. Co., 195 Broadway 
Newlork. 

2. See Carrier Current Telephony and Telegraphy, by E H 
Colpitts^ and 0. B. Blackwell, A. I. E. E., Trans., 1921. Vol’ 

Presented at the Regional Meeting of District No. 1 of Hip 
A. I. E. E., Pittsfield, Mass., May 25-28, 1927. 


ular measurements. Simple illustrations of the results 
attained in the work have been included. 

Apparatus Units Employed 

The several individual types of apparatus which 
have been made available are as follows: 

1. An oscillator providing a source of high-frequency 
current adjustable to any frequency between 100 and 
50,000 cycles and having an output of a high degree of 
constancy and purity of wave form. 

2. A detector-amplifier which provides a visual or, 
by heterodyne action, an audible indicator of high- 
frequency currents. 

3. An impedance bridge suitable for measurements 
within the above mentioned frequency range. 

4. A thermomilliammeter set which provides for the 
absolute measurement of relatively weak high-frequency 
currents and which also incorporates means for cali¬ 
brating the thermocouples. 

5. A variable attenuator or resistance artificial line. 

6. A cross-talk set or variable attenuator of special 
type used for measuring cross-talk between mutually 
interfering circuits. 

7. A frequency meter capable of measuring fre¬ 
quencies between 3000 and 50,000 cycles* 

These units are all designed to meet relatively severe 
requirements of sturdiness, stability, and reasonable 
simplicity of operation in order that they may be 
employed generally in the field under conditions of 
use demanding portability. 

Oscillator. Practically all measurements require a 
source of current variable in frequency, and a satis¬ 
factory generator has been made available to meet this 
need. This unit is a portable vacuum tube oscillator. 
It supplies current of frequencies variable from 100 to 
50,000 cycles. The output is under the control of a 
potentiometer and provides a maximum power of from 
0.4 to 0.7 watt, the exact value depending upon the 
frequency. The frequency is varied in the usual way 
y changing the constants of the feed-back circuit. 
Different values of .inductance and resistance, as well as 
capacitance, are provided in order to insure that the 
instrument may have a good wave form and stability of 
frequency. The wave form is such that in the range 
from 3000 to 50,000 cycles the harmonics do not exceed 
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measuring circuits or in null measurements, as in con¬ 
junction with the impedance bridge, only a limited 
degree of stability is necessary. When used for aural 
reception, the apparatus functions as a heterodyne 
detector, giving an audible note in the telephone 
receiver by beating the incoming current with a high- 



frequency current generated by an adjustable frequency 
local oscillator. 

When the detector-amplifier serves as a visual 
indicator, the high-frequency current causes a deflec¬ 
tion on a meter in the plate circuit of a rectifier tube. 
In the case of both the aural and visual indicator con¬ 
nections, other vacuum tubes in the circuit provide for 
substantial amplification. 

The simplified circuit diagrams of the instrument, 
when used as a heterodyne detector and as a rectifier, 


amplification and a final “rectifier'’ stage, using a three- 
element tube with high C potential. The fourth tube, 
otherwise employed as an oscillator in the heterodyne 
circuit, is not operated. The rectifier circuit provides 
for the indication on a milliammeter circuit noted at 
the extreme right of the diagram. 

The circuit in its rectifying connection requires 
into its impedance of 600 ohms, a current of from 50 to 
300 microamperes, depending upon the frequency, for a 
fair scale deflection of the meter. In the case of the 
operation of the circuit as a heterodyne detector, the 
amplification provided is such that an input of only 
about 0.5 microampere gives a usefully audible note 
in the telephone receiver. 

For many measuring purposes, it is desirable to 
employ some degree of high-frequency selectivity at the 
input of the device, and for this purpose a continuously 
variable tuned circuit is included in the circuit. A 
potentiometer adjustment at the input is also embodied 
in the instrument. This has been found to be partic¬ 
ularly useful where the input to the circuit may vary 
in magnitude over a large range, such as in bridge, 
measurements. It is characteristic of devices provid¬ 
ing such a high degree of amplification that unless the 
input is controllable in this manner, an overloading 
in the rectifier or output stages may result with con¬ 
siderable possibility of confusion and inaccuracy in 
measurement. 


AS HETERODYNE DETECTOR 



Fig. 2—Schematic Circuits of Detector Amplifier 


are given in Fig. 2. It will be noted that four vacuum 
tubes are available. When used as a heterodyne 
detector, the first tube provides a stage of high-fre¬ 
quency amplification, the second tube operates as an 
oscillator to supply the local beating frequency, the 
third tube is the beat modulator or detector, and the 
fourth tube operates as an audio amplifier of the beat 
or tone frequency. The latter is usually adjusted to 
the order of 1000 cycles. A cam switch affords means 
for changing the circuit connections so that when em¬ 
ployed as a rectifier for visual indication, the tubes 
provide in sequence two stages of high-frequency 


Impedance Bridge. The impedance bridge provides a 
means for measuring impedances in the frequency range 
from 3000 to 50,000 cycles. Its greatest accuracy lies 
in the impedance range from approximately 50 to 10,000 
ohms. It is of the balancing or differential coil type, or 
what,. in telephone language, might be termed the 
hybrid coil" type of bridge. The' balancing coil is a 
four-terminal type of network, as noted in Fig. 3, 
having an input circuit to which is applied the source 
of high-frequency current, a detector circuit, and two 
balancing arms. When impedances applied to the two 
balancing arms are adjusted equally, the loss between 
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the input and detector circuit terminals is infinite; 
that is, the bridge is balanced as in the ease of the 
ordinary Wheatstone hrid.ee. The balancing eoii type 
of structure oilers for this purpose a constructional 
symmetry and convenient possibility of shielding. 

The rheostat arm or adjustable impedance provided 
consists of a resistance variable from 0 to 10,000 ohms 
in steps of one ohm, and a capacitance continuously 


several thermocouples, but also a complete calibrating 
circuit consisting of d-e. power source, rheostat, and 
<Tc. calibrating meter. 

The instrument provides for the optional use of one of 
three thermocouples of different characteristics. The 
thermocouples are constructed for insertion in bayonet- 
type sockets, and are thus easily replaced if damaged. 
The three available couples have the following 
characteristics: 
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variable from hup mienwnierofamds to H microfarads. 
Mach of these known impedances is controlled by a 
separate switch so that it may be conveniently con- 
neeieil into different parts of the bridge* circuit. 
Optional connections permit the variable resistance 
and capacitance to he connected in series in the balanc¬ 
ing arm, or one in series with the line or apparat us to 
be measured and the other in the balancing arm, or the 
entire elimination of one or the other, 

Thn mtmiiiimnumfrr Sr!. In measuring the currents 
which arc higher in frequency than tin* usual power 
frequencies, the dynamometer types of measuring 
instruments are not generally satisfactory, and the 
thermocouple meter circuit has found extensive appli¬ 
cation, The thermocouple meter circuit is perhaps too 


Approximate Approximate Useful 

Heater Resist amu* .Sensitivity Range 

1. IKK! ohms 0.2 to 2.0 milliampoms 

2. *{”» ohms 2.0 to 10.0 milUamporos 

a. a ohms to.0 to f>0.0 millianipores 

These sensitivities and resistances cover the range 
ordinarily required in tin* measuring work on carrier 
syst ems in the field. 

The inst rument; is so arranged that; the meter, which 
in its function as a sensitive microammeter is used in 
the couple circuit of the* thermocouple, may be switched 
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well known to warrant any detailed explanations. 
Such an arrangement using independent thermocouples 
and meters 1ms \m*n employetf extensively in laboratory 
and field measurements of high-frequency currents. 
There are m«*s where greater accuracy is desired than 
can he insured by relying upon calibrations made at 
infrequent intervals. For this purpose the portable 
thennorni 1 liammeter set shown on Fig, 4 was designed, 
In one unit it provides not only a sensitive meter and 


ami shunted to provide the calibrating milliammotcr 
circuit. These calibrating and measuring circuits are 
shown schematically in Fig. 5. The various thermo¬ 
couples and the meter which make up the instrument 
are under control of a number of switches which may 
be noted on the photograph showing the face appear¬ 
ance of the set. Incidentally each thermocouple has 
its own terminals, and if necessary they may be used 
independently in the same or different measuring cir¬ 
cuits if if is not necessary to read them simultaneously, 
Atlniuttfur. The attenuator or resistance artificial 
line provides a simple type of network of calibrated 
loss and definite terminal impedances. Schematically, 
it. comprises several sections of It type resistance 
networks as shown in Fig, (>. Since its application is 
largely concerned with the approximate simulation of 
open-wire line circuits over which carrier systems are 
operated and which have a chamcfeiisfie impedance 
in the neighborhood of TOO ohms, the attenuator 
has been designed accordingly to have such terminal 
impedance. 
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It covers a range of attenuation extending from 0 
to 75 transmission units 3 in steps of 0.5 T. U. The 
maximum of 75 T. U. is made up in three sections, two 
of these being controlled by dial switches, one graduated 
in 5 T. U. steps up to 50 T. U. and the other in 0.5 
T. U. steps up to 5 T. U. The third section, consisting 
of a fixed attenuator of 20 T. U., is controlled by a 
single key switch. Each of the sections making up the 
attenuator is shielded to prevent mutual as well as 
external interference. The resistances making up the 
network are wound to a high degree of accuracy, and 
the attenuation derived is substantially independent of 
frequency in the range up to 50,000 cycles. 

Cross-Talk Set. A schematic circuit of the cross¬ 
talk set is shown on Fig. 7. This is also a variable 
attenuator but it has certain circuit differences and 
includes several switches and provisions for terminating 
lines which adapt it particularly for cross-talk measure¬ 
ments. The variable attenuator feature consists of five 
fixed resistances associated with two slide wires which 
are mounted and controlled simultaneously by a single¬ 
handle and dial. Such an arrangement gives an 
approximate squared relation between input-output 
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Fig. 6—Schematic Circuit of Attenuator 


current ratio and dial motion w T hich makes it possible 
to cover a wide range of attenuation with reasonable 
accuracy in reading the scales at all points. The scale 
associated with the dial is calibrated in transmission 
units as well as so-called cross-talk units; i. e., millionths 
of the transmitted current. The setting of the slide 
wire affects the impedance slightly. For ordinary 
values of cross-talk the impedance is close to 600 ohms, 
and for extreme values it rises as high as 640 ohms. 
The attenuator proper is well balanced to ground. This 
is necessary since it may be connected directly to an 
open-wire pair. 

Switches for connecting the oscillator, detector, and 
thermocouple meter to various parts of the testing 
circuits, as required by the different measurements, are 
included in the instrument. 

Frequency Meter. For the purpose of checking the 
calibration of the oscillator circuit, and for other 
uses in the telephone plant in connection with adjusting 
the carrier frequencies of the various systems, a fre¬ 
quency meter has been designed. This is shown in 

3. The Transmission Unit and Telephone Transmission 
Rejerence Systems , W. H. Martin, Trans., A. I. E. E., 1924 
pp. 797-801 


Fig. 8. It provides a means for checking to an accuracy 
of about 0.1 per cent frequencies in the range from 3000 
to about 50,000 cycles. 

A null method is employed using a Wheatstone bridge 
type circuit as shown in Fig. 9. The unknown fre¬ 
quency source is applied to the input of the bridge 
circuit, and certain known variable elements are 
adjusted until a balance is obtained, as evidenced by the 
null deflection or silence in the detector circuit. The 



Fig. 7—Schematic Circuit of Cross-talk Set 


bridge includes equal ratio arms and two sets of variable 
arms. One of the variable arms includes series induc¬ 
tance and capacitance, the other a pure variable resis¬ 
tance. The null point indication is obviously the reso¬ 
nance condition of the series inductance-capacitance 
circuit, the variable resistance being employed to 
establish the resistance balance and to compensate for 
the variation of loss with frequency in the inductance 
and capacitance. The settings of the different variable 
elements are of course calibrated with respect to fre¬ 
quency and, in practical use, reference is made to the 
calibration chart furnished with the meter. The 
variable elements include two inductance coils of 



Fig. 8—Frequency Meter 

optional use depending upon the range of operation, the 
selection being made by means of a key switch. The 
condenser includes fixed mica condensers with switch¬ 
ing means and a precision continuously variable 
condenser. 

Measurements 

The most important field use of these several appar¬ 
atus units is in connection with the following 
measurement: 
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1. Line attenuation. 

2. I vino impedance. 

(Toss-talk between different linos or pairs. 

Attenuation. The immoral magnitude of the high- 
frequency attenuation of a circuit for carrier trans¬ 
mission is. of course, prcdefmninablc, but then! often 
exist specific sources of loss which may not be evident 
until actual measurements of attenuation are made. 
In a practical case, the carrier system may be applied 
for operation over a line of perhaps (500 to 1000 mi. in 
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length, Before tint system is installed it is customary 
to measure the attenuation of this circuit for all fre¬ 
quencies which are employed in the carrier t ransmission, 
so that if unusual effects are present, they may he 
satisfactorily remedied and a minimum attenuation 
achieved, A long carrier circuit of course, is 
usually divided into sections joined by high-fre¬ 
quency repealers or amplifiers, so that the currents as 
they are attenuated receive renewed energy at intervals. 
Those intervals may range from lot) to MOO miles, 
depending upon the type of system employed and the 
frequencies involved. It, is common practise* to mea¬ 
sure each repeater section separately, ehiellybeeau.sethe 
measurement of transmission over several repeater 
sections in tandem, by virtue of the very high attenua¬ 
tion, presents a more diltieuli problem. 
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The attenuation measurements are made by either of 
two methods; the first, a transmit fed-received current, 
comparison; and the second, a substitution method 
involving tin* use of a variable at t enuator. 

In the current transmit .tini-received method the 
apparatus connect ions employed are of the simplest type 
as noted in Mg, 10. At one end of the line, the oscilla¬ 
tor supplies high-frequency currents to the pair of wires 
under test. The magnitude of this current is deter¬ 
mined by the use of the thermomilliummeter set. It is 
common practise to transmit something of the order of 
20 to 40 milliam peres and to employ the 5-ohm 
thermocouple. At the remote terminal of the line 
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under test a thermomilliammeter set is similarly 
employed to measure received current. The impedance 
of the receiving thermocouple circuit is chosen to match 
closely the characteristic* impedance of the line* in order 
to simulate the conditions under which the carrier 
system apparatus is connected to the line circuit in 
practise. Ordinarily this condition is simply to 
at t ain to t he required degree of accuracy, since the open- 
wire line circuits have a characteristic impedance* which 
is dost 1 to tit 10 ohms with no appreciable reactance 
component, 'flu* (JOO-ohm thermocouple* of the thermo- 
milliammeter set used directly, or either of the other 
thermocouples in that set. with the proper amount of 
resistance in series, provides this termination. 

The results of a series of measurements using this 
type of circuit, are usually tabulated or plotted in T. If. 
attenuation; i. c., the current ratio is converted into the 
corresponding logarithmic or T. U. equivalent. From 
these data, if is simple, if desired, to compute t he T. If. 
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attenuation per unit, length and a comparison can thus 
he made with the similar characteristics of other line 
circuits or theoretical data. 

The alternative or substitution method is perhaps 
more useful under conditions in which both the trans¬ 
mitting and t he receiving terminal of the circuit under 
test, arc at t he same point as, for example, in the case of 
a test involving the attenuation of a piece of apparatus 
such as a filter instead of a line circuit. It, may also, 
however, be employed for the measurement, of at tenua¬ 
tion bet,ween two remot e* points, in which ease a second 
oscillator is needed at the receiving terminal. A 
variable attenuator is also required. The* method has 
an advantage over the transnritfed-reeeived current, 
method, in that the attenuation of the line under 
measurement, is determined by the reading of the 
variable attenuator and the results are available in 
transmission units directly for each reading without 
further computation. 

The circuit, arrangement is as shown in Fig. 11. If 
will be noted that the transmitting end involves an 
oscillator and thermocouple set for measuring the 
output to,the line as in the case of the* direct measure¬ 
ment noted above. At the receiving terminal, the 
oscillator provided is similarly connected with a 
thermocouple* circuit to transmit measured current into 
a variable artificial line. A double-pole, double-throw 
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switch is provided to connect another thermocouple 
circuit either to the second terminal of the variable 
artificial line or to the real line under test. Under 
conditions in which the current from the transmitting 
terminal oscillator is adjusted to be the same as that of 
the oscillator provided at the receiving terminal and 
transmitting into the artificial line, if the variable 
artificial line is so adjusted that the received current in 
the thermomilliammeter set, R, when connected to the 
artificial line is equal to that received when connected to 
the real line under test, the reading of the artificial line 
attenuation is obviously equal to that of the real line 
under test. Of course this is true only under conditions 
of exact similarity of impedance in the real line and 
artificial line circuits, and for most line measurements a 
simple circuit of this type suffices to measure the line 
attenuation with sufficient accuracy. 

It is to be noted that this method requires no calibra¬ 
tion of the final receiving thermomilliammeter set. 
For this reason, where the current received is extremely 
small, as would be the case in a line electrically very 
long, it may be more practicable to employ a more 
sensitive receiver such as the detector-amplifier. 

Using the current transmitted-received method and 
calibrated thermocouples at the two terminals, it is 
practicable to measure with the apparatus, which has 
been described, attenuations as high as from 30 to 40 
T. U., which is sufficient for most of the needs in the use 
of carrier systems in the Bell System. In the substitu¬ 
tion method last described and the use of the detector- 
amplifier circuit as a detector, attenuations up to the 
limit of the attenuator, which is 75 T. U., may fairly 
readily be measured. In the latter case this means an 
energy ratio of about 30 X 10 6 . The accuracy afforded 
by either of the methods is approximately ± 0.25 T. U. 
or abour 3 per cent in current ratio. 


_ The scope of this paper does not permit an extensiw 
discussion of the specific results obtained by the use o: 
measuring methods of this type. It may be of interest 
however, to present an example of the results of some 
attenuation measurements. Fig. 12 is a sample of the 
results of two sets of measurements on a particular line 
In this case it will be noted that the attenuation of the 
circuit as measured initially presented two substantia] 
absorption points which manifested themselves by 
“humps” of increased attenuation in the transmission 
frequency curve. Absorptions of the magnitude of 
those shown on Fig. 12 are rather extreme and are found 
only occasionally in practise. Remedial measures in 
the form of special transpositions made it possible later 
to remove these absorption humps entirely as shown by 
the subsequent measurement and thus to present a 
substantially smooth attenuation for the operation of a 
earner telephone system. 

Impedance. A line circuit of uniform constants and 
not subject to any substantial degree to the mutual 
effect of adjacent circuits such as, for example, occa- 
sionallyresults in absorption points as noted above, has 


a substantially uniform impedance. In particular, for 
frequencies above about 5000 cycles, this characteristic 
impedance is practically uniform resistance with little 
or no reactance component. This condition, of course, 
implies a theoretically infinite line or, what is its equiva¬ 
lent, a line terminated in its characteristic impedance. 
Where the line circuit loses this uniformity—for 
example, by the insertion of short sections of cable 
at intermediate points,—the impedance takes on certain 
characteristic irregularities. In the case of the loading 
of a cable circuit, if the loading sections are of irregular 
length by virtue of the non-uniform capacitance of the 
cable, the non-uniform spacing of the loading coils or 
the constants of the loading coils, the impedance 
obviously also loses its uniformity. For many reasons, 
such uniformity of impedance is ordinarily desirable 
in the application of carrier systems on the wires, and 
impedance measurements by the use of the bridge are 



Fig. 12 Attenuation of Line Circuit before and after 
Special Transposition Work 


commonly carried out in order that where the depar¬ 
tures from uniform impedance are such as to exceed 
reasonable limits, remedial steps may be taken. 

In making these high-frequency impedance measure¬ 
ments, the apparatus arrangement shown in Fig. 13 is 
employed. It involves ordinarily the oscillator, the 
impedance' bridge, and the detector-amplifier. It is 
also common practise in most measurements to termi¬ 
nate the line circuit under measurement at its farther 
end m approximately its characteristic impedance. 
This would generally consist of a resistance of about 
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tions required include first an adjustment of the fre 
quency of the oscillator, then the adjustment of th 
detector-amplifier circuit for required sensitivity, selec 
a IF fluency, if the heterodyne metho< 

’ ™UTu ’ f a U he ad j ustmsnt the balancinj 
arms of the bridge. The heterodyne oscillator of thi 

detector is ordinarily adjusted to provide a note o 
approximately 1000 cycles. The adjustment of th. 
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balancing condenser and resistance of the bridge results, 
if properly made, in entire extinction of the received 
detector note. Under these conditions of course the 
impedance of the* circuit under test is made known. 

In t he description of the impedance bridge previously 
given, it has been noted that the connections of the 
variable resistance and capacitance permit measure¬ 
ments of impedance having either positive or negative 
reactance or resistance alone. Some experience is 
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obviously required in the manipulation of the circuit, 
in particular in the case where the reactance component, 
of the unknown circuit is positive instead of negative, 
in which case it is necessary to switch the variable 
capacitance to the "unknown” side of the balancing 
coil. This is not infrequently the situation when 
measuring a line over an extended frequency range. 
In obtaining a balance, it is found extremely important 
to adjust, the detector-amplifier circuit in sensitivity 
so that it is not overloaded, in which case, under some 
conditions, an increase in input current may actually 



cause a decrease in the output tone or current. This 
gives a false impression that the bridge is approaching a 
point of balance when, as a matter of fact, it is doing 
just the opposite. The potentiometer must, therefore, 
be carefully adjusted so that the minimum gain in the 
apparatus, consistent with reasonable response in the 
output of the circuit, is required. 

The results of a typical set of impedance measure¬ 
ments are shown in Fig, 14, In this case, the measure¬ 
ments were made for the purpose of establishing the 
accuracy with which high-frequency loading 4 had been 
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applied to a short section of cable. It will be noted 
that the measurements show considerable irregularity 
in impedance, illustrating the presence of perhaps an 
imperfectly spaced loading coil, a condition which would 
have to be remedied before the line would be considered 
entirely satisfactory for carrier service. 

Cross-talk. Carrier systems of similar type are not 
infrequently operated over nearby pairs on the same 
pole line. Satisfactory operation of the systems in 
that case depends upon the degree to which the "cross¬ 
talk” between the pairs concerned has been reduced. 
The problem of rendering circuit combinations free or 
reasonably free from mutual cross-talk at the fre¬ 
quencies employed for carrier systems is one which 
presents many difficulties. Its solution involves the 
application of very refined methods of transposing the 
wires concerned in order to balance out the mutual 
inductive and capacitive effects. It is common prac¬ 
tise, therefore, to make measurements before and 
after the application of the special transposing work 
designed to reduce the high-frequency cross-talk. 

The* measuring of cross-talk is obviously but a 
specialized form of attenuation measurement, In the 
case of lint* transmission, it is desired, of course, that the 
attenuation of the line circuit be as low as possible so 
us to permit the ready flow of energy from one terminal 
to the other. In the case of cross-talk, however, it is 
desired that the attenuation be as high as possible. 
The measurement of cross-talk, therefore, involves the 
reception of extremely weak currents. Whereas, in 
the case of line attenuation measurements, a thermo¬ 
couple circuit may he employed at the receiving termi¬ 
nal, in the case of cross-talk measurements, the sensiti¬ 
vity required makes it necessary to provide relatively 
high gain at the receiving terminal or apparatus of the 
type of the detector-amplifier. 

Measurements of cross-talk involve a transmitting or 
disturbing line and a paralleling receiving or disturbed 
line. Where cross-talk is heard on the disturbed circuit 
at the terminal at which the disturbing current enters 
its circuit, it is termed "near-end cross-talk.” The. 
cross-talk heard at the further end of the circuit is 
termed “fur-end cross-talk.” In most cases of carrier 
system operation, separate measurements are desired 
to determine the extent of the cross-talk of both types. 

In general, cross-talk measuring methods follow in 
principle the attenuation measurements by the substitu¬ 
tion method which has been previously described. 
For this reason, near-end cross-talk measurements are 
somewhat simpler than fur-end cross-talk measurements. 
Fig. 15 shows the connections of the cross-talk set 
when employed for near-end cross-talk measurements. 
As noted previously, the cross-talk set, itself, provides 
not only an attenuator circuit but certain switching 
means indicated schematically by the pair of double- 

4. Development, and Application of Loading for Telephone 
dirndl *, T. Shaw and W. Fondillor, Thanh., A. I. E. I'!., 
1020, p. 208. 
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pole, double-throw switches A. The cross-talk set 
is employed in conjunction with an oscillator and a 
detector such as those previously described. For the 
right-hand position of switch A, the circuit provides 
for switching the oscillator output to the cross-talking 
or disturbing circuit. At the same time, the detector 
is switching to the disturbed circuit. Upon throwing 
the switch to the left, the disturbing and disturbed 



Fig. 15—Measurement of Near-End Cross-talk 


circuit connections are removed and there is substituted 
the attenuator portion of the cross-talk set. Carrying 
out a measurement involves the adjustment’ of the 
attenuator dial to such a position that when the switch 
is thrown alternately left and right, approximately equal 
deflections or sounds are obtained in the detector 
circuit. The reading of the cross-talk meter dial then 
indicates directly the attenuation or cross-talk between 
the circuits under test. This may be read in T. U. 
or in cross-talk units. 

Where far-end cross-talk is being measured and the 
disturbing and disturbed terminals are at remote points, 
a more complex circuit arrangement is employed. If 
attenuation is also to be measured means, such as the 
thermomilliammeter set, are required for adjusting 
the output of the oscillator at the sending terminal and 
for noting the received current at the receiving terminal 
of the disturbing circuit. . The circuit connections are 
shown in Fig. 16. At the sending end or disturbing 
end, the oscillator is adjusted to the frequency at which 
the measurement is desired and connected to the dis- 



Fig. 16—-Measurement of Far-End Cross-talk 


turbing circuit through the thermomilliammeter set. 
The disturbed circuit at this point is terminated in its 
characteristic impedance. The amount of current 
flowing into the disturbing circuit is recorded. At the 
receiving end, through the double-pole, double-throw 
switch B, a similar thermocouple set is connected to 
the disturbing circuit and the current reading there is 


also noted. A comparison of the current readings at 
the two terminals obviously measured the attenuation 
of that circuit in a manner similar to that described 
under “Attenuation.” 

The switching key B is then thrown to a position 
which disconnects the receiving circuit thermomilliam¬ 
meter set and connects the receiving end of the dis¬ 
turbing circuit to the switching key A. Under these 
conditions, when the switching key A is thrown to the 
left, the cross-talk received in the disturbed circuit is 
led to the detector-amplifier where it produces a meter 
deflection or an audible tone. At the same time, the 
disturbing circuit is properly terminated. When the 
switching key A is thrown to the right, however, the 
current at the receiving terminal from the disturbing 
circuit is led through the variable attenuator and 
thence into the detector. Here again, by throwing 
the key A back and forth, an adjustment can be 
made in the attenuator circuit so that approximately 
equal deflections or tones are noted in the detector for 
the two positions of the key. Under these conditions, 



Fig. 17—Gross-talk between Two Open-Wire Lines in 
Close Proximity 

the reading of the cross-talk set dial is a measure of the 
far-end cross-talk; i. e., it is a measure of the com¬ 
parative current received from the disturbing and 
disturbed circuits. -It is sometimes useful to obtain an 
equivalent comparison of received current as noted on 
the disturbed circuit with the transmitted current as it 
enters the disturbing circuit, and it is obviously neces¬ 
sary to multiply the measured cross-talk by a factor 
which is the attenuation ratio of the disturbing circuit 
as measured initially. 

The results of a typical set of cross-talk measurements 
at high frequencies are shown plotted in Fig. 17. The 
circuits involved pairs of wires in close proximity and 
these wires had been previously transposed for the 
distance of approximately 85 mi. in a special manner 
to reduce the cross-talk for carrier system operation. 
It will be noted that as might be expected, the cross- 
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talk increased rapidly with frequency, and it presents 
irregularities with frequency which are the result of the 
phase and magnitude reactions in a relatively complex 
electrical circuit. 

Conclusion 

The various measurements which have been described 
give a representative picture of the testing work which 
may be done in preparing a wire circuit for the installa¬ 
tion of a carrier system. Such tests are also occasionally 


r> Vi 

made in clearing troubles which may appear from time 
to time. 

The measuring methods and apparatus employed are 
the results of the coordinated efforts of numerous 
engineers in the Department of Development and 
Research of the American Telephone and Telegraph 
Company and the Bell Telephone Laboratories. Par¬ 
ticular credit is due those at the last mentioned institu¬ 
tion who are responsible for the design of the individual 
testing units. 



























Methods of Measuring the Insulation 

of Telephone Lines at High Frequencies 

BY E. I. GREEN' 

Associate, A. I. E. E. 

Synopsis— This paper outlines the problem of measuring the The paper includes a description of a special line which has been 
insulation of open-wire telephone circuits in the frequency range constructed for the testing of insulators, an explanation of the essen- 
from 3000 to 50,000 cycles, and discusses a method which has been tials of the measuring technique, and a brief summary of the results 
used in the experimental study of insulator losses at these frequencies. which have been obtained. 


M EASUREMENTS involving the transmission of 
high-frequency currents' over open-wire tele¬ 
phone lines began in the Bell System about 10 
years ago, as a preliminary to the application of the 
first carrier telephone and telegraph systems. 2 Since 
that time, more or less continuous study has been given 
to the different problems involved in the transmission 
over line circuits of carrier frequencies ranging from 
about 3000 to 50,000 cycles. From the beginning it was 
apparent that the attenuation of open-wire line circuits 
at these higher frequencies is very much greater than in 
the voice range of frequencies, and undergoes wide 
variations due to changing weather conditions. Inas¬ 
much as the attenuation is one of the most important 
factors in high-frequency transmission, its investigation 
has been very actively prosecuted along both theoretical 
and experimental lines. 

The fundamental problem which originally presented 
itself was that, of segregating the different losses which 
are experienced by the high-frequency energy trans¬ 
mitted over an open-wire circuit. It was. obvious that a 
substantial part of the increased attenuation at high 
.frequencies resulted from the increase in wire resistance 
due to skin effect, but it was equally obvious that other 
sources of loss were also contributing in large measure 
to the attenuation. It was known that radiation was a 
negligible factor in the line losses. It was known also 
that the “leakage” of the insulators increased rapidly 
with frequency, and that there was no direct, relation 
between the high-frequency leakage and the d-c. 
leakage, which had previously been used as the principal 
criterion of the condition of the insulation of circuits, 
but information regarding the precise nature of the 
leakage losses at high frequencies was lacking. 

The theory underlying computations of the skin 
effect resistance of conductors was well established at 
that time, and the effective resistance of the wires could 
be readily determined. In order to study the other 
losses properly, however, it was necessary to develop 
methods and apparatus for more accurately measuring 

1. American Tel. and Tel. Co., 195 Broadway, New York, 
N. Y. 

2. See Carrier-Current Telephony and Telegraphy, E. H. 
Colpitts and O. B. Blackwell, Transactions A. I. E. E., Vol. 
XL, pp. 205-300,1921. 

Presented at the Regional Meeting of District No. 1 of the 
A. I. E.E., Pittsfield, Mass., May 25-27,1927. * 


their magnitude. These methods and apparatus, and 
their application in practise, form the subject of this 
paper. 

Theory of Leakage Measurement 
Transmission over wires at high frequencies is 
accomplished in precisely the same manner as trans¬ 
mission at low frequencies, the wires acting as the 
guiding medium for the energy in both cases, and the 
same fundamental equations may be applied to both. 
The rate of attenuation for a uniform line circuit 
which is terminated so as to avoid reflection effects may, 
therefore, be determined by means of familiar trans¬ 
mission formulas. The attenuation constant a deter¬ 
mines the decrease in magnitude of the voltage and 
current transmitted over the circuit, according to the 
equations 


where E x and Ji are the voltage and current at the 
sending end of a section of the circuit, and E» and J 2 are 
the voltage and current at a point distant l units from 
the sending end. 

The value of the attenuation constant at any fre¬ 
quency may be derived from the so called “primary- 
constants” of the circuit, which are as follows: 

R = series resistance in ohms per unit length, 

L = series inductance in henrys per unit length, 

C = shunt capacitance in farads per unit length, 

G = equivalent shunt leakage conductance in mhos 
per unit length. 

These constants determine the value of the well-known 
expression 

y = a 4" j P — ■%/(R + 3 (p L ) (G -j- j oo C) (2) 
of which the attenuation constant is the real part. 

The symbol G in the above equation represents the- 
“equivalent” leakage conductance. It is convenient to 
make this equivalent value of G include all of the a-c. 
losses suffered by the energy transmitted over the pair 
except the actual I 2 R loss in the wires themselves. 

An obvious method of finding the value of G under 
such conditions is that of measuring the attenuation of a 
section of line and computing G by means of the 
attenuation formula, using known values of R, L, and C, 
This method has been used quite extensively, and is of 
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considerable value. Unfortunately, however, its use 
requires, for accurate results, a section of line of the 
order of at least 100 miles in length. Any important 
changes in a line of such length are quite expensive, 
and this method is consequently not well adapted to the 
experimental study of the equivalent leakage conduc¬ 
tance obtained for different line arrangements and 
different conditions of insulation. 

A much more satisfactory method for this purpose is 
to measure the leakage conductance on a short line. 
If the line is short enough to, make propagation effects 
negligible, its impedance measured with the far end 
open will be 

• = G + j aC (3) 

and the value of the leakage conductance may be 
obtained directly. 

The determination of the maximum length of line for 
which propagation effects are negligible is comparatively 



Fig. 1—Insulator Test Line at Phoenixyille, Pa. 


simple. The problem -is merely that of making the 
length of the test line a small enough fraction of a 
wavelength to produce only a small phase change in the 
current or voltage transmitted over the line. It can be 
shown that when the total phase shift on the line does 
not exceed five degrees it may be neglected without 
appreciable error. Now the phase shift for an open- 
wire pair is approximately two deg. per kc. per mi. 
Hence, if the phase shift which is allowed is not to 
exceed five deg., and the measurements are to cover 
the frequency range up to 50 kc., the maximum length 
of line which can be measured is evidently 0.05 mi., 
or about 250 ft. It has been found that the use of lines 
whose length does not exceed this value gives quite 
satisfactory results. 

It should not escape attention that the use of a short 
line for measurements of the equivalent leakage conduc¬ 
tance also involves the assumption that the short line 
provides all the sources of loss which are present on a 
longer line of, say, 100 mi. in length. The validity of this 
assumption has been tested by comparing the results 


obtained on a short line with those for a long line, and 
the comparison has shown that, whereas if the long line 
is infrequently transposed there may be some absorption 
of energy due to currents induced in the other circuits on 
the lead, the installation of transpositions required for 
minimizing high-frequency cross-talk ordinarily reduces 
such losses to a negligible value. This is only another 
way of saying that the shunt losses on a well transposed 
open-wire line occur almost entirely at the insulator 
points. This fact is one of outstanding importance, 
since it means that the insulation losses may be deter¬ 
mined on a short line on which a considerable departure 
from the spacing of the insulators and the wires on a 
standard long line is permitted. The method of deter¬ 
mining the leakage conductance on a short line is, 
therefore, extremely advantageous in the study of the 
effectiveness of different types of insulators at various 
frequencies and under various weather conditions. 

Insulator Test Line 

There is illustrated in Fig. 1 a short line which has 
been built near Phoenixville, Pennsylvania, for use in 
comparing the effectiveness of different types of insula¬ 
tors at high frequencies. This line includes about 25 
poles spaced about seven ft. apart. A six-in. spacing 
between wires is used in order to make provision for the 
installation of a larger number of different types of 
insulators than could be obtained with standard wire 
spacing. About 40 different types of insulators are 
actually installed on the line in the picture. 

In constructing this line, it was found convenient to 
make the length and spacing of the wires such that the 
value of the wire capacitance obtained was less than 
the minimum value desired- for measuring purposes. 
With this arrangement, the capacitance may be in¬ 
creased to any desired value by shunting a condenser 
across the wires. The number of insulators installed, 
on the wires was made slightly greater than the mini¬ 
mum value which was deemed essential for accurate 
measurements. 

For a line only 175 ft. long, on which problems of 
external interference or interference between circuits 
do not exist, it might be supposed that the installation of 
transpositions would be useless. Upon investigation, 
however, it was found that an unbalanced relation 
between the two wires of a pair and the adjacent wires 
might produce appreciable loss at high frequencies. 
Accordingly, a simple transposition scheme for bal¬ 
ancing the different capacitances between wires was 
devised and installed. 

Owing to the comparatively small number of insula¬ 
tors employed on the line, it was necessary, in bringing 
the wires into the test station, to use every possible 
precaution in order to avoid having the entrance losses 
comparable in magnitude with some of the insulator 
losses which it was-desired to measure. This difficulty 
has been obviated by the use of several interesting 
expedients which are illustrated in Figs. 2 and 3, 
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Fig. 2 shows the pole at the entrance to the test station, 
while Fig. 3 shows the entrance arrangements at 
close range. Each wire is brought into the test station 
through a glass tube. A special arrangement of glass 
shields or baffles is built over the entrance, the three 
narrow panes used for this purpose being barely 



Fig. 2—Entrance Pole on Insulator Test Line 


discernible in the picture. In order to prevent rain 
from running down the wire to the glass tube, each wire 
is equipped with a drip washer. Springs are used to 
keep the wires taut. 

Testing Technique 

For a test line short enough to avoid propagation 
effects, the impedance which is to be measured may be 
considered as a single conductance shunted by a given 
value of capacitance. This is equivalent, of course, to a 
leaky condenser, and a bridge method similar to those 


frequency leakage conductance on the test line at 
Phoenixville is shown in schematic form in Fig. 4. 
An illustration of the physical disposition of the appara¬ 
tus is found in Fig. 5. 

The salient feature of this bridge arrangement is a 
.specially designed transformer consisting of three air- 
core coils mounted in a shielded container. In accor¬ 
dance with telephone parlance, this three-winding 
transformer is ordinarily termed a “hybrid coil.” The 
hybrid coil type of bridge is well adapted for use in 
measuring impedances whose center is at ground 


Cl 

Ri 



Fig. 4—Schematic Circuit for Measurement of Carrier 
Frequency Leakage Conductance 


potential since the capacitances of the windings to 
ground can be balanced. The details of the design of 
the air-cored hybrid coil are illustrated in Fig. 6, the 
most important feature being the use of bifilar wire for 



Fig. 3—Details of Entrance to Test Station 

which have been employed for the determination of the 
loss angle or power factor of a condenser may be used 
in this case. Since the line wires have a large capaci¬ 
tance to ground, however, it is important that the 
bridge should be well balanced to ground. 

The general arrangement of the bridge and associated 
apparatus used in a typical measurement of carrier- 


Fig. 5 Arrangement of Apparatus for Measurement of 
Carrier Frequency Leakage Conductance 

the two windings to which the oscillator terminals are 
connected. 

The source of high-frequency current for the bridge 
is a vacuum tube oscillator, and the detecting means is a 
detector-amplifier, both being of the types which are 
described i n a parallel paper. 3 It is ordinarily assumed 

3. High-Frequency Measurements of Communication Lines, 
H. A. Affeland J. T. O’Leary, Trans., A. 1. E. E., 1927. p. 504. 
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that the loss in the air condensers used in the measure¬ 
ment is negligible. In order to justify this assumption, 
considerable care must he exercised in the selection of 
the condensers. 

In the frequency range under consideration, the 
equivalent resistance of a small number of insulators in 
parallel is quite hath and is therefore diflicult to dupli- 
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across the line. The resistance balance is obtained by 
adjusting AY Only the frequency and the value of lit 
need be recorded for any measurement. 

The theory by which the recorded values oi Ah and 
frequency in combination with the known value ol ( i 
may be converted into the desired value ot leakage 
conductance is outlined in the Appendix, where it is 
shown that the unknown leakage conductance (i x bs 
given by: 

a x = Ah co” Or (4) 

This equation shows why it. is unnecessary to read the 
value of condenser Ah used on the unknown side of t he 
bridge. If also indicates the dependence of the value 
of the balancing resistance R \ upon t he total eapacitanee 
cm the unknown side of the bridge. 

The balancing of the bridge is a rather delicate 
matter and extreme care is required in order to secure 
accurate results. The reason for this will be apparent; 
when it. is noted that the reactance' represented by Ah 
may be, in dry weather, several hundred times the 
value of the resistance Ah. The diflieulty of attaining 
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cate on the standard side* of the bridge. It is well 
known, however, that a condenser having some dissipa¬ 
tion of energy may be considered, at a given frequency, 
as equivalent, to a hypothetical resistance either in series 
or in parallel with a perfect condenser. Hence the line 
impedance, which resembles that of a condenser and 
resistance in parallel, may be simulated on the standard 
side of t he bridge by a resistance and condenser in series. 
The range of values of standard resistance required 
with this arrangement can he physically realized with¬ 
out dillieulty. 

Instead of employing the obvious method of adjusting 
the capacitance on the standard side of the bridge to 
equal that on the line side, use is made of a method 
which is much more convenient for the computat ion of 
results. With this method the capacitance on the line 
side of the bridge is adjusted to the capacitance on the 
standard side. Thus condenser (\ is kept at a fixed 
value, and the capacitance balance is obtained by 
varying the setting of condenser (.'* which is shunted 


a high degree of accuracy in the reading of Ah when the 
voltage across it is only a few thousandths ol that, 
applied to the bridge, scarcely needs to he pointed out. 

In set,ting up the apparatus, every precaution is 
t aken to avoid any stray pick-up of the oscillat or output 
in the bridge or detect or circuits. Such a mischance is 
ordinarily obviated by keeping the various pieces of 
apparatus well separated. 

The results of a typical set of measurements of leakage 
conductance at different frequencies are plotted in 
Fig, 7. As indicated in the figure, it, is ordinarily 
desirable to record in some detail the weather condi¬ 
tions which prevail at. t he time when the measurement s 
are made, in the correlation of t he measured values of 
leakage conductance with the weather variations, a 
recording rain gage has been found very useful for 
indicating the total precipitation and the rate of 
precipitation throughout; any testing period. 

The record of the a-e. leakage conductance is gen¬ 
erally supplemented by a record of the d-c. leakage 
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under the same conditions. This latter may be readily 
obtained with a source of direct voltage and a micro¬ 
ammeter or a high-resistance voltmeter. It has also 
been found desirable to secure continuous records of the 
d-c. leakage over fairly long periods of time, and for this 
purpose a recording mieroammeter has been used with 
satisfactory results. By means of a multi-record 
instrument, simultaneous records may be obtained on as 


Pair \ 


Pair 3 


-o 



H[l |l|® |l Recording 

Micro- j 
_Ammeter 


Conclusion 

In conclusion it may be said that the general methods 
described above have been used at Phoenixville, 
Pennsylvania, in the study of the performance of 
various types of insulators over the entire frequency 
range up to 50,000 cycles. The work has served to 
illuminate the different phenomena involved in the 
leakage conductance of open-wire lines, and has made 
possible an accurate determination of the relative 
magnitudes of these phenomena. Finally, it has 
resulted in the development of insulators which have 
improved characteristics in the carrier range of fre¬ 
quencies and which are now rendering service on many 
lines of the Bell System. 

The author wishes to state that this paper describes 
work in which a number of engineers of the Department 
of Development and Research of the American Tele¬ 
phone and Telegraph Company have been engaged. 
Particular credit is due to Mr. R. N. Hunter, who 
developed the air-cored hybrid coil, and began the 
measurements of leakage conductance, to Mr. L. T. 


Fig. S ^schematic Circuit for Continuous Measurement 
of D-C. Leakage 

many as six pairs. The general circuit arrangement for 
a continuous measurement of d-c. leakage is indicated 
schematically in Fig. 8, and a sample record for a single 
pair is given in Fig. 9. The rainfall record corre¬ 
sponding to the leakage measurements of Fig. 9 is 
presented in Fig. 10. 

It has been recognized for some time that a method of 


Measured with Tapalog 



Fig. 9— Typical Curve of Measured D-C. Leakage 


obtaining a continuous record of the a-c. leakage con¬ 
ductance on one or more pairs would be extremely 
valuable, since it would provide a record throughout 
the night, when the test station is normally closed, 
and might economize on testing time during the day. 
The problem of developing such a method has been 
attacked from several angles, but no completely 
satisfactory result has as yet been attained. 



Wilson, whose researches into the theory of insulator 
losses and their measurement have been of great value, 
and to Mr. F. A. Leibe, who has made important 
contributions to the measuring technique. 

Appendix 

The theory by which the desired value of leakage 
may be derived from the known values of R u C 1 and 
frequency is as follows. The impedance of the standard 
side of the bridge is 

Zm = Rl ~ UcT ® 

If the total capacitance on the unknown side of the 
bridge is represented by C„ (C. = C 2 + Cl), and the 
eakage conductance by G, then the impedance on that 
side of the bridge is 

= A+jaC. (®) 

This equation may be reduced to 
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has a value of approximately 0.01 or less. Hence, no 
appreciable error is involved in simplifying equation ( 7 ) 
( 7 ) to 
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iitpH in - jT’fa'is paper describes precision high-frequency 

? 'tiiir ft in of cl fundamental type, special emphasis being 
tut l ft* r rn&cx&TAring circuits rather than on the types of apparatus 
ml. 

’iilund.t-t c>f frequency, resistance, capacitance, and inductance 


are discussed briefly■ Bridge measurements are described for the 
measurement of frequency, inductance, effective resistance, capaci¬ 
tance, dielectric loss, capacitance balance, and inductance balance. 
Circuits for the measurement of other high-frequency characteristics 
such as attenuation, gain, cross-talk, and modulation are included. 


Introduction 

)N’t * DISTANCE electrical communication is now 
beings effected by means of frequencies embracing 
{hi* itULcHDle range and extending from there to the 
died Bliort wavelengths employed in radio trans¬ 
om According to the field of usefulness, this 
o ritrifge lias been subdivided into the audio, the 
it. cl f lic radio ranges. From the viewpoint of 
unvcr engineer, all of the frequencies embraced in 
, r:in ges are high frequencies, but to the communica- 
cng, i neer, only those frequencies in the upper 
insure considered high. # 

I his paper we will accept the power engineer s defi- 
*n and will discuss methods of measurement and 
, ur 'jng instruments adapted to the measurement of 
['mini cation apparatus over this complete range. 

I e ,f t/lic measuring apparatus described, however, 
•siimc^d particularly for use at audio and earner 
, S . K b- 'The measuring methods which are dis- 
intended primarily for laboratory use in 
l<! ..i' on with the development and inspection of 

‘I’* !* a pparatu s prior to its application in the field. 

’ u,t r ( > f -tine transmission problems in the communi- 
an y involve the impedance characteristics of 

m aI1 d circuits. In the manufacture of ap- 

u ai t 1 ^ edance limits are used to a very great 
lt us * inspection tests. Consequently, quantities 
importance are those defining impedance 


nt ip 
uriin ■£* 

77f the Bell Telephone Laboratories, Ino., New York, 


But 


nt the Regional Meeting of District No. 1 of the 
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characteristics; that is, inductance, capacitance, and 
resistance at specified conditions, of course, such as 
temperature, frequency, and current or voltage. Other 
characteristics, of a less fundamental nature but 
nevertheless of considerable importance, are attenua¬ 
tion, gain, inductance and capacitance balance, cross¬ 
talk, flutter, and modulation. Since the three impedance 
components mentioned above, together with frequency, 
are probably of more general interest, this paper will be 
devoted largely to a discussion of their measurement, 
only brief reference being made to the methods used for 
the measurement of the latter group of characteristics. 

As in all measurement work, standards representing 
the quantity are required, and these are of two classes, 
prime standards and secondary or working standards. 
In our case, the prime standards are resistance and 
frequency. From these we derive inductance and 
capacitance. Working standards are stable types of 
inductance coils, air and mica condensers, adjustable 
resistances, and for frequency, resonance type meters 
and highly stable oscillators. 

Prime Standards 

Frequency. The standard frequency used is that 
described by Horton, Ricker, and Marrison 2 . 

Briefly, it comprises a special self-driven fork held 
at constant temperature and having all other condi¬ 
tions of operation so thoroughly controlled that a high 
degree of frequency stability is obtained. The exact 
frequency is measured by driving synchronously a 

2. Frequency Measurement in Electrical Communication, 
Horton, Ricker, and Marrison, A. I. E. E. Trans., 1923 p. 730. 
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phonic wheel for determining the number of cycles 
occurring in a given time interval. This time interval 
is usually a period of 24 hr. as measured by time signals 
received from Arlington. The average frequency of 
this fork is'capable of being held constant and measured 
in this way with an accuracy of about 0.001 per cent. 

The frequency of 100 cycles obtained from this fork 
is used to drive a 1000-cycle slave fork from which an 
equally constant 1000-cycle frequency is obtained. 
Having these frequencies, all other frequency measure¬ 
ments may be made with as high an accuracy as desired 
by direct comparison, using the cathode-ray tube as 
described in detail by Rasmussen 11 . 

Resistance . Resistance standards specially designed 
for use with direct currents and having a very high de¬ 
gree of stability may be readily purchased or constructed 
and calibrations to a high degree of accuracy may be 
obtained from the Bureau of Standards. These 
resistance standards are not suitable for precision 
measurements at high frequencies, usually being wound 
on metal spools, and the value of the phase angle re¬ 
ceiving only secondary consideration. It is necessary, 
therefore, to use resistance standards of special construc¬ 
tion depending upon the particular application to be 
made. In all cases, constancy of resistance with 
variations in atmospheric conditions, frequency, and 
time is imperative. Generally as small a phase angle 
as possible is also highly desirable, although for some 
uses a suitable degree of constancy may be sufficient 
provided that the angle is known, and not large 
enough to affect appreciably the magnitude of the impe¬ 
dance of the resistance over the frequency range used. 

To obtain the highest degree of stability of both 
resistance and phase angle, it has been found desirable 
to wind the wire on a spool made of a material not 
affected appreciably by atmospheric conditions, for 
example, phenol fiber, and to immerse the complete 
resistance in a sufficient amount of a suitable sealing 
compound to exclude all moisture. Resistances meet¬ 
ing all of the requirements outlined have been con¬ 
structed as described in a recent paper by one of the 
authors. 4 Coils such as described there, having a 
resistance of approximately 1000 ohms, may be con¬ 
structed to have an effective inductance of less than 
five microhenrys, and this inductance is practically 
independent of frequency up to at least 100 kc. Coils 
having lower values down to about 10 ohms can be 
made with equally small phase angles. Below this 
value of resistance, it is more difficult to hold a low 
phase angle. 

Coils constructed as described may be considered to 
have so small a change in resistance with frequency that 
a calibration with direct current may be used without 
appreciable error for all frequencies at which they are 

y. Frequency Me,(inurements with the Cathode Ray Oscillograph, 
F. .1. Rasmussen, A. X. E. E. Thanh., 1926, p. 1250. 

4. A Shielded Bridge, for Inductive Impedance, W. 4. Shackoiton 
A. I. E. K., Thanh. Vol. XLV, 1026, p. 1266. 


used. Both the variation in resistance with frequency 
and the phase angle may be most readily measured 
by comparison with some simple type of imRumce of 
such geometrical form that the phase angle may he 
readily computed. Satisfactory resistance- for this 
purpose arc* short lengths ol line win* ot definite shape, 
sputtered metal films mi glass or ether insulating 
material, and carbon in the form of rod or film, 

SEUuNPAUY Sl'ANI»AW!»S 

Capacitance. The valueoi mir capacitatm* standards 
is determined in terms of tin* prime standard-. of fre¬ 
quency and resistance. This determination may hi* 
made in several ways, the following bridge method 
being a simple and accurate one. The circuit. m shown 
in Fig. 1, consists of two equal resistance ratio arms, a 
resistance and capacitance in parallel m the third arm, 
and a resistance and capacitance in aeries in the fourth 
arm. When this bridge is balanced at any particular 
frequency, the relations between the impedance arms 
of the brie Ige are such that the value of each capacitance 
may be determined in terms of the frequency and the 
two resistances. 



Fiu. 1 Bitmtn; (’niciir jmu M* %<>» ue*** t As*o homo.. jn 
Tkhmh or Uk«ihi \m j. **;i* fat >*>,» % 


The requirements for a capacitance standard are 
high constancy with variations m frequency, bine, 
voltage, and atmospheric conditions, and a smalt 
phase difference. Mica has been found to be !he best, 
solid dielectric, used either ulnae or impregnated with 
a high quality wax such as paraffin. If mica alone is 
used, the condenser must lie sealed to prevent the 
entrance of moisture. 

Good mica condensers can be obtained with a tem¬ 


perature coefficient below u.tilth per cent per deg, cent., 
and having a variation of less than (1,1 per cent over a 
frequency range from fit HI cycles to Inn he, \ ana? ions 
in capacitance with voltage are also negligible provided 
voltages below Hit) volts are used, it has been our 
experience that the paraffin impregnated condensers 
generally have a negative change of capacitance with 
temperature. This change is smaller than that of the 
unimpregnated type Which 1ms a positive change with 
temperature. The paraffin impregnated condenser#* 
however, usually change more with time than the 
ummpregnated condensers. 

^Air condensers may be used m standards m small 
sizes. b or the larger values, the air condenser* become 



large 
cone] 
prep; 
whip 
the : 
•diffu 

Ik 
are ] 
sati i 
It is 
ex to 
take 

h 
lion 
corn 
if a 
is dt 
(list,: 
Thu 
wild 
resp 
air < 
wild 
nut.! 

T 

mat 

cap; 

will 

eirot 

dels 

lain 


mn; 

coir 


mat 
met 
Jury 
user 
b 
for 
one 
eye 
sta‘ 
exf 
it \ 
mu 
eon 
act" 
1 

inn” 

reU' 

It 3 

tw< 
a i 

ft 

Ved 

l! 

<he 

inf 



May ll»27 


SHAUKKLTON AND FKItGUSON: Iliai-I-FttKQUBNOY MKASUItKMKNT 


521 


large and cumbersome and are not; as stable as the mica 
condensers. Kven in the smaller sizes, very special 
precautions must, be taken to obtain air condensers 
which have appreciably smaller phase differences than 
the mica condensers, which may be made with phase 
differences considerably less t han one minute. 

Induvlamr, Requirements for inductance 4 standards 
are high constancy with variations in time, current, or 
saturation, atmospheric conditions, and frequency. 

It is also desirable that they be made with a small 
external field. Otherwise, very great care must be 
taken to avoid errors due to this cause. 

In order to obtain stability with variations in satura¬ 
tion, it is usual to make inductance standards with air 
cores. This requires standards of large physical size 
[f a time constant, as large as the average iron core 4 coil 
is desirable. This large size result s in large capacitance 
distributed in the coil itself and from the coil to ground. 
These capacitances cause large variations in inductance 
with frequency and with the position of the coil with 
respect to ground. On account of this difficulty with 
air core coils, permalloy 1 ’ as core material has been used 
with considerable success as described by one of the 
authors*. 

The calibration of these inductance standards may In 4 
made by comparison with any two of the quantities, 
capacitance, resistance, and frequency. Comparison 
with frequency and resistance may be made in a bridge 
circuit exactly similar to the one used for capacitance 
determination, substituting inductances for capaci¬ 
tances. A comparison with frequency and capacitance 
may be made by means of a resonant method, and 
comparison with capacitance and resistance may be 
made by means of the Owen bridge." The resonant 
method is used generally except for those eases requiring 
large capacitance, in which rases the Owen bridge is 
used. 

J ,y n ([itin i'h. As a secondary standard of frequency 
for use with t he cathode ray t ube, where practically only 
one standard frequency is required, a special lOOb- 
cycle oscillator is used, designed particularly for high 
stability of frequency with ordinary variations in 
external conditions. This oscillator is shown in I*ig. 2. 
It allows t lie use of a cathode ray tube for frequency 
measurements with a high degree of accuracy under 
conditions where the prime standard of frequency is not 
accessible. 

Where a port able frequency standard is desirable, for 
instance, as a means of shop frequency cheeks, a 
resonance type of meter is used. This is shown in b ig. d. 

. It; is essentially a resonance bridge circuit consisting of 
two equal resistance ratio arms, a third arm containing 
a resonant, circuit, and a variable resistance as the 

n. II. D. Arnold uml <1. \V. KIiimmi, Franklin ImdiluL • Journal, 
Vol. 1115 , lie;, 

(>. D. (hvnt. “A Bridge for the MmisunMuent of Hclt-Iu- 
lluetfUie*-," I'nu t < tiiwjH t*( tin rUffi-inil Sot'it hj oj London, Oiitobor, 
ID II. 


fourth arm. The capacitance and resistance are 
variable over wide ranges by means of decade switches, 
and the capacitance is capable of fine variations by the 
use of a form of precision variable air condenser having 
provision for line control. There are tour air-core 
inductance coils which give, in conjunction with the 



FlU. 2 StN’ia.K-FltKiJt MNOY VACCOM TeilK OSOIJJ.ATOU UHRD 

as Skcondauy Stash vitu of Fukucmncy 

variable capacitance, a frequency rang** of about. 1.00 
cycles t o 150 ke, 

•""yphe meter is calibrated by balancing the circuit by 
means of the variable resistance and capacitance with a 
known frequency input, and recording the coil and 
condenser settings. It. is used for cheeking frequencies 



Fto. .*5 Rkhonanck-Tyi'k Fukijiikncy Mbtku 

by reversing the process, that is, connecting the source 
of unknown frequency to the bridge, balancing as before, 
and determining the frequency by reference to the 
calibration. There are no input, or output, transformers 
connected to this circuit, and on this account, certain 
precautions must, be taken in connecting the output and 
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input circuits to it; but it is a relatively low impedance 
circuit, and troubles due to this cause have not been 
found serious. 

Resistance. A convenient secondary standard of 
resistance is a dial box having the resistance units 
designed to meet the same requirements as the prime 
standards. Commercial dial boxes are available, having 
satisfactory stability with variations in frequency and 
atmospheric conditions, and having sufficiently small 
phase angles for all frequencies but the highest radio 
frequencies. 

A dial box, requiring as it does, a certain amount 
of wiring between dials, and having all of the dials 
connected permanently whether they are used or not, 
always has more capacitance and inductance associated 
with it than a single resistance of the same value. A 
certain amount of compensation between the capaci¬ 
tance and inductance may be effected by proper design, 
but it may be generally accepted that the inductance of 
the wiring makes the phase angle of the low resistance 
values comparatively high and the capacitance between 
dials and between units of each dial makes the phase 
angle of the high values comparatively high. This 
effect can only be overcome by a compact design using 
coils of small physical size. This sets a limitation on 
coils for use in dial boxes which is not present to such an 
extent in the case of single resistance units or single 
value prime standards. 

Methods of Measurement 

We have discussed already measurements of fre¬ 
quency and resistance in connection with the description 
of standards, and we will not discuss them further here. 
We are particularly concerned with the measurement of 
impedance of all types, it being understood that any 
resistance having a phase angle which is not negligible 
or which is of special interest is to be considered a special 
type of impedance. 

In measuring impedances, we have found that those 
methods which determine the unknown in terms of cir¬ 
cuit constants are superior to those requiring the 
measurement of current and voltage. Accordingly, 
bridge methods are used almost exclusively, and 
furthermore, the bridge type which is used wherever 
possible is the equal ratio arm bridge in which a direct 
comparison is made of the unknown impedance with a 
known impedance adjusted to that same value. This 
type of measurement has the disadvantage of requiring 
standards of the same value as the quantity measured 
over the whole range of impedances used, but it has the 
compensating advantages that, having standards whose 
value is known, this circuit is extremely simple, very 
easy to check at any time, and may be made extremely 
accurate. 

Auxiliary Apparatus. Without going into details 
regarding the auxiliary apparatus used in connection 
with bridge measurements, we may state briefly that 
vacuum tube oscillators are used almost exclusively for 



furnishing all frequencies, and that the telephone 
receiver is used almost exclusively as a detector, due to 
its simplicity and the rapidity with which it may be 
used. For frequencies below 200 cycles, it is used with 
a chopper to give a tone of about 1000 cycles, and above 
3000 cycles, it is used with a heterodyne detector to give 
a beat note of about 1000 cycles. In the audio fre¬ 
quency range, it is used alone or with an amplifier, 
if necessary. 

While it is impossible to draw a distinct line between 
the methods of measurement of different types of 
impedances, certain bridge circuits have been designed 
primarily for certain types of measurements, and we will 
therefore classify them in this way, although in general 
they have a considerably wider sphere of usefulness 
than indicated. 

Inductance. A simple shielded bridge for the mea¬ 
surement of inductance and resistance has been de¬ 
scribed by one of the authors 4 and is shown in schematic 



Fig. 4—Shielded Impedance Bridge Circuit 


form in Fig. 4. It comprises two equal resistance ratio 
arms, an adjustable standard of self-inductance, an 
adjustable resistance standard, a thermocouple milliam- 
meter, two reversing switches, two transformers, and 
two air condensers. This apparatus is grouped into 
three separate units, as shown in Fig. 5, one comprising 
the standards of inductance, one the resistance standard 
and one the remaining parts of the circuit. Each of 
these units is shielded electrostatically. The last 
assembly constitutes the balance element of the system, 
by means of which the unknown and standard im¬ 
pedances are compared. This unit may be used alone 
for the comparison of two impedances of any type since 
the only condition for balance is the exact equality 
of impedances in the two arms. Using in addition the 
standard inductance and resistance shown, it is adapted 
particularly for measuring inductance and effective 
resistance. The inductance standard may be made 
with a range from 10 henrys to a minimum of two 
mi lhenrys, using-an induetometer having a minimum 
scale division of 0.1 millihenry, or the range may be 
any simple multiple of this. Values as low as one 
microhenry at frequencies as high as 150 kc. are 
measured m this way. 

By connecting the resistance in one arm of the bridge 
and a capacitance in series with an inductance in the 
o er arm, we may use it to indicate resonance, and if we 
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measure the frequency we may use this method for the 
comparison of capacitance with inductance. This is the 
method actually used for the calibration of the in¬ 
ductance standard used with the bridge. The bridge 
may be used for the comparison of capacitance. The 
bridge described later for the measurement of capaci¬ 
tance, however, has certain special features which make 
it peculiarly adapted to the measurement of capacitance 
and conductance. 



Fig. 5—Shielded Impedance Bridge and Standards, 
Connected to Vacuum Tube Oscillator and Heterodyne 
Detector 

Inductance until Superposed Direct Current. In 
telephone work, it is often of value to know the per¬ 
formance of apparatus, particularly of iron core im¬ 
pedances, when used at telephone frequencies while at 
the same time carrying direct current. The bridge 
shown in schematic form in Fig. 6 will measure the 
inductance of the coil at audio frequency with a direct 
current flowing through it. As shown in the figure, 
the direct current is kept out of all of the arms of the 
bridge except one ratio arm and the test arm, by 
means of condensers, and the alternating measuring 
current is separated from the direct current by means of 
a choke coil. None of these added features affect the 
bridge balance except the capacitance in the standard 
arm, and this is made large enough (26 pi.) to have an 
impedance small compared with the impedance mea¬ 
sured. In any case, a correction may be made by 
taking first a zero reading which will be slightly positive 
due to the inductance necessary to compensate for the 
capacitance in this circuit. This correction will vary 
with frequency but at 1800 cycles, for instance, with 
26-pi. capacitance, the correction is only about 0.3 
millihenry and the inductances measured are usually 
considerably larger than this. 

The circuit is extremely simple and convenient to 
use. The values of alternating current and direct 
current can each be measured separately outside of the 
bridge circuit and the inductance standards do not need 
to be constructed to carry the direct current. The 
only part of the bridge required to carry the direct 
.current is one ratio arm and in consequence, it is a 
comparatively simple matter to construct such a 


bridge to carry several amperes of direct current. 
Where very high direct currents are required, the 
ratio arms may be reactances wound on a single core, 
instead of resistances, thus reducing the loss due to the 
passage of the direct current. 

Flutter. In telephone circuits used for joint telephone 
and telegraph service, it is desirable to know the effect 
of the telegraph impulse on the telephone frequency 
inductance and effective resistance of the loading 
coils used on the lines. This effect, known as “flutter,” 
with a method of measuring it, is described in detail 
by Fondiller and Martin 7 . The measuring circuit 
consists of a double bridge, the inner one consisting of 
two similar loading coils on which the flutter effect is to 
be measured and two other coils of comparatively 
high impedance approximately equal in value and which 
have negligible flutter effects, the four coils being con¬ 
nected to form a balanced bridge. The low frequency 
corresponding to the telegraph impulse is introduced at 
two diagonal corners and the other two corners, which 
are at a common potential with respect to the low 
frequency, are connected to the usual test terminals 
of an impedance bridge of the type already described. 
With no low frequency current passing through the 
coils, a continuous balance may be obtained on the 
main or high frequency bridge using an audio frequency 
input. From this, the normal effective resistance and 
inductance of the coils may be obtained. 

When the low-frequency current passes through the 
coils, the inductance and effective resistance are dif¬ 
ferent for every point of the low-frequency cycle. 
Thus, only an instantaneous balance of the outer bridge 
is possible. This instantaneous balance for any partic¬ 
ular point in the low-frequency cycle may be made by 



Superposed Direct Current 


the use of an electromagnetic oscillograph. By this 
means as described in the paper already mentioned, it 
is possible to obtain the curve of variation of inductance 
and effective resistance of the coil over one low- 
frequency cycle. 

Another method used at the present time employs the 
same bridge circuit but an entirely different method of 
detecting the cyclic variation in the balance. This 
method of detection uses the cathode-ray oscillograph 

7. W. Fondiller and W. H. Martin, Transactions of the 
A. I. E. E., 1921, Vol. 40, p. 553. 
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and is as follows. The low-frequency source is con¬ 
nected across a high resistance and condenser in series, 
the two having equal impedances. The potentials 
across the condenser and resistance are then placed 
respectively across the horizontal and vertical plates of 
the oscillograph. These two potentials, being equal 
in magnitude but 90 deg. apart in phase, give a circle on 
the screen. The output of the main bridge is now con¬ 
nected through a transformer whose secondary is 
connected in series with the oscillograph cathode 




■ - 


F ig. 7—Schematic Circuit of Capacitance and 
Conductance Bridge 

potential. Due to the fact that the sensitivity of the 
tube to deflections by the plate potentials varies with 
the cathode potential, the radius of this circle produced 
by the low frequency is a function of the telephone 
frequency input from the bridge, and instead of a 
circle we get a band, the width of which is a measure 
of the degree of unbalance of the bridge. The point in 
the cycle at which the bridge is balanced, is indicated 
on the screen as the point where this band diminishes 
to a line, and the angular position of this point in 
the band determines the phase position of this balance 
with respect to the low-frequency cycle. It is possible 
m this way to balance the bridge for any angular position 
corresponding to any point in the low-frequency cycle, 
and bj taking sufficient points, to obtain a curve of 
variation of the coil constants over a complete cycle, 
this method is found to be simpler and faster than the 
method using the mechanical oscillograph. 

Inductance Balance . A simple form of bridge for 
measuring inductance balance of the two windings of a 
transformer or other coil uses the two windings of the 
transformer for two arms, the other two arms being 
resistances, one of which at least is variable. The 
balance is made by means of the variable resistance 
the ratio of the two resistances at balance then giving 
the unbalance of the transformer. If one of these 
resistances is made 100 ohms, the variation of the other 
from 100 ohms at balance gives directly the percentage 
unbalance. Any unbalance in resistance is usually 
comparatively small and may be taken care of by low 
resistances m series with the transformer windings. 

Ratio of Transformation. A similar bridge may be 
used tor the measurement of ratio of transformation. 

ere ar e many cases where the secondary of a step-up 
ransformer has an inductance which is inconveniently 


large to measure directly, and the ratio of transforma¬ 
tion circuit eliminates this necessity. The circuit 
used is practically the same as that already described 
for measuring inductance balance, the ratio of trans¬ 
formation being equal to the ratio of the resistance arms 
of the bridge at balance. 

Capacitance. The direct comparison of capacitance 
is made in a special bridge known as the Campbell- 8 
Colpitts 9 capacitance and conductance bridge. The 
ratio arms, input and output circuits, and the shielding, 
are similar to the impedance bridge already described. 
The unique feature of this bridge is the method of 
connecting the standard air condenser to eliminate the 
dielectric loss in the measurement of capacitance. 
The schematic diagram of the bridge is shown in Fig. 7. 
Instead of connecting the standard condensers in the 
arm A D as in the case of the impedance bridge already 
described, a special switch is used to switch these 
condensers from AD to CD, and in the case o fthe 
continuously variable condenser, the three-plate con¬ 
struction is used, causing a decrease in the capacitance 
in C D as the capacitance in A D is increased. 

The method of construction of the unit air condensers 
is shown in Fig. 8. It may be seen from this figure that 
all capacitances which include dielectric material are 
permanently connected across CD or AC and so are 
not changed when the condenser is switched, or else 



Fig. 8-Air-Condenser Construction Employed in the 
Capacitance and Conductance Bridge 

they are switched so that capacitances across A C, which 
o no enter into the bridge balance, are short-circuited 
on switching. This scheme eliminates all dielectric 
oss m the standards- when measuring condensers by 
comparison with them. It has the additional ad- 
vantage that the capacitances in the bridge have twice 
the effect they would have if simply switched in and 
out of the circuit. 

By the use' of this bridge, it is possible to measure 
capacitances up-to the maximum limit of the range of 
? ir C ° nden ^f rs Wlth a negligible loss in the standard 
o m en 7 S ' 7 ca P ac ^ ance range is usually up to 
" ‘ an * or con densers above this value the 

—ductance is measured by comparison with that of the 

Ji fnsLZ'Xril 2, ‘Jot p h M7 ed BaIan0 °” ***** W ° M 
b!i slA 
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maximum value of (.ho air eondenser, assuming it to have 
negligible* conductance. Of course this method of 
eliminating dielectric loss is not applicable to the use of 
mica condenser standards and if a range greater than 
0.01 ji f. is desired, the mica condensers are simply 
connected in the usual way across A I). 

Another feature 1 of this bridge* is the method e>f 
measuring conduetanec. The* connection of a variable 
resistance*, either in se*ri<*sor in shunt;, with the standard 
condense*!' for the measurement of loss in the* test, 



condense*!' has objections due to the* wide range of 
resistance* value's required to cover the* possible varia¬ 
tions in losses. A compromise is elfeclod in this bridge 
by connecting a 1.0,000-ohm shunt, across each of the 
arms (■ D and A IK A slight, dilference in the* losses in 
these* two arms can then he measured by varying one of 
these* resistances slight ly. Since the standard eemdenser 
practically always will have* lower losses than the 
condenser tested, it. is usual to place a lixeel 10,000-ohni 
resist,a,nee* across C I) and a resistance across A I> 
variable iti O.ODohm steps to 10,000 ohms, A change* of 
one* ohm in this resistance, when balancing a condense*!', 
is eejuivalent to shunting it with a resistance of 1.00 
megohms or 0.01 micromho. Accordingly, the con¬ 
ductance of a condenser may he measured in micremhos 
by simply dividing the resistance* change* in ohms by 100. 
This, of course, is only approximate* in the e*ase of large 
conducbinces, but is correct to 1 per cent, for value's up 
to one micromho. ■ 

Due to the* condensers forming such an integral part; 
of the* bridge* circuit, they are* all built into the brielge. 
The complete* bridge is shown in Figs, 0 and 10. Fig. 0 
is a top view showing the* capacitance and resist,anee 
dials for eileeting a balance, and Fig. 10 is a view with 
the cover removed, showing the method of shielding 
the individual parts. The range* of capacitance is 
from 0.1 fj. (i f. up to three ju f., and the frequency range 
is from about, 10 cycles up to about 150 ken, the emly 
modifications required in the bridges to cover this whole 
frequency range being a change in input and output 
transformers, as it is not found practicable to design 


these transformers to give eHicient operation over such a 
wide frequency range. 

A comparison of this bridge with the impedance 
bridge alreaely mentioned shows it, to he* essentially 
the same* circuit,, the* capacitance brielge* having eon- 
eluctance shunts not included in the impe-elane-e bridge* 
which allow a cemdue'lance balance* t.e> be* made* more 
readily. It is obvious that any t.wo impedance's can be* 
compareel on t his bridge*. Induclaimes may be* measured 
by parallel resonance by simply placing the*m in the 
A /) arm in parallel with the* standare! eemdenser and 
eileeting a balance with it. This met,hex! is used to 
some* extent, for the me*asure*ment. of large* inductances. 

('upucifancc ilvhuluun 1 . In order to keep cross-talk 
low in long cable* circuits, it is ne»ce*ssary to have a high 
elegree* of capacitance* balance* be*fwe*en flu* various 
coneluctors in the* cable*, more particularly between the 
tour conductors of a phantom group. The* unbalances 
of interest are the phantom to each side circuit and the* 
sido-lo-side* unbalan<*e*s. These* may be measured on a 
eapaeilaner bridge by measuring alt of the direct 
capacitance's’ 1 associated with the* group and computing 
the* imbalances required. A special circuit., however, is 
generally useei which measures directly the* particular 
unbalances in which we*are* interested. It consists of an 
input and an output transformer, two espial resistance* 
ratio arms, a variable* air condenser of the three-plate! 
type*, four binding posts for connect ing the four conduc¬ 
tors of tin* e.|uad, aiiel switches for making the various 
connect ions. I ly means of t he switches, the* cable 
coneluctors are eemnerteel to the circuit; in such a way 
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that the reading of the* air eemdenser when a balance* 
is obtained indicates directly the unbalances, either side*- 
to-siele or phantom-lo-sule*, according to (lie switch 
positions. This circuit is capable of measuring capaci¬ 
tance* unbalance as low as 1 ju \x f. 

AtUmuation and Gam. So far, we* have discussed the 
measurement of the fundamental impedance character¬ 
istics of apparatus. When the component parts have 
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been found to meet their individual impedance re¬ 
quirements and are assembled to form the completed 
apparatus, it is desirable to have tests made of the over¬ 
all performance of this apparatus. In a large number 
of cases, the requirement of greatest importance is the 
attenuation frequency characteristic. It is fairly 
obvious that this characteristic, of all apparatus used in 
telephone lines, is of interest, and this is particularly 
true of all types of filter circuits which are designed 
primarily for the purpose of furnishing definite attenua¬ 
tion frequency characteristics. These measurements 
are particularly required on apparatus used in carrier- 
current telephony and telegraphy. 

From the very nature of the measurements, it is 
difficult to obtain a null method of measuring at¬ 
tenuation. The most direct method is to measure the 
input and the output of the apparatus under test 
simultaneously, from which the attenuation may be 


T. U. corresponding to a ratio of power output to 
power input of ten billion to one or, if the impedances are 
the same, which is usually the case, corresponding to a 
current or voltage ratio of 100,000 to 1. 

The calibration of these attenuators is based on the 
measurement of the individual resistances. Of course, 
sufficient measurements are made to determine that any 
capacitances which enter do not affect appreciably the 
accuracy of the attenuator at the maximum frequency 
used, which may be as high as 150 kc. 

By modifying the circuit of Fig. 11 A, we may use it 
to measure gain as shown in Fig. 11b. In this arrange¬ 
ment, the lower branch contains an impedance Z A that is 
adjusted to introduce a loss equal to that of the match¬ 
ing impedance Z 2 in the upper branch. In other words, 
with the amplifier under test out of the circuit and the 
standard attenuator set at zero, the detector will read 


computed. The practical difficulty in doing this is to 
measure the extremely small outputs which are obtained 
from apparatus having high attenuations, where the 
characteristic must be obtained with the normal input, 
which is usually low. In general, it has been found 
necessary to use some form of amplifying device in the 
output circuit and it has not been found desirable to 
rely on the constancy of amplification of this device. 
Accordingly, the usual method used for the measure¬ 
ment of attenuation is a substitution one. The circuit 
is shown in Fig. 11a. There are two branches in this 
circuit, one of which includes the apparatus under test 
and the other containing a variable standard attenuator. 
The output of each branch is arranged to connect either 
to a detector of impedance Z\ equal to the impedance 
of the standard attenuator or to a fixed impedance of the 
same \ alue. If the apparatus under test has the same 
impedance as the standard attenuator, the input 
impedances Z A and Z% are made equal and the matching 
impedance Z 2 is omitted. Then the two branches of 
the circuit will be identical, provided the attenuation of 
the standard attenuator is equal to that of the apparatus 
under test. Accordingly, the method of measurement is 
to switch the detector to first one and then the other 
branch, adjusting the standard attenuator until an 
equal output is obtained for either switch position. * 
The attenuator then reads directly the loss in the 
apparatus. The total input of the circuit is indepen¬ 
dent of the switch position, since the impedance condi¬ 
tions remain unchanged in switching. 

If the apparatus under test has not the same im¬ 
pedance as the standard attenuator, the input im¬ 
pedance Z% and the matching network Z-> are adjusted 
so that the circuit still reads directly. 

The standard attenuator is a resistance network 
capable of variation in small steps, each step consisting 
of a. network of the L,T, or H type, the resistance values 
being such as to give the desired attenuation between 
the output and input terminals. It is usually cali¬ 
brated m 0.1-T. U. steps and may read as high as 100 




Fig. 11—Circuits for Measuring Attenuation and Gain 

a. Arrangement for measuring loss 

b. Arrangement for measuring gain 

the same for either position of the output switch. Then 
when the amplifier is introduced into the circuit, the 
attenuator is adjusted until the detector reads the 
same for either switch position, which means that the 
gain of the amplifier is just neutralized by the attenua¬ 
tor and the setting of the latter is read as gain. 

This circuit is used principally for the measurement 
of gam of audio frequency amplifiers, and is capable of 
measuring gain as high as 120 T.U. corresponding to 

a power output of 1,000,000,000,000 times the power 
input. 

Cross-Talk. When there is an appreciable amount of 
coupling between two telephone circuits, any mutual 
interference which results is known as cross-talk. It 
is measured in cross-talk units, a cross-talk unit being 
defined as the relation existing between the two circuits 
when the current in the disturbed circuit is one millionth 
of the current m the disturbing circuit, the impedances 
of the two circuits being the same. Under these 
con i ions, one cross-talk unit may be assumed the 
same as 120 T U. Cross-talk in long toll cables is 
caused principally by unbalances in the cables and in 

0a i ng . co \ s ' cross-talk due to the cable is 
measured simply by measuring, the capacitance un¬ 
balance. The cross-talk due to loading coils is of a 
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much more complex type, produced by a combination 
of capacitance, inductance, and resistance unbalances 
in the windings. Since the actual cross-talk caused by 
an unbalance in the coil is dependent upon all of the 
conditions of the circuit, it is necessary that any mea¬ 
surement of cross-talk made on the individual coils 
be made in a circuit as nearly as possible the equivalent 
of the line in which-the coil is to be used. Consequently, 
all cross-talk circuits for the measurement of loading 
coil cross-talk consist of networks simulating the im¬ 
pedance of an ideal line of the type for which the load¬ 
ing coil is designed. The principle of the method is to 
apply to the disturbing circuit a definite input of a 
single frequency, usually 900 cycles, and to measure 
the cross-talk in the disturbed circuit at the desired 
point in it by comparing the tone heard in the tele¬ 
phone receiver connected at this point with the tone 
obtained from a cross-talk meter which is simply a de¬ 
vice for obtaining a definite part of the input, and 
having a scale reading in millionths, that is, in cross-talk 
units. The measurement is made by switching from 
the cross-talk meter to the disturbed line and adjusting 
the cross-talk meter until the tone heard in each ease 
is the same. The method is therefore not a null method 
and depends to some extent on the judgment of the 
operator, but results accurate to one or two cross-talk 
units may be obtained by this method. The coils 
as commercially produced after adjustment for this 
requirement are usually within 10 cross-talk units, 
representing an unbalance in the circuit due to the coil 
unbalance of less than one part in 100,000. 

Conclusion 

We have described in this paper a number of the more 
important high frequency methods of measurement 
and measuring circuits. It has been impossible to cover 
all of the different methods and circuits used, but we 
believe that the information given will be of value to 
those interested in this field of work. 

We have not been able, in a paper of this type, to go 
into details concerning any specific circuits used, but 
we have referred to papers which describe in greater 
detail some of these methods and circuits, and it is 
expected that other papers will be published in the 
future covering other circuits which have received* 
only brief mention here. 

Discussion 

J. R. Craighead: Will the authors kindly clarify the defini¬ 
tion of a crosstalk unit? The definition of a unit as a “relation” 
is not easy to use for measurement purposes. 

N. E. Bonn: Messrs. Shackelton and Ferguson have men¬ 
tioned a vacuum-tube oscillator the frequency of which they can 
keep constant to within one part in 250,000 under ordinary 
variations in external conditions. If this is meant to include 
variations in plate voltage and filament current, the statement 
would appear to be at variance with universal experience.which 
indicates that the frequency of vacuum-tube oscillators is pro¬ 
foundly affected by changes in tube impedance. In view of the 
imp ortance of the subject will the authors please discuss the 
particular features of their circuit that make it so stable? 


W. J. Shackelton: We are very glad to have had Mr. 
Craighead’s comment on the matter of crosstalk. I will not 
attempt to redefine the crosstalk unit, but will simply try to 
explain what is meant by it, and then you can make your own 
definition. 

If we have two circuits which, due to some undesired coupling, 
are so related that the current flowing in one of the circuits 
causes a current to flow in the second circuit, and if the current 
so induced (I am assuming that these circuits have the same 
impedance) is one-millionth part of the current in the circuit 
causing the disturbance, we say that the relation between the 
two circuits is such that one unit of crosstalk exists. If the 
induced current is twice as much the relation is such that we have 
two units of crosstalk. We don’t have two relations, but you 
see we do have a different relation from that in the first case. 

Mr. Bonn has raised some questions regarding the 1000-cycle 
oscillator. I think he assumed the statement that I made 
regarding the smallest division of the capacity element of the 
oscillating circuit to indicate the frequency stability of the 
oscillator as a whole. I said that the condenser could be set to 
one part in 250,000, but we do not claim that to represent the 
stability of the oscillator. We consider that to be, with respect 
to variation of filament current or plate potential, about one part 
in 100,000. I will ask Mr. Ferguson to explain in a general way 
how it is that we are able to obtain that degree of stability. 

J. G. Ferguson: The frequency variations of the current in 
any oscillating circuit are due to a number of causes. One of the 
principal causes of variation would be variations of load. This 
is taken care of in this particular case by the use of one tube for 
an oscillator and a second tube as the amplifier. The load 
taken by the amplifier does not affect appreciably the oscillating 
circuit. 

A second cause of variation is the variation in the level of 
oscillation in the oscillating circuit itself. In this case, we have 
to deal with only a single frequency, and it is possible to design 
the circuit so that the best conditions prevail for that frequency, 
that is, the degree of coupling controlling the level of oscillation 
is such that variations of plate potential, or of filament current, 
have the minimum effect on the frequency. 

This is not so easily accomplished when we have 'an oscillator 
that covers a wide range of frequency, but in this case, for a 
single-frequency oscillator, it is comparatively easy to design the 
circuit so that the variations are very small due to changes in the 
level of oscillation. 

Aside from these variables, the oscillating circuit itself, that is, 
the tuned circuit, is the greatest cause of variation, and this has 
been taken care of as described already by having the tempera¬ 
ture variation due to the condenser equal and opposite to the 
temperature variation due to the coil and placing the whole 
tuned circuit in a separate assembly which is arranged so that 
any temperature changes take place very slowly, and the coil 
and condenser can be considered always to be at the same 
temperature. 

Another way in which the characteristics are improved is to 
have a large capacity in the tuned circuit. In this particular 
case, the capacity is approximately l /i microfarad. This means 
that variations in stray capacity and other variations which 
would cause frequency variations in the circuit if the circuit 
capacitance were small are reduced to a minimum. 

The actual characteristics of this particular oscillator may be 
of interest. The frequency variations are less than 0.001 per 
cent with changes of B battery from 125 to 135 volts, the nominal 
voltage being 130 volts, and for current variations from 1.9 to 2.1 
amperes, total current through the two-tube filaments in parallel. 

The variation of the oscillator over a period of six months is 
less than 0.02 per cent. Such variations with respect to time, 
can be taken care of by recalibration. Over a period necessary 
to make a measurement or a series of measurements the stability 
is better than 0.001 per cent. 
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Synopsis.—Experimental determinations of the impedance of a 
variable element, such as an iron core coil worked, at a high flux 
density, or a heavily loaded vacuum tube, arc found to depend 
upon the impedance-frequency characteristics of the measuring 
circuit, as well as upon the complexity of the applied (measuring) 
potential wave. A physical picture of the. action of a non-linear 
element in producing harmonies is built up, and it is shown that 
the flow of harmonic currents affects- the measured, impedance, at 
the fundamental frequency, of course, in two ways ■which are. desig¬ 
nated as the loading and reaction effects. The loading effect is thud, 
produced by the superposition of currents without any regard to the. 
production of new frequencies, and the reaction effect, in 
accordance with energy conservation ideas, is that due to 
energy storage and dissipation at harmonic frequencies which 


appear as impedance reactions at the fnoduinruisd ireiptencu 
The physical picture set up m tin a hoc tli scus.-.iah appear: in fa 
capable of accounting far the < x/n emit ut*tl oh.;* craiioh ■ hientituted 
above in a qualitative way at least. hi accordance a pi ti :t , 
it appears that even when the fundunn id at euete-d > peri fad 
there is no one definite value. which can he u.s- iyued a \ fin j »<pedaticc 
of a variable element because of its dept adeno spue ft,, circuit 
impedance-frequency characteristics. See, mi men..- 1: fUti methods 
are. reviewed by which the impedance <n }»., em-adde >h. «•* <.,-,/ may fa. 
determined under definite circuit condition s. 

The above discussion is can lined fa the e th eft ret t: *,.>/ with n 
sinusoidal applied ehctroniotin force, for rim pticifg, tod td-e 
with complex waves applied arc analogous, u ■. indicated hg ,eu r, „ee 
to the energy conservation prineiph . 


I MPEDANCE determinations of non-linear elements, 
among which are included vacuum tubes and 
inductance coils with a more or less saturated iron 
core, involve factors additional to those present in the 
determination of impedances of ordinary invariable 
circuit elements. Such matters as impedance of the 
measuring circuit, impurity of the applied wave, and 
current or potential amplitude, which, except for 
extreme values leading to breakdown, do not ordinarily 
affect the impedance of the linear element, are found 
experimentally to be of considerable importance in the 
non-linear case. 2 

For. our purposes we may assume a linear circuit 
element to be one distinguished by this property, 
that the relation between instantaneous current and 
instantaneous potential drop is a fixed and definite one 
expressed by a constant over the entire cycle. This is 
true not only of resistances but of reactances, in which 
the relation between current and potential drop is 
constant over the cycle, even though a constant phase 
angle is involved. A non-linear element, in contrast, 
is one m which the instantaneous current and potential 
are not related^ invariably throughout the cycle. 
Examples of this type of element which are of 
practical importance come readily to mind. For 
example, the two-electrode or the three-electrode 
vacuum tube will serve as an illustration of a * 
variable resistance, and an iron core coil worked at high 
flux densities will serve as an illustration of both 
variable resistance and variable inductance. An im¬ 
portant point m our distinction between linear and non¬ 
linear circuit elements has to do with the current- 
voltage rel ation over an entire cycle since it is possible 

1. Bell Telephone Laboratories, Inc., New York NT V 
2. We not specially conWuJo fToStlyod in 
mpedanee measurements winch are common to linear and to 
on-linear elements such as ground capacities; these are dealt 
with m the paper by Shackelton and Ferguson, p. 519, 
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in a non-linear element to have a relation between 
r * m. s. current and r. m. s. voltage as given by the 
usual type of a-e, meter, independent of amplitude, 
r I his particular condition arises in rectifiers in which the 
current wave for positive potentials has .substantially 
the same wave form as the impressed potential wave, 
while for negative impressed potentials the current 
is zero. Here the relation between instantaneous 
current and instantaneous potential is specified by one 
of two values, depending upon the polarity of the 
applied potential wave. The relation between r. m, s, 
cunonf and r, m, s, voltage*, on tin* other hand, it is 
readily seen, is a perfectly linear one. 

If now wo attempt to determine the impedance of a 
non-linear element at a definite frequency and at a 
definite* amplitude of fundamental current or potential 
Y <l " ( ’* ^ddge measurements, in the usual manner, we 
should find the measured impedance to depend upon 
several factors which arc not ordinarily considered in 
tins connection. Those arc the presence of harmonics 
in the supply current, the magnitude of the ratio arm 
resistances, the impedances of the detector and of the 
current source at the fundamental frequency and at a 
number of harmonic frequencies, and finally the 
method used in attaining balance. To illustrate the 
as, pom ■, we might consider the non-linear inductance, 
with which it is observed that the measured resistance 
and reactance differ, when we balance tin* coil with a 
standard resistance and inductance, from the value 
obtained by resonating the coil wit h a at andurd capacity 
ami balancing the resultant; against a pure resistance, * 

h J2n!i ad ' f Ul !' in a mm “ lilu ' ar the relation 

between instantaneous current and potential k not 

constant over an entire cycle, and in which the im¬ 
pedance may be considered consequently m variable 
means that the element serves as a generator of new 

STe? WhiCh ar ° ( e dimirilv when but a 

single frequency is applied initially. It turns out that 

the effects mentioned above, which differ so markedly 
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from our experience with impedance measurements of 
invariable elements, are to In* explained by reference to 
the production of these harmonic frequencies in the 
circuit. To summarize the above account of the 
phenomena met. with in measuring the impedance of a 
variable or non-linear element, we may say that the 
result depends upon tin* circuit to which the element is 
connected as well as upon the source of supply. 

There are then two possibilities in general as to 
impedance measurements which are of practical 
importance. First,, wo may obtain a measurement 
characteristic of the non-linear element., and second, 
we may determine t he impedance under specific circuit 
conditions. I f is convenient, to fake the impedance of 
the ('lenient with harmonic currents suppressed as 
representative of the ('lenient, and this will be done in 
the following. 

Generation of Harmonic Frequencies with a 
Sinehe Impressed Frequency 

Variable circuit (dements may be ({(‘finitely distin¬ 
guished according to the manner in which the variations 
are produced; in one typo, variations are produced by 
the current, or the impressed potential; in the other, 
they are produced by means external to the circuit;. 
In the first category belong the two variable elements 
discussed above; in the second belong the voice-actuated 
carbon transmitter and the mechanically driven 
generator. In general, when a circuit containing a 
variable element is subjected to a sinusoidal electro¬ 
motive force, flu* reaction of the variable* element 
causes a distortion of the current through it, or the 
potential across it,, or both, depending upon circuit 
conditions to be discussed later, so that in consequence, 
harmonic currents and potentials exist in the circuit. 
These components may bo determined in simple eases 
with the aid of Fourier’s theorem from a detailed 
inspection of the wave form, or they may be measured 
experimentally with the aid of current or voltage 
analyzers as discussed in Mr. Horton’s paper on that; 
subject. 

In order to provide a physical picture for the phenom¬ 
ena of harmonic production by a variable circuit 
element with a purely sinusoidal electromotive force 
impressed on the circuit, we may employ as a first 
approximation to t he actual state of affairs a procedure 
which has proved fruitful and which is inagrwment.wit.il 
mathematical analyses in the simple cases to which it, 
has been applied. I lore we assume the variable element 
replaced by a fixed impedance element together with a 
number of generators of the harmonic frequencies, 
each harmonic frequency being represented by an 
individual generator. The generators represent the 
driving potentials of harmonic frequency operative in 
the circuit, and to a first approximation the amplitudes 
of these potentials depend upon the fundamental 
current magnitudes and upon the properties of the 
non-linear element. This is a most important con¬ 


ception which serves as a basis for further discussion. 
From this it is evident that the amount of any one 
harmonic current flowing in the circuit depends upon 
the generated harmonic potential or upon the funda¬ 
mental current, and upon the total circuit; impedance 
at the harmonic frequency. 

No simple law exists governing the dependence of the 
harmonic electromotive force upon the fundamental 
currents which is generally applicable, since the law 
varies with the type of element involved. Some of the 
harmonic electromotive forces may be zero at; all 
fundamental amplitudes; thus, as is well known, the 
even harmonic, potentials and consequently currents 
are substantially zero in unpolarized iron core coil 
circuits, just as the odd harmonic potentials and currents 
are substantially zero in the particular type of tube 
rectifier mentioned above. ’Phis is, of course, a 
particularly striking difference between the harmonic 
producing properties of different elements, which serves 
to emphasize the fact that the particular type of non¬ 
linearity in each ease? determines the connection between 
the harmonic driving electromotive force and the 
fundamental current, which gives rise to it,. 

Although we cannot, in the light of the above ex¬ 
amples, discuss the relations existing in non-linear 
elements in general, we can of course consider specific 
cases, and for illustrative purposes we propose to deal 
with the harmonic, potentials developed in an iron eon 1 
coil. In order to present data on harmonic pro¬ 
duction which shall he characteristic of the non-linear 
element, and not of the circuit in which it happens to he 
connected, we shall discuss the equivalent, generated or 
driving harmonic potentials. These, as wo have 
previously suggested, may lx* thought of as depending 
solely upon the fundamental current in any specific 
type of non-linear element, and are therefore indepen¬ 
dent of the impedance-frequency characteristics of the 
connecting circuit. Contrast this situation with that 
existing with regard to the harmonic; currents. Hen; 
the total circuit impedance in magnitude and phase 
angle to each harmonic, under consideration must; he 
specified, since if is evident, that, the harmonic current 
will vary with the circuit impedance and has therefore 
no definite value characteristic of the core or the 
core material under investigation. If, however, the 
total circuit, impedances are known, it, is then possible 
to determine the driving voltages by multiplying them 
by the corresponding harmonic currents as determined 
by current analysis. 

In the measurements to be described, the simpler 
procedure was adopted in measuring the harmonic, 
driving potentials of providing a high circuit impedance 
to the harmonic frequencies and measuring the har¬ 
monic potential existing across the coil by a voltage 
analyzer. The arrangement is shown in schematic 
form in Fig. 1. This is equivalent to measuring the 
open circuit voltage of a generator so that, an exact, 
determination of the circuit impedances is unnecessary. 
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The results with a specific coil are given on Fig. 2 in 
which potentials across the coil are plotted as ordinates 
in terms of the current of fundamental frequency. The 
harmonic potentials are less at all fields than the 
fundamental potential drop and, at any field, the higher 
harmonics are of smaller amplitude than the lower ones. 
The lower harmonic potentials are roughly of the same 
order of magnitude as the fundamental and it becomes 
apparent that comparatively large harmonic/currents 
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Fig. 1 

may be made to flow in circuits which have low im¬ 
pedances to these harmonics; this would be the case if 
the impedance of the circuit external to the coil were 
capacitive and of the same value as the inductive 
reactance of the coil at the harmonic frequency. The 
ratio of harmonic to fundamental potential decreases 
rapidly as the fundamental field decreases, the rate of 
change being greater the higher the harmonic, so that 
at the low fields characteristic of high quality communi¬ 
cation systems the ratio may be of the order of 1/1000 
for the third harmonic. The higher fields are of course 
met with in magnetic frequency multipliers, for ex¬ 
ample, and in general in power work. The same sort of 
effect is observed to hold for other types of variable 
element—the low value of the ratio at small funda¬ 
mental currents, the rapid increase of the ratio at high 
fundamentals. It may be found in certain cases that 
some of the harmonic potentials pass through a maxi¬ 
mum. This last is observed in heavily loaded vacuum 
tubes, for example. 

The problems that confront us here are those re¬ 
sulting from the complex form of the resultant current 
wa\e, a wave which includes the fundamental frequency 
together with those of its harmonics which are deter¬ 
mined b\ the nature of the non-linear element and by 
the connecting circuit. Thus with a low external 
impedance to a harmonic, the harmonic potential across 
the circuit is small and the harmonic current relatively 
large; The situation is evidently reversed with a high 
circuit impedance to the harmonic under investigation. 
The effects produced by the flow of harmonic currents 
are two-fold: first, a different region of the non-linear 
current-voltage characteristic is traversed so that the 
impedance of the variable element is in general changed 1 
and second, because of the relations between the har¬ 
monic current and the fundamental there is a further 
effect directly upon the fundamental current itself. 
To distinguish clearly between the two effects 


we shall find it advantageous to consider each 
effect independently. 

Suppose now that by removing the effect of the 
introduction of new current components due to the non¬ 
linearity of the circuit with the aid of appropriate 
circuit impedances, we investigate the mutual effects 
of two independent currents of different frequency 
impressed on the circuit. In general, the impedance 
of the variable element to any current is influenced 
by the presence of other currents, although the effect 
decreases rapidly with the amplitudes of the currents in 
question. The presence of a small component has 
negligible effect upon the flow of a large component in 
the case of a two-component wave, although the im¬ 
pedance offered to the small component is greatly 
influenced by the large one. This is true of a vacuum 
tube, for example, while for saturated iron cores the 
effects depend not only upon the component amplitudes 
but also apparently upon their frequency ratio. 3 This 
effect, the alteration of impedance through the presence 
of a superposed current independently generated, we 
shall designate, in the following, as the loading effect. 

Figs. 3a and 3b are reproduced from the paper re¬ 
ferred to and illustrate the loading effect in a silicon steel 
core coil. Fig. 3a shows how the flux density of a defi¬ 
nite frequency and corresponding to a definite magnetiz¬ 
ing force depends upon the amplitude and frequency 
of a superposed magnetizing force; the ordinates are 
expressed in thousands of lines per cm. 2 Fig. 3b shows 
the corresponding effect of superposition upon energy 
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loss expressed in thousands of ergs per cubic centimeter 
per cycle. It will be readily appreciated that the flux 
density and energy loss could be expressed in terms of 
inductance and resistance. For our present purposes it 
is sufficient to recognize the existence of the loading effect 
from these two figures. 

We are now in position to investigate the second 
ac or m determining the impedance of a variable 
e ement, w ich is quite distinct from the loading effect. 

3. Phys. Rev., Vol. 27, No. 3, pp. 323,325. 
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For this purpose we consider a non-linear element in of the potentials developed, rather than from that of 
which the loading effect is not appreciable, such as the energy, as above. To do this, we may regard the non¬ 
carbon button microphone externally agitated. Here linear circuit impedance as having harmonically 
the absence of what we have termed the loading effect is variable components. Thus a vacuum tube would be 
manifested by the fact that the button resistance over a regarded as having a constant resistance component 
certain range is independent of the current traversing it. together with other resistance components which vary 
The button develops a variable resistance, however, at the fundamental and harmonic frequencies. Hence, 
in view of the externally applied force, so that new when the fundamental current flows through the 

variable part of the tube resistance, an harmonic 
potential is produced which corresponds with the 
harmonic driving potential. The reaction of the 
harmonic flow on the fundamental is now to be ob¬ 
tained by considering the flow of a harmonic current 
through the variable element. It is found by a de¬ 
tailed consideration 4 that there is produced a voltage 
component of fundamental frequency across the 
variable element due to the flow of harmonic. . Now 
assuming the harmonic resistance components involved 
to have fixed values, it becomes clear that the funda¬ 
mental potential developed depends upon the harmonic 


SUPERPOSED MAGNETISING TORCE. 

Fig. 3a 

frequencies are generated in the circuit when an electro¬ 
motive force is applied. The currents produced by 
non-linearity dissipate and store energy, which must be 
supplied by the energy source. It is evident, therefore, 
that the circuit impedance at the impressed frequency 
depends upon the circuit conditions to the new fre¬ 
quencies developed. This effect is denoted in the 
following as the reaction. The energy dissipated or 
stored in this additional fundamental resistance and 
reactance term must then be sufficient to account for 
the energy dissipated or stored by the new frequencies, p IG . 3 B 

at least if we are to retain our ideas on energy con¬ 
servation. The two effects of harmonic current flow, . „ . 

loading and reaction, may of course be present simul- as upon the phase of that current, smcea 

taneously, as in a vacuum tube circuit or in an iron- shl V 90 de * con ™ ts f r f stlv ® fluent a 
core coil circuit. The justification for the separation reactl y °f ‘ S ff. th f fundam j; n tal potential drop 
of the net effect into two factors lies in the fact that the ma f be interpreted in terms of the fundamental im- 
two factors depend upon radically different circum- ped “f’ tbe rea fj on 1 harmonic current flow is 
stances, so that the separation permits us to follow the evident, quite apart from the loading effect, 
phenomena somewhat more closely. Consideration of the problem from the standpoint of 

Another way of looking at the same effects is to harmonica lly varying impedances yields the same 
consider the phenomena involved from the standpoint 4 . Appendix I. 
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general results as those obtained above in which the 
presence of harmonic generators was assumed; in fact, 
the harmonic electromotive forces generated may be 
derived from a consideration of the variable impedance. 
The harmonic generator circuit, however, appears to 
offer a clearer picture of the manner in which harmonic 
currents are affected by circuit impedances, and has 
been developed to somewhat greater length for that 
reason. Fundamentally, of course, the two methods 
appear to be equally acceptable. 

With the effects of harmonic current flow in mind— 
we have designated them as loading and as reaction— 
it becomes possible to explain in at least a qualitative 
way the difficulties which were enumerated at the 
start. The influence of harmonics in the supply source 
will be recognized as primarily a loading effect of the 
same nature as those discussed in connection with 
Figs. 3a and 3b which applied to iron core coils. The 
magnitude of the ratio arm resistances in the bridge 
used for measurement, together with the impedances 
(invariable with time) of the detector and the generator 
source, determine the magnitude as well as the phase 
of the harmonic currents flowing at any fixed value of 
fundamental current, since it is these quantities which 
fix the impedance offered to the harmonics. In the 
same way, the measured impedance of a non-linear 
reactance depends upon the method of attaining 
balance, since by resonating the variable reactance we 
may introduce an impedance to the harmonics which is 
considerably lower than that offered by balancing the 
reactance by a standard reactance of the same sigh. 

When we speak of attaining a balance, it is under¬ 
stood, of course, that we refer to balancing a voltage of 
the fundamental frequency against another voltage of 
the same frequency, amplitude, and phase. When 
this is attained, any harmonic potential differences are 
in general not balanced, so that harmonic potentials are • 
applied to the detector or telephones which are used to 
provide an indication of balance. Under these con- 


Impedance Measurements, Harmonics Suppressed 

The complicating effect introduced by impurity of the 
impressed potential wave is removed without much 
difficulty by the introduction of tuned circuits or other 
frequency selective circuits in the generator supply 
circuit. The suppression of harmonics generated by 
the variable elements requires other means which will 
be discussed for two distinct circuits, one a modification 
of the usual bridge method, and the other, a method of 
the a-c. potentiometer type. The use of these circuits 
for impedance measurements is well known, of course, 
so that in the following we shall cover only those 
features which bear directly upon harmonic current 
flow. 

Bridge Method 

Any alternating currents developed by the non-linear 
element may be suppressed by two high inductance coils 
having high coupling, one of which is inserted in each of 
the two unity ratio bridge arms as shown in Fig. 4. 




Fig. 4 Bridge for Measurement of Modulator Impedances 

ditions, it is difficult, if not impossible, to determine the 
balance point since, generally speaking, it is obscured by 
the harmonics, and the values assigned to the impedance 
will depend upon the individual making the measure¬ 
ment. For this reason the detecting apparatus is 
provided with frequency selective apparatus which 
transmits the fundamental to the exclusion of the 
harmonics. This is, obviously, quite apart from any 
consideration of the influence of the detector impedance 
upon the actual value of the impedance of the element 
being measured. 


Fig. 5 

These two auxiliary coils are balanced so that their 
insertion causes no alteration in the bridge settings. 
At the balance point, equal currents flow through 
the two windings so that the two fluxes are substantially 
equal in magnitude and opposite in phase. This is not 
true of the harmonic currents which meet the series- 
aiding impedance of the coils rather than the series- 
opposing impedance. With high inductance coils, 
this series-aiding impedance may be made so high as to 
suppress harmonic currents effectively. A parallel 
path is offered, to the harmonic currents through the 
fundamental source which includes but one of the two 
coils. A network is provided in the generator circuit 
to oppose a high impedance to the harmonics so that 
the high-mutual coil may not be effectively short- 
circuited. 

In practise, any lack of balance between the two 
inserted coils may be made up by corrections to the 
bridge settings determined by a separate balance when 
the two coils are balanced against one another. The 
null point is not as sharply defined with the two coils 
inserted because of the added impedance for departures 
from the balanced condition, so that it is well to keep 
the inductances down to the minimum value at. which 
effective harmonic suppression is assured. 

A-c. Potentiometer Method 
Here harmonic suppression is attained entirely by a 
network which. passes the fundamental freely while 
offering a high impedance to the harmonics generated 
by the element. The potential drop across the coil is 
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channel in amplitude and in phase to balance the drop 
across a resistance in scries with the non-linear element 
as indicated in Kip'. 5. The phase and amplitude 
adjustments may he so arranged as to have a neg¬ 
ligible el led upon the quantities being measured. 
The impedance of the (‘lenient may bo calculated from 
the constants of the circuit used to attain balance. 
The principles involved here were applied to the 
measurements represented in Figs. Ma and ;i». 

Impepanoh Measurements, Harmonies Flowing 

The t wo methods discussed above wore used to insure 
freedom from fheVlfeels^of harmonic current How and 



Km. r> 


are fixed^and definite and independent, of the measuring 
means so long as the harmonies art* suppressed. Under 
practical conditions of use, however, harmonic currents 
flow in the circuit and react on the fundamental im¬ 
pedance in (he manner which has boon discussed above. 
In this situation, therefore, the impedance can be 
determined only in the circumstances of use, so that, 
the measuring circuit is required to leave the circuit 
impedances unaltered, or to duplicate them. For this 
purpose two measuring circuits art* available, one a 
bridge modification, the other a potentiometer method, 
which arc derived more or less obviously from the two 
methods previously considered. 

Inequality Ratio Bridge 

The arrangement; shown in Fig. fi has been used to 
provide any desired impedance to the harmonics 
despite fhi.* fact (hat the harmonic circuit forms part; 
of the bridge network. The bridge arms are math* much 
higher t han that of t he element, to he determined since 
they are connected in shunt to the standard and the 
unknown, and they are math* unequal so that, but a low 
series impedance, that of the standard, may be inserted 
in the harmonic path. The desired impedances to the 
harmonic frequencies are t hen inserted in t he generator 
path, it is clear that, when the ratio arm resistances 
are sufficiently high, the detector impedance may be 
neglected. 

The circuit, of Fig. 7 was set. up for the impedance 
measurement, of a small, two-element vacuum tube 
such as is used for low power rectification, it was 
desired to determine t he impedance of tin* tube when 
the harmonics were permitted to flow through a series 
resonant circuit, the t uning of winch was varied so as to 
cover the frequency range up to the fourth harmonic. 
The circuit details are given in Fig, 7, in which it is seen 
that the two rat io arms were made 10** and 10 1 ohms, 
respectively, so that the shunting resistance was about 


naa 

100 times that of the element under measurement, 
while the series resistance to the harmonic was about 
one-tenth that of the tube. A direct current was 
supplied through a distinct circuit including a large 
choke coil so as to avoid shunting the alternating 
currents. The fundamental was supplied through a 
filter which at the same time maintained a high im¬ 
pedance to the harmonics, so that they were restricted 
to the tuned circuit provided for them, and so that 
the fundamental current maintained constant at 11.8 
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mils could be measured by a thermocouple as indicated, 
without error through the presence of harmonics. 

The experimental results arc* set forth in Fig. 8 in 
which measured resistance and reactance are plot,ted as 
ordinates in terms of the capacity of the harmonic tuned 
circuit. Impedance changes are observed to occur 
when the tuned circuit approaches resonance for any 
harmonic. The nature of the impedance variation is 
observed to be in accord with the conclusions derived 
from the energy conservation argument, as well as with 
the general analytical conclusions of the appendix. 
These last are, in brief, that the fundamental resistance 
decreases as the harmonic, impedance decreases, and 
that, a reactance to a harmonic, appears as a reactance of 
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the same sign in the fundamental circuit. The dips 
in the resistance curve decrease in magnitude as the 
harmonic frequency increases, which is due partly to the 
fact that the harmonic driving electromotive forces 
decrease* as the frequency increases. 

Potentiometer Method 

With the preceding ease in mind, the modification of 
the circuit of Fig. 5 to permit harmonics to flow is rather 
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obvious and nothing. further need be said about it 
beyond the statement that the desired end may be 
attained by shunting a harmonic current path around 
the input filter. 

Extension to Complex Applied Electromotive 
Forces 

The discussion up to this point has been confined for 
simplicity to the production of harmonics, with a 
sinusoidal electromotive force applied to a non-linear 
circuit. The same effects, at least in a general way, 
exist when a complex electromotive force is applied to 
the circuit. In this case, as is well known, we have 
developed not only the harmonics of each of the input 
frequencies but we have also a group of frequencies 
produced which include sums and differences of integral 
multiples of the input frequencies. Here we have the 
same reaction of the harmonics on the fundamentals 
which gave rise to them as we had in the sinusoidal 
input case, and in addition we have the reaction of the 
combination frequencies, which also affects those 
fundamentals from which the combination frequencies 
are derived. For example, if we suppose the combina¬ 
tion frequency mfi + nf 2 to be developed in a non¬ 
linear circuit when the frequencies f x and / 2 are im¬ 
pressed on the circuit (m and n being integers), the 
impedances to both/i and / 2 are influenced by the. flow 
of the combination frequency. From the energy 
standpoint, we can say that the energy dissipated and 
stored at the combination frequency is accounted for by 
the reflected reactance and resistance terms of the two 
fundamental frequencies. Some very interesting con¬ 
clusions may be drawn from this relation, one of the 
most striking of which is that the resistance introduced 
to one of the fundamentals, due to the flow of the 
combination frequency mfi - nf 2 , may be negative, a 
result which has been confirmed by experiment under 
suitable conditions. This conclusion, of course, far 
from violating the energy principle, is in accord with it, 
since it appears that the only condition to be satisfied 
is to have the energy absorption in the reaction to one 
fundamental, sufficient to account for the energy 
dissipated by the combination frequency, together with 
the energy delivered to the other fundamental. 

I am indebted to Mr. C. R. Keith and to Mr. L. B. 
Arguimbau for the experimental results. 

Appendix 

Reaction of Harmonic Current Flow on Impedance to 
the Fundamental. If we have a potential of E cos p t 
impressed on a non-linear circuit in which the instan¬ 
taneous resistance is expressed in the particularly simple 
form 

r = R k + R cos p t (1) 


where R k represents the circuit resistance at a- £* ( 

k, the current wave contains harmonics ixx ado 1 
the fundamental. Considering the effect >U 

of the harmonics for simplicity, the current * 

be expressed as 

i = hco&pt + I 2 cos2pt 

Multiplying the instantaneous current and • ’ { 

together and setting the product equal to 'tine ini P l * 
potential, we have 

r, ( t —. ~r Rh \ ■ 

E cos p t = y R x h + —-— j cos p t 


ency 
'll to 
one 
may 

( 2 ) 
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*ssod 


+ 


Rh 


+ i? 2 J 2 ) cos 2 p t 


f 3) 


in which R x is the steady resistance at fundai****n(al 
frequency and R 2 applies to the second 3aa.r111«mie. 
Inspection of this equation shows that the fundaii i * uilul 
frequency term contains / 2 , so that it depends ui >oti i he 
second hannonie current. Solving for 

I 2 = — R Iif 2 R 2 t’4) 

and the impedance at the fundamental frequoiH’.V is 
given by the expression 

R 2 

Rl ~ 4 R 2 i5) 

which is obtained by putting (4) in (3). 

From this it appears that the condition fox* maxi mum 
fundamental power dissipation in the variable element, 
requires a lower generator impedance than EH a t jr< »<j uimi 
when no harmonic flows. The power dissipated 1 > v flu* 
second harmonic is 


W = 


ISR, 


(6) 


while the power expended in the resistance effectively 
introduced into the fundamental path is 


RIxH 


which, with the aid of (4) reduces to (6). 

The same general relations are found to Hold when 
the circuit resistances are replaced by impedani*«*s in 
that the energy stored and dissipated at the harmVimV 
frequency is represented by a corresponding e iTom 
resistance and reactance at the fundamental fire a u 
Thus the fundamental impedance may be writt ( * 

Zl 4 Z 2 

from which it is seen that an inductive reactaneo - 
harmonic path is reflected as such into the fan ri . 111 tlu ‘ 

path. urL aani c *ntnl 



The Empirical Analysis of Complex Electric 

Waves 

BY J. W. HORTON 1 

Associate, A. I. E. E. 


Synopsis . In many problems dealing with electric waves, 
particularly those encountered in electrical communication, it is 
necessary to examine with some care the several sinusoidal com¬ 
ponents present. Both gualitative and quantitative methods are in 
use. 

A convenient qualitative examination may be made by hetero¬ 
dyning the complex wave with a sinusoidal wave of variable fre¬ 
quency and providing means for detecting any low frequency beat 
currents which may be produced. 

In practically all methods for the quantitative measurement of the 
individual components of a complex wave, means are provided for 
selecting a single component and for preventing other components 
from reaching the indicating apparatus. The general arrangement 
of the selecting and measuring elements depends upon the character 


I N the more usual measurements on electric waves 
it is sufficient to determine the magnitude of some 
quantity which is indicative of the amplitude of the 
wave. The most common example is, of course, the 
alternating-current ammeter or voltmeter the indica¬ 
tions of which are proportional to the r. m. s. value of 
the current or voltage being measured. Similarly, 
certain devices are available which read directly the 
maximum amplitude attained by the wave in question. 

For many purposes, the information furnished by 
measuring instruments of these types, together with 
some idea as to the shape of the wave, is all that need 
be known. The increasing refinement of electrical 
communication systems, however, makes it necessary 
to look for methods whereby the composition of a 
complex wave may be more accurately determined. 
This is particularly true when we come to systems in 
which the components constituting the normal signal 
wave are replaced by components lying upon some 
other portion of the frequency scale. In such systems 
it is necessary to employ modulators or similar devices 
which have a non-linear relation between the impressed 
wave and the resulting output wave. The characteris¬ 
tics of such devices, unlike those of selective networks or 
filters, cannot be determined adequately by direct 
comparisons between the input and output waves but 
must be studied through measurements upon the 
individual components present in each. 

The value of information of this character has become 
very great through our increased knowledge of the 
relation between the steady state conditions in a system 
and its behavior with respect to transient phenomena. 
It is probably true that the exact statement of the 
requirements of a system for the electrical transmission 

1. Bell Telephone Laboratories, Inc., New York,.N.Y. 
Presented at the Regional Meeting of District No. 1 of the 
A. I. B. E., Pittsfield, Mass., May 25-28,1927. 


of the information sought. If the problem involves an exploration 
of the frequency range of the complex wave, primarily for the purpose 
of determining what components may be present, automatic analyzers 
are available which cover the field point by point and plot its spec¬ 
trum. There are also analyzers ivhich permit the field to be covered 
by heterodyning with a variable frequency so as to cause the resulting 
ivave to be swept across a fixed selective circuit. 

For the precise measurement of any single component, particularly 
a component of small amplitude in the presence of others of larger 
amplitudes, analyzers have been developed which employ the well 
known heterodyne principle ivhich utilizes selectivity at a f requency 
below that of the unknown wave, thus effecting an appreciable 
increase in the percentage separation between adjacent co mponents. 

* * * * * 


of speech is one of the most difficult in the entire com¬ 
munication field, due to the lack of means by which the 
properties of the signal wave, either acoustic or elec¬ 
trical, may be quantitatively stated. It has been 
found possible, however, to specify certain steady state 
conditions, which must be fulfilled by a system in order 
that the inevitable modifications of such transient waves 
as are involved in communication shall be within the 
limits of tolerance. For this reason, measurements 
relating to steady state conditions become of the first 
order of importance and have resulted in the develop¬ 
ment of numerous methods for determining the in¬ 
dividual components of complex sustained waves. 

One of the earliest means for examining the composi¬ 
tion of a current or voltage wave was that used by Lenz 
in 1849 and later developed to the point of satisfactory 
practical use by Joubert 2 . This employs a sliding 
contact driven in synchronism with the fundamental 
period of the wave and so arranged as to connect an 
electrostatic voltmeter or similar indicator to the cir¬ 
cuit carrying the wave at any desired time during its 
fundamental cycle. By repeating the measurement at a 
series of points throughout the cycle, the shape of the 
wave may be plotted point by point. The more recent 
development of the oscillograph to its present perfection 
has practically supplanted the sliding contact as a 
means for securing a graphical picture of the shape of an 
electric wave. Having obtained a trace corresponding 
to the instantaneous time variation of amplitude, it is 
possible by mathematical means to resolve it into its 
several harmonic components, determining the phase 
and amplitude of each. The quantitative precision of 
this method is not great, however, being limited by 
the resolution of the wave tracing device and by the 
accuracy with which the analysis may be carried out. 

That the oscillographic method is totally inadequate 

2. Comptes Rendus, Vol. XCI, p. 161, 1880. 
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lor many oi the problems arising in communication 
work may be shown by using the multi-channel repeater 
of a carrier telephone system as an example. In such a 
repeater, the complex wave being amplified may con¬ 
tain components associated with three or more individ¬ 
ual signals. As is well known, any distortion in am¬ 
plifiers or other electrical circuits results in the 
development of wave components of frequencies other 
than those present in the impressed wave. These now 
components may have frequencies corresponding to 
multiples of the frequency of a single impressed com¬ 
ponent or f,o algebraic, combinations of the frequencies 
ol several impressed components. In the cast' of the 
multichannel carrier repeater, such developed compo¬ 
nents dut' to one or more of the impressed signal groups 
may well fall within the frequency range allotted to the 
group of components associated with some other signal. 
Having once been introduced into this portion of the 
frequency range, these extraneous components there¬ 
after proceed with the proper signal components to the 
terminal equipment, and appear either as intelligible 
cross-talk or as noise superimposed upon the desired 
speech wave reproduced by the receiving equipment. 
The requirements of satisfactory speech transmission 
make it desirable in many cases to determine the am¬ 
plitude of these extraneous components where their 
value is 0.1 per cent or less of the .amplitude of the 


frequency will be of such low value that, it may be fol¬ 
lowed by the needle, whit'll will therefore vary periodi¬ 
cally about the vahie corresponding to f he d~c. compo¬ 
nent. By adjusting this difference frequency to the 
natural frequency of the meter, if is obvious that the 
beat due to a very minute component, in the unknown 
complex wave may he detected. , The amplitude of 
the beat, does give some general idea, of course, as to 
the magnitude of this component although the method 
is not well suited to quantitative work. By arranging 
the detector tubes in a bridge circuit as shown in Fig, 1 
the d-e. or zero frequency component may be balanced 
out, thus making it possible to use for the detection of 
the low frequency difference component, a meter of 
higher sensitivity than would be possible when this 
component appears as an increment superimposed 
on a zero frequency component of greater magnitude. 
The complete quantitative determination of the 
components of a complex wave involves, of course, a 
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components properly associated with the signal. The 
detection of a component of this amplitude in the pres¬ 
ence of the components producing it, is beyond the reach 
of the usual oscillographic method. The exact de¬ 
termination of its value by such a method is obviously 
quite impossible. 

As is usual in all analy tical work, we are interested in 
both qualitative and quantitative determinations. 
1' or the detection of the presence of a component of very 
small amplitude in, say, a complex electric current., the 
heterodyne beat, met,hod, to mention one of several, 
has been found very practicable. The unknown wave 
and a sinusoidal wave, of variable frequency are im¬ 
pressed jointly upon a detector circuit. This detector 
circuit may take the form of a three-element vacuum 
tube' so biased, that; no current flows in the plate circuit 
when no alternating electromotive force is sot up in the 
grid circuit. When a wave is impressed on the grid 
circuit, however, there is present in the plate circuit, a 
current containing components of zero frequency and 
of frequencies corresponding to the sums and differences 
of the frequencies of the components of the impressed 
waves. By the use of a suitable d-e, meter in the plate 
circuit, the amplitude of the d-e, component, may be 
observed directly. Such a-e. components as are present, 
me otdjnarily of frequencies to which the moving 
parts of the meter are incapable* of responding. When, 
however, the frequency of the sinusoidal current is 
brought close to the frequency of some component in 
the unknown wave, the component in the plate circuit 
of the detector which corresponds to their difference 
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determination ol t he amplitude and of f he phase of each 
ol the individual components. For must purposes, 
however, a knowledge of the amplitude alone suflices 
and many ol the methods of analysis which have been 
developed are confined entirely to Huh determination. 

1 he type ol analyzer of necessity depends upon a 
number oI factors among which are flu* resolution, the 
sensitivity, I,he frequency range, the precision, and the 
nature of the problem. ('onsidering t in* last fact or, it is 
apparent that an analyzer suitable for observing small 
variations in a single component, might be unstat ed to a 
rapid determination of the number and frequency of the 
several components present in an unknown wave. In 
all cases, however, the system involves some selective 
device whereby the indicator may be rendered re¬ 
sponsive to a single sinusoidal component and, at the 
same time, be unaileetcd by other components. 

I he possibilities of this general met hod were first 
recognized, about, IH1H, by Pupind who used it; to 
investigate the harmonics generated by alternators. 

1 he application to waves of the magnitude of those 
encountered in communication was not. possible, how¬ 
ever, until the vacuum tube amplifier became available. 

radically all analyzers for waves of small amplitude 
aie modifications of the elementary form in which a 

n. Hcmnunw Aunti/nia of Athrnutinu nnd Ptduphim rarrant*, 

1 kanhactionh of A. I, K. K., Vnl. 11, Wilt p, A2U, 





May 1027 


HORTON: COMPLEX ELECTRIC WAVES 


selective circuit couples a vacuum tube amplifier to the 
circuit containing the wave to he investigated. The 
output of tin* amplifier is thus determined largely by 
the amplitude of I,lie particular component in the 
complex wave to which the selective circuit is tuned. 
In the examination of complex currents, a. convenient 
form of coupling is to introduce a low resistance into 
the given circuit and to shunt this resistance by a series 
tuned circuit. As far as I lie original circuit goes, 
therefore, the effect is comparable to that of inserting 
an ordinary ammeter. For coupling to the vacuum tube 
amplifier, if. is necessary simply to connect the grid of 
the fir,si; stage directly across the condenser or the 
inductance of the tuned circuit. By the proper choice 
of elements, the voltage thus resulting on the grid 
for the particular component to which the circuit is 
tuned will bo many times the voltage drop across the 
resistance due to that component. The voltage step-up 
of the tuned circuit at resonance, it will he recalled, is 

, . . tv Ij 1 

given by the expression ., , or * where H is 

h 10 ( Ii 

the effective resistance in series with the inductance 
and the capacitance. In the frequency range between 
several hundred and several hundred thousand, cycles 
per second llu* value of this quantity, which is fre¬ 
quently designated by Q, may well he of the order of 
150 or more. I n I he* ease of carefully selected elements 
for use with radio frequencies, it may become, on 
occasion, as high as MOO. 
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The choice between the inductance and the capaci¬ 
tance as the source of the voltage drop for connection 
to the grid depends upon whether most effective dis¬ 
crimination is required for components having higher 
or lower frequency than the component being measured. 
The curves of Fig. 2 show the voltages across the induc¬ 
tance and across the capacitance of a fixed tuned cir¬ 
cuit, plotted as a function of frequency, for a constant 
voltage maintained across* the entire series resonant 
circuit. Thus, greater discrimination may be secured 
against components of lower frequency than that to 
which the circuit is resonated, by using the voltage drop 


across the inductance, whereas for components of 
higher frequency greater discrimination may be secured 
by using the voltage drop across the condenser. This 
point, is of significance, for example, in the measurement 
of the harmonics of a given fundamental. For a given 
voltage due to the second harmonic across either the 
inductance or the capacitance, the voltage across the 
inductance due to the fundamental will he only one- 
fourth of that across the capacitance. With higher 
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harmonics the advantage of using the inductance will he 
even greater. 

To analyze a voltage wave rather than a current 
wave, an anti-resonant circuit in series with a high 
resistance may be connected across the potential to he 
measured in the same fashion as the ordinary voltmeter. 
The properties of this circuit, with respect to ( he cur¬ 
rents in the several members, are analogous to those of 
the previously described circuit with respect to the 
voltages across its members. Tn practise, it is more 
convenient, to use an initial vacuum tube stage having 
a high input impedance and arranged to work into a 
current analyzer circuit. 

Having secured as the output of the vacuum tube 
amplifier a voltage indicative of the amplitude of a 
single component of the complex wave, it; is a simple 
matter, by suitable amplification, to obtain sullicient 
power to operate any desired indicating device. One 
of the most convenient methods is to use as the final 
stage a vacuum tube having sullicient negative bias on 
its grid to prevent the flow of space current when the 
a-c. input wave is zero. The arrangement of the 
elementary analyzer, therefore, is similar to that; 
shown in Fig. M. The determination of the absolute 
value of the ampli tude of any component, which may he 
selected requires simply that the sensitivity of the 
analyzer be determined as a function of the frequency 
over the range for which if is to he used. 

A circuit similar to the elementary arrangement just 
described was constructed during the World War for the 
purpose of analyzing the currents present in various 
submarine sound detectors. Here the problem in¬ 
volved the exploration of a considerable range of 
frequencies to determine what components might he 
present;, as well as a measurement, of their relative 
magnitudes. The first tests were carried out by 
laboriously adjusting the capacitance of the tuned 
circuit to the values corresponding to a succession of 
different frequencies separated by small increments. 
For each capacitance setting, the deflection of the 
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rectified current meter was noted. With this arrange¬ 
ment, the time required to cover the frequency range 
between 100 and 3000 cycles was several hours. Sub¬ 
sequent modifications in the apparatus to facilitate the 
manual labor reduced this somewhat but still left it so 
high as to make it impractical for most purposes. 
This led to the suggestion of employing some automatic 
method both for varying the tuning and for recording. 
A paper 4 presented by Wegel and Moore before the 
A. I. E. E. in 1924, describes the final form of an analyzer 
suited to this type of problem. This employs pneu¬ 
matic relays for operating the condensers, the relays 
being controlled by a perforated paper roll similar to 
that of the familiar player piano. The record is made 
photographically on a sensitized tape moved at a 
uniform speed by the same mechanism which drives 
the perforated paper. At certain selected frequencies 
an auxiliary lamp, directly controlled by the perforated 
paper, traces lines across the photographic tape, iden¬ 
tifying values along the frequency scale. An illus¬ 
tration of a record made by this analyzer is shown in 


dyne wave must be adjusted is thus brought within the 
range of a single controlling element. 

In replacing the unknown wave by a wave occupying 
a higher position on the frequency scale, in order to 
reduce the fractional separation between the limits, 
the fractional separation between adjacent components 
of necessity has been correspondingly decreased. 
In order to retain the required resolution in the analyzer 
as a whole, the fixed tuned circuit on which the wave 
components fall as the wave is moved along is made to 
have extremely high selectivity through the use of 
mechanical resonance. In fact, the high selectivity of 
the particular element chosen, as compared with the 
selectivity of the elementary analyzer previously 
described, more than compensates for the loss in 
selectivity resulting from the frequency translation. 
Means are provided, as described in detail in the 
published paper referred to, whereby the amplitude of 
any unknown current component may be determined. 
This type of analyzer is of particular value in examining 
the composition of sustained vocal or instrumental 


Fig. 4. Its value in the qualitative exploration of an 
unknown wave is obvious. It is capable, furthermore, 
of considerable accuracy quantitatively. 



I ig. 4 Record made with Automatic Current Analyzer 


The analyzer just described is admirably suited for 
the investigation of many questions arising in electrical 
communication, particularly where it is necessary both 
to discover what components may be present and to 
determine their relative amplitudes. There are occa¬ 
sions, however, when a more rapid survey of the fre¬ 
quency range is all that is required and for which the 
elaborate recording mechanism is not justified. To 
meet these conditions, an analyzer has been developed 
by Moore and Curtis 5 in which the entire frequency 
range is s\vept over by the manual adjustment of a 
single continuously variable condenser. To accom¬ 
plish this result, the unknown wave is heterodyned by a 
variable frequency wave, whereby it is effectively 
transferred on the frequency scale in such a way, that 
the several components may be made to fall in succes¬ 
sion within the field of a fixed selective measuring 
device. By properly choosing the frequencies of the 
heterodyning wave, it is possible to make the interval 
between the limits over which it must be varied, con¬ 
sidered as a fraction of their absolute value, smaller 
than the corresponding interval between the limits of 
th e origina l wave. The region over which the hetero- 


4. 

O. 


Transactions of the A. I. E. E., Vol. XLIII, 
Bill System Technical Journal , April, 1927. 


1924, p. 457. 


tones, or other periodic waves of comparatively short 
duration. 

In many investigations, particularly those relating 
to modulation or to distortion occurring in non-linear 
circuit elements, it is desirable to examine the variations 
in a single component of a complex wave as conditions 
affecting it are varied. Here, the ability to explore the 
entire range of the wave need not be considered. 
Analyzers designed for this last mentioned type of 
problem, in general, require high selectivity in order to 
permit measurements to be made of components of very 
small amplitude in the presence of components of very 
much greater amplitude. In the case of the carrier 
repeater already mentioned, it may be necessary to 
examine quantitatively a component the amplitude of 
which is 10~ 5 times that of the amplitude of the com¬ 
ponents producing it. 

A simple method of securing this selectivity is to use a 
number of units, similar to the elementary analyzer, 
connected in tandem. This may be accomplished 
readily by providing the output of each amplifier stage 
with a step-down transformer of high turns ratio, 
thus securing proper coupling between the output 
of the vacuum tube and the resistance element of 
the selective circuit. In tests made of modulation 
occurring in the Havana-Key West telephone cable, 
three such units were used in tandem, successfully. 
There are advantages in this arrangement. First, the 
discrimination against any unwanted component is 
the product of the discrimination of the several 
elements.. Second, by alternating units containing 
amplification with units containing attenuation, the 
differences between the energy levels at any two 
parts of the system may be kept small. Third, the 
manipulation of the system is simplified because the 
tumng of one element may be carried out without 
affecting the adjustment of any of the others. 







May 1927 


HORTON: COMPLEX ELECTRIC WAVES 


539 


This relatively simple arrangement of multiple 
stages has recently been found inadequate for the 
exacting requirements which are to be met in the study 
of high frequency transmission apparatus. There has 
been developed, therefore, a heterodyne analyzer in 
which the frequency range to be examined is moved to a 


where by A. G. Landeen, 6 both of these methods are 
employed. The modulator is preceded by two stages 
of simple selectivity and amplification so that any 
components other than the particular one to be mea¬ 
sured are materially reduced in amplitude before 
reaching the modulator. The modulator is of the well- 



position on the frequency scale below that which it 
normally occupies. In this case, the translation is 
accompanied by a considerable increase in the frac¬ 
tional separation between the components. By vary¬ 
ing the frequency of the heterodyning wave, the 
component produced by its interaction with any com¬ 
ponent of the original wave may be made to fall, as 
before, within the field of a fixed tuned circuit. Due to 
the increased fractional separation, a circuit of given 
selectivity is more effective at this lower frequency than 
at the frequency of the original component. Further¬ 
more, inasmuch as the selective circuit need not be 
adjusted to any of a number of frequencies, a more 
elaborate design is possible, giving much greater 
selectivity than could be obtained with a circuit 
capable of convenient adjustment. These two effects 
working together make the discrimination of the 
heterodyne analyzer much greater than could be 
obtained by other means. 

It is apparent, since we are concerned with a par¬ 
ticular component which has resulted from the trans¬ 
mission of one or more other components through a 
distorting device, that care must be taken to prevent 
these other components from reacting in the measuring 
equipment in such a way as to modify the amplitude of 
the component in question. This end may be secured 
in two different ways. First, the interacting com¬ 
ponents may be prevented from reaching the modulator 
in which the heterodyning is effected and, second, the 
design of the modulator itself may be such as to prevent 
components resulting from interactions between com¬ 
ponents present in the incoming wave from reaching the 
indicating device. 

In the actual arrangement of the heterodyne analyzer, 
which is described in detail in a paper published else- 


known balanced type in which any product of modula¬ 
tion between two waves impressed, conjugately upon 
the input is delivered to the output circuit. Any 
modulation products resulting from interaction between 



FREQUENCY- KILOCYCLES 

Fig. 6—Curves showing Discrimination op Various 
Current Analyzer Elements 
A—Single Section op Elementary Analyzer 
B—Two Sections op Elementary Analyzer in Tandem 
C—Discrimination op Heterodyne Element op Hetero¬ 
dyne Analyzer 

D—Total Discrimination op Complete Heterodyne 
Analyzer 

two or more components of one of these conjugately 
impressed waves are differentially combined in the 
output with a subsequent reduction in their disturbing 
effect upon the reading. A schematic diagram of this 
6 . Bell System Technical Journal', April, 1927. 
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analyzer is given in Fig. 5. The curves of Fig. 6 repre¬ 
sent actual data taken with one system as adjusted for 
use. Curve A shows the discrimination, expressed in 
transmission units, 7 of the initial stage of this analyzer. 
It corresponds to the discrimination which might be 
secured with ordinary Circuit elements arranged as in 
the elementary form of analyzer. Curve B shows the 
added discrimination resulting from using two stages 
in tandem. Curve C, as compared with Curve A, shows 
the gain from the standpoint of resolution obtained by 
translating the complex wave in such a way as to 
increase the separation between its components, and 
by using a fixed complex selective circuit in place of a 
simple variable circuit. Finally, Curve D gives the 
over-all discrimination of the complete analyzer. 

With a system containing as many variable elements 
as that just described, any general calibration is 
practically worthless. The alternative is, effectively, to 
calibrate the system for each individual measurement. 
In practise, this is relatively simple. A variable 
frequency oscillator is provided, the output from which 


tion. The various types, nevertheless, arc adapted 
to meet the requirements of such a wide range of 
problems that they may be applied generally in the 
investigation of electric waves. Fur other specific 
problems, however, it; will undoubtedly he found 
desirable to work out still oilier arrangements, better 
suited to the particular conditions encountered. It 
is hoped that the several modifications of the elemen¬ 
tary analyzer which have been discussed in this paper 
will be of value in suggesting further modifications 
which will extend its usefulness. 


l>is< mission 

N. 10. homu Tim last, method dr 1 1 •**» 1 in Mr llortim'N 
paper and t he mm which In* »<vi<l«*j»t l> prefer*, involve ,h tin* m-eitfu 
Bine-wave oscillator of variable t'rrqm im>. \>>u a *dim«Wii,ve 

oscillator, (.specially one whose lYrqueiiev non, lie varied over a 
large range without, disturbing the wave form, would make a 
very valuable adjunct to many a laboratory. Will Mr, Itornm 
please stale what method he uses to make certain of thepurityof 
the wave form? 


is substantially sinusoidal. After a particular com¬ 
ponent has been selected and the sensitivity of the 
analyzer adjusted to give a suitable deflection on the 
indicating meter, the complex wave is replaced by the 
output of this sinusoidal oscillator, the frequency of 
which is then adjusted to give a maximum deflection 
on the indicator, thus insuring that the frequency of the 
sinusoidal wave is practically identical with that of the 
selected component of the complex wave. The output 
of this reference oscillator is maintained at some con¬ 
venient amplitude, such as one milliampere or 10 milli- 
amperes, and is impressed upon the analyzer through 
a calibrated attenuation box. By adjusting this 
attenuation so .that the deflection of the analyzer meter 
is the same as that obtained with the complex wave, 
it is apparent that the sine wave impressed upon the 
analyzer is a duplicate of the component of the com¬ 
plex wave with respect to both frequency and amplitude. 
The amplitude is thus determined in terms of the 
known output of the oscillator and the known attenua¬ 
tion of the adjustable network. It would be possible, 
of course, to measure' directly the amplitude of the sine 
wave current impressed upon the analyzer, but for 
many of the problems for which this apparatus is used it 
would be necessary to employ measuring devices of 
such high sensitivity as to be far more cumbersome 
than the method described. 

. The several analyzers just considered are primarily 
intended, as has been apparent, for the examination (if 
the comple x waves occurring in electrical communica- 

J-1°* t*"***? ot “ s of expressing «urn.nl ratios, 

r “»SAcmoNS A. I. ]<]. IS., Vol. XU 11, m\, 

NoTllso^Thf/ 1 '*” T ? Av ^ a } July, 11124, Vol. HI, 

No. 3 also The Transmission Unit," It. V. L. Hartley, Mb-clnmi 
Communication, July, 1924, Vol. HI No l 


mmuim m wave amuyis mu nmm i«»u» n oy ,\n\ Uurfuii, 
htil, somewhat Nimilar to I ho one referred to above, wn* th * ribeil 
in a wall known French publication a huh* over a year ago by 
R. Thornton Coo lRevue tie l* HI,rtnni ,, XJX, 2UT2P7, Fol.ru- 
ary, 102(5). This method makes mm of an a«fa!i»« ejectru- 
dynamonmter. A sinusoidal current of ndjuMuble frequency is 
passed through flu. sfalionary coil, while (hi* moving end carries 
(ho eurroiil whose wave form is Nought. Tim deflection of the 
dynamometer at; unity power factor a direct mejomre of tin. 
amplitude of tho particular harmonic, since (ho instrument will 
respond only to that component of tho eomplex wave tho fro* 
queney of vvliioh in equal to tho frequency * if tip* current j uimhj ug 
through tho flxod coil, Ah tho mol hod appear* very simple, 1 
should liko to hoar from Mr. ilnrtou w hot!mr it r«*.'«*iv ed oon* 
sideration and whothor, in bin opinion, it could bo used a( audio 
or carrier frequencies. 

J. W* Ilortoni The ilrMt questiim concern* the purity of wave 
shape of tho oscillator. 1 premium this refers to tho oscillator 
used in tho HubNtitution mothod. Ah a matter of fact most 
measurements do not, require an abnormally high degree of purify 
in tiluH oscillator, For example, Mhouhl tho total harmoaioH 
aggri'gato, Hay, 5 per cent of the fundamental, the only error 
introduced in that tho current used in the Nuh*tit til inn mothod an 
measured by tho thormooouplo will appear to be about 5 percent, 
higher than the correct, value. In other word**, the absolute 
value of the component mcamired will he in error by the amount 
thu luinnoiucH, TIimho hurtHunn*H utuv, liowtivt'1% W 
mined by other measurements and a eorreet ion applied to fake 
account of their presence. 

In the actual oscillator used, the total amount of harmonies 
under normal conditions, that in, the square root of the sum of the 
HquaroH of all components other than (he fundamental, i« Urn 
t lan 4 percent of the total amplitude of the current an measured 
>,y a thermocouple. If the meamireiueufM demand that greater 
purity be obtained it. w generally moat economical to do if hy 
UHing alow-pass filter in the output of t he oscillator, There have 
been provided for certain measurement k a aeriew of audt tow-paws 
<*? <*»«' filter being approxiumfelv twice tho oni¬ 
on of the other. With any filter of the wring it h possible to 
o dam a current free from harmonics mpr the frequency range 
extending from just above one-half the out-oft freqtteiiev to just 
below the cut-off frequency, The several filters are mi chosen 
that these ranges overlap. 
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The second quasi ion ri-IVrs to the dynsimomelcr met,hod for 
measuring individmd eoiuponeuts. I have had no experience 
with that method. From what, little I know of it, I should 
imagine it might possibly he somewhat cumbersome to apply in 
eases where the component to be measured is of tlm order of 
0.0(101 of tin* fundamental components in the circuit,. I should 


also imagine that it might, not be very accurate in cases where 
the components are so small that a considerable amplification is 
required to bring them to tlm point when; they could he made to 
give a reliable reading on some indicat ing device, or where the 
frequencies are so high that distributed capacities within the 
dynamometer become effective. 


A New Thermionic Instrument 

BY S. C. liOARE' 

Aiiiiunatc, A. I. li. 1C. 

Synopsis. . t nriejnein oj nieinnii hi hr colt meter that has certain of ichose anus is the phitc-Jiliiinrnt itn /irdauce of it tuna in an three- 
limit:; not /wnxessnl hi/ t.nrltinj instrument:; is desrnhnl hi/ this; element plialron to permit tin: hn it dint/ of vary uliirilj/ instruments of 
paper. Aili'itnttifp is la hen oj tin • properties of a liridi/e circuit, one -unusual sensilicilj/ mill depenilahUitj/. 


A [number of schemes using standard three-element 
thermionic lubes lots been used in various 
phases of electrical measurement work. The 
amplifying characteristics of these well-known devices 
immediately suggest, themselves to those having 
unusual measurement problems. A number of volt¬ 
meters of the vacuum tube type have been described in 


instruments cannot be used or, if usable, are highly 
special and delicate. This new development permits 
the housing of all necessary circuit parts except; the 
exciting battery in the case of a standard high torque 
d’Arsonval microammeter. There is but one adjust¬ 
ment. necessary and this is made by a rheostat; which is 
one of the parte incorporated in the case. The only 
batt ery required is one for the excitation of the filament. 



the[literature and some of these have reached the com¬ 
mercial stage. Unfortunately, however, most of these 
schemes have been quite complicated or required 
considerable auxiliary equipment and other measure¬ 
ment, devices, to adjust the various currents and volt ages 
of the circuits to a standard value. These compli¬ 
cations have served as deterrents to the more general 
application of vacuum tubes to measurement work. 


Due to the particular circuit used, the adjustment of the 
current from this battery by the rheostat adjusts the 
filament current., the grid bias, and plate voltage. 
This adjustment is made by turning the rheostat until 
the instrument pointer indicates zero. The instrument 
then becomes direct reading. 

The circuit is essentially a Wheatstone bridge with 
three arms of fixed wire resistors and one arm, the 
plate-lilament resistance or impedance of a three 



Recent work has shown the practicality of ideas of 


using vacuum tubes in very simple circuits for measure¬ 
ments of reasonable precision where unusual electrical 
conditions must be met and where ordinary measuring 

1• Htamhirdi/.ing Laboratory, (Jh moral Klim trie Co., Went 
Lynn, ’Muss. 

Presented at the Hi'i/imnl Marling of District No. 1 of the 
A.L E, It , Pittsfield, Maw,, Map to-JS, W2?. 


element vacuum tube. This impedance, as is well 
known, is a function of the grid potential and is radi¬ 
cally changed by relatively slight changes of the grid 
potential. Thus, an e. m, f., either direct or alter¬ 
nating, applied to the grid, upsets the balance of the 
bridge. The degree of unbalance which is a measure 
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of the applied voltage is read on the galvanometer or 
instrument element. A diagram of connections is 
given in Fig. 2. The resistances R 0 and Ri serve 
to adjust the potential of the grid with respect to the 
filament to a definite value. These resistances are 
fixed in value, the adjustments being made at the time 
of calibration at the factory. The potential is deter¬ 
mined by the IR drop in R g . Ri can be omitted when 
the test circuit forms a closed connection to the binding 
posts 1 and 2. Ri ordinarily lies between 50,000 ohms 
and 10 megohms, depending upon the proposed use of 
the instrument, type of tube used, etc. 



The bridge arms, M, N, and P are of manganin. 
Resistors R g and R v are also of manganin and serve 
the double purpose of limiting filament current and 
of supplying (by virtue of their IR drops) the requisite 
grid and bridge (viz., plate) potentials. The relation 
of R s to R p is such that the tube is worked at a point 
near the lower knee of its grid voltage-plate current 
characteristic curve. 

The preliminary manufacturing adjustments are 
made by setting R g and R v to approximately predeter¬ 
mined values, then adjusting P to bring the instrument 
pointer closely to the zero point. R v is next given a 
slight readjustment to cause normal flow of filament 
current, with nominal value of excitation voltage and 
with the adjustable rheostat in its half-way position. 
The half-way setting of the rheostat during this ad¬ 
justment of R p insures sufficient latitude of control 
in the completed instrument with slight variation in 
battery voltage. 

Normal filament current is conveniently determined 
from the measurement of filament voltage as given by 
either a potentiometer or a very high resistance volt¬ 
meter connected across the filament of the tube. After 
making this adjustment it will be found that the 
bridge is still unbalanced as indicated by the move¬ 
ment of the microammeter pointer above or below zero. 
The. network can now be balanced by readjusting P. 
During this work P; is in position but with no external 
connections to the grid. a 


As previously mentioned, a voltage, either alternating 
or direct, impressed upon the grid when the bridge is in 
normal balance, causes an unbalance because the im¬ 
pedance of the tube is altered. The indications of the 
microammeter form a measure of the unbalance of the 
bridge and, hence, of the voltage applied across 1 and 2. 
With d-c. circuit, the terminal 2 is connected to the 
positive side of the line. This results in making the 
grid less negative, thus lowering the impedance of the 
tube and thereby causing an increase in the plate 
current. When an a-c. voltage is impressed across 
1 and 2, the negative loops of the voltage wave are, 
in effect, suppressed, and thus the indications of the 
microammeter are somewhat less than half of those 
from a similar d-c. voltage application. The indica¬ 
tions of the microammeter element are substantially 
proportional to average values. The resulting action 
of the complete device is somewhere between an 
“average value” and an “effective value” instrument. 
For most purposes the error resulting from distorted 
waves is not serious. The calibration is made by apply¬ 
ing known values of sinusoidal voltage or current. 

The current drawn from the lines by this instrument 
is determined by the grid bias voltage, which is con¬ 
trolled by the I R drop across R 0 in Fig. 2. With a 
six-volt excitation battery it is possible to build these 
instruments as alternating-current voltmeters with 
10,000 ohms (effective) per volt. By making the grid 
bias more negative it is possible to reduce the current 
drawn by the grid to less than 1 microampere. This 
requires a< higher excitation voltage. A number of 



Fig. 4-t-Type DL-2Y Laboratory Standard Microam¬ 
meter—Thermionic Type 


instruments working from a 24-volt battery have been 
built. Some of these have required less than 0.1 micro¬ 
amperes as their operating current. The reason for the 
higher grid bias values is seen in Curve B of Fig. 3. 
This curve is the 24-volt characteristic of a tube and 
Curve A is the 6-volt characteristic. It is seen that 
wi Curve. B a much wider voltage range may be 
measured without having the grid positive. The grid 
does not draw current while negative. 

The general arrangement of this circuit results in 
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instruments with fairly uniform scales, as may be seen 
in Fie;. 1* "this is an unusual feature of thermionic 
instruments. The electrical and mechanical zeros are 
also coincident, which is another feature not common 
in such devices. 

These instruments have been built as low-range 
voltmeters, especially for alternating voltages, and as 
low capacity microammet.ers for alternating-current 
and direct-current. The mieroummeters are operated 
from the drop across a resistance in series with the line 
current, to be measured. It has been found possible to 
construct, such an instrument to have a full scale range 
of 0.1 microamperes direct-current with only 0.3 volt 
drop. This instrument, is shown in Fig. 4. Its scale 
is 12 in. long. 

If care is taken to use resistances of proper design 
for high frequency work, and if the parts are properly 
mounted and shielded, this scheme would serve effec¬ 
tively for measurements at. high frequency. If is 
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useful life, the need for an external excitation source, 
the need for accurately balancing the bridge before 
measurements are made, and the wave-form error when 
used on alternating-current. These disadvantageous 
features, however, are common to all thermionic 
instruments. 

By careful selection of tubes for constancy of charac¬ 
teristics and by conservative selection of operating 
temperatures, it is possible to obtain quite long and use¬ 
ful lives for the tube. To some extent the cir¬ 
cuit arrangements compensate for changing tube 
characteristics. 

The external potential source can be a group of or¬ 
dinary dry cells. It; has been found that these, when in 
fresh condition, will require readjustment of the rheo¬ 
stat only infrequently. 

Tests have been made to show the error resulting 
from inaccurate balancing of the bridge network. 
When the balance as indicated by the microammeter is 
within 0.010 in., (about three needle widths of the 
pointer), the calibration is within 0.5 per cent; of full 
scale value. 

The wave-form error is inherent in devices of this 
kind. For many measurements at high frequency 
where resonant circuit,s are used, the error will be 
quite inappreciable. For most measurements in the 
power frequency range the error will also be negligible. 
A test with a wave consistency of 30 per cent, third 
harmonic and TO per cent fifth gave but 4 per cent devia¬ 
tion from a sine of the same effective value. The 
fundamental in tins case was 00 cycles. 

As previously mentioned, this arrangement, is one 
that is not especially susceptible to damage from moder¬ 
ate overloads. This is borne out by the data in the 
accompanying tabulation. 


VoltH, full W’ltlll. 

Resistance between tmithuiifi (ohm**). 

Ohms-per-volt sensitivity.... 

Ourmit, eojwumptlim at full wale inmpensi..... 

Torque, full scale mint g,t...... ,. 

'Weight, Of moving elt.jnt.nl (grams') .... .. 

Damping; Foil wide togero (seconds)... 


TAHUK II 

1>1U KCT-4 HI It ItKNT VO I ,TM KTK It H 


t military 

Special 

Extreme 

sensitivity 

Thermionic. 

Thermionic 

d'Arsouval 

d'Arsouval 

(lVArsouval 

0 -volt battery 

24-volt battery 

5.0 

5.0 

5.0 

5.0 

5,0 

500,0 

5.000.0 

100 ,000, 

200 .000. 

infinity 

OKU) 

1 ,000.0 

20 ,000. 

40,000. 

" 

0,010 

0,001 

0.000050 

0.000025 

nil 

6 m 0 

a. 2 

o.a 

0.0 

0 .0 

l.H 

*> e 

l.H 

l.H 

l.H 

2.0 

1.(1 

a. h 

a. 4 

a. i 


especially necessary that Hi he of proper construction 
and shielded if high frequency measurements are to be 
made. Hi can, of course, be replaced by a series or 
shunt condenser. 

These instruments have some advantages over ther¬ 
mocouples, which are of necessity worked dose to the 
burn-out point, because moderate overloads will not 
change the instrument and will not permanently impair 
the tube. The disadvantages of these instruments are 
the varying characteristics of tubes throughout; their 
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Laboratory 

Standard 

thermionic, Thermionic 
4H-vult battery 24»vnll battery 


Microamperes, full scale...... 

Resistance between terminals (ohms)... 

Drop at full scale (volts)........ 

Torque?, full scale (mm-g.)..... 

Weight of moving element. (grams). 

Damping; Fall scale to zero (seconds) ... 


O.l 

a.aoo.ooo. 
o.aa 
o.o 
a.s 
7. (5 


1 .it 

750,000. 

1.12 
0.0 
l.H 
a a 






















































HOARE: A NEW THERMIONIC INSTRUMENT 


Transactions A. I. E. E. 


">44 

Some of the advantages of this general scheme are 
shown by the tabulations (Tables I and II) which com¬ 
pare ordinary instrument constants and the constants 
of some thermionic instruments and by Table III, 
which tabulates data of some microammeters of ranges 
well beyond the possibilities of ordinary d’Arsonval 


construction. 

TEST DATA 

Variation with full load self-heating (maxi¬ 
mum, during a 30-minute period in terms of 

initial indication> (per cent of full scale). —0.4 

Variation per deg. cent, ambient rise (be¬ 
tween 25 degrees and 50 degrees Centigrade) 

(per cent of point). —0.05 

Variation at 1000 cycles, sine wave (in terms 
of 60 cycle sine wave indication) (per cent of 

full scale).. —0.2 

Variation with irregular wave form at 60 
cycles (in terms of 60 cycle sine wave indica¬ 
tion) peaked wave, form-factor = 1.13 (per 
cent of full scale)....’... —4.0 


Variation due to inaccuracy of zero adjust¬ 
ment (pointer purposely set three thicknesses 
off true zero position) (=±=0.010 in.) (in terms of 
indication with correct zero adjustment) (per 

cent of full scale). =±=0.5 

Variation with application of overloads 
(without reactivation) in terms of indication 
prior to overloads 

2 -minute grid overvoltage of 100 per cent (per 


cent of full scale). -f 0.3 

5-minute filament overvoltage of 10 per cent 
(per cent of full scale) . +1.0 
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Discussion 

N. E. Bonn: Mr. Hoare’s instrument will undoubtedly be 
found very useful for certain special applications. For general 
laboratory work and as a detector in ordinary bridge and poten¬ 
tiometer circuits its value is very much limited by the exception¬ 
ally high internal impedance. True, it can be made to give a 
full-scale deflection while drawing only 0.1 microampere from the 
circuit, but it takes fully 0.3 volt to do so, and such high voltage 
is not available when one measures temperatures by means of 
thermocouples or in ordinary Wheatstone bridge and poten¬ 
tiometer circuits. 

Throughout the paper the instrument is referred to a number 
of times as a microammeter. Now a mieroammeter is a current- 
measuring^ device the impedance of which must be much lower 
than the impedance of the circuit in which it is being used. 
To express the sensitivity of an instrument having an internal 


impedance in excess of 3 million ohms, in terms of microamperes 
is somewhat misleading. This instrument is strictly a volt¬ 
meter, but not a microammeter in the accepted meaning of the 
term. 

B. W. St. Clair: (communicated after adjournment) Vac¬ 
uum tube thermionic instruments are by no means new. There 
has been a number of different instruments on the market for 
several years. There are certain differences between the 
schemes proposed by Mr. Hoare and those that have been used 
heretofore and it is to the differences in these various instruments 
that this discussion is dedicated. 

The biggest difference between this instrument and the more 
ordinary type of thermionic or vacuum-tube voltmeter is in the 
elimination of all auxiliary equipment with the exception of one 
exciting battery. Heretofore vacuum-tube instalments have 
required either B batteries or C batteries, or auxiliary ammeters 
or voltmeters in addition to the A battery required by this 
instrument. In several of the schemes the accuracy of the final 
measurement is determined by a setting of an auxiliary 
instrument. 
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Fig. 1—Alternating-Current Thermionic Voltmeter 
Variation ■with Wave Form. Given in Terms of Sine- 
Wave Indications Tested at 60 Cycles 
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Another very real difference between this instrument and the 
older ones lies in the type of scale that results and also in the 
position of the electrical zero. In few of the previous schemos 
do the electrical and mechanical zeros coincide. Mr. Hoare’s 
instrument is the only commercial one I know of that has co¬ 
incident mechanical and electrical zeros. Most of the ins f.rn- 
ments proposed heretofore have scales that depart very seriously 
from a uniform law. The departure from a linear law of the 
scales of these instruments is not very serious. In fact, the 
scale can easily be read with about the same linear accuracy at 
any part of its length. This is not true in the older commercial 
instruments we are familiar with as they have scales that corre¬ 
spond more to reciprocal laws than'to straight line laws. For 
many test purposes the uniform type of scale is very much to be 
desired. 

S. C. Hoare: Under ordinary conditions, I doubt if many 
will object to the resistance of these thermionic microammeters 
since when measuring current values of the order of 20 to 1 
microamperes or less, the resistance of the circuit is so many 
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Thermionic 


d’Aivsonval 


tl'Arson vai 

Thermo-couple 

Elect.rody mimic 



Type 


Typo 


Typo 

Type 

Type 

Ampere, full scale. 


o.onnoom 


0,(1005 


0.0 10 

0.002 

0.010 

EuNlsIance between terminals minus).. 


:t,.'50(1,1 mu 


KOO.O 


100,0 

(500.0 

5000.0 

Drop a( full scale (veils). 


().:(.{ 


o.n 


1.0 

1 .2 

ti . 8 

Torque full scale (mm k.). 


on 


2.2 


1.0 


2 .8 


times that of Mm* instrument that .‘5 megohms would not bo 
morions. A common use of these instruments is for photoelectric 
cull photometry whore t,lu» circuit resistance is many times that 
of the instrument. In such work tlm instrument resistance can 
ho considered almost insignificant. 

Errors duo to irregular wave-forms are inherent, in those types 
of thermionic instruments in which the grid is worked at positive 
potentials. The errors become smaller with (he reduction in 
positive {.'.rid potentials, and are quite negligible in those instru¬ 
ments in which I lie grid is kept, always at a negative lu'as. 

The accompanying characteristic, curves illustrate the magni¬ 
tude of wave-form errors with different conditions of grid- 
biasing. The upper set. are typical of an instrument in which the 
prid is never permitted to become positive. In this type the 
current consumption in the input, circuit is practically nil. The 


lower set represents the other extreme, wherein the grid is per¬ 
mitted to become appreciably positive. This type draws about 
100 microamperes in the input circuit. 

Waves (' and 0 are badly distorted, (' containing prominent 
fifth and seventh harmonics and O containing third and seventh 
harmonies. 

1 doubt, if Mr. Bonn appreciates the magnitude of the voltage 
drop necessary in an instrument, for the measurement of very 
small currents. Alternating-current instruments especially 
require quite an appreciable drop when the current, range up- 
roaches milliumperes or microamperes. In the brief tabulation 
above are given some values for ordinary d~«. instruments and 
for a-c. instruments. It is there seen that the drop across the 
thermionic microammeters is not excessive when compared with 
some of the more ordinary types of test instruments. 



































The Oscilloscope: a Stabilized Cathode-Kay 

Oscillograph with Linear Time-Axis. 


BY FREDERICK BEDELL' 

Fellow, A. I. 10. 13. 

Synopsis. A Method is described for using a cathode-ray 
oscillograph for the mnuUancmts observation of a number of variable 
quantities by means oj a distributor. A linear time-axis, obtained 
by means of a gas-discharge, lamp connected to a source of dire cl¬ 
ean out through a resistance or thermionic tube, is stabilized by 
introducing into this circuit u small e. in. f. derived from the same 
source 1 that supplies the unknown quantities under observation. By 


and IIKHBKHTJ. KICK 111* 

making slahili::ation definitive rather than casual, dicta,H uh in 
avoided. The unknown iptanhlu. are fhn: .duneit u t n ft,rut con¬ 
venient for iihserration, appearing nr. stationary on -1 ; plotted with 
time, as abscissa. The curve.: may he super posed about a coin turn 
zero line, or displaetd with ref resue to each other trifh . » parole zero 
lines. The nano oscilloscope is applied to lh* apparatus here 
described, asscnd>lt d as tin instrument. 


T HE oscillograph employing a vibrating cathode ray, 
first used by Braun and later so admirably de¬ 
veloped by Ryan and others, has certain distinct 
advantages over the oscillograph of the Blondel or 
Duddell type in which a vibrating mirror is used. 
Foremost among these advantages is the fact that the 
cathode beam is free from inertia and can readily 
follow the variations of an electric or magnetic field 
even at high frequencies. The cathode-ray oscillo¬ 
graph, as hitherto commonly employed, has, however, 
the disadvantage that it has not been possible with 
it to show the variations in a number of quantities at 
the same time, nor to show these variations, as is done 
with the vibrating mirror oscillograph, as curves with 
time as abscissa in rectangular coordinates with which 
everyone is familiar. 

While the cathode-ray oscillograph has proved a 



Fkl 1 Htariltzj'Jd Ohcillohcope, Field Type 
Made hy It. C. Hurt, i.:y S. Middyan Aw., Pasadena, Calif. 

highly valuable tool for a wide range of engineering and 
scientific investigations, including both cyclic and tran¬ 
sient phenomena, and, in certain respects, is superior 
to the oscillograph of the mirror type, it has suffered 
by the two limitations just described. These limita¬ 
tions, however, may he removed and the field of use¬ 
fulness of the cuthode-ray oscillograph so widened that 
it becomes practically 'a new instrument. As the in¬ 
strument developed for this purpose, (shown in Fig. 1), 
is primarily intended for visual observation, we have 

1. Both of lho ('orru'll University, 

/*resented at the Regional Meeting of District No. I of the 
,-L I. E. E., IHllsJield , Mass., May gfi-'MR, Did?. 


given it the name “oscilloscope," Permanent record 
may be obtained, when desired, by a photograph in the 
usual way. On the of her hand, an mt’ifhnjmph of the 
Blondel or Duddell type, both in name and in fact, is 
primarily for graphical record, 

Not being limited to a single cyclic phenomenon, the 
oscilloscope is polycyclic; furthermore, it is stahilbed 
so that; the wave or waves stand stationary for observa¬ 
tion and this becomes particularly important when 
several waves an* observed af one time. Recurrent 
transients, as well as more usual periodic phenomena, 
may he observed. 

The cathode-ray oscillograph tube is so well known 
that, it needs no description. The cathode beam, 
focused on a fluorescent screen or photographic plate, 
is deflected in one direction by one set of plates or coils, 
and in a perpendicular direction, by another set of 
plates or coils. 

An admirable and full account of various types of 
cathode-ray oscillographs and their development front 
the beginning is given by A. B. Wood and others in 
the Journal 1. E. E. iNov.. iTifo, with lilt pagesand 12T> 
references. So complete is this account twilit its 
bibliography), .and so admirable is the presentation 
that further discussion here is unnecessary. 

The Pot,voyeur DtsTgiiwroit 

In using the cathode-ray oscillograph, it omimnl to 
the writers that il one pair of deflecting plates or coils 
could be successively switched by a distributor from 
circuit to circuit in rapid succession, the cathode beam 
would follow each in turn, making possible the sit nub 
Laneous observation of several unknown quattfiftCH, 

We have found this to he the case and that when 
switched at proper intervals, the curves appear to the 
eye as simultaneous and continuous, due to persistence 
of vision, and likewise so appear ilia phot ogniphic record. ■ 

1 he development of a four-way experimental dis¬ 
tributor for this purpose is shown in Fig, 2. A resis¬ 
tance is included in each of the fourcireuitsiwjirotcetion 
in case of short-circuit. A brush H hears on a centime j 
ous slip-ring to which an* connected staggered quad¬ 
rants, Each of the remaining four brushes comes in 1 
contact, in turn, with one of these quadrants. The 
terminals Y„ Y are connected to one pair of deflecting I 
plates of the oscilloscope, the terminals Y 0 Y u Y., Y* 
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7(1 7;t, 7 ii } .s being connected to the several circuits 
under test. It will be noted that 7 ( , is a common 
terminal; if any of the circuits cannot be so connected, 
an insulating transformer should he interposed between 
such circuit and the distributor terminals. Avoiding 
the common terminal, a double distributor can be used 
in a special case when necessary. 

Linear Time-Axis 

A linear time-axis, desirable for the observation of a 
single quantity, becomes almost, a necessity in order to 
make a satisfactory interpretation possible when several 
quantities are simultaneously studied. 

The need for a linear time-axis with the cathode-ray 
oscillograph has long been recognized and various 
ingenious methods have been proposed for its ae- 


• - i i 

I ! I ! ? 

ft V) v,' n y,| 

Fl<i. 2 PulOiOri.lt: 
DlHTHimiTOH 


A 



to 

Ovillagript) 

i l. 


V 



Fin. a -Battkky 

Ol’F.UATluN’ 


**p 


complislmient, often, however, with but limited applica¬ 
tion. Mechanical devices are limited in range of fre¬ 
quency; electrical devices, although not. thus limited, are 
liable to be unstable, and st abilit y, as has been pointed 
out, assumes prime importance when several curves are 
simultaneously observed, as any motion of the curves 
creates hopeless confusion. Kven for a single curve, 
stability is needed if t he curve is to bo carefully studied 
and perhaps sketched, traced, or photographed. Fur¬ 
thermore, electric devices without, proper precautions 
are liable to produce distort ion, 

A linear t ime-axis may be obtained if we have avail¬ 
able either a synchronous mechanical switch or a syn¬ 
chronous electric valve. Thus, if a condenser is charged 
at a uniform rate t hrough a resistance, or otherwise, and 
is periodically discharged by a synchronous switch, the 
difference of potential across the condenser terminals 
will increase linearly with time while the switch is open, 
and drop suddenly to zero each time the switch is 
closed. 

The Corona Valve 

A mechanical synchronous switch is cumbersome and 
can be operat ed only at low frequency, A synchronous 
electric valve that, would automatically perform the 
same function at high or low frequency would evidently 
be better. Such a valve is found in the gas-discharge 
lamp,, containing commonly neon or argon, the charac¬ 
teristics of which are well known. (Bee bibliography.) 
when subjected to an increasing voltage, no current 
will flow through such a lamp until a certain critical 


“ignition” voltage is reached. Current then flows 
(analogous to the closing of the switch) and continues 
to flow until a definite lower “extinction” voltage is 
reached. Current then stops, analogous to the opening 
of the switch. The difference between the ignition 
and extinction voltages depends upon the frequency 
and type of lamp. 

Each gas-discharge lamp possesses a certain capacity, 
so that, when connected to a source of e. m, f. through 
a resistance (in excess of a certain “critical resistance”), 
the lamp will light and re-light; at definite frequency. 
This frequency may be varied through a wide range by 
varying the resistance and capacitance of the circuit. 
The gas-discharge lamp acts as a synchronous electric 
valve, performing the functions of a synchronous 
mechanical switch. Due to its nature, it may be re¬ 
ferred to as the “corona valve.” 

Many theoretical and experimental studies (see 
bibliography) have been made of this phenomenon. 
Suffice it to say that the oscillation frequency is under 
control by adjustment of resistance and capacitance, 
the maximum frequency being obtained by reducing 
capacitance including the capacitance of all circuit 
connections to a minimum. Capacitance may be 
obtained by means of condensers in parallel with the 
corona valve or in parallel with a series resistance. 

While the oscillating circuit can be adjusted for audio, 
commercial, and lower frequencies, frequencies much 
higher Mian audio-frequencies are not readily obtain¬ 
able with usual apparatus. A frequency of 1)5,000, 
however, is reported by Oschwald and Tarrant, using a 
resonant circuit; but resonance tends to produce a 
sine-wave oscillation rather than the straight saw¬ 
toothed wave required for a true linear time-axis, 
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and is to be avoided in an oscilloscope in which accurat e 
reproduction of wave-form is sought. On the other 
hand, low frequencies, of, say, one every minute or, 
indeed, every hour, are obtainable and there is no 
obvious reason why with sufficient capacitance, (and 
patience), one could not reduce the lower limit; almost, 
indefinitely, if there were any object in so doing. 

Oscillating Circuit 

Circuit connections for obtaining a linear time-axis, 
are shown in Fig. 5. In the resistance circuit A PC, 
connected to the battery A B (/, is inserted the corona, 
valve V, which, either alone or with supplemental 
condensers in parallel with it, has a capacitance c, 









































54S 


BEDELL AND REICH: THE OSCILLOSCOPE 


'rnui;*;n , |inns A. |, g. 


and a potential difference v = q/c. The corona valve 
passes no current, acting as an open switch, until the 
potential difference between its terminals, as charge 
accumulates, reaches the ignition voltage. Current 
then flows and the potential difference drops until 
extinction voltage is reached; the current then stops, 
the potential difference again builds up and the cycle 
is repeated. 

Fig. 4 shows the variation in the difference of 
potential between a point P in the resistance circuit 
and a point of reference B of fixed potential. The curve 
of potential-rise is exponential, as shown by the dotted 
curve. By using only a short element of this curve, the 
rising part of the saw-toothed curve is sufficiently 
straight to give the desired linear time-variation, when 
P and B are connected directly or through an amplifier 
to the deflecting elements of the oscillograph. Other 
points, as P' and B', give a similar but smaller variation, 
the amplitude of the time variation being capable of 
adjustment in this manner. The short, falling part 
of the saw-tooth curve, corresponding to the brief 
interval during which current is flowing through the 
corona valve, is so rapid that the spot of light on the 
oscilloscope screen shows only a negligible trace as it 
sweeps back to repeat the cycle. 

Fig. 5 shows the connections for operating the os¬ 
cillating circuit when a thermionic tube W replaces part 
or all of the resistance in series with the corona valve. 
A constant current through W, when operated above 
saturation, gives a uniform increase in v during the 
rising part of the saw-tooth curve, and so assures a 
linear time-axis. 

Connections are likewise shown in Fig. 5 for operating 
the oscillating circuit when resistors, supplied with di¬ 
rect current from a generator or battery eliminator, are 
used in place of batteries. The same resistor system 
may supply the accelerating potential for the cathode- 
ray tube as well as any voltages that may be needed 
for bias or for the vertical or horizontal displacement 
of the cathode-ray beam. Operation with such a 
resistor system is very convenient, giving a nicety of 
adjustment not possible with batteries, provided pre¬ 
cautions are taken to design the circuits, (including the 
circuits of a battery eliminator, if used), so that the 
several adjustments are sufficiently independent. The 
use of more than one eliminator would, of course, 
obviate the difficulty, but a single eliminator, properly 
compensated and designed for the purpose, will suffice. 
After the use of such an eliminator, batteries seem 
cumbersome and are a source of error when they do not 
give just the proper voltage. When a generator supply 
is used, commutator ripples may be filtered out, if 
necessary. 

Stabilizing 

In order that the curves shown by the oscilloscope 
may be stationary, it is necessary first to synchronize 
and then to stabilize the oscillating circuit; that is, 
the frequency of the oscillating circuit is first so adjusted 


that the cathode beam sweeps back once every half 
cycle, or some multiple of if, of the varying quantity 
under observation, and is then looked in step and so 
stabilized. As an automobile engine is first synchro¬ 
nized and then thrown into a particular gear, the os¬ 
cillating circuit is synchronized aiul then thrown into 
the desired gear, electrically, so the curve shown 
includes one or more cycles, or half cycles, of the 
quantity observed, as may he desired. W ithout being 
thus stabilized, the curves are liable to move and make 
observation difficult. 

Stabilization may be effected in various ways, the 
simplest, method being by introducing into flu* oscillat¬ 
ing circuit a very small e. in, f. of the same frequency 
as the circuit under observation. This may occur in a 
way that is atxuul and uncontrolled ».whether by 
accident or design), through leakage or induction; 
thus, under certain conditions, we found that curves 
stood still when the operator merely raised his hand 
as though warning an animat e being. Such stabilizing 
was promising and fascinating, i 'usual stabilizing, 
however, produces distortion; for, unless the stabilizing 
e. m. f. is controlled, some of it will affect the oscillo¬ 
graph circuit. To avoid distortion, stabilizing must he 
dvjinilbv, and the e. m. f., whether introduced ptinduc¬ 
tively or inductively, so localized and controlled as not 
to affect the oscillograph. 'Thus, wit bout attempting to 
discuss all possible met hods of stabilizing, it is obvious 
that; the distortion produced by the introduction of an 
e. m. f. at. J l), (Fig. f>), while appreciable, would be far 
less than if the e. m, f, were int roduced at P B. The 
authors have found that, for the apparatus employed, if 
is possible to obtain a definitive stabilization without 
distortion and with an amount of energy so small that, 
the disturbance to the circuit under test, event when it is 
very sensitive, is practically negligible, 

The oscillating circuit may be brought to the proper 
frequency and then stabilized so as to show a single t 

cycle or half cycle; or it. may be brought to a lower I 

frequency, (whereby more time is taken for the spot to 
.sweep across the screen along the time-axis j so that 
several cycles or half cycles are shown. In observing 
00-cycle phenomena, the oscillating frequency may* 
for example, be stabilized at tSU, 15, It), or 5 cycles, with, 
however, a decrease in stability. In this way, for the 
name phenomenon, different gear ratios may be used j 
and curves as shown in Fig. 0 be obtained, j 

Ziotio Bine 

Curves are ordinarily superposed, us in Fig, 7, either j 
with or without a zero lint*. A zero line is obtained by a j 
short-circuiting connection between T„ and Yu To Yh 
or y 4t in Fig. 2. 

Displacement I 

A curve may be displaced (raised or lowered! with I 
respect to the others by interposing a battery, or other f 
source of d-c. voltage, between it and the common j 
terminal TV Several curves may be so displaced, I 
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up or down, by varying amounts, depending upon the 
voltage and polarity of the battery. 

A displaced zero lino is similarly obtained by using a 
battery instead of a short-circuiting connection referred 
to above. Two zero lines may be used, one displaced 
with respect to the other, as in Fig. 8. 

When a resistor syst em as shown in Fig. 5 is used for 



Flu. 0 STA1IU.1/.1NU WITH flu Alt W ATI OH } 5, 1, 1 } ;j, AND 2 

supplying accelerat ing potential to the cathode tube, dis¬ 
placement; without batteries may Ire obtained by connect¬ 
ing the unknown not to V.. (and so to some point as 
I) on the resistor) hut. to P' or !)" displaced therefrom. 

I ! SKS 

The oscilloscope may lie used not, only in the varied 
fields of investigation in which the vibrating mirror or 
cathode-ray oscillograph is used hut, on account of the 
characteristics here described, in additional fields as 
well. The stability of the linear time-axis, together 
with the multiple use of tin* oscilloscope by means of 
the polycyclic distributor, at once opens the way to 

’\ v * ' ! , /, \ \ 

\ ’/• ■ , y.' ’ V f v t \ ■" 

Km. 7 Km. * 

Kill. 7 SlMCf.TANKnl'S Cl. UVKH, .Sl l'KHl’OHiat, WITH OK 
w man v Zkho Link 

Kio. S Si m i i.T'a\ laiKN to lives, Dikim.akkd, with ok 
winiot i* Ziato Links 

many varied applications. With the oscillating circuit 
switched off, the instrument becomes available for all 
the uses of a cathode-ray oscillograph in the usual 
manner. The stabilized linear time-axis is an added 
feature extending its usefulness. 

On the other hand, the oscillating circuit, may be 
used independently as a convenient source of current 
of controllable frequency. An ammeter in circuit may 
be used to indicate the frequency. A loud speaker 
connected through an amplifier becomes a source of 
sound of controllable, known pitch. 


Although not limited to any one type of cathode-ray 
tube, a well-known low-voltage tube described by 
Johnson (Journal Opt. Soc., (>, 701, 1922) has been 
found well adapted for the oscilloscope and arrange¬ 
ment,s have been made for its use. 

The principles of operation of the oscilloscope are 
simple. Practically, we have found that, in order to 
avoid error due to leakage or induction, many details 
though simple in principle are perplexing in execution, 
particularly when we are not seeking an elaborate 
laboratory equipment, limited in use on account of its 
scattered complexity, but an assembled, self-contained 
instrument, simple in operation and readily portable. 
Its availability adds materially to its usefulness. 
The senior author desires to express his appreciation of 
the assistance rendered by his colleague in the develop¬ 
ment and construction of the finished instrument. 
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Discussion 

K. B. McEacliron: 11 seems to mo that the material in 
this paper will he of considerable value to all of uh who are in¬ 
terested in the study of reeurrent phenomena of a eharaeter that 
requires a measuring device which takes little or no energy from 
Hie circuit. 

The paper describes a very' interesting and ingenious scheme 
for securing two or throe sets of measurements all on the screen 
at the same time by the use of the distributor. Also, a method 
is given for getting a linear time axis by the use of the so-called 
Schroeter valve which I believe is perhaps bet ter known abroad 
than in this country. 

I do want to say something, however, regarding the statement 
made in the first few paragraphs of this paper with reference to 
linear time axes of other investigators and to say something about 
the work which wo have been doing ourselves along (hat line. 

Borne two years ago 1 Mr. Wade and myself showed a group 
of cathode-ray oscillograms having a linear time axis. 

It is well known that for a lew degrees either side of aero, 
the current of a sine wave will vary directly with the time and 
the linear time axis shown in the paper referred to was obtained 
by using such a portion of a sine wave of current in the oscillo¬ 
graph deflecting coils. Thus when the current is zero tin* electron 
stream impinges on the middle of the photographic film, the 
synchronous switch usually lining so arranged that the unknown 
transient occurs at this moment. 

I or taking volt-ampere curves, it has been necessary to develop 
a special form of motion in which the spot moves at a uniform 
rate to the middle of the film whore it undergoes deflection by 
leason of the transient being studied and then resumes ils uni¬ 
form motion, thus carrying the spot off the film. 

I or tiansients ol very short duration it is necessary to use as it 
time scale a high-frequency wave which gives an approximately 
linear axis only near the middle of the film. With such a time 
scale either end is very much condensed. 

It should be remembered that the oscillograph which is used 
by Professor Bedell and Mr. Koich is quite different from that 
used by ourselves, since the transients we study occur but unco, 
while with the oscilloscope they must necessarily bo recurrent to 
obtain satisfactory records. Fur our work if is necessary to 
place the photographic film within the vacuum chamber which is 
not necessary with the oscilloscope. 

1. A. Bordens What I have to say in discussing Professor 
Bedell’s paper on the oscilloscope may appear irrelevant; but 1 
take this opportunity to press the plea that I have always put 
forward lor bettor standardization in engineering nomenclature. 

In this connection I want to call attention to the word “oscil¬ 
loscope.” There was a device produced in England a few years 
ago by a Mr.. El verson, designed for visualizing the movements 
oi rapidly oscillating mechanisms, i I, is purely mechanical and 
optical m its nature and is now generally known as tlm Elverstm 
(muUmopc. Now Professor Bedell shows us a new and valuable 
application of the catlmde-ray oscillograph, which (ms been 
styled the ‘oscilloscope;” and while on a basts of technical 

exaetdudo, ll ' s ( '° UKn b*rm 'would appear to be quite as 
great as that ql Mr. Kherson, 1 cannot but feel that tin's double 

I. A. I. M. IS, Tuans., Vol. 44, IPUfi, p. H32. 


use of (he term docs not sene in clarify our technical mitutm- 
elature. 1 am of the opinion that, we need among our standards 
committees some “inler-technical” body which will endeavor hi 
oversee the naming of new developments in differ* at brunches of 
science ami thus prevent such overlapping as I have- ejhnl 
without I ho formality of Inning terms registered m the Patent 
Office, 

II. M. Turner* Proles? <or Bedel! explained how if is possible 
by means of a distributor to observe mi t lie screen m f la cathode- 
ray oscillograph several curves at the same time. 1 have uh- 
ta-ined a similar result with considerable success by using n 
device called the transient vhuali/er which vie* described (|„ 4 
A. I. K. K. .Im iis \i, of .June, l‘.»“ I , which permits photographic 
records to he made of certain types of phenomena us «,.{[ ns 
visual observations on the cathode-ray oscillograph. 

By means of the transient v Lunli/er a - m. mu d with the 
(ienernl Electric oscillograph we have taken an many m twelve 
separate exposures on a single him winch makes it convenient 
for comparing curves taken under different conditions. 



Fn., I 


E. Bedelli I wish to express my keen appreciation of the 
wonderful work done by Mr, MeKnehron mid others m thin 
country and by various worker* m Europe m devdoping hu 
stiecessl ally that type of cat bode ray oscillograph wherein ti 
photographic plate is placed inside the cathode tube. no that the 
cathode rays impinge directly upon it, 1 admire tin* skill and 
pat ience of those who have done this work, lit the hands of an 
expert, it expenditure of time urn! money be neglected, certain 
results can he thus obtained that can be obtained m no other 
way. Our object, however, has been to develop sv »m»p!e in* 
idruuieut, fool-proof ami portable, useful even for the man in 
the street with limited time and hunted money, mho ue,lu»s an 
nmtruuietit he can take where hi* will, «,» he would n voltmeter, 
observe the wave-form and get immediate rmuitiN, lie wants 
the results then and there, and doe** not want wan until 
next, week, 

. ^ {im Miiile in sympathy with the desirability' of uniformity 
m nomenclature. The imejlloseope in for v lew mg oscillation*; 
Urn name is both descriptive and correct. If, m .Mr Borden 
pmutH out, an instrument for viewing osedtainm- hm already 
been termed an oscilloscope, all tlm more rmmm for retaining 
tie name when a mov instrument, even 1 hough operating on a 
diilereut principle, in developed for jserformmg tin* function. 

. r ‘ ,f * 1 lirr " ,r ' H winwka emphasize the desirability of visimli?.* 

mg several curves simultaneously. 
















Sensiti vity Characteristics of a Low-Frequency 

Bridge Network for Locating Opens in telephone C 

l!V l>. (i. nnWAHDS' mu) II. W. 1 IKK KINGTON' 

A. I. 1 C. 1 C. Nmh-M i‘in 1 n*r 

Synopsis. Tin problem «*/ locating opens in telephone cubic tie Siiuty bridge indicates the desirability of usimj frequencies of the 
conductors nimlrvs I hr deb ran' mil inn of i m/min nets. .1 study linin' of four cycles. Tin • sensitivity is further increased bp can- 
liar linn iiiinlr nj tin ilnfiii of accuracy a ml sensitivity nhluimthlr troll ivy I hr phase nf the- Jirhl. excitation nf the bridge yalcavomctrr. 
in tin jiriln nee im mm n no nt:: mill different J rcqiicncics of s up pip This im proved open Inca I inn- no limit anil ri/ui piuenl arc iwj- 

rolltuji . For lonij cables tin nijitil t in prdunct is a h//perholic Jieienlly accurate Unit in practically all cant's a fault in a tlO-nrHc 
rutin r than limin' Junction nj the ehuruclrrist ic impedance. Tin length of cable mu y In ■ Incttlnl icilh in a ntuxi in urn rariul ion nf pi us nr 
error in impedance meusurenn nt arising from this fnnclinnul minus nnr-half the length of a cahlc section, (a section is the length nj 
depart are proves to In hast tor the In ice r frequencies. On the cahlc, bet tree n splices about ini) ft,), and therefore enables our to 
other hand, tin lirnlije itensihcily is imprnrctl Up sotncichal higher select, prior to the opening of the cable , one or the other of the, lira 
frequencies. splices hclirccn which the fault lies. This degree nf accuracy is veep 

.1 nuithciuulieal and e,r peri menial analysis nj the sensitivity desirable for practical rciisnns, 
of iinpedunet no asitrenu nt:, in cahlt fault locution bp means of a * * * ’* * 


ircuits 


A N analysis of (ho variation of sensitivity with 
change in frequency has been coordinated with a 
study of the characteristic variation of errors 
with frequency changes. These studies were math 1 prim¬ 
arily for the purpose of selecting; a suitable frequency 
of testing; potential for a more sensitive, accurate, and 
reliable method of impedance measurement for locating 
opens in the conductors of telephone cables. The 
characteristics of these errors and the nature of the 
impedance measurements are discussed only as an 
illustration of the method in which a frequency of 
testing potential was selected to giveasuitablesensitiv- 
ity as well as to reduce certain errors which vary 
with frequency. 

An indication of the location of an open is given by 
the ratio between an impedance measurement made on 
the faulty wire and a similar impedance measurement 
made on a good wire of similar characteristics which 
follows the saint* route as the faulty wire. For short 
cables, tlu* impedance measured to ground may be 
regarded as identical with the capacitance component, 
of the impedance to ground, but as the length of cable 
increases, t he input impedance can no longer he regarded 
as equivalent to the capacitance component of this 
impedance because the input, impedance is not pro¬ 
portional to the capacitance hut may he expressed as a 
hyperbolic function, 

%, cot h/* h (1) 

where is t he characteristic impedance of I he line, P 
is the propagation constant, and L is the length. 

A calculation of this hyperbolic deviation or error 
for different, frequencies of test ing potential showed t hat 
this error decreased with frequency as indicated by the 
curve of Fig. 1, To minimise this error, the optimum 
value of frequency obviously should he zero. Hut the 

1. Hoth nt’ tin? American Tel. and Tel. Co., lUn Broadway, 
New York, N, Y, 

Frcsvnbd ul tht Hetjional Muling of IHslncl ho. t of the 
A. /. F. A*., F,ttsji, Id, Mass., Vug ioMS, WM. 


sensitivity of a capacitance bridge network is zero at 
zero frequency. The problem, then, was one of 
selecting a frequency which would he low enough to 
make the hyperbolic, errors negligible for till types of 
conductors and at the same time provide a sensitivity 
which would bo sutlicient to permit an accurate balance 
of a bridge. From this standpoint, if may be observed 
that for a decreasing frequency of testing potential, 



II ? -1 <• ii 10 I? 1.1 If, If! I'll 

1 Ti<i|UI*li, y nt T,v,hni| I;,! in IVlIfi {.i’< 'kt.-isi! 


I-’ii.. I Tiik Maximum 11 v cKionu.ir Kuunii con V .mod cm 
PllKQCKM'IKS OK T SHYING I’oTKNTUI, 

the maximum rale of decrease of hyperbolic error is 
evident, in the neighborhood of four cycles, as shown 
by Fig. 1. If was shown by a computation of the 
hyperbolic errors of measurements made on the maxi¬ 
mum length of conductors that these errors at four 
cycles might be neglect,ed as being within the required 
accuracy of the method. Hence, a computation of the 
frequency sensitivity characteristics of a bridge net¬ 
work appeared to be t he next, step in the selection of a 
suitable frequency of testing potential. 


r»r» i 
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The sensitivities for several frequencies of testing 
potential were computed for a modified form of the 
de Sauty bridge. In this impedance bridge network, 
shown in Fig. 2, a very sensitive eleetrodynomameter, 
or a galvanometer equipped with an electromagnetic 
field, was used as a detector. The condition for 
balance in this impedance bridge network is 



Fig. 2—Bridge Used in the Location of Opens 

E represents the low-frequency source, and Bp a protective resistance. 
The rheostat R and the 1000-ohm resistance may be regarded as the 
ratio arms of the bridge. The impedance of the line is represented by 
Zh , a resistance and capacitance in series. The rheostat r is used in balanc¬ 
ing the resistance component of the line impedance, so that the impedance 
angle of Zb wall equal the impedance angle of Zl. 


RZ L = 1000 Zb 


R(a-jb) = 1000 ( r-jX B ). 
Collecting reals and imaginaries, 

R a = 1000 r 

and 

R b = 1000 Xb , 


If measurements R u r x and R 2 , r 2 are made on the 
bad and good wires, respectively, 


Ri a 1 = 1000 ri 

and 

R 2 a« = 1000 r 2 ; 

also 

Ri bi = 1000 Xb 

and 

R 2 b 2 = 1000 Xb, 

Ri b 1 — R‘2 &2> 

or 



R\ 6o 
~R7 = ~b[ 


Yet the design of a suitable bridge is not concerned 
alone with balanced condition, but rather with the 
sensitivity and ease of balance with slight unbalances 
present. An indication of the probable sensitivity is 
afforded by a complete solution of the bridge network 
to determine the phase and magnitude of the galvanom¬ 
eter unbalance current with respect to the impressed 
voltage. The following determination of the galvanom¬ 
eter unbalance current was obtained by an application of 
Kirchoff’s law to the bridge network shown in Fig. 3. 


z 2 Zi — is Z 5 — (ii ~ iz) Zi = 0 

(fa + 2*3) Z 2 Cl 2*2 23) Z 3 + 2*3 Z5 = 0 

(2*1 — 2*2) Zi -j- (21 — 2*2 — 2*3) Z3 + 2*1 Zq = E 

After collecting current coefficients determinants 
are used in obtaining an expression for the unbalance 
current i%, which is given by equation ( 2 ). 

Collecting coefficients: 

— i\ Zi -f- 2*2 (#i H~ z 4) 2*3 Z5 = 0 

— 2*1 Zs + 2*2 (22 + Zs) + 2*3 (Z 2 + Zs + Z5) =0 
2*i (z3 + Z 4 + Zs) — 2*2 (Zs + Z4) — 2*3 Zs — E 

Solving by determinants for 2*3 : 

0 (zi + z^ - Zi 

O (z% + Zs) - Zs 

E _ — (Zs + Zi) (Zs ~b Zj -j- Zs) 

- Zs (z 1 +Zi) - Zi 

(Zo + Zs + Zs) (Z2 + Zs) — Zs 

— Zs — (z 3 -f- Z4) (z 3 + Zi -f- Zs) | 

E (z 2 Zi - Zl Zs) 

-A- ® 

where A is the denominator of the above determinant. 
Since the condition for balance is 

Zl Zs = Z 2 Zi 



Fig. 3 


we have, using the notation of Fig. 2, 

1000 (r - j Xb) = R (a - jb) 
and, equating reals and imaginaries,. 

1000 r = a R (3) 

1000 Xb — b R (4) 

This impedance bridge can be balanced in two ways: 
by varying r and X B , keeping R constant, or by varying 
R and r, keeping Xb constant; see Fig. 2. The effect 
is essentially the same in either case. When R is 
varied instead of Xb, the only difference is that the 
balance of the bridge is disturbed for both the real 
and imaginary components. This fact necessitates a 
correction of r each time R is changed in securing a 
balance of b against Xb. If Xb is varied, the balances 
of r against a and X B against b are independent func¬ 
tions. In practise, it is easier to vary R and keep Xn 
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constant, but for the purpose of theoretical discussion, 
it lends clarity to consider A’ n to be variable from the 
condition of balance. 

From equation (1) above, the impedances of different 
lengths of line may be computed. A number of impe- 



Klli. I < ’ll\l! M'TiaOH'flC;-; UK Tilt'. K KSISTANt'K ( ’llM l'()N K\T 
AM) ( ’ \ I’ \t'!T \ Nt T < *i iM |MiN KNT UK TIIK 1 M I'KD A M'K III 1 ' EdSd'IIIS 
IIMIauk, \ 1t\ hoADI'.l) < ' \ It 1.1; 

dunce values representing different, lengths of 19-gage, 
non-loaded cable up to 00 mi., at three frequencies, viz., 
‘20, 8/ and *1 cycles, was selected, and the condition of 
balance of I he* impedance bridge calculat ed for each case 



Iti; act \\t t. t'uiil'MU.vi nn Hi; i«t\m i; Comi'om.nt or N»x- 
I ;il \ |i||i |‘l G \dl ( '\1U,I IN l.l\dTII*< V MIV IM! I'HoM /l'.l<o To 

Sixty Miu 

Tlu* .mm- i i (in M t»( i liiiriH'ii i liliis I'm' Cr*Mnf four, HkIH . and 
Iwmity i’s i'li'. 

from equations i3i and (4), Curves of these im¬ 
pedances are shown in Fig. 4, where the reactances 
and resistances at. the three chosen frequencies are 
plotted. 

Since the sensitivity of the bridge network should 
be a maximum when the unbalance is small, i. a., when 


f,f)3 

a balance is about to be secured, this condition is the 
one with which the sensitivity calculation is concerned. 
The capacitance Xu of the bridge network was assumed 
to vary 10 per cent from the condition of balance and 
the galvanometer unbalance current, i A , was then 
calculated from equation (2) for each length of line at 
each frequency. Both the magnitude and phase angle 
were found. Similarly, the resistance r was assumed 
to vary 10 per cent from the condition of balance, Xu 



Ek;. (i M,\onith(>k or tiih IInhai.anck Gukuknt rou 

M KANCIIKMKNTS, ON TIIK I M I'K.I) A NdU OK N ON-I-iO A DKI) U)-G\<iK 

('aiu.m, at EitK*u’i'.N*M ms or Eouit, Eioiit, and Twknty (’VOl.HS 



Eid. 7 Ksnsitivitv to Gnhai.anok rou *r11 k Bhiijuk 
N KTWOliK roll Imi-kdanok M KAN 1 1 UK mu nth on Ek.ntiis or Non- 

1,0 A 1)1,1) I il"( 1 AdK ( ’ A lll.K 

These eurves I'epiT^mil. seusitlvHies for IVetpieneles <>l It'sli up; prot.outhil 
uf rum', t'lulit. nnil twenty cyeles 

remaining balanced, and another set of galvanometer 
unbalance currents was determined. Such calculations 
arc particularly tedious, involving successive additions 
and subtractions, multiplications and divisions of 
complex quantities. The results of these calculations 
are shown in Figs. 5, 0, and 7. Figure 5 represents the 
variation in phase angle of the current A with respect 
to the bridge potential, Fig. (> the magnitude u, and Fig. 
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7 the relative sensitivities obtained with different 
frequencies and different lengths of line. These 
sensitivities are proportional to i a , Fig. 6, and to the 
cosine of the angle between i a and the field current of 
the a-c. galvanometer. In the calculation of the curves 



the. S. Cawuu.atki) Variation in tun Anouk Bktwknn 
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Loadiod li)-(U<i« ('AnUN. Tnhtino Potnntiai. ON 4-C 1 VNI.NS 


of Fig. 7, the field current of the galvanometer was 
assumed to be in phase with the bridge potential for the 
case of an unbalance in r, and leading the bridge poten¬ 
tial by 90 deg. for the case of an unbalance in Xu. 

Referring to Fig. 5, it is seen that for short lengths 
of line the unbalance current caused by unbalancing 
r is almost in phase with the voltage, while the un¬ 
balance current due to unbalancing Xu leads the voltage 
by approximately 90 deg. As the length of line in¬ 
creases, the phase angles tend to lag from these posi- 



FlU. (I (’AMMIUATND MaoNIT.DN ON TUN l I Nil AI.ANNK 
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total variation for 00 mi. of cable measured al 20 ryeles 
is practically 90 deg., which means that fur a udven 
field current the sensitivity using 20 cycles must ;i p. 
preach zero with some length of line between zero and 
60 mi. This condition is illustrated in Fig. 7 where 
the sensitivity for 20 cycles is a maximum at 20 to ;}() 
mi., but falls rapidly toward zero at the longer lengths 
of line. With the lower frequencies and the set ting of 
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lions, due to the effect of the convergent variation of 
the resistive and reactive components of the line 
impedance; that is, the resistance increases and the 
reactance decreases with increase in length of line 
This lag is greater for the higher frequencies! The 


field current used, the general effect ,*s mi increase in 
sensitivity as the length of fine increases, and a decrease 
in sensitivity with decrease in frequency. This decrease 
is due to the decrease in react mum with increase in 

length of line; see Fig. 4. 

It would appear that provision should be made for 
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shifting the phase of the field current through 90 deg., 
its two positions being respectively in phase with the 
bridge potential and 90 deg. leading. Thus the two 
component s, r and X «, could he balanced independently 
except for the shift in phase with different line lengths. 
This phase shift is small with a frequency of testing 
potential of four cycles. 

A frequency of four cycles was selected as the optimum 
as regards the size of hyperbolic error discussed above, 



Fm. 12 I m pkp a nck Rhipub (’ntcmr Kiiowinu tub 
Akkaniikmknt kbkp in Am.visii •I-cycs.b Tkmtinu I’otkntiai.s 

IN (,) H A 0 It ATI ‘ IU '1 

the sensitivity available, and the amount of phase 
shift with increase in length of line. The sensitivity 
at, four cycles has the advantage of being sufficient 
but not excessive. To a large extent, the condition of 
phase shift , wit h increase in length of line, governs the 
ease of securing a balance over the range of line lengths. 
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l<tr uitlMiliiiii’f Its tin’ t’nni|ttmi'n» 

I. It null thi’ |tiii»M«tif ftmfliitt pMettlinl iippUrtl roc lisitnui'intf It 

II, ll with Mu* pliuwof tr-Mliw |ioti*MtlnI applied foe hnlimrlim > 

III t with Hit* plmwe tif IcwIIuk jiitloullal applied f«»c li.iUiliHnu / 

IV, i with llu> (tliitMt* uf leMllin piiteidiid applied foe balauelng It 

The ideal arrangement would he one in which the field 
current could always be placed in phase with the com¬ 
ponent of the bridge unbalance current it was desired 
to eliminate. Such a quality is not characteristic of 
the type of bridge used; however, a desirable approxi¬ 
mation of such an arrangement is obtained when a 
four-cycle frequency of test ing potential is used. 

In order to check the assumption stated above, that 
the bridge could also he balanced by keeping Xu 


constant and varying R and r, without materially 
changing the conditions of balance, another set of 
galvanometer unbalance currents was calculated with 
Xu constant and R and r varied respectively 10 per 
cent from the condition of balance. The chosen fre¬ 
quency of four cycles was used in this calculation. 



Fiu. M Oiiskrykp (Sai.vanomktkii Khnsitivitiks Which 
auk Coml'ahahi.k to tub Caumilatki) Sknhitivitibh of Fm. 17 

Sensitivity for unbalance in Him component: 

I. It with llic phase of testing potential applied for balancing It 

II. /■ with the phase of tosilng potential applied for balancing r 

III. It with the phase of testing potential applied for balancing r 

t V. i with the phase of testing potential applied for balancing It 

These curves of phase angle and current magnitude are 
shown in Figs. 8 and 9, and correspond to those shown 
in Figs. 5 and (5, calculated by the other method. 

Since R increases with increase in length of line, the 
sensitivity per ohm change in R will be better through¬ 
out the range of lengths if the sensitivity for a given 
change in It is a maximum when R is a maximum. 
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Taking 50 mi. as the average total length of line, and 
assuming two bridge potentials 90 deg. apart,, a set of 
sensitivity curves was calculated for this length of 
line, the phase of the field potential being varied on 
either side of the bridge testing potential. The lag of 
the field current from the field voltage calculated from 
the field inductance and resistance was found to be 
about 40 deg. The resulting sensitivity curves are 
shown in Fig. 10, and those indicate a maximum sensi- 
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tivity for R and r with the field potential in phase 
with the potential used to balance r. 

With the assumed conditions as determined by this 
calculation, viz., two bridge potentials 90 deg. apart and 
a field current lagging one bridge potential 40 deg., a 
complete set of sensitivity curves was calculated for 


tivities” could be zero and the “true sensitivities’' 
could be maximum throughout the entire range of 
lengths. Reference to Fig. 11 will show that the 
reverse sensitivity for r is practically zero throughout 
the range of lengths. This fact in itself is significant. 
Assuming r to be set on zero, R could be varied to 



2(l-(_ YC'LE I REQUKNCY OF TESTING POTENTIAL. THESE CURVES 
are Comparable with the 4-Cycle Curves of Fig. 14 

Sensitivities for unbalance in the component; 

!• H with the phase of testing potential applied for balancing R 

II. r with the phase of testing potential applied for balancing r 

III. R with the phase of testing potential applied for balancing r 

II. r with the phase of testing potential applied lor balancing R 

different lengths of line from zero to 80 mi. These are 
shown in Fig. 11. It should be noted that the sensitiv¬ 
ity for detecting an unbalance in R is a maximum at 
the desired length of 50 mi. The sensitivity for an 
unbalance in r is low at the shorter lengths of line, but 
increases as the length of line increases. It may be 
noted that in both Figs. 10 and 11 the sensitivity curve 
for changes in R passes through zero when the testing 
potential is applied for balancing r. Likewise, the 



tials for the Impedance Bridge 


sensitivity curve for changes in r passes through zero 
when the testing potential is applied for balancing R. 
This point is where the field current and galvanometer 
unbalance current are 90 deg. out of phase. Naturally, 
this point coincides with the point of maximum sensi¬ 
tivity for the normal potential arrangement. As 
stated above, it would be ideal if these “reverse sensi¬ 



Fig. IS — 4-Cycle Motor-Driven Commutator with Asso¬ 
ciated Equipment 


secure an approximate balance, using the proper testing 
potential. This balance would be fairly accurate since 
the reverse sensitivity for r is quite low throughout, 
Shifting bridge potentials 90 deg., r could be adjusted 
almost to the proper point since R is practically correct. 
The balance of R and r can then be refined as often as 
is necessary to secure a perfect balance. Since r is not 
used in any calculation, and since its effect on R is small 
once an approximate balance of R and r is obtained, 
the need for an accurate balance of r is small. 


e Bridge 

A series of observations made with experimental 
apparatus arranged as shown in Fig. 12 gave the sensi¬ 
tivity curves shown in Figs. 13' and 14. The observed 
sensitivity characteristics shown by these curves agree 
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A simplified arrangement, for use in certain types of 
measurement, not requiring the accuracy afforded by (.he 
four-cycle arrangement of Fig. 12 is shown in Fig. 15. 

A 20-cycle ringing generator is used as a source of single- 
phase testing potential. Phase shifting is accom¬ 
plished by the insertion of a high resistance, PS, in 
series with t he bridge supply. This affords a consider¬ 
able shift of phase which is not, however, 90 deg., 
nor is it. constant. A transformer is provided for 
changing l.lu* potential when desirable and to afford a 
non-grounded source of potential in the measurement 
of mutual capacitances. The 20-cycle generator is 
normally grounded. 

Observed sensitivity curves for this arrangement, of 
20 -cycle equipment, are given in Fig. 10. It. will he seen 
that, these sensitivities are considerably higher in value 
than for the four-cycle arrangement, because t he reac¬ 
tance of a given length of line is less at, 20 cycles than at 
4 cycles. The range is less with 20 cycles due to the 
fact, that the phase of the galvanometer moving coil 
current, with respect to the testing potential, changes 
much more rapidly at 20 cycles than at 4 cycles. Thus 
the range of line lengt h is lower, unless provision is made 
for shifting t he galvanometer field current. Thu maxi¬ 
mum length of line is limited also by the allowable 
value of the hyperbolic error. The hyperbolic errors 
obtained with measurements made at 20 cycles on these 
short, lengths of line are about the same as those ob¬ 
tained in the measurements made at 4 cycles on the 
longer lengths of line. 

In general, llu* frequency of testing potential of four 
cycles affords a balance? more quickly and easily than 
does the 20-cycle arrangement. This is because the 
phase shift with four cycles is exactly 90 deg. while that 
obtainable with the simplified 20-cycle arrangement is 
necessarily an approximation, and does not lend itself 
to regulation either in regard to phase shift or relative 
position of field current. With four cycles, these 
relations are more or less flexible and can be adjusted 
to afford eharuetenslies tending toward an optimum 
condil ion. 

After having completed an analysis of the problem 
and demonstrated the practicability of the proposed 
methods, it remained to develop applications o! these 
methods for practical use. Equipment, was designed to 
develop a low-frequency source of alternating potential 
by reversing a testing battery. The device developed 
for this purpose is a four-cycle, motor-driven commu¬ 
tator shown in Fig. 17, The assembly of the four-cycle 
commutator with associated apparatus is shown in 
Fig. IK. 

The galvanometer and the equipment required in the 
modified form of the do Bauty bridge have been incor¬ 
porated in a compact unit which is shown in Fig. 19. 
This bridge, while being particularly adapted to the 
four-cycle impedance measurements required tor open 
location tests, is also applicable for d-c, bridge measure¬ 
ments. Assembly details for the bridge arrangement 


very favorably with the theoretical values shown by the 
curves of Figs. 10 and 11. 

are shown in Fig. 20. The a-c. galvanometer is suffi¬ 
ciently sensitive to be directly actuated by any signifi¬ 
cant unbalance of the impedance bridge, so that it is 
unnecessary to use an amplifier, rectifier, or other 
converting apparatus which may be difficult of adjust¬ 
ment or maintenance. 

A few additional features are outlined as some of 
the significant results of this development of an im¬ 
proved open location method. 

It has been shown that the error caused by the 
deviation from the straight line relation between send¬ 
ing-end admittance and physical length of line, has 
been reduced to a value which may be neglected as 
being less than the required accuracy of the open 
location method. 



Eh;. 20 Intkknai. Asskmiu.y ok tiik Imi'KDANck Buujom 

This impedance bridge arrangement employs several 
features which are distinct improvements on. the 
methods previously utilized for this purpose. In order 
that the impedance angles of the impedance networks 
may be balanced, a variable resistance has been con¬ 
nected in that branch of the bridge which contains the 
comparison capacitance. This balance of the im¬ 
pedance angles of tlie impedance network was found 
to be important in obtaining a steady performance of 
the a-c. galvanometer. A, system has been devised for 
separately balancing the resistance components as well 
as the capacitance components of the reactive networks 
of the impedance bridge. It was found that this 
arrangement gives a maximum sensitivity to each 
component and permits of a very rapid balance of the 
bridge. 

Discussion 

I. M. Stein* 11. seems to me that the method and apparatus 
described accomplish two things. First, the bridge circuit 
and the type of detector vised permit of a great precision of 
balance; that is, the quantity being measured may bo measured 
precisely enough to give the accuracy desired in locating the 
op,,ii circuit. Then, having a set-up which gives the desired 
precision, we have two options. One is to chart each, long cable 
by putting “opens*’ at certain known places and making measure¬ 
ments; the other is to got rid of the non-linear characteristic so 
that no charting is necessary. 
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'I'lic second met hod is the one which has i >«>cn chosen, and t ho 
dosnvd result, has been accomplished l»v lowering Mia frequency 
In jyivc a, linear relation lie|.\veen I lie measured quant it v 
mid tile len*rl h ol ealile In I he “open." 

lSu <lial - (lu ' n ‘ :u '«' hvo ships. First, a precision of selling en¬ 
ablin'-; an a ee lira I o measurement ol’ I lie capacitance; and seeoml, 
Hie use ol a, I'reipieney low enough to eliminate certain errors, 
I bus id.laming a. linear relation between enpueilai and dislmme. 

I -Humid like In ask if 1 have a. correct undcrslandinr ol' I lie 
matter. 

II. VV. l{(-ndall: The need for the developiucnI of I bis modi- 
bealinu of Whealstonc-bridj-y methods arose in cornier! ion with 
Hie larpe growth of Inll-eable plant within the Iasi few years. 

1 he convenient dislaurn between ra.bh--le.sl inf*; stations is sel 
i'.v lilt- use of telephone repeaters at about a. ntbmi. spaeinp;, 
mnl It was therefore desirable to be able to locate opens in the 
l * ! ' ,, l.- conductors over distances of this order. Because of the 
d illicit I ty in pel tin#.? access fo I lie individual w ires ahmp- I he cable 
U was important that (In- location of the fault be as accurate as 
possible. 

I he terminal impedance a.s measured between a defective 
((»)><•{)) wire and ground is a, hyperbolic fmielion of I he distance 
,V oi" n "' measuring' point to the broken end of the defective wire. 
In tin's method, tin- testing I'reipieney is so chosen as to make this 
feladiou approach a. reciprocal function so that the capacity 
measured is directly proportional to the distance. This choice 
in a matter of convenience in tesfint'. If would be possible to 
use a hie,Iter I’reipieney and then by means of tables of hyperbolic 
functions to determine the distance to the break. In the paper 
the deviation of the measured rapacity from direct proportion¬ 
ality with the distance is spoken of as an ‘'error.” This is, of 
course, an error which would be made if a higher I'reipieney were 
used for the measurement and it were then assumed that the 
measured capacity and the distance were in direct, proportion. 
By iiship; so low a im-nsurhitf frequency the error Mini would thus 
be incurred is made m-j'litplde ami the rueasurinp: technique is 
thereby simplified. 

The Ot her notable leal lire of this paper is the use of bridge and 
pahanouiefer currents ol diiloivnf phases for dch-rmiuiiu? the 
. r w*t Iin^i; of ihe two adjustable resistances of i he bridge. If should 
be understood that the balance so obtained is correct, for anv 
phase of measuring cummt and that this method is applied simply 
to obtain a larf-er delieetimi of the pulvauomeler for a piven 
unbalance ol the bridp’e, thereby I;i<• ititj 1 1ni(; the measurement.. 
r i his method was developed for mensurinjv opens in cable circuits, 
u hieh have certain delinilo and uiiil’ojmi charnel eristics, and I 
should like to ask Mr. Kdwards or Mr. Ilcrritiplou what ex- 
pcrieiiee they have had with the use of the Maine apparatus in 
localmp faults in open wire in which the impedances would have 
different charnel eristics from those of cable circuits. 

Ibis paper shows what can he accomplished in (lie develop¬ 
ment of a. special bridge method for readily niakinp tests of cir- 
I'uils vvliieh are um'torm in character. At other frequencies and 
in ot her arts where a lurpc number of quant ities which differ lit tie 
ariiour; themselves are to be measured, tin- exercise of equal skill 
and ingenuity can .levclop methods to simplify and expedite Ihe 
delermiual ions. 

S, I\ Shnckeliom An important phase of the work of an 
engineer involves the application to practical everyday problems 
ol the results of pure scientific investigation and research. The 
con I ribu I ion ol I 1 , d wards and llerritq-d <m eoustitutes such a, 
practical application to a problem which has been studied for 
many years. If occupied the minds of eomniumcalimi engineers 
in*l oi e t he ad vent ol I he telephone. The particular arrangements 
described do not disclose any new principles but rattier represent. 
Ihe utilization of known charnel eristics of lines and networks to a 
useful purpose. 

I he bridge network used was described m LSiti, An approxi¬ 
mate utilization ol transmission-lino low-frequency charnel eriM*> 


ties has been in common use for open loeatnm ; Al?ernatiii(r 
current aalvauonieters have been well { mm n aithoiiqh < h«dr uho 
as defectors in the balnm-imr >-f bridge < i r- • t s i f ; ba : not been s > 
common. Tla- shiflitiy "f the pha - in tin- bridjv a. ji-ssisf in 
obtainina' a balance bad h.-eu treated prior in the work mulct- 
discussion. The present work however, afford-; a eon\,.j,j,. n j 
tool for the field man whether hr be t. ■•hm--:d t»r nut, toajinlv 
technical met hods to Id- common probl* -m , of plant mmutetiunei. 

Specifically, the problem v.a <-u* .adaptiny the technical 
methods to rather Irvin*' limitation, imposed i.v plant t . ( m„ 
‘litions. A low-frequency lueu-invmeu! v.n;> do jjvd with jtoaitivi* 
indications of balance and with a minimum mlm-Jincut uf 
variables. A method was required which would afford rather 
Idfli dej-ree of accuracy cm -id-rim.: Mm preerw.n of the apparatus 
and tin- possible error , out id-- the o.ntri.! of f he operator \|| 
this was combined in spaer limitaf o»m v. hieh tn-,>-,■■■• if.-p, ,j rather 
careful detail desuyti- 

'1’he authors have not . pe.-itied an;, rcpiir.meh!• a- to wave 
shape alt Imiiph si re..:,hut the phu-e rebdi.m . required in t ho 
different portions of t fo bruit;, art work. Tin effect of phase 
HUtfle on balance i. noted and. of coiirfor anv qk hi 1« npth uf 
line and frequency flier, i a ben! v;d?n of pin. r shift, {| m . tv 

be interestinp; to know the relative importune., of this and jj :( . 
elfect on ot her leiif'l hs of line, 

<k H. Klsehlej ’flu-re i on.- pha:. of the .ufoo-S pre-yult-ii 

bv Messrs, lierrinplon and Mdward-. that it would .. warrants 

discussion, and that is t lie mean - emph.v .-.I t.. uppk t he prmci|tli-H 
hroiqjht out. in t lie paper to practical telephone work. 

In order to facilitate the application of th« principle-,. |,.v tin* 
test-board f«.rc«-a, the Bell K< M.-m ba--. . tabbMo d rwifme-* out- 
linitif-t in a simple and orderly manner the procedures to hi- 
I olio VVe.l in del enmuii.p the h .cut ion of cubic fault a in to!) cables, 
'flic eiu'iueerirn; forces, as a rule, pr. par. m advance for each 
testiut-; point, data u• • I. aa tempernhin <-t.iTc*-t.i..it curves mid 
iec.uds |'iv iiify Hilonimf ion as t«» .-able distune- , loadon', pupe uf 
conductors, cable make up, etc., lor the cubic, to l.« tested fruin 
the respectiv.- points. W orb she. i . are suppli. d t». the (. ■ t honril 
men on vvhieh the results of the electrical ti i:•* mud.- ul tin* time 
of a fault location are entered, topeth. r with vubu .elected from 
the data, mentioned above. By folUnviup the s-equeiice of cal- 
eulati.niH net, up oa this work sheet, fit. fault location L quickly 
iirrived at. These calculation-: arc of a -ample order and do nut, 
involve hyperbolic!!, 

By iiilmiaisleriiuy the work in (hi manio-r the !* -.r board na-tl 
can expeditiously arrive at accurate fault locations, thus 
materially aiding in the dispatch of repair force-: the fault ami 
Ul Ni-eiirimr the rest oration of defect t -.« circuit - m the least- 
possible I iuie, 

1. H. ktlwartltii t hie question w iti* It In*. tub-. u m eoimc.-iiun 
with the low frequency bridge p that of wave form \ quare 
wave in im.nl With results lUtreeim: very . I.. . i- ttitli flu ofeticul 
values huticd ori enleidnlinuK involving a mu -o-kd wave Mutpc. 
l ilts IN made possible by the f.-mf that the bride.- network Hit- 
povnd is symmetrical. With a square vvuv. and a network 
iiivokiMK both induct mice and capamtarm, mu md.d im tiu.dsof 
t real monk probably would not be applicable, 

A question lum been brought up by Mr, Kendal! that uf 
errors with frequencies other than I eyd.-s, I, ( earlier designa 
higher Irequemues were used and a family of correction curves 
was plotted for each oIiikh of eomlimlor», from which a correction 
was read for each eapucjtanc,. mho, This correction in percent- 
When applied to the capm-itnm-e m tm pu the true length ratio. 
7 ! ,uU ,,r f-verape lei.Klh mid with « freqip uee ,,f s evd.-K 

t-liiH eorre.-tioi, reached valtu-K jm hi^h an j ja rcent. 

hi cummcUuii with the H.ibjcei of n.rr.,i„„ t curves, the 
qiii Hhon uis ntiw-u iim to the j.racii.*abilify *.f j-lof tinvi curves for 
uulividua!^ i-midm-tora or cIuhncn of couductr.r-e Mr. Steitt’a 
amdy.sm oi Ihe Hituation in this respect m quite correct. Due to 
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t,ho large number of circuits involved, as well as classes of circuits, 
[Jus number of combinations possible rentiers this procedure 
quite unwieldy and expensive. The problem has been treated 
rather by means of fundamental design. As pointed out by 
Kischle records of actual measurements, however, are tiled and 
are accessible to the tester. 

In regard to phase adjustment, as has been brought out in the 
paper, there is an optimum phase adjustment for each measure¬ 
ment. In the apparatus as outlined an adjustment has been 
selected which gives a desirable set of sensitivity characteristics 
for the type of work for which the apparatus was designed. The 
equipment arrangements are such that the phase relation of 
bridge potential ami field potential can be adjusted where 


desirable. This is not done, however, in the normal routine 
of locating opens. 

Mr. Kendall has brought up the question of open-wire impe¬ 
dances. The equipment as outlined has been tried out on exposed 
aerial lines with success. The chief departure from the problem 
of locating opens in cables is the presence of a leakanee com¬ 
ponent in the line impedance. Toll cables are almost entirely 
free from this characteristic. This leakaneo component happily 
involves no modification in design, but is observed in the balanc¬ 
ing of the bridge as an increase in the value of the resistance 
component of the condenser arm of the bridge and does not, over 
a considerable range of leakaneo, affect the ratio-arm setting, 
or in consequence, the actual fault location. 


!VI icroammeter Indication of High-Frequency 

Bridge Balance 

BY II. JVL Til BIN KB 1 

Member, A. I. K, K. 

StimnmiH. .1 visnnl method of nhtaininti hrhlt/e hula mu- In/ reduces the deflection la a tow value and oh the balmier is approttohed 
weans of a \le. minoummehr in the /dale circuit of an electron lain- thr rending increases. This method overcomes the, limitations of the 
detector 'associated with one or more Hinge of amplification, which aural method and renders a quantitative del ermi nation of the dearer 
fliers maxi in u in nailing for a stair of bridge balance, therein/ of uuhuluiue. 
permitting use of u sensitive meter, .1 large tu'uhjc unhutuuie 


T UB telephone receiver, due to its simplicity, 
convenience, and sensitivity, has been widely 
used for determining a-c. bridge balance and, 
under favorable conditions, is fairly satisfactory. 
The aural method, however, involving as it does the 
receiver associated with the ear, has two serious limi¬ 
tations namely, it. can he used only where there is very 
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imethod in a noisy laboratory, it is unnecessary to point) 
/ little extraneous noise and for best operation the fre- 
I queney range is restricted to a band of 200 to 2000 
\ cycles unless a heterodyne scheme is adopted. 

yyFor those who have had experience with the aural 
out the difficulties encountered, other than to say that 

1. Associate Pmhwmr of Electrical Engineering, Vale Univ¬ 
ersity. 

Presented at the Regional Milling of District Am l aj the 
A, 1. hi hi, Pittsfield, Mam., Mn;/ PPM, P.Di. 


noise is always a source of annoyance and often makes 
measurements absolutely impossible. 

The combined limitations of the receiver and ear in 
connection with bridge measurements over a wide 
frequency range are not so generally appreciated 2 . 
While the limits of audibility are usually given as 16 to 
40,000 cycles, the average person will be unable to hear 
above 15,000 and it will be impossible,to determine even 
an approximate balance at these extreme frequencies. 
It is found that above 2000 or 8000 cycles, the sensi¬ 
tivity of the aural method is erratic and usually quite 
low.* There is usually a marked difference in the sensi¬ 
tivity of the right ear and left ear of a given individual 
and it has been found frequently that the use of both 
ears is less effective than one alone. DiHeront results 
are obtained on different days and, of course, there are 
wide variations among individuals. All of these factors 
point to the need of a more satisfactory method of 
determining bridge balance in order that results may be 
duplicated. 

A visual method has been devised in our laboratory, 
using a d-c. microammeter in the plate circuit of a 
detector tube, associated with one or more stages of 
amplification, which has given very satisfactory results. 

A reproduction of a photograph of the amplifier and 
detector unit is shown in Fig. 1 and other details includ¬ 
ing the plate and grid curves are given in Fig. 2. 

g. Engineers of the Boll Telephone Laboratory aio lamiluu 
with these matters but have not, so far as 1 know, published any 
papers calling speckle. attention to their bearing on bridge 
measurements. 
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Tubes with Gas 

It will be observed that the grid-condenser form of 
detection is used, but without a grid-leak, and operates on 
the steep straight portion of the plate-current curve and at 
the sharp bend of the grid-current curve. Due to the 
current in the plate of the amplifier tube, there is a 



Fig. 2—Visual Bridge Balance Indicator 

rather large difference of potential between C and D, 
that is, across the coupling resistance, C being negative 
with respect to D. This large negative voltage is 
impressed upon the grid of the detector tube through 
the condenser which would naturally reduce the plate 
current to a low value, but due to the presence of 
some gas in the tube, there is flow of current in the grid 
circuit in a counter clockwise direction which charges 



Fig. 3 Action of Grid Condenser with an Alternating 
E. M. F. of Constant Value Impressed upon Terminals 
A and B , Fig. 2 

the condenser to a potential slightly in excess of that 
between C and D and, of course, in the opposite direc¬ 
tion. The total voltage between grid and filament 
is about + 0.5 volt. This is the point where the grid 
current is zero and is changing from negative to positive 
as shown in Fig. 2. With an alternating electromotive 
force of constant value impressed upon A B, the charge 
of the grid condenser is reduced and the grid-filament 
potential becomes less than -f-0.5 and, for a large un¬ 


balanced bridge, electromotive force may be con¬ 
siderably negative, thus reducing the average plate 
current to a very small value. Regardless of the volt¬ 
age impressed, the axis about which it varies moves to 
the left from the point where the grid current becomes 
zero, until the average charge on the condenser is con¬ 
stant, that is, until the discharge of the condenser, 
during the time the impressed electromotive force 



makes the grid more than + 0.5 volt, is equal to the 
charge during the time the grid is less than + 0.5 of a 
volt, as shown by the shaded areas Fig. 3. Since the 
negative grid current is very small as compared with the 
positive values, the grid potential is greater than 
+ 0.5 for a very small part of the cycle as shown. 


A_'02 D C j | 1 02 D M j | C, 2 

lil IaI al [H | 


MICROAMMETER 

+60 



Fig. 3b 


By this arrangement, the plate current of the de¬ 
tecting tube is a maximum when the alternating electro¬ 
motive force impressed upon the terminals A B is 
zero, which corresponds to a balanced condition of the 
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bridge, thereby permitting the use of a sensitive meter 
and at the same time making it fool-proof so far as the 
meter is concerned after the preliminary adjustment. 
The maximum current may he predetermined and is 



Em. 1 




under the control of the* operator. The preliminary 
adjustment is made by short-circuiting the terminals 
A B f equivalent to a bridge balance in that there is no 
impressed electromotive force, and increasing the fila¬ 


ment current to give the desired reading which is usually 
near full scale as shown in Fig. 2. When the bridge is 
unbalanced, the amplified bridge electromotive force 
impressed upon the grid filament of the detecting tube 
results in a marked decrease in the average plate 
current as indicated by the microammeter, and as the 



balanced condition is approached the current gradually 
increases. 

At maximum deflection the meter is extremely sensi¬ 
tive, thus permitting a decidedly sharp balance to be 
obtained, a slight change in one of the circuit constants 
being sufficient to cause the indication to decrease 
several divisions on the scale. It is a simple matter to 
determine whether the balance is perfect without the 



Em. S 


necessity of remembering the initial maximum current. 
When the bridge is thought to be in balance, short-circuit 
the terminals A B, and if there is no change in the 
meter reading the bridge is balanced. In certain types 
of circuits, the presence of harmonics in the impressed 
electromotive force will make it impossible to fulfill 
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the condition just referred to, in which case it may be 
desirable to use a multiple-band filter, as shown in 
Figs. 9 and 10, to eliminate this source of trouble. 

High Vacuum Tubes 

Where a highly exhausted tube is used for the de¬ 
tector, such as the 201-A, a modification of the circuit 
is necessary for the reason that the high negative 
potential between C and D of Fig. 2 would reduce the 
steady plate current to zero and keep it there. How¬ 
ever, by putting the battery in series with the coupling 
resistance CD, C becomes positive with respect to D, 
this voltage being quite large, a large positive grid 
current flows momentarily charging the condenser until 
the grid-filament voltage of the detector tube is zero 
or slightly negative which is a satisfactory operating 
point. 

The modified circuit and characteristic curves are 
shown in Figs. 3a and 3b. With terminal AB connected 
to an unbalanced bridge there will be a constant 
alternating potential between M and the negative 
filament and for the positive half cycles a grid current 
flows increasing the charge on the condenser as shown 
by Fig. 3b. During the negative half cycle there can 
be no grid current so the charge is constant and the 
voltages add up in the usual way. At the beginning of 
the second cycle the operating point is to the left of the 
initial position due to the increased charge on the 
condenser. This action continues until the axis has 
been moved to the left by an amount almost equal to 
the maximum value of the alternating component. 
The average plate current is considerably reduced as 
shown by 1 Fig. 3a. Now as the bridge balance is 
approached the alternating e. m. f. component de¬ 
creases but with a perfect grid condenser there would be 
no change in the plate current and in any event the 
change would be extremely slow. A leak resistance is 
provided in order to make the plate meter responsive 
to changes in the impressed e. m. f. in which case the 
condenser charge decreases and the average plate 
current increases until some new position such as 2 is 
reached. For any bridge unbalance the axis about 
which the alternating component of grid voltage varies 
is to the left of the point where the grid current becomes 
zero by an amount slightly less than the maximum of 
the alternating voltage, that is, during a small part of 
each cycle there is a flow of grid current to maintain 
the average charge on the condenser constant. 

As the bridge balance is approached closely the 
alternating grid voltage becomes less and less and the 
excess charge on the condenser approaches zero as the 
charge leaks away and the average plate current is a 
maximum. 

_ I n order to illustrate the points that have been 
discussed, a number of curves that are more or less self- 
explanatory will be included. The simplest type of 
circuit is used in order to make the comparison more 
easily appreciated. Fig. 4 shows the change in resis¬ 


tance, A R, necessary to produce a perceptible unbalance 
as a function of the frequency. Here are compared the 
results obtained with the aural and visual methods. 
With the aural method, the sensitivity was entirely 
satisfactory from 200 to 3000 cycles but a change of 30 
ohms in 155 was required to produce a perceptible 
unbalance at 5000,7500, and 9500 cycles and 80 ohms at 



Fig. 9—Multiple Band Filter 


11,000 cycles. The visual method gave a sensitivity of 
one ohm from 200 to 11,000 cycles. On another day, 
the observer, using the same receiver, obtained better 
results with the right ear than those shown in Fig. 4 
but much poorer with the left ear. These curves are 
shown in Fig. 5 and a similar set using a different re¬ 
ceiver in Fig. 6. At certain frequencies one ear shows a 
relatively high, and the other a very low, senstivity, and 
vice versa, suggesting the desirability of using a double 
receiver, but in Fig. 7 at 4500 cycles and at 9000 the 
results are not so good as with the right ear alone. 
These points were checked many times and represent 
the best data obtainable. These irregularities have 
been verified recently by other observers. In the dif¬ 
ferent cases there is considerable variation in the fre¬ 
quencies at which the maximum and minimum points 
occur. 

In all cases, the results obtained by the microammeter 



were satisfactory throughout the frequency range, al¬ 
though the sensitivity could have been made greater 
had it been necessary or desirable. There are limits 
beyond which it is not wise to go, however, for if the 
sensitivity is too great, the adjustment becomes 
difficult and unless the indicator set is well shielded, 
stray field may cause trouble. 

In circuits having inductance and capacity in parallel, 
the apparent resistance and reactance change rapidly 
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over a relatively IVw cycles near (lie resonant frequency 
and thus afford an opportunity to tost the merit of the 
visual method. Both the experimental and calculated 
values are given by the curves in Fig. 8 and it will be 
observed that the results are in satisfactory agreement. 

The visual method not only overcomes the limitations 
of the aural method but makes possible a quantitative 


determination of the degree of unbalance at any time, 
which is often a distinct advantage. Observers show a 
decided preference for the visual method. 

Data for the various curves were obtained by the 
following graduate students in Communication Engi¬ 
neering, Yale University: Lt. Perry Wainer, W. II. 
Sehlasman, and Captain A. M. Gurney. 


Mechanical Forces between Electric Currents 

and Saturated Magnetic Fields 

I1Y VLADIMIR KARA Rim IKS' 

I'Vll.nv, A. 1. K K. 


Synopsis. Thf m ntnil. ciinr considered in that of N imde pendent 
electric circuits /ilarnl in a matimil of rariable pcrmcnldlily and 
subject t» anturalitui, in /tails nr an a whole. The problem in to 
deter mi in the eniii ininent l .in a giceit direction) of the mechanical 
force acting upon one oj the electric circuits, upon n f pump of 
circuit."., or upon a group of circuit:: •with part of tin magnetic 
medium rigidly attached to them. It in liclic.ced that the. prohlcin 
lain not Iwcn indeed in thin pent nil form hereto]ore. 

line in made of the c.rpi'eiusion for the slured electromagnetic 
enerfiy, If, <>f the system, assuming all the electric circuit}: to he 
originally open and thin cloned one hp one, Such a treatment 
necessitates a numhci of partial saturation an mm, (fieii .»/ the link- 
ape:: with each indiridtail electric circuit when Home of the vcmaini ng 
circuit!: ore cloned and the net are open. .1 victual tl in place me at, 


r) ,s, h: then (jieen to the part of the system under eonuiderolion, 
keep in <j either the linkages or the currents constant, and the. mechani¬ 
cal force, I 1 ’, in determined from a comparison of the. work dime, 
F. 0 n, with the change in the stored energy, 0 lit 

It in ah mm that the familiar reciprocal relationship for the 
mutual inductance, M \>> /If ai, which hob lx true, in a medium 
without saturation, can he generalized tn a mare involved integral 
expressionfar a saturated medium. 

In order to connect the general treatment with the. simpler canon 
preciously nalred in the literature of the subject, same intermediate 
cases of one and two circuits are considered, especially those of im¬ 
portance in applications. The substance of the general, method used 
was presented before the American Physical Society, at the Phila¬ 
delphia Ma ling, in December, Itt Jtl. 


Introduction 

ONBIDFR a. system of stationary linear electric 
circuits in each of which a, steady direct current 
is maintained by a. suitable source of energy. 
Let these circuits be sufficiently close to each other to 
influence each other's magnetic fields. For the sake of 
generality, assume the medium to be of variable per¬ 
meability; that is, let the permeability at a point, be a 
scalar function of the position of the point. Moreover, 
let the medium be subject to saturation; that is, let the 
permeability be a function of the resultant ilux density 
at that point. 

Generally speaking, the system can be maintained in 
its given position only by some external mechanical 
forces or constraints, preventing the individual circuits 
from moving into a more stable position in the direction 
of maximum stored energy. The problem is to find the 
values of these mechanical forces for any individual 
circuit or part, of the system. Since each circuit may 
require a force and a couple to hold if stationary, the 
problem may be formulated thus: To find the magni¬ 
tude of the projection of the force (or of the turning 
couple) with which a given circuit tends to move along 
(or to rotate about) a given axis. 

1. ITnl'oHKnr of RIoHrioal Hn gilt wring, Cornell University, 
Ithaca, N. V. 

Presented at the h'egioiial Meeting of District No. I of the 
A. /. Pittsfield, Mass., May dd-dd, 11127. 


In its most general form, with variable permeability 
and saturation, the solution of the problem leads to 
quite complicated equations. Moreover, many less 
general cases are of greater importance in actual ap¬ 
plications, and a physical interpretation of more general 
cases is facilitated by a previous study of simpler 
combinations. For these reasons, the treatment in this 
article follows the order “from specific to general/’ 
even though a treatment in the opposite order might 
have been somewhat, shorter. The notation and the 
units are those used in the writer’s “Magnetic Circuit/’ 
(McGraw-Hill Book Co.), and the references are to the 
pages of that book, unless stated otherwise. 

I a. A. Single Crucurr in a M edium ok Constant 
Perm Isa niLiTY 

Consider the coil shown on page 178. The electro¬ 
magnetic energy stored in it is expressed by equation 
(102a), and from this expression, together with the 
definition 

W « 0.5 Li* (1) 

follow equations (105) and (106) for the coefficient of 
self-inductance. The same expressions hold true, in a 
medium of constant permeability, for an electric 
circuit of any form, not necessarily a coil. 

Let a circuit, Fig. 1, be of such a shape that its mov¬ 
able part,, C, tends to approach the stationary paid,, If, 
with a force, F, unless held in place by an external 
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force, - F. It is shown on page 251, equation (182), 
that 

F - 0.5 I- 8 L/8 s (2) 

where s is the distance from an arbitrarily chosen 
fixed origin Q to some point I) on the part, (’ of the 
circuit. In other words, s is a coordinate which de¬ 
termines the position of C, and » increases when the 
two parts of the circui t come closer together 2 . 

If left to itself and not stopped by //, the part, (' of 
the circuit will finally come into a position in which 
F = (), and since in this position there is no force 
tending to move C any farther, the motion will stop. 
The condition V O means 8 L/8 s ~ 0, or L max. 
Thus, a circuit Irwin to assume a position of mitfimim 
inductance , or, with a constant current, (hat of maximum 
stored energy. 

With a non-linear deformable conductor, such as 
a bath of mercury or of molten metal, the meehani- 


( 



cal forces tend to modify the shape of the hotly 
of the liquid for a maximum of stored electromagnetic 
energy, consistent, with the shape of the container. 
The tendency is to increase the length and to cont ract 
the cross-section 1 4 ' 1 . In some cast's this tendency for 
maximum flux linkages results in a continuous motion, 
as in a homopolar motor. With liquid conductors, 
such a motion has been utilized for automatically 
stirring molten metal in an electric furnace 1 . The 
writer fully recognizes the value of the late I)r. 
Bering's ingenious experiments and of his work 
on electric furnaces; he only does not see the neces¬ 
sity for a new “law" to interpret the observed 
phenomena. As has been pointed out by several per¬ 
sons in the discussion of the above paper, the relation¬ 
ship expressed by cq. (2) is sufficient to interpret the 
observed forces and motions. 

2. In this investigation, t,iui variation nign 8 in uhihI to indicate 
a change with respect to x. The differential sign d in reserved to 
indicate a change with respect to the current. 

3. For some ingenious experiments illustrating spontaneous 
adaptation of various circuits to a shape of maximum energy 
storage, hoc Carl Boring, Thanh. A. I. E. E., 11)23, Vol. 42, p. 321. 

4. Ibid., Bibliography on p. 326. 


TWEEN ELECTRIC CURRENTS 

Ib. A Kindle Circuit in a Medium Whose Fkr- 

MEABILITY VARIES FROM POINT TO POINT, P.UT is 

Independent of the Flux Density 
In such a medium, magnetic fines of force obey the 
law of refraction (page ILL. With the same exciting 
circuit, the magnetic field has a shape different from 
that in a medium of constant permeability, Never* 
theless, all the flux densities are proportional to the 
exciting m. in. fs., and the field retains its general 
shape as the m. m. f. is increased. Consequently, 
eqs. (1) ami (2) still hold true, hut values of L have to he 
determined for the actual elementary permeances as 
they enter in eq. (105) or < 106), 

As a simple example, consider the lifting magnet 
shown on page 213. Let the reluctances of all the iron 
parts he constant and let their sum be denoted by 
At,. Then, if the length of the air-gap is a, the total 
reluctance of the magnetic circuit is 

(ft d* 1 (iti i {</ p) US', * i »SL Li (3) 

and 

0 T 8 s a o' 8 a 8 0 ! ! h a 

■ til " t*S', ! | S ■ 5 .i /< (4) 

Hence, disregarding t he change in t he part lal linkages, 
C(j. (2) gives 

F 0.5 I ' ir ot '* i,S’, 1 | S t *) /t (5) 

Put, / it ui ( is t he total flux of complete linkages and 
/ n ot 1 .S’i 1 is the corresponding flux density in the 
inner air-gap. Hence, eq. (5s may also fit* written in 
the form 

F 0.5 fif Si p, t 0,5 »sV (6) 

which agrees with eq, 1169), and is flu* usual formula 
for the supporting force of a lifting magnet'. 

Id, A Kindle Circuit in a Composite Medium, 
Fart of Which is Subject to Saturation 
Let now a coil or an electric circuit of any kind lie 
placed in a position where the magnetic linos of forceart; 
partly in the air, partly in iron, Hie latter being some¬ 
what saturated at the assumed values of electric 
current. To determine t he mechanical force F between 
some two parts of the magnetic circuit, we shall assign 
to these purls a virtual relative displacement hs in 
the desired direction x, and let this displacement occur 
at a constant current. 

If 8 x has a component in the direction of the longi¬ 
tudinal tension along the lines of force, the flux and tlie 
stored energy will he greater in the final than in the 
initial position. We (hen have for the final position: 

e f at Fos I 8 W (7) 

where - ri.s4.he voltage induced in the circuit during tlw 
displacement., and I e is the voltage applied from mi 
external source to keep the current constant; 8 t is the 
interval of time during which the displacement occurs, 
and 8 IF is the increase in the stored elect romagnetic 
energy. 

In Fig, 2, let (HI he the saturation curve of the cir¬ 
cuit in the initial position and O A' that in flu* final 
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position. The current,, i, is plotted us abscissas and the 
corresponding (lux linkages, </>, as ordinates. By 0 is 
meant; the sum of t he fluxes linking with the individual 
turns. For example, if the circuit, consists of three 
turns, and t he actual fluxes linking with these turns are 
3, 2.5, and 2.7 kilolines respectively, then </> = 8.2 
kilolines. The act ual value of the current at which the 
force F is to he determined is I and the corresponding 
sum of the linkages is <i>. 

Since the magnetic flux is a function of both the 
current, i and the position s, it is necessary to dis¬ 
tinguish between two increments of </>, which in Fig. 2 
are denoted by d 0 and 8 c/,> respectively. The incre¬ 
ment, d 0 is the increase in t he linkages, at a constant, s, 
when the current, increases from / to l | d /. The 
increment <> 0 is t he increase in the linkages, at a con- 
atant mrmil i, when « is clumged to s I t) s. If d 0 be 
calk'd the dijfcrnttial of 0, I,hen <> 0 is the variation of 
0. In e<ination (7) 

a o <1/8 t ( 8 ) 



the symbol 5 signifying that t he current / is kept con¬ 
stant, while s varies. 

To find an expression for the stored magnetic energy, 
if is necessary to compute the electric energy put, into 
the circuit, to establish the current / in the position s. 
During the process of building up the current,, let t he 
linkages increase by d </> when the current increases 
from i to / l d i. 'This is shown by the lengths c <t 

and <i h in Fig. 2. The induced voltage is d </> d t and 

the electric* energy supplied by the external source is 
i {d <j> d t) d t l d <l> (9) 

This energy is represented in Fig. 2 by the strip 
a b h c, The total stored energy in the position « is 

/ 

IF f i d 0 (10) 

n 

and is proportional to the area (' N 0 c C, The energy 


in the position s + 8 s, at the same current I, differs 
from W by the amount 

5 W = f i 8 d 0 (11) 

o 

which is obtained from eq. ( 10 ) by partial differentia¬ 
tion with respect to s. 

It is permissible in this case to put the variation 
symbol 5 under the integral sign, since the limits of 
integration are independent of </> or i. 

Substituting now the expressions (8) and (11) in 
eq. (7), we get 

la 0 * F 8s -I- fihdifr (12) 

u 

or, solving for F, 

i 

F = I (8 0/3 s) - f i d (o 0/5 s) (13) 

n 

In this expression, the symbols 8 and d are inter¬ 
changed under the integral sign, in accordance with the 
fundamental theorem of the Calculus of Variations; 
namely, that the variat ion of a different ial is identically 
equal to the differential of the variation/’. Using on the 
right, hand side of eq. (13) the familiar transformation 

f x d a — x y — f y d x (13a) 

we finally obtain 

F - f (8 0/5 s) d i (14) 

n 

Ec|imtion ( 14 ) can also be proved by assuming the 
virtual displacement to occur at constant, linkages, 
t hat, is, under the condition 

8 </> « 0 (14a) 

With this assumption, there is no interchange of 
energy between the electric source and the magnetic 
circuit, so that the mechanical work is done at the ex¬ 
pense of the stored magnetic- energy. We therefore 


have 





F 8 s - 

I 8 W « 0 


or 

i 



i 

><' 8 * T f v 

(f 

: d 8 0 « 0 

(14b) 

Integrating 

in parts, this becomes 
/ 


F 8 a 

; / 8 0 — 

,/’ 8 <t> d i - 0 

(14c) 


o 


According to eq. (14a), the middle term is equal to 
zero. Solving for F, eq. (14) is obtained''*. 

The area of the strip (■'()(• may he thought of as 
consisting of element,ary parallelograms, such as 
mqhc. The area, of this parallelogram is o /. d 0, 
the minus sign being necessary because 8 i is a negative 
quantity. Hence, according to formula (44) in the 
Appendix, we have 

f>. In Chin particular case, the truth of this .statement may be 
much directly from tlm fact that <h\ di, 

the value of tlm seemul derivative being independent of the 
order of differentiation. 

(I. Boo Appendix. 
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F = - f {8 i/8 s ) d 0 (14d) 

o 

This is a useful modification of formula (14). 

If 4) is given as a function of both i and s, all the 
operations on the right hand side of eq. (14) may be 
performed, at least approximately, and the value of 
F determined. When the force is a simple tension in a 
small air-gap, as in Fig. 58, it is not necessary to use 
eq. (14). The force can be computed according to 
eq. (169) even though the core is saturated. Some 
inaccuracy is introduced, however, in those lines of 
force which are not normal to the faces of the air-gap. 

When saturation is negligible, eq, (14) becomes 
identical with eq. (2) because in this case 

(j) ~ %L (15) 

so that 

<5 (j)/d s ~ i 8 L/8 s (16) 

Thus eq. (14) becomes 

F = f\d L/8 a) i d i . 

0 

Without saturation, L is independent of i, so that; 
8 L/8 s may be taken outside the integral sign. The 
result is 

F « 0.51* (5 L/8 s) (17) 

which is identical with eq. (2), 

Ha. Two Circuits in a Composite Medium with 
Constant Permeabilities 

Let there be two separate circuits, 1 and 2, each 
supplied with a constant direct current from a separate 
source. Let the medium be part ly air and partly iron, 
the permeability of the latter being assumed to be 
constant for all flux densities, from zero to the highest 
for which the mechanical force is to be computed. 

The first step is to determine the magnetic* energy 
stored in the system. Let; the circuit 2 be in place*, 
excited with the final value of its current, /«, and let 
the circuit 1 be initially open. When the switch of (he 
circuit; 1 is closed, let the voltage of the source 2 be so 
regulated that the current I» remains constant while 
the current in the circuit 1 rises from zero to its final 
value I j* Let M u . be the sum of the flux linkages in 
circuit 2, due to one ampere in circuit 1. Then the 
instantaneous voltage induced in the circuit, 2, when 
the current in circuit 1 increases from some value /, to 
? *i T dii, is — Mn d i t /d t. Hence, the total energy 
furnished by the source 2 to keep the current 7, con¬ 
stant, is 

/ 

W 12 • hfM n id h/d /.) d i ~ Mn /. L. (18) 

Therefore, the total stored energy of the system is 
W « 0.5 Id Li + M I, /,, + 0.5 Id L t (19) 

In this expression, the subscript of M has been 
omitted because M n = M,,; that is, the coefficient of 


mutual inductance (or the sum of mutual magnetic 
linkages per unit, current i is the same for both circuits, 
This follows from the symmetrical form of eq, 1 ftp 
Had we st;arted with the current /1 at its tall value and 
increased h from zero to its final value, we would have 
obtained an identical formula, with M : in place of M 
But, without hysteresis, the phenomenon is reversible, 
and the total stored energy cannot depend on the 
manner in which the system has been established, so 
that W is the same in both eases; consequently 
M is — Mu, and can he simply denoted by M. 

Let now a part of the system be given a virtual 
displacement os, white the rest of tin* system is kept 
stationary. Both currents are to be kept constant 
during the motion. The displaced part may include 
one of the coils and some iron, or only one of f best*. If u 
coil and an iron part are moved, they are supposed to be 
mechanically joined together, and the force F is that 
necessary to move the combination, tIcucrally speak¬ 
ing, such a displacement will modify the values of 
L it L.u and M, since the position of the coils with 
respect to the* iron masses wilt be changed and the flux 
distribution will be different, The energy furnished by 
the electrical source 1 during tin* displacement will he 

/.*/,«/-» ! L } 8 Mu 

while that, furnished hy the source 2 will lie 

l,U,8L, I MMf. 

The increase in t he stored energy, according to eq. (19), 
is 

0.5 / r 8 In | t ,1,8 m f 0.5 I/ 1 8 Lj, 

Hence, we have 

F8s \ (0.5 In?L I /, !,8M I 0.5/,-gLo 

/ 1 f / 1 8 L i | / ■ o M t i i$ ,, 8 I*, / j 8 M t (20) 

or, after reduction, 

F 0.5 fi 0 Li on j- l, la M oh f 0,5 // 8 I 8x 

! 21 .) 

This is a generalized form of Kelvin's law, to the 
effect t hat (with constant currents and count ant perme¬ 
abilities) I he energy supplied by the electric sources 
during a displacement is divided into two equal parts. 
One halt is converted into mechanical work; the other 
Imli increases the stored magnetic energy of the system. 
Conversely, if mechanical work is done on the system, 
pulling it apart, the energy returned to the sources is 
equal to twice the mechanical work done, the other half 
coming from the reduction in the stored nuumetie 
energy. 

When all media are of the same permeability, <i 
relative motion of the coifs does not alter their self- 
inductances, and the preceding equation is simplified to 

F «- /, LJ,M 5 n at) 

which is the* one usually given in treatises on physics, 7 

7. S«M 1 , fur J, r. Mnxwi.il, HUrlrmty ami Muslim, 

Vol. Pi, p, 151;,|, }], .tniuiH, Klrrtricity ami wlilwm 

° F.iJt), J), 41)5; Alex. UumwII, Alternating Current *, Vol. I,J». '10* 






If the coil 1 is displaced without moving the iron parts, 
the last term in eq. (21) is equal to zero. The same is 
true if an iron -part is so moved as to leave the value of 
La unchanged. 

IIb. r Pwo Circuits; Part of the Medium Subject 
TO Saturation 

This is an extension of the case treated under Ic 
above. The equations of stored energy, corresponding 
to eq. (19), are 

h 

IT = ./' A d </>,a I h (T,, - ‘ha,,) H- f A d </>,,, (23) 

u o 

h. h 

W - f A (I </>,! I /. ('I’ll* . ‘I’..,) + f A d 0 1( , (24) 

I! I) 

In eq. (23), it is assumed that in the circuit 2 the 
current is first brought, up to its full value, while 
the circuit 1 is open. The last term on the right-hand 
side expresses the energy stored in the circuit 2 under 
these conditions, this term being identical with eq. ( 10 ). 
The subscript 20 (read fwo-o) means “linkages of the 
circuit 2 when the current, in circuit 1 is zero.” When 
the current, in the eireuit 1 is increased from zero to its 
final value, /,, the flux linkages of the circuit; 2 are 
changed from •1»«« to 'Iti* where the subscript 2 again 
indicai.es eireuit 2, and the subscripts 0 and 1 indicate 
the initial and the final values (0 and /,) of the current 
in circuit 1. Since the change in the linkages occurs 
at a constant current. /the amount of energy furnished 
by the source 2 is /■■ (T-i d»-u). This is t he middle 
term on the right-hand side of eq. (23). The energy 
stored in the circuit. 1 is given by t he first term on the 
right,-hand side. During the interval of time when t he 
flux linking with this circuit is being built, up, the 
current. A> remains constant,, as indicated by the double 
subscript 12, Eq, (24) is obtained from eq. (23) by 
interchanging the subscripts 1 and 2. On the supposi¬ 
tion that the phenomenon is reversible and the value of 
the total stored energy is the same, no matter which 
circuit is closed first, the left-hand sidesof hot h equations 
are denoted by t he same symbol IT. 

Equating the right-hand sides of eqs. (23) and (24), 
we obtain the following “reciprocal” relationship: 

/Af/A0 t I /■, A«I*- ./* /a d A </>» ! /, AT, (25) 

(i u 

where 

A (j )i 0 1 ” 0m (26a) 

and 

A 0- ■ (/>» i </>'.:11 (26b) 

r Phe symbol A in application to </>, stands for the in¬ 
crease in t he linkages of circuit 1 due to an increase in 
the current, A from 0 to /-, the current A remaining 
constant.. In application to 0- the symbol A stands for 
the increase in the linkages of circuit 2 at a constant, 
current, A» when A is changed from 0 to h. 

Applying the transformation (13a) to the two inte¬ 
grals in eq. (25), we obtain after reduction 


h h 

J' A 4>i d A — J' A c/);. d A (27) 

O 0 

Eq. (27) is a generalized form of the relationship 
M is = M, i, when saturation is to be taken into con¬ 
sideration. Pour saturation curves must be thought, 
of in connection with eqs. (25) and (27), namely, 
between A and 0, when A — 0 
between A and 0 ( when A = L, 
between A and 0 2 when A = 0 
between A and 0- when A = A 
Eq. (25) or (27) gives a necessary physical condition 
which these four curves satisfy. 

Without saturation, A </>i — M t2 h, and A </>■> ~-= 
M »i I\. Eq. (27) simply becomes: M v < l» h 
M»i 11 h, orJIfjj - M,-. 

Using the value of 3 W from eq. (23), the condition 
expressed by eqs. (7) and (20) can now be generalized 
as follows: 

F 3 « | f i i o d <f> i« 1 2 (75 »I»2i — 5‘l»aii) 

n 

+ ,/’ A 5 f/ 020 “ /1 5 ‘1*12 + /:! 3 <t»..| (28) 

0 

Cancelling I, o <!>-i on both sides of this equation, 
and using the transformation (13a), we get 
/, /« 

F =» ./' (3 0 12 3 «) d A i y* (5 0 ;.ii/ 3 -s‘) d A (29) 

O II 

In e({. (28), expression (23) for IT is used. If eq. 
(24) be used instead, the subscripts 1 and 2 in eq. (29) 
would become interchanged, and we should get 
/•• _ h 

F ~ J' (3 0:,i 3 s) d i» | (3 0m/75 «) d A (30) 

0 II 

Eqs. (29) and (30) are the general expressions for the 
mechanical force between two electric circuits in a 
medium subject, to saturation. Since eq. (30) may be 
obtained by combining eqs. (29) and (27), expressions 
(29) and (30) are identical. 

As a special case, and as a cheek on these formulas, 
consider t he condition of no saturation. Then 




0 1" 

/v | 

A \ 

M l. 

(31) 

and 









0!*.t) 

— A i 

F, . 


(32) 

Hence 

5 01-7) 

; sfc / 

i 3 Lx 

7) ,s 

\ I ... 3 M/3 s 

(33) 


5 0-u/3 

; — / 

2 f) L»j 

7) .s 


(34) 


Substituting t hese values in eq. (29), and remember¬ 
ing that L x , L«, M, are independent, of A and A, we get. 


fi h 

F ~ (o L 1/3 .S’) f i I d /, f L, (3 M/5 a) f d A 

ii n 

/, /;. 

1 (3 L»/3 «) ,/' d A (35) 

u ii 

After integration, this expression becomes identical 
with eq. ( 21 ). 
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In order to perform the operations indicated in eq. 
(29), <jf>jo and (j )» n must be given as functions of the dis¬ 
tance s and of the currents q and ?L. Such saturation 
curves, for different values of s, can either be estimated 
by computation or obtained from test. The value of F 
can then be determined graphically to a desired degree 
of accuracy. Or else, </>i 3 and </>«„ may be expressed as 
empirical functions of s, i i, and i» t and the integrations 
performed analytically. 

H I a. N Separate Circuits in a Composite M edium 
With Constant Permeabilities 
This is a generalization of the Case IIa. The first 
step is to compute the total stored electromagnetic 
energy. Let the circuit 1 be closed first, then the circuit. 
2, etc. With two circuits, the total stored energy is 
expressed by eq. (19). When the circuit )> is closed, 
its own stored energy, 0.5 !■/ L :1 , is added, and more 
energy must, be furnished by the sources 1 and 2 in 
order to keep the corresponding currents constant 
during the transient; period. These latter amounts of 
energy are equal to h J :I M l3 and /» /» respectively. 
Thus, the total stored energy of the three circuits is 
W - 0.5 Jr Li -f 0.5 L 3 4* 0.5 /** L, -\ M v , /, I, 

+ Man It J 3 + h Ii (35a) 

Extending the same process to N circuits, wc may 
write 

W - 0.5 X /** La, H- X 7* 7„ M ku (36) 
In this expression, k and u have all the int eger values 
from 1 to N inclusive, and in the second summation t he 
subscripts correspond to combinatim-is, and not to per¬ 
mutations. This means that; if, for example, the 
values of k ™ 2 and u - 5 have been used in a term, 
the values k ^ 5 and u ~ 2 cannot be used any more. 

Lot; now some of the circuits be combined into a 
subsystem, and be given a common virtual displace¬ 
ment;, 8.% with respect, to the remaining circuits, all 
the currents being kept constant. For the sake of 
generality, assume that this displacement causes a 
change not; only in the coefficients of mutual inductance, 
but in those of self-inductance as well. The energy 
furnished by the electric source in the kl h circuit, is 
o It 'a « / a [/a o La, T X Ip o M An | (37) 

Here v denotes any circuit, except the klh; that is, 
V has all the integer values from 1 to k I and from 
k -| I to N. Ftp (20) becomes 
F 8 8 4 0.5 X /a" 8 h k L X 1 k r„ 8 Mu, 

X /a" 0 La- | X { /a X ip 8 M ai; } (38) 

The last summation on the right-hand side of this 
equation contains the same terms as the last summation 
on the left-hand side, only each term enters twice, 
because each source of voltage is here considered sepa¬ 
rately. Thus, we find that, Kelvin’s law holds true also 
in this case, and by analogy with eq. (21) we may write 

F * 0.5 X 1^ 8 L k /d 8 4* X h I u 8 M k j8 h (39) 

Depending on the particular circuit or circuits for 
which the force F is sought, the derivatives 8 L 8 s and 


8 M 8 a have dillVrent values. Thus, it may he re- 
quired to determine the mechanical force acting on a 
winding alone, or on a winding with the corresponding 
iron core, etc. In each case a virtual displacement 
must be assumed to take place for the part or parts 
under consideration, with respect to the rest of the 
system. 

11 in. A* (-ikctits; Hart op the Medium StqwKcr 
to Saturation 

'fhis is an extension of the ease treated under 1 In. 
The* method is the same, only the subscripts become 
more numerous and involved. For this reason, it has 
been deemed sullieient to show the deduction of the 
final formula in application to three circuits only, since 
with A" circuits each flux «/» would have a subscript 
consisting of A numbers of different order. An exten¬ 
sion of the reasoning given below to four or more cir¬ 
cuits is quite evident, and the final formula for JV 
circuits is written directly, 

To compute the stored energy, we shall assume that 
the circuit 1 is closed Jirsb then circuit 2. and finally 
circuit 2. By analogy with eq, >.24), changing some¬ 
what flu 4 order of tin* terms, wc may write the following 
expression for the total stored energy corresponding 
to the final values of the currents: 

/i i t, 

IF • ,/’ i\ tl tfium I ,/’ q d f/»oM ! ,/’ ml «/*,»■, 

ti u n 

1 /1 t’tpaa *1'»»««•! 1 " 'I*-in) (40) 

In this expression, the first integral represents the 
energy stored in circuit 1 when X q U, The 

subscript lot) tread one-o-oi means "dux linkage:, in 
circuit 1, when the current a in tin* oilier two circuits 
are equal to zero.” The second integral represents 

the energy stored in circuit *2 when the current in the 
circuit 1 has already reached its full value, while that 
in circuit 2 is still equal to zero, ’{‘his is indicated by 
the subscript 21 fh The third integral represents the 
energy stored in circuit .1, and the subscript 212 indi¬ 
cates that the currents q and q have reached their 
maximum values. 

The term /, *T ; represents the energy 

furnisher! by the source 1 in order to keep the current 
/1 constant, when the currents in the oilier two circuits 
are being increased from zero to their dual values. 
Similarly, the last term gives the energy furnished by 
the source 2 when (lie circuit 2 is closed. 

Led now a virtual displacement, h h, be allowed to 
occur in one part of the system with respect to the 
other, keeping all the currents constant, The energy 
furnished by the three sources is espial to 

L fHm, i / ; bbn 1 Uh.j, 

Writing an equation similar to eq. i2$>, and using the 
transformation 1 13ai, we get, by analogy with eq, 30 
with u reversed order of terms: 

q h 

i 1 J (8 (pu*» 8 hi d it | j {8 8 si r/ q 
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fj(i0 


+ J' (8 08ia/5 «) d in (41) 

o 

In order to determine F from this equation, the flux 
linkages (pum, </>■.• m, and (/urn must be given as functions 
of s and of the corresponding currents. In practical 
cases, advantage may be taken of certain simplifica¬ 
tions due to the arrangement, of the circuits or to the 
particular shape of the saturation curves. Since the 
total stored energy is independent of the order in which 
the circuits are closed, certain “reciprocal” relationships 
must hold true. These may be deduced by analogy 
with eqs. (25) and (27). 

Extending now the formula (41) to N circuits, we get 

ik 

F 2 f (8 0 tf /5s) di k (42) 

o 

This expression consists of a sum of N integrals cor¬ 
responding to the values of k from 1 to N. The sub¬ 
script (] is as follows: 

q k (k — 1) . . . . 21000 ... (43) 

This means that for the Arth circuit the saturation 
curve between and </>,., used in eq. (42), must be the 
one which obtains with the currents h, //, ,, 

.... /, at their full values, while the currents 

if. ,,, i k ,.. i u , are all equal to zero. 

IMmil'im Rcfcrencca, Comparatively little has been 
done on the general theory of mechanical forces in 
magnetic circuits, especially taking saturation into 
account. Some recent articles, of applied nature, are 
listed below. References to earlier contributions will 
be found in these articles. 

Doherty and Dark, Mechanical Force between Flve.trie 
Circuits; A. 1. E. E., Tuans., 1020, Vol, 45. p.240. * 

Lehmann, The Calculation oj Maijuclic Attraction; 
Ibid,, p, 080. 

Hague, “Forces Acting on Conductors Near Iron;” 
World Power, 1020, Vol. 5, pp. 124 and 205. 

Hak, “Calculation of Mechanical Stresses in Reac¬ 
tance Coils;” Kick. u. Munch,, 1024, Vol. 42, p. 17. 

Lienard, Feme Cun. de VFAve 1020, Vol. 1.4. p. 500. 

Appendix 

if, is shown in connection with eq. (10) that the mag¬ 
netic energy stored in a saturated circuit (Fig. 2) is 
represented by the area C N O e C. Similarly, the 
stored magnet ic energy, after the displacement, o 
has taken place, is proportional to the area (V NO 
mC. When this displacement occurs at constant 
linkages 4>, the mechanical work is done entirely at the 


expense of the stored magnetic energy. Consequently, 
the curved infinitesimal strip C O C represents the work 
done, F 8 s, so that 

F = (area of strip C O C)/8 s (44) 

This expression permits the visualization of the relations 
and also the solution of some special cases. Consider, 
for example, a saturated electromagnet with a small 
air-gap (a lifting magnet). Within a certain range oi 
small values of air-gap, the lines of force in the gap may 
be assumed to be straight lines, normal to the iron 
surfaces, and the flux in the iron parts may be considered 
to follow the same paths and to have the same leakage, 
independent of the magnitude of the gap. In other 
words, within a certain range of gaps, the same satura¬ 
tion curve may be used for the iron, and only the 
exciting ampere-turns for the air-gap changed. With 
this limitation, the area of the strip (FOG may be 
obtained from the air characteristic alone. For the 
air-gap we have 

/ T = (<IyT) (.S‘ o - «)/(m A) (45) 

where I T are the exciting ampere-turns; -s« and # are 
some distances whose difference gives the length of the 
air-gap; A is the cross-section of the magnetic path 
in the air-gap, and y the absolute permeability of the 
air. T being the number of turns, the linkages 4* 
divided by V give the actual ilux. From eq. (45) 

T ()/==- (T/7 1 ) 8 8/(ju A) (46) 

With the foregoing assumptions, the strip O' 0 O be¬ 
comes a triangle, so that 

area O' O C = - 0.5 8 1 . <l>. (47) 

The minus sign is necessary because 8 I is a negative 
quantity. Substituting this expression in eq. (44), 
and using Ibr 8 / its value from eq. (46), we get 

F - 0.5 A /V/m (48) 

where />’ is the flux density in the air-gap. Expression 
(48) is the usual formula for the lifting force of an 
electromagnet.. 

The same result may be obtained from eq. (14d). 
With the limitations stated above, the saturation curve 
for the whole electromagnet may be written in the form 
T i = *£ (</>) 4- Gp/T) (,% »)/(ju A) (49) 

where the function ip (</>) is the m. m. f. required for the 
iron parts. At a const,ant </>, 

8 i/8 s ~ ((p/T')/(,fi A) (50) 

Substituting in e(j. (14d) and integrating, will give 
eq. (48). 






























Two Gases of Calculation of Mechanical forces in 

Electric • Circuits 

BY II. B. IVWBIIIT' 

1-Vllnw, A. I. K. K. 

Synopsis. /I farm ala in derived for the mechanical. farce in ilia no It r. Where tin ft i;; a eontdactnm tv a hyoid nintluvM) r, 
a cmic of round ictre, tine to its own current. .1 formula, llutt farce net:-, in hath dim etions meay Jr mu tin > eon; Jrirtion, IhuH 

(rndintj to ueet nfuutr it. It inutj he that time, hit:: uton to do with 

F / a loyh — in a Inn dcrired for thr lonyifndinal force exerted the riiptniinfi of a In/aid rundnetnr hy In nvy run rat, than the, 

In Hir hnomt furei :: nrtituj in a radial direction, ichirh have hern 
on a round rondnrtor, due to its own current, whi te it rhniujro its muially inferred to under tin name "pinch effect.'’ 


rnilE measurement by a laboratory method of 
JL mechanical force in circular and rectangular 
circuits, described in a companion paper by 
Mr. .1. W. Roper", lends interest to formulas for calcu¬ 
lating such forces. In this -paper, formulas are pre¬ 
sented for the force acting in a. circular circuit and also 
for the axial force acting in a straight cylindrical 
conductor where the size of the cross-sect ion changes. 

Rouen in a Winn ('irci.k 
The force tending to stretch the wire in a circular 
circuit is calculated by the well-known me!hod using 
the differential of the self-inductance of the circuit. 
The mutual inductance of two coaxial circular iilaments 
is given with a great, deal of precision by formulas 
involving elliptic integrals or by convergent series. 
Rayleigh and Niven have integrated the expression for 
this quantity over a circular cross-section, giving the 
self-inductance of u circle of round wire. Their formula. 


can be equated to ,, / o L where o /, is t hechatigein the 

self-inductance of tin* circle due to its change in size. 

'This rat lier well-known expression can be derived as 
follows: 


The rate of doing mechanical work is /•' , , Since 

the current / is kept cons!aid and the inductance L 
is varying, a voltage is generated in (lit* circle equal to 


L 4 >t a | logh 


/ v , and the current / bowing aeaiusl Mum volt; 
o t 


supplies energy at the rate/• •, This energy goes 

to supply the mechanical work and also to increase the 
stored energy of the magnetic field, 'The stored energy 

1 

is v) LF tor inductance 1 2 equal to /,. The rate of 


)■■ ]■ 


ibhenrys (1 


pit / i s a 1 \ ] change of flic stored energy when / is constant, and L 

■* { H ‘"K 1 ' ,, 1 24 / ■ ■ J alilicnrys (1 1 , 0/ 

mrim is 2 0 ! • 

where a is the radius of the circle and p is 1 he radius of 

the wire. The expression logh denotes the hyperbolic Therefore, 

or nat ural logarit hm. , , . , , 

o h oh 1 o It 

When current. Hows in a. circle of wire, one half (.ends /' () { F { , t F 

to repel the other half, and a tendency to stretch the H 

wire is exerted at every part, of t he length of the wire. Then 
Let this force la* F dynes and let s be the perimeter of I 

the circle. If the current is turned on, and the force F /<* o s / ' o F 

stretches the wire a, distance 0 «, the mechanical work " 

done is F 0 n, since F acts in the direction of s. This ail ,j 

1. I’ritl’i'BHHr uf KI«'c*H’icfd Mnt'liiiitu*y, MitsNa<‘liUBi*llK ItiHlitiiUt 1 t) L 

«*f 'IVrlmulo^Y. m ^ W 

2. J W. Rupor, Exjnriintiital Mrnuuicnnnt of Mechanical 

Cornu hi Klrrtrir circuit*, .11. ,1. I. A’. K. luf, tint. This force is in (lyrics since ali.siiliilc units arc used 
a. r.qiuiUnji hfiiuiltln> Pnpor No, Rio of l.iii* Riavau of fhrouehooi 

St,aml<mi.s t mil, amt Rayloigli'n oollootofl pupm\H, Vul, II, p, if,. . ,t. .." 

l resented ut the IP yum at Mutiny of IHidricl ifo. { of the. -1, PrifH'iploK of Alforuating < ‘iutouIm to, R, R, LawroWO, 
d. I. K. IF, Pittsfield, Maim., May AW.V, UK!?. p. 124, aquation (14j. 
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The dimension s is the circumference of the circle 
and is equal to 2 ir a. 

Therefore 


F 


1 0 L 

A J- s 

4 t r 0 a 


(3) 


The differentiation of Rayleigh and Niven’s formula 
(1) is quite slraigh(forward and the following formula 
for force is obtained: 


F 

/•' 




dynes (4) 

where / is the current in abamperes. 

Example l . The force in a wire of radius p « 0.1245 
cm. bent into a circle of a 20.1 cm. radius and 
carrying; 100 amperes is 

[ S 20.1 
logh () 0.75 


0.1245" 

20 . 1 " 


S 


b X 20.1 
0.1215 


12 


)] 


™ 041 dynes. (See the calculated curve of Rip;. 2 of 
Mr. Roper’s paper.) 

Ronoitupinal Force 

4'he following short formula gives the amount, of 
the longitudinal force; that is, the force acting in the 
direction of t he axis, which is exerted on a round con¬ 
ductor whom it changes its diameter: 


F P high -. dynes (5) 

where a i and a-< are tlui larger and smaller radii, respec¬ 
tively, and where / is the current in abamperes. 

The force acts parallel to the axis and toward the 
larger section of conductor, irrespective of the direction 
of tlow of current. The expression involves only the 
maximum and minimum radii and, as referred to later, 
the amount, of (he force is independent of the shape of 
the conductor while it. is changing section, so long as it. 
is round and centered on a st raight, axis. 

Formula (5) is useful in calculating the force on a 
system of round wires in air where there are wires of 
more than one diameter. It is also of interest in con¬ 
nection with some kinds of electric furnaces where a 
trough of molten metal carries a heavy electric current. 
If there is a constriction in the section of (lie metal, 
this force? produces a How of metal away from the 
constriction and so accentuates the constriction. Such 
an action lias been observed. 

As is well known, electromagnetic forces also act 
on all elements of a liquid conductor at right angles to 
the direction of current How; that is, in general, toward 
the axis. This produces greater hydrostatic pressure at 
the axis than in the outer parts, and, of course, hydro¬ 
static pressure acts equally in all directions. 

The hydrostatic pressure in a uniform round con¬ 


ductor, which acts in a radial direction, has been 
referred to for a number of years under the name, 
“pinch effect.” It has been described as the cause of 
the phenomenon observed in electric furnaces, that at a 
certain heavy current a constriction would occur in the 
liquid conductor, and that this constriction would grow 
until the circuit was broken. 

It is possible that the axial force described and calcu¬ 
lated in this paper, which tends to separate the two 
tapered parts where a constriction occurs in a liquid 
conductor, is more directly connected with rupturing 
the conductor at the point of constriction than the 
radial “pinch effect” force. 

The axial force is stronger in the outer parts of the 
tapered conductor than in the inner parts. In the case 
of a liquid conductor, unequal forces acting on different: 
parts produce a tlow of the liquid, sometimes in short 
ret urn paths, like local eddies. The amount, of t his llow 



Fici. I.CoNJMrcn’on with Oiianhm in Suction 

depends on t he strength of the electric current and the 
shape and viscosity of the liquid conductor. 

Equation (5) is derived by the method of finding 
the product of the strength of a current and the mag¬ 
netic field in which it lies, to give the force on the con¬ 
ductor carrying the current. 

Assume that the current density is uniform over any 
cross-section of the wire shown in Fig. 1. Blight; de¬ 
partures from this assumption take place where the 
stream lines do not have abrupt changes in direction, 
but follow smooth curves. Skin effect, also is not 
considered. The current, density at distance n where 
the radius is x is 


The total current inside radius z is 

£*■ 

7T % Z" “ I —V \i 
XX 

The flux density at radius z is 
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2 I Z 2 2 1 


2 a:-’ 


The dotted line at radius z is always at the propor- 
Z\ 

tionate distance-along the radius of the wire, and 

(lx 

it is almost exactly a line of current flow. A short 
element of it has a length 


where 


tan a 


l y 


A force acts on the short element of the filament 
carrying current at right angles to its length and 
proportionate to the current in the filament and the 
magnetic field in which it lies. This force is 


2 1 z i 2 d y 
z ar cos a 


dynes per abampere of current in 


the filament. 

Multiply by sin a to get the component of force 
parallel to the axis: 

2 1 Zi~ zr d y 

—— tan a dy ~ 2 1 * .. from (6) 

& iii ct \~ y 

Integrate this from y = m to y » L The total force 
parallel to the axis acting on the filament is 

Z\“ l 

2 j — - i 0 pfh —- dynes per abampere of current in 

the filament. ( 7 ) 

If the filament be considered to have a thickness 
d Zx at the radius z x then the total area of all filaments 
at radius Z\ is 

2 r Zx d Z\ 

and the total current in them is 

~~ a j2 

I he force parallel to the axis acting on the above cur¬ 
rent is, by (7), 


l \ 21 

m~) z ' ,lz ' 


Integrate this from z x = 0 to % x « 
The total force parallel to the axis is 


p logh — 
m 


~~ P logh ..which is equation iSi. 

If the wire tapers from a radius a x to a radius n nt the 
axial force due to that part will be 


If the wire then tapers at a different rate from radius 
a m to radius a», the force due in that part will be 

- 1 t U«,( 

/■ logh 

a* 

and the total force will he 

/- logh * 
a-: 

This is the same as if the wire had tapered uniformly 
from radius a, to <h, as in Fig. 1. The change in radius 
can therefore be made by means of a large number of 
tapers of different angles, and the total axial force will 
depend only on the initial and final radii affording to 
eq. (5). 

In the above calculation, the value of the flux density 
at a radius z is dependent on the total current /, within 
the circle of radius z. Since the wire is assumed to he 
straight and very long, and the return conductor so 
remote as to be negligible, the magnetic field lies in 
circles around the axis. Thu magnetomotive force 
around the circle of radius z is 4 ir The length 
of the magnetic path is 2 w z and the flux density at 

2 /, 

radius z is v . This formula, which is applicable 

to isolated long, straight, round wires, is seen to he true 
also when there are changes in section, provid'd the 
wire is symmetrical around a straight axis. 

In calculating the magnetic field due to a short length 
of round wire carrying a current, it is often assumed that 
the field is the same as if all the current were flowing 
in a small filament at I la* axis of 1 he round wire. While 
this is very nearly true, it is exactly true only in the 
ease of an infinitely long wire, and Huh fact is sometimes 
of importance in calculations of inductance and of 
electromagnetic force. The expression for the field at 
a given point due to a short length of round wire in* 
volves elliptic integrals or series equivalent to them. 

A ease where the current cannot be assumed to he 
concentrated in a filament at the axis of a conductor is 
ill finding the force on u conductor bent into a quadrant 
oi a circle, for such an assumption makes the calculated 
force infinitely great. An expression for 1 be force on a 
quadrant conductor due to its own current must involve 
the dimensions of the cross-section of the conductor. 

1 he writer desires to make acknowledgment of the 
assistance of Mr, S, P« Sawyer in preparing numerical 
examples, etc., in connection with the work of this 
paper. 
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Discussion 

V. Karai»«‘toff* Professor Dwight’s equation (5) may bo de¬ 
duced directly from llm general formula, (2) for l.ho mechanical 
f or( ,c*. Lot tin- return conductor ho a, concentric cylinder of 
radium h. Lot. the virtual deformation of the given conductor 
coiiHist of an axial lengthening of the portion of radius by 
an infinitesimal amount </ « and of a corresponding shortening 
of the portion of radius u i by the same amount «/s. The tapered 
portion is supposed to move bodily without a change in shape. 
The inductance of a concentric cable, per unit length, is of the, 
form, 

L 0.05 | 0.2 log 1 1 (#»/«) (A) 

in perms per cm. length 1 

Therefore, the net increase in t he inductance is 

d / 0.2 (logit l/i/md log’ll (7»/uiJl (lx (ft) 

Substituting this expression in Dwight’s equation (2), his 
equation (5) is obtained. Therefore, equation (5) is valid so 
long ns equation (A \ for inductance is valid. The radius l> 
of the return conductor does not enter into the result. 

When considering the relationship between an electric current 
and its magnetic dux, it. is safer to start, with the universal 
relationship, which holt's true at any point and is expressed by 
the familiar differential equation u curl //, where u is tint 
current density. 1 The difference between a solid and a liquid 
conductor comes in the boundary conditions in the integration 
of this equat ion. For a solid conductor, the boundary surface 
is fixed ami the component of the current, density normal to it; 
must be equal to stem. With a liquid conductor, the shape of 
the surface depends upon the magnitude of the total current 
and its distribution. Because of the pinch effect, the usual 
hydrostatic conditions must be satisfied at each point within 
the liquid. 

This means that, for each infinitesimal volume taken within 
the conductor, the forces acting upon it must be in equilibrium. 
These forces are the resultant pressure exerted by the remainder 

A 



Fio. 1 


of the liquid, the weight of the, element, and the force between 
the current and the magnet ic. Held. 

II. II* Dodrfet 1 have quite recently performed some ex¬ 
periments concerning form's acting on a liquid conductor with 
currents as high as 1500 amperes. 

When a right-angle trough containing mercury has a current 
of 1000 amperes flowing, there is a movement in the liquid as 
shown in the accompanying Fig. 1. The direction of motion is 
from H to A and the level at A is about U in. higher than the 
remaining liquid. 

If a. straight trough with a constriction is used, there is a 
pronounced flow away from the constriction, as shown in the 
accompanying Fig. 2. There are also.eddies at the constriction. 
There is a swirling motion at the electrodes accompanied 
by a marked depression. As the current changes direction by 
DO deg., the filaments carrying current stretch out and form this 

I. Sri>, for example (1* W. Pierce. Electric Oscillations and Electric 
Waves, jt, M. Abraham. Thmrk drr Klcktrisitat, If 12, p. 220. 


depression. Within the constriction, an interesting phenomenon 
occurs. With 1000 amperes, the mercury level rises at the 
center and falls at the edges, as if the mercury were trying to 
crowd together to form a circular cross-section. Just before 
the circuit was ruptured with 1450 amperes, the level decreased. 

The rise in level would seem to be due to the hydrostatic 
pressure which acts radially, and has been given by Dr. E. F. 

Northrup as p = ---■ ^ “ ? "' 1 ( * ynes per sq ‘ cm ’ at any 

point r cm. from the axis of a conductor 2 R cm. in diameter. 

The decrease in level might he explained by the action of the 
longitudinal thrust, or the taper force which tends to drain the 
mercury from the constriction and thus decrease the level. 

The total thrust on a vertical plane omitting the effect of 



Fig. 2 


gravity has boon given by Dr. Carl Tiering as T - dynes. 

This is obtained by integrating the above expression given by 
Dr. Northrup. This expression is independent of the size of 
the conductor: consequently, the thrust on a vertical plane due 
to the radial force is the same, regardless of the size of cross- 
section. With this in mind, it seems very reasonable that the 
rupturing of the circuit is caused by the taper force which has 

7 - R 

been given by Dr. Dwight as F = — logh — dynos. 

A few simple calculations will bring out the differences in 
pressures. With a conductor carrying 1000 amperes and a 
cross-section with a radius wh ich varies from 1 cm. to 6 cm., 
by Norlhrup’s equation, the hydrostatic pressure at the center 
of the small section - 3180. dynes per sq. cm. which is equiv¬ 
alent to 0.04 01 lb. per sq. in. and the pressure at the center of 
the large section 81). dynes per sq. cm. which is equivalent to 
0.00130 lb. per sq. in. 

The total thrust on a vertical section by Horing’s equation 
is T J2J3 5000 dynes and equivalent to 0 0112 lb. which is the 
same for the large section and the small section. 

Finally the taper force from Dr. Dwight is 

F « 17000 dynes or 0.0402 lb. 

Thus we see that the taper force is greater and seems to sub¬ 
stantiate the assertion that it causes the circuit to rupture. 
The taper force becomes greater and greater as the small section 
becomes smaller before the rupture of the liquid conductor. 

II. ft. Dwitfhit In my presentation of this paper, I made the 
statement that, aquation (5) for a conductor consisting of two 
long uniform parts of different, diameters, joined by a tapered 
part, can be derived by differentiating the well-known formula 
for the self-inductance of a long, uniform, round wire. This 
derivation shows that the two long parts do not need, to have the 
same axis so long as they have parallel axes, and the shape of the 
tapered part does not matter. 

Such a derivation, however, does not apply to the interesting 
case described by Mr. Dodge, whoro the two long parts of the 
conductor have the same diameter and are joined by a double 
taper, or contraction. Formula (A) of Professor Karapetoff’s 
discussion cannot be applied to the minimum diameter of the 
contraction, but only to a long uniform conductor. Ihereloro, 
in order to show that equation (5) applies to each of the closely 
adjacent tapers of the contraction, some other derivation, such 
as the one given in my paper, is necessary. 

It, has not been shown, and it does not necessarily appear, 
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that any use of the equation u = curl II gives greater safety in 
calculation than the methods followed in my paper. 

While it has not been uncommon for mercury circuits of small 
cross-section to be broken by electric currents of the order of 
100 amperes, the observation in detail of tins progressive steps 
of the phenomenon and the description of the swirling of the 
liquid which carries an electric current have only rarely been 
made since Dr. Carl liering described them. Such observations 
require a large section of liquid conductor and from 1000 to 
1500 amperes. Accordingly, Mr. Dodge’s experiments should 
be of interest to physicists and to designers of electric furnaces. 


In determining tint swirling motion of the liquid, lie used heavy 
floats which extended deep into the liquid, since surface tension 
prevented the motion from being shown by .sprinkling dust on 
the mercury. When the circuit, was broken, it coniimiously 
came together and broke at the rate of several times :t second. 

I agree with the statement in Professor Karapet oil’s paper, 
that Dr. 1 lering’s work on electric furnaces and liquid conductors 
was of great value, but that his experimental observations arc 
in agreement with the usual methods of calculating the mechani¬ 
cal forces associated with electric currents, and do not require 
new methods of calculation. 


Experimental Measurement of Mechanical 

Forces in Electric Circuits 

BY J. WALTER B.OP15R' 

Associate, A. X. E. 10. 


Synt^sis.—This paper presents a simple, laboratory method 
of measuring the mechanical forces exerted on the, parts of a com¬ 
plete circuit due to current flowing in the circuit,. 

Tests , using the method, show that the. "classic" methods of 


Circular Circuits 

HE expression derived in the companion paper by 
Dr. H. B. Dwight for the tension acting in a cir¬ 
cular circuit has been checked experimentally 
by the apparatus shown in Fig. 1 and described below. 
These measurements were made in the Electrical 
Engineering Department of the Massachusetts In¬ 
stitute of Technology. 

A circle of copper wire 0.249 cm. (0.098 in.) in diame¬ 
ter was made, having a centerline diameter of 40.2 cm, 
(15.81 in.). The circle was divided into two equal 
parts the upper half of which was fixed by being 
fastened to a semicircle of wood. The current was led 
in and out of the circle by means of flexible leads which 
were clamped at a, about four inches from the terminals 
T of the circle. An elastic rubber band at e, one 
inch from T, provided a support for the end of the circle. 
The other joint of the circle was made at b by means of a 
slanting or tapered joint. A thin mercury film was 
used to insure good contact between the halves of the 
circle. The tapered joint was suggested by the late 
Dr. Carl Hering, and is a useful device. As shown later, 
a mercury cup gave approximately the same results as 
a tapered joint. 

The lower half of the circle was braced by a wooden 
rod d in order to maintain the dimensions of the circuit 
when current was flowing and to provide a place to 
attach the measuring device. The motion of the semi¬ 
circle was limited to 1/16 in. at the joint by a set of 
stops at s. The upper stop was fitted with a contact 
which touched a contact on the brace. These contacts 

1. Massachusetts Institute of Technology. 

Presented at the Regional Meeting of District No. 1 of the 
A. I. B. EPittsfield , Mass., May 26-28,1927. 


computing such forces are pliable. Curves are i net mini which share 
the comparison between the theoretical and measured farce:,. Tents 
were made on u rectangular circuit , representing u discount cling 
switch, and on a circle of round wire. 


were connected by means of very flexible leads with a 
dry cell and telephone headset. The force was mea¬ 
sured by means of a lever arm and scale pan, connected 
to the bract 1 by a copper rod a little over a yard 
in length. To offset the weight of the scale pan />\ the 
auxiliary weight W was fastened to the brace as shown 
in Fig. 1. 



The vertical support above IT was one inch hori¬ 
zontally from 6. The moment of the force acting 
through this support about e was balanced by the 
moments of the electromagnetic forces at h and T 
about the same point e. Since the distances W b and 
T e were each equal to one inch, the force in the vertical 
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support was taken equal to the force at b. If the 
leads (' a- were comparatively stiff so that the semicircle 
moved about. T as a hinge, however, then the ob¬ 
served forces should be multiplied by the ratio of the 
lever arms which would be about 17 to 16. This may 
partly account for the fact that the observed forces 
are less than the calculated values in Fig. 2. 



Fki. 2 CiutVM Hihiwinii thj« IIki.atiun Rktwkkn Fouru ani> 
<'t hhmnt in Tim Cntcun* of Km. I 

The initial position of the lower semicircle was de¬ 
termined by t he upper stop which was visually adjusted 
so that the circuit was circular. In order to have an 
absolute measurement of the force exerted when 
current was flowing, it was necessary to determine the 
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Fill. a DlAdKAMMATir SkllTOH OF a fiUCTANdUl.AU ClItOUIT 

zero of the circuit* that in, the weight on the scale 
pan B which just held the contacts of the indicating 
circuit closed. This was done by placing weights cm the 
scale pan B until the removal of a small weight, as 
carefully as possible, just closed the indicating circuit. 
If care was taken in placing and removing weights, this 
determination could be made to wi thin 0,05 gram. The 
average of several trials gave a good determination of 
the zero position. 


With the zero determined, points were obtained for 
a curve. The procedure was to add weights by tenths 
of grams to the scale pan B, and for each increment of 
weight to .send current through the circle. As the 
current was increased the value of current at which the 
indicating circuit opened was noted, and as the current 
was reduced, the value at which it closed was also noted. 
The average, of the two readings was taken as the one 
which eliminated errors due to friction in the joint 
and in the flexible leads. • Several readings were taken 
at each point and the results averaged to give the 
current required for a given force. The curve of Fig. 2 
shows the variation of force in dynes against averaged 



CURRENT IN AMPERES 

Fiu. 4 (’I'ttVK SlIOWlNU RlU.ATlON BimVKKN Foiuik and 
C lOtUKNT IN UKUTANUUf.Att ClttCUIT 

I.tuiKili x'.us cm. 

Width 40.0 cm. 

1 Mamctcrof Wire.0.21!) cm. 

currents. The maximum value of current which 
could be used was 180 amperes, for with this current 
the mercury film blew out, probably due to heating. 

The test results were compared, Fig. 2, with the curve 
calculated from equation (4) of the companion paper 
which for the dimensions used reduces to 

F « 0.0641 1 2 dynes (1) 

where / is the current in amperes. This comparison 
indicates an agreement of approximatly 10 per cent. 
The so called “pinch” effect, of the mercury in the joint 
cannot be reasonably blamed for the divergence. If 
this were the case, the test curve should lie to the 
left of the calculated curve, since less current would 
be required for a given force if “pinch” effect aided 
the separation. It; does not seem reasonable, either, to 
ascribe the difference to mercury tension or friction 
because these forties should remain constant over the 
range taken, and should give a constant error and 
consequently a continually decreasing percentage error, 
instead of a percentage error which is practically 
constant. 

Rectangular Circuits 

In connection with the tests concerned with the 
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mechanical forces acting on a conductor due to current 
flowing in other parts of the same circuit, of which the 
tests on the circular circuit just described were a part, 
experiments with rectangular circuits were performed 
using the same method. A diagrammatic sketch of 
the set-up is shown in Fig. 3. In this case two separa¬ 
tions, at t and //, were made and the force measured 
in the center of the top cross-piece, thus measuring 



Km. fi C3uu vis Sjkavinci RkIiATion BimvKKN finite 
and CintmoNT in RKCTANmu.AU (intimIT With and Witiioii 
MmuMutY Cum 


quently in several reran I articles, but up to the present 
time then* has been no experimental wriliration of the 
formulas derived in it. The formulas as given an* fora 
disconnecting switch, of which a diagrammatic sketch is 
given in Fig. <5. This circuit reduces to a rectangle 
when <S' is made equal (o l, so (hat the section A’'/" 
coinciding with A' l* will cancel the ell’ert of A ' l\ as 
it should for a reel angle, since this part dues not exist;. 
The section T’ l 'cannot be made to coincide with T V 
since it is necessary to lead current in and out of the 
rectangle, 1ml the ollVet of these parts will lie reduced to 
a negligible amount if they are placed very close* to¬ 
gether. In the disconnecting switch the section Q ft 
was considered to be a Hat strap, lml in the tests made 
round wire was used throughout. Another point to he 
noted is that the disconnecting ..witch formula gives I he 
force lending to open the blade at tf and consequently 
only half t he total force art tug on Q It. 

The formulas are given in t he form of a convergent, 
series and for convenience will be repeated here. Two 
cases are considered. Where H is greater than A, the 
force in dynes acting on the blade of a disconnecting 
switch is 



LihikMi .’tO.O (‘ill. 

Width •10.0 mi. 

DliuiwtOMif' VVtro *0.;M0 on. 
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the total force acting. Several different lengths of 
rectangle were tested and the results for the longest, 
and the shortest; are given. According to theory, 
it should make no difference where the cuts t and (/ 
are made. In the case of the longest; rectangle, 80.6 
cm. long, the distance from the bottom of the rectangle 
to the cut was 40 cm. This is dimension 0 in Fig. 3. 
In the case of the shortest reel-angle, 30.0 ems. long, the 
distance was 20 cm. At- first it- was deemed inadvisable 
to use mercury cups for the joint and the tests were 
made with the tapered joint previously described. A 
trial with mercury cups was made later and the re¬ 
sult,s were found to agree quite closely when compared 
with those obtained by use of the tapered joint. This 
comparison is shown in Fig. 5. 

The results of the tests for the two sizes of red,angle 
are given in Fig. 4 and Fig. 5. They are compared with 
curves calculated from formulas ( 20 ) and ( 21 ) given in a 
paper, The (Mmlation of the Magnetic. force on Dimm - 
necking Switches, by H. B. Dwight, Trans. A. f. M. ]<],, 
1920, page 1337. This paper has been referred to fre- 
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and where .4 is greater than H, t he force is 



when* / is the current in abamperee, r is the radiusuf the 
•section of wireQ/% ami H T, 2 r is t he with h of t he blade 
and A, It, and S are t he dimensions shown in Fig. 0* 





Mechanical Forces in Transformers 

BY J. E. CLEM 1 

Associate, A. I. E. E. 

Synopsis */« tins -paper a method of calculating the. mechanical derived. The same method is followed to obtain the formula giving 

forces in transformers, based on mutual reactance between, coils, the mechanical force between individual coaxial coils. The method 
is presented. A formula far the mutual 'inductance between coaxial is checked by calculations of reactance of complicated arrangements 
solenoids is dew loped and from this expression the formula for the of coils. Tables are given to facilitate calculations, 
mechanical force bet area concentric cylindrical transformer mils is * * * * * 


I N the design of transformers it, Ls essential that the 
mechanical forces set up on short, circuit be pre¬ 
determined so (.hat the bracing structure may be 
proportioned properly. This feature becomes in¬ 
creasingly important as the size of the transformer and 
the extent, of the power systems increase. In this 
paper there is developed a method, fundamental and 
analytical, by means of which the total axial force and 
the force on separate coils of a transformer having 
concentric, cylindrical windings may be calculated 
easily and quickly. The method is simple, being 
based on the fact, that, the reactance of a transformer 
may be calculated from formulas of self- and mutual- 
inductance. 

Mutual Inductance of Coaxial Solenoids 
This development, is similar to other developments of 
the same problem but the result, is given in a form that 



V Hi. i 


is more convenient, for calculation than heretofore 
available. 

It has been shown elsewhere" that the mutual 
inductance bet ween a circle of radius a and a coaxial 
solenoid of radius .4, Fig. 1, extending to infinity from a 
point X distant from the plane of the circle is given 
by an expression which becomes on transformation 

M - 2 tt" a'' N [ 1 - -j-f’] (1) 


F 



Ft * 1 






-I- etc. 


1. Central Station Engg. Dept., General Electric Go., 
Schenectady, N. Y. 

2. Bui. No. 100, Bureau of Standards. 

Presented at the Regional Meeting of District No. 1 of the 
A . 1. S. E„ Pittsfield , Mass., May W-W, 1027. 



I 2 / 

T- (33 


etc. 


t ~ ■%/A 2 -j" tr 2 

Equation (1) has been transformed from those 
usually given to obtain a series for the quantity F in 
which the variables are always less than unity. This 
makes the calculations easier and extends the working 
range of the equation by keeping the value of the 
series for each component, part of F down to a small 
figure throughout the entire range of the variable A 2 /r 2 . 

In this expression M is the number of lines passing 
through the circle due to the semi-infinite solenoid 
which has a winding of N turns per cm. The mutual 
inductance between the finite solenoid, Fig. No. 2, 
of radius a and length 3 having n turns per cm. and the 
semi-infinite solenoid may be obtained by integrating 
the expression of (1) over the range from x = x x to 
x = x-i . This gives 

M - 2 tt 2 a 2 n N [x 9 - n B*n - x L + n B l ] (2) 

Ct“ of Cl ® 

B « Zfo - — ™ — B4 " ir - etc * 


B o - 1 

l_ _A 2 

"** 8 r 2 



By reference to Fig. No. 3 it can be seen that the 
mutual inductance of the finite solenoid S and a second 
semi-infinite solenoid extending to infinity but starting 
P further away from the solenoid S than the the first 
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semi-infinite solenoid is given by a similar expression 
involving x» and x 4 in place of x x and x 3 as follows: 

M = 2 7r 2 ar n N [x A - r 4 B lv — x 2 + r 2 B n ] (3) 

It follows naturally that the mutual inductance of 
coils S and P with centers x cm. apart as in Fig. No. 4 
is the difference between (2) and (3), i. e., (2) - (3) 
which gives as the final formula for the mutual induc¬ 
tance between two concentric coaxial solenoids 
M = 2 t f-arnN [r x J5 1 - r 2 B 11 - r 3 B U1 + r 4 B IV ] (4) 
M = Mutual inductance in centimeters 
a = Smaller radius of solenoids in centimeters 
A = Larger radius of solenoids in centimeters 
S = Length of a solenoid in centimeters 
P = Length of A solenoid in centimeters 
n = Turns per centimeter of a solenoid 
N — Turns per centimeter of A solenoid 
r = w'x- + A 2 for each value of x 
B = Function of the ratios A 2 /r 2 and a 2 /r 2 for each 
value of x as defined in equation (2). Values 
of B may be taken from Table 3. 

S+P S-P 


Xi = x — 


S-P 

2 


Xz = x + 


Xz = X + 


S +P 
2 


Y 


- f __ 

0 

*-X 2 - 

- 

r * 

* ^ I' - * 




cause a still greater separation of the magnetic centers. 
This force will depend upon the stored magnetic energy 
and the rate at which the energy, is changed by the 
differential motion of the eoil$. e., 

e d W 
f dx 

3. Bui. No. 169, Bureau of Standards. 


W = LI 2 

W = stored magnetic energy in joules 
= 10 7 ergs or dyne-centimeters 
L = inductance of circuit in henrys 
I = maximum value of currents 

10 7 dL 

/= - -g-*17 dynes 



Self-Inductance of Solenoids 
In order to calculate the net inductance of a pair of 
solenoids it is necessary to calculate the self-inductance 
of each. One of the most convenient methods of doing 
this is that given by Nagaoka as follows: 

L = 4 7r 2 a 2 v? S K (5) 

which gives the inductance in centimeters. The factor 
K is a function of the ratio of the diameter to the length 
of the coil and the values of K are available 3 in any 
book that treats on inductance. 

Axial Force in Two Coaxial Solenoids 
When the magnetic centers of two coaxial solenoids 
coincide there will be no axial force tending to move 
the coils as a whole. But if the magnetic centers of the 
coils do not coincide there will be a force tending to 


Fig. 4 

In the pair of solenoids or transformer coils being 
considered 

L — L p T* L s — 2 Mp„ (7) 

L = Net inductance or leakage reactance of 
transformer 

L p — Self-inductance of primary 
L s — Self-inductance of secondary 
M P „ — Mutual inductance between primary and 
secondary 

Since the self-inductance of neither the primary nor 
secondary coil will be affected by any change in their 
relative position, there results 

dL d M 

dx ~ ~ 2 dx ^ 


«• nr • . . a ivj. 

Since M is given by equation ( 4 ) , —j— is given by the 

(L zc 

derivative of this equation. Rewriting ( 4 ) for inches 
and henrys, 


M - 2.54 


2 7T 2 a 2 n N 
10 ® 


there results 

d M . 
d x 


= 2.54 : 


= - 2.54 


2 7r 2 a z n N 

w 


4 7r 2 a 2 n N 
10 ® 


27 ' 


When ( 9 ) is substituted in ( 6 ), the force, after chang¬ 
ing from dynes to pounds, is found to be 

/ = 444 1 2 a?nN 10" 9 ^ ~ F 

In this expression, I is the maximum value of current 
and to use the usual effective value we must write 
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/ = 0.888 P a 2 nN 10~ 6 ^ ~ F- 


TABLE I 

qq\ COMPARISON OP CALCULATED AND MEASURED VOLTAGES 
^ ' FOR WINDINGS SHOWN IN FIG. 6 


This expression gives the force in pounds when the 
dimensions are in inches and F is defined as in equation 
(1).. The value of F may be taken from Table II. 


Force on Individual Coils 


To find an expression for the force between a solenoid 
and a single coil we proceed as above, i. e., integrate to 
find the mutual inductance between the coil and the 
solenoid and then differentiate this expression to find 
the force. The mutual inductance between two circles, 
Fig. 5, is given by 


jp _ JjJ 

M = 8 7r VaTA —-=== ( 11 ) 

s/K. 


In this expression F and E are elliptic integrals, avail- 


t 

A 



Fig. 5 


able from published data in works on inductance, 4 to the 
modulus K which is.defined as 


4 a A 


(r 2 + r i) 2 

r 2 2 = (A + c) 2 + x 2 
ri 2 = (A — a) 2 + x 2 

The mutual inductance between one of the circles and a 
solenoid is obtained by integrating (11) over the range S 
from x - Xitox = x 2 which gives 


M = 8 7r n N s/ a A f -r—~ d x 
£ VK 


■ - -,*2 

= [/d]^ 

Upon differentiating this and substituting in the force 
equation there results 

/ = 0.698 jtJV'AAi [D"-D'] ( 12 ) 

O 

f = Force in pounds 
n = Turns per inch of solenoidal coil 
N = Turns in single coil 
a = Radius of solenoid inches 
A = Radius of coil inches 
S = Length of solenoid inches 

4. Bui. No. 169, Bureau of Standards. 


Connection 

Fig. 6a 

Fig, 

, Ob 

Test 

Calc. 

Test 

Calc. 

P - S 

3350 

3850 

4023 

3S20 

P - T 

2130 

1954 

4530 

j 4665 

P - Q 

660 

665 

1471 

1 1318 

S - T 

5110 

5344 

4865 

4770 

S - Q 

1520 

1460 

1464 

1364 

P S - T 

6048 

5844 

5264 

5560 

P S - Q 

1975 

1725 

1862 

. 1725 

T ~ Q 

468 

529 

466 

409 

Ave. 

100 

100.6 

100 

95.6 


TABLE II 
VALUES OF F 


A 2 /r 

cr/r 1 = 1. 

0.9 

0.8 

0.7 

0.6 

1. 

(2.2955) 

1.9280 

1.6833 

1.5090 

1.3803 

0.95 

1.7660 

1.6280 

1.5089 

1.4076 

1.3211 

0.9 

1.5369 

1.4731 

1.4058 

1.3395 

1.2767 

0.85 


1.3887 

1.3405 

1.2910 

1.2416 

0.8 


1.3310 

1.2921 

1.2524 

1.2131 

0.7 



1.2212 

1.1944 

1.1665 

0.6 




1.1497 ! 

1.1304 






1.1005 


a 2 // 2 = 0.5 

0.4 

0.3 

0.2 

0.1 

1. 

1.2816 

1.2036 

1.1397 

1.0860 

1.0400 

0.95 

1.2471 

1.1835 

1.1283 

1.0802 

1.0377 

0.9 

1.2187 

1.1658 

1.1179 

1.0746 

1.0354 

0.85 

1.1948 

1.1500 

1.1081 

1.0692 

1.0332 

0.8 

1.1739 

1.1358 

1.0990 

1.0640 

1.0310 

0.7 

1.1389 

1.1106 

1.0823 

1.0542 

1.0267 

0.6 

1.1102 

1.0891 

1.0673 

1.0451 

1.0226 

0.5 

1.0858 

1.0702 

1.0538 

1.0365 

1.0185 

0.4 

1.0646 

1.0534 

1.0413 

1.02S4 

1.0146 

0.3 


1.0382 

1.0299 

1.0208 

1.010S 

0.2 



1.0192 

1.0135 

1.0071 

0.1 




1.0071 

1.0035 


TABLE III 
VALUES OF B 


A 2 /*- 2 

a 2 // 2 - 1. 

0.9 

1. 

(0.8506) 

0.8689 

0.9 

0.8845 

0.8956 

0.8 


0.9149 

0.8 



0.7 



0.6 



0.5 

c?/r‘ - 0.5 

0.4 

1. 

0.9328 

0.9471 

0.9 

0.9422 

0.9540 

0.8 

0.9506 

0.9603 

0.7 

0,9582 

0.9662 

0.6 

0.9652 

0.9717 

0.5 

0.9718 

0.9769 

0.4 

0.9780 

0.9819 

0.3 


0.9867 

0.2 



0.1 




0.8 

0.7 

0.6 

0.8861 

0.9024 

0.9179 

0.9071 

0.9187 

0.9304 

0.9227 

0.9317 

0.9411 

0.9357 

0.9430 

0.9530 

0.9505 

0.9590 

0.9669 

0.3 

0.2 

0.1 

0.9609 

0.9743 

0.9873 

0.9657 

0.9772 

0.9887 

0.9701 

0.9800 

0.9900 

0.9744 

0.9828 

0.9913 

0.9784 

0.9854 

0.9926 

0.9823 

0.9880 

0.9939 

0/9861 

0.9905 

0.9951 

0.9897 

0.9930 

0.9964 

0.9933 

0.9954 

0.9977 

0.9976 

0.9988 


Test Application 

The method has been checked by the calculation of 
reactance for complicated arrangements of windings, on 
the basis that if the voltage can be calculated accurately 
then the force calculation as based on the differential 
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of the voltage equation will be established as reliable. 
This was done because the voltages can be measured 
much more easily than forces. 

In Figs. 6a and 6b are shown diagrams of two trans¬ 
formers for which voltage calculation was made. The 
agreement of calculated and measured voltage shown in 
Table I is reasonably close. These are high voltage 
transformers having extra insulated end turns so that 
the turns are not distributed uniformly over the high- 
voltage coils. This has an effect which is greater as the 
portion of the winding considered is less, but these 



Fro. 6 



calculations have been, made as for a uniform dis¬ 
tribution. 

Forces for a representative transformer have been 
calculated and the results are shown in Figs. 7 and 8. 
The coil forces in Fig. 8 are for a displacement of 
about 14 in, and the sum of the individual coil forces 
totals to the value on the curve in Fig. 7. In this 
case the forces are relatively low on account of the 
rather high reactance of the transformer for which these 
calculations are made. The displacement which gives 


the maximum is higher than would ever occur in a well 
designed transformer. 


Discussion 

W. S. Moody: Thu problem of taking care of mechanical 
forces in transformers became a really ditlieult one lor tho 
practical designing engineer some fifteen «»r twenty years ago. 
Previous to that, tho power available in case of a short circuit 
and tho size of transformers were not sufficient to require much 
more than good judgment on the part of the engineer to provide 
the necessary mechanical support. Hut with the increase in 
size, and more particularly with the increase in the available 
power, the necessity of accurate calculation of these forces 
arose. Ever since, therefore, we have welcomed moat cordially 
the assistance of the ablest mathematician;; and physicists who 
have shown interest in this difficult problem. 

Time and again we have fell that the problem was fully 
solved, that one’s design might he assuredly safe in every respect; 
but with the ever increasing complexity of transformer designs, 
now seldom consisting of two simple windings, hut with throe 
and even four complex windings, with, many taps and theeoriNo- 
qlimit inability to distribute equally the ampere turns in all 
<*ases, now features have arisen showing that the previous 
study of the subject had not been on u broad enough gage to 
include all the variables in such complex designs. 



Ho wo still welcome such assistance an we have ho generously 
roooivod from our mathematical ami phy sical friends. 

After formulas have linen developed to calculate accurately 
tho mechanical forces roHultant from all possible combinations of 
ampere-turns (if that, time over does come* we ahull still have 
the interesting problem of making tine e formulas practical 
for use in “every-day'* calculation:,. Such formula-: as have 
boon talkedahutiI in this paper are excellent, for t he general study 
of transformer design hut when it cornea to every day designs, 
which must ho produced promptly and cheaply, one can hoc 
that those formulas are very burden-ome ami that, there i« 
necessity for short'cut methods giving equal accuracy, For 
this wo must use special mathematical calculating machines, 
such as specially designed slide rules and other forms of calcu¬ 
lating machinery that make it, possible to use the principles of 
those fundamental formulas in the daily routine of productive 
design. 

F. II. Kl<>rstoad: There are often NimplitlcattojiH of diilhutlt 
circuits that may ho made in t he calculation of t he forces between 
those circuits. 1 wish to illustrate aueh a ease. 

Many times it is nooi'HHHry to calculate the forces between 
two conductors (carrying currents) which have such a form 
that no standard formula applies. Usually time does not 
permit, of deriving an accurate formula for the .special case. 
Approximate calculations which are generally accurate enough 
can he made by replacing the actual circuits by equivalent ones 
to which the standard formula, applies. Am an example to 
illustrate this method let uh take the case of the forces between 
a large and a small reactor with parallel but not co-axial axes. 
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Tim accompanying figure shown th«* position of tins reactors 
relative to each other, From the maud point of forces the reactors 
ran ho replaced by the circular iilumenm IT, A', V, and Zand tho 
forces calculated between these fihtnieiil•; are the forces hot,ween 
tint reactors. It is. however, difficult to calculate tins foree 
between two parallel unequal eiretes not. coaxial. To facilitate 
thin calculation the smaller eirele cun lie replaced by the arcs of 
eireluH (»-/•' nutl //»/ twhieh are axial with the circular lila- 
ineiihi of the I a hot reactor! atel I lie radial lines (,'-U and F-I. 

Standard formulas are available for calculating (In* force 
between co axial circles ntul, therefore the forces between the 
filaments of the large reactor and circles of which ares (/-/•’ and 
Il~I form a part are easily calculated. The forces between the 
filaments of the large reactor and area (IF and //■-/ bear the 
name relation to the forces between the, complete circles that 



Kin, l l)t \uit v\! Rt cat HiM t vo tup, Rmitvai.kn’T' 1* tt.A- 
mb NTS Um,a is < ’amt xatinii ttti Fcuutui Bbtwbkm a Lauok 
ANH A SMAt.t. Ul A« roa 

the length of the area bear to length of the complete circles. 
Since that part of the equivalent circuit represented by (/-// 
and F I in radial to the tllamenta of the large reactor, there is no 
force hetween it and the lUnmentn of the large reactor. Since 
the current in the are tl F is in opposite direction to that in arc 
/<’«•/ t he forces are in opposite direct ions. 

II* IV. IWrijfhft Mr. (1em*H paper »* an interesting example 
of a case w liere it is desirable to have both uu inductance formula 
and a force formula , not only because a Know ledge of the induc¬ 
tance in useful, but because the inductance in more easily mea¬ 
sured than 1 he force. 

Mr. Kierntend'M trupe/oid solution of the special problem 
is in I creating to me personally, In I'd If, 1 was asked to make 
an estimate of the form* between two air-core react ora which 
were mounted aide4*yMde with parallel axes. Ah 1 had no 
formulas that 1 could use at that time for two circles, 1 used 
the device of representing one of the circles by a trapezoid, the 
name as Mr, Kier«ten»l has described, I had not seen it. pub¬ 
lished before, and perhaps Mr. Kierstead can say if there was a 
previous announcement of if. My publication of this was in 
the Klerlrienl Wnrhi of June 111, 191*. 

Later, 1 was able to calculate the repulsion between circular 
coils with parallel axes, and it* the Thanh. A. I. h. l‘<.» I hid, 


page 1078, Fig. 2, there is given a comparison between the 
circular-coil solution and the trapezoid solution. The curves 
lie very close together. 

There is a formula in dray’s “Absolute Measurements” which 
may be of interest. If the axes of two coils meet in a point, a 
calculation is given by which the mutual inductance and repul¬ 
sion can be obtained. 

K \V. Grover: (communicated after adjournment) Mr. 

( Mem has developed a new formula for the mutual inductance of 
coaxial solenoids, which offers some points <jf interest. 

The Rosa formula for the mutual inductance of a solenoid and 
coaxial circular filament (Bull. Bureau of Standards 3, p. 209; 
1907, formula (50) Fei. Paper, Bureau of Standards) is made the 
starting point. This formula, although very convergent for 
a wide range of eases, involves certain polynomials AV n which, 
for long solenoids, may assume values so large as to east doubt 
upon the degree of convergence. By a simple algebraic sub¬ 
stitution Olein eliminates these polynomials, and obtains a 
transformation of t he Rosa equation in which appear as variables 
only the ratios of the radii to the radius vector from the center 
of the circle to the circumference of the end turn of the solenoid. 
Since these variables lie in value between zero and unity as 
limits, this expression of (Hem’s is better adapted to tabulation 
than is that of Rosa. It is worthy of nolo that, making the 
proper changes to reduce to the same system of nomenclature, 

< 'lern’s expression is seen to ho identical with that derived by 
Lorenz, (Wird. Ann. 25, p. 1, 1885; also (58) &ci. Paper 169, 
Bureau of Standards). 

The derivation of Clem’s formula for the mutual inductance of 
coaxial solenoids from this formula for a solenoid and circle is 
straightforward and may readily be extended to obtain further 
terms of the series, if desired. The resulting new expression is 
readily used, and for practical calculations is much superior to 
the related formula of Gray, (Abn. Me,tin. 2, Part I, p. 274, or 
(40) AW, Paper 109, Bureau of Standards) which has heretofore 
been the only formula available for this case, except the absolute 
complicated elliptic integral formulas. For example, the 
solution of Example 41, Fed. Paper 160, Bureau of Standards, 
by (Mem’s formula gives as a result 1080.2, the true value by the 
absolute formula being 1080.55. Using < hay’s formula directly 
the result, is 1092.3, and to obtain an accuracy equal to (Mein’s 
it is necessary to subdivide the coils and to sum the results lot 
the different pairs of mictions. 

Although (Mom’s derivation is for the case where the coils are 
separated axially, it applies also to the case of overlapping coils. 
For the important case where the coils are concentric, only two 
main terms have to ho calculated instead ol lour, for this ease 
(Mem’s formula com pares very well with the accurate I orumla ol 
Hearlo and Airey, {Fan. Flectrieian, 56, p. 318, !9()o, or (43) 
Fci. Paper Bur. of ,Stand.) which is the special form taken, by 
Gray’s general formula for the concentric* case. 

One precaution in using ( Mom's formula should be mentioned. 
Whim the ceils are far apart, the main terms (n + o) - (r 2 + ’’«) 
give the result as the relatively small difference of five larger 
numbers. However, these quantities may readily be calculated 
by a calculating machine to a sufllcieut number ol placos. 
Another obvious method is to expand them in series, but tins is 
advantageous only for very distant coils. 



Transformer Tap Changing Under Load 

BY L. H. HILL 1 

Associate, A. I. E. E. 

Synopsis.—Changing the voltage ratio of transformers under Equipment for obtaining smooth curve voltage control is discussed, 
load is now a recognized and established procedure. Methods as well as combination voltage and phase-angle control, 
of cha nging taps under load are discussed, illustrated, and compared. *****. 


Introduction 

T HE development of reliable equipment for changing 
the voltage ratio of transformers without discon¬ 
necting the load has, in effect, created a new type 
of apparatus ranking with the induction regulator or 
synchronous condenser in importance. 

Transformers provided with equipment for tap chang¬ 
ing underload, however, do not labor under the inherent 
disadvantages incident to the use of the other two kinds 
of apparatus. The rapid growth in popularity of this 
equipment has been due to the fact that for certain 
applications, a simpler, more compact, more reliable, 
sturdier, more effective, and cheaper piece of apparatus 
can be obtained by this than with the older forms of 
equipment. 

The application of transformers provided with equip¬ 
ment for changing taps under load is very wide. Per¬ 
haps one of the most important is in connection with 
transformers used to tie together two large systems or 
parts of systems. Of next importance are units used 
for bulk voltage regulation of a secondary bus or to 
compensate for voltage drop in transmission circuits. 
Other interesting applications are those involved in the 
variation of voltage applied to rotary converters and 
furnace transformers. 

Methods of Tap Changing 

There have been numerous methods devised and, at 
least to a limited extent, used to change the voltage 
ratio of transformers under load. These may be 
divided into two classes—those changing the ratio in 
steps and those changing the ratio along a smooth curve. 

Changing the Voltage Ratio in Steps 

The majority of schemes proposed and used for chang¬ 
ing the voltage ratio under load change the ratio in 
steps. Roughly, these may be divided into two general 
classes,—(1) those using duplicate paralleled windings 
in the transformer, each normally carrying one-half 
of the load, but adapted for carrying the entire 
load during the time that the taps on the other are being 
changed; and (2), those using a single winding with a 
preventive resistance, reactance, or auto-transformer 
across the taps involved in the transition. 

1. Transformer Engg. Dept., Westinghouse Eiee. & Mf°\ 
Co. Sharon, Pa. 

Presented at the Regional Meeting of District No. 1 of the 
A. I. E. E., Pittsfield, Mass., May 25-28, 1927. 


The Parallel Winding Method 

Fig. 1 indicates schematically a winding arranged to 
change taps under load by means of the parallel winding 
method. 

Each of the parallel circuits contains a tap changer or 
ratio adjuster, usually located inside the transformer 
tank, and a circuit breaker, which is outside of the trans¬ 
former tank. 

When taps are changed, one of the paralleled circuits 
is opened by means of the circuit breaker in its re¬ 
spective section and the taps are changed while the 
winding carries no load. During this period the entire 
load is carried by the other winding. When the first 
circuit breaker closes, the two sections of the windings 
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Pig. 1 Schematic Diagram and Sequence Chart op Switch 
Operations for the Parallel Winding Method 

are paralleled with unequal taps and a circulating 
current exists. This is for a short time only, as the 
second breaker opens immediately, permitting the taps- 
to be changed at no-load on the second winding, while 
the first carries the total load. After this, the tap 
changing operation is completed by closing the breaker 
on the second winding with the result that the two 
paralleled sections again operate on equal taps. 

During the interval of tap changing, one of the paral¬ 
leled windings carries double normal current. The 
windings are ordinarily designed with sufficient capacity 
to carry this abnormal current during the tap changing 
operation and differential protection between windings 
is provided to guard against accidental overloading for a 
longer period of time. 


582 



M:i> l , -»-7 


HILL: TRANSFORM EE TAP CHANGING UNDER LOAD 


583 


A transform**!* designed to change tups under load 
bv means of the parallel winding method is illustrated 
in Fiii:. 2. 

Single Winding Method 

The* other methods used in addition to the parallel 
winding method fall into the class which uses a single 
winding in the transformer with a preventive coil or 
some other devire to limit, the current during the tran¬ 
sition period from one tap to the next. 

Probably the oldest, form of equipment for tap chang¬ 
ing under load employed the Stillwell regulator prin¬ 
ciple, which uses a preventive resistance temporarily 
bridged across taps to limit the current during the tran¬ 
sition period, 

Equipments have also been made, to a limited extent, 
using a preventive reactance in the circuits instead ol 
the resistance used with the original Stillwell scheme. 



nO-Cvet.K Thanhfohmrhh 

Si, MkTJIOJ) 


A much simpler scheme than either of these two 
consists of using a prevent tve auto-transformer with a 
mid-point t up, us schematically shown in Fig. 2. A great 
many units have been built employing this method. 

To obtain the full winding of the transformer m tlu* 
circuit, switches 1 and B arc closed. 1 he circuit, is then 
through the full transformer winding and divides 
through the preventive auto-transformer, one-lmlf 
being through one side id the auto-transformer and one- 
half being through the other half in the opposite di¬ 
rection. The voltage of the* transformer ^therefore 
the voltage induced in the entire winding. l <> change 
taps, switch 0 is opened and 2 is closed. 1 his connects 
the auto-transformer across the two taps and, since tie 
line lead is attached to the center of the preventive 
auto-transformer, the line voltage becomes the same as 
it would have been had the line lead been attached to a 
tap midway between the two actually brought out. ^ 
Similarly, to change taps still further, the process is 
repeated in this manner, (Fig, 2). 


In the earlier installations built using this method, 
the switches and preventive auto-transformers were all 
mounted separately and apart from the main trans¬ 
former tank. In later equipments, since the preventive 
auto-transformer has no moving parts and can be made 
entirely reliable, it is mounted inside the main tank 
and supported from the main transformer. 





O - Switch Cuoscd 

p 1<t . a.He HEMATIC! DlAUKAM AMI) SEQUENCE CHART OF 

Preventive Auto-Transformer Method 


Fig. 4 illustrates an installation of transformers using 
this type of apparatus. The tap changing equipment is 
contained in the sheet iron house next to the transformer 
tank. 

The tap leads are all brought through the side ol the 
transformer tank, and are connected to the circuit 
breakers mounted in the upper portion of the steel 
house. 

The circuit breakers are mechanically connected to 
the operating mechanism on the floor below. 



former M f.thod 


For a short time during the transition period, one-half 
of the auto-transformer winding carries all ol the load 
current of the transformer, while the other half ol the 
winding is open. The load current is then the mag¬ 
netizing current, and the voltage across the preventive 
auto-transformer tends to rise somewhat above norma . 
To limit this voltage to a low value, the design ol the 











5S4 


HILL: TRANSFORMER TAP CHANGING UNDER LOAD 


Transactions A. I. E. E. 


auto-transformer is such that the core becomes saturated 
when the voltage reaches a value slightly above normal. 

In changing from one voltage to another, two opera¬ 
tions are required; namely, the opening of one circuit 
breaker and the closing of another. Since the circuit 
breakers are operated mechanically by means of cams on 
a drive shaft, the correct sequence of operation is 
assured at all times. 



Fig. 5—Schematic Diagram and Sequence 'Chart op 
Single-Winding Method using the Simplified Preventive 
Auto-Transformer 

Simplified Preventive Auto-Transformer Method 

The preventive auto-transformer method, using a 
short-circuiting switch across the auto-transformer, 
has recently been simplified still further by merely the 
elimination of the short-circuiting switch and the use 
of an auto-transformer designed to carry the trans¬ 
former full load current in either half of the winding with 
the other end disconnected. 

Fig. 5 illustrates schematically the winding arrange¬ 
ment when this method is used. To obtain, the entire 
transformer winding in the circuit, switch 1 is closed 
and the current passes through the transformer winding 
and one-half of the preventive auto-transformer. This 
gives a small impedance drop through the auto-trans¬ 
former which is in series with the transformer. Since 
the drop is almost entirely reactive, its effect on regula¬ 
tion is practically negligible at power factors above 65 
per cent. 

To change taps one step, switch 2 is closed, placing 
the auto-transformer across the two taps, and giving a 
voltage on the mid-tap of the auto-transformer midway 
between the two actual tap voltages. 

To change taps another step, switch 1 is opened and 
the conditions'become as before, with the other half 
of the auto-transformer carrying the full current of the 
transformer. 

To change taps still further, the process is continued 
in the same manner, as may be followed in detail from 
the sequence chart, Fig. 5. 

It may be seen that, by this development, the process 
of tap changing has apparently reached its utmost 
simplicity for step-type tap changers with one switch 


operation to change taps, and in every other tap change, 
the switch closing instead of opening. 

When full load current is passed through one-half 
of the auto-transformer with the other half open, the 
full-load current of the main transformer as in the case 
of the other auto-transformer method becomes the 
exciting current of the auto-transformer. Under this 
condition, there are no neutralizing ampere-turns from 
the other half, so that the transformer becomes a 
reactor. Air-gaps are provided in the core to give 
low impedance when operating in this manner which, 
of course, makes the exciting current, when operating 
as an auto-transformer across taps, higher than 
ordinary. 

Switches for Tap Changing Service 

Circuit-breaker devices for tap changing service have 
entirely different conditions to meet than the ordinary 
circuit breaker. The ordinary breaker is designed for 
relatively infrequent operations with a few operations 
interrupting many times normal current at line voltage. 

The switch for tap changing duty, on the other hand, 
is called upon to merely transfer current from one 
circuit to another, and, while it must be insulated for 
the service voltage, it opens but a small fraction of 
line voltage and usually not more than twice normal 
line current. Instead of calling for a few operations 
with high interrupting capacity, it must be able to stand 
a great number of operations without losing its adjust¬ 
ment but with very low interrupting capacity required. 



Fig. 6 12,000-Kv-a., 132,000-Volt Transformer using the 
Simplified Preventive Auto Method 

A switch for tap changing service is never called upon 
to interrupt a short circuit except in the remote possi¬ 
bility of short circuit on the system occurring during a 
tap changing operation. Even in this case the voltage 
to be interrupted would be very low but the current 
would, of course, be considerably higher than normal. 
In fact, the service required of a switch for tap changing 
service, approaches that of a heavy duty contactor 
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switch. Fig. <» illustrates a transformer provided with 
equipment for tap changing under load, using a specially 
designed switch to meet, these requirements, a very 
simple, compact, and sturdy mechanism. The single 
winding method, using the simplified preventive auto- 
transfiamor, was employed. 

All mechanical equipment is isolated from the main 
transformer tank. The switches are contained in a 
separate oil-tilled compartment on the side of the trans¬ 
former case and the operating mechanism is contained 
in the housing below with a connecting tube enclosing 
the drive shaft which enters tin* upper compartment 
through an oil tight stuffing box in the bottom. 

The general construe!ion of the switch itself may he 
seen in Fig. 7. Condenser bushings through the side 
of the transformer tank support the stationary and 
movable contacts which are arranged to give t he rolling 
U dion common with heavy-duty contactor switches. 
The rolling action is such that the arcing is taken at 
the tips ms that tin* current carrying parts always 
remain in good condition. Opening and closing is 
definitely fixed in the proper sequence by the mechani¬ 
cal operation of the earns as in the ease of the equip¬ 
ment using circuit breakers. The toggle mechanism 
assures quick opening, but in case of sticking or contact; 
weld, the cams force the opening, 

Uuviuut. of Tap <’hanging Equipments 

Tup changing equipments are normally arranged for 
remote electrical control by the operator, with auxiliary 
arrangements for manual operation in case of failure 
of mot or or cantrol voltage, 

The electrical control is such that, after the operator 
has initiated a tap change, auxiliary mechanically 
operated switches on the equipment assure* the com¬ 
pletion of the tap changing operation irrespective of the 
action of the operator. Remote electrically operated 
position indicators of the dial type or of the indicating 
lamp type are generally used. 

Tap changing equipment h may also lie built t o operate 
under automatic control. The transformer illustrated 
in Fig, t» was arranged to automatically control the 
voltage at a given point within predetermined limits. 

The automatic control is initiated by a rise or fall in 
the low-voltage potential acting through a long time 
delay relay, 

Thu use of automatic control with step type tap 
changers places unusual responsibility on the reliability 
of the apparatus. On account of the greater number of 
operations likely to he obtained with equipment respon¬ 
sive to the action of fluctuating line voltages, the time 
delay relay must be introduced to eliminate unnecessary 
operations also to prevent the possibility of the tap 
changer operating during short circuits, Since a short 
circuit on the system tennis to reduce the voltage, there 
would he a tendency for the tap changer to operate 
during the short circuit to raise the voltage, which in 
itself would be undesirable. 


With automatic control of step type equipment 
it is necessary also to design the control equipment to 
free the motor-actuating circuits from the voltage- 
responsive circuits as soon as the motor-actuating cir¬ 
cuits have become energized. 

When transformers are operated as single-phase units 
in a bank with individual tap changing mechanisms or 
when two banks are operated in parallel, it is essential 
that out-of-step operation be guarded against. In all 
such cases, the automatic equipment is locked out of 
service and an alarm sounded. 

Comparison of Step Type Tap Changing Methods 
Satisfactory tap changing equipments have been 
built using the two fundamental methods of step-type 
tap changing. There are certain inherent advantages, 
however, pertaining to each. 

The single winding method requires fewer taps in the 
transformer for a given number of operating positions 
and gives a simpler transformer winding than the other 
method. On account of the less number of taps it is 
easier also to bring all operating parts outside of the 



Ftu, 7 ScKfiAi, Switch Dkhionki) rou Tap OiiANUsm Smkvicjo 

transformer tank when this method is used. In 
addition, the fewer number of switch operations give the 
preventive auto method a decided advantage. 

With the parallel winding method, however, when a 
wide range of laps in small steps is desired, a more 
compact equipment, may usually be obtained by.the 
use of the tap changer inside the main tank. 1 his. is 
particularly advantageous with small three-phase units 
where space limitations make it difficult to mount all 
equipments outside the main tank. 

Equipment for Changing Transformer Voltage 
Ratio in Smooth Transition 
An interesting modification of the simplified preven¬ 
tive auto-transformer scheme of tap changing is ob¬ 
tained if the two halves of the preventive auto- 
transformer are replaced by the two sections of a series 
transformer in combination with a small indue,tion 

regulator. . , 

Such a combination is called a step induction regula¬ 
tor and has been used principally for bus regulation and 
to apply variable voltage in a smooth curve to furnace 
transformers, testing transformers, and synchronous 
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converters. It has been applied also to transformers 
used for interconnecting two systems. Referring to 
Fig. 8, the switches 1, 2, 3, 4, and 5 are called selector 
switches while A and B are called transfer switches. 
The induction regulator may be a standard feeder 
regulator with the addition of slip-rings to make the 
rotor suitable for continuous rotation. 

Rotation of the induction regulator rotor through 
180 deg. changes the voltage in its winding from a 
maximum in one direction to a maximum in the other 
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Fig. 8 —Schematic Diagram and Sequence Chart for Step 
Induction Regulator Equipment 

direction. In the application to step induction equip¬ 
ment, the voltage of the regulator is added to or sub¬ 
tracted from a transformer tap to provide means for 
transferring from one tap position to the next and in¬ 
cidentally obtaining an infinite number of operating 
positions in between. 

Referring to Fig. 8, if the entire voltage of the trans¬ 
former winding is desired, selector switch 1 and transfer 
switch A would be closed with the regulator rotor in 
the position of zero buck and boost. 

To reduce the effective transformer coil voltage, 
the regulator is rotated to increase the voltage. At 
the position of maximum regulator voltage, the series 
transformer is designed so that the voltage of each half 
of the series winding is exactly the same as one-half 
the tap-voltage. 

At this point, switches 2 and B may be closed, since 
the half of the series winding connected to switch 1 
reduces the effective coil voltage the same amount that 
the half connected to 2 adds to the voltage up to that 
point. Since the potential at the two points is the 
same, they may be connected. Continued rotation 
of the mechanism opens switches A and 1 and the volt¬ 
age of the series transformer adds to the coil voltage 
of switch 2. As the regulator is rotated further, the 
voltage of the series transformer half decreases to zero 
when the line voltage becomes equal to the coil voltage 
up to tap 2. Continued rotation repeats the process 


to the next tap, as may be followed in detail from the 
sequence chart of switch operations Fig. 8. 

Any of the infinite positions of the induction regulator 
become operating positions so that an infinite number of 
steps in voltage may be obtained between the extreme 
tap position. 

It would be possible to eliminate the series trans¬ 
former with this equipment, by building a special regu¬ 
lator with two sets of secondary coils. The use 
of the series transformer is desirable, however, 
not only because it eliminates the necessity of 
making a special regulator winding, but it isolates 
the induction regulator from the transformer circuits. 
The use of the relatively weaker induction regulator, 
therefore, does not reduce the inherent mechanical 
and electrical reliability of the main transformer. 

When the range of voltage regulation is exceptionally 
large, it is economical to modify the above scheme by 
switching the induction regulator along an auxiliary 
winding, which, in turn, is switched along the main 
winding at less frequent intervals. The taps are 
changed on the auxiliary winding in the same manner 
as described above and the voltage of the auxiliary 
winding either added to or subtracted from the taps of 
the main winding. 

Assuming that the voltage is to be increased, one of 
the auxiliary windings is connected to a tap such as 
tap 1 of the transformer, and the induction regulator 
switched along the. auxiliary winding until the voltage 
of the double secondary windings is added to the auxil¬ 
iary winding. The voltage added to tap 1 is then the 
same as the voltage of the winding between taps 1 and 2 




Fig. 9—2500-Kv-a., Step Induction Regulator Equipment 

minus the voltage of one winding of the series trans¬ 
former. There will be no change, therefore, in voltage 
if. the second double secondary winding is connected 
to tap 2 so that its voltage is subtracted from the tap. 
The voltage may be increased further by disconnecting 
the auxiliary winding from tap 1, and rotating the regu-. 
lator rotor so that the voltage of the second auxiliary 
winding plus the voltage of one winding of the double 
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secondary winding is added to tap 2. The connections 
are then changed as before, so as to subtract the voltage 
of one winding of the. series transformer from tap 3. 
Further increases of voltage are obtained beyond tap 3 
in a similar manner. 

An interesting application of the step induction 
regulator principle is illustrated in Fig. 9, where the 
voltage applied to a 2500-kv-a., synchronous converter 
is varied in the ratio of 2 to 1, giving a voltage range of 
50 per cent in smooth transitions. By the use of 



Fig. 10—Sketch op Transformer Provided with Step- 
Induction Regulator Equipment Built Integral with It 

voltage regulating equipment of this kind it is possible 
to cover a wide voltage range without the use of booster 
type converters. 

In Fig. 10 is illustrated the possible compact and 
simple arrangement of step induction regulator equip¬ 
ment with all moving parts external to the main unit 
but with the series transformer inside the main case. 
The selector and transfer switches are mechanically 
operated contactor switches driven by the regulator 
in the proper sequence. 

Comparison of Step Type and Step Induction 
Regulator Methods 

The step induction regulator is well adapted for use 
where bus or transmission circuit voltage is to be con¬ 
trolled, .particularly where automatic control is desired. 
In this case, automatic control merely calls for a volt¬ 
age actuated relay with time delay, giving a much more 
simple control equipment than is possible with the step 
type equipment. When automatic control is used, the 
number of tap changing operations is usually greater 
than otherwise so that the step induction regulator 
units are particularly adaptable on account of the fact 
that there is no burning of the contacts and therefore 
less maintenance required. 

When the range in taps to be covered is not too large, 
and if small steps are not required, the step type 


equipment is more desirable on account of the somewhat 
simpler equipment. 

Separate Regulating Units 

The tap changing equipments heretofore considered 
have been applied directly to the transformer unit. 
On account of the fact that no additional transformer 
units are required, this generally gives the cheapest, 
most efficient, and most compact equipment to change 
the voltage. 

There are applications, however, where modifications 
of this simple arrangement are desirable. 

In general, tap changing mechanisms are so far 
practicable for direct use in circuits up to 33,000 volts 
or carrying not more than 1200 amperes. By using these 
units in the star connection of solidly grounded systems 
it is possible to apply them to transformers of much 
higher voltage by placing the tap changer in the 
grounded end. 

In case of delta connections above 33,000 volts or 
ungrounded star windings of higher voltage, the use of a 
separate regulating unit becomes desirable at present. 

The use of a separate regulating unit may be desirable 
also from other considerations. For example, if it is 
desired to obtain' voltage control with transformers 
already installed, the separate regulating unit becomes 
very useful. In some cases the need for voltage regu¬ 
lation may not be permanent, so that a separate regu¬ 
lating unit may be used with the idea that it may 
later be transported to some other location. 



The use of separate regulating units, however, is 
accompanied by the requirement of more floor space, 
lower over-all efficiency on account of the extra trans¬ 
formers required, higher installation cost on account of 
the interconnections, etc., required between the reg¬ 
ulating unit and the main unit. 

Fig. 11 illustrates schematically the winding arrange¬ 
ment for a separate regulating unit. By suitably 
arranging the ratios of the respective series and exciting 
units, the tap changing equipment may be used to cover 
a wide range of applications. Both the series and ex¬ 
citing transformers may be mounted in the same case, 
to reduce the number of bushings and simplify the 
connections and installations. 
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In the case of equipment for tap changing under load 
designed to operate on high-voltage ungrounded units, 
the auxiliary series and exciting windings may be built 
into the same unit in such a way as to reduce the 
number of auxiliary windings and cores and increase 
the over-all efficiency. Assume, for example, a unit 
with tap changing under load required on a 120,000- 
volt delta winding. The series transformer as shown 
in Fig. 12 may be used but the exciting transformer 
in the separate regulating equipment may be replaced 
by a third winding in the transformer as shown. 

Combination Voltage and Phase Angle Control 

When systems become larger and interconnections 
become more frequent, cases will arise where phase- 
angle control, as well as voltage control, may be re¬ 
quired to obtain satisfactory results. This condition 
will exist where a substation is supplied from two 
sources witli interconnecting lines of different 
impedances. 

It appears that the control necessary will be of the 
order of plus or minus 10 per cent in-phase voltage with 
a phase-angle control of approximately plus or minus 
6 deg. This means that an in-phase component of 
plus or minus 10 per cent, and a quadrature component 
of plus or minus 10 per cent, each independently adjust¬ 
able, should be super-imposed upon one of the lines at 
some suitable point. 

These problems may be worked out, using two induc¬ 
tion regulators, two transformers, or by means of a 
single multi-winding transformer. 

Regulation Methods 

finder this scheme, taking a 24,000-volt line carrying 
25,000 kv-a. as an example, two 1250-kv-a., three- 
phase, induction regulators, adapted for 5 per cent; 
regulation on 25000 kv-a. and connected in series 
may Ik; used. The primaries of these regulators are 
energized by means of a three-phase transformer, 
24,000 to 4800 volts, 3300-kv-a, capacity. The output 
of the two regulators in series may bo stepped up by 
means of a 2500-kv-a. series transformer so as to buck 
and boost the 24,000-volt line 2400 volts in either di¬ 
rection due to the two 5 per cent windings in series. 
Because of the fact that a three-phase regulator rotates 
the voltage vector that is, it is fixed in magnitude but 
is variable in phase the first regulator will add to the 
lint? voltage a voltage vector which is ecpial in magnitude 
t.o 5 per cent of the line voltage but whose phase angle 
with respect to the line voltage (depending upon the 
relative position of the rotor and stator of the regulator), 
may swing to any position in a complete circle pivoted 
upon the end of the line voltage vector. The regulator 
itself may be supplied with slip-rings so that it is capable 
of continuous rotation. The terminal voltage of the 
regulator is therefore represented by a circle of radius 
5 per cent. To this, a second regulator is connected 
in series having an independent control, the terminal 
voltage of the second regulator describing a 5 per cent 


circle having its center located on the circle described 
by the first regulator, witli the result that the terminal 
voltage of the second regulator may he adjusted at 
any point within a radius equal to 10 per cent and may 
therefore give a phase angle control of the line voltage 
of approximately (> deg. and also a maximum in-phase 
buck or boost of 10 per cent either way. 

Transformer Method 

In the second method, two transformers of 2500-volt 
capacity each may be used with primaries wound for 
24,000 volts and secondaries wound for 2*100 volts, 
each rated for 24,000 volts series connection with the 
line and equipped with tap changing under load 
covering a range from plus 2400 volts to minus 2400. 
The first transformer is arranged with its primaries 
star connected so that the secondary is in phase with the 
line. The second transformer has a delta-connected 
primary and by properly selecting t he secondary wind¬ 
ing, a secondary in quadrat ure wit h the line is obtained. 
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These two windings are placed in series with each 
other and with the line, and it. is therefore possible to 
impose upon the line an in-phase voltage* component 
ol lO per cent plus or minus and also a quadrature 
voltage component of 10 per cent plus nr minus, each 
being controlled independently. By a manipulation 
ol the two transformers in effect, it. is evident that any 
degree of in-phase voltage regulation and any degree of 
phase-angle control wit,lun the limit of the apparatus 
may be obtained. 

d he losses in the case of the regulator method are 
approximately double the transformer method. 

Mi jlti-Winding Transf<>11mhr Method 
By using a multi-winding transformer, the equip¬ 
ment may he still further simplified. Instead of using 
two transformers a single three-phase, three-winding 
transformer may be used. One winding is t he exciting 
winding and the others are connected to give two 
voltages in series hut displaced from each other by 
(>() deg. this would take the place of the two separate 
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transformer windings in true quadrature. This ar¬ 
rangement results in a very decided decrease in the size 
of the transformer tank and also an increase in the 
over-all elfieieney of flu* transformat ion, and results in a 
considerable reduction in cost. 

In either of transformer equipments, any of the types 
of tap changing* equipment may obviously be used. 

Conclusion 

The development of reliable sturdy apparatus for 


changing transformer voltage ratio under load has 
opened up a new field with enormous possibilities. 
'While it can be seen that equipment of this nature is 
not inexpensive, yet it will generally be found that if 
voltage control of large capacity is desired, the use of 
transformers arranged for changing taps under load 
will he found economically desirable. 

Discussion 

For discussion of this paper see page 599. 


Characteristics of Interconnected Power Systems 

As Affected by Transformer Ratio Control 

BY L. F. BLUME- 

Associate, A. I. E. E. 

Synopsis. Operating characteristics of interconnected systems A comparison is made of the use of synchronous condensers for 
in winch voltage is maintained constant by varying field of the the purpose of improving regulation as compared with the use of 
generators is compared with operating characteristics, when , in transformers equipped with ratio control. 

addition to the control of generator field, transformers equipped with The elementary conditions which govern the current distribution 
ratio control are employed. The use of transformers with variable in a loop, L, are determined in terms of impedance characteristics 
ratio introduces a flexibility in operation which permits the division of the net-work. The equipments necessary to control the current 
of wattless currents between generating stations independent of distribution and at the same time maintain good regulation in the 
voltage held at the generator busses. loop are indicated. 


T HE steady and rapid growth of the use of variable 
ratio transformers in connection with intercon¬ 
nected central stations makes it of interest to 
state the fundamental characteristics of apparatus in 
systems which make these equipments desirable. 
In a paper 1 2 before the Institute two years ago, Mr. Al¬ 
brecht indicated their field and compared their charac¬ 
teristics with induction regulators and synchronous 
condensers. The purpose of the present paper is to 
focus attention on a few of these characteristics in order 
to indicate how quantitative values may be obtained. 

The various kinds of voltage control now being used 
on power systems are: 

1. Voltage control by means of generator field current, 

2. Synchronous condensers or phase modifiers by 
means of which the power factor in transmission lines 
is improved and thus better regulation obtained, 

3. Voltage ratio control, either by means of trans¬ 
formers or induction regulators. 

The above methods of voltage control will be con¬ 
sidered in connection with specific, typical cases, al¬ 
though in the most practical instances it is admitted 
that the problem is more complicated than the assump¬ 
tions of this paper imply. The principles as outlined 
here, however, are applicable, with proper modifica¬ 
tions, to the more complicated ones. The four typical 
cases to be discussed are: 

1. Where two generating systems are connected 
by means of transmission line and power may flow in 
either direction, 

2. Where two generating systems are connected 
by means of transmission line hut one-way flow of 
power only is required, 

3. A generating system with a synchronous condenser 
floating on the end of the line, 

4. Transmission line loop. 

1. Transformer Engineering Dept., General Electric Co., 
Schenectady, N. Y. 

2. H. C. Albrecht, Transformer Tap Changing Under Load , 
A. I. E. E. Trans., Vol. 44, 1925, p. 581. 

Presented at the Regional Meeting of District No. 1 of the 
A. I. E. E., Pittsfield, Mass., May 25-28, 1927. 


Case I:- Two-Way Flow op Power Over Transmis¬ 
sion Line Connecting Two Stations 

With two central stations connected together by 
means of an interconnecting transmission line (Fig. 1) 
the operation of the system involves the control of: 

1. The division of energy between the two stations, 

2. The division of wattless kilovolt-amperes, 

3. The voltage at the two busses. 

The controls available are (a) throttle control, 
(b) field control, (c) voltage ratio control. It is evident 
that the division of energy between the two stations 
is not determined by the electrical characteristics but 
by the characteristics of the prime mover and the 
throttle control. Field control at the two stations 
does hot affect the energy flow, but determines for each 
load demand the voltages on the two busses, together 
with the division of reactive kilovolt-ampere between 
the stations. But field control cannot independently 
determine the bus voltages and division of reactive 
kilovolt-ampere. Either can be controlled, but not 
both simultaneously; thus the field control may be 
used to hold the bus voltages equal and constant for 
all loads, under which condition the division of re¬ 
active kilovolt-ampere between the stations is deter¬ 
minable but uncontrollable. Conversely, by means of 
field adjustments it is possible to control the division 
of reactive kilovolt-ampere between the stations or 
what amounts to the same thing, the power factor in 
the line, but when this is done, voltage control on the. 
two busses is sacrificed. The voltage of one point on 
the system may be held constant, but the other bus 
voltage will vary through a range which is equal to the 
regulation drop between the two busses. 

In order to control, independently of each other, the 
three characteristics, namely, energy division, reactive 
Idlovolt-ampere division, and voltage ,at both busses, it 
is necessary to introduce a third independent control. 
This is readily accomplished by introducing variable 
voltage ratio between the two busses variable under 
load. 

Thus, by means of the insertion of variable ratio 
between the two busses, it becomes possible to maintain 
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both bus voltages constant at all loads, which means 
that the regulation drop between the two busses is 
zero, and at the same time, to obtain any desired di¬ 
vision of current between the two stations. With the 
flexibility of operation thus obtained, the bus voltage 
of the two stations may be maintained constant, and 
at the same time the division of current between 
stations may be adjusted so as to obtain either 

A. Maximum electrical efficiency, 

B. Maximum economy in operation, 

C. Maximum utilization of apparatus. 

Although all three of the above are desirable aims, 
it is rarely possible to obtain them simultaneously. 
For example operating for maximum electrical 
efficiency is simultaneous with operation for maxi¬ 
mum economy only when the cost of energy de¬ 
livered by station A to the load is equal to the cost of 
energy delivered by station B to the load. With 
equal energy cost, the division of current to obtain 
maximum efficiency depends entirely upon the relative 
losses in the two branches. 

When the cost of energy in branch A and branch B, 
including the transmission line, differ materially, 
maximum economy is secured by shifting a portion of 
the load kilowatts from the station in which the cost of 
energy is greatest to the other station. This results in a 
reduction in efficiency but an increase in economy. 
As the division of reactive kilovolt-ampere for maxi¬ 
mum economy is not affected to as great an extent by 
cost of energy, the currents flowing in the two branches 
for maximum economy are no longer in phase with the 
load. • 

Division of current, to obtain maximum economy 
in operation, is the desirable operating condition for 
fractional loads but when the total load demand is 
equal to, or approaches the full kilovolt-ampere of the 
system, the rating limitations of the apparatus and 
line may demand considerable departures from di¬ 
vision of currents as determined by the consideration 
of maximum economy. In order to deliver a maximum 


Fig. 
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1—Elementary Diagram of Interconnected Systems 


Voltage Relations. We shall assume that the load to 
be delivered may be concentrated on either bus of the 
two stations A and B, Fig. 1, and that it is desired to 
maintain voltages of busses A and B constant and 
independent of the load demand. 

Assuming that the flow of power will sometimes be 
in one direction and sometimes reversed, the regulation 
drop in the transmission line and interconnecting 
transformers should be zero. Therefore, equating 



Fig. 2—Voltage Relations in Interconnected Systems 
0 A —Equals voltage of bus near load, 

0 B —Equals voltage of bus far from load, 
g —Equals phase angle of current in transmission Line 


the expression for regulation to zero, we have ap¬ 
proximately: 

(% IR ) cos 6 - (% IR) sin 9 = 0 
from which 


tan 6 = 


%IR 
% IR 


(i) 


From this formula it is evident that the maintenance 
of the two busses at constant voltage at all loads 
involves the operation of the transmission line at a 
leading power factor cos 6 the value of which is de¬ 
termined from the ratio of resistance and reactance of 
the line. 

A more exact solution can be obtained graphically 
by plotting the vector diagram of the transmission 
line voltages, Fig. 2. The premises of the problem 
make the three voltages an isosceles triangle 0 A B in 
which the impedance drop of the line is the base A B 
and the sides are the bus voltages of the two stations. 
From this diagram we may write: 


%IZ 

sm a - 2Q0 


(2) 

tan (0 — a) — 

%IR 

%I* 

(3) 


output, the division of current must be such as to ob¬ 
tain the maximum utilization of the apparatus. 

It is a relatively simple matter to obtain a measure 
of the extent to which the use of ratio control increases 
the maximum load which a given system can deliver 
to a given point without sacrificing constant voltage 
at the two busses. This, may be done by determining 
quantitatively the limitation which exists when the 
system is operated in which only throttle and generator 
field control are employed. 


where 

0 A = Voltage of bus near load, 

OB = Voltage of bus far from load, 

2a — Phase angle between voltages 0 A & 0 B, 

6 = Phase angle of current in transmission line at 

load end, 

%IR&%IX = Line constants including step-up 
and step-down transformers. 

These equations are plotted in Fig. 4 by means of 
which it is possible to determine readily the phase 
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angle 6 of current in the interconnecting transmission 
line when the per cent impedance drop and the ratio of 
resistance to reactance is known. 

Current Relations. The corresponding current 
relations can be easily derived from the vector 
diagram, Fig. 3, showing the current relations in 
terms of the power factor of the load being de¬ 
livered and the power factor of the transmission 
line. In this it is assumed that the currents sup¬ 
plied by the two systems to the load are equal, 


mission line and for various power factors of load, the 
transmission utility factor can be determined. 

By means of Figs. 4 and 5 it is possible to determine 
the resulting transmission utility factor, when the trans¬ 
mission line constants are known, for any power factor 
of load. The curves show exactly how much is sacri¬ 
ficed in order to obtain constant potential on the two 
busses. 

Rating of Transmission Line Less than Generating 
Stations. . In the preceding analysis it was assumed 


Fig. 3—Current Relations in Interconnected Systems 
O B —Equals current in transmission line, 

B A —Equals current at Station “A", 

0 A—Equals load current 

Load power factor cos <t> equals 95 per cent 

Angle of lead in trans mis sion line e equals 20 deg. 

under which condition the triangle of current OB A is 
isosceles where 0 A is the load current lagging an angle 
behind the voltage, 0 B is the current delivered by 
the transmission line at the angle 6 , and BA is the 
current delivered by the local bus. A measure of the 
effectiveness of the transmission line and distant 
station in helping out the local station is determined 
by the ratio OC /OB, the point C being determined 
by making C A and BA equal to each other. This 
ratio, which may be called the transmission utility 

PERCENT IZ LINE DROP 



Fig. 4 Relation between Transmission LiNfe Character¬ 
istics and Phase Angle for Zero-Line Drop 

factor, can be expressed mathematically by the equa¬ 
tion derived directly from Fig. 3. 

T e - 0 C/0 B - 2 cos (6 -f <f>) - 1 . ( 4 ) 

This equation is plotted in Fig. 5, from which for 
various values of phase angles of currents in the trans¬ 




Fig. 5—Transmission Utility Factor of Transmission 
■ System and Distant Generator;./ — 1.0 


Fig. 



6—Transmission Utility Factor of Transmission 
System and Distant Generator; / = 0.8 


that the kilovolt-ampere rating of the transmission 
line was equal to the kilovolt-ampere rating of 
the generating stations, and for that reason the 
current in the transmission line and the current 
in the local generating station were made equal 
to each other. It may be, however, that the kilo¬ 
volt-ampere rating of the transmission line is less than 
the rating of the stations, and for that reason, it becomes 
desirable to consider the case in which the division of 
load between the two stations is unequal. It is de¬ 
sirable, therefore, to have utility factor curves for 
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various rat ios of current. in iransmisston line to current 
in generator nearest, to t he load. I ,et 

Current, in Transmission line 
. • - ■ . -- - v 

Current in (»enerator nearest, to Load 

The curves. Figs. 5, U, and 7, correspond to values of 
F ; 1, F 0.8 and F 0.5, respectively. 

It is of interest, to not.e that, in all of these cases, 
Figs. 5, 0, and 7, t hat, a t ransmission utility of 100 per 
cent is obtainable only when the current,s in the trans¬ 
mission line and in the generators of both stations are 


Two stations, A and B, 14 miles apart, interconnected 
by a 66-kv. transmission line, have a rating of 80,000 
kv-a. At this load, the line characteristics including 
step-up and step-down transformers are: 

Per Cent 

Reactance drop =32.5 

Resistance drop = 7.5 

Impedance drop =33.5 

r/x = 0.23 

Power factor of load = 85 


1.00 

a 0.96 
o 

s 0.92 
ce 

U4 

£ 0.88 

0.84 

080 

7 Transmission thiMTV Factor or Transmission 
Kvhtem ami Distant UksvivHatoh; / >« 0,5 

all in plume with t he load current , no matter what; the 
power factor of t in* load may lie, and thus it is evident 
that the maintenance of constant potential on the two 
busses cannot he obtained under t he conditions assumed 
without sacrificing the utility factor. 

Case 'll: One-Way Flow of Power Line Drop 

IN INTERUONNEUTINO LINE MAINTAINED CONSTANT 
In case 1, a two-way flow of power was assumed; con¬ 
sequently it. was necessary to equate the line drop 
to zero. If the flow of power is in one direction only, 
it is sufficient that the line drop be maintained constant 
at all loads, A typical case is to assume 10 per cent 
line drop. For these assumptions, Fig. 8 has been 
determined giving the relations between the trans¬ 
mission line constants and phase angle of current in 
the transmission line, Fig. 8 is to he used in conjunc¬ 
tion with transmission economy curves, Figs. 5, 6, and 7. 

Fx ample for Dares I and II 
Transmission utility factors are determined in the 
following examples, in which constant voltage is main¬ 
tained at two busses, by field control alone. 3 

3. it should nol \m inferred that nil of the iwmmed operating 
conditions in lint above examples represent good pnu-tiso. They 
are merely cited to tdtew the inherent difileulty of operating 
with Held control alone. In tltn 'first example where a trams- 
migisioa factor of is per cent is obtained, the power factor 
in the generator is mi poor, about 15 per cent lagging, that 
it in doubtful whether the generator could deliver its full kilo- 
volt-autpore. 




TRANSMISSION UTILITY FACTOR 


To determine the value of using ratio control in con¬ 
nection with the above conditions, it is first necessary to 
examine the operating conditions or limitations which 
exist if the two station busses are maintained at con¬ 
stant potential by means of generator field control only, 
th at.is, without employing ratio control or other voltage 
regulating devices. These conditions impose upon the 
system the necessity of maintaining the current in the 
transmission line at a definite phase angle, the values 
of which, as determined from Figs. 4 and 5, are: 

For two-way flow of power (Fig. 4) 6 - 22-deg. leading 
For one-way flow of power (Fig. 8) 0 - 4-deg, leading 
The values of transmission utility factor for various 
conditions of operation as determined from Figs. 5, 6, 
and 7 are given in column 4 of the accompanying table. 
This value is a measure of the usefulness of the distant 
station under the conditions assumed. It means that 


PERCENT IZ LINE IMPEDANCE 



Fki. 8—Rrlation Between Transmission Line Characteris¬ 
tics and Phase Anode for 10 Per Cent Line Drop 

although in each case the distant-generator and trans¬ 
mission line are loaded to the rated kilovolt-ampere of 
the line, they are effective only to the extent indicated 
by the percentages given in column 4. 

Case HI. Comparison of Synchronous Condensers 
With Transformer Ratio Control Equipment 

Comparison of Ratings. When used for the 
purpose of enabling the system to hold bus volt- 
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which means that line reactance determines the rela¬ 
tive size of condenser and ratio control apparatus for 
the same performance. 

In equations ( 12 ) and ( 13 ) the fraction ^ is inserted 
assuming that the ratio control equipment has equal 
plus and minus ranges. This is generally, but not 
always, the case. 

These equations determine the sum of the leading 
and lagging ratings of the condenser. They also show 
that as far as voltage control is concerned, it is im¬ 
material how much of the sum is lagging and how 
•much is leading. 

Assuming that the first cost per kilovolt-ampere of 
ratio control equipment is appreciably less than the cost 
per kilovolt-ampere of synchronous condenser, it be¬ 
comes evident from equation ( 13 ) that the first cost of 
ratio control equipment is inherently much less than 
the synchronous condenser. 

Increased Output of System Due to Condenser. The 
costs of the too equipments are not directly comparable 
owing to the fact that the use of the condenser increases 


CASE I: TWO-WAY PLOW OP POWER 
Stations A and B Having Equal Ratings, Transmission Line Rating = 
80,000 Kv-a. 


1 

2 

3 

4 




Transmission 




Utility Factor 




With field 

With ratio 



Ratio transmission 

control 

control 


Rating station 

line rating to station 

only 

only 


A and B 

ratings 

per cent 

per cent 

Pig. 5 

80,000 kv-a. 

1 

“ IS 

100 

Pig. 6 

100,000 “ 

0.8 

30 

* 

Fig. 7 

160,000 “ 

0.5 

42 



CASE II: 

ONE-WAY PLOW OP 

POWER 


Station B and Transmission Line Rating 

= 80,000 kv-a. 

1 

2 

3 

4 




Transmission 




utility 

factor 




With field 

With ratio 



Ratio transmission 

control 

control 


• Rating 

line rating to station 

only 

only 


Station A 

ratings 

per cent 

per cent 

Pig. 5 

80,000 kv-a. 

1 

62 

100 

Pig. 6 

100,000 “ 

0.8 

66 

“ 

Pig. 7 

160,000 “ 

0.5 

72 



ages at both ends of the line constant and inde¬ 
pendent of load changes, the synchronous condenser 
must compensate for the regulation of the line and inter¬ 
connecting transformers. The condenser floating on 
the end of the line takes an additional wattless load 
the value of which, expressed in per cent of transmission 
line rating, is to-be determined. The regulation due 
to the addition of the condenser load must be made 
equal and opposite to the regulation due to load. 
Hence 

[% (Kv-a.). + % (Kv-a.), 1 ] =%R ( 11 ) 

where 

% (Kv-a.) c = Rated leading kilovolt-ampere of con¬ 
denser, 

% (Kv-a.)/ = Rated lagging kilovolt-ampere of con¬ 
denser, 

% IX = Per cent reactance drop of line without 
condenser, 

% R = Per cent regulation of line without 
condenser, 

from which the condenser rating can be determined 
when the regulation of the line, without condenser, 
is known. 

The rating of load ratio control equipment for the 
same duty is: 

%R 

% (Kv-a.)Rc = ^ ( 12 ) 

Combining equations ( 11 ) and ( 12 ) 

T 1 % I X 

1/2 [ % (Kv-a.) e + % (Kv-a.)/ J ^ - 

= % (Kv-a.) RC ( 13 ) 



Fig. 9—Current Diagram showing Effect of Synchronous 
Condenser on Transmission Line Currents 

the output of the system. The amount can be deter¬ 
mined from Fig. 9. As the maximum load is increased 
.by the condenser current, the energy remaining con¬ 
stant, we can write: 

(Kv-a.)i. cos cf) = (Kv-a.)x cos 8 
or 

cos 8 

(Kv-a.)L = (&-a.),-^ ( 14 ) 

where' 

(Kv-a.) T = rating of generating plant, 

(Kv-a.)i, = Kv-a. delivered to load, 

which means that the ratio of the power factor of, the 
load to the power factor of the line determines the 
increase in kilovolt-ampere of system on account of the 
condenser. 

Perhaps the best way of obtaining an equable cost 
comparison between the use of a condenser and ratio 
control equipment- is to determine the extra cost 
involved when ratio control is used to increase the 
system kilovolt-ampere by the ratio cos 0/cos <f. 
Ordinarily this merely involves providing the generators 
and interconnecting transformers with a correspond¬ 
ingly greater current carrying capacity. The increase 
in current in the overhead transmission line does not 
necessarily involve an increase in copper since the only 
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practical effect of the increased current is greater line 
losses and increased regulation drop. An exception 
to this should be noted in the case of underground 
cables where the consideration of operating tempera¬ 
tures may make it undesirable to increase the maximum 
current. In this case the saving in cable equipment 
secured by employing the synchronous condensers 
may more than off-set its greater first cost. 

Saving in Line Losses Obtained by Means of Syn¬ 
chronous Condenser. Consideration must also be given 
to the fact that the synchronous condenser, by im¬ 
proving the power factor of the line currents, decreases 
the copper losses in the line. The ratio of line copper 
losses with and without using the condenser is given 
by the expression: 



Improving, by condenser, the power factor from 80 
per cent to 95 per cent, for example, reduces the line 
loss 25 per cent. Where poor power factor of load is 
combined with inherently large line losses, the saving 
in losses at full load due to the use of condensers is 
considerable. 

The actual saving in loss, however, is less than may 



Fig. 10 —Current Diagram for Fractional Loads 
showing Effect of Synchronous Condenser with Maximum 
Lagging Current Equal to Maximum Leading Current 

be inferred from the above, on account of the fact that 
under usual operating conditions the load factor is 
considerably less than unity. At fractional loads, the 
saving in losses resulting from the condenser is very 
much reduced, and at light loads, when the condenser is 
operating lagging, the line losses are actually increased 
by the condenser. It is reasonable to expect, therefore, 
that under normal conditions of load, the actual net 
saving in line losses is much less than the value ob¬ 
tained for full load conditions. 

From this it appears that the saving in line losses is 
very much affected by (a) the load factor and (b) the 
ratio of leading and lagging rating of the synchronous 
condenser. 

Losses in Condenser vs. Losses in Ratio Control 
Apparatus. Furthermore, the net line losses saved by 
condenser are off-set partially by the fact • that the 
transformer ratio control apparatus is inherently 
considerably more efficient than synchronous con¬ 
densers, for several reasons: 

1. On account of the smaller kilovolt-ampere rating 
of transformers, 


2. On account of the inherently higher efficiency 
of transformers, 

3. On account of the fact that in transformer ratio 
control, both the core and copper losses may be variable. 
The core loss varies from maximum to minimum when 
voltage ratio is shifted from maximum value to unity 
and the copper losses vary from maximum to minimum 
with changes in load. 

To form a correct comparison between the two 
equipments, the actual values of the various losses just 
cited must be carefully estimated and capitalized. 

Example Illustrating Case III 

Assuming the following conditions: 

Per Cent 


Line reactance drop.29 

Line resistance drop. 7 

Power factor of load.86 


it is desired to compare the use of ratio control equip¬ 
ment with a synchronous condenser when used to 
maintain voltage at both ends of line constant. Under 
these conditions the line regulation without the con¬ 
denser is 22.7 per cent. By equation (12) the rating of 
ratio control equipment necessary to maintain voltage 
constant is 11.3 per cent of the kilovolt-ampere of the 
load. 

By equation ( 13 ) the rating of the condenser is 
per cent (kv-a.) c + per cent (kv-a.)c 1 = 70 per cent 

The synchronous condenser performance depends 
upon the ratio of the leading and lagging rating of the 
condenser. Assuming equal leading and lagging rat¬ 
ings, in other words, per cent (kv-a.) c = per cent 
(kv-a.)c 1 = 35 per cent, current relations are obtained 
as shown in Fig. 10. At full load the addition of the 
condenser brings the line power factor up to 99 per cent. 
The ratio of line power factor to load power factor is 
1.14, which means that the system rating has been 
increased by 14 per cent, equation ( 14 ). The full load 
line losses by equation ( 15 ) are 77 per cent of what 
they would be without the condenser. The triangle 
OBD in Fig. 10 gives the current relations for full 
load; 0 C is the condenser current at no load; and the 
line CD B is the locus of the.line current as the load 
increases from no-load to full load. At the intersect ID 
corresponding to half load for Fig. 10, the condenser is 
not contributing. For less than half load the condenser 
is increasing the line losses, and for loads greater than 
half load the line losses are decreased by the condenser. 

The current diagram, Fig. 11, corresponds to the 
assumption that the leading rating of the condenser is 
46.5 per cent and the lagging rating is 23.5 per cent. 
The chief difference between Figs. 10 and 11 is the 
position of the intersect D, which now occurs at 33 per 
cent load. It is evident that operation, in accordance 
with the assumption upon which Fig. 11 is based, means 
a greater saving in line losses for a given load factor 
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than operation in accordance with conditions assumed 
for Fig. 10. 

Case IV. Transmission Line Loop 
Under cases I and II it was shown that by the help of 
one voltage control equipment constant voltage can be 
maintained at two points and at the same time any 
desired current relation obtained. The principle can 
be extended to any number of stations operating on a 
line so that with N stations and N — 1 voltage control 
equipments it is possible to maintain the bus voltage 
constant at N stations and at the same time secure any 



Fig. 11—Current Diagram for Fractional Load, show¬ 
ing the EffectJof Synchronous Condenser with Maximum 
Lagging Current 50 Per Cent of Maximum Leading 
Current 

desired division of current in each portion of the line. 

At each station voltage control may be inserted 
between high and low voltage of the power transformers 
as shown in Fig. 12, or the variable voltage may be 
inserted in series with the line as shown in Fig. 13. In 
the former case the over-all regulation of the line is 
unaffected, whereas in the latter case the variable 
voltage being inserted in the line itself, not only the 
station bus voltage but also the line voltage, is affected. 



Fig. 12 Transmission Line Loop Provided with In-Phase 
and Quadrature Voltage Control 

When the two ends of the lines a and b, in either 
Fig. 12 or 13, are connected together forming a loop, 
it is desirable to know whether complete current 
flexibility is still obtainable. It is- evident for example, 
that if the currents in the four portions of the line, in 
Figs. 12 and 13, are to be independently variable, a 
variable voltage exists between a and 6 which is the 
resultant of the impedance drops in the four lines. 
This voltage (e) varies in value and in phase from time 
to time depending upon how much the currents are 


changing in the line. We may write for the voltage 
between a and b for Fig. 12 

C = IlZi + IiZ2 + 13 Zs ~)~ 14 Z4 

where 

Ii I 2 h Ii are the currents desired in the lines; 
ZiZzZzZi are the corresponding line impedances. 
For Fig. 13 the expression becomes: 
e = Ii Z\ 12 Z2 T" Iz Z 3 -j- 1 4 Z 4 — e 2 — 63 — e 4 

where 

e 2 , e 3 , e 4 are the control .voltages inserted in the line at 
stations 2, 3, and 4. 

If the loop is formed by connecting a and b without 
inserting any. control equipment, the voltage (e), as 
given in the above equations, is short-circuited and a 
circulating current flows throughout the loop, the value 
of which is given by the expression, 

Ic — &/{Z\ + Z2 + Z 3 -f- Z 4 ) 

The line currents have now become 

Ii + Ic 

h + Ic 

Iz+Ic 

Ii + Ic 

It is evident that the desired currents, h, 1 2 , 1 3 ,1 ir can 



Fig. 13—Transmission Line Loop Provided with In-Phase 
and Quadrature Voltage Control 

be obtained only in the remote coincidence that these 
currents happen to be of such values as to make the 
resultant voltage (e) zero. The alternative is to intro¬ 
duce into the line a voltage which is always equal and 
opposite to 0). Therefore, if the ends a and b are to be 
connected without interfering with current flexibility, it 
is necessary to bridge the points a and b with a voltage 
which is equal to, and in phase with, the vector sum of 
the impedance drops in the lines. 

The insertion of such a low impedance voltage bridge 
between points a and b in which the voltage and also 
the phase angle are independently controllable can be 
accomplished by two ratio control equipments, one 
providing the proper in-phase voltage and the other- 
providing the proper quadrature voltage. (See note 
following.) 

In general, a transmission line loop in which a maxi¬ 
mum current flexibility is desired together with N points 
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maintained at constant potential, requires N voltage 
ratio controls and one quadrature* control. 

Although two independent controls, consisting of an 
in-phase and a quadrature control, are necessary to 
obtain complet e flexibility, nevert heless, under particu¬ 
lar conditions of load variation, one ratio control equip¬ 
ment is sufficient for loop control. ‘ 

• for example*, when tin* currents /,, / :i , I,, vary 

during; I he load eyele in such a manner t hat the resultant 
voltage if * changes in value hut not in phase, it is then 
only necessary to determine t he phase angle of (c) with 
reference to the line voltage, and to design loop control 
equipment having t his angle. 

Loop control may he needed to prevent excessive 
current (lowing; in portions of circuit, as, for example, 
when underground cables are used having a limited 
current rating, or it may Ik* desired in order to be able 
at all load ■; to obtain a minimum of energy loss in the 
loop. In t he latter case t he exact set I ing of t he control 
equipment can he calculated readily. 

('tin'tii! I fist libation with Hi\frrnicv to Obtaining 
Mi m i inn a Rnrnjft Lomus m Loup. At the end of this 
paper, equal ions are developed which give the condit ion 
for current distribution so as to obtain minimum energy 
losses in the loop. These equations show that the 
criterion for minimum losses is the condition that the 
vector sum of the resistance voltage drops around the 
loop should he zero. 'This criterion can always be met. 
by means of two control equipments if they are so 
adjusted a; to allow a circulating current, to flow 
through the loop in accordance with 

H L ! 17 / o 

where 

/, is t he cireulat ing current, 


Xt_ a? a x s X 

ri r 2 ” r 3 ~ R 

where R and X are the total resistance and reactance 
of the loop. Then 






x s = 



When these values are substituted in the equations for 
c and j v, they reduce to the following simple form: 



X 

R 



Hut, by the conditions of the problem Sir = 0 and 
1 j r a* (). It therefore follows that both e and j e 
are zero. The important conclusion follows that 
when the ratios of resistance to reactance in each 
portion of the loop are all equal to each other, the 
currents distribute in the loop so as to obtain minimum 
copper loss, when the loop is closed without voltage 
insert,eel. Loop control equipment is therefore neces¬ 
sary only by virtue of the fact that the various portions 
of line have different ratios of resistance to reactance. 

Acknowledgment is hereby made to Raymond 
Bailey, l\ J. Walton, W. W. Lewis, Ii, 0. Woods and 
M. B. Mallett for their assistance in the preparation 
of this paper. 

An appendix with equations to find the current 
distribution in a loop with reference to obtaining 
minimum energy losses in a loop is included in the 
complete paper. 


R is i h»* total resLlunee of the loop, 

vV / is the vector sum of the resistance drops (not, 
including tin* drop due to circulating, current). 

To obtain this current distribution, the control equip¬ 
ments must, introduce the following voltages into the 
line: An in phase voltage equal to 

t 7 .#*, i j■ I j.iS.i 1 etc. 


Appendix 

To find the current, distribution in a loop with reference 
to obtaining minimum energy losses in loop . Copper 
losses in loop for any current distribution such as 
shown in Fig. 12 can be written 

L ~ r t ip 4~ if + ra if 4- etc. 

+ Ti jf T r.,jV + 7 a j a 2 + etc. 


and a quadrature voltage equal to 


With a circulating current 4 T jo the copper losses 


j o t , /* \ 7 .**;• f" in *7a ! etc. 

An important particular case is when the ratio of 
resistance to reactance in each portion of the Hue is 


become 

L * 7 i (ix + 4) 2 4- r, (4 -1- 4) 2 4- 7a (4 + 4) 2 4- etc. 
+ r, ( 1 , 4- jr)> + r, (3 s + if- + >•* O's + if + etc. 


equal; t hat is, when 

•1. I.MMg *•»« h!'<< i*e **1*tntit«‘*l b\ ttuwn «f two 

litiUM* ngulunum dw* ^ci’icH vvirnliiigu being uiountec 

in fin* fm* uml in w-rif* with nil u<r, I'.iu’h 

*ng«lnmr in * rt. «n tin- Hun ft •■mifhtiU with phiine uugln 

vurint.t from „ r.i m .an .!«•«. By fuijUHtiug their phiuw 
thi. oomiiiinU vollnise *»'** die !, nu cun he 

nuuii* nt:;- »li iri'tl unit uny angle. 


Expanding: 

L « 7 1 ir 4- 7 a if 4" 7a if 4" etc. 

+ R if 4- 2(7 1 ix 4“ 7a 4 4- 7a 4 4- etc.) 4 
4" 71 j i" 4" 7a jf 4" 7a y f 4" etc. 

+ R jf + 2 (7,4 4“ 7a 4 4" 7aia + etc.) 4 
where R ~~ total resistance of loop. 
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To find circulating current for minimum loss: 
dL 

-~rr- - 2 R i c -j- 2(ri o + r 2 is + r 3 is + etc.) = 0 

d 1 C 

dL 

-Jj~ = 2 J2; c + 2 (rxj i + r 2 ;? 2 + r 3 j 3 + etc.) = 0 
Therefore 

T\i\ + r 2 i 2 + r 3 i 3 T etc. 

% = ~ R 

nji + roj s + r 3 y 3 + etc. 

^ “ “ J? 



which gives the resultant or unneutralized voltage 
(e + j e). In order to maintain this distribution of* 
current, a voltage equal and opposite to e + j e must 
be inserted in the loop. 

In the particular case when 

x x x 2 x 3 X 

r i ~ To r 3 R 


are the in-phase and quadrature components of circu¬ 
lating current which, added to currents i x + j h + / 2 , 
i 3 + j 3 , etc., result in a minimum loop loss. These 
equations may be written: 


Dri 


R 

(1) 

Drj 


R 

■ (2) 


These equations mean that minimum losses are 
obtained in a loop when a circulating current is allowed 
to flow equal to the vector sum of the resistance drops 
due to the original currents, divided by the total 
resistance of the loop. 

These equations may also be written: 

R i c + 2 r i = 0 (3) 

Rj c + S rj = 0 (4) 

or 

Sr(i + i e ) = 0 (5) 

2 r (j + j c ) = 0 • (6) 

From the last equation it is evident that the con¬ 
dition for minimum loss in a loop is a current distribu¬ 
tion in which the vector sum of the resistance drop is 
zero. It is evident from these equations that in a d-c. 
loop or in an inductance less a-c. loop, the currents nat¬ 
urally divide so as to give the minimum copper loss. 

In a loop with inductance, it is necessary to determine 
the summation of inductance drops under the conditions 
of minimum loss as given by equations (5) and (6).- 
The summation of reactance volts when circulating 
current i c flows is for the in-phase currents: 

3 e = {i\ + ic) X x -f- (io + i c ) X 2 + (^' 3 -f- i c ) X 3 T etc. 
and for the quadrature currents 

6 = Oi + Jc) Xi + (j 2 + j c ) X 2 + Os + 3 c) X 3 + etc. 
Substituting equations (1) and (2) 



Dir 

R 


X,+ 



2 i r \ 

R ) 




where 

X = total inductance of loop, 
R = total resistance of loop, 
then 


Substituting the above in equations (7) and (8), both 
e and j e reduce to zero from which the important 
conclusion follows that if ratio inductance to resistance 
in all portions of the loop is equal, current distribution 
for minimum loss naturally occurs and therefore loop 
control is unnecessary.. 


Bibliography 

Voltage Control Obtained by Varying Trans. Ratio, L. F. Blume, 
A. I. E. E., Journal, July, 1925, p. 752. 

Changing Trans. Ratio Without Interrupting Load, M.H. Bates, 
A. I. E. E. Journal, November, 1925, p. 1238. 

Trans. Tap Changing Under Load, H. C. Albrecht, A. I. E. E. 
Trans., 1925, p. 581. 

Electrical World, March 6-27, 1926, “Tap Changing Trans¬ 
formers: With Nine Steps—With Eighteen Steps,” A. Palme. 

G. E. Review, May, 1926, “Arrangement for Load Ratio 
Control,” EL R. Wilson. 

Electrical Journal, May, 1926, “Trans. Volt Ratio Control 
under Load,” L. H. Hill. 

G. E. Review, September, 1926, p, 634-638, “Two 60,000-Kv-a. 
Load Ratio Control Transformer Banks for Philadelphia Electric 
Company,” A. Palme and H. 0. Stephens. 

The Induction Voltage Regulator, p. 301-317, “The Function of 
the Induction Regulator in the Interconnection of Power Sys¬ 
tems,” E. F. Gehrkens. 

Elektrotechnische Zeitschrift, October 21, 1926, “Economy 
of Voltage Regulations in Three-Phase Networks,” Bernhard 
Jansen. 

Elektrotechnische Zeitschrift, February 3, 1927, “Equi-potential 
Operation of Three-phase Networks,” Bernhard Jansen. 



BLUME: INTERCONNECTED POWER SYSTEMS 


599 



!. E. 


( 8 ) 

age 
. of' 

LUSt 


oth 

ant 

nee 

ion 

oop 


mie, 

ites, 

. E. 

ans- 

e. 

atio 

Ltrol 


v-a. 

itrio 


n of 
3ys- 

3my 

lard 

itial 


May 1927 

Discussion 

CHANGING TAPS ON TRANSFORMERS UNDER LOAD 

(Hill) 

CHARACTERISTICS OF INTERCONNECTED POWER 
SYSTEMS AS AFFECTED BY TRANSFORMER 
RATIO CONTROL 

(Bltxme) 

E. F. Gehrkens: The subject of voltage control is an 
exceedingly important one and it was so recognized as far back 
as 1882, at which time an automatic generator voltage regulator 
for d-c. machines was developed. 

When the a-c. system was introduced and large generating 
uni ts were built, two types of feeder voltage regulators were 
developed,—the switch or step type and the induction type. 

Each design has its advantages and disadvantages, and in 
order to eliminate the disadvantages so far as possible, as long 
ago as 1898, a combination of the two was designed and built 
for the control of electric furnaces. 3 

This combination is justified only in ease large regulating 
units are required, and the delay in the development in this design 
was due partly to the lack of sufficient demand to warrant the 
expense and to difficulties of design; for although the theory 
and connection diagram are simple, the mechanical design is 
extremely difficult. Previous to 1898 induction regulators hav¬ 
ing capacities of 700 kw. were also built for the same purpose 
and while the latter was the more simple in design and operation, 
the former was less expensive and more efficient with a better 
power factor. 

For lighting systems requiring relatively small regulators, the 
induction type is the recognized standard because of its simplicity 
and low cost, but for power and interconnecting lines requiring 
large regulators, the selection of the regulator depends upon the 
requirements and the cost. In design, the induction type is 
limited to approximately 13,000 volts, and for use on higher- 
voltage systems it requires an exciting and a series insulating 
transformer.. This increases the cost and the losses. The switch 
type can be built for use in much higher voltage circuits and 
therefore has the advantage. 

In the combination of the switch and induction types, the 
switch element may be used in a high-voltage circuit, but the 
induction element requires the insulating transformers or 
transformer windings. The choice between the switch and the 
combination type of regulator depends again upon the require¬ 
ments. On long single lines, or even on long multiple inter¬ 
connections, it would seem that the switch type should be satis¬ 
factory because of thie high resistance and reactance of such 
lines, but for short lines or a combination of short and long linos, 
a more uniform voltage change may be required. In case the 
regulators are operated by hand or motor, a finer adjustment 
can be obtained by the combination type, but in case this type 
is operated automatically, about as close a regulation as can be 
obtained is one per cent either way from normal; that is, the 
combination type of regulator corresponds to the switch type 
having one per cent steps, and on this basis the deciding factor is 
probably the price. 

The switch or step type is certainly the simpler in construc¬ 
tion and has a higher efficiency and should therefore be used 
wherever conditions warrant. 

Mention was made of the desirability of in-phase and out-of¬ 
phase control for parallel connecting lines. The results obtain¬ 
able by the use of two polyphase induction regulators were fully 
illustrated and described in the London Electrician of Nov.. 6, 
1914, but the system has not been generally adopted by operating 
companies because of the cost and the difficulty of making this 
arrangement automatic. However, as the multiplying of lines 
increases and the necessity of controlling both the wattless and 

3. See Electrical World, Janua;y 7, 1899. 


the power current in such lines is recognized, this arrangement 
will undoubtedly be more generally used. 

F. F. Brand: Mr. Hill has outlined very well in his paper 
the different methods in use for changing transformer taps under 
load, and he has brought out the difference between the two 
principal schemes—the one of using parallel circuits, and the 
other of using the preventive reactance or auto-transformer. 

I am inclined to take issue with him on the application of two 
different schemes, as I would consider that the scheme of using 
the preventive auto-transformer to derive mid-voltage between 
taps is more applicable to small transformers, and the other 
scheme of using parallel circuits is better adapted to large 
transformers. 

For a 20,000-kv-a. transformer with taps 5 per cent apart, 
and with a preventive reactance used to derive the mid-point, 
the nominal size of the reactor is approximately 1000 kv-a., and the 
losses in the reactor would be of the order of 10 to 20 kilowatts. 
Furthermore, on this scheme in those positions in w r hich the 
preventive auto-transformer is used to derive the mid-voltage, 
there exists a circulating current which is constant irrespective 
of load conditions, and the losses in the reactor and that portion 
of the winding through which the circulating current flows must 
be considered a part of the light-load transformer loss. 

Also the use of the preventive auto-transformer to derive the 
mid-point does not give equal voltage steps, and a difference in 
the voltage derived from the true mid-point is greater the lower 
the power factor. For instance, at 80 per cent power factor and 
full load, the voltage actually derived is of the order of 1 H per 
cent from one tap and 3 M per cent from the other tap instead of 
2 l /i per cent from each. 

Better conditions of obtaining the true voltage required are 
obtained if the circulating current is increased, but this obviously 
increases the losses in the tap portion of the transformer, the size 
of the tap portion, and the size and losses of the auto-transformer. 

It is quite true that the preventive auto-transformer scheme 
enables a slightly simpler winding to be used than parallel 
circuits, although it should be understood that it is not necessary 
in the parallel-circuit scheme to provide two complete parallel 
paths throughout the total winding. It is necessary to parallel 
only a portion of the winding to obtain sufficient reactance be¬ 
tween these portions to limit the circulating current to a reason¬ 
able value in the transfer position. In fact, modern practise is 
to use a single-circuit winding including the tap portion and a 
parallel-circuit portion sufficient to obtain necessary reactance 
between these parallel portions. There are, therefore, only nine 
taps on a winding designed to give nine voltages, each tap being 
carried through two ratio adjusters respectively connected in 
circuit with the parallel portions. 

When it is considered that in order to obtain the necessary 
reactance control, paralleling portions of the winding is unde¬ 
sirable, the preventive reactance, or auto-transformer, connected 
externally to the transformer winding, may be used. Ratio 
adjusters are used to select the taps, and the normal operating 
position is with both ratio adjusters on one tap. The current 
then divides in the halves of the preventive reactance, and the 
ampere-turns neutralize one another; therefore, the \ oltage drop 
is practically negligible. This scheme cuts the size of the pre¬ 
ventive reactor to half that of when the reactor is used to derive 
the mid-voltage between taps. The losses are therefore less, 
and circulating current exists only at the time of transfer. 

The question of whether or not it is desirable to reduce, the 
number of operations depends principally upon the reliability 
of the apparatus to accomplish the tap changing. To my mind, 
the elimination of circulating-current losses at periods of light 
load, and the fact that one obtains an exactly equal division in 
voltages by the plan when the normal operating position is always 
at both ratio adjusters on one tap, far outweighs the slightly 
more complicated operating mechanism. 

Referring to Mr. Blume’s paper—it seems to me there is a good 
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opportunity for the combination of load-ratio control trans¬ 
formers and synchronous condensers on transmission-lino work. 
As ho has pointful out, thoro arc certain advantages in each typo 
of control. Tho synchronous condenser has the advantage of 
controlling power factor, and therefore the possibili ty of reducing 
tlie losses. If used in combination with variable-ratio trans¬ 
formers, it is quite possible to reduce tho losses under certain 
operating conditions; for instance, on the light-load condition, 
a synchronous condenser, if used to control the voltage draws 
lagging current, increases tho line current and line losses, and the 
losses in the condenser of course increase as the current increases. 
When using a variable-ratio transformer, it should be quite 
possible to do away with lagging requirements of a condenser, 
exoejiIt, perhaps, when it is necessary to bold down voltage on 
a long, lightly leaded, high-voltage line, when the voltage 
increases due to capacity charging current. 

With a variable-ratio transformer it is possible to reduce 
loading kv~a. requirements of the condenser. 'I 1 hat is, in the 
case of lines of very poor regulation it is not necessary to raise the 
power 1 actor to unity or to loading in order to maintain proper 
voltage regulation. Tho combination of those two, that is 
condenser and variable-ratio transformer, may easily result in 
hath cheaper equipment and very much lower losses over tlm 
average operating conditions. 

H. O. .Stephens: At first thought, one would he inclined t.o 
question why so many different, methods of changing transformer 
voltage under load are used and if it'would not bo bettor and more 
economical in the long run to standardize upon one method? 
This is a perfectly logical question, but the very nature of I,lie 
object to be accomplished makes it difficult to standardize 
upon one scheme that would bis universally applicable. The 
variations in voltage and current are so grind, that one type of 
circuit-interrupting device can hardly lie used throughout tho 
range and if the voltage as well as the current to be interrupted 
is high, it is desirable to keep the number of circuit-interrupting 
devices as small as possible for the sake of economy and size. 

Additional complications, such as auto-transformer comicc- 
tious, tertiary windings, etc., that may lie introduced into the 
transformer, demand that the designer be given considerable 
latitude in his choice of equipment. 1 lowevep, it is very desirable 
to standardize upon as few methods as possible and considerable 
help in this direction can be given by the users of the apparatus 
by slightly modifying their requirements to meet, the exigencies 
of design. 

1 here is a tendency among certain operators to demand 
extremely small voltage steps on Irnnsformers equipped with 
load-ratio control which I believe, in most, cases, is not justified. 
Even when automatic operation is specified, taps in steps less 
than 2 1 ;, per cent can hardly be considered necessary. It should 
be remembered that with 2Id per cent taps, the voltage can be 
adjusted lu within I. hi per cent of the desired value* 

An induction regulator, which is generally considered to he a 
very satisfactory voltage-regulating device, requires at least a 
plus or minus variation of I per eon! from the desired voltage 
lor the cun)aid,“making voltmeters to function, and usually this 
difference is I U to 2 per cent, so that the transformer with 2Ej 
per ceid laps cun be operated to give virtually as good regulation 
of voltage as an induction regulator. For this reason 1 believe 
the extreme refinement supposedly accomplished by the use of 
the so-called “slop induction regulator” with a transformer with 
taps is an unnecessary refinement. When desired, a very small 
percentage in tap variation can readily be accomplished by the 
multiple winding scheme of transformer operation. 

W. M. Damn i think Mr. Stephens has hit the nail very 
squarely on the head when he talks about standardization of 
tap-ehanging-imder-lottd equipment. Of course, this field of 
tap-changing under load is really in its infancy in spite of the 
pioneer equipments that have been in use for several years. 
Tim trend in the design has been very much toward sinqdilica- 


tion and standardization. 1 am wry much in sympathy with 
Mr. Stephens’ remarks about the demands of the industry itself 
If we can get I he operators to simplify some of those demands and 

make use of equipment that has already i.. designed and 

installed, if, will help very materially towards that ideal of 
standardization. 

K. A. Opbiifjer: If is unfortunate that no standard termi¬ 
nology exists upon the general subject of changing taps on trans¬ 
formers under load. Equipment for this purpose is usually 
called a tap changer but at other limes tin term "ratio adjustor” 
is used. The N. E. b. A, has started to colled data on equip¬ 
ment for controlling the voltage ratio of transformers under load 
and already a number of reports has been publi died covering 
these data. Although t his equipment hun developed very rapidly 
during the past t wo years, if is now fairly well standardized and it 
uniform terminology would lie very desirable. 

Kor example, the single-winding method, as described in tlm 
reports mentioned above, appears under the title of "multiple- 
switch method.” 'Phis method has also been milled the "pm- 
ventive-milo-trausformer method” because a preventive uuI,<>- 
transformer or protective reactance is .'twitched along tlm 
transformer taps. This method was one of the hr t employed 
to change transformer taps under load. 

The term "single-winding method” appear: to In* mo d appro¬ 
priate for this particular scheme as it is comparable with the term 
‘‘double-circuit, method” which requires double windings on tho 
transfi inner. 

With reference to the automatic control of tap changers, an 
interesting application is under eotmideraf ion at the present time 
in which the tap changer will automatically control the How uf 
wattless kv-a. between two generating stations in inverse pro¬ 
portion to the load an the two stations, A transformer with 
equipment for changing taps under load in to be used as a thorn 
between the two stations and as the toad on one station is in¬ 
creased the tap changer will automatically operate to transfer 
t lm wattless kv-a, to the other station. This name control might, 
also he arranged to regulate the waft lean kv a. in direct, propor¬ 
tion t.o the load of the two st ations, 

other methods of automatic control may be arranged to have 
tlm tap changer limit the exchange of wattless l.v a. between 
.stations or to have the tap changer responsive t«» changes in 
power factor, 

J. ,S. I.cnnoxE Mr. Hill brought out one point, t hat t think in 
a very good one, and that is that with the parallel winding 
method, the Inuislortuef must be protected against an accidental 
.stoppage of the mechanism leaving a load on mo half of the 
winding. If is lor that reason, 1 think, that the parallel circuit 
method has developed into what Mr, Hill call, a, maple winding 
method, hut distinguished from the arrangement that Mr. Hill 
has described in Ins paper by the fact that the circuit are broken 
in a separate device from the one that changes the lap couueo* 
fion.s, and by ho doing, it is possible to place hc-ido the trims* 
ioruier adjacent to the windings, a tap device of • neb simple and 
sturdy design that if, involves no maintenance problem, and 
permits the use of small stops. Therefore, there b, h»u deteriora¬ 
tion of the contacts in the contact making dm ice placer! outside 
file ft ansi ormer t auk and easily neccanihto for renew it! of eon tacts, 
I'* HHIj Mr. Brand made u compart son of the two 
methods employed, the single-winding method and parallel- 
winding method, and In* mentioned the men a e in loss by the 
use ol file .preventive auto-transformer. It in obviously true 
that additional loss will he introduced by (he introduction of 
additional apparatus, However, with the parallel winding 
method, additional loss is also introduced m a more indirect 
manner. Reactance is required to effect the tap change regard- 
lew of the method used, so Unit,if the parallel winding method is 
used t,lm windings must he ho arranged and so interfaced that 
Hulnemul, reactance will be obtained between them to limit the 
current to a reasonable vuluoduring the transition period. That 
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ordinarily means making the core of the main transformer larger 
and naturally introduces additional loss, although as a general 
thing it is true that it is not as large as -would be obtained by 
means of the preventive auto-transformer. 

He also mentioned that in the single-winding method using the 
simplified preventive auto-transformer, unequal steps were ob¬ 
tained. Naturally, when the equipment is operating with one- 
half of the preventive auto-transformer, in series with the line, 
it acts as a small series reactor. Since the drop is almost entirely 
reactive it is subtracted from the theoretical tap voltage at right 
angles, which at the higher power factors does not cause any 
appreciable unequality in tap voltages. The difference in 
reactance obtained on the two different operating positions of the 
preventive auto-transformer must be taken into account, 
however, under certain conditions of paralleling. 

For example, assume a transformer with four per cent imped¬ 
ance, and with a two-one-half per cent tap, or five per cent in volt¬ 
age across the whole winding of the preventive auto-tr an sformer. 
The impedance volts at full load through one-half the auto¬ 
transformer in series with the line would be about one per cent 
or an increase in reactance from four to five per cent on alternate 
taps, which would not give good paralleling conditions with a 
transformer which did not use the preventive auto-transformer. 
However, with a transformer with eight per cent impedance, the 
change from eight to nine per cent impedance would be pro¬ 
portionally less, and can be compensated for by making the 
impedance of the main transformer winding midway between the 
two values, giving good paralleling conditions. 

In eases where very close paralleling is required or even assum¬ 
ing conditions where the transformers are to be operated at very 
low power factor, when the impedance drops and unequality 
of steps might be of some importance, it becomes a simple 
matter to use the short-circuiting switch shown in Fig. 3 of my 
paper. In that case, the series impedance drop is eliminated 
entirely. 

These things are merely a matter of detail design, and we feel 
the same as Mr. Lennox, that the two methods, single- or parallel¬ 
winding, could be changed from one to the other at will. The 
point is that the method using a preventive auto-transformer is 
fundamentally a single-winding method as distinguished from a 
parallel-winding method. A number of variations of the single¬ 
winding method is possible. For conditions of ordinary design, 
the range in taps to be obtained is generally not more than 20 or 
possibly 25 per cent in steps which ordinarily would not require 
more than 6 circuit breakers. 

If it is desired to cover a very wide range, for example, 100 
per cent range by this method, it is true it would not be desirable 
to add 5 or 6 more switches, as it would make a large and ex¬ 
pensive mechanism. In this case, the switches in each tap lead 
may be contactors or some sort of ratio adjustors with auxiliary 
circuit breakers in the two end connections to the preventive 
auto-transformer to open and close the circuits. Even with this 
type of equipment the few taps required by the single-winding, 
method make it possible to place all switches outside of the main 
tank, so that all moving parts are external to the main case. 

In all the equipment which we have built with the exception 
of the early installation using the parallel-winding method, all 
switches were outside of the tank, and our policy in now building 
the single-winding method exclusively is based on experience with 
both types. We have built these 20,000-kv-a. single-phase units, 
which are large units, with the parallel-win ding method, and we 
have built units up to 25,000 kv-a. with a single-winding method, 
and we are now building some 33,000 kv-a. single-phase units 
using the single-winding method. 

A comparison of the parallel-winding method and single-wind¬ 
ing method when used to obtain a typical range of eight, two 
one-half per cent taps may be of interest. 

With the single-winding method five taps and five switches 
are required. With the parallel-winding method, nine taps are 


required in each winding or a total of 18, making almost four 
times as many taps and switches. 

The measure of the inherent reliability of equipment for a 
certain performance is based on the amount of apparatus and 
moving parts required and the amount of operations of that 
equipment, and the amount of circuit interruptions of that 
equipment are a measure of the maintenance required and 
performance to be expected over a long period of time. To 
change taps by means of the parallel-winding method there are 
required at least six switch operations, whereas but one is required 
with the single-winding method, or in ease the short-circuiting 
switch is used, there are but two. 

In the case of the parallel-winding method there are two 
circuit interruptions per tap change. In the case of the single¬ 
winding method a circuit is closed instead of opened on every 
alternate tap change giving the equivalent of one-half a circuit 
interruption per tap change over the whole range. 

With the parallel-winding method, it is not commercially 
practical to build each of the windings capable of carrying the 
whole load current continuously. Each winding is overloaded 
during the tap-changing operation and a protective system is 
needed to protect the windings in case of accidental stoppage of 
the equipment during a tap-changing operation. With the 
single-winding method no winding is overloaded during the 
tap-changing operation. 

The few taps and switches needed with the single-winding 
method permit mounting all moving parts outside of the main 
tank, which is desirable from the standpoints of maintenance, 
operation, and safety. 

The equipment developed for use with the single-winding 
method is very simple. Proper sequence of all switch operations 
is assured by positive mechanical drive using simple gears and 
linkages. 

In the parallel-winding method, there is a great amount 
of mechanism needed inside the tank which'must be connected to 
the operating mechanism outside, in order to assure proper 
sequence of operations between the internal switches and the 
external circuit breakers. 

The statement has' been made that the parallel-winding 
method is more applicable to large units. I have already men¬ 
tioned some of the large units which have been built using the 
single-winding method. We recently built some three-winding 
units rated at 20,000 kv-a. water-cooled (25,000 kv-a. forced- 
cooled), single-phase on each winding. They were arranged to 
change taps under load on two windings, one 66-kv. and the other 
132-kv. solidly grounded. To change taps' with the single¬ 
winding method, five switches are used in the grounded end of 
each winding. The transformer has but few taps in it, a single 
winding, (no complicated interlacing of paralleled sections) 
and the two preventive auto-transformers are mounted at each 
end of the core, making a very simple arrangement for handling 
one of the largest and most complicated eases of tap changing 
under load likely to be encountered. 

With the parallel-winding- method a very complicated trans¬ 
former with a great number of taps would result which would be 
very difficult to bring out. It would be necessary to interlace 
two 132,000-volt windings and two 66,000-volt windings, giving 
the equivalent of a 5-winding transformer, which is a simple 
3-winding transformer when the single-winding method is used. 

The separate regulating unit has been proposed as being 
desirable for such cases and that is undoubtedly true if the 
parallel-winding method is used, because it is very undesirable, 
in fact impracticable, to build such a transformer with the 
parallel-winding method while it is entirely practicable and 
simple to do it with the single-winding method. The single¬ 
winding method can be applied to any size and rating of trans¬ 
former by the use of the series transformer for very high-voltage 
applications. 

The separate regulating unit has certain definite fields of 
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application, for example, where it is desired to use the voltage- 
control equipment on different parts of the system, or where the 
main units are already installed and additional control is desired. 
However, in the ordinary installation of single-phase units the 
tap changers can be put on each of these units including the 
spare, giving a very simple, reliable, and efficient form of 
installation. 

It is true that when the spare transformer is used there are 
four separate mechanisms to operate with each bank. If a 
separate three-phase regulating transformer is used, as was 
mentioned, it is necessary to install underground or overhead 
structures to connect to the main units which, of course, increases 
the installation costs and space required and introduces far more 
losses than the preventive auto-transformer introduces with the 
single-winding method on the main transformers. The separate 
regulating unit generally has two cores, an exciting transformer 
and a series transformer, w'hieh obviously are much larger than 
in the auto-transformer used with the single-winding method, 
and naturally introduce a very considerable operating loss. 

The regulating unit has the advantage that it does keep all the 
moving parts outside of the main transformer ease, which is 
very desirable. But, the same thing is done with the single¬ 
winding method on the main units. The three-phase regulating 
unit has the additional drawback, that no spare tap-changing 
equipment is available as is the ease when four single-phase 
transformers or seven single-phase units are used. Spare 
tap-changing equipment is becoming almost as important as spare 
capacity for the transformer. 

There is one other place where the separate regulating unit 
might be desirable. In ease the three-winding unit first men¬ 
tioned had been arranged with an ungrounded neutral, so that it 
would be necessary to use the series transformer, in order to 
keep the tap-changer voltage down to a low value, then it would 
require two series transformers, in each winding. The series 
transformers are ordinarily placed inside the tank, along with the 
preventive auto-transformer and that would make quite a large 
number of transformers all in one tank. In the case of such a 
very special application it might be desirable to use a separate 
regulating unit, but even then, the single-phase regulating unit 
for the reasons just mentioned, has some advantage over the 
three-phase unit. Single-phase units of that type are now being 
built. 

Mr. Stephens mentioned that on account of the steps required, 
it seems hardly necessary to use the step induction-regulator 
equipment. That is true perhaps in many cases from that point 
of view, although on account of the fact that no circuit inter¬ 
ruptions are required for a tap change it is very good from a 
maintenance point of view, since it may be operated very fre¬ 
quently without any deterioration on the contacts or oil as would 
be the ease with any step type of equipment; for this reason it 
is well suited for electric furnace operations or in synchronous- 
converter or certain automatic-substation applications. 

L. F. Blume: In the paper by Mr. Hill, mention is made of 
the use of a preventive auto-transformer bridging across adja¬ 
cent transformer taps. This auto-transformer is described as 
being physically of a relatively small size, but designed to operate 
at high-flux density. Operating with one contactor open, with 
the entire load current flowing in one winding of the auto-trans¬ 
former, the saturation of the iron in the reactor prevents exces¬ 
sive voltage drop. 

I am inclined to believe that this method of operation is open 
to the objection that the saturation of the iron in apparatus 
connected in series with a circuit introduces serious wave dis¬ 
tortion in the line voltage. 

Before coming to the conclusion that the arrangement having 
the fewer number of taps is to be preferred to the one using a 
greater number, consideration must be given to a number of advan¬ 
tages wffiieh are obtainable by the use of more taps. First, by 
increasing the number of taps, it becomes possible to reduce the 


voltage short-circuited and also makes it possible to avoid having 
a circulating current in an operating position, both of which 
materially add to the electrical efficiency. 

Second, increasing the number of taps reduces the energy 
which must be ruptured, and on this account both the wear on 
contacts and the deterioration of oil are effectively reduced. 
The result of this is that contacts and oil must be changed less 
often -when more taps are employed. 

Although these arguments are negligible when ratio control is 
used for relatively small kv-a., in the larger equipment they 
become very appreciable and cannot be ignored. 

P. H. Thomas: The tap-changing transformer is in many 
ways a substitute for the synchronous condenser. It is a simple, 
cheap, and effective method of accomplishing the same results 
under certain conditions. The great value of our synchronous 
type of apparatus, however, is its automatic quality. We 
can set it in a system with the proper.regulators and then changes 
that have to be made due to changes in load and accidental 
conditions wall occur automatically. In the most modern ap¬ 
paratus or in apparatus which is to be built hereafter, they occur 
sufficiently 7 quickly to prevent synchronous apparatus dropping 
out of step. 

This is an entirely different thing from adjusting conditions by 
hand to reduce power factor or to get a satisfactory voltage for 
customer circuits. 

To have the tap-changing outfit the equivalent of the syn¬ 
chronous condenser for this sort of work, it is necessary that it 
be able to operate quickly enough to produce the necessary 
changes before the loss of synchronism and other things which we 
fear when sudden load conditions occur. That is one of the sides 
of the question that must be studied very carefully, the speed of 
action and the automatic control of the tap changes. It may be 
in response to voltage; it may be in response to power transmitted 
over some circuit; it may be in response to power factor; it 
may 7 take account of positive and negative power factor; it may 
be dependent upon circuit-breaker operations, or many other 
conditions,—according to the particular place in which the tap 
changing is to be used. 

Take, for example, a tie line between two large systems which 
must pass current backward and forward, according to the varia¬ 
tions of load, perhaps at different times of the day. That is an 
exceedingly exacting duty on a transmission line and transformers 
and calls either for a wide change of power factor if the voltage 
is to be maintained constant at the two ends with a change in 
direction of the load, or a change of tap ratios. 

If the large systems are to operate successfully in parallel, 
rely 7 ing on the use of tap changers to control the interchange of 
power backward and forward, without disturbing voltages, they 
must act very rapidly, and they must act under the control of 
the necessary factor to produce such a result. 

I don’t know just how successful the present apparatus will be 
in that sort of thing, and I wonder if some of the authors could 
give us a little information as to Avhat extent the tap-changing 
operations can be counted' upon to meet accidental and auto¬ 
matically controlled changes in load. 

L. H. Hill: Many types of automatic control to meet more 
or less steady-state conditions have been developed. The 
only installations in service that I know of are responsive 
only 7 to voltage changes. The six 12,000-kv-a. units, illustrated 
in Fig. 6 of my paper, are operating under automatic control 
and maintain the bus pressure approximately constant. Under 
automatic control the tap-changing equipment is of course sub¬ 
jected to considerably more severe duty than would be met with 
under ordinary manual control. Under manual control, the 
tap-changing equipments in operation generally average not 
more than five operations a day, whereas under automatic 
control they may operate ten times as many. 

To eliminate unnecessary operations and avoid hunting it is 
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desirable to insert some time delay, the length depending on the 
application. 

It is also perfectly feasible to work out automatic control to 
transfer the power at a constant power factor. 

Mr. Oplinger mentioned a case where the tap changer will 
automatically control the flow of wattless kv-a. between two 
generating stations in inverse proportion to the load on the two 
stations. There is almost an infinite number of arrangements 
that can be used for automatic control under these more or less 
steady-state conditions. However, for the purpose of using 
tap-changing equipment to effect the stability of a system under 
transient conditions, the present equipment is hardly adequate, 
because the ordinary tap-changing operation requires a matter 
of seconds. With our equipment, it Requires about four sec. to 
ch an ge one tap. It would be entirely practicable to increase 
this speed perhaps to one sec., which would even then be hardly 
short enough to do much good under transient conditions. 

Mr. Blume in his later discussion mentioned that when the 
auto-transformer is connected in series with the line it might 
give trouble, due to harmonies. I think Mr. Blume is confusing 
some of the earlier auto-transformers which we used and which 
were provided with the short-circuiting switch. When the short- 
circuiting switch is used the auto-transformer can be used 
working high on a saturation curve, so that it saturates under 
double-load conditions but in that case it is short-circuited when 
in series with the line, so there is no voltage available to put 
harmonies on the line. 

When the auto-transformer is used in this manner without 
a short-circuit switch, then as mentioned on the third page of my 


paper, the auto-transformer is provided with air-gaps in its core, 
so that the core does not saturate and a straight-line characteris¬ 
tic is obtained. 

L. F. Blume: I wonder whether Mr. Thomas in his discus¬ 
sion did not have in mind more particularly the longer high- 
voltage lines. As far as 1 know, the use of tap-changing equip¬ 
ments has been applied for the most part to the shorter lines, 
by which stations not so very far apart are interconnected, 
where the power to be transmitted is large, and where the re¬ 
actance between stations is not great, as it is in very long-distance 
transmission lines. 

In long-distance transmission, the effect of capacitance and 
of line reactance introduces problems which were not considered 
in the paper. It was assumed that line capacitance could be 
neglected, and that the amount of line reactance was insufficient 
to introduce the question of stability. 

In the longer lines, where the reactance is high, the paper shows 
that the higher reactance means that the kv-a. required for a 
synchronous condenser to maintain constant voltage is pro¬ 
portionally smaller than ratio-control equipments. For example, 
comparing a low-reactance line with a high-reactance line, the 
size of the synchronous condenser required to maintain constant 
voltage with increasing reactance does not increase in kv-a., 
but the size of the ratio-control apparatus is directly proportional 
to the reactance. 

So, for the longer lines, ratio-control apparatus is not only 
relatively more costly, but also on account of other considera¬ 
tions, such as stability, is probably unsuitable. 



Studies on Sparking in Air 
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Synopsis. —({parking voUaycs and gradients in air between 
spheres of unequal diameters ami between two cylinders placed with, 
their axes perpendicular to each other in spare (called cross-eylinders) 
have, been dctermuied. Complete tables (finny the, coefficients of 
gradient corresponding to any given sparing and radii, have been 
tabulated, the Jannulus 'used being those of Kirehhoff and Russell. 
For cross-cylinders, an approximate formula has been developed. 


In the theoretical discussions, the mure d< finite form of the /loon/ 
of ionization by collision as given by lU rye a I laris lots In , n extended 
to the sphere-gap and a relation has beta deduced to account for 
the variation of the sparking gradient nr- invest iynt> d in the first 
part, of this work, which is in substantial ayrrement irith them 
found by F. W . Fctk, , 1 . Russel!, ami olio rs. 
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Introduction 

PARKING volumes and gradients between needle¬ 
points and spheres have been measured by many 
investigators. It has been theoretically shown 1 
that the relation between the sparking voltage and the 
spacing, when the spacing is so large that corona pre¬ 
cedes a spark-over, should conform to a linear law. 
Such is, in fact, the case for the needle-gap, as shown by 
F. W. Peek" and others. For spheres, it has also been 
shown by .Peek® and A. Russell 4 that for large spacings 
under twice the radius of the spheres, the results seem 
to indicate a constant sparking gradient for a given size 
of spheres when both of them are insulated and are at; 
equal and opposite potentials, the middle of the high 
voltage winding of the transformer being connected to 
earth. As for the case when one of the spheres is 
grounded with the high potential applied to the other 
insulated sphere, all experimental data seem to contra¬ 
dict this view. 8 ' 12 In this cast*, the sparking gradient 
decreases rapidly at first; and then gradually increases 
with the spacing. 

The existing theory to explain these phenomena is 
mainly due to Peek, who assumes that air has a con¬ 
stant dielectric strength, an assumption fairly well 
borne out by the corona measurements on concentric 
cylinders and parallel wires. Inasmuch as this theory 
was extended from the phenomenon of corona, it. seems 
advisable to study the problem of sparking in air by 
using different kinds of electrodes, namely, two spheres 
of unequal diameters and two cylinders placed with 
(.heir axes perpendicular to each other in space (called 
cross-cylinders, for brevity) to see if similar relations 
exist, and to derive a law for sparking based on the more 
definite form of the theory of ionization as first formu¬ 
lated by J. S. 'Townsend and later extended by Bergen 
Davis to the corona measurements on concentric 
cylinders and parallel wires. R, is thus seen that the 
present investigation falls into two parts: namely, the 
determination of the sparking voltages and gradients 
for the above types of electrodes, and the formulation 
of a theory to explain the more or less empirical re- 

*\Vurrc>Nl<T i'ofvD'eluiie In.sl.iluln, WorwHtor, Mass. 

1. For all rdVroneas .son Bibliography. 

Ret muled at the Regional Meeting of District No. I of the 
A. /. F. F,, Pittsfield, Mass., May dfi-i'Ri, 1027. 
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Inti on of Peek and Russell based on the known laws of 
ionization by collision. 

Part I 

Sparking Voltauhs and Gkapiknts Bktwnnn Un- 

MQlIAIi Sl’IlKUKS AND BRTWKKN ('UOSS-( ’VbINDKUS 

Formula a and Ttthlnt for the CttlvuUifitm <>/ the Maxi¬ 
mum (Irttdivuln hclirtru Ihmjtuil Sphrnr, and Cnm- 
('f/Iindent. 'The ease of two conduct ing spheres is of 
classical interest., being among the problems first sue- 
cessfully solved by Poisson by using his famous integral. 
Clerk Maxwell 1 ® also gave a solution but it was too 
complicated, to be of any service in a numerical work. 
The first, workable formula, was given by Kirehhotf 14 . 
It was put. into a manageable form by A. Russell 1 *, 
who proved the ease for two equal spheres by the 
method of an infinite series of images, while (J. R, 
Dean 10 solved the same problem by using hyperbolic 
functions and zonal harmonics. In the appendix to 
follow, it; will be shown how Russell's reasoning can be 
extended to the general ease of two spheres of un¬ 
equal diameters. From the proof it will be seen Unit 
the gradient at the surface of the spheres on the line 
of centers may be calculated from the following 
relations: 

G\ Vi Fu/X - V« F -t X 

and 

//, , YGVA F, A* 
in which X spacing between the spheres, (F, the 

gradient at. the surface of the smaller sphere, VA the 

volt,age on tin* smaller sphere, and (!■• and l , the cor¬ 
responding values for the larger sphere. The different 
Fs will he ealled t'ovjficimls of tfmdienl. The double 
subscript adopted is similar to the notation used in 
electrostatics for the coefficients of capacity, or of 
induction, or of potential. By giving appropriate 
values to the different, V”s, these general formulas 
will he found to be applicable to t he different arrange¬ 
ments that are investigated: namely, when f ' s Y% 
— V/2, the case when both spheres are at equal and 
opposite potentials, V being the potential difference 
between them; and when V, O or when V?, 0, 

the two cases when one of the spheres is grounded, 
.1 bus for the case when bot h spheres are insulated and 
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areal equal and opposite potentials, the Iavo coefficients 
of gradient may lm taken as: 

b\ (Fn I /*\i‘ 2. and F- | F [v ) 2, 

respect ively. 

The various /'As are expressed in convergent, series, the 
arguments of which are functions of the ratios h to a, 
ratio of radii, and X to a, ratio of spacing to t he smaller 
radius. The values for these when h a, (,<•., when 
the spheres are equal, have been given by other in¬ 
vestigators 5 '. In the following tables only and F v .i 
are given: the \ alues for /A.„ and F vu except, for the ease 
when one sphere has infinite radius, ran he made to 
depend on t hose of /**,» and /A, by a reciprocal relation 
which will be discussed fully in the mathematical 
appendix. 

her ready referenee and interpolations. Figs, 1,2,11, 
and -1 giving values of F iU F-- u F v; , and art* herein 
attached. 

For the case of erosswylinders, because of the lack 


in the investigation. The small disk, 50 cm., was a 
east iron plate with the surface carefully scraped. The 
larger circular plane, 150 cm., was made of galvanized 
sheet iron with a %-in. (2-cm.) lead tubing soldered all 
around the edge. 

Three pairs of cross-cylinders were used: one pair 
with 25-cm. in diameter being 48 in. (122 cm.) long 
excluding the hemispherical ends, and the other two 
pairs, both 5 in. (12.7 cm.) in diameter, being in two 
different lengths, namely, 24 in. (61 cm.) and 48 in. 
(122 cm.), respectively. They were supported hori¬ 
zontally at the ends at about four feet (120 cm.) from 
ground. 

The method of voltage measurement was by com¬ 
parison with a pair of standard 25-cm. spheres, the 
sparking curves being those given by the A. I. E. E. 
standards. Two transformers, both having the center 
of the high voltage winding grounded, were first cali¬ 
brated against the 25-cm. sphere-gap to determine 


of symmet ry, if in not possible to obtain an exact solu¬ 
tion of the problem by using known methods of mathe¬ 
matical analysis. In Appendix II, an attempt has been 
made at an approximate solution, the basic principle 
of which is quite similar to that employed by I>enn ls 
in deriving an approximate solution for two equal 
spheres, It will be seen t hat for the case in which both 
equal cylinders are insulated and are at equal and oppo¬ 
site potentials, the coefficients of gradient F are given 
by the following table of values, using which the values 
of the maximum gradient can be calculated from the 
relation: 


their ratios of transformation. Knowing these, the 
sparking voltages on unequal spheres and cross¬ 
cylinders were determined from the readings on the 
low voltage side of the transformer. The voltage 
ranges of the transformers were approximately 150 kv. 
between terminals for the smaller unit and either 250 
kv. or 500 kv. between terminals for the larger unit, 
according to whether the low voltage side was connected 
in series or in parallel. The wave'shape of the low 
voltage supply was very nearly sinusoidal. The 
frequency was 60 cycles. 

In all of the determinations, the atmospheric density 


a v 2 V F, X 

where 11 is the gradient, 1" tin* effective poi.ont.ial 
ditference, and .V the spacing. 

Appnnihw, Mcthutl <>f Mrmurvnmit, Fie. Five sizes 
of spheres were used in the investigat ion, t heir diameters 
as measured by calipers being 25.0 cm., 20.2 cm., 15.0 
cm., 10.0 cm., and 5.05 cm. They were made by 
soldering together two hemispherical howls that were 
spun from copper, Their shape was quite satisfactory, 
as measurements of the curvature by means of a sphe- 
romefer did not vary more than one per cent. The 
shanks were brass tubes, projecting 60 cm. from the 
spherical surface, each tube having a diameter about 
one-eighth of that of the sphere to which it was fitted. 
For t he determinat ion of sparking between a sphere and 
a plane, sphere of infinite radius, two sizes of plane 
surfaces were used, one being about at) cm. in diameter 
and the other 150 cm, At short spaeings, it, was found 
that the determinations were practically the same, 
using either plate. Only when the spacing became 
large, about one-sixth of the diameter of the plate, 
did deviations begin to appear. From this, it was con¬ 
cluded that with the 150-cm. plate, the sparking 
voltages as measured might be assumed to be indepen¬ 
dent of the diameter of the disk for spaeings smaller 
than 25 cm., which was the upper limit cont emplated 


was corrected for. The correction factor was taken to 
be simply 6.02^/(272 + t) to reduce all observations to 
the standard condition of 76 cm. Hg and 25 deg. cent., 
B being the barometric reading in cm. Hg and t the 
temperature in degrees centigrade. 

Experimental Data and Results. In the following 
tables, the coefficients of gradient have not been en¬ 
tered, their values being interpolated from the curves 
constructed from the tables of values already given, 
Figs, 1, 2, 3, 4. Calculations for the gradients were 
made only for cases in which the spacing was under 
twice the radius of the smaller sphere, as beyond this 
spacing there was good reason to suspect the formation 
of corona before a spark-over so that similar computa¬ 
tions would become meaningless. 

Each value is the average of five consecutive readings. 
Unless otherwise indicated, deviation from this average 
is small and negligible. 

The symbols at the head of each column are: 
a and b » radii of spheres, in cm., 

X « spacing between the spheres, in cm., 

V * sparking voltage when both spheres are in¬ 
sulated and are at equal and opposite potentials, in 
. kv. elf., 

Vi b= sparking voltage when small sphere is insulated 
and the large one grounded, in kv. eff., 
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V% = sparking voltage when large sphere is insulated 
and the small one grounded, in kv. eff 
G x = V2VFi/X; G n = V2V 1 Fu/X; and G 21 
= V 2 y 2 Fn/X are the maximum gradients at the 
surface of the small sphere corresponding to the three 
arrangements, in crest kv. per cm., 

G 2 = V2VFJX; G x% = V2 Vi F x JX; and 


T/////JWI 


Fig. 1—Coefficient of Gradient for Two Spheres. 


Values of Fi 


x b 


EHSi 


Fig. 3 Coefficient of Gradient for Two Spheres. 
Value of F ™ ^^^ 


■nu?i 



0 0.4 0.8 1.2 1.6 2.0 2.4 

“—r— 

Fig. 2 —Coefficient of Gradient for Two Spheres. 


Values of F 2 i 


(— —) 
\ a t a J 


Fig. 4—Coefficient of Gradient for Two Spheres. 
Values of F ia (- X — 

G 22 = V2 7 2 Fn/X are the corresponding maximui 
gradients at the large sphere, in crest kv. per cm. 

Summary of Results. Part of the above data has bee 
plotted into several sets of characteristic curves. Froi 
these (Pigs. 5, 6, 7, 8) the following points may b 
inferred: 
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1. Unstable Part of the Curves. There is a part in 
each sparking curve where the sparking voltage is not 
definite. These parts have been shown as dotted lines. 
The irregularities at these portions are presumably due 
to the formation of excessive corona and begin at a 
separation somewhere around three or four times the 
diameter of the smaller sphere. 

TABLE i 

COEFFICIENTS OF GRADIENT FOR SPHERES 
Values of Fu 

b/a = ratio of radii; X = spacing 


X/a 

0.50 

1.00 

1.50 

0.0 

1.00 

1.00 

1.00 

0.2 

1.01 

1.07 

1.09 

0.5 

1.08 

1.20 

1.25 

0.8 

1.25 

1.38 

1.44 

1.1 

1.46 

1.59 

1.66 

1.4 

1.70 

1.83 

1.90 

1.7 

1.96 

2.08 

2.15 

2.0 

2.23 

2.34 

2.41 


TABLE II 

COEFFICIENTS OF GRADIENT FOR SPHERES 
Values of Fn 

b/a = ratio of radii; X = spacing 


0.50 

1.00 

1.50 

2.50 

5.00 

1.000 . 

0.999 

0.969 

0.905 
0.856 
0.816 
0.782 
0.756 

1.00 

1.07 

1.15 

1.19 

1.20 
1.21 
1.21 
1.20 

1.00 

1.09 

1.22 

1.31 

1.38 

1.43 

1.47 

1.49 

1.00 

1.11 

1.27 

1.43 

1.56 

1.67 

1.76 

1.84 

1.00 

1.12 

1.32 

1.52 

1.71 

1.89 

2.05 

2.20 


TABLE III 

COEFFICIENTS OF GRADIENT FOR SPHERE AND PLANE 
Values of Fn = Fn 

X/a = spacing divided by radius of sphere 
-y/r, I F<>; 1 X/a i Fn 


X/a 

Fn 

X/a 

0.0 

1.000 

1.1 

0.2 

0.926 

1.4 

0.5 

0.848 

1.7 

0.8 

0.771 

2.0 


TABLE IV 

COEFFICIENTS OF GRADIENT FOR CROSS-CYLINDERS 
Both Electrodes Insulated 


X/a 

F 

X/a 

0.0 

1.00 

1.6 

0.2 

1.01 

2.0 

0.5 

1.06 

2.4 

0.8 

1.10 

2.8 

1.2 

1.17 

3.0 


the highest curve is the one for equal spheres as inter¬ 
polated from the data of the A. I. E. E. standards while 
the lowest curve is the one between a sphere and a plane. 

3. General Character of Curves of Series III, Large 
Sphere Insulated and Small One Grounded. The same 



0 l _l_I-1-1-' — - i - -!-‘- 1 --L 

U 0 5 10 15 20 25 

SPACING, CENTIMETERS 

Fig. 5—Sparking Voltages V Between Unequal Spheres 

•n ia.m pit.ftr of small sphere = 5.05 cm. 

Diameter of large sphere = 2b, as indicated 
Both spheres insulated 



SPACING, CENTIMETERS 

jp IG- e—S parking Voltages Vi Between Unequal Spheres 

Diameter of small sphere = 5.05 cm. 

D iam eter of large sphere = 2 b, as indicated 
Small sphere insulated; large one grounded 


2. General Character of Curves of Series I, Both 
Spheres Insulated, and Series II, Small Sphere Insu¬ 
lated. These two series as shown by Figs. 5 and 6, 
show that the more nearly equal are the diameters of 
the spheres the higher is the sparking curve. Thus 


conclusions cannot be reached in this case as in the 
previous two cases, Fig. 7. When the diameters of the 
spheres do not differ greatly, the sparking curve bends 
over much more than the corresponding curves m the 
other two series. A probable reason for this will be 
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given when the sparking gradients are studied. It 
will also be seen that the sparking curve between a plane 
and a sphere is again lowest. 

4. Sparking Gradients for Series I. From the tables, 



Pia. 7 —Sparking Vqm’achss Fa Bistwistan Unmqual Bihusukh 

Blftinivtor of small Hplioro » 5.05 cm. 

Dlamotior or largo Hphoro « 2 ft, tin Indicated 
Small sphere grounded; largo one Insulated 



Fl(d 8--SPAUKING VoLTAUWS BfflTWKISN EQUAL SPUKHISS AND 
Bktwiokn Equal Oiujsh-Ovlinjiisks 
Both oloctrodoHlnHulatod 

it is seen that the sparking gradients G x at the smaller 
sphere are very nearly constant for a given size of the 
smaller sphere within the range of the spaeings investi¬ 


gated. The general relation is: the smaller the radius, 
the higher the sparking gradient. 

> 5. Sparking Gradients for Series II. The values for 
On, t. when the smaller sphere is insulated, will be 
seen to increase somewhat with the spacing. This 
increase seems to he greater as the ratio of the radii, 


TAHI.K V 

UNKQUAIi HldlKKKH 
ii » f ,.()5 nn.; 2 b « UMt cm.; b n - 1 .US 


X 

V 

V. 

V’ a 

til 

j 6|| 

! (hi 

| <h ! (hi 

2.01 

IK. 5 

10..8 

10.0 

18 1 

40,0 

IS . 0 

| 27,0 | 27.0 

1.05 

51 .0 

50.7 

55.1 

18.8 

4 1 5 

10,0 

24 4 ! 22,0 

4.00 

01 .0 

5.H. 0 

07.8 

10, 1 


1,8 0 

22,7 | 18,4 

6. OS 

00.4 

04.5 

78.5 

10,0 

41.8 

10. V 

21,8 j 15.0 

0.101 

70,2 

71.0 

80,0 




| 

7.01 

.85.5 

77.1 

104 




f 

{ 

0.05 

05, ,8 

82.0 

121 




j 

12.70 

107 

88. 1 

11.8 





17.7 5 

125" 

101" 

152 




I 

22. H5 

Ml" 

10.8* 

150* 




1 


( _/'|l , 'rum this point mi, the gradient was not culciduted oh ucemml of t ho 
format lmt of corona. 

"’Individual readings varied considerably from tho average value her# 
given. 


I AlUiCi 


UN'KQUAI. Sid IKK, KM 
! « *5.05 cm.; 2ft * 20.0 cm.; A 


i tin 


X 

V 

Vl 

V 2 

til 

0*11 

<*'31 

<*3 

0 is 

2.(11 

10.7 

10,8 

17,1 

18,7 

10,2 

1,8.7 

22: 4 

22.4 

1.05 

47.2 

40,4 

48.2 

10,0 

10.7 

18.1 

l H . ii, 

17,4 

4,00 

55. 1 

61.1 

5 .8 0 

10 4 

40,4 

1H , 7 

16 0 

11 0 

6,08 

02,0 

50,0 

05, H 

10 H 

41 6 

18 1 

14 2 

12 0 

(1.001 

70.5 

04.7 

78.1 






7.02 

70,5 

70,1 

Hi, 4 






0. (15 

85.5 

75.0 

08, 1 






12.70 

04. K 

80.1 

118 






17.78 

124 

88,1 

146 






22.80 

114* 

00,(1* 

171 







tin 

151,2 
ill, 5 
17, H 

17.18 


TAHl.K VII 
UNKQUAf, NldlKRKN 
1! n * 5.(15 cm,; 2 A *» A/n 


X 

V' 

Vl 

v a 

fi\ 

f*‘u 



<*'u 

2.01 

14.8 

16. 1 

15, l 

18,8 

10,2 

; '" v ' 

10, i 

18,0 

18 8 

1.05 

41,0 

41,1 

41 ■ 1 

18,7 

10.0 

11,0 

11,5 

11.7 

4.00 

40,0 

40.4 

40.2 

10,2 

10.4 

10 2 

10,1 

10,4 

5.08 

64.1 

51.8 

64.1 

40, H 

10 0 

40,1 

8.22 

M. 10 

O.lUlf 

00.0 

60.4 

01.0 






7.02 

02,6 

01,0 

02,1 






10.10 

07.2 

00,7 

07.5 






12.70 

75* 

72.4 

71.1 






17.78 

85* 

81.5 

85.2 






22.811 

100* 

01* 

06, 1 







5*31 

18.7 

11.7 
10.1 

H . 16 


TAHiitS VIII 
tiNisqu Aii sid us mss 
2 « * lo.o cm,; 2 ft m i5o cm.; ft/« 


X 

V 

Vi 

v„ 

2.01 

41.7 

41.8 

41. 

1.06 

60.4 

68,6 

80. 

4.67 

82.0 

70.0 

84. 

0.00 

104 

07.6 

118 

8.(54 

122 

110 

118 

10.10 

112 

118 

151 

l».70f 

148 

128 

108 

16.24 

108 

146 

178 

80.82 

187 

182* 

1114 

26.40 

800 

146* 

801 


(n 

14,4 
16,1 
10,1 
10,1 
10.0 
16.8 


tin 

14.7 

15.1 

10.7 
17. H 
18,5 

10.2 




*14,2 
11,6 
14. 8 
11.0 
112.2 
11.1 


** 1.50 


! f '* 

a a 

10 1 

10 , 8 

80 . 4 

88.4 

88,6 

20,0 

80,4 

21.1 

. 85,1 

17.0 

24.0 

10,0 


tin 

10.0 

10.1 

10.0 

12.2 

14.0 

16.7 
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b/a, is more nearly unity. Thus for equal spheres, this 
increase will be found to be greatest and for a plane and 
a sphere, it is almost entirely negligible. 

6. Influence of G 2 and G v >. For the two series above 


discussed, the influence of the gradients at the surface 
of the larger sphere, i. e., of G- and G v >, seems to be 
negligible since they vary between wide limits. It is 
probable that they do not have any primary effect in 


TABLE IX 
UNEQUAL SPHERES 
2 a = 10.0 cm.; 2 6= 25.0 cm.; b/a = 2.50 


X 

V 

Vi 

v 2 

Gi 

Gn 

Gn 

Go 

Gl2 


2.03 

42.0 

41.8 

41.8 



35.2 

28.3 

28.6 

28.3 

3.05 

58.3 

57.4 

57.8 

36.1 


35.3 

26.0 

25.2 

26.1 

4.57 

77.0 

75.1 

77.6 

36.2 

36.3 

35.2 

22.6 

21.2 

23.7 

6.60 

96.5 

92.1 

101 

36.2 

37.1 

35.2 

19.7 


22.5 

8.64 

112 

104 

121 

36.4 

37.7 

34.8 

17.9 

14.1 

22.4 

10.16 

122 

112 

135 

35.7 

38.5 

34.2 

17.1 

12.5 

22.5 

12.70f 

137 

122 

157 







14.73 

148 


173 







18.29 


136 








21.34 

173 









25.40 

184 

142 









TABLE X 

UNEQUAL SPHERES 
2d = 10.0 cm.; 2 b - oo; b/a = oo 


X 

V ' 

Vi 

v 2 

Gi 

Gn 

G 21 

g 2 

Gl2 

G 22 

2.03 

39.9 

39.5 

39.5 

35.7 

35.2 

35.2 

24.2 


24.0 

3.05 

53.1 

53.2 

52.9 

35.4 

35.5 

35.2 

20.2 

19.6 

20.0 

4.57 

68.8 

68.0 


35.7 

35.2 

35.8 

15.8 

15.6 

15.6 


S2.6 

82.2 

82.0 

35.9 

35.7 

35.6 

11.7 

11.6 

11.6 

.8.64 

92.4 

91.7 

92.5 

36.2 

36.0 

36.2 

8.89 

8.83 


10.16 

99.6 

99.5 

99.5 

37.0 

36.9 

36.9 

7.55 

7.55 

7.55 

12.70f 

108 

107 

108 







15.75 

119* 

116* 

117 








122* 

134* 

128 







25.40 

133* 

138* 

142 








TABLE XIII 
UNEQUAL SPHERES 




2 a 

= 20.2 

cm.; 2 

b = oo 

b/a — 

CO 



X 

V 

Vi 

V 2 

Gi 

Gil 

Gn 

Go 

Gi 2 

Goo 

2.03 

41.1 

40.0 

41.5 

32.4 


32.7 

26.7 

20.8 

26.9 

3.05 


58.1 

58.3 

32.9 


32.5 

24.6 

24.3 

24.4 

4.57 

80.7 

. 80.1 

79.9 

32.8 


32.5 

21.5 

21.3 

21.2 

6.60 

104 

104 • 

103 

33.0 

32.8 

32.5 

1S.1 

17.9 

17.8 

8.64 

1 

122 

122 

33.0 

32. S 

32. S 

15.2 

15.1 

15.2 

10.67 

137 

136 

138 

32.8 

32.8 

33.0 

12.9 

12.8 

13.0 

13.21 

153 

151 

154 

33.3 

32.S 

33.4 

10. S 

10.S 

10.9 

16.25 

168 

165 

172 

33.6 

33.0 

34.4 

S.S3 

S.G5 

9.05 

20.32t 


180 

190 







25.40 

196 

194 

214 








TABLE .XIV 


UNEQUAL SPHERES 


2 a = 25.0 cm.; 2 b = co; b/a = oo 


X 

V 

Vi 

v 2 

Gi 

2.03 

41.0 

41.0 



3.05 

58.6 

58.4 

58.2 


4.57 

82.2 

81.3 

81.9 

31.7 

6.60 

107 

106 

108 

31.4 

9.15 

131 

133 

135 

31.0 

ll.lSf 

147 

150 

152 

31.0 

13.71 

165 

168 

172 

31.3 

17.27' 

186 

188 

195 

31.6 

21.34 

205 



32.3 

25.40 

221 



32.S 


Gn 


Go 


g 22 

31.5 

31.5 

27.0 

27.0 

27.1 

31.4 

31.4 

25.1 

25.0 

24.S 

31.5 

31.6 

22.5 

22.2 

22.4 

31.4 

31.6 

19.0 

19.0 

19.4 

31.5 

31.9 

15.9 

16.1 

16.3 

31.5 

31.9 

13.9 

14.2 

14.4 

31.7 

32.6 

12.0 

12.2 

12.5 

32.1 

33.3 

9.S3 

10.0 

10.4 



Ujllj 





1 6.72 


I 


TABLE XV (A) 
CROSS-CYLINDERS 


TABLE XI 


UNEQUAL SPHERES 
2a— 15.0 cm.; 26= 20.2 cm.; b/a = 1.345 


X 

V 

Vi 

v 2 

2.03 

42.5 

' 42.4 

42.5 

3.05 

60.7 

60.5 

60.6 

4.57 

85.7 

84.1 

86.0 

6.60 

113 

108 

117 

8.64 

137 

129 

146 

10.67 

157 

143 

171 

13.71 

182 

160 

19S 

15.24 

191 



16.76f 


172 


19.30 

218 

182* 


22.86 


199* 


25.40 

248 

205* 



Gi 


33.0 

33.0 

33.4 

33.6 

34.0 

34.0 

34.1 

34.8 


G 11 

G 2 i 

g 2 

Gi 2 

G 22 

32.9 

32.9 

31.8 

31.8 

31.8 

33.2 

32.7 


29.7 

30.2 

33.7 

32.7 

29.2 

27.8 

30.2 

34.3 

32.5 

28.2 

25.1 

31.3 

35.3 

32.2 

27.4 

23.2 

32.6 

35.9 

31.2 

26.7 

20.2 

34.1 

36.8 

1 


17.1 

35.7 


TABLE XII 
UNEQUAL SPHERES 
2 a = 15.0 cm.; 26 = oo; b/a = oo 


X 

V 

Vi 

V 2 

G 1 

G 11 

G 21 

g 2 

Gl2 

G22 

2.03 

3.05 

4.57 

6.60 

8.64 

10.67 

13.71 

16.76f 

19.30 

22.86 

25.40 

40.5 

56.9 

75.9 
94.7 

109. 

120 

135 

146 

155 

165 

170 

41.1 

57.0 

75.5 

94.6 
109 
121 
133 
144 
153 
166* 
171* 

41.8 

56.5 

74.8 

94.5 
110 
122 
137 
149 
160 
172 
180 

33.5 

33.8 

34.0 

33.7 

34.1 

34.2 
35.0 

34.0 

34.0 

33.7 

33.8 

34.1 

34.2 
34.4 

34.5 

33.6 
33.4 

33.7 
34.3 

34.7 
36.0 

25.7 

22.9 

19.1 

15.2 

12.2 
10.0 

7.85 

26.1 

23.0 

19.7 

15.2 

12.2 
10.1 

7.72 

26.5 

22.8 

18.8 

15.2 
12.4 

10.2 
7.94 


Diameter = 12.7 cm.; net length = 61 cm. 
Both Electrodes Insulated 


X 

V 

G 

X 

V 

G 

2.23 

45.7 

30.3 

7.14 

134 


3.17 

64.3 


9.65 

169 


4.32 

88.5 

30.5 

11.15 

188 

29.6 

5.86 

113 

30.4 


192* 



* Sparking across the ends; not reliable. 


TABLE XV (B) 


CROSS-CYLINDERS 


Diameter = 12.7 cm.; net length = 122 cm. 
Both Electrodes Insulated 


X 

V 

2.74 

55.8 

3.83 

77.7 

4.95 

96.7 

6.43 

122 

7.95 

145 


G 1 

X 


9.75 


11.86 

30.5 

14.00 

30.7 

15.40 

30.5 

16.50 


V 

G 

171 

30.3 

195 

30.1 

221 

29.7 • 

242 

30.2 

255 

30.3 


TABLE XVI 
CRO S S-CYLINDER S 
Diameter = 25.0 cm.; net length = 122 cm. 
Both Electrodes Insulated 


X 

V 

G 

X 


G 

2.62 

3.81 

5.03 

7.95 

54.5 
77.7 

99.5 
151 

29.7 I 
29.1 

29.4 

28.5 

l 

■ HH 


28.5 

2S.2 

27.8 


♦Sparking across the ends; not reliable. 
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causing the sparking, which, as already pointed out, 
seems to be mainly governed by the gradients Gi and 
G n at the smaller sphere. 

7. Sparking Gradients for Series III. For the third 
series, namely, that in which the smaller sphere was 
grounded with the high voltage applied to the large 
sphere, the'sparking gradient G 21 at the surface of the 
smaller sphere sometimes increases and sometimes 
decreases with the spacing while the values of G 22 , 
i. e., the gradient at the larger sphere, are not always 
smaller than Gn- In fact, for the cases in which the 
sparking curves in the third series bend over and inter¬ 
sect the others as noted in (3) above, the gradient 
G 22 increases and finally becomes larger than Gn, 
see Tables VIII and XI. In these cases it is probable 



that the law of sparking should be formulated to take 
account of the influence of both G 22 and G 21 . This is a 
probable explanation why the curves in this series bend 
over much more than the corresponding curves of the 
other two series. 

8. Comparison of Curves for the Three Series. 
When the same pair of spheres is used, it will be seen 
that the sparking curve is highest when the smaller 
sphere is grounded and lowest when it is insulated, with 
the case when both spheres are insulated and are at 
equal and opposite potentials falling in between the 
two. For the arrangement when one sphere has in¬ 
finite radius, i. e., a plane, all three curves are practi¬ 
cally the same. 


9. Data on Cross-Cylinders. The general relation 
that the smaller the radius, the higher the sparking 
gradient, has been found to be also true in the case of 
cross-cylinders. When the electrodes are at equal and 
opposite potentials, this gradient seems to be a constant 
for the spacings considered. As no mathematical cal¬ 
culation has been made to determine the sparking 
gradient when one cylinder is grounded, nothing can be 
inferred about this arrangement. Measurements of 
the sparking voltages in this latter arrangement showed, 
however, that the sparking voltages were not far dif¬ 
ferent from those determined for the former case of 
both insulated electrodes. Because of the flux distribu¬ 
tion, it will be noted that the sparking curve for cross¬ 
cylinders lies higher than the corresponding curve for 
spheres with the same radius, Fig. 8. It should also 
be noted, however, that the sparking gradient in the 
case of cross-cylinders is smaller than the corresponding 
value for equal spheres having the same radius. 

From the data on the two lengths of the 12.7-cm. 
cylinders, it will be seen that when the spacing was below 
one-sixth of the net length of the cylinder, no appreci¬ 
able difference in the sparking voltage was observed 
by using either pair of electrodes. 

Part II 

Theoretical Considerations 

Before proceeding to a discussion of the Davis theory 
of the corona, from which it will be shown how to 
derive the relation between the sparking gradient and 
the radius of the sphere, it would be advisable to give a 
brief account of Peek’s theory of the sphere-gap so as 
to afford a ready comparison of the two. Peek 19 as¬ 
sumes that air has a constant dielectric strength G 0 . 
But to cause rupture, energy as well as gradient is 
necessary. Thus corona or sparking does not occur 
when the gradient at the surface of the electrode equals 
G 0 , because energy has not yet been supplied sufficiently. 
It is only after the gradient at a certain distance away 
from the surface of the electrode equals G 0 and hence 
that at the electrode exceeds Go, that the energy supplied 
is great enough to cause a rupture. Thus due to curva¬ 
ture of the electrodes, the sparking gradient at the 
electrode with the radius a should satisfy a relation: 

G a — Go (1 + A/y/a) (1) 

in which A is a constant, Go the constant dielectric 
strength of air, and a the radius. From his results on 
concentric cylinders, parallel wires, and spheres, Peek 
finds that the values for G 0 .vary somewhat for the three 
arrangements. He attributes this variation to the 
unbalancing of the field and claims that the dielectric 
strength of air is probably given by the value 31 kv. 
per cm. as obtained from the determinations on con¬ 
centric cylinders where the field distribution is the same 
on all sides. In the case of parallel wires, there is some 
unbalancing so that G 0 becomes less, being only 29.8 
kv. per cm., while for spheres, the unbalancing is 
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greatest, in consequence of which I lie value of (»„ is 
also lowest, being only 27.2 kv. per cm. 

Besides t his diilieully and I he rather indefinite 
magnitude of flu* rupturing energy required by Peek’s 
theory, it is also necessary to aemunf for t he variation 
of the sparking gradients in flu* eases when one of the 
spheres is grounded. Although arguments have been 
advaneed to explain this variation, they are not at all 
convincing/'*. As Bergen Davis lias demonstrated 
how the theory of ionization by collision ran be applied 
to the corona formation around cylindrical conductors, 
it appears best to extend litis to the case of the sphere- 
gap since our present knowledge and confidence in the 
electron theory is far greater than at the time of the 
deduct ions of i fcivis. 

In order to extend this theory, it is necessary to note 
I he main assumpt. ions as follows: M 

/, On Hit' Afit'nt'it of Ionization. Under the con¬ 
ditions of sparking that are being dealt with, ionization 
of I he gas molecules is primarily due to t he collisions 
with electrons. The ionizations caused by positive 
ions and phoiorlrrt Hr effects are very small and may 
he neglected. 

2 . ()n the h'nrrtjy firtjuiml for / onizutinn. When an 
electron collides with a molecule, ionization will follow 
only when the normal component of the kinetic energy 
of t he elect ron equals or exceeds a certain least value, 
which value is a roust ant charneleristic of the gas. 
Thus for a given density, the number of ionizing im¬ 
pacts depends on the Held intensity. By statistical 
consideration?;, if can be shown how the number of 
ionizing impacts and the gradient are related. For 
practical purpose, a gradient, at which ionization begins 
to be appreciable may hr assumed to correspond with 
the value f# H of Peek’s formula ftp hut nut vtpml to it. 

it. (hi (hr PhifHimt i*rtH , rxH ujf Sparkiny or Corona 
Formation in tin Alt* nmtuuj Klrrtrir Field. C’onsider 
two concentric spheres for the sake of simplicity. 
Bet the rupturing potential difference he applied. 
Suppose the inner sphere is passing through the erest 
value of the positive half of t he voltage wave. Imagine 
a concent ric sphere St to be the surface at which the 
gradient is OT, i,t\, the value at which ionization by 
collision is appreciable under the given density con¬ 
ditions. Ah flu* inner sphere is at the positive half of 
the wave, free electrons will lie moving towards it. 
When t best* frweleelronspaswinside of t he region within 
the sphere M , ions and Diet rous multiply due to colli¬ 
sion. Thus, if then* art* originally AT electrons at the sur¬ 
face of df, the number arriving at the inner sphere will 
l>e greater than AT, say AT,. As the voltage wave de¬ 
creases and finally becomeH negative, some of these 
AT i electrons will move outward while a number of them 
will disappear, being taken up by the conductor as con¬ 
vection current. Those that move outward will again 
cause ionization by collision and will at the same time 
recombine with the positive ions that they overtake in 
their course. The net result of this is that at the next 


half-cycle, when the inner electrode is positive, the 
number of electrons at the surface of the imaginary 
sphere M is greater than AT, the original number due 
to the natural ionization of the atmosphere. Call 
this N |. These N i electrons will again produce ioniza¬ 
tion when they are within the sphere M and the number 
that reaches the inner electrode will be greater than 
AT, say AT,. Of these, a portion will move outward 
as the Held changes to negative value and causes, by 
the action already described, the number that moves 
inward in the following cycle to be still greater, than 
N i. Continuing the process in this way, it will be seen 
that there will be a cycle at which the number of electrons 
at the surface of the sphere M will be such a value, say 
M ( , per unit area, that moving under the field intensity 
and distribution, it will yield at the inner electrode an 
ionic < lensity of n elec trons per unit area. This density n 
is high enough to cause the layer immediately around 
the conductor to he conducting and hence the formation 
of corona or a progressive rupture. From this concep¬ 
tion of the nature of the rupture, it will be noted that 
rupture does not occur immediately after the applica¬ 
tion of the rupturing voltage but only after the lapse of 
a few cycles. This conception seems to be in good 
agreement with observations on the time lag and tran¬ 
sient. sparking voltages of the different gaps. 

The Jaiw of the Sphere-Gap. In the above discussions, 
the spheres have been assumed to be concentric. If 
attention, is confined to a small area around the line of 
centers on the surface of the smaller sphere, the same 
considerations will also be true for two spheres external 
to each other. 

To find the relation between n and n {] , let us for sim¬ 
plicity again consider two concentric spheres. Denote 
by AT and N, respectively, the number that starts out 
from the sphere M and that arrives at the inner sphere. 
Bel, a he the number of electrons produced by one 
electron when it, travels through a distance of one centi¬ 
meter under an electric force of G kv. per cm. If there 
are N electrons passing through a surface, 22 then at a 
small distance dy, the number will be increased by 

d N = a N (l y (2) 

If the field is uniform, i. e., if the gradient is the same 
throughout, « is independent of y and the above can be 
at once integrated. Otherwise the variation of a with 
H must be taken into account. In any case (2) may be 
written as 

yn 

log N - log AT = J ol d y (3) 

a 

Introducing the ionic densities n and %«, equation 
(3) becomes 

„ y<> 

log =s K ~ f a d y (4) 

where K has been written for the first member for 
brevity. 
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To integrate (4), it is necessary to express a in terms 
of y. This can be clone if the relation between a and G 
is known, because, as will be shown in the Appendix, 
for small distances away from the surface of the sphere, 
the gradient G varies inversely as the distance from the 
center of the sphere. Thus, if G 0 is the gradient at the 
point on the line of centers whose distance from the 
center of the sphere is y ( „ and G a is the gradient at the 
surface of the sphere with radius a, then G a = G 0 y^/o?) 
and, in general, if y is the distance of a point on the line 
of centers from the center of the sphere, the gradient 
at y is G — Go y<r/y- = G„ a- if-, if y — a is small. 

Regarding the relation between a and G, Bergen 
Davis has developed a formula by considering the 
energy required for ionization as stated in (2) above. 
In terms of the ionization potential v and the mean free 
path L of the electrons, this relation takes the form: 



where E i is the exponential integral. Using the value 
v = 10.2 volts as found by Bishop 23 and taking L as 
4 v 2 times the mean free path of the molecules in air 24 , 
i. e., 4 v' 2 X 9.83 X 10 _G = 5.55 x 10 -5 cm. for the free 
electrons in air, values of a can be calculated for dif¬ 
ferent G’s. A calculation of this sort has been made 
using the tables of Jahnke and Emde 25 for the values 
of the exponential integral. For values of G covered by 
the investigation, it is found that an empirical quad¬ 
ratic relation represents the theoretical relation (5) 
eery satisfactorily. This relation is: 

a = C (G - G 0 ) 2 = 0.134 (G - 25) 2 (6) 

where G is in kv. per cm. The agreement between 
(6) and (5) is well shown by the accompanying curve, 
Fig. 9. As relation (5) can not be used for integration 
in finite terms, relation (6) will be used. Also as 
G = G 0 y^’y-, (6) can be written as 

« = CG,[-f - lj (7) 

Substituting this into (4) and performing the indicated 
integration, it is found that 



In this form, the equation still contains a quantity 
% 0 , of which nothing is known. - If it is assumed for the 
present that the total number of electrons crossing any 
spherical surface completely enclosing one of the elec¬ 
trodes remains always the same, then the density of 
electrons on any such spherical surface will vary in¬ 
versely as the square of the radius. In the equation 
above given, it is then permissible to put the quantity K 
equal to a constant. Granting such an assumption, 


the theory then leads to the result that the sparking 
gradient is a function of the radius of the smaller sphere 
only. 

In his theory of the corona, Davis had to do with a 
similar quantity which, he assumed to be constant and 
equal to 6 for concentric cylinders and to 4.3 for parallel 
wires. If K is taken as 4 for the sphere-gap, it will be 
found that equation (8) agrees fairly well with the data 
given by the Institute standards and those of the present 
investigation when only the case of symmetrical ap¬ 
plication of voltage is considered, i. e., when both 
spheres are insulated and are at equal and opposite 
potentials. In fact, changing the square-root function 
to a quadratic function by the following empirical re¬ 
lation, which will be found to be accurate to within 
half of a per cent for values of X lying between 1 and 2, 
namely, 

VI r - 0.071 X 2 + 0.630 X + 0.441 (9) 

the relation (8) can be put in the form:' 

/ , 0.288 V~K\ 

G a = (1.105 +- G ° (10) 

With K = 4 and G 0 as 25, (10) at once becomes 

„ / 0.52\ 

G a = 27.6(1+ -7=.) (11) 

' V a' 

whose similarity to the relation of Peek, viz., 

G a = 27.2 (1 + 0.54/Va) 
or to that of Russell, viz., 

. G a = 27.4 (1 + 0.515/Va) 
is very remarkable and striking. 

Concluding Remarks 

It should be noted that in the above work, the value 
of K has been assumed to be constant. It is the simp¬ 
lest assumption. On closer examination, it will be seen 
that n 0 cannot be as simply related to y 0 as an inverse 
square relation. For instance, as shown by Davis in 
his theory, when the spacing is very short, the electrons 
moving outward will be taken up and neutralized by 
the other sphere and the process of cumulative multipli¬ 
cation at the surface of the sphere M will not take place 
as readily. In fact, for short spacings, n 0 y Q z decreases 
as the spacing (hence K increases) because of the dis¬ 
appearance of a number of electrons at the surface of 
the other electrode. It is therefore possible to explain 
the rapid increase of the sparking gradient as the 
spacing is decreased to very short values. Thus the 
simple relation of Peek and Russell, which may be de¬ 
rived from the theory of Davis, appears to be merely 
an approximation giving good results only for special 
cases, namely, when both spheres are insulated and are 
at equal and opposite potentials, in which case it is 
permissible to assume K to be a constant independent 
of the arrangement. As for the cases in which one 
of the spheres is grounded, the value of K is probably 
influenced both by the gradient at the surface of the 



May 1927 


SAH: STUDIES ON SPARKING IN AIR 


613 


larger sphere and the spacing between them, so that it is 2 
no longer a constant independent of the arrangement. 

On this account, it is thus also possible to explain why 
the constancy of the sparking gradient is not of general 
validity. A point of interest to note is that the smaller ^ 
value of Go, Peek’s notation, for spheres, viz., the d 
value 27.6 as against 31 for concentric cylinders or 
29.8 for parallel wires, is a natural consequence of the v 
theory and does not require any explanation such as 
that advanced by Peek. ^ 

The writer is under great obligation to Prof. A. 
Wilmer Duff and Prof. Harold B. Smith for suggestions 
made and for facilities and encouragement in the 
preparation of the paper. 1 

Appendix I 

Coefficients of Gradient for Spheres 
Given the radii a and b of two spheres and the distance 
of separation between their surfaces, X, it is required to 
find the field distribution when both spheres are charged 
and when one of them is charged and the other con¬ 
nected to ground. In particular, the values of the maxi¬ 
mum gradients at the surfaces of the spheres are to be 
sought. 

Let A i be the center of the sphere with radius a and 
B be that of the sphere with radius b. Suppose first 
that A is at potential V while B is grounded. Put a 
charge, Q x = Via, at A x . This will give to sphere A 
a uniform potential V i. But due to it, the potential 
over sphere B is no longer zero. To reduce the po¬ 
tential over B to zero, put a second charge QT at Bj, 
the point inverse to A x with respect to the sphere B, i. e., 
Ai B . Bi B = b 2 and Qt/A x M A Qf/Bi M = 0 where 
M is any point on sphere B. Due to Qf the potential 
over sphere A is now no longer uniformly equal to Vi. 
To restore it to the value V i, another charge Qo may be 
put at the point inverse to B i with respect to the sphere 
A, namely, As, which satisfies the .relation AiA a . 
A»Bi = ar. The magnitude of Q% must be such that 
Ql/A,N A Qi'/BiN = o for any point N on the 
sphere A. Continuing the process, it is evident that 
the nth charge Q n inside of sphere A is related to the 
nth charge Q n ' inside of B as follows: 

Qn/QJ = - M A n /M B n = - b/B B n , (12) 

where M is any point on sphere B, and A n and B n are 
two inverse points with respect to sphere B. i e ^ ise ’ 
for any point N on sphere A, the relation must hold. 

Qn+i/QJ = - N A^-i/N B„ = -Ai An W® • ( 13 ) 

Putting B B„ = Uk' and A, A* = u t , the relation of two 

successive charges is Q»+i/Q« = »» Un+i/ab (W 
To find and »„+1 in terms of the radii a and b and the 
spacing X, first locate the two inverse points ot the 
spheres, i. e„ the two points P and P' defined hy. 

AiP . Ai P' = and B P' ■ B P = b 2 ( 15 ) 

Denoting Ai P/a = t and B P’/b = f, it will be found 
that t and t' are given by: 


2 adt = d 2 -f d 2 — 6 2 — \/ (d 2 A a 2 — b-) 4 a-d~ 

with d = a A b A X (16) 

2b d f = dr A b 2 — a 2 — \/ (d 2 A b 2 — a-)~ — 4 h- d~ 
The general relation between u, t , uj, and u ,..-m is, by 
definition of inverse points, as follows: 

id - u n ) Un = b‘ 2 and (d - u,J) u n + 1 = a‘ 2 , (17) 

which gives, on the elimination of u 

u n u n +1 - (d 2 - b-) Un+i/d - a 2 d A a- = o A8) 

(18) can be put into the standard form of a difference 
equation by a change of the variable as follows: 

u n = v n +i/Vn A (d 2 — b 2 ), d (19) 

giving 

v n +-i A C Vn+i A D v n = 0, ( 20) 

where 

C = (d 2 — b‘ 2 — ar)/d and D = a 2 b' 2 d ( 21) 

The solution of (20) is obtained by putting = s r o 
where z satisfies the quadratic 

2- A C2 A D = 0 (22) 

Using the two roots of (22), z x and « a , the general solu¬ 
tion of (20) is then v n = A Zi n A B zy 1 (.23) 

where A and B are two arbitrary constants to be de¬ 
termined so as to satisfy the boundary conditions of the 
problem. Introducing for convenience the value of t 
from (16) into the solution, it is found that 

v n = A a n ( a/d - t) n A B a n (a d - 1 t)” . ;24 

To determine the ratio of A to B, the initial condition 
that when n = 1, Ui = AiAi = 0 is used. This 
yields, from (19), 

v,/ Vl = - (d 2 - b-)/d = a ( a/d -t - 1 t) (25) 
together with simplification by using (16). Equating 
the ratio Vs/v x found from (24) to that given by (.25j, it 
is found that after reduction and simplification 

B = - A t n = - A 8*/t- ' 26) 

where s 2 = t t f . 

With this value for B, it is found that 

a t (s in ~ i - 1) 

‘ Un = (f- s in ~ A - 1) 

; , (27) 

5 and 

b s 2 (t 2 s in - i - 1) 

) Un> = t (s 4n - i) 

3 From (14), the ratio of the various charges is then. 

Qn+l U n Un+1 __ _S~ G ~ jlgjL—L (28 

WT" a b (1 - s 4B ) 


Qn 

Since Qi = Via, 


(1 - t-) s~ n ~~ 


Qn V i a ^ n—i'j 

and 

Vi a s 2n (1 — t' 2 ) 

Qn' = — QnU n fb = — t (1 — S in ) 
On the lines of centers, we have then: 
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Transactions A. I. E. E. 


r Ql Q-2 Qn+1 

a- (a - u ,) 2 T ^ (a - u n+l ) 2 + ' 


Qx 

id - Ui — a)- 


Qn' 

(d - uj - a) 2 


for the gradient (or field intensity) at the surface of the 
small sphere due to the voltage V x on it. This can be 
reduced by using the values of Q and u already found, 
and is: 


l i (i + ty 


a (l-o L (i + ty- + (i +1 s A y 


s 2 (1 - t s 4 ) 


2 + - 


X (1 4- t)- s -” (1 — t s 4n ) 


= ^ U 4- ty ^ 
a (1 — t) Jlj 


a (1-0 ^ (1 4- £ s 4n ) 2 ^ 

« = o 

In a similar way, the gradient at the surface of the 
larger sphere due to the voltage applied to the small 
sphere is 


= 


I i a. (1 — t~) (t 4~ s~) srj s- n (1 — t s 4w ~ 2 ) 


6 2 (t - sr- 


(1 4- t s 4 ”- 2 ) 2 


coefficients were therefore calculated for F n and F 2 1 
only but with values of b/a ranging from zero to infinity 
instead of merely from one to infinity. 

When this reciprocal relation is applied to the case 
of a plane and a sphere, it will be found that the values 
become indeterminate. But going back to the original 
relation and allowing b to become infinite, it is found 
that the factor outside the summation sign in 
the ex pressions f or F 22 and F 12 becomes simply 
4 Xj y/X 4-2 a X and the corresponding calculations 
can then be made. These values have been given 
in Table III. 

The gradient at a short distance, h, away from the 
surface of the sphare with radius a on the line of centers 
is 

n /_. , n Ql . Q2 

Grn [a 4 ~ h) = ~ 7 — 4 - 7 ———---L _i 

' (a + hy^ (a + h- u 2 y X ... + 

_ Ql QG 

(d— a — h — Ui'y ( d-a-h-uyy ~ ■ 


Qi A, _2_M Q 2 / 2 h \ 

0,2 >• a ' (ft — u 2 y V (ft — u 2 )J 


Qd / 

(d - a - udy \ 1 + 
so that in the limit as h > 0 


d — a — Ui 


If now the large sphere is charged to the potential V 2 
while the small one is kept at the potential zero, the 
gi adient at the surface of the smaller sphere will be an 
expression similar to (32) with t changed to t' and 6 
too an d ft to &. It will be more convenient to express 
this analogous expression still in terms of t and then 
it will be found that this gradient is: • 

G 2 i = — V, F 2 i/X with 

Oo 

w — — (j: 0 2 s 2n+4 (t — s 4n+4 ) 

‘ ! ft (1 — t) ^ ~(t 4- s 4 "+ 4 ) 2 ( 33 ) 

0 

The cases when sphere A is charged to the potential V x 
and the sphere B to potential V 2 will have for the 
gradients: 


Gi - G n 4 - G n = V x Fu/X - V 2 F n /X 
and 

G, = G, , 4- G u = y 2 F,,JX — ViFa/X 


(34) 


the coefficients F 22 and F n being of the same form as 
ose for Fu and F n with all the a’s and 6’s inter¬ 
changed. Since it is immaterial which sphere is taken 
as the first sphere, it is evident that the values of F 22 
and F 12 may be found to depend reciprocally on those 
of h u and F 21 . Thus it is always true that: 


^' 11 GX/b, ft,' b) — F 22 (X/cl, b/a) 
and 


F l2 (X/a, b/a ) = F 2x (X/b, a/b). ( 35 ) 

The tables that have been previously given for these 


d ^ - ND ft + u n +1 ^ 2 G 

d a a 2 (a - u n+1 y Qn+1 = ~ ~/Gr ^ 

0 

This then shows that for short distances away from the 
surface of the sphere, the variation of the gradient is 
inversely as the square of the distance from the center 
of the sphere, a relation that has been given in explicit 
form in the theoretical discussions. 

Appendix II 

Coefficients of Gradients for Cross-Cylinders 
Pass the plane of the figure, Fig. 10, through the axis 
of one of the cylinders and perpendicular to the other. 
Imagine line charges of q units per unit length to be 
placed at the positions A and B inside of the cylinders 
so that the cylindrical surfaces are approximately at 
the required potentials V/2 and ~ V/2 respectively. 
Let the distances be as shown in Fig. 10. At 
the point H, the gradient is greatest, its value being 
Q “ 2 q + V(£ + -X)]. The voltage at H is 
j 2 T- 2 ?^ XX)/Z, so that on putting- X = n Z 
and eliminating q, the gradient is G = V F/X, where 
the coefficient F is given by 

p __ _ n (2 + n) _ 

2 (1 + w) log (1 4 - n ) 

To compute this, it is necessary to find n first. Con¬ 
sider the forces acting at a point P very near to H on the 
same plane. The resultant R is normal to the surface 
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a t P so that the tungentinl components of the two 
const it uent forces R , and R», due to the two line charges 
at A and />, respectively, must he equal and opposite 
/, c., IP sin <h P-: sin «■•*. As Ah and /{. are inversely 
proportional to the distances r, and r«, so r x /r» --- (sin «i) 
/(sin n»)» From the triangle ACP, A P/A C - 
sin a- sin a ,, /. e. f 

n (Pi Z) (sin rt a )/(sin «i) - r»/r i (38) 
As P approaches //, r s approaches ^ 4- A' and r, 



Km. to 


becomes Z, so t hat 138) becomes in the limit £ (R . Z) 

iZ i At / (39 > 

With A >i Z, this can la* reduced to a. quadratic in 
u, the solution of which gives: 

n .A l I l v t-V II I." I K.V It (40) 

**» / i *•* 

Thus, for given values of A R\ n can be computed 
from (40) and Hubstitaled into (37) to give the values 
as given in 'fable IV. 
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Discussion 


\V. 11. Kouwenlioven : In Mr. Sab’s paper I find no reference 
to the effect of humidity. At the Johns Hopkins University we 
have been conducting an elaborate research upon the effect of 
humidity on the corona-forming voltage; this research is being 
carried out under our direction at the Bureau of Standards at 
Washington. 

A IVw woolvK tifjo I roeoived <*< lottor ironi ft- &>• ol tlv© 
General Klectrie Gompany, saying that be bad found that 
humidify affected bis air condenser, and during the same week 
we obtained our first definite information that this was actually 
the case. The presence of humidity in the air has an effect on 
the corona-forming voltage. On perfectly clean surfaces the 
presence of moisture in the atmosphere raises the corona-forming 
voltage slightly, the maximum increase we have found is of the 
order of 1.2 per cent. In order to detect this effect it was 
necessary to refine our method of measuring and check every¬ 
thing very carefully. At the Bureau of Standards in the re- 
Henreh to* which I referred a moment ago, they are measuring 
the wave shape of the voltage directly in the high-voltage side 
of the circuit, and have taken every precaution to insure accu- 
ruey. 1 feel that their results are accurate to at least one part of 
a 1000, if not hotter. 

We have found also that humidity causes a lowering of the 
volt,age when a corona forms on dirty or dusty surfaces. This 
lowering of the corona-forming voltage may amount to .> per 
emit. In future work with the spark-gap it may be necessary to 
use correction tables for correcting for the amount of humidity 


in tlm air at the time or the test. 

A. I*. T. Sah 1 The influence of humidity on sparking voltages 
lias been raised. Our experiments show that it is very small. 
It is true that humidity has.a very pronounced effect on the 
sparking voltages when corona precedes a spark-over, for in¬ 
stance in the case of the needle gap. But for spherical and 
cylindrical electrodes, spaced at less than twice the radius of 
the smaller electrode, corona does not precede a spark-over. 


experiments show. 






A Theory of Imperfect Solid Dielectrics 

BY MICHEL G. MALTL 


Associate, 

Synopsis —Tin* paper covers Chapters VII, VIII, and IX of a 
thesis presented by the author to the Faculty of the Graduate School 
of Cornell University, for the degree of Doctor of Philosophy. 

In this thesis a summary is made of the experimental facts 
regarding the anomalous behavior of solid insulating materials 
under varying conditions of potential, time, temperature, frequency, 
humidity, ionizing radiations, and various other factors. 

A bibliography containing about 400 articles dealing with experi¬ 
mental and theoretical research is appended to the thesis. These 
articles are chronologically arranged and numbered. 

Five tables are given, including references to experimental 
research done on (a) dielectric resistivity, (b) dielectric charge and 
discharge, (c) dielectric constant, (d) dielectric strength, ( e ) dielectric 
energy loss. 


.. I. E. E. 

Hypotheses are here established which acqount, in a general way, 
for the observed behavior of solid dielectrics. Definitions of the 
resistivity, permittivity, electric charge, and electric strength * of 
solid dielectrics under both continuous and alternating potentials 
are submitted. Terms are introduced and defined: e. g., the ‘ ‘ (i —£)- 
characteristic,” the “electrization curve,” and the “hystero-viscosity 
loop.” . 

The various energy losses occurring in dielectrics are traced to 
their sources and subdivided into hysteresis, viscosity, and resistance 
losses. Methods are devised for separating the total dissipated 
energy into its three component parts. 

Finally, the classical theory is shown to apply to imperfect solid 
dielectrics if the submitted definitions and terms be adopted. 

* * * * * 


Part I. General Considerations and 
Hypotheses 

A. Introduction 

T HE fact that all theories so far propounded to ex¬ 
plain the behavior of solid dielectrics have not 
stood experimental verification is an indication of 
the complexity of the phenomena which loom simulta- 


_ ~ x-iOUiU £JiIULUUt- Q..U t 1 

neously whenever insulating materials are electricallv i • ^ 6 d ° eS not ’ however > prevent our formu 

tested. lating a picture of the internal workings of dielectrics 

.. . ~ j?__ ,i .... 


tested. 

Realizing the futility of a theory built on atomic, 
molecular, or inter-molecular considerations, the author 
proposes to abandon such a mode of procedure until 
our knowledge of the atomic and molecular structure 
of matter is more mature. This, however, does not 
pre\ ent us from generalizing the laws governing the 
behavior of dielectrics nor does it presuppose a complete 
although temporary abandonment of the whole field of 
theoretical work. Indeed, if little is known about the 
physical nature of dielectrics, still less is known about 
that of magnetics.. Yet the engineer, in his lust for the 
practical application of magnetic materials and their 
uti ization to the highest degree of efficiency, has ut¬ 
terly forsaken any interpretation of the actual internal 
(molecular and atomic) mechanism of magnetism and 
as applied himself to the generalization .of the gross 
tacts in the form of ‘‘working laws.” 

While this is not the highway trod by the physicist 


standing of the molecular and inter-molecular configura¬ 
tion; and finally (c) that our meager knowledge of the 
atomic structure furnishes but a slight encouragement 
to a prospective mastery of molecular structure, all 
lead him to pursue, gladly although reluctantly, the 
trodden path already followed by the engineer in the 
case of magnetism. 

Such a course does not, however, prevent our formu- 

1 ~ i n . t . . 


Indeed, a few general hypotheses will be next outlined, 
not with the view of building a mathematical theory of 
molecular behavior, based on them, but rather with the 
object of presenting a very sketchy interpretation of the 
internal phenomena which occur in a dielectric. The 
value of these hypotheses consists in their adaptability 
for explaining certain dielectric phenomena. 

B. Hypotheses Governing Dielectric Behavior 

1. We shall first postulate the existence of three 
types of electrons in solid dielectrics: free electrons, 
elastically bound electrons, and viscously bound' 
electrons. 

a. The free electrons are responsible for the process 
of electrical conduction. They actually traverse the 
body of a dielectric and form what is generally termed 
the ‘leaky current.” The value of that current is a 
function of the number of free electrons present as well 
as the velocity with which they traverse the circuit. 


7 , • i biuu uy tae pnysicist uie velocity with which thev fravArcA tLo 

and certainly not scientifically the surest and safest to The existence of such electrons accounts for tllTh 

iVtobe founrlYt tlfiCatl0n GG en * inecr ’ s digression nomenon of dielectric conductivity. 

^~ are fre e * 

The author, convictions (.? S the electrical be- 

SfTFu inStant “ “withal 

oftheatomic structure is a prerequisite to a clear under- (see Part H-E)!’ 

itiTv v‘° r m ElectrieaI En £“eermg, Cornell University, Tift™ P olanz ation is due, in part, to the existence 
imaea, _\. l. of this class of electrons. 

1 0/ * * Th ° ™°ously tound electrons form a class whicl 

* ’ m '■ possesses characteristics that are intermediate betweei 
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those of dosses a and b. These (‘ledrons are neither 
free nor elastically bound. They creep rather slug- 
ecishly under iht 4 action of an electric field and, in the 
'first stayes of tin* field application, act, as if they were 
fret 1 conduction electrons. lint, as time proceeds, their 
displacement from l.lu* position of equilibrium, in 
sonic cases, ceases to increase and they assume a new 
fixed position, thereby contributing to Mm polarization 
of the dielectric and resembling the elastically bound 
electrons in this respect. The exist (‘nee of Ibis type of 
electrons finds confirmation in the phenomenon of 
residual charge ami in the well known shape of the 
“hysteroA iscosity loop” (see Part 11 Ml 

2, The foregoing three classes ol electrons shall be 
arranoed in three descending orders according to the 
elasticity of their bonds. The elastically bound elec- 
Irons shall be considered as belonging to t he highest or 
Hfst ttrthr, the viscously bound electrons to the m-oml, 
and 1 he free elect rons tot lie tlunl order. 

;h Although the electrons existing in a dielectric tin* 

1,1ms arbit rarily subdivided according to t he elasticity ol 
their bonds, it must not be supposed t hat the elasticity 
of all electrons belonging to one class is the same. We 
shall therefore assume, as a separate hypothesis, the 
existenee of various degrees of elasticity within every 
class of electrons, 'Hie two lines of demarcation be¬ 
tween the three classes will consist, of tl) the reversi¬ 
bility of action and reaction of the perfectly elastic 
electrons and Rb the absolute freedom of motion of the 
free elect rons, 

4, p will he next assume*! that the three types of 
electrons, although distinct itt their eharucteiistit 
behavior, art* physically identical, 1 here! oh*, an 
electron belonging to one order may easily assume the 
characteristic behavior of one belonging to a lower, 
or a higher order. Such an electron shall then be 
classified with that order. The external factors which 
determine the charaeteristic behavior of the various 
electrons are the magnitude of the potential applied, 
the temperature of the sample, the frequency of the 
e. m. f. source, ionizing radiations, the physical con¬ 
dition of the dielectric, time of potential application, 
humidity of the sample, and tin* chemical composition 
of the dielectric. Thus, with an increase of applied 
potential, some of the heretofore viscously bound 
electrons might become free electrons and may, in 
their turn, be replaced by some of the elastically bound 
electrons. Confirmation of this hypothesis is to be 
found, for example, in the increase of the dielectric 
conductivity y with an increase in the potential 
gradient G, 

5. This change of an elect ron or a group of electrons 
from a higher to a lower order or vice versa shall be 
assumed to he a discontinuous function of the factor 
causing the change. For example, within a certain 
range of potential the total number of electrons, in a 
given specimen, belonging to any one class, remains 
the same, A change in their number does not occur 


until the upper or lower limit of that range of potential 
shall have been exceeded. This hypothesis explains 
the results of the conductivity measurements made in 
(54 21),* where a distinct and abrupt change in the 
conductivity of calcite, quartz, rocksalt, and mica 
is noted at certain definite potential gradients, which 
vary from 51 to 10,000 volts per mm. depending upon 
the dielectric. Moreover, it is there shown that the 
same potential limits reveal themselves in the phenom¬ 
enon of charge where a brisk change in the straight line 
relation of the (Q - E) curve occurs. The existence 
of more than one potential limit is easily explained by 
the third hypothesis. 

(>. The fourth hypothesis presupposes the necessity 
of subdividing the various values that a factor (e. <]., 
temperature, potential, etc.) may assume, into several 
rtttttjm, each having for its limits the critical values 
at which the dielectric behavior assumes an abrupt 
change*. For example, the various values that the 
potential gradient may assume from zero to G„ may be 
subdivided into various ranges A, B, C . . . . N such 
that Gx, <} n , TV .... Gs are respectively the upper, 
and 0, TV, Cm, TV, .... TV, the lower limits of 

ranges A, B, C, .Ah 

7. We shall further postulate that the transfers of 
electrons from one order to another (see the fourth 
hypothesis) are not necessarily superposable. To 
illustrate (.his hypothesis let G a be the upper limit 
of the potential gradient for range A, and let N i, AT, 
and AT, be the number of electrons in a certain specimen 
belonging to the first., second, and third order, respec¬ 
tively. Now, if the potential gradient be raised to G 
such that G > Ga and then lowered again to G' such 
I hat. (V < Ga, the number of electrons belonging to 
each order will then be AT', ATT and ATT such that 
AV V; AT, AT/ T AT, and AT' > AT. The nature of 
the dielectric, its previous history, the magnitude of G, 
and the time allowed for the internal readjustments to 
ensue, are among the factors which determine the 
values AT'/AT', and AT'. This hypothesis explains 
the phenomena of potential hysteresis and tempera¬ 
ture hysteresis referred to in (1/80, 15/94,13-02, 38-08, 
89-10,* 4-1 (>, 32-10, and 109-21). 

8. Finally, it will be assumed that, for ranges ex¬ 
ceeding the initial range A, action and reaction are not 
superposable. This at once limits Curie’s law of super¬ 
position to just that range and further explains the 
phenomena revealed by the researches quoted in 
paragraph?. 

It is hoped that with the foregoing hypotheses a 
plausible explanation could be made ol the various 
phenomena known as dielectric anomalies. As an 
illustration of the application of these hypotheses, the 
phenomenon of residual charge will be explained. 

When an e. m. f. is impressed, tor a time (t), on a 
slab of solid dielectric, placed between two metal plates, 

"“•ASTISTimbow W/., f, ; l-2l or I /«») in lW» IW* 

refer to articloH in the bibliography. 
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a current i flows through the connecting wires. This 
current may be divided into two components; the one 
h, leaks through the body of the dielectric, while the 
other, i c , results m the accumulation of charge on the 
plates. The conduction current i r is due to the exis¬ 
tence of free electrons in the dielectric. The negative 
charge, which accumulates on one of the plates due to 
the charging current i c , exerts a repulsive effect on the 
elastic and viscous electrons of the dielectric, thereby 
displacing them from their natural position of equilib¬ 
rium. The actual molecular condition of the dielec¬ 
tric thus electrically stressed, is far from being known. 
The net result', however, may be visualized by imagining 
the negative charges on the plate as repelling the elastic 
and viscous electrons of the adjacent molecules of the 
dielectric and attracting their protons. This same 
phenomenon is communicated by the successive mole¬ 
cules to adjacent ones, thereby forming the state 
shown in Fig. 1 where the circles represent polarized 
adjacent molecules. The polarization is not altogether 
instantaneous because it takes the viscous electrons 
some time to attain their final positions of equilibrium. 
The negative and positive charges which appear on the 
surfaces adjacent to the positive and negative plates 



FlG. 1 POLARIZATION IN A SOLID DIELECTRIC 


cous electrons to their neutral position. Thus more 
electrons, on the negative plate, become available for 
recombination during the succeeding discharge. This 
process may be repeated ad infinitum or until all the * 
viscous electrons have resumed their original neutral 
positions. The dielectric is then in an electrically 
neutral state and its polarization is nil. 

a-_ 

d 2 ->4- I 

+1V* 

+ I 
+ 1 

y 

Fig. 2 Decrease in the Sparking Distance op a Gas due 
to Placing a Solid Dielectric Near the Anode 

Interesting experiments supporting this view are 
described in (24-00, 12-02 and 23-18) where two knobs 
placed in air are subjected to a potential slightly lower 
than the sparking potential. When a glass rod is 
placed immediately touching the positive knob and 
lying in the space between the knobs, a spark passes, 
but no spark passes at all if the rod is placed anywhere 
else. . The explanation of this phenomenon is that the 
polarization of the glass rod results in an effective de¬ 
crease of the sparking distance, from d x to d 2 as shown 
in Fig. 2. That this phenomenon does not take place 
when the rod is placed next to the negative electrode 
can be easily explained because it is well known that a 
spark passes more easily when the point is negative and 
the plate positive than when the point and plate charges 
are otherwise. 

Part II. Definitions of Terms 



respectively act as counter e. m. fs. opposing the action 
of the impressed potential. The e. m. f. due to the 
polarization on each side shall be denoted by the letter 
E p . Therefore, the total polarization e. m. f. is 2 E p . 

Now, as soon as the impressed e. m. f. is removed, 
the. elastic electrons rebound instantaneously to their 
positions of equilibrium, thereby making available, for 
recombination upon short circuit, an equal number of 
electrons. The viscous- electrons, however, being more 
or jess, sluggish, do not return instantaneously to 
their initial positions. The dielectric therefore persists 
m.a state of polarization. Owing to this continued 
existence of polarization in the body of the dielectric 
only a portion of the electrons accumulated on the 
negative plate of the condenser are available for 
recombination at the first discharge; the remainder are 
held by the polarized positive protons of the dielectric. 
If the condenser is allowed to rest after this first dis¬ 
charge, the internal polarization in the dielectric be¬ 
comes less intense due to the return of some of the vis¬ 


1. Resistivity at Continuous Potential. 

The resistance R of a solid dielectric with a continuous 
applied .potential will be defined as: 

. = (d 

The notations used in equation (1) may be visualized 
by referring to Fig. 4. 

From equation (1) the resistivity p will be: 

P - Ra/d = [(E - 2 E p )/I r \ ( a/d ) (2) 

For continuous potentials, and within the same 
potential range p will be constant. However, p will 
assume lower values as higher ranges of potential are 
reached until at the breakdown potential p becomes 
practically zero. The resistivity defined by equation 
(2) is easily measured because all the quantities on the 
right hand side are determinable. E v is the only factor 
which seems difficult to measure. Its value, however 

determined as was done in 
(53-15) and (2-25) by first impressing E for a time t„ 
then suddenly decreasing E to such a value that *, 
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becomes /a to. 'Phis new value of P at, which /, = Ois 
(he value of 2/'/.while (52-15(shows (hat if this is done, 

11 (at least in (he case of quart z and iceland spar) is not 
only independent of K, within certain limits, but it is 
also independent of i he 1 ime I. 

2. Ri'st'stirihj at Aitrniatini] Potentials. 

The value of /> can Urns be experimentally determined 
when continuous potentials are used. With alternating 
potentials, the conduction current, cannot be experi¬ 
mentally separated from the charging current. The 
method generally adopted of measuring the power 
dissipated in a condenser and taking p of such a value 
that U‘ /" Pi is physically erroneous, because of the 
fact, t hat t he energy dissipated is largely a hysteresis 
loss, and the P P loss forms but a very small percentage 
of the total dissipated energy (see 2 82, 1M-12, and 
17-15). 

Two questions arise in regard to the resistivity when 
alternating; potentials are used: 

a, What conception must be formed of /> with 
alternating potentials? 

b. If /> is a function of the potential range, what 
value of /> must he adopted when alternating potentials 
assume instantaneous values which fall within more 
than one potential range? 

The answer to t he first question is t hat the concept 
of (> with alternating; potentials should not differ from 
that of /> with continuous potentials. 

The answer to the second question would lead to a 
definition of an effective resistance which, although 
having no physical basis when the potential gradient 

exceeds t.lu* initial range, leads to an approximate 

determination of the true I P loss when alternating 
potentials arc used. Thus let t u (-, , . . /„ he the 

times at which the sinusoidal voltage wave (Fig. 8) 
assumes instantaneous values u, g , , c„ such that 
n r, , c„ where IP, K n , . 

art* the upper potential limits of the potential 

ranges A , H . . V. 

Then 

l « h | 

w,\ \ u\p‘P,tit /t\J u\A'<n 

*i h 1 


of the conduction current obtained with a continuous 
potential equal in magnitude to the effective value of 
an alternating potential whose amplitude is E x . 

The value of the first integrand in equation (3) will 
then be 

'{ 

Wri = R A J l( IYt\ V2) sin w If d l 
o 

/T *, 7 ", \ r , sin 2 co U 1 r A \ 

- (I,ARA ti --- (4a) 

L 2 oo -* 

The other integrands in equation (3) cannot be so 
easily evaluated because, according to the eighth 
hypothesis, we cannot assert that the conduction 
currents . . . J, N are sinusoidal. However, if we 
should follow the procedure adopted in obtaining 
equation (4a), the error will he only in the deviation 
of the current from the sinusoidal value. This error, 
for potential gradients lying well below the rupturing 



gradient (h, cannot he very large. We shall therefore 
evaluate the remaining integrands as was done in the 
case of the first and obtain: 



U’,, A’,,-// It ,,J ] (3) 

<1 ft 

hi 

U',„ (' fit: til II; j lUfllt 

i> „ )') e ,* e 

where/,,, /»„, . , /W are the conduction currents, 
R. s , Pin . . Ph are the resistances and 14 i, W<i . • • 
W„ are t he energy losses that would he obtained at 
continuous potentials lying within the ranges A, 

B . . . N. 

If hypothesis 8 is correct., then for the initial range 
A , /, A will he a sinusoidal function of time. Moreover, 
its effective value will be equal to the final steady value 


f v sin2 coLt—sin2 cotfn-o 1 

W n » ... 5 -J ( 4 ") 

Therefore the total energy dissipated per H of a 


Wr - (Wri -I- Wr* + . • • + Wm) ( 5 ) 

But with actual conducting materials the energy loss 
due to the passage of a current of effective value J rN 
for a period of time 7’/4 is: 

Wrn * XrN 2 Rh T/t 

from which 

Rti 4 Wrn/IrA T _ & 

The equivalent resistance of a dielectric at sinusoidal 
potentials, having instantaneous values which extend 
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over more than one potential range, may be analogously will be noted that Q is a function not only of the magni- 
defined as tude, t = t 2 — t x , of the time interval, but also of the 


R lQ — 4 (JT'ri + Tl',-2 + . . . W Tn ) /J rN 2 T (7) 
where IT ; -i, W r2 . . . W Tn are defined by equations ( 4 ) 
At voltages whose amplitudes do not exceed the 
initial potential range, equation (4a) for of a cycle 
becomes: 

W r = I rA ~ Ra T/4: ( 8 ) 

Therefore, the resistance of a slab of dielectric at such 
alternating potentials is equal to that obtained by using 



Fig. 4—The (i - /^-Characteristic op a Solid Dielectric 

a continuous potential of a magnitude equal to the 
effective value of the alternating potential. 

It must be remembered that I rA in equation (8) is 
not the effective value of the alternating current, flow¬ 
ing through the condenser, as measured with an a-c. 
ammeter. It actually corresponds to I r in equation (1); 

i. <?., it is the true conduction current read at a time t r 
on a d-c. instrument, when a continuous potential of a 
magnitude equal to the effective value of the alter¬ 
nating potential is applied to the condenser. 

B. Electric Charge and Discharge of Solid 
Dielectrics 

1. The Charge with Continuous Potentials. 

a - Definition: If, for a definite temperature, hu¬ 
midity, and continuous potential, current readings be 
taken at various intervals of time, for a circuit with 
R, L, and C, then, upon plotting those readings, Fig. 
4 will be obtained. 

The charge acquired by the dielectric in the interval 
of time t = (U- tj) will be defined thus: 

% *2 

Q = J (i~ I r ) dt = J* i c dt (9) 

h ti 

In equation (9), i is the current measured at any 
instant and I r is the leaky current represented by 
the constant value which it assumes after a time t r ; 
see equation (1). 
b. Remarks on Fig. 4. 

1. The value of the charge Q , expressed by equation 
(9), can be graphically represented by that part of the 
shaded area in Fig. 4, included between t x and t 2 . It 


actual values of the limits t x and U. For the extreme 
case where t x = t r and t 2 > t r , the charge is zero because 
i— I r = 0 . 

2. The time t m , corresponding to the maximum 
value i m , is solely a function of the constants R, L, and C 
of the circuit. It can be reduced to a minimum by 
making L •> 0. 

3. The actual value i m is a function of the dielectric 
material, the applied voltage gradient, temperature, and 
various other factors. 

4. The character of that section of the curve which 
extends from t m to t r is an indication of the relative num¬ 
ber of the three types of the electrons present in the 
dielectric as well as the degree of viscosity of the elec¬ 
trons belonging to the second order. Indeed, the 
curve is a function of the rate of growth of the polari¬ 
zation e. m. f. which forms on the boundary surface 
between the plates and the dielectric. This is best 
illustrated by Fig. 5, where curves are drawn for 
various materials possessing the same dielectric resis¬ 
tivity but having different (i - t) - characteristics. 

Curve a represents the (i - t) - characteristic of an 
ideal condenser. The ascending and descending por¬ 
tions of the curve are identical. The descending part 
of the curve is a reproduction of the inverted ascending 
portion. Moreover, owing to the perfect elasticity of 
the ether, i m is just a point on the curve. Again the 
final current becomes zero because a perfect condenser 
is devoid of any conductivity. 



Solid Dielectrics 


. Ry ,rve ^ b stands for a condenser whose dielectric 
is rich in highly elastic electrons; the portion of the 
curve beyond t m is very steep, showing that each of the 
viscous electrons possesses, to a more or less extent, the 
same degree of viscosity. That the value of i m extends 
or a certain length along the curve, is an indication of 
the existence of viscous electrons, because it shows that 

e polarization took some time before approaching 
its steady final-value. 

Curve c is drawn for a condenser whose electrons have 
varying egrees of viscosity as indicated by the gentle 
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slope of tin* curve and t in* lime it fakes for the polari¬ 
zation !o bo complete. 

Canw (/ shows that, all.Imugh the electrons are very 
liitrhly viscous, as indica ted by t he l ime required for the 
fu*st; point of inlleclion to occur, there exists very 
little* difference in their degrees of viscosity. The 
very steep descent of 11 te curve, as soon its the polariza¬ 
tion at tains its final value, is an indication of this latter 
fact. 

5. While, in general, a dielectric which possesses 
the characteristic (Utrrvb (Tig. 4) within a certain 
potential or teiaperat urc ran,tup may he expected to 
exhibit, a simitar dm me (eristic at oilier ranges, it must 
not be inferred that this always holds true. Indeed 
the behavior of a dielectric is a very complicated func¬ 
tion of its internal structure. Therefore, it is very 
likely that the same dielectric will exhibit the various 
characteristics represented by (Views W r, and <1, at 
dHferent potential ramies. This will la* in strict con¬ 
formity with the hypo!beses laid down in Part 1. 

2, The Chttrtje, with A fteniutimj Potentials, 

a, Some Laws and Corollaries: The (/. /)-char- 
acteristie represented hy h’it*:* 4 is true lor steady con¬ 
tinuous potentials. With alternating potentials the 
shape of the current-! hue curve is further complicated 
by the fact, t hat t in a function of lime. 

* before formula! inn :t definition of charge with aller- 
natinf potentials we Khali cite the laws of charge and 
discharge eslahlished in 2 89, taking the liberty to 
introduce such changes in them as have been necessi¬ 
tated hy more recent; researches. 

Law /. Within tin* initial potential range and for 
the same conditions of temperature, humidity, etc., 


on a condenser, is equal to the sum of the charging 
currents that would be produced by each potential 
acting alone, provided none of these potentials exceeds 
the upper limit E\ of the initial potential range. Thus, 
let E x , E‘>, E 3 .... E n be successively impressed 
on a condenser at times U< h< t s . . . . < t n and 
let Ei < E, < E, < .... < E n < E a , then 

'i f l T ii;'£ + %e 3 .... 4“ icn ” io (H) 

In order to visualize this law, imagine a circuit of 
such a small inductance that the time t m , Fig. 4, may 



Fia. 7—Tim Charge and Discharge Currents of a Solid 
Dielectric 


be neglected. The voltages E u E» . . . ,E n applied 
at; times U, h .... t n will give rise to the currents 

i u l, _ i n ; Fig. (>. Then the charging currents 

v>_ im will be: 


% i = \i - In 
%c‘£ ” 1'}, “ Ir'i 


( 12 ) 



Fid. 6 Tin: Kksiu.tant Umahiiinu Uokhhnt uuk to Hucceh- 
hjvki.v Inciuiahino Putkntialh Imvhkkhkii UttON a Dielectric 

the* value of i„ (i I,) for a tl idee trie at one and the 
same instant of time (t), after impretwing the potential, 
is proportional to the applied potential R Thus, u i B 
and ?V are the charging currents measured at an in¬ 
stant l after impressing voltages E and TV, respectively, 
and if E ami bV are both less t han the upper limit h K of 
the initial potent ial range A, then 

EfE* « iji/ ( 10 ) 

Law 2. The charging current i«, due to successively 
increasing potentials impressed at successive instants 


l cn ^ n ~~~ J'n 

and the instantaneous value of the total charging 
current in K “ T Vj T .... T im will be represented 
by the dotted curve. 

Corollary 1. As is pointed out by Curie (2/89), one 
consequence of Law 2 is that the charging current 
curve is identical with that for the discharge current 
curve, but of opposite sign. The discharging of a con¬ 
denser at short circuit is indeed equivalent to intro¬ 
ducing into the circuit a voltage ( ~E), equal. in 
magnitude but opposite in direction, to that of the im¬ 
pressed voltage. If acting alone, this newly intro¬ 
duced voltage would cause a charging current identical 
in shape with, but opposite in sign to, the original 
charging current as is shown in Fig. 7. 

Unfortunately this law does not apply to potentials 
higher than the upper limit of the initial potential 
range. (See references in hypothesis 7, Part I.) This 
accounts for the limitation introduced in formulating 
the law and for the statement made in the eighth 
hypothesis. 

Corollary 2. Up to a certain time t the total charge 
acquired by a condenser, due to successively increasing 
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potentials, is equal to the sum of the charges that 
would be acquired if each of the potentials were acting 
alone. Thus if 4i, i e2 .... i en be the charging currents 
due to potentials E x < E« <....< F„.. .. < F A , 
impressed at times t x < 4 <....< 4 , then the total 
charge Q acquired by the condenser from t x to t > 4 

is Q = Q\ + Q*.... + Q n or 

i 1 1 

Q = J h i d t -f- § i C i d t + .. .. + C i,. n d t ( 13 ) 

Is In 

Law 3. The value of the charging current i e due to a 
continuous potential E applied to a condenser for 
more than an infinitesimally short interval (i. e. an 
interval sufficiently long to cause a displacement 
of the elastic electrons but not of the viscous elec¬ 
trons), is proportional to the interval of time through 
which the potential acts. 

This is a very specious law; it will always remain 
as a hypothesis because it does not lend itself to experi¬ 
mental verification. Its plausibility will be evident, 
however, if we admit the hypotheses postulated in 
Part I. Indeed, if viscous electrons require some time 
to attain their final displacement, one would naturally 
expect the time element to enter as a necessary factor 
in determining the value of i c . 

b. The Equations for the Charging Current and 
Charge Acquired with Alternating Potentials. Let 

the potentials E h < F,, < . . . < E n be com¬ 

prised between the limits 0 and E m , and let t x < t % < t s 
■ ■ ■ > t == T/4 be the times at which these potentials 
are applied. Let F m be the amplitude and T the 
period of the sinusoidal applied potential whose equa¬ 
tion is 


for voltage variation and r for charging-current vari¬ 
ation with time. 

Let 



(18) 


be the function expressing the value of the charging 
current due to a continuous potential (of magnitude 
E m equal to the maximum value of the alternating 
potential) which is impressed on the condenser at time 

T 

t _ Then the function expressing the value of 


the charging current for any other continuous potential 
of magnitude E = E m sin co t impressed on the con¬ 
denser at a time t and acting through an angle d (co t) 
will be, by equation (17) and law 3, 

d t- c — f (r — t) (sin oo t) d (exit) (19) 

and the total current at any time r ^ t due to all the 



Fig. 8 

A -A Sine Wave of Potenetiae 

B— The Charging Currents due to Two Instantaneous 
Values of an Alternating Potential 


e = E m sin co t 


Ex = E m sin co ti 


E n = E m sin oot n J 

According to the first law expressed by equation (10), 
the value of the charging currents i u and i v measured 
at the same instant t after impressing E u and E v respec¬ 
tively, is 

icu/i cv = E u /E r = [E m sin co t u /E m sin co 4] 

= sin co 4/sin co t v ( 16 ) 

and for the particular case where t v = T/4 equation 
(16) becomes 

icu/icm — E u /E m = sin co 4/1 

whence 

Lu = (sin co 4) i cm ( 17 ) 

In what follows, two notations for time, t and r, 
will be adopted in order to differentiate between time 
measured along the abscissa of the voltage curve 
(Fig. 8a), and that measured' along the abscissa of the 
(i - t ) characteristic (Fig. 8b). Therefore t will be used 


instantaneous voltages from 0 to r each of which acts 
for an interval d (co t), will be: 

T 

L = f f (r - t) (sin oot)d(oot) (20) 

and the charge Q acquired during of a cycle is 

7V4 T/4 T/4 

Q = J ic d T = jf r J / ( r - t) (sin co t) d (co t) 1 d r 
o 0 *- 0 -* 


The same reasoning can be extended to potentials 
with instantaneous values exceeding the initial poten¬ 
tial range. Referring to Fig. 4, let t h t 2 , . . . t n 
be the times at which the sinusoidal voltage assumes 
instantaneous values e lf e 2 , . . . e n , so that e x = Fa, 

ll ~ = E «> where E A , F B , . . . F N are 

the upper potential limits of the potential ranges A, B, 

' ■ ■ N > respectively. Let A (r - 4), h (r 4) 
'. o tn) be the functions expressing the 

varia ions o 4i, id, . . . i cn with r at continuous 
v tages E a Fb, . . . F N . Then by analogy with 
equation ( 21 ), the value of i c at any time r, according 
to the corrections indicated, equation (20a) will become: 
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i s | f, i r t) (sin (o I) tl ( to t) 

u 

j f x t r /) (sin tot) (I ( to /) •}* 

, 

| f„ ir t \ (sin to h (I (to t) , 


0 c ‘ T < / , 


/i 1 r < /*. 


/A i r t> (sin to h tl (to t) i 


f i, i r h (sin to h tl i to t) i 


/ N | 1 T *7 In 


I | f. ( t h i.sin to tnluot) j 

: \ l j 

rite charge lunjuirtni by the condenser will be: 

/ i 

Q j /, n t/ r 


when* ? is expressed by equation (20a), 
c. Discussion of Equations (21) and (21a)* In 
equal inn ( 21 ) I ht* function ,f(r t) is that portion of 
t he curve shown in Fig. -1 and ext ending from t,„ t o 
It should ho (ictcrmimnlitt u continuous voltage equal 
(o (he amplitude bL of the alternating potential. This 
function will vary with the material of the dieleeti i<, 
the temperature and humidity of the specimen, and 
the physical condition of the dielectric, 

Fq nation ( 2 b comprises the essence of the cause for 
the decrease of charge with the frequency of the 
applied potential. Indeed, the mere inspection of 
equation i 2 b shows that the value of Q is a function or 

the upper limit. - y.% The higher the frequency, the 

smaller is T and consequently the smaller the value 
of the integrand. In equation ( 21 a), the values o i, a, 
/, It substituted from equation (20a) contain 

fj T h t f p (r- /» . . /). These functions 

should he determined at continuous potentials of 
magnit udes equal to E M . E s . ri 

d. Discussion of Equations <20) and (20a!- j( b ltl 
( ions ( 20 ) and ( 20 a) give the instantaneous values of the 

charging current l for sinusoidal alternating potentials. 
The shape of this curve will certainly be distorted 
when instantaneous values of the applied potentials 
exceed the initial potential range. Whether distortion 
exists when the amplitude of the applied potential 


does not exceed the upper limit of the initial potential 
range, is a question which can be answered only when 
/ (r — t) is known. In general, with dielectrics that 
are rich in elastic electrons or whose viscous electrons 
have a high degree of elasticity, distortion may be 
negligible. However, with very viscous dielectrics, 
a certain degree of distortion in the sine form of the 
charging current wave may well be expected. 

At all events, the current computed from equations 
(20) and (20a), whether sinusoidal or not, will have an 
effective value which can be computed. It must be 
remembered that the value of current determined by a 
current measuring instrument when alternating poten¬ 
tials are impressed on a condenser is the effective value 
not, only of the charging current but of the leaky 
current,, as well as of the current necessary to supply 
the viscosity and hysteresis losses discussed in part 
K of this paper. The value of equations (20) and 
(20a) consists, therefore, in affording a means of com¬ 
puting the true value of the charging current, thereby 
separating the current supplied to a condenser into 
its various components. 

0. the “Dielectric Permittivity” K of Solid 
Dielectrics 

Imagine two condensers No. I and No. II, of the same 
physical dimensions. Let the space between the 
pkiles of condenser No. I and condenser No. II be 
filled with a solid dielectric and vacuum respectively. 
Let the charges acquired by condensers No. I and 
No. II, when each is submitted to the same potential, 
be Q . and Q .«. Then the dielectric permittivity will be: 

K = Qi/Qn (22) 

For continuous potentials: 


j' •/, d I 

11 _ 

tr 

J // (I I 


equation (9) _ equat ion (9) 
- - EKva j d 


For alternating potentials where no instantaneous 
value exceeds the upper limit of the initial potential 

range: 

equation ( 21 ) eq. ( 21 ) , 9/n 

7 . eq. (45) 


j ?:,/ (cos co t) d t 


and for alternating potentials where instantaneous 
values do exceed the upper limit of the initial potential 

range: 


equation (21a)_ _eq. ( 21a) 

K:i = vvi e q. (45) 

J i/ (Cos co t) d t 


The denominators in equations (23), (24), and (25) 
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can be very easily computed; see Part III. The 
numerators are defined by equation (9) with the limits 
changed from 0 to i n and by equations (21) and (21a) 
respectively. 

The definitions given above take account of all the 
factors which influence K; see discussions of equations 
(21) and (21a). Moreover, the values of K, determined 
from these equations will be different for the same 
material if / and G be changed. The “dielectric 
constant” is thus a very inappropriate term. A better 
appellation, “dielectric coefficient”, has been suggested. 
This new name is here replaced by the more descriptive 
and shorter one, permittivity, adopted by some text 
books. The waiter regrets that he has never met 
with this term in reading the literature. 

D. Electric Strength of Solid Dielectrics 

1. Dielectric Strength with Continuous Potentials. 

a. Definition. The electric strength ( G s ) of a 
solid dielectric at constant conditions of the factors 
enumerated in Part I hypothesis 4, and for continuous 
potentials is: 

G s = (E s - 2 E p )/d (26) 

b. Discussion of Equation (26): The notations used 
in equation (26) will be defined as follows: 

G s = the voltage gradient at which rupture occurs. 

As indicated by equation (26), G s is not 
obtained by dividing the applied potential 
by the dielectric thickness (d). 

E s — any voltage lying within the potential range S. 

This potential range comprises all values of 
voltage which, when applied to a specimen, 
will cause rupture. 

2 E p = the polarization potential which exists on the 
boundary surfaces between the plates and the 
dielectric of a condenser and makes its 
presence felt not only in the case of dielectric 
strength but also in all other phenomena 
connected with solid dielectrics. 

For one and the same rupturing potential, E p is a 
function of: 

(1) The time of potential action. 

( 2 ) The method of applying the voltage. 

(1) E p vs. time of Potential action: If E p is a polari¬ 
zation e. m. f., then it might be argued that since, in 
the case of viscous dielectrics, E p increases with time, 
see Fig. 4, remark 4, then for G s to remain constant, E s 
must increase as the time of voltage application in¬ 
creases. Experiment shows that this is not the case. 
On the contrary, E s decreases the longer the time of 
voltage application. This apparent contradiction to 
the definition proposed in equation (26) can be easily 
refuted if use is made of the fourth hypothesis estab¬ 
lished in Part I. At such high potentials, very radical 
changes occur in the characteristic behavior of the 
individual electrons belonging to the various orders. 
Thus many of the viscous electrons become conduction 
electrons and a large number of the elastic electrons 


becomes highly viscous. Therefore, as time proceeds, 
E p decreases instead of increasing, because of the 
continual depletion in.the number of electrons which 
can and do take part in the polarization process. G B 
thus increases as the time of voltage application 
increases. 

(2). E p vs. Method of Applying the Voltage: Experi¬ 
ment shows (53-19 and 87-25) that E s is lower when the 
rupturing potential is attained by a slow rather than 
by a rapid increase of potential. This phenomenon 
is in strict conformity with the fourth hypothesis. 
Its explanation is the same as that given by the fore¬ 
going paragraph. 

Besides accounting for the above observations, 
the introduction of E p into the definition of explains 
the phenomenon of the decrease in the value of the 
rupturing gradient with an increase in the thickness 
of a dielectric. The polarization e. m. f. is in fact 
independent of the thickness. Moreover, there exists 
no reason for supposing that the rupturing gradient, 
(Gs), within the dielectric, would vary with (cl). If 



Fig. 9 Vaeiation of Dielecteic Steength with the 
Thickness of a Dielecteic 


equation (26) is converted into the form G s d + 2 E p 
= E s and if E s is plotted against d keeping G s and E v 
constant, a curve of the form shown in Fig. 9, will be 
obtained. The slope of this curve decreases as d 
increases, showing that a lower rupturing voltage 
gradient is required for large thicknesses. 

This definition is further useful in ascertaining the 
value of E p . Thus let E sl and E s2 be the rupturing 
potentials for thicknesses di and d 2 , then by equation 


G s = (E sl - 2 E p )/d x - (E s2 - 2 E p )/do 
from which 


2E P — (E s2 di — E s i df)/(d x — df) (27) 

In applying equation (27) care should be exercised 
that the ruptures in the two samples of dielectric 
occur under identical conditions as to time and method 
ol applying the potential. Moreover, the samples 
must be identical in every respect except for thickness. 
Equation (27) does not hold for built-up insulation 
ma e o such materials as paraffined paper or cambric. 
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because polarization potentials exist between the 
various layers of insulation, t hus rendering the samples 
electrically different. 

besides furnishing a satisfactory explanation of 
the phenomena already cited, equation (26) accounts 
for the facts quoted in F.MII and 89-25); viz., that 
the majority of punct ures occur along t he edge rat,her 
than between the plates and that a lower potential 
will rupture a dielectric when the spark passes at 
the edge than when it occurs between the plates. 
Indeed these phenomena, are due to nothing other 
than the presence of the polarized ion potential at; 
the contact surfaces. Its effect is to reduce the 
voltage gradient in that portion of the dielectric, 
which lies within the plates, thereby rendering rupture 
much easier at the edge where the voltage gradient is 
higher. 

g, Pivhrtrir Slnutjth trill/ AUvnuilhttj Fulculinlx* 

u. Definition; The dieleeirie strength with alter¬ 
nating potentials may be defined similarly to equation. 
(26) if it hi* remembered that /v, is a function of time 



Fm, 10 t Mono i'cee, u, Foeuiiz vnos w v 1 
['■MU 1} Si 110X0 Ai.Tl.HNATlMi Fll |,I»S 

and E,, is a very erratic quantity which varies not only 
with the amplitude but also with the frequency of 
the applied potential. Tint natural tendency is to 
substitute sine functions for E, and K ,, and to define 
dielectric strength at alternating potentials as: 

d sin w l \h\ sin (to t \ 0) 2 E„ sin (to i 4 </>)]/<* i 

(28) 

where (I and 4> a re the respective angles between the 
K,, and the (F vectors; and between the E P and the G, 
vectors. 

Experiment shows, however, (70*20) that, at high 
alternating potentials, E P is unidirectional. More¬ 
over, if the connections areas shown in tig. 10, then a 
positive charge will appear on the dielect rie us indicated. 
If this be the ease when the plates touch the dielectric, 
then equation (28) becomes: 

(u sin oi l {M* sin w l t- E v )/d (29) 

As breakdown occurs more readily when the voltage 
gradient within the dielectric is highest, it is very 
natural to assume that rupture would take place when 
a) t w 00 deg. We then have 

G, ** (&*«.f B P )/d (20) 

Equation (30) accounts for the fact that the breakdown 
occurs at a lower value with alternating than with 


continuous potentials. It contradicts, however, the 
known facts alluded to in the discussion of equation 
(26). Moreover, should the findings of (70-20) be 
utterly discarded, as not applicable to the case when 
the condenser plates do touch the dielectric, and 
equation (28) be adopted, we shall have three unknowns 
(0, (j), and E v ) to determine for each dielectric. This 
leads to utterly fruitless results. Indeed, the writer 
has done this very thing. But, upon using experimental 
data to determine these constants, he obtained con¬ 
flicting values. The length of the mathematical 
development of equation (28) and the fruitlessness of 
its results have led the writer to exclude it from this 
paper. 

The absence of valuable data on the nature of 
dielectric breakdown with alternating potentials ren¬ 
ders the formulation of a theory, or even a definition 
thereof, a matter of wild conjecture. In fact, various 
experimenters have endeavored to explain the phe¬ 
nomenon, that breakdown occurs at comparatively 
lower values with alternating than with continuous 
potentials, by maintaining that the heat generated 
in the sample due to dielectric hysteresis, with alter¬ 
nating potential, raises the temperature of the sample. 
Therefore, since G„ decreases as temperature increases, 
the voltage required to break down a sample is lower 
when alternating than when direct potentials are used. 
The writer begs to disagree with the propounders of 
the so called pyro-eleetric theory of breakdown (76-21, 
104-22, 124-22, and 56-24) on the following grounds: 

1. The energy dissipated in a- dielectric in the 
period from the time of voltage application to the time 
of breakdown is indeed hardly sufficient to raise the 
temperature of that dielectric to such a degree as to 
account for the comparatively large decrease in the 
value of h\ when alternating potentials are used 
(106-28). 

Undoubtedly, for very prolonged potential applica¬ 
tion, the phenomenon of heat does exert an effect on 
the rupturing voltage by raising the temperature of 
the sample. However, a theory built wholly on this 
effect is of necessity erroneous. 

2. Actual temperature measurements (87-25) show 
that no temperature rise exceeding 10 deg. cent, does 
occur in glass before rupture. 

A close analogy to breakdown with alternating 
potentials is furnished by the familiar process of bieak- 
ing a piece of metal by repeated, alternate bending 
in two mutually opposite directions. The alternate 
compression and tension seem to be too much for the 
metal to stand. If an elastic piece of metal breaks 
down when bent with a certain force t acting in 
one direction, that same piece of metal will also break 
when a force J tU F acts on the metal alternately m 
opposite directions. The phenomenon is ascribed 
to fatigue. An analogous reasoning may be applied 
to the rupturing potential which acts on dielectrics. 
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That fatigue does play a prominent part in the phenom¬ 
enon of breakdown, is shown by (47-23 and 69-25). 

In the absence of crucial research on the phenomenon 
of breakdown, we have to depend on tabulated data 
of the rupturing potentials. Such data, however, 
will be valuable only when accompanied with a detailed 
account of the various conditions under which the 
breakdown tests are made. Such conditions include: 
(a) mode of potential application, (b) frequency and 
wave form of the source, (c) temperature, (d) humidity, 
(e) shape of electrodes, (f) physical condition and 
thickness of the dielectric. 

E. The Energy Dissipated in Solid Dielectrics 

1 . Causes of Energy Dissipation: 

The energy dissipated in solid dielectrics may be 
due to one or all of the following three clauses: 

a. The resistance of a dielectric to the flow of 
current, 

b. Dielectric hysteresis, 

c. Dielectric viscosity. 

No successful attempt has been made, so far, to 
separate the total energy loss into its three component 
parts. Moreover, the three sources of energy loss 
are not clearly defined. It will be our object, there¬ 
fore, (1) to investigate the sources of these losses 
in the light of the established hypotheses; (2) to intro¬ 
duce definitions of the three types of energy loss; 
and (3) to devise means for the separation of the 
total energy dissipated into its three component parts. 

2. Sources of Energy Loss with Alternating Potentials. 

In view of the hypotheses established in Part I 

we shall consider separately the behavior of the 
three types of electrons in a dielectric subjected to 
alternating potentials. 

a. Perfectly Elastic Electrons. When an alternating 
potential is applied to a dielectric, all the electrons 
are displaced from their neutral position of equilibrium. 
Those that are perfectly elastic will be displaced by a 
distance which may or may not be proportional, at 
every instant, to the instantaneous value of the im¬ 
pressed voltage. However, for this type of electrons, 
the same relation between the distance by which the 
electron is displaced and the instantaneous value of 
the applied potential exists no matter whether this 
distance be measured at increasing or decreasing 
values of potential. If 8 is plotted as ordinate and 
E m sin o) t as abscissa, we get the curves shown in 
Fig. 11b. 

Whether the curve is of the form (a) or (b) will 
depend entirely upon the characteristics of the individ¬ 
ual electron. The interesting fact to remember is 
that the curve closes on itself and therefore no energy 
is lost. 

b. Perfectly Viscous Electrons. The displacement 
of the viscous electrons gives a very different curve 
from the ones shown in Fig. 11b. Here the electron 
displays no elasticity; consequently, it continues to 


creep m the same direction irrespective of the instan¬ 
taneous value of the impressed potential, provided 
that value maintains the same sign. As soon as the 
polarity of the applied voltage changes, the direction 
of creepage reverses. The distance covered by the 
creeping electron is at any instant directly proportional 
both to the instantaneous value of the applied potential 
and to the time through which that instantaneous 
value acts. We thus have for the displacement due to 




Fig. 11 

A—A Sine Wave op Voltage 

B Variation in the Displacement op a Perfectly 
Elastic Electron with Voltage 
C—Variation in the Displacement op a Perfectly 
Viscous Electron with Voltage 

any potential — E m sin co t and acting for an instant 
A t: 

A 8 = h E m sin co t A t 

and for the total displacement attained during a 
time from 0 to t: 

t 

_ fo ]TJ 

sin co t d t — -—- m cos co t (31) 

This curve is plotted in Fig. lie. It can be best 
visualized by shifting the origin 0 to the point O'. 
The existence of co in the denominator of equation (31) 
shows that <5 £ is a function of the period of the impressed 
potential. 

c. Slightly Elastic or Partially Viscous Electrons. 

n the case of. the partially viscous- electrons, the 
elasticity of their bonds furnishes them with enough 
resilience to rebound whenever the impressed potential 
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suffers a decrease. The distance by which ( hey rebound 
is a function of (heir elasticity, the value of the im¬ 
pressed voltage, ami the decrease suffered by that, 
potential. The curve given in Fig. 12 is representative 
of one type of such a hysteresis loop. For other types 
of loops, the reader is referred t.o tin 1 very interesting 
work s 51-211 wherein several loops are plotted with 
charge as abscissa against applied potential as ordinates. 

d, The Hyntero-Viscosity Loop. The hystoro-vis- 
cosity loop (Fig. 12 ) may In* determined for any 
dieled ric as follows: 

A continuous potential-gradient DA is impressed 
on the dielectric for a lime I ., and (lie charge LA (see 
Fig. di, acquired by the dielectric during the interval 
l t , is measured. 'The charge density /A will then he: 

/A LA u (32) 

Tin* gradient is next raised to DA, the charge Q» 
acquired in the time (> to /.,» is measured and /A com¬ 
puted. This process is repeated until the maximum 



gradient DA,* for which the loop is required, has been 
attained. We thus obtain tin* curve 0 a (Fig. 12 ) 
which we shall call the "elect mat ion curve" in analogy 


to the "magnetization curve," 

Just as in the magnetization curve the permeability 
at any Held intensity is n H U, ho here the absolute 
permittivity A"' of a dielectric at any voltage gradient. 


(t is: 


t<‘ n a 


(33) 


The volt age gradient is next lowered to a value DA, < (L* 
If DA, is low enough, /A if K„ < 2 K,„ a current will 
flow in the reverse direction for a time A, at which 
time its value becomes zero. This reverse current is 
due to the Fad that* the polarization potential being 
in excess of tin* new impressed potential, some of the 
elastic eletdrons rchound to their original position, 
thereby allowing a part of the charge on the plates to 
recombine. Moreover, the recombined charge in the 
dielectric is exactly equal to t he released charge, II 
we measure this recombined charge and subtract, its 
value from Q m we obtain the charge Q n which remains in 
the condenser at the gradient DA,. /A, will then be 


Q n /a. By a similar process we may compute D w -i at 
G n i . . . and D u at G = 0. 

As the time element is of importance in determining 
this loop, ample time should be allowed for the viscous 
electrons to readjust themselves to each new state. 
Therefore, the time consumed in determining the curve 
a b should be at least equal to that spent in ascertaining 
the curve 0 a. Moreover, the short circuit (at G — 0) 
should last long enough to allow all electrons which 
possess any degree of elasticity at all to rebound 
to (heir normal position. This time cannot be fixed 
for it depends upon the type of material experimented 
on. 

The length of the line 0 b represents the residual 
charge due to purely viscous electrons. These elec¬ 
trons, being utterly devoid of resilience, need a coercive 
force in the opposite direction to move them to their 
original neutral position. 

The polarity of the applied potential is now reversed 
at, (.he point b, and the density of charge D, corre¬ 
sponding to any gradient G, measured, as indicated 
above, until the negative maximum gradient (- G m ) is 
attained. We thus obtain the curve be. The curve 
v (I is obtained similarly to the curve a b by successively 
increasing the potential from (— G m ) to zero. 

Finally (.he curve d a is plotted from data observed, 
as described above, by successively increasing the 
potential from zero to G m . 

e. The physical nature of the hysteresis and 
viscosity losses. The area of the loop will be shown in 
Part 111 to represent the maximum unrecoverable energy 
dissipated in a dielectric due to both viscosity and 
hysteresis at an infinitely low frequency. The question 
arises as to what part of the loss should be assigned to 
hysteresis and what part to viscosity. Before answer¬ 
ing Uffs question we shall enter into a discussion of the 
physical nature of both losses. 

The hystereMH low (ITA) will be ascribed to two 
causes: (. 1 } the energy dissipated in the adjustment and 
readjustment, of the electrons (both viscous and elastic) 
to each new variation in potential, and ( 2 ) the energy 
dissipated in the transfer of electrons from a higher to 
a lower order. 

In order to form a picture of the first cause of 
hysteresis loss, imagine a crowd in a theater where a 
lire suddenly breaks out. The heretofore orderly 
populace at once assumes the characteristics of a mob. 
Mach person will knock about in all directions and 
against all sorts of people before he gains an exit. A 
great deal of unrecoverable energy is liberated from 
the mob in the form of excitement, mental stress, noise, 
and bodily contacts and combats. The condition of 
affairs is the more frantic the greater the extent of 
the conflagration. Moreover, in the first stages of the 
disaster only the quick and energetic members of the 
mob take part in the excitement. All slow persons 
behave, for a time, as though nothing extraordinary had 
occurred until they awaken from their stupor to discover 




628 


MALTI: THEORY OF IMPERFECT SOLID DIELECTRICS 


Transactions A. I. E. E. 


the peril confronting them. Indeed, if the manager of 
the theater has enough presence of mind and prepared¬ 
ness to suddenly stamp the fire and place matters under 
control, those dull, unfortunate (or perhaps fortunate) 
individuals would hardly suspect that anything had 
happened. They therefore do not take part in the 
excitement, and, except for the room they occupy, there¬ 
by obstructing the exit of the excited element, they may 
be considered as an utterly negligible factor in the 
commotion that takes place. 

Such is the state of affairs when the mob of mole¬ 
cules in a solid dielectric is suddenly exposed to a 
potential gradient. Some unrecoverable energy is 
liberated in the form of molecular oscillation and 
molecular friction. Moreover, in the first stages of 
impressing the potential, practically all the energy 
dissipated is due to the more or less elastic electrons, 
the highly viscous ones supplying only a very small 
portion, in the form of obstruction. As time proceeds, 
however, they also supply their share of the total lost 
energy. This loss, however, shall be ascribed to 
viscosity. 

That part of the hysteresis loss which is expended 
in changing the status of an electron from a higher to a 
lower order hardly needs comment. The energy of an 
electron belonging to a lower, is less than that of an 
electron connected with a higher order. Therefore, 
when a transfer does occur, the extra energy is naturally 
liberated in the form of heat. 

The hysteresis loss, so defined, is independent 
of time and is a function only of the nature of the 
dielectric, its temperature, and the maximum gradient 
(G m ) attained. The true hysteresis loss per unit volume 
can be experimentally determined by impressing upon a 
dielectric potentials of the same amplitude but of 
different frequencies and noting the range of frequency 
at which the energy dissipated per cycle becomes con¬ 
stant. The loss per unit volume for frequencies lying 
within this range is the true hysteresis loss. Unfor¬ 
tunately this loss cannot be represented by a loop of the 
form shown in Fig. 12, because the element of time 
effects the shape and size of this loop. Therefore the 
only similarity that exists between magnetic and 
dielectric hysteresis is that of the physical nature of 
the two phenomena. Fortunately, at high fields, 
magnetic materials reveal no viscosity and the loss per 
cycle due to magnetic hysteresis may be actually 
represented for unit volume, by the area of the hysteresis 
loop. Such is not the case with dielectric materials. 
The loop in Fig. 12, thus represents the loss per unit 
\ olume due both to hysteresis and viscosity at an 
infinitely low frequency. 

The Viscosity Loss (ITT) will also be ascribed to two 
causes: ( 1 ) the energy dissipated in the very slow adjust¬ 
ment and readjustment of the viscous electrons to each 
new variation of potential, and ( 2 ) the energy expended 
in supplying the work required by the electrons in creep¬ 
ing from their normal position through a distance 8 and 


back again (see Fig. 11c). As both of these factors 
are increasing functions of time, the extent of the loss 
due to viscosity can be determined only indirectly as 
we shall see presently. The hystero-viscosity loop thus 
offers only an estimate of the magnitude of the combined 
loss, per cycle per unit volume, due to both hysteresis 
and viscosity, at infinitely low frequencies. 

The above reasoning is strongly supported by (103-22, 
9-23,107-24, 63-10,12-12, 85-12, and 55-14) which show 
that the energy loss per cycle, per unit volume is either a 
decreasing function of the frequency or independent of 
it. As to the relation of loss to the potential gradient, 
this will largely depend upon the nature of the dielectric 
and its behavior under the various potential ranges. 
Thus no definite relation can be established between the 
hystero-viscosity loss and the impressed potential. 

S. Definitions and Separation ' of Dielectric Losses. 

a. The Resistance Loss (W r ). The loss per unit 
volume, per cycle due to the resistance of a dielectric to 
the passage of current, at alternating potentials, shall be 
defined as follows: 

1. For potentials whose amplitudes exceed the 
upper limit E A of the initial potential range A, 

Wtl = 4 (equation 5)/V Joules/cm. s (34a) 

2. For potentials whose amplitudes do not exceed 
the upper limit E A of the initial potential range A, 

W r = 4 (equation 8)/V Joules/cm. 3 (34b) 

b. The Total Loss (W D ) dissipated per unit volume 
per cycle shall be defined as the total loss, measured by 
known methods, divided by the volume of the dielec¬ 
tric, divided by the number of cycles made during the 
time of running the -test. 

W» = (Measured Loss per cycle) /V Joules/cm. 3 (35) 

For the same amplitude of applied potential, W D 
will decrease as the frequency is increased, until a 
frequency f is reached beyond which the loss per 
cycle is constant and independent of the frequency. 
This particular value of W D will be defined as: 

Wj>/ = (Measured constant loss per cycle) /V Joules/cm. 3 

(36) 

c. The Loss due to Hysteresis (W*) : The hysteresis 
loss per unit volume per cycle at any frequency shall 
be defined as follows: 

1. For potentials whose amplitudes exceed the 
upper limit E A of the initial potential range A, 

Wu = (equation (36)) — (equation (34a)) Joules/cm. 3 

.(37a) 

2. For potentials whose amplitudes do not 
exceed the upper limit E A of the initial potential 
range A, 

W h = (equation (36)) - (equation (34b)) Joules/cm. 8 

, _ (37b) 

. d ; The Losses due to Viscosity (W v ): Energy 
dissipated per unit volume per cycle due to viscosity 
shall be defined as: 
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q/, /equation (350 (equation (36)) .Joules/cm. 3 

(38) 

It must he remembered I hat Mu* above equalions hold 
true only under constant conditions of volt aye gradient, 
temperature, humidity, etc, The only factors here 
eliminated are time and frequency. 

Part HI. Applications of the Classical 
Theory of FJeetrostalies to Solid Dielectrics 

The classical theory of electrostatics holds true 
only for vacuum, a nun-anomalous, perfect dielectric. 
K, will be our object to show how tin* formulas and 
deduct ions arrived at. in this theory may he applied 
In solid, anomalous dielectrics, 

A, Tin f 'uiit'i'jit of Caput'itaiicc ( l*vnniUnnce ). Ex¬ 
periment shows that for one and the same dielectric the 
capacitance tpermittaneoj of a plane condenser (per¬ 
mit Ion similar to the one shown in Fig. 1, varies 
directly as the area exposed to the plates and inversely 
as tfie thickness of the dielectric. This gives the 
equation: 

(* K AT u d farads 139) 

where A is defined by equation (23) for continuous, 
and by equation (24) or equation (25) for alternating 
potentials, and Ah is a constant given by equation (42) 
below. 

Equations <23», <24q and (25* give the relative 
permittivity of a dielectric instead of the absolute 
permittivity. The absolute permittivity is equal to the 
relative permittivity multiplied by the permittivity of 
vacuum. It so happens that in the electrostatic system 
of units AT 1. Therefore, the* absolute and relative 
permittivities in this system of units are identical. 
In IleavbideV system, however, A. / 1; see equation 
(42 1 , This accounts for introducing AT as a factor in 
equation i3$i. Whenever the term permittivity is 
used it will he understood to mean relative permittivity. 
The symbol A ’ will he used for absolute permittivity; 
see equation (33,s. 

'flu* permit Janet* of a vacuum permit lor is similarly 
defined as: 

(\ » AT « (I farads (40) 


The denominators of equations (24) and (25) can be 
computed by making use of the fact that the capacitive 
reactance of a vacuum condenser at a frequency / is: 

AT - 1/(2 7 rfC).= d/{ 2 tt/AT a) ohms ( 43 ) 
IT ----- AT,, cos oo t/Xr = (2 7 T /AT a/d) E„. cos co /(amperes (44) 
and 

T A 

| (IT cos tat) dt - 2 AT a E m /d coulombs (45) 

r. 

Equation (45) expresses the value of the denominator 
in equation (24) and equation (25) in terms of the 
amplitude of the applied potential and the dimensions 
of the condenser. 

B. Tim Concept of EInstance. As it is sometimes 
convenient for the purpose of computations to use the 
inverse of certain constants we shall use the term 
clast,mice S and define it as: 

S - 1/C « (1/A) (1/AT) (d/a) (46) 

In equation (46) the term ( 1 /A) shall be known as the 
“clast,ivily” of a dielectric and shall be denoted by the 
letter a thus: 

<r « 1 /A (47) 

The value of cr will vary inversely with A and will 
depend upon (a) the amplitude and frequency of the 
alternating potential used, or (b) the magnitude of the 
applied continuous potential. 

Similarly the elastivity of vacuum is: 

tr v ■ 1/AT - 11.3 X 10 12 darafs/cm. cube 

4.45 X 10 12 darafs/inch cube (48) 
Substituting equations (47) and (48) in (46), we have: 

S « (cr v ) d/a (46a) 

With these new definitions of permittance and 
ela,stance the well known relation: 

Q =• C E (49) 

becomes’ true for all potential ranges because the 
variation between Q and E is accounted for by the 
variation in the value of the coefficient G. 

With continuous potentials, the writer would suggest 
the use of the electrization curve (Fig. 12) to define the 
absolute permittivity I\ f of a dielectric at any potential 
gradient G and for any charge density D. Then the 
value of G in equation (49) will be: 

G = A' a/d ( 5 °) 


Moreover, since in t he case of vacuum, Q is proportional 
to A" for all potential ranges, we have: 

Q„ « ( V E - AT A a d coulombs (41) 
The value of AT in Heavisides system of units can be 


From equation (49) we have Q = E/S or 

E « Q $ ( 51 ) 

But E - G d, Q « D a, and S = (<r cr v ) d/a 
Substituting these values in equation (50) and simpli- 


shown to he: 

AT * 0.08242 X 10 *« farads, cm, cube 1 

« 0.2244 X 10 ,a farads inch cube J (42) 

Therefore, Q r for a vacuum condenser can be easily 
ascertained. Its value is identical with Q o in equation 
(23). 


fying: 


Gr = (T <Xv D 


(52) 


from which 


G/cr <r v = G K AT 


Equations (51) and (52) hold true only for constant 
potential gradients and constant charge densities. E or 
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variable values of these quantities integration should 
be resorted to. We thus have: 

E = f G dd (54) 

and 

Q = f Dda (55) 

C. Energy in Dielectrics. Consider a plane con- 
condenser (Fig. 1) which has a plate area (a) and a 
thickness (d). If i is the instantaneous value of the 
current supplied by the source of e. m. f. of instan¬ 
taneous value e, then the energy delivered by the source 
during any interval of time d t will be 

d W — e i d t = e (i c -j- I r ) d t (56) 

and the total energy supplied during an interval of 
time t r is: 


is delivered by the dielectric to the circuit of such 
amount that 

d 

W co = — J G d D = — (Area - D m C d) (61) 

c 

4. Finally, the energy supplied to the dielectric 
during the part of the cycle da is 

a 

Wda = J G d D - (Area d a D m ) ’ (62) 

d 

The net energy retained by the dielectric and dissipated 
in the form of hysteresis loss per cycle per unit volume 
is: 


W = j e i e d t + f elrdt 

o o 

= Jedq + jeI r dt. . . watt seconds (57) 
o.o 

The energy per unit volume supplied to the dielectric is: 

l r ^ tr 

w ' - W/a d = J (e/d) (d 4/0) + f (e/d) (I r /a) d t 

0 0 

r / r 

- j GdD -j- j GU dt watt sec/cm. 3 (58) 

o o 

Forgetting for a moment the second integrand in 
equation (58) (because its value does not enter in the 
energy storage), we shall prove that the area of the 
hysteresis loop (Fig. 12) represents the energy dissi¬ 
pated per unit volume per cycle, on account of hysteresis 
and viscosity at an infinitely low frequency. 

1. From the point a to the point 6, each decrease 
(G), in the voltage gradient, results in a corresponding 
decrease d D in the density of charge accumulated on 
the dielectric. Therefore, energy is delivered from the 
dielectric to the external circuit. The amount of 
energy per unit volume is, according to equation (58), 

b 

~ W ah ' = - f GdD = — (Area a b D m ) (59) 

a 

2. During the part of the cycle extending from b to c 
energy is supplied from the source of e. m. f. for the ' 
purpose of transporting the viscous electrons repre¬ 
sented by the line o b to their neutral position and for 
the further object of charging the condenser in the 
reverse direction. This energy may be represented by 
equation (58) as: 

. £ 

+ W, JC = f GdD = (Area- D m b C) (60) 

b 

3. Similarly, from the point c to the point d, energy 


■W h -\-W v = (equation (60) + equation (62) ) 
- (equation (59) + equation (61) ) 

= Area of the loop ab c d a 


Symbol 


d 

d 

D c, Dd 


Notations 

Quantity Units 

Area...Cm 2 . 

Chemical composition of a dielectric 

Capacitance (Permittance).Farads 

(Subscript) charge 

Thickness.Cm. 

(Subscript) discharge 

Charge and discharge density.Coulombs/cm. 2 

Voltage (Continuous or effective) \ y 

Voltage, instantaneous.j o s 

Frequency.. Cycles/sec, 

Voltage gradient.Volts/cm. 

Humidity.= Per cent 

Current, continuous or effective 1 

Current, instantaneous./ Amperes 

Dielectric constant (Permittance). .Numeral 
Material of electrodes 
Refractive index; any number 
Physical condition of a dielectric 
Mechanical pressure on a dielectric. kg./cm. 3 
(Subscript) Polarization thus E p = polarization 
e. m. f. 

Charge.] 

Discharge. J Coulombs 

Resistance ... Ohms 

Ionizing radiations 
Shape of electrodes 

Elastanee = i/C .:.Darafs. 

(Subscript) strength thus G s = dielectric 
strength 


A,B, . .S 
A, B . . S 


Temperature. Deg , Abs . 

Current density.Amps, /cm. 2 

^ olume .. cm. 

^ ner ^y.Watt-sec. 

Energy density.. , watt . 

see/cu. cm. 

5 esistmty .....mho/em. 3 

Conductivity.ohm/cm. 3 

.Darafs. 

An ^ les .Deg. 

2 Tr / (Angular velocity).radians/sec. 

(Subscripts) Limits of ranges 
(Not subscripts) Ranges. 
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Appendix 

NlHlWlXti KXPKUI M KNTAL EVIDENCE RELATIVE TO THE VARI ATION OP II, Q, K, G , AND W. WITH THE VARIOUS 

FACTORS INDICATED AS Col AJ M N-II KADI NO S 
(Par inltTjm'Ialion of’ column licailinjJis see notations) 



Mode ol' vanat ion 

Dims 

Inverse 

Indclluiic 

No 

1 Mivci 
! uvt rse 
Itiilt'llnilc 
No 

1 Hirer 

Invfi’Hf 

Intifilinit* 

No 

I Mt'fft 
ImiTs* 

1 tttloAltt H»* 

No 

Dlr.-t'l 

t nvftM* 
t inh*|}tiiii* 

No 



•Aitittllfn tut Jmtcu»m while " 1 n vim m- viirlalion" menus a iloeraisc In Mm property of a dielectric with an increase in fcho 


(’iii’loo. rimMlUlMUK fho I'ohttuit ltfUtliltfSh, 
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DiMciisHion 

S. J. Ro.vcli j In considering the total loss in a dielectric, 
Mr, Malti claims to have l.ieon aide to separate I hat particular 
loss dan to hysteresis and he gives an expression lF/ t IP,/ I’ x B. 
In justification of this expression he states that ns the frequency 
of the test voltage is increased, the loss per cycle decreases until 
some value of frequency is reached after which the loss per cycle 
remains a constant. 

in order to accept this equation, wo must assume that the loss 
due to hysteresis is constant at the lower frequencies. That is, 
something we have not as yet boon aide to substantiate and until 
its accuracy lias boon deduced as the result of experimental work 
in connection with dillerenf dielectrics, I would counsel caution 
in the acceptance of this expression. 

Nevertheless, as a working .hypothesis, the point is well taken 
and it would certainly he a worth-while fact for some of the 
research engineers to establish as a step toward the better under¬ 
standing of the behavior of an imperfect solid dielectric. 

I'l. S. Lee* The mechanism of dielectric breakdown is still 
unknown, to us. Mr, Malti suggests the occurrence of certain 
internal phenomena in the dielectric to account fur external 
phenomena as observed. While these internal conceptions may 
possibly lie helpful, lie does not make it clear how they may be 
made useful for prediction of phenomena not as yet observed. 
II this might he done, his work would have greater value. 

Mr. Malti indicates the absence of crucial research on the phe¬ 
nomenon of breakdown. This is the dielectric property of great¬ 
est interest. There surely ought to be recognition of the large 
amount of work of high caliber which has been carried mi and 
published relative thereto, which, if if has not been crucial 
research, 1ms nevertheless given us considerable insight into the 
phenomena involved and the magnitude of their extent. 

I'\ M. Clark* In discussing Mr. MaltFs paper 1 am thinking 


more of the oil-trcnlcd cellulose ma1«*riul than I am of the i,ype 
such as mica and glass. 

Mr. Mail! is lo be congratulated in attacking fhe eleclrunic 
phase of dielectric failure. I | hint, however, I hat he has 
perhaps fallen out of the frying pan into the tire when he endows 
his electrons with a degree of mentality , lie has three or four 
different types of elect rolls. Free electrons, we can dispense with 
by the statement that they are there. If we want to increase 
them we subject fhe insulation to ionizing radial ion, hut when we 
come to electrons of various degrees of viscosity ranging all the 
way from elastic to viscous electrons, 1 am rather doubtful as 
to flic source of I hose electrons themselves. 

In view of the fuel that he admits as every one does that the 
electrons are practically identical with regard to charge ami mass, 
it. is hard to see how I wo elect runs under t he same conditions can 
one of them choose to lie elastic ami the other one choose lo he 
rather viscous. 

I want to suggest an idea on which we are working in the 
laboratory of tlie (lencral Electric Company; that is, the con¬ 
sideration of t he dielectric problem from I he standpoint of molec¬ 
ular moment. If we have a molecule in which tlm center of 
mass gravity corresponds to the center of electrical gravity 
we say it has no moment. That molecule ought to he inert, 
chemically and a very good dielectric, If, op the other hand, 
we have the center of muxs gravity not corresponding with the 
center of electrical gravity, then we have a molecule which is 
endowed with electric moment. With this fundamental idea, 
one can explain most dielectric behavior very similarly to the 
way Mr. Malti lias done in adopting different viscosities for 
electrons. 

1 can illustrate one point very simply in following out that idea. 

I hope we shall soon have our data ready to present before the 
Institute. Mr. Malti discttssc.-* polarization. If you adopt the 
polar molecule you will get the same sort of u diagram as Mr. 
Multi has obtained. But immediately you raise the question 
that in Home molecules, preferably with paralliti materia!, the 
electric moment is almost negligible In that ease if there Is 
no electric moment we arc compelled to admit then that we do 
not got orientation in the electric Held. 

4 Iierehu'e, we have approached pretty close to what we might 
consider as a perfect dielectric. But even then we should have 
lo explain the perfect dielectric as being not only of no electrical 
moment, but of having intiuite affinity for its electrons, because 
as we raise the voltage we should get electron displacement amt 
eventually should get electrons knocked off with resulting 
ionization. 

If must be remembered, too, that m the ordinary type of solid 
insulation and I mentioned oil-treated cellulose the material 
is colloidal in character. If it. is not a true colloid, if is colloid- 
like and subject to colloidal laws. Colloids in the electrical 
Held, of course, will assume a charge, and for all intents and 
purposes we have then a polar molecule, even though inherently 
it is of no moment. 

_ 1'com that definition then, we would conclude that the perfect, 
dielectric would he a molecule of no electrical moment and with 
infinit e nUinity for its electrons. 

1 shall not try to apply that idea to ail of Mr. Multi's work, 
hut I want to say that with such an idea, d»e, breakdown is 
subject to entirely different fundamental laws from a»e, break¬ 
down, Only in a case of what we have defined as a perfect 
dielectric would the d»c, and a-e, breakdowns be subject to the 
same elinraet,eristics or laws. 

Banning over to d-e. breakdown, Mr. Malti mentions the fact 
that d-c. breakdown is subject to time, is a function of insulation 
thickness and is therefore subjected to the mode of volt ago 
application, and logically following these conclusions, is subject 
Ion fatigue effect. 

We have done considerable work in fatigue effect under a-e. 
potential, and wo have been aide to trace it out pretty well. 
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« r Iijivm iifvt-r 1 H i it >, under carefully coni rolled “Undoubtedly, for very prolonged potential application., the 

comlilioio. 1" trace out a fat igue effect under d-e. potential, phenomenon of heat does exert an effect on the rupturing voltage 
If i lie experiment U carefully eoul rolled, the d-e. breakdown by raising the temperature of the sample. However, a theory 
appears ultimo independent of tho thickness. The rate of built wholly on this effoet is of noeessity erroneous.” 
voltage application r not markedly effective. 'Pirn time-voltage Again, referring to the appendix (Column T) it will be noted 
curve is almost tint. Those ideas lit in very nicely with the that I am aware of at least seven references which confirm the 
suggest ion of molecular moment which I tun offering. yiow that the dielectric strength decreases with an increase in 

Mr. Multi is led to the eouelusion that the pyroelectric theory temperature. The question is really much deeper than would 
is to he rejected, That conclusion I think, should he carefully appear. It is this: For very short lime of potential application 
considered before it is generally accepted. For example, Mr. is boat tlm result or the cause of breakdown? My answer is that 
Multi's two reason , which Im gives for this conclusion are of for short time intervals heat is both a result and one of the 
interest . We recognize that there are two types of breakdown wuakost contributing factors of breakdown. 


perhaps the instantaneous t> pe and the so-called long-time 
Ivpe. To my idea the weakness of the pyroelectric theory has 
tint been that it h wrong. It is apparently true, as far as 1 can 
hcc, that insulation failure is a heat phenomenon if you exclude 
the instantsiueoiui type of breakdown. However, the pyro- 

trie theory begs the question almost entirely on the funda¬ 
mental cause of that heat and i! is hard to see why Mr. Malta 
eaii adopt hr own ideas of viscous electrons and still retain the 
pyroelectric theory. If the heat theory is to ho rejected on his 
Mens, what would In* say in the direct cause of insulation failure? 
The motion of electrons in bound to create heat,, ami heat, itself, 
from the,'fecund paragraph of his first renMtm, dues exert, an effect. 

Mr. Multi also reject h the idea of pyroelectric theory because 
of measurements on glass. This is one place where l want, to 
emphasize what Mr Lee has said, It is the present tendency 
pi give up the study of oiled solids and pass over to the study ol 
what are thought to be perfect dielectrics .such as glass and Halt, 
crystals. In doing (but you must remember that as we pass 
from cellulose materials to salt crystals, we are passing trout the 
organic jo the inorganic realm, \V hatever the molecular attrac¬ 
tion mnv be in the organic realm, there seems to be considerable 
(luuhl that It is electroh?atie. Ill the inorganic series, it is pretty 
certain that the attraction between atoms in the molecule is 
electro' tatii\ 

In going from the organic In the inorganic, from cellulose 
materials to glu v, we are passing to a material which has all 
flic appearances of being an electrolytic conductor, With sails 
Nuchas silver sulphide, it has been shown conclusively that, 
the conductivity is partly electrolytic and partly metallic in 
character, 

The dielectric * , hara< fermte •« of ait inorganic insulator are 
probably affected by laws which do not apply to an organic 
molecule. 1 do not see bow «e can make any marked progress 
in obtaining a theory of m nintmu failure da insulat ion meaning 
idled organic material , by going over into a crystallite structure 
where in most eases we are dealing with inorganic materials 
showing either electrolytic or metallic conduction, or both. 

Herman Halpertm by telegrams H would obviously be. of 
very great assistance to tin* art if Mr. Multi would conduct a 
series of experiments to verify some of Ids theories and statements 
especially in regard to Fig. ft showing the variation of dielectric 
strength with the thickness of dielectric and to his disagreement, 
with the pyroelectric theory, In connection wit It the pyro¬ 
electric theory, it has been found in a series of tests at varums 
voltages on several hundred samples of impregnated^paper in¬ 
sulated cables of \ orinuw t ullages ami sizes t hat about, i*» per < i n > 
or the failures in accelerated lift* testa occur at, points along the 
cable sheath which were enmuderohty warmer prcvmim to tlm 
failure than the adjacent sheath. This percentage increase* with 
the thicker modal hum. Further data on this point are ^ ivm * 1,1 
the paper on the quality rating of high-tension cables by r. 
Roper and my self. 1 

M. CL Multi* In answer to Mr, Htdperin** telegram mid to 
tlm various speakers oh to my attitude on the pyroelectric the¬ 
ory of breakdown, 1 should like to refer to the following state 
went. on tin* tenth page of my paper: 

I. A. I. K. IS,T»AN*Atrtt«»NS. 19516, Vat. 46. P 638* 


Tlie reason 1 assort that, lioat is a result, in tlie ease of instan¬ 
taneous breakdowns, is that the phenomenon of breakdown is 
nothing more than the tearing up of the electrons from, their 
orbits. The energy dissipated duo to the consequent electronic 
oscillations, vibrations and friction appears in the sample as 
heat. 

Answering Mr. Loo, I fully recognize the large amount of 
work of high caliber which has been carried on and published 
relative to dielectric breakdown. However, I beg to repeat that 
none of it appears to he crucial. If ho finds opportunity to do 
some research I would suggest the following: take a group of 
samples of the same insulation all of the same thickness and all 
made by the same process of manufacture and as uniform in 
quality as can he had. Let those samples be tested under the 
following conditions: 

I, (Ami muons potential (time of potential application *Sj. 
seconds, breakdown potential applied in one step). 

a. Flat plates of the same material (plates not touching 
the insulation ), 

b. F'al, plates of the same material (plates touching the 
insulation), 

c. Flat plates of file same material (plate forming intimate 
contact with insulation), 

d. Increase and decrease size ol plates and repeat tests 


il, II, ' , 

e. Use spheres of varying diameters and repeat tests 
a, 1), c, 

f. Use needle points and repeal, tests a, b, o, 

g. Use a, It, e, (1, e, and f in various combinations, 

h. Change material of plates and repeat tests a to g, . 

i. Use plates of two different materials under various 
combinations and repeat tests a to g, 

j. Repeat tests a to i with various sources of continuous 
potential O'. //., kenotron tube, d-e, generators, induction 
machines, etc.). 

2. Alter unit,>t(i potentials (%« of potential application Si, 
seconds, full potential applied in one step): Repeat all tests 
listed for continuous potentials with alternating potentials ol 
pure sine, wanes or of waves whose form is definitely known. 
Use ranges of frequency varying from 1 cycle per sec. to as high 
as laboratory facilities permit. 

3. Repeat tests l and 2 for a breakdown ot Sa» 


U Repeat tests 1, ‘2, and 3 with, potential gradually increased 
breakdown. This series of tests should bo made under the 
no conditions of temperature, humidity, etc, 
n. ( mango the thickness of the dielectric and repeat tests 1 to L 


(,o 4 for various thicknesses 


o a tor van hum i.iu.hvii., 

7 This suggested research should give some crucial results as 
I, i mw nu*,h rm.t, for other 


8. (live a very detailed description of the physical and chemical 

□portion of the samples used. 

I know of no i.ul.linlui.1 work that lia» stnotly 

ocedure. If this research can he made with the required. 
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material and high-class labor, the results will shed a bright light 
on the mechanism of breakdown. 

I do not know that phenomena Air. Lee refers to when he says 
“prediction of phenomena not yet observed.” Each of the 
phenomena mentioned in my paper is an entity. The}' are all 
well known and have been observed for ages. 

Air. Roseh takes exception to my definition of hysteresis loss 
appearing in Eqs. (37a and 37b) on the ground that, these 
expressions would be correct if, and onbr if, the hysteresis loss 
remained constant at various frequencies. He further suggests 
that some research engineers should establish this fact. 

Unfortunately both hysteresis and viscosity are so intimately 
connected together that they cannot be experimentally separated. 
In order to affect their separation we have to discover a dielectric 
that possesses one but not the other property. Paraffin ozokerite 
closely approaches this ideal. It would be indeed well worth 
while if an experimental research engineer would establish or 
refute my equations. I wish to thank Air. Roseh for this 
suggestion. 

Air. Clark seems to infer, from the simile I give between the 
electrons and a crowd in a theater, that I endow the electrons with 
a degree of mentality. This simile is drawn only to help one’s 
imagination as to what goes on when a potential is impressed on 
a dielectric. He cannot see how, if all the electrons are of the 
same nature, some of them can be viscous, others elastic and still 
others free. I beg to refer him to part I section B of my paper 
and to state that the terminology used there might help him. 
I refer there to these electrons as free elastically bound and 
viscously bound. 

According to the modem electron theory of matter electrons 
are assumed to revolve in orbits of various diameters and various 
eccentricities about the proton. The picture is similar to our 


solar system with the proton corresponding to the sum and the 
electrons corresponding to the various planets. 

<h §2 

Now from the fundamental laws of electrostatics, F - - 

y>2 

where qi and qz correspond to the charges on the proton and the 
electron and r to the distance and F is the force of attraction 
between the electron and proton 2 . 

It can be easily seen from this equation that the greater the 
distance between an electron and a proton, the less the force 
of attraction. Therefore, we may introduce, on this basis, the 
following definitions of the three types of electrons: 1. Free 
electrons are those which lie in the outermost orbit or orbits, 

2. Viscously bound electrons are those lying in orbits nearer 
to the proton than those of the free electrons, and 

3. Elastically bound electrons are those which occupy the 
innermost orbits. 

Air. Clark refers to the old Maxwellian conception of molec¬ 
ular moments. However, in the light of modern developments 
the old Maxwellian views are known and have been proven to 
be very crude and incorrect. 

In regard to fatigue with d-e. potential Mr. Clark would 
probably be interested in the experiments of Professor. Langsdorf 
and others. They have found fatigue. I shall be glad to supply 
a complete bibliography on. the subject of fatigue which will 
not only be of interest to him but will probably suggest different 
modes of procedure from those he has been following in an effort 
to determine insulation fatigue. 

As to the cause of insulation failure, I beg to refer Mr. Clark to 
my answer of Mr. Halperin’s and Mr. Lee’s discussions. 

2. This definition is known not to be true for atomic structure but it 
is approximately true to illustrate my point. 


High-Voltage Measurements on Gables and 

Insulators 

BY G. L. K' AS SON 1 

MmuIhm*. A. 1 . E. E, 


Sl/liopsis. Tin; puper jin: tut . nun of the results of u serins of 
lliiflnrnlhoit lefts tut nthlrr and insnlaUiCti, c.rleuding over a juiiod 
nf eight <i> or:,, to ilt /* not m Hu ttii tneul ehnrueti rislics of the insula¬ 
tion. l.ntl otji nm tnt, insolation n sislunet, mol mill in put 
In.t. inn untili with thri ft mill ath mating current. Iht/u r- 
i a. itlnh a oiol rubber,■insulated i a hi i. anil it ,t HHi-i'oll jutreeluin 

in: uliltof tin ft h :.(t il, 

Prom Hoff nett fill iimi I tuition trim ilnnni, (he principal 

nil i f In i mi or J“lions : 

I. I u salat ion i* ytflattff of paper mol rnhher-i nsulnled power 
cuhles ihifio.if to n miij t in tun mill turn ilsiny Ujiplirtl il-e. cottage, 
tin e Inn nr h < e he dr pt nding n jinn the ti nt pi nit tin . 

If If lomntU'fl to gift till!fill.:: It:: Well US guards ill making 
Iff!:, to ih h rpiint tin eh eh teal rlntettfh fifties uj ruble insulation 
until <’ e, rulhtijt ■hi r:. nhuei tin nun uhun /mint. 


.1. The wall input to the insulation of a paper cable under d-c. 
sirens, ut a given lew jural are, depends upon the character of the 
col I ape genre; the yreater the ripfile, the greater the wall input. 

It is necessary to use shields as well as guards in making 
tests on short cable samples to determine the a-c. electrical character¬ 
istics, such as dielectric loss of cable insulation under voltage, stresses 
abort- the ionization jxriul. 

n. The ionization poiul is eery variable defending upon the physi¬ 
cal circuit, together with the atmospheric conditions, and represents, 
in reality, land air breakdown. 

H. The better (i. e., the more uniform) the dielectric, the yreater 
is the tendency for the material to break down in its entirely rather 
than at a single poiul. Practically, of course, no dielectric is per¬ 
fectly homogeneous, so that failure will be restricted to the weakest 
spot or spots. 


TttSTK UN PAIi*:n-lNSULATKl5 Caulks 

1 11 IK first series of tests described in the paper is 
that on papeiMusuhted, lead-covered cables. 
These were tested with direct current from a 
kenotnm set and a high-voltage battery and with 00- 
cycle alternating current . 

The results nf tire tests were plotted to show the 
variation of leakage current, insulation resistance, and 
watt input with applied voltage at given temperatures. 
These curves show the insulation-resistance-voltage 
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given period of time they are a measure of the energy 
input to the insulation, with resultant heating. 

Insulation Resistance Varies with Voltage Applied. 
The first conclusion, namely, that insulation resistance 
increases to a maximum with increasing applied d-c. 



Ftu, 2 Variation of D-c. Ciiahactkiubtics of New 15,000- 
Vm.T Pai’eh-I nhcrated Cable Line 

Testis muflM on Lino .* 18 - 118 , eouNlsting of polrolalmn impregnated, tliroe- 
eonduelor, 800,000 eh\ mils cabin, 22,070 feet long. Conductor Insulation 
7/82 In., belt,, 8/82 In. 

Voltage applied from kenotron and low voltage battery. 
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In,, outer tu p. 7 ,t,* in 

Vnliiigi- appllid frnui liiiuiHnn it ml l**w voltage butCTj'. ('orrectiuiis 
made for mpi-rntine ehtume*, 

stress and watt input voltage stress characteristics of 
the cables. The former indicates the resistance re¬ 
action of fhe insulation to d-c. voltage stress and the 
latter, t lie power input or dielectric loss. These latter 
characteristic curves ore important because over a 

I, Ivii-nti Klm-tru* ilhtutiimfiiiK IBhhU'Ii, Mass. 

/'/1 < nfi d at tin }(f gamut Milling of Ihtdrtct An. / nf tin 
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voltage, is supported by the tests the results of which 
are shown in Figs. 1 to 6 and 10 to 14, inclusive. 

An inspection of these curves indicates that both old 
and new cables show this characteristic in varying 
degree, depending .upon the temperature. At the lower 
temperatures the insulation-resistance rise is very 
pronounced, but at the higher temperatures the rise 
is slight. 

The first series of tests was made on an old (line 597) 
and a new (line 98418) 15,000-volt cable. These 
cables were respectively 18,283 ft. and 22,079 ft. Jong. 
The results are shown in Figs. 1 and 2. 

The old cable (Fig. 1) shows a maximum insulation 
resistance at, the given temperature, under a stress of 
only 12 lev. d-c. The new type cable (Fig. 2) shows a 
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characteristic still rising at 26 kv. From the character 
of these curves and values of insulation resistance it 
might be possible to draw partial conclusions as to the 
general condition of the insulation of these paper 
cables. On this basis the condition of dine 5-97 appears 
to be poor and that of line 38-118 good. 

Effect of Temperature on Variation of Insulation 
Resistance with Applied D-c. Voltage. The effect of 



Fig. 3—Variation of Insulation Resistance with D-c. 
Voltage, at Several Temperatures, of Unshielded Reels 
of New Paper-Insulated Cable 

Tests on 15,000-volt, three conductor, 350,000-cir. mil cable lengths. Con¬ 
ductor insulation 7/32 in., belt 3/32 in. Cable A, 644 feet long; petrolatum- 
impregnated; cable B, 645 feet long, impregnated with petrolatum and 
rosin-oil. 

Voltage applied from kenotron. 

temperature is shown in Fig. 3 for two.new paper 
cables (A and B) of different types. Further tempera¬ 
ture effects upon the insulation-resistance-voltage- 
stress characteristics are shown in Figs. 4 and 5, for new 



Fig. 4 —Variation of D-c. Characteristics at Two Tem¬ 
peratures of Guarded, Unshielded Reel of New Paper- 
Insulated Cable 

Tests made on cable C, 15,000-volt, tliree-conductor, 300,000 cir. mils, 
petrolatum-impregnated, 800 feet long. Conductor insulation 7/32 in.’ 
belt 3/32 in. 

Voltage applied from kenotron. 


Necessity for Using Shields. In making tests to 
determine the electrical characteristics of reel lengths 
of cables it became evident that complete shielding is 
very important. Figs. 3, 4, 5, and 6 illustrate cable 
characteristics measured without shields. In these 
figures most of the insulation-resistance curves against 



Fig. 5—Variation of D-c. Characteristics at Two Tem¬ 
peratures of Unshielded Reel of Old Paper-Insulated 
Cable 

Tests made on cable D, 15.000-volt, threo-co,nductor, 2/0, rosin-oil 
impregnated, 101 feet long. Conductor insulation 9/32 in., belt 9/32 in. 

Voltage applied from kenotron. 

voltage stress rise to maximum and then decline. This 
decline is apparently due to ionization of the air, 
either within or outside the cables. The effect of the 
ionization of the air at the ends of the cable becomes 
proportionally less as the leakage current through the 
insulation increases; in fact, in case of very high 
leakage through the insulation, it may be a negligible 
percentage of the total measured current. 

Where the leakage current is low, however, the end 



Fig. 6 Variation of D-c. Characteristics (Leakage 
Current, Insulation Resistance, and Watt Input with 
Voltage) of Unshielded Reel of New Paper-Insulated 
Cable 


C and old D paper cable, respectively. On the 
old cable, the effect of temperature is very marked. 
At 40-kv. direct current, the 23-deg. cent, characteristic 
is falling very fast, which probably indicates impending 
failure. The 60-deg. cent, curve would show a corre¬ 
sponding drop if plotted to suitable scale. 


Tests on cable O (see Fig. 4). Voltage applied from higli-voltage 
battery. Temperature 26-29 deg. cent. 

effects may equal or completely swamp the cable in¬ 
sulation effect at stresses above the ionization point. 
In these cases, whether the cable is long or short, it is 
necessary to use shields and guards to obtain the true 
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leakage* cummi values through the insulation, from 
which values the cabin characteristics arc derived. 

Further tests were made, therefore, on cable C 
usinc; shields and the results are given in Figs. 10, 11, 
13, and I t. 'These results support the second eon- 


To live side of supply 
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elusions, t hat it is necessary to use shields as well as 
guards in making tests to determine the electrical 
characteristics of cable insulation under d-c, voltage 
stresses above the ionr/aiion point. 

The term “shielded guarded" means that a complete 
system of shielding was used in making these tests in 



addition to the ordinary guards or guard rings. This 
system of shields, in the ease of the paper cable, is 
diagrammat ically outlined in Fig. 7. I he actual 
cable and inst rument shields are shown in Figs. 8 and 9, 
respectively. From Fig. 7. it will be noted that the 
cable, measuring instruments, and connections are 
completely shielded. 

Figs, 10 and 11 were obtained with shields and guards, 
and No. 6 without them on an 800-ft, length of 15,000- 
volt paper cable (*. It will he noted that the shielded 
guarded values are only a fraction of the unshielded 
unguarded values at the higher stresses. ^ F or instance, 
the shielded guarded values of insulation resistance, 
leakage current, and input watts at 50 kv. are 104,000 
megohms, 0,48 microamperes, and 0.024 watts, 
respectively. 


For comparison, the unshielded unguarded values at 
50 kv. are 2400 megohms, 20.8 microamperes, and 1.04 
watts, respectively. It will be observed that the 
leakage current and watt input at 50 kv., unshielded, 
unguarded are 43 times the shielded guarded, or true 
values. 

Subtracting one value from the other indicates that 
the leakage current and watt input, in the surrounding 



Fig. 9'—Shield for Measuring Instruments 



atmosphere, amount to 20.3 microamperes and 1.02 
watts, respectively, at 50 kv. Of course, these values 
depend upon the physical arrangement of test circuits 
and the atmospheric conditions. 

Fig, 12 shows the comparisons between the character¬ 
istic curves of insulation resistance against voltage 
stress with and without shields and guards. From an 
inspection of Fig. 12, it appears that the curves of in- 
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Fig. 10.-Variation of D-c. (Battery) Characteristics 

ON 8WELDED IIhEIj OF NEW PaFER-InSUIjATED CABLE 

Toh1iS mv cable C (boo Fig. 4). Voltage applied from high-voltage 
battery. Temperature 2U-20 dog. cent. 

sulation resistance under the two conditions diverge at 
stresses far below the usual so called ionization point. 
There is a marked divergence at 10 kv. d-c. It will 
be noted that the shielded guarded curve continually 
rises and it might be inferred that it must reach a 
maximum and decline previous to failure due perhaps 
to the ionization of the air within the insulation. _ _ 

Fig. 16 shows the total end loss in watts, which is 
the difference between the unshielded unguarded and 
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shielded guarded results, plotted against voltage stress. 
This curve evidently represents the power dissipated 
into the air at the various d-c. stresses. 

It is apparently possible to dissipate 0.03 watt at 
25 kv., 0.17 watt at 35 kv., 0.31 watt at 40 kv., and 
1.02 watts at 50 kv. into the atmosphere under the 



Fig. 11 Variation op D-c. (Battery) Characteristics op 
Shielded Reel of New Paper-Insulated Cable 


Results of Pig. 10 plotted to larger scale 

given test conditions with a battery source of d-c. 
stress as shown by Fig. 16. It is obvious that the value 
of watts will increase rapidly with the higher voltages 
and is subject to the local atmospheric conditions 
at the ends of the cable. 

These results lead the author to believe that nearly 
all laboratory tests on cables and other insulations under 
d-c. stresses must be made with shields as well as guards 



Fig. 12 Curves Showing Effect of Shielding and Guard¬ 
ing on Measured Insulation Resistance of Reel of New 
Paper-Insulated Cable 

Tests on cable O (see Pig. 4). Voltage applied from high voltage 
attery. Temperature 26-29 deg. cent. (Includes data of Pigs. 6 and 10.) 

in order to secure true and accurate results. Further, 
it is believed that such shields are necessary at stresses 
far below the ordinary ionization point. 

The need for the shield is due to the fact that the end 
effects are composed of surface leakage and leakage 
through the air. The guard takes care of the surface 
leakage and the shield takes care of the leakage through 
the air at the end of the cable. 


The use of guards or guard rings is an old practise 
and some observers have used shields for instruments, 
but the author believes that the use of shields on the 
cable or dielectric under test is new and also very vital. 
These shields and guards are necessary in all cases 
where the end effects are of sufficient magnitude to 
interfere with the determination of the true d-c. leakage 
current through the insulation. 

The relative effects of the guard and shield have not 
been fully determined as yet. In fact, it will be practi¬ 
cally impossible to establish it as all guards are in a 
measure partial shields. From such preliminary work 
as has already been done, it appears that the shield 
effect predominates over the guard effect under d-c. 
stresses and that this predominance is very marked at 
the higher d-c. stresses. Comparison of the curves 
in Fig. 12 shows that, for paper-insulated cable C, 
the effect due to shields is very much greater than that 
due to the guards, the difference becoming more marked 
at the higher voltages. 

An inspection of Figs. 10,11,13, and 14 indicates that 



Fig. 13 Variation of D-c. (Kenotron) Characteristics of 
Guarded Shielded Reel of New Paper-Insulated Cable 

Tests on cable O (see Pig. 4). Voltage applied from kenotron. Tem¬ 
perature 26 deg. cent. 

with both battery and kenotron d-c. stress, the in¬ 
sulation resistance curves show a slight drop at the start 
before the general rising characteristic begins. It is 
thought that this results from either a residual electri¬ 
fication or a change within the insulation. This reverse 
action is perhaps important as indicating a complete 
change of conditions within the dielectric. It is per¬ 
haps related to the particle action and the initial 
state of the dielectric. This aspect of these tests is 
worthy of further study from the standpoint of di¬ 
electric action under stress. 

The various curves presented show that the insulation 
resistance of modern paper cables under shielded 
conditions is exceedingly high and increases with in¬ 
creasing applied d-c. stress up to certain limits. From 
the d-c. standpoint a good paper cable dielectric is a 
much better insulator than has been previously ap¬ 
parent. In fact, a modern cable is a first class con¬ 
denser of exceedingly low leakage. From the operat¬ 
ing standpoint,perhaps it may be worthwhile to have a 
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certain amount of leakage in a long cable to act as a 
safety valve when the line is subjected to a high 
transient voltage. In other words, perhaps a certain 
amount of leakage acts as a stabilizer provided that in 
obtaining this leakage there is no unnecessary sacrifice 
of dielectric strength. 

Comparison of Battery and Kenotron Tests. Shielded 
guarded Figs. 10 and 11 obtained by use of the Cruft 




VOLTS 

Fig. 14 —Variation of D-c. (Kenotron) Characteristics of 
Guarded, Shielded Reel of New Paper-Insulated Cable 

Results of Pig. 13 plotted to larger scale 

high-voltage battery may be compared with Figs. 13 
and 14 by kenotron, for the 800-ft. length of 15,000- 
volt paper cable C. The results are quite similar, 
but the watt input with the kenotron is a little higher 
than that with the battery source. This is shown by 

0.028 
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Fig. 15— Comparison of Watt Inputs with Kenotron and 
Battery on Shielded Reel of New Paper-Insulated Cable 



that supplied by battery, to a maximum at high 
frequency. 

A-c. Dielectric Loss Tests, Shielded and Unshielded. 
The failure of insulation is largely a matter of heat 
and its relative distribution in the material. Under 
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Fig. 16—Variation of Watts End Loss with D-c. Voltage 
(Battery) on Reel of New Paper-Insulated Cable 

Tests on cable C (see Fig. 4). Voltage applied from higli-voltage 
battery. Temperatures 26-29 deg. cent. Data from Figs. 6 and 10 


d-c. stress the watt input and the consequent heating is 
very slight in comparison with that under so called 
equivalent a-c. stresses. On cable C the a-c. watt input 
at 24,000 volts, 60 cycles, was 131.8 and the d-c. watt 
input at 50 kv. was 0.024 watts, at room temperature. 

The shielded guarded values on cable C at 24,000- 
volts a-c. were 131.8 watts as against an unshielded 
unguarded value of 133 watts. This would indicate 
that shielding is not necessary in making a-c. dielectric 



Data of Figs. 10 and 13 

Fig. 15. It is believed that this is due to the ripple of 
the kenotron wave. 

From this the third conclusion is drawn, that the 
watt input to the insulation of a paper cable under 
d-c. stress, at a given temperature, depends upon the 
character of the voltage wave; the greater the ripple, 
the greater the watt input. This would agree with the 
accepted fact that the watt loss in a dielectric increases 
with frequency. In other words, the watt loss in a 
dielectric at given ambient temperature ranges from a 
minimum on direct current with wave form better than 


j! IGi 17 —Variation of Watt Inputs with 60-Cycle Volt¬ 
age on Short Lengths of New Paper-Insulated Cable, 
Shielded and Unshielded 

Tests made on cable G, 15,000-volt, three conductor, 300,000^cir mils, 
petrolatum-impregnated, 24 ft. long. Conductor insulation i/32 in., 

belt 3/32 in. „ . 

Voltage applied from 60-cycle source. Temperature 25 deg. cent, 

loss tests on long cables, "800 or more feet in length, 
unless the dielectric losses are exceedingly low. 

Fig. 17 shows the curves of a-c., 60-cycle watt input 
(dielectric loss) against voltages stress for a 24-ft. 
length of 15,000-volt paper cable G with and without 
shields and guards. On such a short cable the a-c., 





640 


IyASSON: HIGH-VOLTAGE TESTS 


Transactions A. I. E. E. 


60-cycle end losses are not negligible and shields and 
guards are necessary to insure proper accuracy of 
dielectric loss measurements at stresses above the 
ionization point. The shielded and guarded value at 
24,000 volts was 4.05 watts and the unshielded un¬ 
guarded value 5.43 watts. 

" The difference of 1.38 watts, which is the end loss, 
compares favorably with that of 1.2 watts obtained in 



Fig. IS—Variation of Watts End Loss with 60-Cycle Volt¬ 
age on Short Length of New .Paper-Insulated Cable 

From data of Fig. 17 


loss measurements on cable samples of 10 ft. or less 
under a-c., 60-cycle, 24,000-volt stresses might be 100 
per cent in error. The author believes that this is 
one of the reasons why dielectric loss measurements 
taken at different laboratories and more especially those 
on short lengths of cables as against long lengths, have 
sometimes failed to agree in the past. 

From the foregoing results the fourth conclusion has 
been drawn that it is necessary to use shields as well as 
guards in making tests on short cable samples to 
determine the a-c. electrical characteristics, such as 
dielectric loss of cable insulation under voltage stresses 
above the ionization point. 

Fig. 18 shows the variation of total watt end loss with 
voltage stress. This loss is made up of surface and air 
electrical leakage as in. the previous cases. The 
relative proportion is very difficult to determine but it is 
believed as a result of preliminary tests that both factors 
are important and neither negligible. Further pre- 


the previous case of the 800-ft. cable. The term end 
loss as used is the total end loss or difference between 
the unshielded unguarded value and the shielded 
guarded one as previously outlined in the case of the 
d-c. tests. The relative effect of shield and guard is 
very difficult to obtain because all guards act as shields. 
Leakage taking place 1/1000 of an in. above the surface 
of the paper is leakage through the air. Any guard 



Fig. 19 —Variation of D-c. Characteristics (Leakage 
Current, Insulation Resistance, and Watt Input with 
Voltage) at Two Temperatures of Unshielded Reel of 
New Rubber-Insulated Cable 

Tests made on cable E, 10,000-volt, single conductor, 4/0, 7/32 in. 
insulation, 505 feet long 

Voltage applied from kenotron 

ring intercepts this as well as the true surface leakage. 
All tests made so far have shown different values with 
and without shields even if guard rings were left on dur¬ 
ing the latter condition. 

The error of 34 per cent in the unshielded unguarded 
measurements indicates the necessity for using shields 
and guards in making measurements of a few watts 
loss under stresses around 24,000-volts a-c. From this, 
it may be deduced that unshielded unguarded watt 



Fig. 20—Variation of D-c. Characteristics at Two 
Temperatures of Unshielded Reel of Old Rubber-Insu¬ 
lated Cable 


Tests made on cable F, 10,000-volt, single-conductor, 4/0, 7/32 in. 
insulation, 319 feet long. 

Voltage applied from kenotron 


liminary tests have indicated that the guard effects 
vary depending on the relative position of the guard 
ring to the copper conductor and the lead sheath. 
This is further proof that the guard ring acts as a 
partial shield. 

Ionisation Point is Indeterminate. It will be ob¬ 
served that the difference between the shielded guarded 
and unshielded unguarded measurements steadily in- 
. creases with increasing stress. The difference probably 
represents the increasing air loss at the ends of the cable. 
It will be noted that these curves (Fig. 17) diverge at 
even the lower stresses, as in the case of the previous 
d-c. tests shown in Fig. 12. 

From this and the previous results, the fifth conclu¬ 
sion is drawn: that the so called ionization point is very 
variable depending upon the physical circuit together 
with the atmospheric conditions and represents, in 
reality, local air breakdown. This is supported by the 
tests with direct current on paper and rubber cables 





as well as by the u-e. tests on paper cable. In all 
cases the curves with and without shields and guards 
diverge at t he lower values of stress below the commonly 
accepted ionization point. 

From this, it may be deduced that'the air conducts at 
all stresses both direct current and alternating current 
and that ionization points represent local air break- 
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Flu, *21 Variation ok 1>-c. (’iiAUAeTEiinmoi* or Unshielded 
Lknutii or New |{t? i»hkh-1 nhrdated Cable 

Ti>h(m miulc <m Cithlti U, Hi.iion volt, Hlngli»*t’t»mlwR;<ir, No. c». 7/B2 In. 
nmilailon, so IWi lorn? 

Volfium from Ui*ui»irou 

down due to (he local physical circuit,atmospheric, and 
stress conditions. 

Tl-ISTS ON RlmiiKU-lNHl)LATHI) CABLE 
Tesis similar to those on the paper-insulated cables 
were made also on rubber-insulated cables. 

Imidatim Htw'xtanir Varim with Voltage Applied. 
A new and an old rubber cable showed the same general 
insulai;it)n-r(Asistiui«a^voliage-streHH characteristic at 
20 deg. cent, as did the paper-insulated cables. Figs. 19 


teristic at the lower voltages and a rapidly falling one 
at the higher voltages approaching the breakdown 
point. 

A. series of d-c. tests by kenotron was made on an 
89-ft. length of new 10,000-volt rubber cable H, 
both with and without shields. In these tests, the 
stresses were carried up to the breakdown point. The 
results are shown by Figs. 21, 22, 23, 24, and 25. The 
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Fro. 23 .Variation of D-o. Characteristics of Shielded 

Lendth of New Rubber-Insulated Gable 
TohIk miulo on cabin H (Hoc Fig. 21). Voltage applied from lconobron 

same shields and test set-ups were used as in the case 
of the paper cable. 

From the curves, it will be noted that the insulation- 
resistanco-v<)ltage~stress curve, at room temperature, 
continually falls from the 10-kv. point. It is probable 
that at stresses below 10 kv,, the curve would show a 
rising characteristic. 

It is apparent that the leakage current and input 
watts rise very rapidly after the critical point of 60 lev. 
is reached under the unshielded condition. This is 



Fki, 22 Variation of D-c, ( ’it auacterihtich of Unshielded 
Lenhth or New H i r h k r-I nr it dated Carle 

Oat a of Fig, ;tl to larger voltage wale, 

and 20, giving results of testa on cables E and F, 
respectively, illustrate this. The new rubber cable E, 
Fig, 19, also shows the characteristic at 55 deg. cent., 
but the old cable F, Fig, 20, shows only a falling 
characteristic at this temperature. It. is probable 
that if the test range had been extended, the curve of 
insulation resistance would have shown a rising eharac- 



Fia. 2d -Variation of X)-c. Characteristics of Shielded 
Length of New Eubbeu-Insitlatmd Cable 

Data of Fig. 2,'l plotted to larger voltage acalo 


probably due to the ionization of the external air 
surrounding the ends of the cable. 

On the other hand, the abrupt rise under shielded 
conditions does not occur until 70 kv. is reached. This 
must be due to the ionization of the air entrapped in the 
dielectric itself. It would thus appear that the ioniza- 
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tion of the external air around the cable ends takes place 
before the ionization of the air entrapped in the insula¬ 
tion, unless the test results are seriously modified by 
the action of surface leakages. Perhaps this is a ques¬ 
tion of air pressure and movement. 

Effect of Ski elds. The effect of shielding and guarding 
is very marked in these tests as in the case of the paper 
cable. The true or shielded guarded watt input at 
80 kv. d-c. was 0.064 watt and the unshielded un¬ 
guarded value 2.80 watts, making the end loss 2.74 



Fig. 25 —Comparison op Curves op Watt Input with D-c. 
Voltage on New 7 Rubber-Insulated Cable, Shielded and 
Unshielded 

Tests on cable H (see Fig. 21). Data of Figs. 21 and 23 


watts. It will be observed that the true loss is only 
1/44 of the apparent or unshielded unguarded loss at 
the given stress. The relation is shown graphically 
by Fig. 25. 

The use of shields as well as guards is thus absolutely 
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Fig. 26 —Variation op Watts End Loss tvith D-c. Voltage 
on Length of New 7 Rubber-Insulated Cable 

Tests on cable H (see Fig. 21). Data from Fig. 25 

necessary in making d-c. measurements on short rubber 
cables at high stresses in order not only to insure the 
accuracy of results but to determine the true character¬ 
istics of the cable insulation. 

If the cable in question had been 10 ft. long, the 
measuring error at 80 kv. d-c. might have been of the 
order of magnitude of 39,000 per cent, without shields. 


On the other hand, if the cable had been 18,000 ft. long 
the error might have been 21 per cent. 

From the data it may be deduced that in testing an 
installed rubber cable of 18,000-ft. length, by kenotron 
at stress of 40 kv*, the error in measuring the watts 
loss, due to end leakage, might be 13 per cent. The 
shielded leakage current and watt input at 40 kv. 
d-c. for the above cable would be approximately 8.1 
microamperes and 0.34 watts, respectively. 

According to this data, a kenotron test set used on 
su'ch a cable ought to show approximately 9.16 micro¬ 
amperes and 0.39 watt without shields. Thus, shield¬ 
ing is hardly necessary in making field measurements on 
long lengths of installed rubber cables at moderate 
stresses direct current. As a matter of fact, shields 
could not be used as outlined here because the cable 
sheaths are directly grounded. 

The field measurements with kenotron set usually 
show 100 microamperes to one milliampere for the above 
cable when tested at 40 kv. This large difference is 



Fig. 27—Variation op D-c. Characteristics (Leakage 
Current, Insulation Resistance, and Watt Input with 
voltage) op Unshielded 27,000-Volt Pin-Type Line 
Insulator 


Voltage applied from kenotron 


due to the leakages and rectified charging currents of 
the set itself. Thus, many kenotron test measurements 
on installed cables do not indicate the true leakage 
current through the cable insulation, and give values 
that are much too high. 

The great value of shields lies in their use when 
measuring dielectrics in the laboratory and in thus 
obtaining true data to use in studying dielectric 
phenomena. 

Fig. 25 shows the comparison between the shielded 
and unshielded watt input to the rubber cable. The 
great difference between the two will be noted. Ob¬ 
viously, the shielded curve, if extended through the 
breakdown point, would rise nearly perpendicular 
to the abscissa (stress) becoming an asymptote. After 
breakdown, the current would be very great under 
stresses of 85 kv. and upward. Many very interesting 
speculations outside the scope of this paper can be 
drawn from this fact. 
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The end loss is given by Fig. 26. The general dis¬ 
cussion on the paper cable end losses applies also to the 
rubber cable end losses. 

Inmlation Failure. Fig. 23 shows the true shielded 
guarde< I insulatem-resistance-voltage-stress curve from 
10 to 85 kv. Under the shielded condition, at ap¬ 
proximately 84 kv., the curves of leakage and watt 


there must be an electrical elastic limit in dielectrics analo¬ 
gous to the physical elastic limit in metals. If the stress 
exceeds this limit a strain and eventual failure is the 
result. 

Tests on a Line Insulator 
Besides the tests on paper and rubber cables a similar 
series has been made on a 27,000-volt porcelain line 
insulator, both with and without shields. Fig. 28 




PlU. 2tS UtAUKAM OK GoNNKtTtONH FOR M OAHU It CM K NTH ON 

Hhikldkd Link Insulator 


shows the diagrammatic arrangement, Fig. 29 is a 
reproduction of a photograph of 'the insulator shield, 
and Fig. 9 of the instrument shield. 

Results of D-c. Tests. Figs. 27 and 30 show the d-c. 



input are rising very rapidly and are nearly perpendic¬ 
ular to the abscissas (voltage stress). This, of course, 
indicates that the dielectric is about to fail. As a 
matter of fact, failure did take place at 85 kv. Upon 
examination, this new rubber cable was found to be 
literally riddled with incipient faults. After the first 
failure, a number of these other faults were developed 
by applying a, comparatively low voltage. The rubber 
insulation had been stressed far above its safe or 
electrical elastic limit, and a general deterioration had 
set in. 


Fig. 30 .Variation ok D-c. Chauautmiuhtich of Shimldmb 

27,000-Volt, Pin-Tyi’K Link Insulator 

Sa.mii Insulator as In Klg. 27. Voltage apiillod from konobron 

unshielded and shielded test results. It will be noted 
that the shielded insulation-resistanee-voltage-stress 
curve has a slowly falling characteristic from 20 kv. 
upward. 11, is believed that this curve would have been 

nearly flat if the shield had been brought closer to the 
porcelain. 

At, 70 kv. d-c. the shielded values are 0.019 micro¬ 
ampere, 1.82 milliwatts, and 3.5 millions of megohms. 
The corresponding unshielded values are 2.8 micro- 



This leads to the sixth conclusion, that, the better, 
i, (<„ the more uniform the dielectric, the greater the 
tendency for the material to break down in its entirety 
rat her than at a single point. Practically, of course, no 
dielectric is perfectly homogeneous, so that failure will 
fake place at the weakest, spot or spots. From this it 
might be deduced reasonably that the better the in¬ 
sulation t he more care should be taken not to over- 
stress it. Such over-stressing, while not producing 
actual failure, must deteriorate and weaken the whole 
insulation. It might be further deduced from this that 


Fio, ;u Variation of Ovuumnt and Xmcmdanob with 
00-Gyolk Volt auk on 27,000-Volt, Pin-Typh Link Insulator, 

SniKLUKO AND U NHIUKIil>III) 

Hiuno Insulator as In Fig. 27. Volt,ago itpullod from ()0-eydo source 

amperes, 197.5 milliwatts, and 25,000 megohms. The 
relations shielded to unshielded are: leakage current and 
watt input 1/150 and resistance 150/1. 

From these curves, it will be noted that the shielded 
value of insulation resistance falls rather slowly and that 
the watt input is not increasing very rapidly at 70 kv., 
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which is a low stress for the insulator. The porcelain 
apparently presents a more nearly constant resistance to 
electrical stress than impregnated paper and rubber 
insulation. 

The unshielded curves show the effect of the electrical 
leakage through the air around the outside of the in¬ 
sulator. At 60 kv. the leakage and watt input curves 
rise very abruptly as in the case of the rubber cable. 
This is probably due to the ionization of the external 
surrounding air. The shielded curves (Fig. 30) of 
leakage current and watt input do not even show a 
rapidly rising characteristic at 70 kv. d-c. This 
leads to interesting speculation on the general question 
of ionization and dissipation of d-c. electric energy from 
a body of given configuration under given atmospheric 
conditions, at various stresses. 

Results of A-c. Tests. Fig. 31 shows the results for 
the same insulator under a-c., 60-cycle stresses. These 
results indicate that shields are necessary to obtain 
true readings under a-c., 60-cycle stresses. At 70-kv. 
a. c. the shielded values of current and impedance are 
0.42 milliamperes and 166 megohms. The correspond¬ 
ing values unshielded are 0.57 milliamperes, and 122 
megohms, respectively. Shielding thus established the 
true value of 0.42 as against the apparent value of 
0.57, a difference or error of 36 per cent. 

It will be noted that the impedance voltage-stress 
curves are nearly flat, perhaps indicating that the in¬ 
sulator is well within its safe electrical stress limits. 
If, in future tests, these curves can be carried through 
the lower and higher ranges, undoubtedly new and 
valuable data can be obtained. 

No a-c. watt measurements were made on this in¬ 
sulator but it is believed that these are very important 
and will throw further light on the situation. It is 
hoped to do more work along this line in the future. 

Remarks and Suggestions 

In all these tests and researches, the attempt has been 
made to determine the insulation-resistance-voltage- 


stress curve and the watt-input voltage-stress curve. 
It is believed that if such curves can be obtained for 
various insulations under electrical stresses, both 
direct current and alternating current of various 
frequencies from zero to breakdown at several tem¬ 
peratures, then the way will be opened for the practical 
study and determination of dielectric action under 
electrical stress. 

The work covered by this paper involved for the most 
part d-c. stresses and it is not known how far the results 
reflect the action of the insulating material under a-c. 
stresses. From the d-c. standpoint, it might well be 
argued that the insulation-resistance-voltage-stress 
curves are a measure of insulation condition. As long 
as the resistance increases with increasing voltage 
stress the insulation might be said to be on the safe side. 

The maximum value would then be the electrical 
elastic limit and the falling portion of the curve would 
represent the tendency of the insulation to deteriorate or 
electrically age. A sharp drop in the insulation resis¬ 
tance curve would indicate impending breakdown. 

If this d-c. picture represents also the a-c. situation 
then a new means is provided for studying insulation 
under electrical stress. A large amount of a-c. research, 
however, must be conducted and matched against the 
direct current before these conclusions are justified. 

The problem is further complicated because the d-c. 
insulation-resistance-voltage-stress curves vary widely 
with temperature, and the application of the higher 
a-c. stresses produces a temperature change in the 
insulation. 

The author believes that continuation of this line 
of investigation will open the way for a real practical 
study of dielectric phenomena. 

Data on Test Methods, Instruments, Etc. 

All tests and research work were carried on by the 
Standardizing and Testing Department of The Edison 
Electric Illuminating Company of Boston except those 
recorded in Figs. 3,4,5,19, and 20, which were made by 


TABLE i 

TEST CONNECTIONS, TIME OF CHARGE, AND INSTRUMENTS USED IN MAKING MEASUREMENTS 


Fig. No. 

Test connection 

Time of charge, 
min. 

Instruments for measuring current and power* 

1 

Conductor 1 vs. 2, 3, and sheath. 

5 

Rawson 10-microampere Type 501 galvanometer. Leeds 
& Northrop high-sensibility portable galvanometer 
Same as Fig. 1 

Rawson 2-microampere and 10-microampere galvanom¬ 
eters, Type 501 

Rawson Type 501 galvanometer 

Rawson 1-microampere Type 501 microammeter. Leeds 
& Northrop Type H galvanometer 

Leeds & Northrup Type H galvanometer 

G. E. Type ALi Astatic reflecting dynamometer 

Leeds & Northrup Type H galvanometer with series 
resistance and shunted protective gap 

For d-c., L. & N. Type H galvanometer. For a-c., 
Rawson 2-milliampere thermojunction with L. & N. 
Type H galvanometer 

2 

Same as Fig. 1. 

10 

3 

Same as Fig. 1. 

5 or 45 

5 or 45 
s 

4 , 5, 19 and 20 

Conductor 1 vs. sheath. Conductors 2 and 3 floating 
in Figs. 4 and 5. 

6,10.11,12,15 and 16 

Three conductors vs. sheath. 

13,14 

Same as Fig. 6. 

8 

17 and 18 

Same as'Fig. 6. 

21, 22, 23, 24, 25 
and 26 

Conductor vs. sheath. 

6 or 30 

27, 30, and 31 



*D-c. voltages measured by voltage kenotron or electrostatic voltmeter. 
A-c. voltages, by potential transformer and voltmeter. 
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graduate students of the Massachusetts Institute of 
Technology at the suggestion of the Standardizing and 
Testing Department,. 

'the tests and research work were performed at the 
substations and laboratory of the above company, at 
the Massachusetts Institute of Technology, and at the 
Cruft Laboratory of Harvard University. 

The tests recorded in Dig. 2 were part of a student 
thesis prepared by T. M. Burkholder and D. 10. 
Kepi ogle. Figs. 4, 5,1U, and 20 show .some of the results 
obtained from tests made in connection with a student 
thesis written by E. E. Pieplm and ,J. E. Handy. 

The kenotron tests were made with a single-tube 
50,000-volt, and a two-tube, 100,000-volt, kenotron 
test set of the Standardizing and Testing Department 
of The Edison Electric Illuminating Company of 
Boston. The high-voltage battery tests were made 
with the 100,000-volt buttery of the Cruft Laboratory 
at, Harvard 1 hiivarsity. 

The test, connections, time of electrification, and mea¬ 
suring equipment, used in the various tests are given 
in the* foregoing table. As the current flow on t,hed-e. 
tests varied with time of electrification, it was necessary 
to select arbitrarily a reasonable time of charge. In 
each case a value was taken at which the current had 
become fairly constant, 

A (' K N O WI ,K1)({M H NTS 

The author wishes to express his appreciation to 
Professor U. W. Pierce and Professor E. L. Chaffee, of 
Harvard University, for the use of the 100,000-volt 
storage battery, and to Dr. V. Bush of the Massachu¬ 
setts Institute of Technology for his cooperation and 
assist ance in the matter of thesis tests. 

The author thanks Messrs, T, M. Burkholder, 
I). E. Replogle, E. E. Piepho,and,l. E. Handy for their 
theses, and appreciates the work of the members of the 
stalf of the Standardizing and Testing Department of 
The Edison Elect ric Illuminating Company of Boston, 
particularly Messrs. II, 0. Hamilton, R. W. Chad- 
bourn, C. H. Smith, and W. B. Elmer. 


Discussion 

W« E, Kttuwoihovem 1 am very glad that Mr. Kasaim has 
pointed out again the noeomdty of using shields and guards in 
making high-voltage measurements on cables. , 1 pointed out 
at the Mid-Winter Convention of 102(5 that unless shields and 
guards are employed the results may be widely in error. 

It in not. only important to shield specimens properly from all 
electrostatic Holds but in ease of the a-e. measurement!* of Ions, 
it !h also necessary that the voltage of a shield be the same an the 
voltage of the conductor it protects. It is therefore essential to 
place, in sorioK between the shield and ground an impedance that 
is the same as the impedance of the measuring instrument used. 
Unless this is done the difference in potential between the shield 
and its shielded conductor will cause an error in results. This 
point, I am afraid, is often overlooked. 

Mr. Kasson’s curves in Pig. 3, showing the effect of tem¬ 


perature on d-e insulation resistance, do not conform with the 
law that we have found for some of our cable samples. This law 
states that the logarithm of the conductivity is equal to a con¬ 
stant divided by the temperature, plus another constant. 
When the logarithm of the conductivity is plotted against the 
temperature the curve is a straight line, although, some of our 
specimens give this straight line relation, there are others that 
are exceptions to the rule. 

There is one other point which I would like to mention in 
regard to Mr. Hasson's work and that is his method of pro¬ 
cedure. The time of charge must be considerable to obtain 
accurately the conductivity of specimens, ft may take several 
hours before the final leakage current is reached, owing to the 
presence, of the absorbed charge, and unless the test is continued 
over a long period of time you cannot be sure that the current 
measured is actually the final leakage current, corresponding to 
the conductivity of the sample. 

One method that wo have usml at .Johns Hopkins in this Work, 
and which will shorten the time somewhat, is to take a charging 
run for about 4f> min. and then immediately throw the (sable in 
discharge and measure the absorbed charge coming out for the 
same period of time. The difference between these two curves 
represents the final leakage current. 

Another difficulty that arises when measuring the conduc¬ 
tivity or leakage current at several different voltages is the super¬ 
position of tlm curves. If, for example, you apply f>()(.)() volts for 
a certain length of time and take a reading of the conductivity, 
and then raise the voltage to 10,000 volts the second curve is 
superimposed on top of the first and you cannot be sure of the 
results. If possible, if is best to discharge the cable between each 
run. 

1 should like to ask Mr. Hasson what method of measuring he 
used in determining ids a-«. losses. 

If, ns pointed out by Mr. Kasson, if is possible to toll from the 
shape of the d-o. resistance curve plotted between resistance and 
voltage whether a cubit* is getting old and deteriorating, or 
whether if is in good condition, wo have a very important aid 
with which the operating companies can determine the condition 
of their cahles. We have been endeavoring to determine some 
such relation in our research work at .Johns Hopkins but to date 
have net been able to find any definite relation. 

Herman Hulperlm (by telegram) In Mr. Kasson's paper, 
Fig. 1, shows, for cable with 7/1(5 in. insulation to sheath, 
the maximum insulation resistance occurs at 1,3 kv., which 
using the d-e. to u-n. ratio of 2.-1 corresponds to abou t fi-kv. a-c. 
This indicates electrical notion in the cable at a potential 
of only about, half the operating voltage of this old cable. 
A-c. ionization tests made on several samples of old 12- 
kv. three conductor cables, removed from the system of the 
Commonwealth Edison Company have sit own practically flat 
power-factor voltage characteristics up to 10- or IH-kv. three- 
phase. Ah the insulation on these cables was considerably less 
than on Mr. Hasson's cable, the stresses at which ionization took 
place in our cables would be approximately three times as much 
as the stress at which a change occurred in his d~«. tests. Perhaps 
by means of those tests Im lias discovered a new characteristic 
of the insulation in connection with the effect of shielding. 
In Fig. 8 lie shows a metal box around the entire reel of cable. 
If the shielding is to take care of ionization near the end of the 
cable, l am wondering whether a metal box over each end of the 
length of cable would not be sufficient. Referring to the para¬ 
graph regarding the mm uniformity of cables, our testing lias 
shown that cables with poor quality of insulation are liable to bo 
more irregular in their quality than the cables of high quality 
which checks Mr. Hasson’s statement. For instance poor cable* 
would develop several hot shots in accelerated life tests and fail In 
rather short times. In some accelerated life tests at 2.f> rated 
voltage we took several 50-ft. samples from various sections of 
one make of a given size of high-tension cable which was giving 
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trouble in service and shown to be irregular in factory tests. 
One sample failed, after a total of 26 hr., while another sample 
developed hot spots without failure after 405 hr. and a third 
sample withstood the test for 596 hours without any failure or 
hot spots. 

S. J. Rosch: Several theories have been brought forward in 
explanation of dielectric phenomena, and I believe that the 
probabilities are that each theory may be correct as relating to the 
behavior of the particular dielectric under consideration. Our 
error in the past has been chiefly, in trying to make one theory 
or one set of laws govern the behavior of all dielectrics. That 
is why w r e have failed up to the present in solving the dielectric 
problem and in my estimation if we commence to study each 
dielectric individually, w r e shall come nearer to obtaining a truer 
picture of the laws governing its behavior. 

Even in a general dielectric such as a paper cable, Dr. 
Kouwenhoven brought out the point that he has only been able 
to substantiate some of the results obtained by Mr. Kasson on 
some samples of cable, but not on others. Undoubtedly the 
observations made by Dr. Kouwenhoven that were not in 
accordance with those by Mr. Kasson, were made on samples of 
cable which although equally good as far as quality was con¬ 
cerned, nevertheless as dielectrics possessed characteristics 
obeying entirely different laws. We must establish the accuracy 
of this fact before we can hope to go further in solving the laws of 
dielectrics. 

Air. Halperin in his discussion, has stated that if we took the 
results of d-e. measurements as established by Mr. Kasson and 
converted them to the equivalent a-c. voltage, by using as a 


obtained at various times as shown in Figs. 3 to 6, though it has 
never been possible to justify with certainty the rapid decrease of 
the resistance with increase in voltage after passing the maximum 
point. It is quite gratifying to have Mr. Kasson point out that 
this variation is not true but has been obtained because of a 
faulty measurement. 

It is pertinent that the end loss is also present in a-e. measure¬ 
ments of dielectric power loss, and it behooves us to investigate 
these particular measurements as they are being variously made, 
to be assured that the end losses are not included with the 
measured loss to vitiate the results. 




divisor the factor 2.4, the values thus obtained would be mi 
lower than those obtained by Mr. Halperin. Here again we m 
question why we should use 2.4 when the work of Hayd 
Eddy, and Delon has definitely proven that the ratios of d-c 
a-e. vary all the way from unity to 2.6 depending again upon 
type of dielectric used. It may be that in the case of the cal 
tested by Air. Kasson the ratio for that particular dielecl 
should have been about 1.4 in which ease the results would hi 
been comparable wdth those obtained by Air. Halperin. 

. * believe that before rejecting any of the theories propounc 
m the past, we ought first to establish definitely whether or i 
they are applicable in the case of some particular class 
dielectrics. . 

E. S. Lees Mr. Kasson has shown with great certainty 1 
need for proper shielding to prevent the end loss of cable samp 
from being included wdth the measured loss. Wherever i 
end loss is high compared with the measured loss, then m< 
perfect shielding becomes necessary. This is particularly t 
case with measurements on cables made with high direct voltag 

I he variation of insulation resistance with voltage has be 


**• T* Graff: With reference to the shielding of cables in 
making tests on cables for dielectric loss, we found that on 
short samples the power factors showed up rather high, and a 
method of test was devised which gave results on short samples, 
wdthout resorting to shielding, that compared very well with 
the values for long lengths of cables. 

The method used is shown in Fig. 1 herewith. Current and 
power-factor values for leakage and leakage plus cable losses are 
read. By the vector subtraction shown in Fig. 2 herewith the 
cable current and its phase angle wdth respect to the applied 
voltage are obtained. That figure shows relatively what is 
typical of actual cases. The effect of a small leakage current 
can be considerable in taking the apparent cable power factor. 



Because hot spots are found where cables eventually break 
dowm on voltage tests, it cannot be construed that Mr. Malti 
is mistaken in not accepting the pyroelectric theory. That is 
based on weak microscopic filaments whereas hot spots may be 
due to imperfect “imperfect dielectric.” No cable is uniform in 
its entirety and it is rather hard to apply a theory to such a 
dielectric. The eleetrophysicists are better able to handle such 

.X?q and r + e , ng : neers We Sh0Uld ccmee ntrate on making 
perfect imperfect dielectrics.” 

di £±„ f 1“ ri *" d t0 Mr - Halperin’s comment on the 
difference between his results and those we obtained in Boston, 
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I might say that perhaps the cable we used was different from 
the cable he used, and this point has been brought out by several 
other speakers. Pig. 1, to which Mr. Halperin referred, gives the 
. results for very old rosin-oil cable that has failed repeatedly in 
service. 

I believe that shields must be tried by a good many others 
before we can be sure of the results. I tried to bring out 
here simply the work of one group of engineers which must be 
cheeked by others before it can be accepted. 

In regard to Professor Kouwenhoven’s remarks, absorption 
curves were made in all cases and carried out until they became 
practically flat. The values of leakage current used were those 
taken from the flat portion of the curve. It usually required 
about 15 min. for the curve to become reasonably flat. 

Professor Kouwenhoven asked in respect to the instrument 
used to measure the a-e. losses. A dynamometer with series 
resistance was used for this purpose. 


In closing, I should like to show typical insulation-resistance 
voltage-stress curves. We plot insulation resistance and d-c. 
voltage stress on a short length of cable unshielded and obtain 
a curve something like X in Fig. 3 herewith. On the same 
cable, with shields, we obtain a curve like Y. Y is a very differ¬ 
ent curve from X, and it is apparently due to the fact that curve 
X is influenced by the ionization of the external air, and perhaps 
in some of the results in the past we have been talking about 
ionization of external air at the ends of the cable, rather than 
ionization of air within the cable. 

In all nature we are interested in stress on one hand and in 
resistance on the other hand. To every stress there is resistance; 
to every resistance there is stress. Therefore, a resistance stress 
curve of a dielectric, i. e., the resistance reaction of the dielectric 
against the stresses placed upon it, should be an important 
thing, and in order to obtain what we believe is a true curve, we 
must resort to shielding or at least some equivalent method. 


Non-Harmonic Alternating Currents 

BY FREDERICK BEDELL 1 

Felloe, A. I. E. E. 

Synopsis. —Certain principles are presented for solving non- currents and electromotive forces are non-sinusoidal, but in general 
harmonic a-c. problems. Graphical methods are already well diagrams in more than two dimensions are necessary. A wide 
known for solving practically any problem , when currents and range of material, some of which has been published before in 
electromotive forces are sinusoidal, by vector diagrams in a plane, scattered places, is brought into relation; no single general solution 
In certain special cases such diagrams give correct results when seems attainable. A bibliography with 61 references is appended. 


Scope and Limitations of Usual Sine-Wave Assump¬ 
tion. It is common, in discussing the theory of alter¬ 
nating currents, to assume that currents and electro¬ 
motive forces are simple harmonic functions of the time; 
that is, they are plotted as sine waves. It has been 
found that, for most purposes 2 , such a wave is superior 
to a wave that is irregular or complex, which, to di- 
tinguish it from a simple harmonic wave, may be 
referred to as non-sine, or non-harmonic. The tech¬ 
nique of alternator design has been highly developed 
with a view to attaining a sine wave of electromotive 
force as closely as possible, the subject being fully 
discussed in many texts and special articles, bibliog¬ 
raphy, 33. Methods have been developed for mea¬ 
suring and penalizing departure from a sine wave and 
much study has been given to the specification of 
allowable limits to such departure, bibliography, 9, 
43,44,46,47,58,61. 

• On the sine-wave assumption there has been de¬ 
veloped a very complete analytical theory of alternating 
currents and, in parallel with it, a graphical method of 
representation and analysis that gives ready and ac¬ 
curate solution to practically any problem that arises. 
It has been found that harmonically varying quantities 
can be represented as vectors in a plane, and that these 
vectors, by showing the phase and amplitude of the 
several harmonic quantities, completely define them. 
Furthermore, any vector may be resolved into com¬ 
ponents and conversely, two or more vectors may be 
added or combined, as in the polygon of forces. Thus, 
a current may be resolved into two components at 
right angles to each other, one a power component in 
phase with electromotive force and the other a reactive 
component in quadrature thereto. Similarly, an elec¬ 
tromotive force vector may be resolved into its power 
component in phase with current and a reactive com¬ 
ponent in quadrature, bibliography, 11. 

Apparent power is the product of the electromotive 
force E and the current I, but real power is the product 

1* Professor of Applied Electricity, Cornell University, 
Ithaca, N.Y. 

2. Although a sine wave-form is superior for general use, some 
other wave-form may, in certain respects, be better for a particu¬ 
lar purpose; thus, as is well known; a peaked wave of electro¬ 
motive force gives a flat wave of magnetic flux and by reducing 
the maximum flux, reduces the core loss in a transformer. 

Presented at the Regional Meeting of District No. 1 of the 
A. I. E. E., Pittsfield, Mass., May 25-28,1927. 


of E, I, and a power factor, cos 6, where 6 is the angle of 
phase difference between E and I. Real power may, 
accordingly, be looked upon either as the product of 
the electromotive force and the power component of 
current or as the product of the current and the power 
component of electromotive force. The product El 
sin 6 is a pulsating reactive power with average value 
zero, where sin 6 is the reactive factor and I sin 6 is 
the reactive component of current; E sin d is the re¬ 
active component of electromotive force. 

There is scarcely a circuit problem that cannot be 
solved by methods based upon these principles; the 
whole treatment, however, is based upon the sine-wave 
assumption. 

An exact sine wave, however, is practically never 
obtained from commercial apparatus. In practise, 
currents and electromotive forces deviate to a greater or 
less extent from a simple sine function of the time. It 
is true that in many cases, though there be this devia¬ 
tion from a sine wave, conclusions based on a sine-wave 
assumption are sufficiently accurate for practical pur¬ 
poses; indeed, in certain cases, conclusions thus ob¬ 
tained are strictly correct and the results are the same 
irrespective of whether we are dealing with sine or non¬ 
sine waves. In other cases, however, deviation from a 
sine wave causes error in results obtained on a sine-wave 
assumption, and this error may be large or small 
according to the conditions of the problem. A careful 
study of non-harmonic alternating currents, therefore, 
is desirable. 

Complex Wave Represented by Fourier’s Series. Any 
periodically varying quantity, such as we are here 
discussing, can be completely represented by a con¬ 
stant term and a series of sine terms, of definite ampli¬ 
tude, phase, and frequency. Cosine terms are unneces¬ 
sary when the phase of each sine term is included. 
The series of sine terms used to represent an irregular 
a-c. wave includes a fundamental, or sine wave of funda¬ 
mental frequency, and various harmonics with fre¬ 
quencies that are odd or even multiples of the 
fundamental frequency; a constant term is added in 
the general case. The introduction of factors of ex¬ 
ponential form, that occur in transients and in cases of 
damping, will not be considered here, bibliography, 30. 

For Usual Alternating Currents, Positive and Negative 
Areas are Equal and the Constant Term is Zero. The 
average value of any complex wave, expressed as in the 
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preceding paragraph, is the constant term, the average 
value of the fundamental and the various harmonies, 
taking account of sign, being zero. The average value 
must bo taken over a complete period. In an ordinary 
alternating current, with no predominating flow in one 
direction, the average value or constant term is zero; 
and, since the average of the positive ordinates is equal to 
the average of the negative, the areas of positive and 
negative half-waves are equal. Inequality of areas 
indicates a direct current combined with the alter¬ 
nating and this direct current would be represented by 
the constant, term. 'Phis is a case that sometimes 
occurs. 

In a generated electromotive force wave, the equality 
of positive and negative areas indicates that the total 
dux cut in a positive sense is equal to the total llux 
cut in a negative sense, as is the cast' in any dynamo- 
electric machine. 11 is seen, therefore, that in the wave 
for clerl.mmol.ive force, as well as in the wave for cur¬ 
rent, the constant, term is zero. 

When l 'nxiii in 1 and Negative Half-Warn arc Alike, 
Odd Harmonics only can be Present, Omitting the 
constant term, any deviation from a simple harmonic, 
function is represented by even and odd harmonies 
in addition In {.lie fundamental. During the second 
half-period the fundamental wave and any odd har¬ 
monic have, respectively, the same values as during the 
first, half, hut. with sign of each reversed. When only 
odd harmonics are present, each half-wave is, therefore, 
a repetition of the preceding half-wave with sign re¬ 
versed; negative and positive half-waves, except, for 
sign, .are identical. 

On the other hand, during the second half period of 
the* fundamental, any even harmonic* has the same sign 
as during the first half; hence, since the fundamental 
has reversed sign, an even harmonic that adds to the 
fundamental at, any given point of the positive wave 
subtracts from the fundamental at the corresponding 
point, of i lie negative wave. When even harmonics 
arc added l.o ( he fundamental, the negative and positive 
waves are, therefore, unlike in form; that is, one is 
not, the repetition of the other, This may he readily 
seen by sketching curves for u few typical cases. 

A Sninmclideal Generator Produces only Odd Harmon¬ 
ies, Any harmonics that exist, whether even or odd, 
must, he produced either in the receiving circuit (as will 
be considered lat er) or in the generator. In practically 
all generators, with either revolving armature or re¬ 
volving field, the generated wave of electromotive 
force is symmetrical, the negative half-wave being a 
repetition of the positive; hence, odd harmonics only 
are present '. ICven harmonics in the electromotive 

,'L Wit It ;s symmetrical armature, irrespective of wliatt lie tick! 
may he, if a particular armature conductor cuts certain flux, 
anot her munnt uro conductor connected in the opposite soiiso will 
cut this same llux just half a period later; .hence, negative and 
positive Imlf-waves are alike and odd harmonics only can ho 
present. In a like manner, with a symmetrical Held, irrespec¬ 
tive of what the armature may be, if a particular armature 


(hit) 

force wave can be produced by a generator only when 
both field and armature are unsymmetrical, a condition 
that does not commonly exist, bibliography, 31. 

Average. Product Theorem. The average product 
of the instantaneous walues of two harmonic quantities 
of different frequencies is zero. This is true irrespec¬ 
tive of their relative phase positions and the ratio of 
their frequencies; the same is true of the product of 
any periodic quantities, each of which is represented by 
a series of harmonic terms. 

This may be illustrated experimentally by passing 
currents of different frequencies through the two coils 
of a wattmeter and noting that the reading is zero. 
Formally, it may he shown by integration of the prod¬ 
uct of two sine functions, having different periods, over 
the least common multiple of the two periods, or over 
the longer period when one period is a multiple of the 
other. In case the two periods were nearly equal and 
their least common multiple very large, beats would 
occur, hut the average value of the product over a 
sufficiently long time would still he zero, bibliography, 
13,14 (p. 391). 

The average value of a constant, multiplied by a sine 
function, or by the sum of several sine functions, is 
likewise zero. 

The results of these relations are far reaching; r.m.s. 
values and average power for non-harmonic waves 
both depend upon this average product theorem. 

Bout-mean-square Value of Non-harmonic Wave. A 
non-harmonic wave, as already explained, consists of 
a series of harmonic components of fundamental and 
higher frequencies. If. will be shown that the r. m, s. 
value of the total wave is equal to the square root of the 
sum of I,he squares of the separate harmonic com¬ 
ponents. Thus, if the fundamental is A, and the 
several harmonics B , (■, and D (r. m. s. values), the 
r. m. s. value of the total wave is \/A 1! + IP + CP + T)\ 
This will he referred to later as the square law . It 
will he seen that the result is independent of the, phase, 
mid frequency of the several components. The effect 

conductor cuts certain llux, that, same conductor will cut. equal 
llux in an opposite .sonwo juwl. half a period later; bunco, in this 
case also, negative and punitive half-waves are alike and odd 
harmonics only can bo present. Lack of symmetry ol Hold may 
ho produced by inequality of diimmwions, spacing, or material; 
and, oven when the struct,uro is symmetrical, it. can bo produced 
by unequal excitation of various polos. Armature windiugw are 
commonly Hymniotricul, but. may bo otliorwiso, aw in armatures 
with an odd number of slots. 

It, is here assumed that the speed at. which the generator is 
driven and its hold excitation are constant, aw is usually the case. 
If the Hold is excited with alternating current, and the armature 
is rotated synchronously, an electromotive force of double fre¬ 
quency is generated. If the hold is excited with direct current 
and a superimposed alternating current, the .electromotive force 
generated will, accordingly, consist of a lundatnental and a 
second harmonic. It is thus possible to generate an even har¬ 
monic iti a symmetrical armature. A development of this 
method may be employed for obtaining high frequencies, as in 
the Goldschmidt alternator. 
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of each component is added as though it were in 
quadrature to each other component, bibliography, 
13, 14. 

This may be demonstrated experimentally by taking 
voltmeter readings of the separate and total voltages 
when two or more electromotive forces, not of the same 
frequency, are connected in series; or, more laboriously, 
by plotting curves for the instantaneous values of the 
components and determining r.m.s. values of their sum. 

If, collectively, the harmonics B, C, and D are repre¬ 
sented by H, where H- = B‘ 2 + C- + D-, the r. m. s. 
of the total wave is V F 2 + FP, where F is the funda¬ 
mental. It is seen that the collective harmonics add 
as a component in quadrature to the fundamental. 

The proof of the foregoing is readily seen. The non¬ 
harmonic wave may be represented by a series of sine 
terms of different frequencies. One of these terms may 
be a constant, representing a d-c. component, if desired. 
When this series is squared, to get the r. m. s. value, 
every term is multiplied by itself (so that any term, as 
A, becomes A 2 ) and by every other term. But the 
cross-products, obtained by multiplying together terms 
of different frequencies, all vanish, for their average 
product, by a theorem already stated, is zero. The 
only terms remaining are the squ are te rms, as A 2 , B°-, 
etc., the r. m. s. value of which is vA 2 + B- + C- -f D 2 . 

One of the terms in the preceding expression may be 
a constant, representing a d-c. component. It is 
thus seen that a direct current, when superimposed on 
an alternating current, adds vectorially in quadrature, 
in the same manner as an alternating current of a dif¬ 
ferent frequency; the resultant is the square root of the 
sum of the squares of the component currents. 

Principles of Independent Superposition of Harmonic 
Alternating Currents of Different Frequencies. When 
a pure sine electromotive force is impressed upon a 
circuit in which the various resistances, inductances, and 
capacities are constant, the current that flows is a 
pure sine wave of the same 'frequency, with amplitude 
and phase dependent upon the constants of the circuit. 

When the electromotive force wave contains not only 
the fundamental sine wave, but harmonics as well, 
the current will contain a fundamental and harmonics 
of these same frequencies. Furthermore, each har¬ 
monic component of the electromotive force will pro¬ 
duce in the current a corresponding harmonic compo¬ 
nent of the same frequency, exactly as though all other 
components were absent, bibliography, 6, Chap. XI. 

This holds true of any part of a complex circuit, as 
well as of the circuit as a whole. Thus, if the harmonic 
components of the electromotive force, either in the 
whole circuit or in a part, are Ei, E 3 , E 5 , the corre¬ 
sponding components of current are I h I 3 ,1 5 , each com¬ 
ponent being determined independently as though it 
alone existed. 

By the square law, the sum of the component electro¬ 
motive forces is 


E — V Ed -f- E 3 2 T Ed. 

The sum of the component currents is 
I — V Id -f- Id + Id • 

The phase of each harmonic component, as well as its 
amplitude, is determined independently. Although 
these phase relations affect the wave-shape, they do not 
affect the r. m. s. value of the total current. 

When a circuit contains a constant resistance only, 
the harmonics in the current wave will have the same 
relative amplitudes and phase positions as the several 
harmonics in the electromotive force wave; that is, the 
current and electromotive force are similar in wave¬ 
form. With reactance present, however, this will not 
be true, for the relative amplitudes and phase positions 
of the several harmonics in the current will vary with 
their several frequencies. 

In the case of inductive reactance, the reactance of 
the circuit for the several harmonics increases in 
proportion to frequency, thus increasing the lag and 
decreasing the amplitude of the corresponding harmon¬ 
ics in the current wave. Inductance tends to choke 
out the higher harmonics and to make a smoother 
current curve. Capacity reactance, on the other hand, 
amplifies harmonics in the current and so increases, 
rather than smooths out, irregularities in its wave-form. 
With either inductive or capacity reactance present, 
the wave-forms of current and electromotive force, 
except in the case of pure sine waves, are no longer 
similar. The resultant wave-form of current, however, 
is built up from its separate harmonic components, for 
the principle of independent superposition holds, so 
long as resistance, inductance, and capacity are con¬ 
stant. When one function, as current, is related to 
another, as electromotive force, by a linear differential 
equation in which the coefficients are constant, as a 
matter of course, one function may be derived from the 
other by a so called “distributive” operation, and the 
principle of independent superposition holds. 

Should resistance, inductance, or capacity be variable, 
the principle of independent superposition cannot be 
applied. In this case, as discussed later, a sine-wave 
electromotive force does not produce a sine-wave cur¬ 
rent; the separate harmonic components of a complex 
electromotive force, therefore, do not produce corre¬ 
sponding independent components in the current. 

When a Current Comprises Components of Different 
Frequencies, Each Component has Its Independent 
Resistance Loss; the Total Resistance Loss, R1 2 , is the Sum 
of the Losses due to the Separate Components. As already 
shown, when a current I comprises components I a , 
lb, Ic, etc., of different frequencies, the r. m. s. value 
of the total current is the square root of the sum of the 
squares of the separate components; 

I = VId + Id + Id + ... . 

Hence, 

R I 2 = R Id + R Id + R If + . 
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Each component has its own resistance loss as though it 
alone existed; the total loss is merely the sum of these 
separate losses. This is equally true when one com¬ 
ponent is direct current. 

As an illustration, if two unlike currents, either 
direct and alternating, or alternating currents of 
different frequencies, of 10 amperes each, are superposed 
in a circuit having a resistance of one ohm, the total 
loss is 200 watts, the separate losses being 100 watts 
each. This is an interesting contrast; with the case 
when two like currents, two direct currents, or alter¬ 
nating currents of same phase and frequency, of 10 
amperes each, are superposed in the same circuit 
having resistance of one ohm; the total loss in this case 
is 400 watts, although the loss would he only 100 watts 
for either current flowing alone. (For references, see 
next paragraph.) 

Copper Saving in (Unnposite Sustains of Power Trans- 
mission. It is obvious from the foregoing that a 
considerable copper economy could he effected were if 
possible to use the same lines for the simultaneous 
transmission of power by unlike currents, that is, 
by direct and alternating currents or by alternating 
currents having different frequencies. 

Inasmuch as copper drop is proportional to copper 
loss, each current in such a composite system would 
have its own independent copper drop as well as copper 
loss; and, where the amount, of copper is determined by 
allowable copper drop or loss, no more copper would be 
required to carry several currents for composite trans¬ 
mission than would bo required to carry one current 
alone. The independence of copper drop is very 
striking. Thus, if two generators transmit unlike 
currents over the same lines to independent loads, one 
for lighting and the other for power, the regulation of 
the lighting load is in no way affected by most extreme 
variations in the power load; for example, an entire 
power load with line drop of, say, 50 per cent could be 
thrown off and on without producing even a flicker in 
the lamps constituting the lighting load. These results 
are confirmed by test. 

Although several composite systems have been 
proposed, the complications involved have thus far 
prevented their general adoption, bibliography 10, 17, 
10 , 20 , 21 , 22 . 

Equivalent Sine Ware, Although a non-harmonic 
alternating quantity requires a series of harmonic terms 
for its complete representation, it can he represented, 
for many purposes, by a single sine wave having the 
same r. m. s. value and the same frequency. Such a 
wave is called an equivalent sine wave. It is equivalent, 
however, in a restricted sense only. Thus, inductance 
and capacitance can completely neutralize each other 
in case of true sine waves only, complete naturalization 
being impossible for non-sine waves or for their equiva¬ 
lent sine waves. 

If a non-sine wave is plotted in polar coordinates, the 
equivalent sine wave is plotted as a circle with the same 


area. If a non-sine wave and its equivalent sine wave 
are plotted in rectangular coordinates, the curves 
formed by the squares of their ordinates enclose equal 
areas, thus giving equal mean-square and r. m. s. values. 

Vector Representation of Equivalent Sine Wave. A 
non-harmonic alternating quantity can be represented 
by a vector corresponding to its equivalent sine wave. 
There seems to be no criterion, however, for satis¬ 
factorily defining the absolute phase location of an 
equivalent sine wave with respect to the irregular wave 
to which it is equivalent, although the phase dis¬ 
placement of one equivalent sine wave with respect to 
another, as a current with respect to an electromotive 
force, can he determined. As discussed later, this 
phase relation is, in general, definite between pairs of 
quantities only. Accordingly, except in special cases, 
only two equivalent sine waves can be represented as 
vectors in a plane and three such waves as vectors in 
space, if all their phase relations, as well as magnitudes, 
are to be correct. More vectors would require more 
dimensions, or would necessitate a lack of significance 
in the relative phase positions of some of the vectors. • 
The sum of two equivalent sine waves can be vectorially 
represented, however, in the same plane as the two 
waves themselves, and the sum of three equivalent 
sine waves can be represented with them in space, as 
discussed later. 

Equivalent Phase Difference. The equivalent phase 
difference between two non-sine waves of the same 
frequency is the phase difference between the two 
equivalent sine waves when so located with respect to 
each other that the mean product of their instantaneous 
values is the same as the mean product of the in¬ 
stantaneous values of the two non-sine waves of which 
they are the equivalent. In the case of a current and 
an electromotive force, this mean product is the average 
power, the equivalent phase difference being an angle 
whose cosine is equal to the.power factor. 

Lag or Lead of Non-Sinusoidul Current. In case of 
sine waves of current and electromotive force, in¬ 
spection of the waves plotted with respect to time shows 
at. once whether the current is lagging or leading in 
relation to the electromotive force. If the current is 
lagging, the current passes through zero and attains 
successive values, as Uf, U. and full maximum value, 
a certain interval of time, depending upon the con¬ 
st,ants of the circuit, after the electromotive force 
attains its corresponding value. This'time interval 
or lag is the same between zero as between maximum 
values of current and electromotive force and is a 
measure of the phase difference. Power and power 
factor are increased when a lagging current is advanced, 
or when a loading current is retarded, in phase. 

In case of non-sine waves, however, these definite 
relations do not hold. Except in special cases, the 
time-lag measured between zero points of current and 
electromotive force is different from the time-lag 
measured between maximum values, and in neither case 
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does its value correspond to the equivalent phase 
difference. Indeed, the current might lag behind the 
electromotive force in reaching its maximum value and 
be in advance of it in passing through zero, so that 
inspection does not show whether the current is lagging 
nr leading, nor whether the angle of equivalent phase 
difference is negative or positive. This uncertainty, 
however, does not affect the numerical value of the 
power factor, for the cosine of an angle is independent 
of its sign. 

Arbitrarily, a current is said to lag when its maximum 
value occurs later than the maximum value of the 
electromotive force, bibliography 61; but the time of 
passing through zero has also been used as a criterion, 
bibliography, 26. Although not used, a better cri¬ 
terion might depend upon power. Thus, current 
would be referred to as lagging when an increase in 
power and power factor is brought about by advancing 
it in phase, and as leading when increase in power and 
power factor is brought about by retarding it. This 
is discussed later under power factor. 

Two Equivalent Sine Waves of the Same Frequency, 
mid their Sum or Difference, can be Represented by Vectors 
in a Plane. Three vectors, 1, 2, and 3, representing 
non-harmonic quantities of the same frequency, do not 
in general lie in a plane. Thus, if the equivalent phase 
difference between 1 and 2 is 40 deg., and between 2 
and 3 is 10 deg., the equivalent phase difference between 
1 and 3 may be neither 30 deg. nor 50 deg. The repre¬ 
sentation of three non-harmonic quantities by vectors 
in a plane is correct, however, when one of the quanti¬ 
ties is the sum or. difference of the other two; that is, 
the vectors in this case correctly show the relative phase 
differences between the three quantities, as well as 
their magnitudes. Thus, let A and B be the r. m. s. 
values of two non-harmonic quantities and C the sum. 
If three vectors are drawn in a plane so that C is the 
vector sum of A and B, it will be found that the angle 
between any two vectors will be their equivalent phase 
difference, as already defined; if one vector represents 
an electromotive force and the other a current, the 
cosine of this angle gives the true power factor. Or, 
if two vectors A and B are drawn with an angle between 
them equal to their equivalent phase difference, their 
vector sum will give the r. m. s. value of the sum of the 
two non-harmonic quantities that they represent, 
bibliography, 13,14 p. 391,15, 39. 

Again, if a is' the equivalent phase difference between 
two non-harmonic quantities and if b is the phase dif¬ 
ference between them when one of the quantities is 
reversed, the sum of the angles a and b is 180 deg.; 
the vector representing one of the quantities is reversed, 
as though the quantities represented by the vectors were 
harmonic. 

The correctness of vector addition and subtraction of 
non-harmonic quantities may be rigorously proved, or 
may be verified either by experiment or graphical 
construction, bibliography, 13, 14. 


The once famous three-voltmeter and three-ammeter 
methods are illustrations of the general theorem that 
vectors in a plane may represent two non-harmonic 
waves and their sum. In the three-voltmeter method, 
three voltmeter readings are drawn as vectors in a 
plane; Ei measured across a load; E 2 measured across a 
non-inductive resistance in series with the load; and E, 
their sum, measured across the two. In this case,, 
not only the three voltages but also the current I can 
be represented 4 as vectors in a plane,for I — E 2 R, 
where R is constant, and any representation of I is the 
same as the representation of E 2 with the scale changed. 
The equivalent phase difference between E x and I in 
the load is thus determined, giving power factor cos d, 
and power. In the three-ammeter method there is a 
similar relationship, vectors in a plane being drawn to 
represent the electromotive force E as well as the cur¬ 
rents, 1 1 in a load, J 2 in a non-inductive parallel circuit, 
and I, their sum. The three-voltmeter and three- 
ammeter methods may be considered as proved by the 
general theorem; or, they may be considered as a proof 
of the theorem for these special cases, bibliography, 
2,7. 

Otherwise stated, we may represent as vectors in a 
plane the various currents and voltages in a system con¬ 
sisting of one unknown load circuit of any character 
and a single pure resistance, either in series or in 
parallel with it. By extension, see preceding footnote, 
we may include in the system any number of pure re¬ 
sistances connected in any way whatsoever with the one 
unknown circuit; thus, some of the resistances may 
be in series and some may be in parallel wth it, provided 
in each one there is a linear relation, e = Ri, between 
current and electromotive force. In the one unknown 
load circuit, however, there need be no simple relation 
between e and i; the current in it may be distorted, as 
by hysteresis, and have a very different wave-form 
from the electromotive force. A single voltage and a 
single current in the unknown load circuit are included 
in the vector representation in a plane. If the voltage 
or current in the unknown circuit is split up into parts 
or components, such parts or components cannot be 
represented in the plane. 

Three Equivalent Sine Waves of the Same Frequency, 
and their Sum, can be Represented by Vectors in Space. 
In a like manner three non-harmonic alternating quan¬ 
tities, together with their sum, can be represented as 
vectors in space, the length of the vectors being equal 
to the r. m. s. values of the various quantities and the 
angle between any two vectors being equal to their 
equivalent phase difference. More quantities can be 
so represented only when they are. linear functions of 
those already represented; thus, if three currents are 

4. More generally-stated: Where certain quantities are repre¬ 
sented as vectors in a plane, any other quantities that are linear 
functions of these may likewise be so represented, bibliography, 
15, 23. When e — R i, e is a linear function of i. When e 
— Riii + Ri h, e is a linear function of i x and i 2 . 
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represented in space 1 , any voltage drops proportional 
therein may also bo represented. This follows as an 
extension of the preceding ease, bibliography, 16, 18 
to 26, 25, 21) pp. 217-1), 64, 42, 45, 56, 

More than three* vectors representing non-harmonic 
quantifies cannot, in general, be drawn in space; but 
the resultant of two of these can be used, together with 
the other two, to construct a three-dimensional figure. 
In the same way, three vectors cannot, in general, be 
drawn in a, plane; but the resultant of two of these can 
be drawn with tin* third in a plane. The three result¬ 
ants of any number of quantities can thus be represented 
in space, or two resultants in a plane, bibliography, 64, 
but this is a cumbersome procedure of doubtful utility. 

Variation of Resistance, Inductance, or CapucUancc 
(druses Wove Distortion, in a circuit, with constant 
resistance, inductance, and capacitance, a sine elec¬ 
tromotive force causes a sine current to (low without 
distortion; in ease of a complex electromotive force, 
each harmonic component, of electromotive force pro¬ 
duces a corresponding harmonic component of current, 
as already point ed out in the paragraph on independent 
superposition. With a sine electromotive force, the 
current, has a phase posit ion with respect, to the electro¬ 
motive force depending upon the frequency and the 
relative values of resistance, inductance, and ca¬ 
pacitance. When then* is inductance or capacitance 
alone in the circuit, the current lags behind, or is in 
advance of, the electromotive force by an angle of DO 
deg. and represents- no power, for the power factor, 
cos 1)0 deg,, is zero; with resistance alone, current, and 
electromotive force are in phase and power factor is 
unity. 

Should the values of resistance, inductance, or 
capacitance vary during a cycle, the current will be 
distorted, and, with a sine electromotive force, the 
current, wave will contain harmonics in addition to the 
fundamental, furthermore, in case of a varying 
inductance or capacitance, where the variation always 
involves hysferotic loss, the phase difference between 
the fundamental current wave and the electromotive 
force will be (css than DO deg., and the power factor will 
no longer be zero. Similarly, with a varying resistance, 
the phase difference between fundamental current and 
electromotive force will not be zero and power factor 
can never bo unity, as discussed in detail in subsequent 
paragraphs. 

Iron Introduces Odd Harmonics and so Distorts the 
Current Ware on Account of Variable PermeahiUty ; ft 
Advances the Fundamental of the Current Ware in Phase 
and malm Increasing and, Decreasing Values of < hermit 
unlike on Account of Hysteresis Loss, The instantane¬ 
ous value of an inductive electromotive force, by 
Faraday’s law, is always proportional to the rate of 
change of magnetic flux. The inductive electromotive 
force wave is, accordingly, the differential of the flux 
wave, and the latter is the integral of the former; 
therefore, if either one of these waves is a sine wave, the 


other is necessarily a sine wave differing from it DO deg. 
in phase. This is true whether the circuit contains 
iron or not. 

In a circuit; containing no iron, permeability and 
inductance are constant, and current and flux are 
proportional; a sine flux, which always necessitates a 
sine electromotive force, also necessitates a sine current. 
However, when permeability is not constant, as in a 
circuit, embracing iron, the current and flux are 
no longer proportional, this lack of proportionality 
being shown by the well-known curve of magnetization* 
or hysteresis loop; a sine flux and sine electromotive* 
force, accordingly, necessitate a non-sine current. 

With the usual symmetrical hysteresis loop, the 
negative part, of the distorted current wave will be a 
repetition of (he positive and hence, for reasons already 
given, the currcmt contains odd harmonies only. The 
8-1 ike shape of ‘the hysteresis loop indicates that the 
third harmonic must be prominent and this is always 
found to he the cast*; the fifth and higher harmonics 
have considerably smaller, although sometimes signifi¬ 
cant. values. Thus, a third harmonic of 60 per cent, 
might, be accompanied by a fifth harmonic of, say, 
8 or 10 per cent, higher harmonics than the third being 
usually much smaller. 

On account of the distortion of the current wave, a 
vector diagram in three dimensions can be advantage¬ 
ously used, the current, harmonies produced by dis¬ 
tortion lining represented collectively at right angles to 
the fundamental plane, bibliography 25. This con¬ 
struction may be used whenever there is current 
distortion due to pulsations of any of the constants of 
the circuit. 

Inasmuch as the ascending and descending curves 
that form a hysteresis loop are not alike, the distorted 
current wane is not, symmetrical but. has a different form 
for increasing and decreasing values of current. It is 
found that the third harmonic has such a phase position 
as to subtract from the fundamental during most of the 
time when the current is increasing and to add to the 
fundamental when the current is decreasing, thus 
humping the right hand (descending) side of the current 
wave. 

Furthermore, reference to the hysteresis loop shows 
that maximum current occurs simultaneously with 
maximum flux, but that zero (current occurs before zero 
flux. Although the flux wave always lags 90 deg. 
behind the electromotive force, the fundamental of the 
current wave is thus caused to lag less than 90 deg. 
This gives a power factor greater than zero, which 
accounts for the hysteretie consumption of power. All 
the power due to iron loss is thus supplied by the funda¬ 
mental, for the harmonies in the current, when the 
electromotive force is sinusoidal, represent no power, 
bibliography, 1, 4, 5, 9,10,12, 25, 28, 65,67, 52, 57. _ 

* In an imaginary case in which varying permeability 
gave like ascending and descending curves of magnetiza¬ 
tion, enclosing no area, there would be no hysteresis 
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loop and no hysteresis loss. The varying permeability or in delta-connected windings of generator or trans- 
would nevertheless distort the current wave by intro- formers, as already pointed out, consists of the third 
ducing harmonics, but the fundamental would in this harmonic and its multiples, for these are in phase in 
case lag 90 deg. behind the electromotive force, as the three parts of a three-phase circuit. Other harmon- 
always when there is no consumption of power. . ics, as well as the fundamental, appear as voltages from 
Frequency Multiplication by Iron Distortion . It was line to line and cause current to flow only in the load, 
early pointed out (bibliography 4) that the production bibliography, 57, with full bibliography, 
of harmonics by wave distortion due to iron might be Pyramidal Space Diagram. The three star voltages 
employed as a means for frequency multiplication, of a three-phase system, which lie in a plane when there 
This is accomplished by combining circuits in such a is no wave distortion, have the neutral point raised from 
way that the fundamentals of two waves oppose or the plane by the third harmonic voltage and its multi- 
neutralize each other, leaving a residuum of harmonics, pies, so that the three star voltages become the edges of 
of which the third is usually predominant. Triple a pyramid. Similarly, a diagram with vectors in space 
frequency is thus obtained; or double frequency, is required for representing line and delta currents, 
by use of cores unsymmetrically magnetized by super- when harmonic currents circulate in the delta without 
posed d-c. excitation. Although the efficiency is not appearing in the line, bibliography, 29, pp. 217-9. 
high enough to warrant the use of these methods in Commonly this effect of harmonics is ignored and plane 
power transmission, they have been used in radio diagrams are used, being sufficiently correct for most 
communication. ' purposes. 

Harmonics in Three-phase Circuits. Obviously, in T-connected Transformers Produce Dissimilar Wave 
3-phase circuits, the harmonics of triple frequency in Forms. Although the third harmonic does not ordin- 
the three circuits, whether originating in the generator arily appear from line to line in a three-phase system, 
or in transformers due to iron distortion, are in phase it may so appear when a two-phase generator with a 
with each other. This is true not only for the third third harmonic in the electromotive force wave of each 
harmonic but for its multiples as well. In star-con- phase is connected through T-connected transformers to 
nected circuits, these harmonics appear in the electro- a three-phase line. In this case the three line voltages 
motive force wave between line and neutral, tending to are distorted dissimilarly, for the third harmonic 
cause current to flow out through the three lines in appears differently in each, bibliography, 41. 
parallel, but no current flows unless there is a grounded A Resistance that Pulsates during a Cycle Introduces 
neutral or return neutral circuit to form a path for the Odd Harmonics into the Current Wave; the Current and 
return current. Electromotive Force Pass Through Zero at the Same 

In high-voltage circuits supplied through transfor- Instant, but Power Factor is Less than Unity. In a 
mers, the harmonics produced by the iron in the trans- circuit containing a constant resistance only, the value 
formers may be large enough to seriously strain of the current at any instant is proportional to the value 
insulation by increasing the maximum value of the of the electromotive force at that instant, for e-Ri; 
electromotive force wave, particularly when some a curve plotted between e and i is a straight Kne. 
harmonic becomes amplified by resonance. To avoid The current wave and electromotive force wave are, 
this, the primary or secondary windings of transformers accordingly, identical in shape and pass through 
on three-phase circuits, or, in some cases, tertiary zero at the same instant; furthermore, the power factor 
windings, are commonly connected in delta, so as to pro- of the circuit is unity. 

vide a local circuit in which the third harmonic current In some cases resistance varies with the instantaneous 
and its multiples can flow. value of current, as in an incandescent lamp in which 

These harmonic currents act as magnetizing currents resistance is a function of temperature, bibliography, 
and reduce the corresponding harmonic voltages to a 27, 38. In a solid conductor this variation in resistance 
:small value, just sufficient to circulate the current is small, usually less than one per cent, but the in- 
through the impedance of the three windings in series, stantaneous values of current i are no longer strictly 
The additional heating due to these local currents in proportional to the instantaneous values of electro- 
‘delta-connected transformer windings is small. The motive force e; the curve plotted between e and i 
■delta connection of one set of transformer windings being a loop, showing a lag or hysteresis in temperature 
prevents the rise of voltage in any of the windings, changes. The wave form of current differs, therefore, 
even though some of these are not delta-connected. from the wave form of electromotive force. A sine 
Harmonic voltages in a generator are usually small electromotive force thus produces a non-sine current; 
compared with those produced by iron distortion in in other words, a periodic variation in resistance in¬ 
transformers and can be reduced by design. Delta troduces harmonics into the current wave and these 
connection of generator windings is therefore unneces- harmonics will be odd when the resistance has the 
sary. Generators are usually star-connected in order to same series of values for negative as for positive 
provide a neutral for grounding. currents. 

The harmonic current in a neutral or ground return With resistance only in the circuit, the current and 
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electromotive force pass through zero at the same 
instant, with a pulsating as with a constant resistance. 
Power factor, however, is less than unity, in solid 
conductors usually only a fraction of a per cent less; 
for, with a sine electromotive force, the harmonics 
introduced into the current wave by the pulsating 
resistance represent no power. There will be, accord¬ 
ingly, a small phase difference between the equivalent 
sine wave of current and the electromotive force corre¬ 
sponding to the power factor. 

It can be shown, bibliography, 42, that, as in the case 
of distortion produced by iron, the distortion in current 
produced by pulsating resistance is accounted for 
chiefly by the introduction of a third harmonic, that 
the current wave is either flattened or peaked, and the 
fundamental of current is either slightly advanced or 
retarded in phase, according to whether the tempera¬ 
ture coefficient is positive or negative. The current, 
like any distorted current, can be shown in a vector 
diagram of three dimensions, the harmonics due to 
distortion being shown as a single vector at right angles 
to the fundamental plane, bibliography, 42. But 
all these effects of distortion, large when produced by 
iron, are so minute as to be usually negligible when 
produced by the pulsations in resistance of a solid 
conductor. 

In a gas, however, as in the case of an arc lamp or 
mercury arc, the current distortion and resulting 
harmonics are very pronounced, so that power factor 
is, in some cases, reduced to 0.85 or less, bibliography, 
3, 24, 26. In an arc that is discriminating, as between 
a ball and point, even as well as odd harmonics are intro¬ 
duced in the current. In a transmission line, an arc to 
ground introduces harmonics which may cause a dan¬ 
gerous rise in voltage through resonance, bibliography, 
32. 

It may be noted that power factor is less than unity 
with a direct current, in case resistance is pulsating or 
there are variations in current without corresponding 
variations in electromotive force. 

Variable Capacitance Causes Wave Distortion,, which is 
Practically Negligible in a Condenser; Corona Causes 
Pronounced Wave Distortion. In a perfect condenser, 
charge Q is proportional to potential E; the capacitance 
C is constant in the expression Q = C E and the plot 
between Q and E is a straight line. When this plot is 
not a straight line, but is a curve or loop, bibliography, 
8, harmonics are introduced and the current wave is 
distorted, as in case of varying inductance or permea¬ 
bility. In case of usual condensers such effects are 
practically negligible. In case of corona, however, 
there is a well-defined hysteresis loop in the curve 
plotted between Q and E, and a pronounced distortion 
in the current wave. 

An increase in charging current and in charge Q, 
due to corona, occurs when the voltage is above a 
certain critical value, i. e., during the peak of the 
voltage wave. There is a pulsation, therefore, in the 


ratio of Q to E and so in the capacitance of the line. 
The pulsation in capacitance may be explained in part 
as due to a periodic change in the effective diameter 
of the wire, but this does not account for the whole 
effect. 

This periodic change in capacitance produces a 
pronounced third harmonic, as already shown for 
periodic changes in resistance or inductance, and this 
appears as a triple-frequency current to ground in a 
three-phase system, when the neutral is grounded at 
both ends of the line, bibliography, 50, 51, 54, 55, 56. 

Power. When alternating currents and electromotive 
forces are complex, containing components of funda¬ 
mental and higher frequencies, each component has its 
own independent power and power factor. The total 
power is the sum of the power of the separate com¬ 
ponents; thus, the total average power is 

EI cos 6 = Ei 1 1 cos 61 + E z I H cos 0 3 + .. . 

The independence of the average power of the 
separate harmonic components results from the fact, 
already pointed out, that the average product of har¬ 
monic components of different frequencies is zero, 
so that, when complex currents and electromotive 
forces are multiplied together, only products of currents 
and electromotive forces of the same frequency remain. 
This relation is always true, irrespective of the nature or 
the amount of distortion in the electromotive force or 
current wave. 

Apparent power is not, in general, the sum of the 
separate apparent powers. The instantaneous power 
for each component is a quantity of double frequency 
varying harmonically about its average value, bibli¬ 
ography, 36. 

Power Factor. From the foregoing, it follows that 
power factor, in case of a complex wave, is 
cos 6 = {Ei h cos Qi + E 3 1 3 cos 9 s + . . . ) -*• E I, 

d being the equivalent phase difference between the 
complex E and I. 

It will be seen that in determining the combined 
power factor, cos 9, the power factor of each component 
is given a weight in proportion to the ratio of the ap¬ 
parent power of the component to the total apparent 
power. There is, however, no simple general relation 
between the combined power factor and the power factor 
of the separate components. 

A circuit with reactance increasing and power factor 
decreasing with frequency, as R and L in series or R 
and C in parallel, will have a lower power factor with an 
irregular electromotive force wave than with a sine 
wave. On the other hand, a circuit with reactance 
decreasing and power factor increasing with frequency, 
as R and C in series or R and L in parallel, will have a 
higher power factor. It is thus seen that harmonics in 
an electromotive force wave may decrease or increase 
power factor according to the character of the circuit. 

Any change in the relative amplitudes of the separate 
components of electromotive force and corresponding 



656 


BEDELL: NON-HARMONIC ALTERNATING CURRENTS 


Transactions A. I. E. E. 


components of current changes the total power factor 
and at the same time changes wave form. Any change 
in their relative phase positions, however, while chang¬ 
ing wave form, has no effect on power factor. 

An exception occurs when the power factors cos 6, 
cos 6 1 , cos 6 s, etc., are all equal, so that 

El = E\ 11 + Es 13 -T • • • 

In this case total apparent power is the sum of the 
apparent powers of the separate components, and, 
furthermore, the value of the total and separate power 
factors is not affected by any change in the relative 
amplitudes of the component electromotive forces and 
corresponding changes in component currents. This 
occurs when power factor is unity and in one special 
case, as discussed later. 

Unity Power Factor Occurs only when the Current 
Wave is Precisely Similar to the Electromotive Force and in 
Phase with it. Reactance must he Zero and Resistance 
Constant. As power factor is real power R P, divided 
by apparent power E I, it is obvious that, in order to 
have unity power factor, EI must .equal R P- and 
E = R L This can be true only in case the reactance 
of the circuit is zero and there is no capacity or induc¬ 
tance present. 3 

Power factor is the ratio of resistance R to the 
impedance Z. This ratio is unity only when reactance 
is zero and the circuit contains resistance only. Further¬ 
more, for unity power factor, the resistance must be 
constant, for it has already been shown that a pulsating 
resistance reduces power factor to less than unity. 

Constant resistance-means that the current wave is 
similar to the electromotive force wave; the current i at 
any instant is proportional to the electromotive force e 
at that instant; e = R i. In this case the current and 
electromotive force pass through zero simultaneously 
and their maximum values coincide. Under no other 
circumstances' can power factor be unity. There is no 
limit, however, to the irregularity of the current and 
electromotive force waves with unity power factor, 
provided the two waves are similar. 

As a numerical illustration of unity power factor in 
case of a complex electromotive force, let the electro¬ 
motive force E = 50, comprising a fundamental 
Ei = 40 and a third harmonic E 3 — 30, be connected to 
a circuit with R — 10. The current is similar to the 
electromotive force; thus, Ji = 4;/ 3 = 3; I = 5. Power 
R P — R Iff + R I s 2 ; or 250 = 160 + 90. Apparent 
power EI = 50 X 5 = 250. Power factor = 1. In 
like manner, the electromotive force may contain any 
number of harmonics and these may have any phase 
positions, as well as any amplitudes, for the phase of one 
harmonic with respect to others or with respect to the 
fundamental has no effect on power factor. For a more 
formal proof, see bibliography 23,34. 

5. In ease of a pure sine wave, capacity and inductance may 
be present and just neutralize each other, so as to give zero 
reactance and unity power factor, but this is possible with a 
sine wave only. 


Power Factor Less than Unity is due either to Current 
Displacement or Current Distortion. It will be seen that 
power factor is less than unity in two cases: (a) When 
an alternating current is shifted in phase with reference' to 
the electromotive force, so that the zero and maximum 
values of current occur earlier, or later, than the corre¬ 
sponding zero and maximum values of electromotive 
force, power factor is less than unity, no matter what 
the wave forms of current and electromotive force may 
be. This is the common case and usually comes to 
mind when the power factor of an alternating current is 
referred to as being less than unity; the angle 6 in the 
expression, power factor equals cos 6, represents a true 
phase displacement. (6) When current and electro¬ 
motive force are unlike in wave form, power factor is less 
than unity, no matter what may be the phase position 
of the current with respect to the electromotive force; 
power factor may be brought to a maximum value by 
shifting the current wave with respect to the electro¬ 
motive force, but this maximum is always less than 
unity. 

The sign of 6, in the expression power factor equals 
cos 9, is ambiguous and does not indicate whether the 
current is lagging or leading. In fact, when the 
reduction in power factor is due to distortion, there may 
be neither lag nor lead. Thus, power factor 0.85, for 
example, indicates a phase angle of 32 deg. between the 
vectors I and E, representing current and electro¬ 
motive force. If there is no lag or lead, the vector I is 
apparently caused to swing out of the usual plane of 
reference, as already referred to in the discussion of 
distortion due to pulsating resistance, inductance, or 
capacity. 

Either current displacement or current distortion may 
operate alone to reduce power factor, or the two causes 
may operate simultaneously. Customarily the two 
effects are lumped together in a single resulting power 
factor cos 6, which, in some cases, may be separated 
into two factors, cos a due to current displacement and 
cos /3 due to current distortion. The angle a then 
represents lag or lead in the usual sense in the plane of 
reference and the angle /3 the amount the current vector 
swings out of that plane due to distortion, power 
factor being the product cos a cos (3. A single factor, 
however, is more convenient and is quite sufficient for 
ordinary purposes. The values of the two separate- 
factors are not readily determined and, except in 
special cases, are not independent of each other, 
bibliography, 59. 

Peculiar Special Case. When the current wave is not 
similar to the electromotive force, any change in 
amplitude of any harmonic component changes the 
complex power factor, except in one peculiar case, 
namely, when only one harmonic, the nth. harmonic, is 
present and the lag of the current of this harmonic 
with respect to its electromotive force is exactly equal 
to the lead of the fundamental current with respect to- 
the fundamental electromotive force. This occurs. 
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when, iii addil i< m to a resistance, the circuit has a capacity 
reactance 1/(" co which, for the fundamental, is n 
times the inductive reactance 1 L to, bibliography, 59. 

In this case, and in this <.*aso only, the harmonic and 
fundamental have 1 the same power factor, lagging in one 
case and leading in the other, and this is the power factor 
of the complex wave. Whether the complex current is 
lagging or leading with respect to the* complex electro¬ 
motive force* is a.pparently indeterminate. 

Suppose, with a suitable frequency mixer, bib¬ 
liography, (>0, the relative valiu*s of fundamental and 
harmonic can be varied, so that the total r. m. s. value 
of flu* complex electromotive force remains constant. 
The current taken by flic* circuit, its real and apparent 
power, and its power factor remain unchanged, as the 
wave form of the electromotive force is varied from 100 
per cent fundamental with leading power factor, to 
100 per cent, harmonic with lagging power factor. 
When fundamental and harmonic are both present in 
ally proportions, the current vector apparently swings 
around in space, maintaining a constant, phase made 
while changing from lagging to leading. In a some¬ 
what similar way, current in a synchronous motor 
changes from lap;,nine; to leading:, with increase of held 
excitation, without the power factor passim*; through 
unify, bibliography, 19. 

(■ovcluxinwu 'This paper, which is in itself a sum¬ 
mary, may be further summarized by surveying the 
1 lead inns of the various paragraphs, It has been 
pointed out that there are well-known methods for 
obtainin'*: (lie general solution for practically all prob¬ 
lems dealing with simple harmonic alternatin'*; currents. 
There seems, however, to be no similar method that 
can be applied in all cases to the solution of problems 
when the currents are non-harmonic. Such problems 
have to he solved more or less separately, without, a 
general solution. The purpose of this paper has been 
to present certain principles simply and clearly, in 
order that, use may be made of them wdierever 
applicable. 

Attempts to use some kind of distortion factor, 
bibliography, Tf, for modifying (he usual alternating 
current solutions, so that equations and graphical 
diagrams based on t he sine assumpt ion may he extended 
so as to apply to non-sine currents, have not borne 
fruit, bibliography, il l, 15, nor has a general analytical 
discussion of non-sine alternat ing currents given practi¬ 
cal working solutions, bibliography, 4<S. Although 
certain general principles arc? established, they do not 
alford the immediate solution of every particular 
problem. 

An outstanding fact is that, graphical diagrams for 
precisely represen ting non-harmonic alternating cur¬ 
rents and electromotive forties require, except in some 
special eases, more 1 ban two dimensions. The ordinary 
plane diagrams are at best only approximations. 

ft is a consolation to know, however, that the errors 
in plane diagrams are commonly not large enough to 


nr,7 

assume importance, bibliography, 40, p. 228, except 
when leading as well as lagging currents are involved, 
m other words, except in circuits containing capacity 
reactance, as in condensers and synchronous machinery. 

in inductive circuits, harmonics are, to a certain 
extent, choked out, so t hat, errors are limited and t here 
is no tendency for them to become amplified. The 
errors may be likened to the errors in using a drawing 
accurately made on a rumpled paper, which is later 
ironed out. Mat. 'The flat diagram, although not; 
precise, may be accurate enough for most purposes. 
Thus, transformer diagrams drawn in a plane give 
excellent working results, despite wave distortion. 
In a synchronous motor, on the other hand, certain 
discrepancies due to current, distortion may he corrected 
or eliminated by use of a diagram in three dimensions, 
bibliography, 19. If is well known that I lie power 
factor of a synchronous motor does not, become unify 
when current changes from lagging to leading, as the 
plane diagram and usual theory based on (Tie sine-wave* 
assumption would indicate. The three-dimensional 
diagram makes it possible for the current vector, in 
passing from lagging to leading, to swing around in space 
so that, t he power factor passes through a maximum less 
t han unif y. 

Plane diagrams are subject, to the greatest, errors in 
case of circuits containing inductance and capacity, 
when resonance for a particular harmonic may greatly 
amplify t he errors due to wave distort ion. 
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Discussion * 

A. Boyajian: Professor Bedell is a pioneer in the theory of 
alternating currents, and his early book is still a classic on the 
subject. A few years ago I listened with great fascination to 
Professor Bedell narrating his early experiences in the fundamen¬ 
tal theory of alternating currents. He said in the course of his 
narrative that when he analyzed the flow of currents in condens¬ 
ers, resistances, and inductances due to sine-wave voltage, his 
mathematical analysis showed him that the current of the con- 
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denser should be 90 deg. ahead of the voltage, the current of the 
inductors 90 deg. behind, and in a resistance in phase with the 
voltage. Up to that time nobody knew anything about phase 
relationship and this was very puzzling. It was peculiar how in 
a condenser you could get current ahead of voltage, like having an 
effect precede the cause instead of following the cause. They 
made some tests, plotted oscillograms, verified the mathematical 
analysis, and everybody was happy. 

What he had done at that time for sine-wave voltages he has 
later done for non-harmonic voltages, and his paper puts together 
a lot of developments since that time. 

One feature, or one problem, discussed in his paper which in¬ 
terested me a great deal was the subject of losses due to mixed 
frequencies. He emphasizes very strongly the fact that if we 
have two currents of different frequencies, the losses do not 
correspond to the square of the arithmetical sum of the currents, 
but that the losses for each current are independent of the 
other with the implication that it might be possible to take 
advanatage of this fact and increase the capacity of conductors 
for transmission of power. 

A few years ago I had occasion to examine the possibility of 
increasing the transmission capacity of a line by the superposition 
of different frequencies, and I was sorry to come to the con¬ 
clusion that such a thing was impossible. For given kilowatts 
to be transmitted at a given r. m. s. voltage, the P R line losses 
are the same regardless of whether this is done at a single fre¬ 


quency or mixed frequencies. The truth of this statement may 
be more easily seen considering the fact that “mixed frequencies” 
is another name for a distorted voltage. Is there any funda¬ 
mental copper economy in transmitting power at a distorted 
voltage instead of sine-wave voltage? In any scheme of super¬ 
posed frequencies, it will be found that any P R loss economy is 
due to raising the r. m. s. voltage of the lines. 

The only fundamental benefit to be gained by the use of mixed 
frequencies for transmission appears to be one of convenience. 
In some eases the advantage in convenience may be so great as to 
lead indirectly to an economy in copper. For instance, if one 
can transmit 40 telephone conversations over the same pair of 
wires simultaneously, instead of over 40 separate pairs of w r ires, 
there would be a distinct economy in copper. But this is not due 
to a fundamentally lower P R loss, but due to increased trans¬ 
mission voltage and more effective utilization of the circuit. 
If one telephone message were to stress the line insulation to its 
limit, it would be impossible to superpose 40 messages; but 
telephone voltages are very small, and insulation stress is not the 
limiting feature. 

Frederick Bedell: As Mr. Boyajian has clearly pointed 
out, there is no copper economy in the joint transmission of 
currents of different frequencies when the two currents supply a 
common receiver. There may, however, be a saving in certain 
eases, as discussed in references 16-22, when the two currents, 
transmitted jointly, supply separate receivers. 





Development of Automatic Switching 

Equipments in the United States and Europe 

BY A. H. de GOEDE 1 
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Synopsis. —This paper gives a brief outline of the history and 
general development of automatic switching equipments in the 
United States and Europe, as applied to power equipment. 

A general review is made of the advantages of automatic equip¬ 
ments, consisting not only of a saving in operating expenses, but 
also of better operating characteristics as compared with manually 
controlled stations. The various designmg problems, adherent 
thereto, are pointed oat. 

A comparison based on personal observation is made between 
the conditions in the United States and Europe, which accounts for 


the less rapid development and less extensive applications of auto¬ 
matic equipments in Europe, and a brief review is made of the 
results obtained in the latter years. 

Mention is made of the more recent applications, such as to 
mercury arc rectifiers. A brief description is also given of super¬ 
visory control systems, the development of which has progressed hand 
in hand with the automatic equipments. 

The accompanying illustrations show some typical modern . 

American and European installations. 

***** 


Introduction 

T is interesting to note that the development of 
certain lines of the electrical industry shows wide¬ 
spread differences in the United States and Europe. 
The automatic switching equipments for the various 
classes of electric service form a striking example. 

The idea to cut down the operating expenses of elec¬ 
tric railways by the use of automatic substations, elimi¬ 
nating the attendants and operating only when 
needed, found its conception in the United States about 
14 years ago. These equipments reached a high degree 
of reliability within a comparatively short time. 
After the war period, and after the initial installations 
had proved their worth, the automatic switching equip¬ 
ments found application on a large scale, not only for 
electric railways but for practically all kinds of service. 
In Europe, however, the first trial installations were 
not made until 1921-1922, and they had not been 
taken into commercial use on any appreciable scale 
until about 1924. The tardiness of Europe in using 
automatic equipments may be explained by the dif¬ 
ference in economic and operating conditions as com¬ 
pared with the United States. 

Development in the United States 
It was only natural that the high cost of labor 
in the United States should create a demand for un¬ 
attended stations. The first installation of this kind 
was tried out in Detroit in 1912 where a synchronous 
converter for lighting service was remotely controlled 
from a substation a mile away. The success of this 
arrangement directed the attention of electric inter- 
urban railways to it in an effort to reduce their operat¬ 
ing expenses. Owing to the greater distances between 
substations, as in the case of interurban lines, the 
remote-control scheme was less suitable and the de¬ 
velopment of full automatic substations had to be taken 
in hand. Automatic stations should be designed in' 

1. Automatic Switchboard Dept., General Electric Co., 
Schenectady, N. Y. 

Presented at the Regional Meeting of District. No. 1 of the 
A. I. E.E., Pittsfield, Mass., May 25-28,1927. 


such a way that they perform the following duties, 
which are ordinarily taken care of by an operator in a 
manually controlled station: 

1. Start the machine on load demand, 

2. Protect the machine during the starting period, 

3. Connect the machine to the system, 

4. Protect the machine, when running, and control 
its output, 

5. Take the machine out of service when there is no 
further demand for it. 

How well the early designers of these equipments 
realized the various problems associated with their 



Fig. 1—Automatic Switching Equipment for Two 
2000-Kw., 600-Volt, D-c., Synchronous Converters for 
Railway Service, "with Feeders, Combined with Distributor 
Supervisory Control. (Oak Square Substation of Boston 
Elevated Railway, Brighton, Mass.) 

functioning is proved by the fact that the first installa¬ 
tions of 1914 are still in service. 

The success of the very first automatic switching 
equipments for interurban and city railway service was 
so striking that a demand developed soon for their 
application to other fields. After a temporary slacken¬ 
ing during the actual war period, this demand became 
more urgent around 1920, and since that time they have 
been used extensively for all kinds of electric service, 
of which may be enumerated their widespread applica- 
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tion to railway, hydroelectric, lighting, mining and in¬ 
dustrial (in particular; stud mill) service. 

Hand in hand with the development of automatic 
control equipments for machines came the design of 
automatic red using a-c. and d-c. feeders in order to 
derive the maximum benefit from these installations. 
By selecting the most appropriate machine and feeder 
control equipments, a most flexible installation can be 
secured. 

The experience obtained with the first installations 



Em, 2 Automatic Hwitcmnu Kuuitmknt sou Two 4(500- 
VOJ.T, A»f\, gOOO-K v-A., WATl'iHWHNKL DlUVKN ( I HN MKATOUH, 
(Intmhioh SmiAit I hi,.\ nu Station, St. Lawhknok Vam.by 
Powkh Cohcohation, Potmuam, N. y.) 

showed that (he anticipated saving in operating ex¬ 
penses materialized. The main item was the saving in 
wages for two or three shifts of substation operators, 
against which stood a surprisingly small amount for 
periodic inspection. An appreciable item was also the 
reduction in power consumption, as the stations are 
only in operation when there exists a load demand on the 
system, thus saving the running light losses over con¬ 
siderable periods,, especially in the case of interurban 
lines with infrequent service. Further savings resulted 
due to the fact that it was now economically possible 
to install a larger number of small substations through¬ 
out a certain territory instead of a few large substations. 
Not only did this give improvement of service owing 
to the better holding of constant voltage on the entire 
system but also a considerable saving in feeder copper 
was obtained which compensated to a certain extent 
for the higher initial cost of the automatic, substation. 

It was soon discovered that not only a saving in 
operating expenses could be obtained by means of auto¬ 
matic stations but that these equipments had also many 
other important advantages. In order to secure proper 
operation, it is essential that an automatic station be 
provided with a complete set of the well-known pro¬ 
tective features which should be designed and ar¬ 
ranged in such a way that a certain predetermined 
function will take place for any anticipated emergency 
to prevent damage to the machines or attendant equip¬ 


001 

ment. The ordinary manual station has only a few 
protective devices and depends for the rest on the ex¬ 
perience and minute observation of the operator who 
will never be able, in case a certain trouble develops, to 
take such immediate positive action as a relay especially 
installed to perform a definite function in case of just 
that kind of trouble. All operations in an automatic 
station occur in a certain predetermined sequence, and 
each step in the sequence depends upon the proper 
completion of the previous one, so that faulty operation 
is excluded under all conditions. This will allow more 
reliable functioning than when the uncertain human 
element is present. 

In this respect it will be clear that the success of 
automatic, switching equipments depends upon the 
correct functioning of each individual device. This 
has been realized by the designers of these equipments 
since the beginning, and every endeavor has been made 
to make the devices as perfect as possible. A device 
must be not only electrically and mechanically strong 
but in many cases it is also essential that it be quite 
sensitive at the same time, which offers some unique 
problems. Furthermore, these devices should operate 
satisfactorily over a wide range of temperature, as 
automatic stations are not heated. Special devices 
have been designed as protective, checking, regulating 
and sequence relays especially for this kind of service, 
with due regard to their probable number of operations 
and duration of life. While in the beginning of auto¬ 
matic station operation there were a few cases of device 
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failures, the art has progressed so rapidly that a very 
high degree of reliability has been reached and device 
failures rarely happen. 

In this way a very high class of regulating equipment 
has been developed for use in automatic stations, which 
will allow these stations to operate temporarily at a 
much higher overload than would be considered safe 
in case of manual operation. The automatic protective 
relays will determine exactly when the load has to be 
reduced in order to prevent damage to the machine 
and will function to accomplish this. Usually, a d-c. 
machine will then be adjusted so as to deliver power 
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up to its limit, to the system at a reduced voltage. As 
soon as the excessive load demand ceases, the voltage 
will be brought back to normal. In this respect the 
load limiting resistors in the circuit of synchronous 
converters may be mentioned, as well as rheostatic and 
counter-electromotive force control of the shunt fields 
of d-c. generators. These arrangements make it 
possible for an automatic station to deliver power up 
to the very limit of the machine so that service will be 
maintained as far as possible, 

A further advantage accruing to the use of auto¬ 
matic switching equipments is the fact that smaller 
buildings of less elaborate design can be used to accom¬ 
modate these equipments as no sanitary measures 
have to be taken for the attendant personnel as in 
manual stations. This makes it also possible to locate 
substation apparatus in places which would not be 
considered suitable for manual stations. For example, 
if the load on an Edison lighting system in the business 


Fig. ' 4—Two Views op Automatic Switchboard to 
Control a 500-Kw., 600-Volt D-c. Synchronous Converter 
at Sevres Substation of the “Societe des Transports en 

CoMMUN DE LA REGION PaRISIENNE” AT PARIS, SHOWING THE 

Extensive Use op American-Made Devices (Reproduced 
prom Le Genie Civil of December 12,1925) 

district of a city increases to such an extent that a new 
substation becomes necessary, this may be located in 
the load center and installed in a basement, while in 
many cases with manual operation a more expensive 
site would have to be purchased, or the substation 
would have to be located at some distance from 
the load center, necessitating expensive cable runs. 
Another example is formed by the installation of sub¬ 
stations with rotating apparatus in residential districts, 
to which many objections usually are voiced on ac¬ 
count of the noise. When using automatic control, it is 
possible to use an entirely enclosed soundproof building. 
It will be clear that such “noiseless” substations are 
only feasible with unattended equipments. 

The automatic switching equipments have also made 
possible the profitable development of small water 
power sites. It has been found in many instances that 
the building of small hydroelectric plants with auto¬ 
matic control was entirely feasible, while their develop¬ 
ment with manual control was not economically war¬ 
ranted, owing to excessive operating expenses. In some 
special cases it has been found that the building of 


several small plants along a river was cheaper than the 
development of a single high head plant of large 
capacity, due to the characteristics of the river-bed. 

Summarizing the above, some of the most out¬ 
standing advantages of automatic switching equipments 
are the following: 

1. No operators required, 

a. Saving in operating expenses, 

b. Freedom from labor trouble, 

2. Stations operate only as needed, 

a. Saving in power, 

b. Less wear on apparatus, 

3. Continuity of service and better regulation, 

4. Reliability, 

5. Constant protection with positive action, 

6. Possibility of selecting the most economic location 
for a station, 

a. Saving in feeder copper, 

b. Less expensive sites, 

7. Possibility of developing small water power sites. 

It is not surprising that because of these paramount 

advantages of automatic switching equipment, their 
use has increased rapidly on a progressive scale. While 
in earlier years automatic equipments were only in¬ 
stalled to reduce the operating expenses, it is a notable 
fact that during the last few years their use is considered 
in many instances solely based upon their more re¬ 
liable service accomplishments as compared with 
manual control. They find more and more applica¬ 
tion in cases where continuity of service is of the utmost 
importance, such as in steel mills. 

Development in Europe 

While the development of automatic switching equip¬ 
ment went ahead with rapid strides in the United States, 
very little work was done in this line in Europe. During 
the war period the capital and men were lacking for 
experiments and investigations which were not directly 
useful for the progress of the war, so that the develop¬ 
ment in the electrical industry in general was virtually 
at a standstill. The principal work consisted of main¬ 
taining existing installations in operating condition, 
while extensions were practically impossible. At the 
end of the war the load on several systems had increased 
to such a value that they were operating without any 
reserve at all. 

After the war the demand for electric service increased 
greatly and the available capital was applied to the 
extension of the systems. As this had to be done in 
as short a time as possible to satisfy the demand, and 
as the industry was still quite disorganized, it is appar¬ 
ent that the time was not very appropriate to try out 
radical changes in design, and only the more con¬ 
ventional equipments were installed. 

Owing to cheaper labor in Europe and the less ex¬ 
tensive use of interurban electric railways, the demand 
for automatic or unattended switching stations was less 
pronounced. The tremendous success of automatic 
installations in the United States, however, directed 
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the attention of European manufacturers to this class 
of equipment, and the subject was given serious con¬ 
sideration, especially as the post-war depression necessi¬ 
tated the application of the most economical apparatus. 
In the years 1921-1922 several trial installations were 
built, practically all for synchronous converters for 



Fig. 5—Automatic Switching Equipment for 1000-Kw., 
600-Volt D-c. Mercury Arc Rectifier, Consisting of Two 
6-Anode Tanks, for Railway Service, with Feeders, 
Combined with Selector Supervisory Control. (Chicago, 
North Shore, & Milwaukee Railroad Co.) 

railway service. Two distinct designs can be noticed: 

1. Those which were developed by European com¬ 
panies with American connections, and which followed 
largely the American design, sometimes to the extent 
of using several devices built in the United States, 

2. Those which were developed independently. 

Even these latter equipments base their design upon 

the operating experience obtained in the American 
stations during several years. The only basic dif¬ 
ference is that in many cases the synchronous converter 
is not self starting, which has never found great favor 
on the continent owing to the disturbances caused in 
the a-c. system, frequently of a small capacity.- Instead, 
a special small starting motor is installed on one end 
of the converter shaft to bring the machine up to syn¬ 
chronous speed before connecting it to the a-c. system. 

While it is the universal practise in the United States 
to raise the brushes from the commutator during the 
starting period, a few European manufacturers do not 
follow this procedure. It is. claimed that excessive 
sparking on starting is eliminated by means of a special 
design of the commutating poles and of the field wind¬ 
ings, so that there is no necessity for raising the brushes. 

To insure correct polarity on starting, the converter 
field may be either separately excited or the polarity 
may be checked and, if necessary, automatically cor¬ 
rected by means of a polarized relay with permanent 
magnets. Both methods have found extensive use in 
the United States, and similarly both methods are 
being followed in European design. The only difference 
is that in American practise a special single-phase 
motor-generator set is used for separate excitation 
(field flashing), while it is the universal practise in 


Europe to mount an exciter on the converter shaft for 
this purpose. 

After these trial installations had given a good 
account of themselves, the automatic control equip¬ 
ments for synchronous converters have found com¬ 
mercial application in the last three or four years, 
when their advantages became more fully appreciated. 
In the same manner as in the United States, they have 
been applied not only in order to secure operating 
economies but have also been used in cases where 
manual control was less suitable. In this regard men¬ 
tion may be made of a substation, Soho Square Sub¬ 
station of the Charing Cross Electricity Supply 
Commission, which is installed in the basement of a 
building in a thickly populated section of London. In¬ 
cidentally, it may be noted that this substation will 
ultimately contain five 300-kw. synchronous con¬ 
verters for 210-volt, d-c. lighting service, which are 
arranged to start and stop automatically in a definite 
sequence depending upon load conditions of the d-c. 
system which is a large number of units compared with 
the usual station in the United States. This shows that 
faith exists in the reliability of these equipments. 
Nevertheless, automatic synchronous converter sub¬ 
stations have found application only on a very limited 
scale in Europe when compared with their extensive 
use in the United States. The value of the load limit- 



Fig. 6—Typical European Automatic Switchboard to 
Control four 300-Kw., 210-Volt, D-c. Synchronous Con¬ 
verters at Soho Square Substation of the Charing Cross 
Electricity Supply Commission at London. (Reproduced 
from the Metropolitan-Vickers Gazette, of December, 1926) 

ing resistors in the machine circuit does not seem to have 
been generally appreciated in Europe in the beginning. 
For railway work there have been installed equipments 
both with and without these resistors. This may be 
due to less rigid requirements for continuity of service, 
but still it can be noted that the most recent European 
installations make more general use of this method of 
load limiting. 









de GOEDE: AUTOMATIC SWITCHING EQUIPMENTS 


Transactions A. I. E. E. 


Mercury Arc Rectifiers 
At this point attention may be called to the steel 
enclosed mercury arc power rectifier. Being an Ameri¬ 
can invention, it is remarkable that its development 
originally progressed even more rapidly in Europe 
than in the United States. Above a certain definite 
d-c. output voltage, this apparatus has a very decided 
attraction as the means of converting alternating 
current to direct current with the highest efficiency of 
any known conversion method. 

These rectifiers have found widespread application 



Fig. 7—Typical European Installation of Automatic 
Switching Equipment for Three 1500-Kw., 600-Volt D-c. 
Synchronous Converters at Balham Substation of the 
London Underground Railway, Remotely Controlled. 
(Reproduced from the Metropolitan-Vickers Gazette of 
November, 1926) 


in Europe during the last 8 or 10 years, and after proving 
their reliability, the step to make them automatically 
controlled was soon taken. Fundamentally, the auto¬ 
matic switching equipment for a rectifier is simpler 
than for a synchronous converter as no synchronizing 
with the a-c. system and no polarity check is necessary. 
Consequently, automatic control equipments for mer¬ 
cury arc rectifiers have found more general application 
and on a larger scale in Europe than the equipments 
for synchronous converters. Only in the last two years 
a comparatively small number of mercury arc rectifiers 
has been equipped with full automatic control equip¬ 
ments in the United States. Their application gives 
some complications which are not known in Europe, 
especially due to the fact that they are subjected to 
extreme changes in temperature in many sections of the 
United States, which may effect the correct operation 
of the rectifier. Automatic temperature control is 
therefore necessary, which is not required for European 
installations. For full automatic equipments the 
American practise requires also automatic vacuum 
control, which is not generally furnished with the 
European equipments. These complications have held 
back the application of automatic control equipments 
to mercury arc rectifiers a good deal, but still their use 
is gradually increasing. 


Supervisory Control Systems 
The development in the United States has long 
been concentrated on full automatic operation without 
any attendance whatsoever, except periodic inspection. 
In more recent years there seems to be a tendency to go 
back, not exactly to remote control, but rather to remote 
supervision. In this case the automatic station is 
allowed to function automatically by its own devices, 
but a dispatcher at a central point receives indications 
of the main switching functions, so that he is at all 
times fully informed by means of a system of lamps as 
to what happens in the remote automatic stations. 
Generally, the dispatcher has control of certain func¬ 
tions, so that he can start or stop a machine or open a 
feeder at will, regardless of the conditions on the. system 
of which the substation forms a part. This feature is 
useful in certain emergencies. These supervisory 
systems have passed the experimental stage and have 
also reached a high degree of reliability. They allow 
the control and indication of a large number of separate 
functions over three or four common line wires, which 
under certain circumstances may also be used for tele¬ 
phony. The systems operate with a short time delay, 
which is only 5 or 10 sec. Simpler schemes rely on 
audible indication and are useful for systems where 
only a few functions have to be performed. These 
supervisory systems are based upon the use of devices 
which have proven their reliability in train signal, 
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Fig. 8— Typical European Installation of Automatic 
Switching Equipment for 300-Kw., 800-Volt D-c. Syn¬ 
chronous Converter and 300-Kw., 800-Volt D-c. Mercury 
Arc Rectifier at St. Legier, Switzerland. (Reproduced 
from the Brown Boveri Review, August 1926) 

telegraph, and automatic telephone service, of course 
with the necessary modifications for power work. 
A further refinement of these methods of supervision 
is the remote metering. Several workable schemes have 
been developed to transmit various meter readings auto¬ 
matically over large distances from a remote automatic 
station to a dispatcher. While this supervisory 
equipment is fairly expensive, many operating compa¬ 
nies consider it of the utmost importance, because the 
dispatcher is constantly informed about the actions of 
the automatic stations, which will explain why these 
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systems have found a widespread application in the 
United Siates during the last few years. 

As automatic stations have not yet been in such 
extensive use in Kurope, there has been very little 
demand for these supervisory systems. A few have 
been developed, based mainly on automatic telephone 
devices. 

Conclusion 

The leading manufacturers in the United States are 
at present prepared to furnish reliable automatic 
switching equipments suitable to meet all possible 
control operations for both a-c. and d-e, machines and 
for switching operations on a-c. and d-e. networks, in 
short, for all classes of electric service, with the only 
exception of generating stat ions driven by prime movers 
other than water wheels. 

The application of automatic switching equipments 
in Kurnpe has been on a much smaller scale and covers a 
smaller scope of work. Practically all installations are 
for railway and lighting service, with some isolated 
eases for the other classes of electric service. 

Automatic switching equipments for practically 
every conceivable operating condition have been in¬ 
stalled fin* world over and prove daily their paramount 
advantages. Their future is assured. 

Discussion 

(Hnwler I.iehtenbertR Since its development in 10 M the 
automatie station hnw been a very interesting topic, to electrical 
engineers. The development Imn (teen very rapid. For ex¬ 
ample, in Mm United States today mure than one-third of the 
entire switchboard output of t lm large manufacturing companies 
is automatic switch hoard equipment for power stations and sub¬ 
stations. Our records indicate that over 2,000,000 k\v, of 
rotating apparatus an* under automatic control and over 
0,000,000 lav. of feeders and transformers are in automatic 
station sen ice. 

It, hm* been thought, that the development of the automatic 
station would make tin* attendants more mechanical. This 
has not been the ease. Instead, the pemmnol of the operating 
companies who care for automatic, stations have huon required 
to use a greater degree of intelligence than those* who attend 
the usual type of substation. It should not lie thought, however, 
that the automatic, station is an intricate or complicated col¬ 
lection of devices. It is not. It is a very simple combination 
of devices quite well known in the control art hut so skilfully 
connected one to another that they perform functions heretofore 
delegated to human beings. When one considers the problem, 
this is as it should he because human beings art* relatively slow 
to respond, while the changes in the electrical circuit take place 
with extreme rapidity, The ordinary human being responds to 
an impulse in about one half a second while the ordinary elec¬ 
trical device will respond to an electrical impulse in one- 
ten lit or even one one-hundredth of this time. 

Sometimes if is thought that the installation of automatic 
stations will require the engaging of skilled personnel for their 
maintenance and operation. Experience has indicated that 
this in not the case because as before stated the equipments con¬ 
sist of quite common control devices although there are more of 
them than in the usual manually operated station. Operating 


companies have demonstrated that they have in their employ 
many who can successfully install, maintain, and operate auto¬ 
matic stations. 

Besides, the manufacturers have found that some of the operat¬ 
ing companies have employees who can and do suggest improve¬ 
ments in the schemes of operation as a result of their practical 
experience. 

Load-limiting or load-shifting resistors are almost always 
discussed when automatic stations are considered. These 
resistors have three functions; 

1. To prevent the flow of excessive current between an on¬ 
coming machine and the bus. 

2. To limit the drain on a machine for continuous service. 

3. To shift to adjacent machines the load from a machine 
which might be overloaded. 

Each of these functions is quite important. However, the 
importance varies with the application and with the type of 
transforming apparatus. Primarily, load-limiting or load- 
shifting resistors assist in maintaining service under unusual 
operating conditions and find here their most advantageous 
application. 

II. >S. KnowH on: I should like to ask Mr. Lichtonberg 
to say a few words about the training of men to maintain and 
inspect these automatic stations. Probably the designing 
engineers have provided very thorough instructions in printed 
form, but is there not a great gap between the ability of the 
designing engineer to comprehend the details of these automatic 
plants and that of the average operating man? 

K. K. Palueff: It seems to me that the automatic sub¬ 
station has two very important characteristics. First, that 
there is no need of technical knowledge or training on the part of 
the operator; and second, that it makes small installations more 
economical. 

The automatic substations will enable us to electrify small 
waterpower systems. I should like to add that in this country, 
particularly, the supply of peat was entirely neglected for the 
reason that the main problem connected with the development of 
peat was the impossibility of transportation. Pont made in 
such a manner as to withstand transportation becomes ab¬ 
solutely uneconomical, it, seems to mo, therefore, that the 
automatic stations may permit exploitation of the peat bogs in 
this country as well as in Russia to a far greater extent than 
at the present time. 

10- dcMuIinem (by letter) Mr. do Goode mentions that the 
first trial installations of automatic switching equipment were 
not made in Europe until 1021-22. I should, like to mention 
that an automatic*, converter substation in Basel (.Switzerland) 
lias been in successful operation since* 1018. Mr. do Goode 
states that the development in Europe was forced by post-war 
conditions, but the actual development of automatic equipment 
was started during the war on account of shortage of labor. 

Mr. do Goode mentions that load-limiting resistors aro not 
much used in Europe. It might bo said that a drooping charac¬ 
teristic is used in most of the European substations for traction 
purposes, resulting in a great flexibility in load distribution 
between the different substations. This scheme protects the 
converter from high overloads and assures continuity of service 
without destroying a considerable amount of energy in load- 
limiting resistors. In this country, about 00 per cent of the 
traction substations use compound-wound machines which 
require load-limiting resistors to give tin* system some flexibility, 
but when laying out a new system, it will always be found that a 
drooping characteristic will give the most economical results 
In this respect, it may be* of interest to note that in one of the 
most recent automatic substations in Cliioogo—the Grimm 
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Avenue Substation—no load-shifting resistors are used, as the 
inherent voltage characteristics of the machines in this sub¬ 
station do not require such equipment. 

In saying that automatic vacuum control is not generally 
furnished with the European automatic rectifier equipments, 
Mr. de Goede doubtless refers to the first trial installations. 
After considerable research, Brown, Boveri & Co. has succeeded 
in bringing out a most reliable vacuum control which has been 
in commercial use since 1923 and supplied with each automatic 
rectifier equipment. This type of automatic vacuum control 
is used with over a hundred automatic rectifiers in Europe and 
in eight automatic rectifier substations in this country. 

A. H. de Goede: Mr. de Mulinen states some of the reasons 
why load- lim iting resistors are in such little use in Europe. It 
might be said that the service conditions in the United States 
are usu all y much more severe, and in many instances it has 


been proved that during periods of heavy load it was not possible 
to keep a machine with drooping characteristics on the line, 
making it necessary to add load-limiting resistors to maintain 

I was familiar with the fact that the Brown Boveri Company 
has equipped its automatic rectifier substations with auto¬ 
matic vacuum control during the last two years. However, 
as stated in my paper, this is still not generally furnished by 
most of the European manufacturers, while the American practise 
considers it an essential feature for full automatic operation. 

The remarks of Mr. Lichtenberg supplement my paper on some 
interesting points. Many other points might have been treated 
more broadly, but in order to keep my paper within bounds, 
I have only endeavored to give a brief outline of the mam ad¬ 
vantages of automatic switching equipments, and of what has 
been accomplished along this line. 




The Most Economical Power Factor 

A Practical Design Formula for Distribution Circuits 

BY H. S. LITCHFIELD 1 


Associate, 

Synopsis. —The use of 'power factor corrective devices on dis¬ 
tribution circuits is justified, under certain conditions, by rather 
substantial savings in investment charges and by a reduction in the 
power losses of the system. The object of the present paper is to 
develop a practical working formula for calculating the most econom¬ 
ical corrected power factor for a distribution circuit. Most econom¬ 
ical conditions are assumed when the total of such annual circuit 
costs as are directly affected by a change in . power factor, is a 
minimum. 

The usual methods for computing separately, the saving in 7 2 R 
losses and the decrease in investment charges due to power factor 
improvement, are inadequate. Particularly in the design of new 
circuits and extensions has the need for a more accurate method for 
calculating optimum power factor and conductor sizesbeen expressed. 2 
Since these equations were originally worked out, two other 
solutions for the most economical corrected power-factor angle 
have been published, each having been obtained independently of 
the other. Menjelou 3 obtained his formula in the form: 

a sin Q ~ 1 — 0 tan 6 

in which 6 is the power-factor angle and a and p are constants 
computed from the circuit costs. Stevenson i obtained a similar 
expression: 

sin 6 = 5 — rj tan d 


S O long as each community was served by its own 
generating station, the generator was the most 
convenient and, in some cases, the most economical 
source of magnetizing current. But with the elimina¬ 
tion of small stations and with the growth of inter¬ 
connection, the shunting of large blocks of reactive 
power from one point on the system to another has 
introduced serious operating complications. Low sys¬ 
tem power factor limits the availability of installed 
capacity, adds to the I 2 R line losses, and increases the 
conductor sizes required to maintain proper voltage 
regulation. The kilowatt-hour losses on circuits oper¬ 
ated at low power factor may run as high as 20 to 30 
per cent of the annual input. For a switchboard cost 
of eight mils, a reduction in line losses from 25 to 15 
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p. 1; Electrical Apparatus Committee of the National Electric 
Light Association. 

This reference contains a complete bibliography. 

3. Rev. Generate de V'Electricite, September 26,1925. Article 
entitled “Rapid Calculation of Optimum Power Factor in In¬ 
dustrial Networks” by Rene Menjelou. 

4. General Electric Review, August, 1926, p. 574. Article 
entitled “The Economic Limit of Power Factor Correction,” 
by A. R. Stevenson, Jr. 

5. Gear and Williams, “Electric Central Station Distribution 
Systems,” Chap. XIII. Van Nostrand. 

6. Reyneau and Seelye, “Economics of Electrical Distri¬ 
bution,” McGraw-Hill. 

Presented at the Regional Meeting of District No. 1. of the 
A. I.E.E., Pittsfield, Mass., May 25-28,1927. 


A. I. E. E. 

the difference lying in the constants to be evaluated. 

The equation developed in this paper reduces to the simple jurm. 
sin 6 = unit cost ratio 

That is, the sine of the most economical corrected power-factor 
angle is determined by the ratio of the annual cost of condenser 
capacity per reactive kilovolt-ampere of correction to the annual cost 
{fixed charges plus value of losses) per kilovolt-ampere delivered, of 
that portion of the supply circuit which is directly affected by the 
change in power factor. When the unit cost ratio is greater than the 
sine of the original power-factor angle, it is found that no invest¬ 
ment in corrective equipment is economically justified. 

The equation is set up in such a form that solutions are readily 
obtained for the most economical size of conductor as determined by 
the Kelvin law, and for the required kilovolt-ampere rating of the 
transformers and condensers. A method is suggested for includ¬ 
ing generating station costs with those of the individual circuit 
under consideration. 

In evaluating circuit costs, the effects of load factor and the shape 
of the typical daily load curve upon capital investment and power 
losses have been worked out after the methods used by Gear and 
Williams 5 and by Reyneau and Seelye 6 . 

Equations for evaluating the circuit constants are included in the 
appendix. Several illustrative examples are worked out. 


per cent is nearly equivalent to a saving of one mil per 
kilowatt-hour at the stations. The economical utiliza¬ 
tion of the modern generating station is dependent not 
only upon a favorable base load but also upon the cost 
of distributing this lower cost power to the consumer. 
The full value of modern refinements in station design 
and operation cannot be realized unless there be a 
commensurate increase in the efficiency of the system 
of distribution. Certainly, industry cannot hope to 
obtain full advantage of low cost power made possible 
by the modern generating station so long as generators, 
bus structure, cables, substations, lines and transformers 
must be designed to carry excessive, inductive loads. 

Considerable improvement in system power factor 
usually may be obtained through a more scientific 
application of the individual induction motor to its 
load. When loaded continuously between three-fourths 
and full load rating, a good induction motor should 
operate at a power factor of from 0.80 or 0.85 to 0.92 
or 0.94 lagging, depending on size and speed. The 
prospective increase in high power-factor heating load 
will tend to raise the average of the system power factor. 

For further improvement, rather substantial invest¬ 
ment in corrective devices is necessary. Prices range 
from six to sixty dollars per reactive kilovolt-ampere 
of correction. If such large expenditures are to be made 
in unproductive equipment, it is necessary to know that 
the largest possible savings are to be effected. How 
much money can be invested profitably in such im¬ 
provement? What is the most economical corrected 
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power factor? The term “most economical” is here 
used to indicate an economic balance in circuit design 
for which the total annual cost of supplying a standard 
power service is a minimum. 

In the analysis that follows, a circuit cost equation 
is set up with 6, the corrected power-factor angle, as a 
variable. The minimum value is found by equating 
the first derivative to zero. The general equation 
includes only the variable circuit costs that are directly 
affected by a change in power factor. It does not 
include what may be termed fixed costs that are not 
reduced by an improvement in the power factor of the 
circuit. The mathematical correctness of the solution 
is not changed by the elimination of the fixed costs, 
since all constant terms drop out in the differentiation.. 

The equation is developed subject to the following 
conditions: 

a. The value of generating station and outside plant 
capacity released through power factor correction 
depends upon its availability for carrying additional 
profitable kilowatt load. In the design of new circuits, 
smaller conductors and transformers may be used for 
a given kilowatt load. 

b. The cost 7 of line losses per kilowatt-hour includes 
fuel cost at the generating station and demand charges 
prorated over the kilowatt-hour losses for the year. 

c. Load is figured in terms of maximum kilowatt 
demand. 

d. Power factor is measured at the time of maximum 
kilowatt demand at the point where the condenser is 
to be installed. It is defined as the ratio of kilowatt 
demand to coincident kilovolt-amperes. The term 
“power-factor angle” is used as a convenient mathe¬ 
matical convention rather than as a true instantaneous 
vector relationship. 

e. It is assumed that the distribution voltage has 
been determined by conditions affecting the system as 
a whole. Existing standards usually determine in a 
general way the types and ratings of equipment. 

f. Construction standards on overhead distribution 
systems are usually such that the cost of the supporting 
structure is the same for each of the several possible 
wire sizes which could be chosen for a given circuit. 

g. The cost of spare condenser equipment is not 
included. This is offset by the reduction in spare 
transformer and line capacity required for emergency 
service.’ 

h. Capacity rating of condensers determined by 
economical considerations: Synchronous condensers 
to be operated normally at full excitation to obtain 
maximum corrective effect during working hours, and 
shut-down during off-peak hours. Static condensers 
act as a constant capacity connected across the line 
with losses practically constant. When installed in 
accessible locations these are usually disconnected 

7. See reference 6, Chap. IV, for a method of computing the 
cost of energy losses at any point on the system. 


during off-peak hours. Annual condenser losses are 
determined by the number of hours connected. 

i. Partial voltage control with capacity rating of 
synchronous equipment determined by economical 
formula: In this case condenser and circuit losses should 
be computed for the actual duty cycle of the condenser 
throughout the year. 

j. Constant voltage control: The rating of the syn¬ 
chronous condenser in this case is determined by the 
constants of the circuit and by the generator and 
receiver voltages. The economical power-factor 
formula does not apply to this condition. 

The equation is developed for an overhead line 
.supplying power through a single bank of transformers. 
The power factor of the load is cos d or , lagging. A 
condenser is to be installed on the low voltage side of 
the distribution transformer. Kilowatt demand is 
known, as is also the required full load receiver voltage. 
It is assumed that the rating of the transformer will be 
just equal to the resultant kilovolt-ampere demand at 
the corrected power factor and that the size of the line 
conductors will be just sufficient to carry the resultant 
full load amperes at the most economical current 
density. The annual fixed charges on the investment 
and the cost of losses for the primary line conductors, 
transformers, and the condenser are to be set up in an 
algebraic equation in which the variable is 6, the 
corrected power-factor angle. 

The following symbols are used: 

Qi Annual fixed charges on the most economical 
line conductors per kilovolt-ampere delivered, 
Q 2 Annual cost of line losses per kilovolt-ampere 
delivered, 

Q 3 Annual fixed charges on transformers per 
kilovolt-ampere delivered, 

Qi Annual cost of transformer iron losses per 
kilovolt-ampere, 

Q 5 Annual cost of transformer copper losses per 
kilovolt-ampere, 

Ki Annual fixed charges on the condenser per 
reactive kilovolt-ampere of correction,. 

Ko Annual cost of energy losses in the condenser 
per reactive kilovolt-ampere of correction, 

P Power in kilowatts delivered to the load at the 
time of maximum demand, 

V Kilowatt loss in the condenser at full load volt¬ 

age and excitation, 

cos 8 0r Power factor of the load, at the maximum 
demand, 

cos 6 Corrected power factor at maximum load, 
M Cir. mils per ampere at full load for most 
economical line-current density in [_the 
conductor, 

Y Annual cost of the circuit, including the con¬ 

denser; it includes only those costs which 
are directly affected by an improvementJn 
power factor. 

In the appendix will be found a list of additional 
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symbols and a detailed mathematical development of 
the equations for evaluating the K and Q terms, to which 
reference* is made in the following paragraphs. 

I»y tlie Kelvin 8 law, that wire size is assumed most 
economical lor which the annual fixed charges on the 
investment in the conductors are just balanced by the 
yearly cost of I- R energy losses. Assuming a current 
of one ampere, the most economical circular mils per 
ampere, designated by the symbol M, may be calcu¬ 
lated by formula (6) in the appendix. The value of M 
depends on I lie cost of copper, the shape of the typical 
daily load curve, and the cost of energy. It is indepen¬ 
dent. of the ampere load, voltage, phase, spacing, and 
the length of line. The size of the most economical 
conductor is then equal to M times the resultant 
amperes per wire. Multiplying by the length of line 
and by the unit weight, of copper, and by the cost per 
pound, the cost, of one conductor is obtained as in (7). 
The resultant current, may be expressed in terms of 
kilowatt, load, volt age, and power factor. Substituting 
for t he current terms in (7) and multiplying through 
by the number of conductors and by the annual fixed 
charge rate yields expression (8). It represents the 
annual fixed charges on the most economical size of 
conductors expressed as a function of the resultant 
power-factor made 0, The coefficient Q i is obtained 
in expression (9), 

The energy loss in the most economical conductor at 
full load is /" U wat ts. The resistance may be repre¬ 
sented by the resistivity per eir. mil ft. times the length 
of t he conductor divided by the area of the conductor 
in Hr. mils. The cross-sectional area equals M times 
resultant amperes, as in the previous paragraph. 
Multiplying by the cost of energy and by the number 
of conductors, expression (10) gives the hourly cost 
of losses at constant full load. 

The actual /" R losses of a fluctuating load may be 
evaluated in terms of loss at full load by means of a 
special “loss factor" computed from typical daily load 
curves of the circuit, under consideration. The loss 
factor is found by dividing the sum of the squares of the 
hourly ordinates of a typical daily load curve by 24 
times the square of the annual peak. Descriptions of 
the method are given in the references 8 . The loss 
factor multiplied by 8760 hours gives the "equivalent 
hours" per year that, it would.be necessary for the 
annual peak load to continue in order to yield the same 
energy loss as that given by the actual fluctuating load 
throughout t he year. 

The annual cost, of losses in the conductors is then 
obtained by multiplying expression (10) by the equiva¬ 
lent hours. The current term is expressed in terms of 
kilowatts, voltage, and power factor as before, yielding 
expression (11). The simplicity of the final result 

8. For KHvin law, “Iokh fiwtor” anti "equivalent hours,” 
boo rofomtw 6; rHVrcnct* 6, (’Imps, V. VI; also /Standard Handbook 
for Kh dricnl Kiigiun r«. Him;. 12, Par. 235-288; Section 13, Fig. 14. 

8. loo. fit;. 


depends in part upon the fact that, by this method of 
setting up the equation, the cost of losses is expressed as 
a function of the power-factor angle to the first power 
rather than to the usual square. 

Transformer costs apply to the nearest standard size 
required for the resultant kilovolt-ampere load. In 
cost analyses of this sort, where the unit cost varies 
inversely with the size, it is sometimes desirable to 
plot the cost per kilovolt-ampere against kilovolt¬ 
ampere rating and to obtain the equation of the line 
passing through the desired points. Under the con¬ 
ditions of the present problem, however, it is simpler 
to use the unit cost of the nearest standard size. A 
first approximation may be used and a second value 
substituted later, if necessary. 

The evaluation of the transformer cost coefficients, 
Q», Q. i, and Q r , is given in expressions ( 13 ) ( 14 ) and ( 15 ). 
Transformer copper losses are found by multiplying the 
loss at full load by the equivalent hours defined above. 
The iron losses are approximately constant and may be 
represented by loss at the manufacturer’s rating times 
8780 hr. in a year. 

As in the case of the transformers, the unit cost of the 
condenser is that of the nearest standard size. For 
static condensers in groups of 30 kv-a., the unit cost 
does not vary greatly. In the larger sizes of synchro¬ 
nous condensers, the cost per kilovolt-ampere is fairly 
constant. For the smaller sizes of both types the unit 
price increases rapidly and it may be necessary to try 
one or two approximate values. The annual fixed 
charge rate includes interest, depreciation, and taxes. 
Where special attendance is required, as with syn¬ 
chronous equipment, the extra expense may be added to 
the fixed charge rate. Condenser losses are evaluated 
by multiplying the rated loss at full load voltage and 
excitation by the hours per year that the equipment is 
connected to the line. The evaluation of terms 
AT and AT, is given in expressions ( 16 ) and ( 17 ).' 

The Circuit Cost Equation 

The kilovolt-ampere delivered by the transformers 
at the corrected power factor are 


The annual cost of line conductors and transformers 
at the resultant power factor is then; 

(Qi 4* Q‘2 -T Q a + Q>i + Q o) (P T p) R< -- c 0 (1) 

The condenser capacity required to raise the original 
load power factor from cos 0 o , to cos 0 is shown graphi¬ 
cally by the familiar condenser diagram, Fig. 1. The 
reactive kilovolt-amperes in leading quadrature to be 
carried by the condenser are given by the vertical line 
D - F. For static condensers and for synchronous 
condensers without mechanical load, the losses are com¬ 
paratively small so that the quadrature difference is 
usually taken as the approximate condenser capacity 
required. This quadrature difference, or reactive 
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kilovolt-amperes of correction, may be expressed alge¬ 
braically as 

P tan 6 or — (P + p) tan 9 
and the annual cost of condenser capacity as 
(Xi + Z 2 ) P tan d or - (Zx + Z 2 ) (P + p) tan 6 ( 2 ) 

P is the maximum kilowatt load and is assumed 
constant. The energy loss, p, in static condensers is 
small, about 0.5 per cent, and is often neglected in 
calculating the power polygon. For synchronous 



Fig. 1 

P Kilowatt load 
p Kilowatt loss in condenser 
A C Kv-a. at original load power factor 
.4 F Kv-a. at corrected power factor 
D F Reactive kv-a. correction 

For 3 per cent condenser loss, the error in using D F for C F is less than 
0.05 of one per cent 



Fig. 2—Annual Cost of Circuit with Condenser 
Drawn for a unit cost ratio of 0.40 and a load power factor 0.50. The 
minimum point on the Y curve occurs at sin 6 ec =0.40. Corresponding to a 
corrected power factor cos Q et = 0.916 


condensers, losses will be about 1.7 to 3.5 per cent of 
rating for the larger machines and higher for the smaller 
units. If p is expressed as a function of 9, the equation 
becomes unnecessarily complicated. It is simpler, and 
sufficiently accurate within a limited range of the 


probable value of 9, to assume a fixed value 9 for p. The 
first approximation may be corrected later if necessary. 
9 or is a constant, and 6 the only variable. 

The annual cost of the circuit, including condenser, 
for any power factor, cos 9, is 
Y — (Qi + Q 2 + Q 3 + Q 4 + Qs) (P + p) sec 9 
+ (Z x + Z 2 ) P tan 9 or - (K 1 + Z 2 ) (P + V) tan 9 (3) 
The minimum point on the cost curve is found by 
equating to zero the first derivative of Y with respect 
to 9, and solving 

dY 

^ 0 — 0 = (Qx + Q 2 + Q 3 + Qa 4~ Qi) (P + p)tan 6 sec 9 
- (Zx + Z 2 ) (P + p) sec 2 9 ( 4 ) 

and 


sin dec = 


Zx + Z 2 

Qi + Q 2 + Qs + Qi + Q 5 


The graphical representation of these cost functions 



Fig. 3—Comparison of Y-Cost Curves 
The number on each curve is the unit cost ratio 


in Fig. 2 indicates the variation in total cost as the con¬ 
denser capacity is increased. The conditions for a 
minimum 10 are that the sum of the Z terms be less than 
the sum of the Q terms; that the sum of the Z terms be 
positive or equal to zero, and that the sum of the ' 
Q terms be positive and greater than zero. 

If the sum of theZ terms be zero, that is, if condenser 
capacity could be obtained at no extra expense, 
cos 9 ec = 1.00 and correction to unity power factor 
would be justified. 

If the ratio of the Z terms to the Q terms be equal to 
the sine of the original power-factor angle, then sin 
9 ec = sin 6 or; and the original power factor is the most 
economical one. This is illustrated graphically by the 
upper curve in Fig. 3 marked 0.866. If the unit cost 
ratio is greater than sin 9 0r , the mathematical minimum 

9. For percentage error in assuming p constant see appendix B. 

10. For test for minimum point see appendix B. 
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lies in the area of .negative values of the condenser cost 
curve. The physical interpretation of the curves for 
values of the unit cost ratio greater than sin 0 ()r is that 
condenser correction is not economical. The lagging 
power-factor angle is taken as positive. 

The conditions under which equation (5) may be 
used in practical problems are that the sum of the Q 
terms be positive and greater than zero, that the sum of 
the K terms be positive or equal to zero, and that the 
ratio of the K terms to the Q terms lie between zero 
and sin 0 or , Within these limits, the following con¬ 
clusions are warranted, 

A. The sine of the most economical corrected power- 
factor angle is determined by the ratio of unit annual 
condenser costs per reactive kilovolt-ampere of correc¬ 
tion, to unit annual cost per kilovolt-ampere delivered, 
of that portion of the supply circuit directly benefited 
by the improvement. 

B. Correction to unity is economically justified only 
if corrective capacity can be obtained at no additional 
expense. 

C. If the unit- cost ratio is found to he equal to, or 
greater than, the sine of the original load power-factor 
angle, investment in corrective equipment is not; 
economically justified. 

1). For a given unit (tost ratio, the most economical 
power factor is the same, irrespective of the power 
factor of the load. 

Conclusion I) is illustrated by the dotted curves in 
Fig. 8 where 'each of the four total cost curves drawn at; 
a unit cost, ratio of 0.25, for load power factors 0.80, 
0.05, 0.50, and 0.40, lias its minimum value at sin 
- 0.25 corresponding to the corrected power factor, 
COS 0,.,: 0.080. 

Conclusion 1) is based on a constant unit cost ratio 
within the range of values considered. This condition 
is met, in the case of a distribution substation with 
supply lines, built to a standard maximum current 
rating. Local power load is served, up to the limit 
of circuit capacity, by radiating branch feeders either 
at the same or at reduced voltage. The circuit cost per 
kilovolt,-ampere of its capacity is known, and the 
average uni t price of the static condensers, to be located 
at the load ends of the radiating branches, is fixed by 
the manufacturer’s quotation. The unit; cost ratio is 
therefore practically constant and a common most 
economical power factor for the circuit as a whole is 
determined by equation (5). Sufficient condenser 
capacity is installed at the end of each branch, whatever 
its original power factor, to raise the corrected power 
factor to the most economical value. This result, based 
on economic considerations, is in agreement with the 
best operating characteristics of the circuit. If all 
the condenser capacity be placed at the ends of the 
branches, but each corrected to a different power 
factor, circulating currents will be set up between the 
branches which tend to offset the desired savings. 


GNOMICAL POWER FACTOR 

General Application 

In the design of a circuit to serve a definite kilowatt 
load, the unit cost ratio tends to decrease as the size 
of the condenser is increased, and the required line and 
transformer capacity becomes less. This is due to the 
variation in cost per kilovolt-ampere of condensers and 
transformers with a change in size. The correct 
relationship is given by the unit cost ratio at the mini¬ 
mum point on the total cost curve. In the usual case, 
standard sizes of equipmen t will not agree exactly with 
the most economical sizes of conductors, transformers, 
and condensers as calculated by the formula. The 
flatness of the cost curve near the minimum point, 
however, indicates that this value is not critical. With 
static condensers, it is quite practicable to install just 
the capacity required, since these are built up in small 
units. 

The formula has been derived for the particular case 
of an overhead feeder. Similarly, it may be developed 
for distribution circuits in general, both overhead or 
underground, by introducing appropriate Q terms. 
The criterion for including a given cost is whether or 
not a saving can lie effected in that particular item by 
improving power factor. The cost of the supporting 
structure should lie included in the ease of parallel 
circuits, when a reduction in the number of paralleled 
conductors can be effected after correction, due to the 
reduced ampere capacity required to supply the same 
kilowatt; load. This applies also to the cost; of duets in 
an underground system, when fewer cables will be re¬ 
quired after correction. The cost; of stringing wire or 
running cable should be included if the labor charge 
for the larger size is materially higher than for the 
smaller. The unit annual costs per kilovolt-ampere of 
circuit capacity applying to cables, switches, bus 
structure, and substation electrical equipment in general 
should be evaluated as Q terms if an actual saving can 
be made. In including cost at the sending end, such 
as step-up transformers, the cost per kilovolt-ampere 
should be increased by a factor covering per cent line 
loss between that point and the condensers. 

The sine relationship between unit; condenser and 
circuit costs may be used also in making power factor 
improvement calculations in industrial' plants. The 
method of computing optimum rating of static condensers 
within the consumer’s plant is the same as for outside 
feeders. Where over-excited synchronous 11 motors or 
internal corrective m< hors of the synchronous-induction 18 
type 18 are used, the power, p, consumed by the motor is 
included as a part of the useful load, ,P. The cost 8 
properly chargeable to power factor improvement is 
the difference between the price of the synchronous 

11. ['llccirir, Joiirunl, M arch 1020, p. Oil. 

12. It. Woiehnol, .4 New AU<rnaling-(.!urrmt (tciicral-PurpoHr, 
Motor, presented at the Midwinter Convention of the A. I. E. E. 
New York, February, 1025. 

13. Underhill, “Power Factor Wastes,’’ McGraw-Hill. 

Jouhnai. of the A. I. K. E., October 10211, p. 040. 
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motor and that of a lower priced induction motor of 
equivalent rating. The correction in reactive kilovolt¬ 
ampere is the sum of the power component in leading 
quadrature of the synchronous motor and the lagging 
component of the equivalent induction motor. The 
cost per reactive kilovolt-ampere of correction, term K 1 
in the equation, is thus determined. Further correction 
may be justified when the rate schedule contains a 
special power factor clause. 

In making a basic cost study of the power factor 
problem on a utility system preparatory to working 
out new power rate schedules, the use of the sine formula 
is suggested as a means for determining the optimum 
consumer power factor upon which the schedule of 
penalties or bonus is based. In this case the cost of 
correction at the motor is credited with savings on the 
central station system back to the generator, in addition 
to savings within the industrial plant. Direct com¬ 
parison may be made between the over-all savings 
obtained by consumer correction and those resulting 
from the use of condensers on the lines of the central 
station. 

Generating Station Costs 

Excess generating station costs chargeable to low 
lagging power factor include (a) fixed charges on 
generating capacity which could be released for profit¬ 
able kilowatt load, (b) excess electrical losses due to 
increased excitation requirements and the reactive 
current component in station bus and transformers, and 
(c) lower steam economy due to the necessity for operat¬ 
ing turbines below normal power rating or for floating 
spare units on the line as condensers. Figures for 
determining excitation losses are usually obtainable 
from the manufacturer’s design data. -Other losses 
must be worked out for each individual station from 
daily operating data and special tests. 

The evaluation of station costs is not within the scope 
of the present paper. The following methdd is outlined 
for segregating that portion of the station costs directly 
affecting the distribution circuits. 

Case I: Generating capacity insufficient to supply 
kilowatt demand at existing power factor, necessitating 
the purchase of a new generator or additional power 
from an outside source. It may be assumed that it 
would be cheaper to release existing generator capacity 
up to the limit of the horse power rating of the turbines 
by installing a large synchronous condenser at the 
station. The larger units have the lowest cost per 
kilovolt-ampere. Let the annual fixed charges, in¬ 
cluding routine maintenance, be K z and the cost of 
losses Ki dollars per reactive kilovolt-ampere per year. 

The problem is to determine how much of this cor¬ 
rective capacity could be installed more profitably at 
the load end of the distribution circuit. The annual 
u ni t cost of the load end condenser has been evaluated 
as (Ki + Ki) dollars per reactive kilovolt-ampere per 
year and is greater than (K z + K A ), Due to load 
diversity between feeders, additional capacity is 


required at the load end than at the station. Let 
D = the ratio of coincident reactive kilovolt-ampere 
demand at the station peak to the sum of the reactive 
demands of the individual feeders. One reactive 
kilovolt-ampere of condenser correction out on the line 
saves D (K» + K A ) dollars per year in station con¬ 
denser costs, at the same time releasing generating 
capacity for profitable kilowatt load. The difference 
in the annual unit costs of the two condensers, repre¬ 
senting the additional cost of load end correction, 
applies to the distribution circuit. Equation (5) in its 
general form is then: 

_ (. Ki H~ Kf) — D (Kz d~ K a ) _ 

sin dec - Q 1 Q 2 _j_ Q 3 _|_ Q 4 _j_ Qs Qg _|_ . . . 

(5a) 

the additional Q terms representing cost of cables, 
substations, et cetera, as previously noted. 

Case II: Spare generator capacity available, station 
economy reduced by inefficient operation at low 
power factor. It is assumed that the expense of a 
station condenser is not justified. Term K 3 is not 
included since no immediate saving in annual fixed 
charges on generating equipment will be made. The 
excess cost of operating the station at low power 
factor, compared with the cost of generating the same 
kilowatt-hours in salable energy at unity power factor, 
represents the cost of using station generators as con¬ 
densers. The excess cost throughout the year divided 
by the reactive power component at the . station peak 
demand gives K i} the annual cost per reactive kilovolt¬ 
ampere of correction at the station. The numerator of 
equation (5a) is then ( Ki + Kf) — D K 4 . 

The method does not apply to distant hydroelectric or 
steam stations operating at leading power factor. The 
sine formula does not apply to transmission lines 14 of 
such length and voltage that charging current, corona 
loss, conductor material, tower spacing, and other 
special factors enter into the problem. The correct 
rating of condensers for long lines is usually determined 
by the requirements for voltage control and system 
stability. 

The sine formula may be used in the design of the 
individual distribution circuits of the network supplied 
by a transmission line, as in Case I for the generators. 
Thus, if it is found economical to correct the power 
factor at the load ends of the individual circuits of the 
distribution network from 0.70 to 0.90, the size of the 
synchronous condenser required to control transmission 
line voltage is considerably reduced. 

The annual saving at the most economical power 
factor depends upon the power factor of the load and 
the unit cost ratio. In Figs. 2 and 3, the difference in 
the height of the ordinate to the total cost curve at the 
original power factor, and the ordinate at the minimum 

14. Kirsten and Loew, The Line of Maximum Economy, 
presented at the Pacific Coast Convention of the A. I. E. E., 
September, 1925. 
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point, hulieatbs the saving effected. For a load power 
factor of 0.50 and a, unit cost ratio 0.4, the saving at the 
economical power factor, 04)1(5, is about 20 per cent, 
but would be only about 15 per cent if corrected to 
unity. For a unit cost, ratio of 0.5, there would be a 
saving o! 14 per cent it corrected to 0.8(5(5, but only 
7 per cent, at unity power factor. The percentage 
annual saving at t he most economical corrected power 
factor has been plot ted against, unit cost ratio in Fig. 4. 
These curves show in a general way the conditions 


RESULTANT ECONOMICAL POWER FACTOR 



Etc. <1 WoNklNU DlMiUAM Pill Use in I’kki.iminauv 
( 'Alom.ATIUNS 

OalrulatH mill. iN»wt I'itlln from K luiil e fmiw. Tin* dolled projection 
lims hidiealo line of oiiurt, Mnai IIkwoh uhould ho worked mil- aeeuruiely 
for Lite act ttaj prlooa ami rat inm»oi'equipment used. 

under which substantial savings may be expected. 

The upper set of curves in Fig. 4 gives the required 
correction in reactive kilovolt-amperes for any power 
factor. 

CONCLUSION 

An annual cost equation has been developed for an 
overhead distribution circuit supplying a lagging power 
factor load partially corrected by a condenser. An 
economic balance in circuit design is obtained when the 
sine of t he corrected power factor angle equals the ratio 
of the unit annual cost, of correction to the unit annual 
cost of that portion of the supply circuit in which an 
actual saving is effected by power factor improvement. 
For this value of 0 rn the total annual cost of the circuit 
is a minimum, and cos 0„ is the most economical 
corrected power factor. Comparison is made on the 
basis of the most economical conductor sizes and trans¬ 
former ratings equal to the resultant load. If the unit 
cost ratio is equal to, or greater than, the original load 
power-factor angle, correction is not economically 
justified. 


<»7 •» 

Application of the formula may be extended to 
distribution circuits in general, both overhead and 
underground. A method has been outlined for working 
out the comparative advantages of power factor 
correction at the generating station and at substations, 
feeder load ends, and the motors. This requires a 
careful study of load diversity and of the effect of each 
type of condenser upon the shape of the load current 
curve and therefore upon I- R losses. 

The equations and methods here given have the 
definite advantage that they may be applied equally 
as well to the design of new circuits and extensions as 
to the selection of optimum condenser ratings for 
existing circuits. 

Although the present discussion has been limited to 
the cost element, of the power-factor problem, it should 
be understood throughout that applications to specific 
cases should always be made in accord with practical 
operating requirements, and with those more intangible 
attributes connoted by the term “electric service.” 

Appendix A 

Supplmvnlary List, of Symbola and Work inti Formula. 
In addition to the symbols already defined, the follow¬ 
ing list, is given for use in evaluating the K and Q 
terms. It represents circuit design data ordinarily 
available to the distribution engineer. 

(■V« (lost of conductor in dollars per lb. of actual 
copper, actual price of bare wire. For insulated 
wire, multiply charging out price by ratio of 
weight per 1000 ft. insulated wire to weight, 1000 
ft. bare wire of same size A. W. G. 

C* Cost in dollars per kilowatt-hour of generating 
and distributing energy to supply losses. 

(kon Cost of condenser equipment in dollars per kilo¬ 
volt-ampere. 

C-t Cost, of nearest standard size of transformer to 
carry the resultant load, in dollars per kilo¬ 
volt,-ampere. 

<1 Rate of annual fixed charges; includes interest, 
depreciation, insurance, and taxes, 

U i pc Decimal ratio of waffs iron loss in transformer 
to the volt-ampere rating. 

that Decimal ratio of watts copper loss in transformer 
at full load to the volt-ampere rating. 

Uron Decimal ratio of kilowatts required to operate the 
condenser at full load to the kilovolt-ampere 
rating. 

I Length of line in feet, one way. 

N Number of conductors with respect to relative size. 
N' Number of conductors carrying full current. 

For 5-phase, 3-wire . . . N - 3, N' ~ - 3 
w Weight of conductor in lb. per 1000 eir. mil ft. 

For copper, w «= 0.00303 lb. 

P Resistivity of conductor per eir. mil ft. 

II 8760 hr. in a year. 

/ Load factor. 

/ II Hours use of demand, yearly. 
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F Loss factor 8 , computed from typical daily load 
curve 

sum of squares of hourly ordinates 


F = 


24 X (peak load) 2 


F H Equivalent hours 8 per year at constant full load to 
produce the same kilowatt-hours in I 2 R line 
losses as occur with the actual fluctuating load. 
Analogous to “hours use of demand.” 

Hours per year that condenser is connected to 
the line. 

Receiver voltage, phase voltage at full load. 
Amperes per wire at full load at the resultant 
economical power factor, for a 3-phase line, 


L, = 


1000 (P + p) 
\/3 E COS dec 


l W Ie C M 

loooftT 


= Weight of one conductor. 


P l 


LcM 


= Resistance of one conductor. 


M = 5500 


I 


F C e 

9 C cv 


( 6 ) 


The cost of one conductor = 


C cu Iw M I e 
1000 


(7) 


'' V3 E cos 6 ec 
g C cu N l w M (P + p) sec 6 e 


and 


Qi = 


VSE 

g C cu N ho M 


Qi per mile = 


V3 E 

27.72 g C cu l M 
E 


0.00525 gC cu lM 
E 


(8) 


(9) 


= Ij 


pl 


I ec M 


X 


1000 ‘ 


The cost of losses in N' conductors at Cs dollars per 
kilowatt-hour 


The K and Q terms are set up for a 3-phase, delta- 
connected line. Similar expressions may be worked 
out for 3-phase, 4-wire and 2-phase, 3- or 4-wire cir¬ 
cuits. The economical circular mils for one ampere 
are calculated from the Kelvin law. 8 


The annual fixed charges on N conductors, substituting 
fOr lev 

g C cu N l w M 1000 (P + p) 

X 


dollars per mile per year 

(9a) 

The P R losses in kilowatt at full load, for one conductor 


CeplN' 

. 1000 M 


X Ie 


( 10 ) 


dollars per hour at 'constant full load. When the 
load fluctuates, the P R losses vary as the square of the 
current. The annual cost of loss for a fluctuating load 
may be approximated by multiplying loss at full load 
by the “equivalent hours,” F H, defined above. The 
annual cost of line losses 


CeplN' FH 
1000 M 


X Ie 


CeplN'FH 
1000 M 


X 


1000 (P + p) 
V3 E cos d ec 


CeplN' FH 
V3 EM 


(P p) sec d e 


and 


Q 2 = 


C e plN' FH 160826 C t l F 


Qo per mile 


•v/3 E M 

849.16 C e F 10 6 
EM 


EM 


(H) 


( 12 ) 


The area in circular mils of the economical size of 
conductor is I ee M. If the line drop for this size 
proves too great, calculate M from the allowable 
regulation. 


dollars per mile per year 

(12a) 

Transformer prices and losses are those of the nearest 
standard capacity actually required at the resultant 
power factor 

g Ci (P + p) sec 6 ec (13) 

and 

Qs — 9 C T 

Transformer iron losses may be assumed as practi¬ 
cally constant through the year. Transformer iron 
loss 

= Urve C e H (P + p) sec 6 ec (14) 

Qi = 8760 U TFe Ce 

Transformer copper losses vary as the square of the 
current. Annual losses in kilowatt-hours may be 
approximated by multiplying loss at full load by the 
“equivalent hours,” F H. The annual cost of copper 
losses in the transformer 

= Utcu C e F H (P + p) sec 6 ec (15) 

and 

— 8760 Utcu C e F 

Annual condenser costs are divided into fixed charges 
and cost of losses. The unit fixed charges are 

K ] = g C con (16) 

For synchronous condensers, an estimated percentage 
should be added to the annual fixed charges, g, to cover 
the cost of routine maintenance. 

The yearly losses may be approximated by multi¬ 
plying loss at full load excitation by the hours use 
• = U con h per kv-a. The unit annual cost of losses will 
be 

K Z — UcnCeh (17) 
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Appendix B 

Taut for Minimum. If a roof, of the first, derivative 
of y with respect, to 0 yields a ])osifive result when 
substituted in the equation of the second derivative, 
a minimum is indicated at that point. 

Let K sum of K terms and Q =* sum of Q terms. 
Taking (he second derivative of (3) and substituting 
the value of 0 from (5) 

Y (f 

({ \<F- !<■ 

The expression is real and positive when Q is positive 
and > 0, K is positive or 0, and Q > K. Negative 
values of K and Q terms have no physical significance 
in the present, problem. Lapkin,a power factor is 
taken as positive. 

A caiman of Hamits. For the purpose of calculating 
the power polygon in equations (3) and (4), the value 
of p t kilowatt loss in the condenser, was assumed a 
constant,. The error thus introduced is practically 
negligible. In a typical numerical example, for a load 
of 1000 kw., the loss in the condenser required to 
correct the power factor from 0.50 to 0.85 was 3 per 
cent,, or 53 kw. The assumption that, the condenser 
loss would bo flic same for corrected power factors 
ranging from 0.75 to 0.95 introduced a maximum 
error of less than 0.9 of one per cent, of the total kilo¬ 
volt-amperes. Since plus errors in calculating condenser 
kilovolt-amperes offset minus errors in required trails- 


(57 

former kilovolt-amperes, even these small errors tend 
to cancel out in evaluating the total cost, Y. 

In equations (1), (2), and (3) and in Figs. 2 and 3, a 
constant unit cost per kilovolt-ampere is assumed for 
transformers and condensers. In the usual case, 
however, the unit price of the larger sizes tends to 
decrease with increase in rating. If necessary, this 
condition could be expressed mathematically by 
plotting cost per kilovolt-ampere against kilovolt¬ 
ampere rating and writing the equation of a line pass¬ 
ing through the required points. Introducing these 
expressions into equation (3) would tend to complicate 
the problem unnecessarily. The location of the mini¬ 
mum point of the Y cost curve is all that is required, 
and this can be determined accurately from the simple 
formula in one or two trials. No error is involved when 
the conditions of formula (5) are satisfied. 

In the application of the formula to practical prob¬ 
lems, it may be desirable to design the circuit, for a 
corrected power factor slightly above or below the 
calculated value in order to make the most advan¬ 
tageous use of standard sizes of wire, cable, trans¬ 
formers, and condensers. In the design of new circuits, 
probable growth in load may dictate the use of larger 
wires and transformers than are immediately required. 
Where static condensers are used, provision may be 
made for adding additional units as required, thus 
maintaining economical operation during the period 
of growth and increasing the ultimate kilowatt capacity 
of the circuit. 






Instability in Transformer Banks 

BY KING E. GOULD 1 

Associate, A. 1. K. 10. 


Synopsis. —This paper considers the instability which some¬ 
time# occurs in hanks oj transformers supplying a capacity 
load when certain harmonics in the primary current, arc sup¬ 
pressed, either by the type, of transformer connections or by a 
resonant circuit in series with the primary of the transformer, 
and the similarity between the several unstable circuits is pointed, 
out. 

Curves showing the triple-frequency voltage distortion as a 
function of the capacity loud have turn included for two of the 


unstable circuits. Far one case, used Ingrams take n during the insta¬ 
bility are shown,. 

,1 u explanation, stthshiutinted lay actual analysts;, has hern 
brought forward for the simplest, unstable circuit, const shag of three 
branches connected in 1 " across a !hn < -phase hue with balanced, 
sinusoidal line cottages, with the neutral unconnected, melt branch of 
the Y consisting of an iron-cored reactance in pant It el with a capacity. 
This explanation is extended la the other eases, (wo with experimental 
evidence as justification, and the third by analogy only. 


Introduction 

N 1915 Mr. L. N. Robinson published a paper" con¬ 
cerning’ the unstable condition which sometimes 
occurs when a Y-eonneeted capacity load is supplied 
by a Y—Y-eonneeted transformer bank with the secon¬ 
dary neutral closed but the primary .neutral open. The 
phenomenon was evidently closely associated with the 
voltage distortion which occurs with this and similar 
transformer connections, and which has been studied by 
many investigators 8 . No very satisfactory explanation 
of this unstable condition, however, has ever been ad¬ 
vanced so far as the author knows, and the principal 
object of this paper is to advance an explanation sub¬ 
stantiated by considerable analytical proof and ex- 
perimen tal observation. 

Mr. Robinson suggested that the instability might, be 
due to a "reversing transformer leg/’ but this theory has 
been disproved by oscillograms which show that, the 
line voltages and currents are balanced during some of 
the unstable conditions, and by hysteresis loops ob¬ 
served during instability, which were found to remain 
symmetrical with respect to the two axes, 

Mr. R. I\ Shaw investigated this phenomenon 4 
and took oscillograms and very complete data through¬ 
out both the stable and the unstable ranges of line 
voltage and capacity load. He also investigated a 
quite similar case of voltage distortion and instability 
which occurs when a capacity is inserted in the delta 
of a Y-delfa-connected bank of transformers, primary 
neutral open. Two of his curves showing the third 
harmonic induced voltage as a function of the capacity 
load have been included in tliis paper. 

Experimental Work 

Three identical transformers, each of l^hv-a, 
rating at 100 volts, 60 cycles, the ratio of transforma- 

1. Research I)ivision, Dept,, of Elect,. Engg., Mass. Inst, of 
Tech., < 'anihridge, Mass. 

2. Thanh. A. T. E. E., 1015, p.2183. 

X. L. E. Ultimo, Thanh. A. I. E. E., 1014, p. 745. CL Eaccioli, 
Joint. A. I. E. E., May, 1022, p. 451. 0. O. Dahl, Thanh. 

A. I. E.K., 1025, p. 702. 

4. M. I. T. Ptosis, 1024, Investigation of the Triple Frequency 
Distortion in Three-Phase Transformer Banks. 

Presented at the Regional Meeting of District No. 1 of the 
A. I. K. R., Pittsfield, Muss., May 2IU2H, 11127. 


lion being unity, wore connected Y Y to supply a Y- 
eonnoeted, balanced capacity load of 12.fi ft f per phase. 
The secondary neutral was dosed while the primary 
neutral was open. The transformers were supplied by 
a 5-kv-a., (i()-cyele alternator of very good wave form 
for balanced loads, direct-connected to an K*hp., 
d-c. motor. Under these conditions, the transformers, 
emitted "grunts" or "beats" which sounded like a 
solid body, such as a wooden mallet, striking the lamina¬ 
tions, and all the meters with the exception of the line 
volt,meter oscillated badly. The line voltage was 
about; 200 volts, as indicated by a dynamometer type 
meter, and oscillated but slightly, as the change in 
load'over a heal, had but little effect upon the terminal 
voltage of the alternator. 

This instability persisted wit it a wide range of capacity 
loads. Mr. Shaw, who worked with the same appara¬ 
tus, records instability with a capacity load of as high 
as 40 fif. per phase. With any given line voltage, 
stability would occur with either a very high or a very 
low value of capacity, the maximum values of capacity 
which would produce instability being increased as the 
voltage was increased. 

The instability was not due to the alternator supply¬ 
ing the transformers, as was proved by Mr, Shaw by 
connecting them to a large alternator, and also by taking 
oscillograms of the alternator field current, which was 
found to he perfectly regular. Mr. Robinson had also 
noted this mutability under conditions differing widely 
enough to indicate that, it was not due to the power 
source. 

Fig. 1, taken from Shaw's work, shows the variation 
of third-harmonic induced voltage with the size of the 
capacity load, throughout the lower, stable range of 
capacity and part of the unstable range, where measure¬ 
ments were possible. These voltage readings were 
taken with a thermocouple heater element , in series 
with a high resistance, inserted in one corner of a delta 
formed with an auxiliary winding on each transformer, 
as shown in Fig, 2. Multiples of the third harmonic 
appeared in this voltage also, but they were small, 
as indicated by analyses of the wave form. 

Mr. Shaw also experimented with a quite similar 
unstable condition produced by connecting the pri- 
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maries of the transformers as before, in Y with the 
neutral unconnected, and the secondaries in delta, 
with a capacity inserted in one corner of this delta as 
shown in Mr* 2. The third-harmonic induced voltage 
was measured across one corner of an auxiliary delta as 
before. As was to be expected, the capacity necessary 
to produce instability in this latter case was about one- 
third that in the Y Y conned ion, as the third-harmonic 
voltages induced in the secondary windings add up 
directly to make tin* voltage across the capacity three 
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transformer banks was due to the suppression of the 
third harmonic and its multiples in the primary current, 
it was conceived that by means of a series filter, 
the partial suppression of the harmonics in the primary 
current of a single-phase transformer supplying a 
capacity load might produce an unstable condition. 
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Accordingly a circuit was set up as shown in Fig. 7, 
the transformer being one of (host! used in the three- 
phase case. The filter circuit consisted of a capacity 
in series with two identical air-core inductances which 
were mounted so that Hie mutual inductance between 
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times the third-harmonic phase voltage. Fig. 4, due 
to Mr. Shaw, shows the third-harmonic phase voltage as 
a function of the capacity inserted in the delta, and is 
similar to Fig. 1 except that the capacity has been re¬ 
duced to about: oned bird its previous value. Mr. Shaw 
records that the instability commenced in the Y-delta- 
delta case with a rapacity of from 2 to 4 /,(/., which 
corresponds to from (1 t o 12 p/, per phase in the V Y 


. i /1yYb j ■ *, i I ; 

?’■('/ }/;/U'i I ! i ’j' t ' 

i ; ’/■ / A A I ! | |J ‘ ; Jf I 

s : j 'tf> : / | 1 1 j ( j M * ■! 

j \ j,/J'/\ Slnpej Hf.qjuci^.y IihU.uJ i 
! ,/ ''J/A'i I ViilUujij if fuuOttn u| Mi* 

i / 4'/. Mil Cjipfliiiy luJ.I 

\ AA I ’ ! { i ! . i i I i ' • ! 

[A ; I l ,S**, (tiikjiMjcnlill; ... i 
M i l i M i ! ftujl! Vull* ; 

j . . ; M i !•; M III!.;. 

! i II I 1 U In$.»| I . . I . 

i: i jj. !ui ! . . : ; : 

■ m i,ri i frt itl if, ; il >, .'ii _ 
i ‘ I {.. fir.),,,**...*, 4l.ll., I 


A* 0, 


g 4 #*'fairy \ 


delta connect ion. That- the Y Y connection and the 
Y-delta connections are essent ially the same so far as the 
third harmonic and its mult iples are concerned is evi¬ 
dent. from a comparison of Figs. 5 and 0, which represent 
the same circuit except that in Fig. 0 the leakage re¬ 
actances of tiic transformer windings have been 
neglected. 

As the removal of the primary neutral connection 
produced instability in an otherwise stable circuit, it 
seemed evident that the instability must he due to the 
third harmonic and its multiples, introduced by the 
varying permeability of the iron cores of the transform¬ 
ers. The existence of the Y-delta instability confirms 
this hypothesis. 

As it was well established that the unstable condition 
which sometimes occurred in some star-connected 


them could be varied. 'Phis filter circuit was ad¬ 
justed for resonance at (SO cycles, t he combined impe¬ 
dance being 12 ohms, while the capacity and t he in¬ 
ductance each had an impedance of 202 ohms at 00 


With this arrangement, with 110 volts at 00 cycles 
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impressed upon the circuit and with a capacity of 
12.5 nf. placed across the secondary of the transformer, 
the circuit was found to be distinctly unstable, even 
worse than t he three-phase case, although the t wo inst a¬ 
bilities were quite similar. This single-phase instability 
occurred over a considerable range of capacity either 
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side of 13.5 ///., but the beats seemed most violent at 
about this value of capacity. A great enough change of 
capacity in either direction would produce stability, 
the voltages and currents at the stable condition with 
high values of capacity being low, as in the three-phase 
case. By changing conditions, such as the voltage, fre¬ 
quency, or capacity load, the beats could be varied 
continuously from less than one per sec. to so many that 
nothing could be heard but a hum. In general, the 
beats were more violent the longer they were. 

The beats were adjusted to about five per sec., so 



that each one included about 12 cycles, and simul¬ 
taneous oscillograms long enough to show the wave 
form over a complete beat were taken. These are 
shown in Fig. 8. The oscillations were not very violent 
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Fig. 7-a 

in this case, but a beat of longer period was not used 
because of the length of film required. It will be noted 
that a beat does not include an integral number of 
cycles. 

By means of the two-dimensional oscillograph 5 , an 
examination of the hysteresis loops of the transformer 
during instability was made. The hysteresis loops 
could be thrown upon a ground glass screen and viewed 
very well indeed. An attempt was made to photograph 
the series of loops during the unstable condition, but 

5. E. L. Bowles, Discussion, Trans. A. I. E. E. 1923, p. 346. 



with no success, as the point of light traversed a given 
path but once, and was too faint to record this path. 
The loops thrown upon the screen brought out one 
fact—that the loops increase and decrease in size, 
but they .always remain symmetrical with respect to 
the two axes. 

It seemed possible that the unstable condition might 
not depend upon leakage reactance of the transformer 
windings, so a switch was arranged to shift the capacity 
load from the secondary to the primary, as shown in 
Fig. 7a. The unstable condition was established, and 
the capacity suddenly switched from the secondary 
to the primary of the transformer. No change could be 
detected in the frequency or violence of the beats. 
Thus it was proved that leakage reactance of the trans¬ 
former windings is not a contributing cause of the 
instability. 

In view of the fact that the single-phase instability 



Fig. 8 

A. Primary current 

B. . Primary voltage 

C. Induced voltage 

D. Secondary voltage 

E. Secondary current. 

occurred with the capacity across the primary of the 
transformer, it seemed probable that the unstable 
condition would occur if an iron-cored reactance and a 
capacity of the proper size were connected in parallel, 
and three such branches were connected in Y across a 
three-phase line of the proper voltage, the neutral 
being unconnected. Accordingly, the three trans¬ 
formers used before were connected in Y, the primary 
neutral open, and with a capacity of about 12.5 g /. 
in parallel with each primary, as shown in Fig. 9. 
This combination was connected across a three-phase 
supply with a line voltage of 200 volts, at 60 cycles, 
and distinct beats occurred in each transformer, just as 
in the case with the capacity load across the secondary 
of the transformer. 

Explanation of Instability 
Of the circuits found to be unstable, the one shown in 
Fig. 9 is most easily analyzed, as nothing but odd 
multiples of the third harmonic can appear in the phase 
voltage under stable conditions with sinusoidal, bal¬ 
anced line voltages, and the third harmonic and its 
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multiples in the exciting current must be equal in magni¬ 
tude and opposite in phase to the respective harmonic 
currents through (he capacity. All multiples of the 
third harmonic above the third itself seemed, from 
actual analyses, to be comparatively small and hence 
were neglected. The effect of the third harmonic 
in the phase voltage upon tin* third-harmonic exciting 
current was determined as follows. 

A fundamental flux density of 10.2 k degausses was 
assumed, corresponding to a fundamental (00-cycle) 
phase voltage of 100 volts. Various amounts of 



third harmonic were introduced “in phase*' with the 
fundamental; that is, so that the resultant (lux wave was 
of the form, A sin tvt | /» sin 0 tv (, and t he resultant, 
flux wave was drawn. Tins was done with the third- 
harmonic IIux from 12 per cent, to 00 pet* cent of the 
fundamental. From Mr, P. A. Blackwell's series of 
hysteresis loops'* for one of the transformers, the 
magnetization curve was drawn as shown in Fig. 11. 
From this curve, (die exciting current corresponding to 
each resultant flux wave was determined, and each of 
these was analyzed for the third-harmonic current. 

When the third-harmonic (lux was “in phase" with 


.— 
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f 
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the fundamental flux, the resultant ilux wave was, of 
course, always symmetrica! with respect, to the 00-deg. 
(fundamental scale) ordinate. As there is only one 
value of current corresponding to each value of llux 
density, using (he magnetization curve, the exciting 
current was symmetrical, also, with respect to the 
90-deg. ordinate. Thus no cosine component of the 
third harmonic could appear in the exciting current; 

fl. M. I. T. i1m‘sK, HUM, I. hist able KHVrt, in Throc-Phaso 
Transformer Bank with t'upacify Read. 


in other words the third-harmonic current, is in phase 
with the third-harmonic flux. From Fig. 10, it will he 
seen that; this is a condition which must be fulfilled if the 
third-harmonic exciting current, 7 ;i , is to be in phase 
opposition to the current through the capacity. In 
Fig. 10, <•/),,( is the third-harmonic flux which produces the 
induced voltage E- A , while V* is the third-harmonic 
impressed voltage which causes the current / ;i) to 
(low through the capacity. The resistance and leakage 
reactance of the transformer winding are neglected. 

Thus it will he seen that the phase relation of the 
t hird-harmonic exciting current, remains correct, if the 
magnetization curve is used. Moreover, the third- 
harmonic exciting current increases more rapidly 
than the third-harmonic current t hrough the capacity, 
after the maximum (lux density becomes high, so that 
the two will become equal in magnitude, Hence the 
saturation curve cannot produce instability by making 



it impossible for the two third-harmonic currents to 
become equal in magnitude and opposite in phase. 

As the use of the saturation curve would not indicate 
instability, the exciting current was determined from the 
hysteresis loops shown in Fig. 11 and taken by Mr. P. 
A. Blackwell for one of the transformers, For any 
desired maximum flux density, a loop similar in shape to 
the ones shown was interpolated 11 was assumed that 
each secondary hysteresis loop was thin enough to 
practically coincide with t he portion of the main hyster¬ 
esis loop where it started. Loops taken by Mr. W. 
M. Gilman 7 indicate that this assumption introduces 
but little error. 

The third-harmonic llux density was varied, in steps 
of 12 per cent, from zero to 00 per cent of the funda¬ 
mental llux density, as before, but each value of third 
harmonic flux density was introduced at 20-deg. (funda¬ 
mental scale) intervals. The resulting exciting current 
waves were analyzed for the third harmonic by means of 

7. M. I, T. Miosis, 1025, Quant ilaUvo Analysis of Triuisf«»niM*r 
Harmonics. 
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the Woodbury analyzer 8 , which was quite satisfactory 
for waves with a cyclic length as long as was used, 
12 inches. Fig. 12 shows a sample wave, the third- 
harmonic flux being 48 per cent of the fundamental, 
and introduced so that the resultant flux wave was of the 
form, [A sin w t + 0.48 A sin 3 ( w t + 20°) J. 

The magnitude of the third-harmonic exciting 
current, J 9 , was plotted against the third-harmonic 
flux, (/>;i, for given angular displacements between the 
fundamental and the third-harmonic fluxes, as shown in 



Fig. 13, This angle, which we shall call On-, is the 
fundamental angle by which the zero point of the third- 
harmonic flux wave lags the zero point of {.he funda¬ 
mental flux wave, both zero points being those at which 
the slope is positive. Thus the flux wave is expressed 
as A sin w t -j Ji sin 3 ( w t ! Om). The intersections 
of the curves of J 8 against c/>•, with a line which repre¬ 



sented /., against r/> :t for a capacity of fl.5 {if, gave 
values of </>;, and ()#/> at which the magnitude of the third- 
harmonic exciting current was correct for this value of 
capacity. These values of </> ; , and 0 a + were plotted 
as shown in Fig. 15, curve I. 

r rhe angle, On, by which the third-harmonic current 
lags the fundamental flux (that is, the fundamental 

rS. P. »S. I)(*lli‘nliaugli, Jr., A. I.K. 10. Jovn,, Jan. 102M. p. f>H. 


angle by which zero point of t he I bird-harmonic current 
lags the zero point of the fundamental flux, both zero 
points being those at which the slope is positive;, for 
constant values of third-harmonic flux, was plotted 
against the lag of the third-harmonic flux behind the 
fundamental flux shown in Fig, M As this third- 
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harmonic current, must be in phase with flu* third- 
harmonic flux in order to be in phase opposition to 
the third-harmonic current through the capacity, 
the angles On and 0n> must be the same so that the 
intersections of the curves of Fig, II with a straight 



line through the origin and with a slope of unity gave 
values of 0„ and at which the phase of the third- 
harmonic. exciting current was correct, The locus of 
the point at which t he phase was correct is shown in 
Fig. 15, Curve 2. 

It should be noted that the part of (’urve 2 which lies 
at 0n >,equal to about 11.7 deg.,is act ually discontinuous 
downward, stopping at a value of </p somewhere between 
12 per cent and 24 per cent. The portion between 
these two points is shown dotted, as it is not known 
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exactly where (lie curve stops, tor each value of 
</>;, below 12 per cent, there is only one value of Oy 
at which the phase 1 of / ;i is correct. Also, it should he 
noted that the “phase correct” curve at Oy, equal to 
about (10 deg. approaches (51 deg. as a limit, By, at <j>■■ 
equal to zero being indeterminate. 

It will be seen from Fig. 12 that the magnitude of 
the third-lmrnionic. exciting current is never correct, 
for values of ()■ i,-, between -IS deg. and 72 deg., as all the 

- (/>,• i curves for I his ran.ye of By. lie ('nilrely above t he 
straight- line which is drawn for I he (I.5-y/. condenser. 
As this straight line is tangent, to the curve for 0 : w. 
equal to ■18 deg,, the left-hand “magnitude correct” 
curve becomes vertical at this value of Oy., and for 
increasing values of </>a, By, will decrease 1 . Similarly, 
the right-hand “magnitude correct,” curve becomes 
vertical at, sonny value of By, greater than 72 deg., 
and for increasing values of </>.,, 0 . w , increases. The 
doffed line added to the “magnitude correct ” curve is i o 
show t hat if is definitely known I hat t he curve never 
crosses a vertical line erected at By, equal to 72 deg. 

Thus, in Fig. 15, there is no intersection between the 
“magnitude correct” and the “phase correct” curves, 
which means (hat with a fundamental phase voltage of 
100 volts and a capacity of 0.5 /(/. per phase, the magni¬ 
tude and phase of (lie third-harmonic exciting current 
never heroine correal a! tin* same time, at least over 
the range of third-harmonic voltage considered; thal is, 
up to about, 150 per cent of tin* fundamental. This 
seems a reasonable cause of the instability, as under 
stable conditions the third-harmonic exciting current, 
and the third-harmonic current through flu* capacity 
must, be equal in magnit ude and opposite in phase. 

If would seem probable that with higher values of 
third-harmonic voltage, no intersection of (lie “magni¬ 
tude correct ” and "phase correct ” curves would occur. 
In Fig. 12, it looks as though the straight line for 
6.5-ju /. rapacity would not intersect the / :i 0 a curves 

for By near 120 deg., which would mean that no 
intersection would occur along the “phase correct” 
curve near By equal to 120 deg. Moreover, analyses 
of oscillograms and Mr. Shaw’s measurements have 
not shown a third-harmonic voltage so great, as 150 
per cent of tin* fundamental for (his value of capacity. 

If, in Fig, 12, the straight line is given a greater slope 

.that is, the capacity is increased far enough this 

line will intersect, t he I x 0 ;i curves corresponding to By, 
in the range about (»() deg., and hence an intersect ion of 
the “magnitude correct” and the “phase correct.” 
curves would occur along the “phase correct.” curve 
near By equal to (50 deg. Moreover, no matter how 
much more the capacit y is increased, there will always 
be an intersection in Fig. 15, with By near (50 deg., and 
hence always a stable point. 

If the capacity is decreased far enough, the /></>;* 
line for the capacity, in Fig. IS, will intersect the J 8 0a 
curves for near 117 deg., at values of </> !t great, 
enough to produce an intersection of t he “phase correct” 


and “magnitude correct” curves near ()■equal to 120 
deg. At very low values of capacity, the straight 
line, Fig. 12, becomes tangent to the curves for By, 
equal to 120 deg., and of course for smaller capacities 
than this, the magnitude never becomes correct, 
according to the curves. For such a small capacity, 
however, higher multiples of the third harmonic may 
have appreciable effect, upon the third-harmonic ex¬ 
citing current, or there may he instability which, 
due to the small current through the capacity, is 
unnoficeable. 

According to the analysis described above, there 
appears to be a wide range of capacity at which the 
unstable condition occurs, although an insullioiont 

number of A.c/> :i curves have been plot ted to det ermine 

the limits of this range of capacity. Fxperimentally 
it, was found Unit. 8.5 fxf, per phase would produce 
instability, the fundamental phase voltage being 100 
volts at (50 cycles, while with four /ij\ per phase no 
instability could be defected. Lack of suitable capacity 
prevented more accurate determination of the range of 
instability. According to the curves of Figs. 18 and 15, 
if seems likely that, instability would occur at four 
nf., which indicates that, the lower limit of capacity 
which will produce instability is actually greater t han 
t hat indicated by this analysis, due possibly to t he 
st abilizing etfect, which is possible by the introduct ion of 
odd mult iples of t he third harmonic in the phase voltage. 

As the circuit analyzed is equivalent, to a V.Y-con- 

neeted transformer bank supplying a Y-con nee fed 
capacity load, with (.he secondary neutral closed but, 
wit h flie primary neutral open, neglecting the leakage 
reactances of the transformer windings, and as ex¬ 
periment. has shown that the instability is essentially 
unchanged by switching the (rapacity load from the 
primary to the secondary (Taking due account of the 
ratio of transformation), t he above explanation should 
apply l.o this latter type of circuit, also. Moreover, 
as the circuit, analyzed is equivalent, so far as the 
third harmonic and its multiples are concerned, to 
a Y-delta-eonnect.ed bank of transformers with a 
capacity inserted in one corner of the delta, and with 
no primary neutral, again neglecting the leakage re¬ 
actances of the transformer windings, the above ex¬ 
planation seems valid in this case also. Figs. 5 and 0 
illustrate the similarity of the circuit, analyzed and the 
above //-delta connection. 

Rksults and Conclusions 

1. An unstable condition, quite similar to the one 
which may occur in some star-connected transformer 
banks, may be produced with a single-phase trans¬ 
former supplying a capacity load, by partial suppression 
of all higher harmonics in the primary current; by moans 
of a filter circuit,. Stability will be produced if any of 
the conditions, as voltage, frequency, or size of the 
capacity load, are changed far enough in either 
direction. 
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2. Hysteresis loops traced upon a ground glass screen 
by the two-dimensional oscillograph during this un¬ 
stable condition increased and decreased in size, but 
always remained symmetrical with respect to the two 
axes. 

3. Both the single-phase and the three-phase insta¬ 
bility existed with the capacity load connected across 
the primary. Thus leakage reactance cannot be a 
contributing cause of the instability. 

4. Under the cause of the three-phase instability 
developed herein, the saturation curve cannot alone 
produce instability. Hysteresis, as well as non-line¬ 
arity of the magnetization curve, is necessary. 

5. There is considerable evidence that the three- 
phase instability (Y-connected branches of capacity and 
iron-cored inductance in parallel, with neutral un¬ 
connected) is due to the inability of the third harmonic 
and its multiples in the phase voltage to adjust them¬ 
selves so as to make the third-harmonic exciting current 
and its multiples equal and opposite to the respective 
harmonics in the current through the capacity. As 
these conditions must be fulfilled during steady-state 
operation, this failure constitutes a reasonable cause of 
the instability. Hysteresis is necessary to produce 
instability, as mentioned above; non-linearity of the 
magnetization curve alone is not sufficient. 

It has been shown, by drawing the exciting current 
wave from the hysteresis loops- and the voltage waves, . 
that when the iron-cored inductance and a certain 
capacity are connected in parallel, with three such 
branches connected in Y and with no neutral connection, 
across a three-phase supply with a certain value of 
balanced, sinusoidal line voltage, the third-harmonic 
phase voltage cannot adjust itself to make the third- 
harmonic current through the inductance, equal and 
opposite to that through the capacity. This analysis 
neglects all multiples of the third harmonic above the 
third itself. 

The lower limit of capacity which will produce in¬ 
stability, as indicated by this analysis, is somewhat less 
than the actual limit as indicated by experiment. This 
would seem to he due to the stabilizing effect produced 
by the introduction of higher odd multiples of the third 
harmonic in the phase voltage, these harmonics appear¬ 
ing only in order to produce stability. 

6. The above explanation covers the instability 
which occurs when the capacity is connected across the 
secondaries of the transformers, Y—Y, with no primary 
neutral connection, as the two circuits are equivalent, 
neglecting leakage reactance of the transformer wind¬ 
ings. It also covers the case of Y-delta-connected banks, 
with the primary neutral unconnected, when a capacity 
is inserted in the secondary delta, as this circuit is 
similar, in so far as the third harmonic is concerned, 
and neglecting leakage reactances, to the circuit for 
which the analysis was made. 

7. It seems probable, although no proof has been 
advanced, that the single-phase instability is due to the 


inability of all the harmonics in the voltage impressed 
upon the inductance and capacity in parallel, to adjust 
themselves so as to make each harmonic in the exciting 
current equal and opposite to the corresponding har¬ 
monic current through the capacity, assuming that the 
filter circuit is perfect. The cause of this instability then 
becomes quite analogous to that of the three-phase case. 

Discussion 

V. M. Montsin^er: I was very much interested in Mr.' 
Gould’s paper because it gives a possible explanation of the 
same kind of phenomena that I observed on some single-phase 
transformers a few years ago. 

In 1914,1 presented discussion for a series of papers on trans¬ 
former connections, etc., and in this discussion, showed how con¬ 
denser capacity, connected either across an opening in the delta 
of a Y-delta connected bank, or across the legs of the delta, . 
intensified the harmonic voltages. Fig. 4, as given in Part I 
of the A. I. E. E. Transactions, for 1914 p. 782, shows that at 
about 45 or 50 kilolines per sq. in. core density, the harmonic 
voltages suddenly increases to 200 per cent of the fundamental 
voltage. Upon further increasing the density, the harmonic 
voltage decreases and then increases again; in fact, as the core 
density increased, there were three points at which the harmonic 
voltages were intensified. 

Fig. 6, shown on p. 783, gives results of similar tests made on a 
three-phase core-type transformer, and these curves demonstrate 
that no intensification of the harmonic voltages occurred at 
any point as the core density was increased—the maximum 
intensification being in the order of 15 to 20 per cent of the 
fundamental. 

One point I wish particularly to emphasize is that while we 
have these dangerous harmonic voltages in single-phase trans¬ 
formers, we do not have them in three-phase core-type trans¬ 
formers. The reason for this obviously is due to the fact that 
in single-phase transformers, the third harmonic voltages in the 
three legs, -which are in phase and flowing towards the neutral 
of the “Y” connection, have a return path through the iron core 
leg external to the windings; while in three-phase core-type 
transformers, the harmonic voltage flux must return through 
the air. 

I should like very much to have Mr. Gould’s comments on 
how this difference in phenomena between single-phase and 
three-phase core-type transformers lines up with the conclusions 
that the contributing cause of this intensification is leakage 
reactance. 

K. E. Gould: I have done no work with the three-phase 
transformer, and the present paper considers 'only three single¬ 
phase transformers star-connected. The statement that the 
leakage reactance of the transformer windings is not a contribut¬ 
ing factor in the instability is based on the fact that in changing 
the capacity from the secondary to the primary, there was 
practically no difference in the instability which seemed to me 
conclusive evidence that the leakage reactance is not a con¬ 
tributing cause. 

This statement that leakage reactance does not cause in¬ 
stability, was made particularly in consideration of work that 
Mr. Shaw did at M. I. T. in 1924. He gave a very good expla¬ 
nation of the instability, showing that there were two conditions— 
two points at which the transformers could operate—due to the 
interaction of the capacity, and the leakage reactances of the 
transformer windings, particularly in the Y-delta case, where 
the capacity is inserted in one corner of the delta. However, 
as soon as it was discovered that the instability still existed with 
only the iron-core reactor in parallel with the capacity, it seemed 
evident that the instability was not due to what Mr. Shaw called 
a resonance effect between the capacity and the leakage re¬ 
actance of the transformer windings. 
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Synopsis. 'I'h <•' loryiiv produced by a short circuit or other 
transient will produce u correspond! ny acceleration of the rotor. If 
the rotor is not connected to a toad tin• acceleration of the rotor trill 
he directly proportional to the ton/uc. .1 entail -instrument is 
described which can In- attached to the end of the shaft of the machine 
to be tested. This instrument records the instantaneous acceleration 
of the rotor, the correspond! ny lon/ite briny eolenlated. The accelera¬ 
tion is men sit red by two separate methods. The first method yiees 
•points on an acceleration time carve and the second yiees a coat inn- 


I NTItOiniCTTON 

I N order to design machines to withstand till possible 
operating conditions and yel, not waste material, 
it is necessary to know 1 he magnitude of the greatest 
forces which may act on t he machine under the worst, 
possible conditions, At. the instant of a short-circuit 
surge, or when synchronized out of phase, enormous 
forces may act. on a machine. The end windings are 
inherently rather weak mechanically and usually these 
are the first, parts to be injured by a short circuit. 
These failures are caused by local magnetic forces, but. 
in a few instances, the resultant torque of the machine 
lias caused failure. (hie of the first large vertical shaft, 
generators of low reactance sheared off the* foundation 
bolts and turned through a considerable angle. In 
another ease, a OOOO-kv-a. frequency changer set had 
the frame supporting foot, broken off and the holding 
down holts stretched when flu* set was connected to the 
line out of phase. 

These failures show the enormous forces produced by 
short circuits and other transients. In order to make 
machines suHieiently strong to withstand these abuses 
to which they are frequently subjected and yet not 
waste material, the maximum torque which may he 
developed under abnormal conditions must, he known. 
Because of its transient, nature, this torque is very 
difficult, to calculate or measure. Methods thus far 
developed for calculating short-circuit torque are 
rather questionable because the assumptions which 
must he made do not accurately represent the act ual 
conditions, 

Bo far as the writer is aware, the only previous at¬ 
tempts to act ually measure this torque have been by 
recording tin* oscillations of the rotor, using; the torsio- 
graph or similar instrument giving a space time curve 
of the movement of the rotor or by measuring the 
voltage generated by a small generator connected to the 
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aits record of the torque. 'The uccelerulion is recorded on the oseillo- 
tjrum so that by nsiny a. six element oscilloyraph a simultaneous 
record ran he obtained show in tj hath the acceleration and the short - 
circuit currents. The mechanism for elosiny the short circuit at the 
desirctl paint of the vollayc ware and the method of eheetcimj the 
accuracy of the instrument are also described, .1 recant from an 
urinal short-circuit test is shown. The n salts of the li sts will he 
discussed in a inter paper. The instrument cun also be used for 
nicusnriny smitten shacks on motors ami other rotaliny machinery. 


shaft of the machine short circuited'-'. The determina¬ 
tion of torque from a space time record is very un¬ 
certain because the torque is proportional to the second 

derivative, Ac., curvature of the space.t ime record. As 

is discussed later, this is very unsatisfactory for this 
purpose. The measurement, of the voltage generated 
hv a small direct-connected generator is much better 
hut this method requires taking the slope of the record 
which is not entirely satisfactory. This paper outlines 
an analysis of the general problem of measuring torque 
produced by short circuits and other transient, phenom¬ 
ena and describes the* instrument which was 
developed. The instrument, was designed to he at¬ 
tached to t he end of t he shaft, of a machine and gives a 
record on the oscillogram of the instantaneous accelera¬ 
tion of the rotor which is proportional to t he instan¬ 
taneous torque provided t he machine is not connected 
to an external load. If it is desired to measure the 
torque developed when the machine is short circuited 
while running under load, the test, must be arranged so 
that the torque developed by the machine short cir¬ 
cuited can be determined from the acceleration of its 
rotor and the known characteristics of the connected 
load or driving motor. The instrument, was designed 
for t he one purpose of measuring the acceleration of the 
rotor produced by a sudden pulsating torque. It. was 
intended to give an accurate record of the first torque 
cycle and a fairly accurate record of succeeding torque 
cycles. It, was designed for torque frequencies not 
exceeding 120 cycles and accelerations of 500 radians 
per sec, and above. It. can he readjusted for measuring 
lower accelerations provided the frequency is reduced. 
In addition to studying short circuits, it. may he useful 

2. Tin* torque developed by a short circuit was measured by 
11, iiildi, (HuUeUn Association Suisse ties Electricieus No. A, 
1025). lie measured the voltage generated by the exciter which 
was operated on open circuit with its Held supplied by storage 
batteries. Tim torque was of course proportional to (he rate of 
change of voltage. If the torque developed had a sinusoidal 
form, it would he fairly easy to determine the rale of change of 
voltage, hut with the irregular torque developed hy a short 
circuit, it is very difficult to measure the peak acceleration. 
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PENNEY: INSTRUMENT FOR MEASU 

lor studying shocks on rolling mill equipment and 
similar applications. 

Selection of Type of Instrument 

There are many methods which might be used to 
measure the torque produced by a short circuit. Per¬ 
haps the most obvious method would be to mount the 
stator on trunions and attempt to measure the torque. 
This would require large, clumsy, and expensive ap¬ 
paratus, and since the torque is of a pulsating nature, it 
would be extremely difficult, if not impossible, to measure 
this torque accurately, for any known method of 
measuring such a large pulsating force would allow some 
motion of the stator and any such motion absorbs force 
in the inertia reaction of the stator, so that the torque 
measured would not be the same as the actual torque 
developed. 

Another method of attack is to measure the effect on 
the rotor. If the rotor is sufficiently rigid so that it 
can be regarded as a single mass, the acceleration of the 
rotor will be directly proportional to the torque applied 
(assuming that the rotor is not connected to any other 
device). This general scheme was adopted since it 
requires only a record of the acceleration of the rotor 
and therefore lends itself to a small instrument which 
may he readily attached to any machine. 

The pulsating nature of the torque produced by a 
short circuit is the major difficulty in measuring the 
torque accurately. For instance, if an attempt, were 
made to measure the actual force acting on either the 
stator or the rotor a very slight movement would 
absorb a large force in the inertia reaction, resulting in a 
large error in the recorded force. For example, the 
stator of a representative* 20,000-kv-a., (50-cycle genera- 

. , , . . 2,(500,000 

tor has a moment ol inertia of -.- Then if 

II 

this stator were mounted on trunions and perfectly free 
to move and if a sinusoidal torque of (50-cycle frequency 
and having a peak value equal to the normal torque of 
the machine were acting on the stator, the amplitude of 
the resulting movement would be only 0.00002 radians. 
At an 80-in. radius, the total movement (double am¬ 
plitude) would be only 0.0082 in. This movement of 
0.0082 in. assumes a sinusoidal torque whose average 
value is zero so that it has no tendency to produce 
continuous rotation and with the stator mounted on 
trunions, the only effect is to produce this torsional 
oscillation of 0.00004 radians total movement which 
absorbs the full pulsating torque in the inertia reaction 
of the stator. This is merely given as an example 
of the enormous force required to produce a very small 
oscillation of a stator or rotor at (50-cycle frequency. 

If an attempt were made to measure the torque de¬ 
veloped during short circuit by measuring the force 
exerted by a slater mounted on trunions, it is evident 
from the above discussion that the allowable movement 
of the stator is very small. The problem is further 
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complicated by the probability of resonance 11 . The 
same general difficulty applies to other methods of 
measurement, so (hat in any method of measurement, 
the flexibility of the instrument must be carefully 
considered for any slight relative movement permitted 
may result in very large errors. K is much easier to 
control the natural frequency in a small instrument 
which measures the acceleration of the rotor than in a 
large device for measuring force, so that the small 
instrument should lie more accurate and reliable as well 
as cheaper and more convenient. 

There are several possible met boils of measuring the 
acceleration of the rotor. One method would he to 
obtain a space time curve showing the instantaneous 
position of the rotor as a function of time. The second 
derivative of this record </, c., the curvatures would then 
give the acceleration, Hut in this method any vibration 
of the recording mechanism would indicate a torque 
which did not. exist. In general, the tendency is to 
exaggerate errors when a record must be differentiated. 
A record of instantaneous speed could be obtained, 
but, this would have to he differentiated to get the 
acceleration so that excessive accuracy would he re¬ 
quired in the speed time record in order to obtain a 
reasonably accurate record of acceleration. 'Thus, to 
secure an accurate record as well as to save time in 
interpreting the record, t he inst rument should measure 
acceleration directly. 

The acceleration could be measured elect ideally by 
generating a voltage proportional to the rotor speed and 
impressing this voltage across a condenser. The 
charging current would then In- proportional to the 
acceleration of the rotor. This method is possible, but 
to secure sufficient current to give a reasonable dellee- 
tion on the oscillograph, tin* apparatus must be rather 
large or amplification must be used. There is con¬ 
siderable chance for error due* to e. m. fs. induced by 
stray fields at the I tine of short circuit and by the varia¬ 
tion in drop across the brushes which must lie used to 
collect the current. The most, serious disadvantage is 
that if does not lend itself to a small mat rument and the 
calibration is neither as convenient nor as accurate as 
in the device adopted. 

The general scheme of measuring the force required 
to drive a small flywheel is believed to be the most ac¬ 
curate method available for measuring the acceleration 
of the rotor. It is very convenient si net;* it can he 
incorporated in a small instrument which can be at¬ 
tached directly to the shaft of a machine, and since it 
can be calibrated statically by applying a known torque 
to the flywheel, the corresponding acceleration being 
calculated from the moment of inertia of the flywheel, 

8. The torque transmitted to flu, foundation by a staler 
mounted with Homo flexibility in discussed by Mr. Soderhorg in 
an article published in (lie April, 1!»1M jnsuo of I ho Kir dm 
Journal (p, f(K)). This article covers die cloudy stain con¬ 
ditions. For a transient such as a short circuit, the solution Ik 
much more complicated. 






Tim Instrument 

The instrument decided on combines (wo separate 
devices for measuring the acceleration of (lie rotor. 
The? first merely gives eight points on (.lie aeeelemtion- 
time curve and ( lie second gives a continuous record of 
the acceleration. These devices are in a, single, very 
rigid casting which can he a( (ached (o ( he end of the 
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shaft of (he machine to he tested. The acceleration is 
recorded on the oscillogram giving; a simultaneous 
record of acceleration and of short .-circuit current. 
Fites. 1 and 2 show two views of the instrument attached 
to a.small UtOIhrev, per min. ult.emsi1.or. 

The device which records point s on the aocolerat ii m 
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rubber with a brass insert for a contact, so that current 
is carried through t he spring, brass insert, and stop, 
being entirely insulated from the flywheel disk. 

When the instrument is accelerated in a (dockwise* 
direction, the inertia reaction of the flywheel will lend 
to open the contact, but the spring will hold the contact 
closed until the acceleration force exceeds the spring 
force. As soon as this point is reached, the contacts 
will start to separate thus breaking the circuit and 
recording the time at which the acceleration reaches a 



time curve consists of several small disk flywheels 
mounted on and free to rotate on the instrument shaft. 
Fig. ;i is a cross-section of the instrument showing one 
of the disk flywheels and also shows the wiring diagram 
for a group of flywheels. Faeh disk flywheel up) has a 
projection (b) on its periphery which engages with a 
stop (r ) on the body of t he instrument. This stop also 
serves as an electrical contact. The flywheel projec¬ 
tion is held against this stop by a spring id) as shown in 
Fig. 3. The projection on the flywheel is made of hard 


value corresponding to the spring setting. By using 
several flywheels with different spring sellings an 
acceleration time curve can be plotted. 

It is evident (hat at the instant when the contact; 
pressure becomes zero, the contacts will start to separate 
very slowly at first, and then more rapidly. If an 
appreciable separation of the contacts is required to 
break the circuit, a considerable time lag will be intro¬ 
duced. Fig. 5 shows the calculat ed rate of separation 
of contacts. 11 is evident that if a record of the instant 
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when the pressure becomes zero, can be obtained, 
the instrument is accurate, but if a separation of one 
1/1000 of an inch is required, a considerable error is 
introduced. A resistance is connected across the con¬ 
tact so that opening the contact will merely produce a 
slight decrease in current and by using a small current 




Fig. 4—Cross-Section Showing Magnetic Accelerometer 

The instrument combines two independent devices for measuring ac¬ 
celeration. This is a cross-section showing the device which gives a 
continuous record of the acceleration. The wiring diagram is shown above. 

and low voltage, and making the circuit as nearly non- 
inductive as possible, the contact separation required is 
reduced to a minimum. As described later, a calibra¬ 
tion test was made which showed that in "this circuit a 
change in the current can be observed almost at the 
instant when the contact pressure becomes zero. 


Eight of these flywheels are mounted on the instru¬ 
ment shaft. Each flywheel is 5^ in. in diameter and 
in. thick at the hub, so that the axial space required 
is only three inch. The flywheels are connected in groups 
as shown in the wiring diagram (Fig. 3). In this way, 
several contacts are connected in series, each contact 
being shunted by a resistance. When any contact 
opens, there will be a certain decrease in the current. 
The values of resistance are chosen such that if the 
contacts open in the normal order, the steps in the 
current record will be approximately equal, but if they 
open in any other order, the steps will be unequal and 
the contact which opens can be determined from the 
value of resistance shunting the contact. In this way, 
a group of flywheels requires only one slip-ring and one 
oscillograph vibrator element. 

In this device there is considerable time lag in the 
closing of the contacts and severe chattering after they 



Angle wf (Radians) 

Fig. 5—Calculated Opening op Contacts 
Full line shows the assumed sine-wave acceleration. 

The dotted line shows the acceleration that would be recorded if a contact 
separation of O.OOOl in. were required to give a perceptible change in 
current. Actual tests showed a negligible time lag indicating that for the 
circuit used, the contact separation required to give a perceptible change in 
current was very much less than 0.0001 in. 

close so that the record is of ho value after the first 
torque cycle, but in a short circuit the main point of 
interest is the first torque cycle, so that for. this purpose 
this instrument is very satisfactory. 

The device which gives a continuous record of the 
torque consists of a flywheel rim mounted from a rigid 
hub with spokes which are flexible in a tangential direc¬ 
tion. Then when the instrument is given an angular 
acceleration, the inertia reaction of the flywheel rim 
will deflect the spokes producing a relative tangential 
movement between the flywheel rim and body of the 
instrument: A magnetic device measures this relative 
movement which is proportional to the acceleration. 
Fig. 4 is a cross-section of the instrument showing this 
device for giving a continuous record of the accelera¬ 
tion. The flywheel rim (a) carries a laminated arma¬ 
ture (&). Two sets of U-shaped laminations (c) are 
attached to the body of the instrument. Any relative 
tangential movement between the flywheel rim and 
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body of the instrument will increase one air-gap and 
decrease the other. Each set of U-shaped laminations 
carries a coil. The two coils are connected in a bridge 
circuit with a balance coil and oscillograph vibrator 
element as shown in the wiring diagram (Fig. 4). 
An 800-cycle e. m. f. is impressed across the coils. The 
balance coil can be adjusted to give approximately zero 
current for the neutral position of the armature. 



Fig. 6—Calibration of Magnetic Accelerometer 

Then any movement of the armature will decrease the 
inductance of one coil and increase that of the other, 
causing a current to flow in .the oscillograph element. 
With negligible resistance, saturation, and leakage flux, 



Fig. 7—Scheme for Calibration Test 

Tlie instrument rotates at a known velocity and a projection on the 
flange strikes the spring "K<>" at 6=0. 

the oscillograph current will be proportional to the 
movement of the armature. For the oscillograms 
shown in Fig. 9, the only attempt to balance the resis¬ 
tance was by constructing the resistances approximately 
equal. To reduce the initial current further, the resis¬ 
tance and reactance should be balanced separately. 

In an ideal instrument, the motion of the flywheel 
rim should be exactly the same as the motion of the 


body of the instrument so that the acceleration of the 
flywheel rim will be the acceleration which it is desired 
to measure. This would require the measurement of 
force without permitting relative movement. Practi- 



Time (Seconds) —*- 

Fig. 8—Results of Calibration Test of Accelerometer 

The full line shows the acceleration calculated from the initial speed and 
spring characteristics. 

Points indicated by dot and circle ( 0) shows the acceleration as recorded 
by the magnetic device. 

Points indicated by “x” are the points recorded by the disk flywheel 
contacts 

eally, it is sufficient to have the motion of the flywheel 
rim substantially the same as the motion of the instru¬ 
ment. The error corresponding to' a given relative 
movement is discussed in Appendix I. 

In Appendix I, it is shown that to obtain a given 
accuracy a certain natural frequency of the flywheel is 
required, and for a given natural frequency and accelera¬ 
tion, the relative movement between the flywheel rim 
and the body of the instrument is fixed. If the error 
is to be small, the relative movement allowable is very 



Fig. 9—Oscillogram Showing Currents and Torque for a 
Single-Phase Short Circuit 

A—Terminal voltage 
B—Current through a group of contacts • 

C—800-Cycle current—the magnetic record of acceleration. 

D—Field current 

E—Current in short-circuited phase 

small. In this instrument, the natural frequency of the 
flywheel is 400 cycles per sec. so that for an acceleration 
of 1000 rad./sec. 2 which is a fairly high value of accelera¬ 
tion, the corresponding relative. movement between 
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flywheel rim and instrument body is only one-half mil. 

Since this one-half mil of relative movement is be¬ 
tween two parts rotating at high velocity and subject 
to severe vibrations at the instant of short circuit, very 
careful design is required to insure an accurate measure¬ 
ment. The instrument as constructed gives a 2-in. 
amplitude on the oscillogram for an armature motion 
of hi mil, or a magnification of 4000 times. This 
gives a very satisfactory method of measuring the 
acceleration of the rim since the relative movement is 
so small that; the motion of the flywheel rim is 
practically the same as the motion of the shaft,. 

This 3 4 mil of allowable movement dot's not 
mean that the absolute position of the flywheel rim 
must; be located with any such accuracy. It does 
require however, that there he no relative 1 move¬ 
ment permitted between the flywheel rim and hotly of 
the .instrument except the elastic tangential movement 
of t he flywheel rim which is proportional to the accelera¬ 
tion. To accomplish this, the flywheel rim is carried on 
flexible spokes so that the flywheel and body of the 
instrument behave as one piece of metal having the 
proper flexibility to permit, a slight, relative tangential 
movement., but' with sufficient rigidity in other 
directions so that all other relative movements art* 
negligible. The magnetic instrument must, then mea¬ 
sure 1 minute relative 1 tangential movement with ac¬ 
curacy. To accomplish this, the* air-gaps arc set as 
nearly alike as possible and the final balance obtained 
with the balance coil adjustment. Then a very slight 
movement, of the armature can give* a very large oscillo¬ 
graph deflection. 

A slight; torsional vibration of the flywheel rim will 
sometimes occur, but with the high nat ural frequency 
of the flywheel (400 cycles) this can readily he dis¬ 
tinguished from other effects. Serious trouble might, 
occur if there was a tooth pulsation or ot her disturbance 
having a frequency the same as the natural frequency 
of the flywheel. For this reason, it, is desirable to he 
able to change the natural frequency of the instrument,. 
It is also desirable to have a means of changing the 
sensitivity of the instrument,. Both of these object,s 
are accomplished by the auxiliary springs id in Fig. 
4), which give* additional stillness to the flywheel 
system. Each spring is merely a piece of piano wire 
stretched between two parts of the instrument, body 
and with its midpoint attached to the flywheel rim. 
It is so arranged that the size of wire can he readily 
changed. For the small movement required, this gives 
the stiffness required in a very light spring. 

The amplitude of the current recorded by the oscillo¬ 
graph is a measure of the movement of the armature 
from its neutral position. If this current is adjusted to 
be zero in the neutral position, a movement in either 
direction will produce an increase in the amplitude 
of the recorded current,, but since the direction of the 
first acceleration of a short circuit is known, this is 
satisfactory. With negligible resistance, saturation, 


and leakage flux, the amplitude of the current recorded 
should he proportional to the movement of I he arma¬ 
ture. The instrument used can he set to give a slight 
initial deflection and a. straight line characteristic in 
one direction, but not quite a st might line ebararieristic 
in the reverse direction. In this east 1 , the main point 
of interest is the first torque peak, so that this adjust¬ 
ment, was used. Fig. (>, shows a calibration curve for 
the instrument. The magnification can he increased 
by increasing the voltage applied to the instrument. 

Ml-’/niOI) OF ( 'Al.IUKATINtJ ‘ft IK I NSTlit .\IK\TS 

.The moment of inertia of each flywheel can easily he 
determined so that the torque corresponding to a given 
acceleration can he calculated. To calibrate I he disk 
flywheel springs, a lorque is applied to the flywheel 
rim using a spring balance. The torque is .gradually 
increased until the contact opens as shown by watching 
flu* deflection in the oscillograph. Faeh spring can 
then he adjusted to give the desired value of torque 
required to open the contact,. 

In practise, the springs are adjusted roughly to cover 
the desired range and the torque require*I to oj on each 
contact measured and recorded as I lie calibration for 
that, contact. 

To calibrate the instrument which gives a continuous 
record, a known torque is applied by hanging; scale 
weights from the flywheel rim and measuring the cor¬ 
responding dellecl ion in t he oscillograph. By doing this 
for several values of torque, an accelerat ion deflection 
curve can be plot led. This calibration curve is shown 
in Fig. (>. The method of calibration is very simple, 
so that, if desired if can he cheeked before and after 
a test to he sure that nothing is out of adjust men!. 

By calibrating flu* instrument in this way, the oscil¬ 
lograph and acceleration measuring instrument are 
calibrated as a unit so that all errors are eliminated 
except those due to the difference between rotating and 
stationary conditions. Two of there errors which must 
he considered are the variation in contact drop at the 
slip-rings and any e. in. f, which might he induced by 
stray fields at the instant of short circuit. The effect 
of a slight change in contact drop is negligible since the 
reactance of the circuit, is large compared to the resis¬ 
tance, so t hat a change in resistance will result in a 
change in phase angle, but only a very .slight change in 
impedance. 

Any currents induced by stray fields will have a low 
frequency compared to the H00«eyele e. m. f, supplied to 
the instrument, so that an induced current will merely 
shift the zero line and not affect the amplit ude of the 
800-cycle record so that an induced current will not 
give an appreciable error. There is usually considerable 
lateral vibration at, the instant of short circuit, but this 
does not produce* angular acceleration in an accurately 
balanced flywheel. 

As a check on the operation of the instrument in 
actually recording pulsating acceleration, a calibration 
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test was made in which, a sine-wave acceleration of 
known frequency and magnitude was imparted to the 
instrument by rotating the instrument and allowing a 
spring to engage with a projection on the periphery of 
the instrument. This method is discussed in Appendix 
II. Fig. 8 shows the agreement between the calculated 
acceleration and the acceleration as measured by the 
instrument. The agreement between the records was 
considered very close for measurements of this kind. 
Closing the Short Circuit 

The torque developed by a short circuit varies with 
the point of the voltage wave at which the short circuit 
occurs. In order to measure the maximum possible 
torque, it is necessary to close the circuit at the proper 
point of the voltage wave. To accomplish this, a 
switch is arranged to be tripped at a given position 
of the rotor. ■ The switch is designed to close quickly 
(1/100 of a sec.) so that a small percentage of variation in 
the time required for the switch to close will give only 
a very small error in the time at which the switch closes. 
The position of the rotor at which the switch is tripped 
is adjustable. In making a test, one short circuit 
must be made with a known setting of the tripping 
mechanism. The point at which the switch is closed is 
noted on the oscillogram and the tripping device set 
ahead or back the required number of degrees to close 
the switch at the desired point of the voltage wave. 

The switch shown in Fig. 1 was improvised using an 
ordinary knife switch. It is closed by very heavy 
springs and has a rubber bumper to absorb the shock 
at closing. The tripping device consists of a projec¬ 
tion on the flange of the shaft coupling which engages 
with a very light phosphor bronze dog. This phosphor 
bronze dog can be moved in an arc of a circle to engage 
at the desired position of the rotor. This arc is gradu¬ 
ated in degrees to facilitate setting the dog. This 
device can be seen at the bottom of Figs. 1 and 2. The 
dog is made as light as possible and is connected to the 
catch of the switch by a piece of small piano wire. 
These parts are very light, for if heavy, they would 
cause a serious jar of the instrument at the instant 
of short circuit which might destroy the accuracy of the 
record. A certain amount of flexibility is also essential 
to prevent breaking the parts due to the high speed at 
which they engage. 

This devipe can be depended upon to close the circuit 
with less than 10 deg. variation, from the desired posi¬ 
tion of the voltage wave, which is less than one-half 
thousandth of a second error. Prior to closing the 
short circuit, a piece of small fuse wire holds the phos¬ 
phor bronze dog sidewise in a position where it will not 
engage with the rotating projection. A hand operated 
switch is used to start the oscillograph. This switch 
also connects 110-volts, d-c. power, directly across this 
small fuse wire, blowing the fuse and releasing the dog. 
Then as soon as the rotor reaches the proper position, 
the main switch will be tripped closing the circuit at the 
desired point of the voltage wave. In this way, closing 


the circuit and taking the record are controlled auto¬ 
matically so that all the operator has to do to take a 
record is to close a small instrument switch. 

Conclusion 

Some tests have been made and these have shown 
remarkable agreement between the two separate 
methods of recording the torque. This fact, together 
with the calibration test, shows quite conclusively that 
the instrument is very accurate. Fig. 9 shows an 
oscillogram taken of a short circuit, the circuit being 
closed slightly off zero voltage. The armature current 
and acceleration of the rotor are recorded simultane¬ 
ously. Fig. 10 shows the torque developed by a single- 
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Fig. 10 —Torque- 


-Time-Curve for a Single-Phase Short 
Circuit 


Points shown by dot and circle (O) show acceleration as recorded by 
opening of contacts 

Points indicated by cross " show acceleration recorded by magnetic 
instrument (peaks of 800 -cycle current) 


phase short circuit. A discussion of the results of the 
tests will be given in a later paper. 

The means of measurement used are old devices, 
merely redesigned and combined for the particular' 
purpose desired. The idea of measuring linear accelera¬ 
tion by a mass held against a contact by a spring has 
been used frequently, and its adaptation to angular 
acceleration was suggested by Mr. Soderberg several 
years ago. 

The idea of measuring small movements by the 
variation in inductance resulting from the change in 
air-gap has been used in many instruments and experi¬ 
ments. The magnetic device used for measuring the 
movement of the flywheel rim in this instrument was 
copied from an instrument built four years ago by 
Mr. J. G. Ritter, for measuring railway track stresses. 

The author is indebted to many men in the Westing- 
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ion for valuable suggestions and ideas represents the transient condition which will be damped 
io- the instrument and wishes to take out by friction. Thus in the steady state condition, 
y to thank them, particularly Mr. a*, which is the acceleration measured, is equal to the 
Mr T a Ritter Mr. J. W. Legg, and actual acceleration of the rotor (a*) multiplied by the 


house organization for valuable suggestions and ideas 
used in designing the instrument and wishes to take 
this opportunity’ to thank them, particularly Mr. 
C. R. Soderberg, Mr. J. G. Ritter, Mr. J. W. Legg, and 
Mr. C. J. Fechheimer. 

Appendix I 

In measuring the acceleration of a rotor by measuring 
the force required to drive a small flywheel, the flywheel 
should have exactly the same motion as the shaft, but 
since any known device for recording the instantaneous 
force allows a slight relative movement of the parts, the 
error due to this relative movement between flywheel 
and shaft must be considered. 

Let 

a? = Acceleration of flywheel in rad./sec. 2 
q; r = Acceleration of rotor of machine in rad./sec. 2 
S = Relative angular movement between rotor and 
flywheel. 

K = Spring constant of device driving flywheel 
(pound-inches per radian). 

I = Moment of inertia of flywheel. 

= «F + relative acceleration between rotor and 
flywheel. 

JlL 

CX.R = CUF.-f- , (1) 


factor 




So that 


-(—) 2 


repre¬ 


sents a fundamental error in this method of measure- 

co 

ment. The smaller the value of ~ can be made, the 


smaller will be the error. If — = 34 the measured 

03 c 

value will be 6 3^ per cent high. 

Any mechanical device for continuously recording 
force can be regarded as having a certain flexibility and 
as measuring the deflection due to the action of a force 
on this flexibility. Then if the value of oo c is fixed by 
the allowable error, and if a given acceleration must be 
measured, the corresponding relative movement be¬ 
tween rotor and instrument flywheel is fixed. 

For, from equation (2) 

K8 = I a? 


Kb - I a? 


Then assume that 

«r = A sin co t 

Then 

I tPa? 

a * + J¥~ = j 


= A sin 03 1 


dr a? 

—7-— + 03 c 2 a? = 03 c 2 Asm wi 
a t- 


where 


This gives 

1 

a? = Ci cos co c t -f C 2 sin oj c t + - 7 -r; A sin 03 1 

i-(—) 


In this solution A -;-r sin co t represents 

L 1 -(—> J 

\ co c ' 

the steady state condition and Ci cos co 0 1 + C 2 sin co e t 


In designing this instrument, a natural frequency of 
400 was used and the instrument designed to measure 
an acceleration of 1000 rad./sec. 2 with accuracy. 

Using equation (5) 

1000 v 
5 - (400 X 2 r)i " °- 00016radian 

The radius of the measuring device was approxi¬ 
mately 3 in. so that 0.00026 multiplied by 3 = 0.00048 
in., which the instrument must be able to measure with 
accuracy. This is a very small movement to measure 
accurately but it cannot be increased without increas¬ 
ing the size of the instrument or the fundamental error 
considered above. 


The factor of error 


(—) ; 


derived above applies 


only to measuring a steady sinusoidal acceleration. 
For measuring irregular accelerations, the factor will 
not be exactly the same, but the error will still be a 
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function of the ratio of the acceleration frequency to the 
natural frequency of the instrument and the factor 
derived above will give a good approximation to the 
magnitude of the error to be expected. 

Appendix II 

As has been mentioned, the method used to calibrate 
the instrument was to rotate it at a known speed, but 
running free, and let a projection on the flange strike a 
very light, stiff spring. To rotate the instrument, it is 
mounted in a lathe but instead of driving it by a lathe 
dog a string is used having just sufficient strength to 
overcome friction. Then when the projection on the 
flange strikes the spring, the string breaks, allowing the 
instrument to move under the influence of the spring 
force and its own inertia. As shown below, this imparts 
a sinusoidal acceleration to the instrument. 
Assumptions and symbols: 

Friction negligible 
Mass of spring negligible 
Initial velocity = co 0 
d = Angular position of instrument 
1 2 = Moment of inertia of instrument 
K 2 — Spring constant (inch pounds per radian) of the 
spring used to stop the instrument 
t = time/ 

• At t = 0 the projection of the flange of the instru¬ 
ment strikes the spring. 

Then 

d 2 6 

+Ki0 = 0 (5) 



d 2 e 

d t 2 




(7) 


This equation holds only during the time when the 
spring is in contact with the projection on the instru¬ 


ment, which is from t = 0 to 



7r. Or in 


other words the sinusoidal acceleration continues for 
only one-half a cycle. 

From this it is evident that the acceleration imparted 
to the instrument in this manner has a frequency deter¬ 
mined by the inertia of the instrument and the stiffness 
of the spring used. This frequency used for checking 
the instrument should be approximately the same as 
the frequency which the instrument is to measure. 
For any given frequency the magnitude of the accelera¬ 
tion is determined by the initial speed of rotation. 

A piece of piano wire in tension was used for the 
spring. This gave a very light spring combined with 
the required high spring constant. 

Fig. 7 shows the schematic arrangement for the test. 
Fig. 8 shows a plot of the results of this test as com¬ 
pared to the calculated acceleration. The agreement 
between calculated and test results is within the ac¬ 
curacy with which the oscillogram could be read. 


6 = A cos -J - t + B sin -J t (6) 
' 1 2 ' 1 2 

Where A and B are constants of integration. 

d 2 d 

At i = 0, — = 0 s0 that A = 0 
d 6 

At t = 0, = co 0 

This gives 

R I K 2 
O)o = B -J 

’ 1 2 
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Reduction of Transformer Exciting Current 

to Sine-Wave Basis 

BY G. CAMILLI 1 


Associate, 

Synopsis .—--is a sequel to an earlier investigation and develop¬ 
ment of a method for the reduction of core-loss measurement to sine- 
wave basis, this paper describes two methods developed for the 
reduction of exciting curren t to sine-wave basis. 

The first method consists of making two measurements at wave 
shapes as widely different as possible, setting the voltage in each case 
by means of the flux voltmeter. The current corresponding to sine- 
wave voltage is obtained by extrapolation from the observed values of 
currents and form factors. Although the method might be con¬ 
sidered to some extent empirical, it is found to yield an accuracy 
within one per cent even under extremely unfavorable conditions. 

The second method utilizes as before the flux voltmeter for setting 


. I. E. E. 

the voltage but uses a “crest ammeter ” (developed for this purpose ) 
for reading the instantaneous maximum values of the corresponding 
currents. Measurements are made at 100 per cent, S6.6 per cent 
and 50 per cent voltages. These data determine the fundamental, 
third and fifth harmonics of the exciting current corresponding to 
sine-wave voltage and hence the exciting current itself, because these 
harmonics are the only important components in determining the 
effective value of the exciting current. 

Theory of the crest ammeter is given, and its applicability (in 
conjunction with the flux voltmeter ) to the determination of d-c. 
saturation curves by means of a-c. tests in magnetic investigations is 
indicated. 


Introduction 

T is well known that the no-load losses, that is, 
the iron loss and exciting current, of a transformer are 
dependent upon the wave shape of the excitation' 
voltage. While the Institute rules provide that the 
efficiency rating of transformers must be based on sine- 
wave operation, it is known how difficult it is to obtain 
sine-wave voltage on a commercial scale for the testing 
of transformers. Some scheme that will reduce core loss 
and exciting current tests to a sine-wave basis is 
therefore a necessity, much more important now than it 
was some years ago, due primarily to the increased 
kv-a. capacity of transformers. This may be seen 
better by considering the fact that while the kv-a. 
capacity of transformer units has steadily increased, the 
kv-a. capacity of generating units used for testing them 
has not increased proportionately, and therefore the 
core-loss load on generators in testing departments is a 
much larger percentage of the generator capacity than 
was formerly the case, with the consequence that wave 
distortion is much larger. 

In a paper presented to the Institute a year ago, 2 
the writer described a new and accurate method for the 
reduction of transformer core-loss measurements to 
sine-wave basis, utilizing a flux voltmeter developed for 
that purpose by the writer. The accuracy of the 
meter and method was checked and endorsed by the 
Bureau of Standards, 3 and it is understood that a 
number of research laboratories besides the Bureau of 
Standards have already adopted the scheme. 

Since the successful solution of the problem of the 
reduction of the core-loss component of the no-load loss 

1. General Transformer Engineering Department, General 
Electric Company, Pittsfield, Mass. 

2. See G. Camilli, A Flux Voltmeter for Magnetic Tests, 
Journal A. I. E. E., October 1926. 

3. See Discussion by Mr. R. L. Sanford, Journal A. I. E. E., 
October 1926, p. 1014: 

Presented at the Regional Meeting of District No. 1 of the 
.4. 1. E. E., Pittsfield, Mass., May 25-28,1927. 


measurements to sine-wave basis, the writer studied the 
problem of the reduction of the exciting current com¬ 
ponent of the no-load measurement to sine-wave basis. 

Two different methods were developed for the reduc¬ 
tion of exciting current measurements to sine-wave 
basis, as follows: 

Method I. In core-loss measurements, setting the 
voltage by the flux voltmeter, 2 the maximum flux 
density and therefore the maximum value of the 
exciting current are those corresponding to sine-wave 
voltage regardless of the wave shape of the test voltage. 
The effective value of the exciting current, however, 
will be variable with the wave shape of the test voltage. 

To apply a wave-shape correction to the observed 
effective value of the exciting current, it would be 
necessary to have some applicable measure of wave 
distortion. Now, form factor is one kind of a measure 
of wave-shape distortion and is given in a simple way 
by the flux voltmeter, and therefore it occurred to the 
writer that some simple relation might exist between 
form factor and effective value of the exciting current. 
Thus, indicating the values of form factors by F, 
and the values of the exciting current by Y, we may 
write as a general equation between these two variables: 

Y = a + b F + c F 2 + d F s +.. . + f F n 

Equations of this type are frequently used in engi¬ 
neering problems and are very convenient whenever it 
is found that the terms above the first or second power 
are negligible. Tests were therefore made to deter¬ 
mine what approximation could be used, and it was 
found that all terms above the first power could safely 
be ignored; that is, the exciting current corresponding 
to sine-wave form factor may be extrapolated as a 
straight line function of the form factor. 

A-c. Voltmeter reading 

form factor = 1.11 X —™—um—i- t- - 

Flux Voltmeter reading 

In a dozen test cases, the error was not more than 1 per 
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cent. With no correct ion applied, the error would have 
been up to 20 per cent:, making the exciting current 
that much too high. 

Method II. In the foregoing, it was mentioned that 
in using the (lux voltmeter the maximum flux density 
and therefore the maximum value of the exciting 
current are determined. Consequently, if a trans¬ 
former is tested at various voltages, observing the 
voltage on a flux voltmeter and the current on a 
crest ammeter (to he described below), points of the 
B-1I curve of the transformer are obtained. Having 
the />-// curve, the effective current corresponding to 
sine-wave voltage can he calculated, 


JI! 11111! j |» j 1111 j j j : j j i | 

hii||II'jjlj | 

i i.uilifff ! I'i j i :!; i J M 

j M f t ' U B| It | ■ M| | 

i. ■ "• | 1 ] j S' m ' 1 ■ j 

1 i • ' i i ! 1 ! i u ! ! 1.; J i j 

Fin. I It'll < ' I u V i; |l v M Iv-VNH UK rill; t'lU'.WT Ammktku 

It may appear at first as though this would he a very 
laborious method, hut if. is extremely simple. Three 
readings, viz,t one taken at full voltage, one at. 8(U> per 
cent voltage, and one at 50 per cent, voltage (by the 
flux voltmeter), enable us to determine the fundamental, 
third-harmonic and tifth-harmonie components of the 
exciting current; corresponding to sine-wave voltage, 
and, since these are the only important harmonics, 
their resultant, gives the total effective current for 
sine-wave voltage. In this method, the higher har¬ 
monics are not entirely neglected, because they appear 
partially in the first, third, and fifth harmonies by 
modifying t heir values. For greater accuracy, a larger 
number of readings and eorrespondingly larger number 
of harmonics may he included, but. this appears to be 
hardly necessary. When u large number of points is 
taken, it becomes unnecessary to bring in the harmonics 
at all, as the r, m. s. value of the exciting current, for 
sine-wave voltage may be calculated by taking points 
equi-distant in time. The harmonic idea is useful in 
obtaining a greater accuracy from a few points than 
would otherwise he possible. 

The IUII curve obtained by observing simultaneous 
values of B mnx and will be recognized to be the 
locus of the tips of t he symmetrical hysteresis loops for 
various densities, as shown by the heavy line in Fig. 1, 
and therefore, intermediate between the ascending and 


descending branches of the loop for maximum (normal 
density). The error which this introduces into the 
exciting current calculation is that of ignoring the power 
component of exciting current corresponding to hystere¬ 
sis loss, which ordinarily may be neglect ed in the value 
of the exciting current. The exciting current thus 
obtained lacks, therefore, the hysteresis loss com¬ 
ponent; and therefore, if desired, this component may 
be added to it as determined by the core-loss test. 
This refinement, however, appears to be hardly neces¬ 
sary, because tests show that exciting currents obtained 
by this method err on the safe side; that is, results 
obtained by the three-point method are a little larger 
than those obtained by direct sine-wave tests. 

Crest Ammeter. The principle underlying the func¬ 
tioning of the crest ammeter is as follows; In an air-core 
reactor, the maximum ilux density, and consequently 
the maximum value of the current, is proportional to 
the arithmetical average value of the reactive voltage 
across it.. 

The proof of the t heorem may be seen in the follow¬ 
ing way: Let e be the instantaneous voltage drop in the 
inductance of the circuit and i the current through it. 

By elementary theory: 


where L is the inductance of the circuit, a constant. 
From 11) it follows that, 

e d t * L d i (2) 

e f dt ■ L f d i (3) 




Fiu. 2 -Uhk ok THK (2It kmt Ammktku 


/ vului! 


I < <n = l, f d i 


t lmvc:;t v.ilm* 


\ p.d l area of half-cycle = e, m (/.. - /,) (5) 


/ liii4»‘Ht. valui- 


L j d i 


l lowest value 


L times maximum change in 
current, (6) 
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Therefore, substituting (5) and (6) in (4), 

e av6 (fo - ti) = L times the maximum change in the 
current. 

Since the maximum change in current is twice the 
maximum value of the current, e avg is proportional to the 
maximum value of the current. 



Pig. 3—Crest-Ammeter 


Step up Reactive Coil used 
with the “Crest Ammeter" 



L. V. - 96 Turns of 0.164 D. C. 
H. V.= 7200 Turns 



Pig. 5—Calibration of the Crest Ammeter 


The arithmetical average voltage drop across the 
reactor can be measured by means of the flux voltmeter, 
so that the flux voltmeter shunted by a reactor becomes 
a crest ammeter. 

The scheme of the apparatus and its connection to the 
circuit may be seen from Fig. 2 in which T is the trans¬ 
former under test, C T is an ordinary current trans¬ 


former, A is an ordinary a-c. ammeter, X is the air-core 
reactor, and V is a flux voltmeter. 

Fig. 3 shows a view of the outfit. Fig. 4 shows the 
details of the air-core reactor. 

Fig. 5 shows how the calibration of the crest ammeter 
may be made. A sine-wave generator is used for this 
purpose connected to a non-inductive load. 

The calibration is made by comparing the readings in 
the voltmeter V and the ammeter A. The calibration 
of this instrument corrects also for the slight error intro¬ 
duced into the readings by the fact that the shunt reac¬ 
tor cannot be of zero power factor required theoretically, 
but must have some little resistance. 

B-H Curves by A-c. Tests Using Crest Ammeter 
and Flux Voltmeter 

Usual methods for obtaining the B-H curve of a 
specimen require the use of direct current and labora- 



Pig. 6— -D-c. Magnetization Curve Obtained by the Use 
of the Crest Ammeter and Flun-Voltmeter 

tory instruments and methods unsuited for commercial 
test. It will be evident from the foregoing discussion 
of the crest ammeter that B-H curves (not hysteresis 
loops) can be obtained by very simple and convenient 
commercial a-c. tests by. men with no particular labora¬ 
tory training, using the crest ammeter and the flux 
voltmeter, two sturdy portable meters. 

Although, in a way, it may be considered a disadvan¬ 
tage that hysteresis loops cannot be obtained by these 
simple tests, on the other hand troubles from residuals, 
and need for proper demagnetization, etc., attendant on 
d-c. tests, are entirely avoided in the a-c. tests. 

Fig. 6 shows the magnetization curve of a 2000-kv-a. 
transformer obtained by this method. 

Test Data 

Method I. In the tests tabulated below a given trans¬ 
former was tested on two or more generators of widely 
different wave shapes, or on the same generator but 
connected to different voltage diagram, so as to obtain 
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the exciting current for at least two different form 
factors. 

The values so obtained were plotted in rectangular co¬ 
ordinates, and by extrapolation the exciting current 
for a sine-wave form factor was obtained. 

As a check, the same transformer was tested with the 
best generator available and the two results were com¬ 
pared and are tabulated below. (See Table I.) 
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voltmeter), and value of the current corresponding to 
each voltage is measured by the crest ammeter. With 
the help of these data the effective value of the exciting 
current is calculated. (See Appendix B.) 

As a check to the value of the current obtained by this 
method, six transformers were tested also with the best 
wave shape available, and the results are compared 
below. 
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TABLE I 


Rating 

Form 

Factor 

Exc. I 

Remarks 


1.155 

24.1 



1.16 

24.2 


77-60-2000- C-2300/18,400/ 

1.215 

25.0 

See Fig. 7a 

32000 7-2300/4600 Y 

1.31 

26.1 



1.56 

28.7 



1.11 

23.6 

1 By extrapolation from 


1.11 

23.4 

/ Best wave test 

H-60-1000- 63,000 Y - 6925 - 

1.20 

20.19 

See Fig. 7b 

2400 

1.12 

18.76 

Best wave test 


1.11 

18.50 

By extrapolation 

77-30-1000- C-3 6,700/ 

1.19 

19.70 

See Fig. 7c 

63,100 Y-6925/12,000 Y-2400 

1.13 

IS 



1.112 

17.6 

Best wave test 


1.11 

17.5 

By extrapolation 


1.19 

8.91 


77-60-667- C-23,000-2300/ 

1.13 

S.31 


4000 Y 

1.112 

8.16 

Best wave test 


1.11 

8.10 

By extrapolation 

77-50-2500-0-25,200-6300 

1.19 

19.9 



1.27 

20.8 



1.11 

19.1 

By extrapolation 

77-60-2000-0-34,700-2300/ 


34.0 

See Fig. 7d 

4000 Y 


38.0 



1.115 

33.0 

Best wave test 


1.110 

33.2 

By extrapolation 


TABLE II 


Rating 

Form Factor 

Exciting 

Current 

77-60-667- C-l-3,200-2400 

1.170 

9.64 


1.121 

9.40 


1.11 (By extra.) 

9.36 

W C-25-3333-45,100/78,000 Y-2200 

1.155 

47.6 


1.125 

45.4 


1.11 (By extra.) 

44,3 

77-60-833-C-22,000-2300 

1.21 

29.3 


1.15 

26.25 


1.11 (By extra.) 

24.3 

■ 77-60-500-C-12,500-2300 

1.155 

7.90 


1.12 

7.25 


1.11 (By extra.) 

7.06 

77-60-500- C-4000-2200 

1.145 

8.64 


1.115 

8.34 


1.11 (By extra.) 

8.24 


The data in Table II are taken from the records of an 
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Appendix A 

In using Method I, instead of graphical extrapola¬ 
tion, calculation may be made by slide rule as 
follows: 

Calling the value of current A at form factor F\ 
(for instance, the higher form factor), and at form 
factor F 2 (the smaller form factor), the value of exciting 
current I at sine wave may be expressed by: 

T T (Ji - h) (F 1 - 1.11) 


a 
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A, D,1.I1 1.15 1.19 1.23 1.27 1.31 1.35 1.39 1.43 1.47 1.51 1.55 

B, C.1.11 1.12 1.13 1.14 1.15 1.16 1.17 1,18 1.19 1.20 1.21 1.22 ' 

FORM FACTOR 

Fig. 7 —Method No. 1 for the Reduction op the Exciting 
Current to Sine-Wave Basis 


Appendix B 

In using Method II (the crest ammeter method), 
the effective value of the exciting current is found from 
the peak values of the exciting current corresponding to 
50 per cent, 86.6 per cent, and 100 per cent rated voltage 
of the transformer. The following method gives in a 
simple way the fundamental, third and fifth harmonics 
by means of which it is possible to calculate the effective 
value of their resultant. Example: 

Let A be the value of I max corresponding to 100 per 
cent voltage. 


earlier core-loss investigation 4 and illustrate the fact 
that the exciting current is a function of the form 
factor and increases with it. 

Method II. In using this method, a given trans¬ 
former is tested at three different voltages: viz., 50 per 
cent, 86.6 per cent, and 100 per cent (set by the flux 

4. G. Camilli, A Flux Voltmeter for Magnetic Tests, Journal 
A.I.E.E., Oct. 1926. 


Let B be the value of I max corresponding to 50 per 
cent voltage. 

Let C be the value of I max corresponding to 86.6 per 
cent voltage. 

Then 

A — 2 B 

3rd harmonic = - ~ -= I 3 
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Aram IVoyujiam Fur the benefit ol' those who are not 
intimately familiar with transformer problems 1 wish to say 
that flm reduction of corn loss a,ml exciting; current to a sine- 
wave basis is not, quibbling over laboratory precision. Tim 
rmluotion of the corn lows to a sine-wave basis involves wnve- 
H lni]»o errors of from zero to 20 per emit, and the reduel ion of 
exciting current to a sine-wave basis involves errors of from zero 
to f»0 per cent. The lending manufacturers of the country use 
methods to reduce core loss to slue-wave basis, and possibly some 
of them use methods to reduce the exciting current also to sine- 


wave basis. These methods greatly lessen but. do not ..iplelelv 

eliminate the possible errors mentioned, due to the fuel, that tho 
bases of all the methods used in the past have been imperfect. 
Mr. (’amilli therefore has undertaken to develop met hods which 
will have a better basis and will be entirely reliable. 1 think 
he lias succeeded surpassingly Well. 

K. Iv. Talucffi With the tests made by various manu¬ 
facturers under different conditions, it is impossible to adjudge 
the comparative characteristics of ditlereut traimiormers, aiid 
it. seems to me that, the methods described by Mr. t amilli will 
f .;ive a very line basis on which to deride whether the magnetizing 
current really is 2 per cent or d per cent. 

I should like to lake exception to Mr. ( ’amilli’n stat ement in 
the first paragraph of his paper wherein he says that the testing 
facilities, in regard to the capacity of the generators, are not 
increasing in proportion to the transformer k\ a. capacity. 
'Pliat isn’t, our case Imre in the (leueral Fleetrie Company, 
jt,|„. last, live years, our tenting capacity in generators ha,4 
increased from dUlHhkvmi, to 2o,tH)() kv a. units, and at the 
present time we are equipped to tent the largest traiislormer wo 
lmve yet, built, or are going to build for tieveral years toeonic, 
wit li a,generator which will give very rood agreement wit h that of 
the perfect sine-wave generator. 










Research 

Annual Huporl, of the Committee on Research* 


To the Board of Directors: 

1. Tiiio Training ok Research Workers 

There is, perhaps no more important problem at 
this time than that of the training of research workers 
and engineers. The popular appreciation of research 
is increasing. This is good because the chief stimulus 
of research is a certain st ate of mind akin to, but more 
than, curiosit y and inquisitiveness which without doubt 
can be developed in the proper atmosphere. It was a 
similar stale of mind, a. dissatisfaction, a desire to go 
where ot hers had not gone and see what of,tiers had not 
seen that actuated our pioneer ancestors and resulted in 
America. It would thus seem that the right material 
should be available;but, more than material and popular 
appreciation is required to create the necessary slate 
of mind. Are our colleges doing their parts' As was 
pointed out, in t he report of this Committee last year, 
indications are that they are not. As a gage on the 
research in electrical engineering at colleges, Dr. E. IT 
Terman, of Stanford University, has made a statistical 
study of research papers presented by college professors 
and their students. The following is ([noted from his 
report which appeared in the April 22, .1027 of Science: 

“The summary of this survey shows that the electrical 
engineering schools of our count ry produce about, one- 
eighth of the electrical and radio research that is re¬ 
ported in the pages of t he national engineering societies. 
This represents about eleven articles a year. Of these 
eleven articles coming from the colleges each year, 
approximately seven come from four universities. 
There is a total of several hundred. Apparently not 
over a dozen technical schools are making much effort, 
if any, in the way of research. Over half of the uni¬ 
versity research in electrical engineering is the work of 
eight mom 

This is the situation, and it now remains to consider 
the consequences of this condition. University re¬ 
search in electrical engineering is primarily significant 
as an indication of the 1 situation which exists today in 
the educat ion of electrical engineers. The laboratories 
of the big electrical companies make technical progress 
assured even without university research, but the 
country’s supply of technically trained young men can 
come only from the university.” 

These facts are disconcerting. In correcting this 

*( 'oitnuif ten on KcHoureh: 
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condition, it must be kept in mind that true research 
workers are more than mere readers of instruments 
and collectors of data and cannot be turned out 
mechanically. 

It is not a mere matter of money and apparatus; 
atmosphere and inspiration are necessary. These must 
be supplied. There is, perhaps, something still to be 
done by the industry in further recognition of the 
research worker in a monetary way. 

2. Active Research 

This Committee serves as the Advisory Committee 
on Electrical Engineering to the National Research 
Council. At; the request of that Council, the Com¬ 
mittee' on Research has been instrumental in establish¬ 
ing in the National Research Council, a Commit tee on 
Electrical Insulation. This has given work of a definite 
character to the Committee on Research and a small 
group of its members has been active in this connection. 

The Committee on Insulation, largely made up of 
members of the Committee on Research, has already 
made two reports; the second of which is a compre¬ 
hensive review of the literature and present information 
on the subject, of dielectric absorption, and has sug¬ 
gested channels for further research in this field. As a 
result, a number of researches are now under way in 
different universities; one of these, in .Johns Hopkins 
University, is of special interest, on the present; occasion, 
as it is being supported by a generous fund guaranteed 
by Engineering Foundation. 

A third report of this Committee on Dielectric 
.Strength of Solid and Liquid Dielect rics is being pre¬ 
sented at this meeting. 

Research on cable insulation, under the auspices of 
the N. E. L. A., is under way in several colleges. Part; 
of this work Influence of Residual Air and Moisture 
on Impregnated Paper Insulation has already been 
presented to the Institute by Doctor Whitehead. 

2. Stimhkation of Research 

All divisions of electrical engineering offer wide oppor¬ 
tunity for experimental study, development, and 
research. It is the special duty of our Committee to 
encourage and stimulate research, to keep in touch with 
the results accomplished, and to see to it that the 
members of the Institute and others interested are 
informed. 

To do this, the Committee asks It s members to report 
on all matters of the following natures that come 'o their 
attention; 

1. New experimental work about to be undertaken. 
Information assists in co-ordination and often proven 1 s 
duplication. 

2. Important results of completed research. In¬ 
formation is necessary for our annual report. 
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3. Suggestions of important problems for research. 
The Committee has frequent opportunities for sug¬ 
gesting promising problems for experimental attack. 

4. Any method or occasion which suggests itself for 
obtaining important research papers for the Institute. 

President Chesney has done much to stimulate re¬ 
search in his inspiring talks at our various Sections in the 
United States and Canada. While he has pointed out 
clearly the necessity of pure research and adequate 
support of our colleges, he has not let us forget that the 
work cannot go on by research alone. Combined with 
this research spirit of adventure, there must be the 
spirit of cooperation and willingness of standardization 
at the proper time. Strange as it may seem, research 
and standardization must go together if the maximum 
prosperity is to be attained. It is well, in closing, to 
place the engineer by quoting from President Chesney’s 
Chicago talk: 

“The electrical engineer’s hopes and aspirations turn 
him to the future. His spirit is essentially the spirit 
of progress, and, while he reveres the accomplishments 
of the past in which figures of men were more con¬ 
spicuous than events, the changing conditions of 
modern day civilization still leave him the embodiment 
of progress. Complacent satisfaction with things as 
they are has ever been foreign to his nature; he is con¬ 
stantly striving for improvement.” 

F. W. Peek, Acting Chairman. 


Discussion 

F. C. Caldwell: There are two types of minds that are 
particularly adapted to the training for research,—on the one 
hand, the student who is distinctively scientific, who has the real 
research spirit, the desire to know, the scientific curiosity, 
on the other hand, tlie inventor, the man who has ideas that 
seem, to him at least, to be inventions of importance. 

The man of the first type is interested only moderately in the 
money side of his work. The man of the second type usually has 
in mind that financial return his invention will bring to him and 
often vastly over-estimates its money value. 

Such a student needs to have impressed upon him the real 
situation with regard to invention and development, the problems 
and the difficulties involved and the value of team work in this 
connection. He may thus come to appreciate the advantage of 
working cooperatively in an organization rather than trying to 
play a lone hand. 

The other student, the one who is of the scientific l’esearch type, 
wants to know that he will earn a good living, assuming a reason¬ 
able degree of success, and that he will not have to worry too 
much about the cost of living, if he trains himself for and devotes 
himself to research. 

Recently one of the large electrical organizations sent us a 
curve showing the average salaries which the graduates of our 
institution were earning at various intervals after leaving college 
It was a very interesting curve, and quite encouraging. It 
showed that for a man who was satisfied with a comfortable 
living, that was a good organization to join; little prospect of 
making a fortune, but an opportunity to five a comfortable life. 

It would be interesting if we could have such a curve for 
research workers. A curve like this, if it show's such an upward 
slope as I believe it will, should be very encouraging to would-be 
research workers. 

Another point,—often when a university teacher does develop 
some research ability, he is taken out of teaching work and 


absorbed by industry. That is a real difficulty, but we certainly 
would not want to eliminate it. The loss of such men from 
education is a hard problem to solve. Perhaps there is no solu¬ 
tion for it, until the time comes, if it ever does, when teachers will 
be paid salaries commensurate with those that the same men get 
in industry. 

R. W. Sorensen; The educational problem in our engineer¬ 
ing colleges up to the present time has been largely with under¬ 
graduate students w'hose college life is limited to four years. A 
few engineering colleges are extending their courses to five and 
in some instances to six years. This seems to indicate that in the 
near future there will be available in the colleges graduate 
students who will have the required preparation and time to do 
research Avork. 

Just at present the scientists are ahead of the engineering 
students in their ability to raise finances for puie research work as 
compared to applied research work,or engineering research Avork. 

In those colleges Avith which I am acquainted a pure scientist 
research teacher may have one course to teach, and usually that 
is just a lecture course, or perhaps he has only a feAV research men 
w'ith whom he holds conference regarding them research problems. 
Engineering teachers for the most pai’t have to dev ote about half 
their time to teaching; some of them also have to devote a 
large share of time to administrative Avork to keep a department 
going, in addition to being expected to try to get in a bit of 
personal research Avork and at the same time inspire students 
Avork of a research type. 

In engineering as w'ell as in pure science Ave must find a way to 
make available a large number of fellowships Avliich capable men 
may make use of while doing research Avork and studying for a 
Ph. D. degree in engineering. At the present time the few 
available felloAvships of this nature make it necessary for engineer¬ 
ing students who are not members of fairly well-to-do families to 
find all lands of outside work in order that a fexv dollars may be 
earned to keep soul and body together. 

Another factor is, only a feAV of the industries of today have 
expressed a Avillingness to pay for increased engineering training 
beyond that required to obtain a Bachelor’s degree. I think it 
can Avell be said the feAV who have been liberal in paying men who 
have been Avorthy of doing graduate Avork have found the in¬ 
creased pay a profitable investment. Another factor is that engi- 
neering research men have been directed toAvard commercial prob¬ 
lems because of 1 arger pay frequently given to commercial men. 

If colleges are to undertake engineering research problems they 
must also give considerable attention to the study of patents, how 
to obtain them, and the ownership of patents resulting from 
research Avork in college laboratories. It is my opinion that for 
the best results, patents thus developed should be the property 
of the educational institution Avhere the Avork is done, but the 
institution must, on the other hand, do as the industries have 
done, recognize patentable features resulting from research 
work as Avorthy of being the basis for financial compensation to 
the Avorkers who make it possible to obtain patents. Inasmuch 
as educational institutions have limited funds available for taldng 
out patents, industries, Avho after all will get the return by 
manufacturing the goods, must be very liberal in assisting the 
educational institutions in developing and patenting new devices. 

In fact, the Avhole problem is intricate and requires a great deal 
of study, but that study is inevitable because our technical 
problems are reaching a state Avhere they can be analyzed and 
extended further only by engineers Avho have a thoroixgh under¬ 
standing of modern physics and mathematics; that is, the 
engineering profession has become so thoroughly a language of 
physics and mathematics that four years of training is insufficient 
for the man who Avishes to be in the forefront of technical 
progress. To make it possible for colleges to turn out such men 
the industries and colleges must Avork out a new plan for financing 
men qualified to do gradixate work. The colleges must see to it 
that they admit to graduate work only men peculiarly fitted for it. 



,1 u ni* hi~ 


RKSEA1U ’If 


Sonic ceil icism has I.. made regarding I,he mimlier of papers 

entiling from our college researeh laboratories. I am quite con¬ 
vinced. however, 1.1ml. the colleges are producing results com¬ 
mensurate with l.he amuiml. of money spent in I,heir laboratories 
equal to that in l.he industrial laboratories. Our own experience 
has been swell as to indicate t hat niton research problems useful 
to industries can be carried on by students in a college laboratory 
as well as by a man in an industrial laboratory for much loss 
money than the industry would require should they-use the same 
man for the same work in mm of t heir own laboratories. 

It. K. Ilelhmmd: I think I lie subject of research in colleges 
is a very timely one to dismiss. The reason why I believe so is 
that there are relatively few students coming from the colleges 
with the intention of taking up research work or design work 
which is similar to research. I have for many years interviewed 
most of the students coming to the Westinghotiso Company to 
lake up engineering work, and until recently the large majority 
of them showed a preference for application work and luit very 
IV-w came with the idea of going into design or research. 

\\e, o| course, have given this a good deal of thought, because 
a gjamifael uring company is primarily in need of design engineers. 
The usual idea t hat the compensation may he the reason for l lm 
existing condition can hardly apply because the salar’es of re¬ 
search and design engineers are in general flu* same as those of 
application engineers. I believe the real reason is that the 
colleges do not instill into the students a desire to do this kind of 
work. I have found, for instance, that in some schools the 
students during their senior year do a number of design calcula¬ 
tions for induction molors, generators, transformers, etc. They 
are given formulas for this purpose, and in using them make 
numerous mistakes. Been use of their inexperience, t hey do not 
discover such mistakes until well toward the end of their calcu¬ 
lations, and as a eouucipieneo they are obliged to carry through 
the slide-rule work many times. Asa mat ter of course, they be¬ 
come thoroughly disgusted wit h I he w ork and make tip I heir minds 
that, this is not the kind of filing they wish In do all their lives. 

With the realization by the schools that it is impossible to 
give flic students a complete knowledge of design, there has for 
several years been a tendency lo eliminate design activities 
entirely and merely equip the students with a fundamental 
knowledge. This point of view has also found support, with 
I lie represent a I iv cm of the industries, who fell that if the student, 
had a thorough knowledge of fundamentals, the industry could 
teach him the particular design knowledge required. 'Phis 
may he true, but. it must pel he overlooked that even the funda¬ 
mental knowledge is merely a loot and that the real function 
nf the research man and I he designer is to create. In of her words, 
all the fundamental knowledge is of no use if the design engineer 
does not have the desire and ability lo create, and I therefore 
do not believe it, is safe to keep a student ill college for four years 
merely absorbing knowledge and without continually fostering 
iti him the desire to create something himself. Unless this is 
done, the st udent is not properly developed for ids future work, 
nor will he Ijc interested in design or research work upon entering 
industry. 

It is, of course, impossible to teach all variefies of design and 
research during the limited time of a college course. However, 
I consider it essential to keep the student, engaged ili some kind 
el design work throughout the mil ire course, without any attempt 
lo cover the entire Held. Starling with tlm simplest kind of 
problems, more dilliciilt ones may follow later, and earn should 
de taken at all times to utilize and apply in this connection the 
knowledge acquired in the fundamental studies. 

I fully agree with the previous discussers that additional 
financial resources are desirable in connection with the research 
work of the schools, but I also believe that a great deal can be 
accomplished simply by keeping the student interested in design 
and research work and continually fostering in him a, desire to 
exercise his ereaf iv o ability. 

W. A. Del Mars There is one observation I should like to 
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make a,bout training of research men which 1 believe has never 
come up in the discussion between the engineers and educators; 
tlii'it, is, the importance of training men in manual dexterity, both 
for making instruments and experimental “set-ups,” and for 
their manipulation. 

Sueeess in researeh work depends very largely upon the dex¬ 
terity of the worker in making, assembling, atul using apparatus. 
The man who depends entirely upon ready-made commercial 
instruments or who has to wait for the commercial concerns to 
make his instruments will not get very far in research work. 

There is one other point in connection with training of research 
men, and the development of researeh mentality. 1 do not think 
there is a single researeh mentality. We need two different types 
<»f men in the research laborati >ry. one having reliability in making 
measurements, and the other having extraordinary coordinating 
power, bringing together the results of tests and uniting them 
together into something new. I think those are two entirely 
distinct types and ought to he recognized as such by the 
educators. 

,1. Tyltocinski-T.vUoeiiiors f communicated after adjournment) 
Iv’esearch becomes more and more the result of cooperation 
instead of the effort of a single individual. With the growing 
complexity of engineering problems, the number of individuals 
participating in the solution of a particular problem will 
naturally increase. 'This development, conspicuous in the 
industrial laboratory, will have to be met also in the colleges, 
Tim development of theory, experiment, and equipment forms 
the three special divisions of research activities in which the 
individual researeh workers will have to specialize according 
to their nalurn-1 aptitude. The typo of student gifted in 
theoretical formulation of problems finds ample opportunities 
of preparing himself and developing for research work. Origi¬ 
nality mid knowledge of mathematical methods is all that is 
required for Ids future success. 

However, the gified experimenter, whose chief aim is to apply 
his creative faculties to the development of new methods of 
invest igal ion, the design of new apparatus, and to I,ho surmounting 
of innumerable dilTiculfies presenting themselves in the course 
of research work. Illids himself limited by the lack of talent to do 
things requiring skilled manual work. An inventor of now scion- 
tilic methods ami dev ices will rarely be suflicieutly skilled in 
mechanics to produce the actual experimental apparatus and pre¬ 
cise measuring instruments lie requires. In fact he will (hid in 
most cases that there is no mechanic available at the college 
who could do all the work he needs. If lie can get the mechanic 
to do work on his apparatus, In* will find him a dutiful craftsman 
but without initiative or understanding of the real needs for 
which the apparatus is to be built. < ‘olleges as well as industries 
must face the fact that the old generation of good mechanics 
adapted for the varied auxiliary research work is vanishing 
and that flic present sources for supplying trained men are 
inadequate. Continued progress in research calls for the 
creation of an cflicicnt, professional body of mechanics especially 
trained for research work. Tim research mechanic of the 
immediate future will regard his vocation as a line art- and lie 
will acquire all the knowledge, training, and skill in a special 
department of an engineering school to be created for this 
purpose. The research mechanic will actively cooperate with 
the theoretical investigator and with the experimenter. His 
aim will be to produce and to improve the equipment required 
for t.lic solution of the various problems. All three must have 
an understanding for one another’s part of the common work. 
The work of each must be regarded as an equivalent contribu¬ 
tion. Hadi of them w ill participate with his particular ingenui¬ 
ties for a common achievement. (loopcrafion of this kind and 
the organization of special courses for education and training 
research mechanics seem to me to be the factors which will 
further research and which should be .stimulated at tlm present 
stage of development. 


Electrophysics 

Annual Report of the Eleclrophysiea Committee' 


To the Board of Directors: 

The general views of the chairman of the committee 
will be found in the editorial entitled Relationship 
between Physics and Electrical Enyineermii, in the 
Journal for February, 1i)27. "Phis editorial may be 
considered as part of this report. During the year, 
some of the members of the committee volunteered 
to watch new developments in the following topics: 
Ferro-magnetisrn, theory of mapping of fields, short- 
time phenomena, high-voltage research, insulation 
and dielectrics (solid, liquid, and gaseous), arcs and 
discharges, short-wave propagation, atomic physics, 
spectroscopy, quantum theory, and surges. This 
list will give an idea, of the scope of interest in electro- 
physics. Several manuscripts submitted to the Insti¬ 
tute were read and passed upon by (lie committee. 

The committee has felt (hat a constant influx oi new 
ideas from the field of pure physics to Institute member¬ 
ship should be carefully maintained, in order that the 
profession might promptly lake advantage of new 
discoveries, methods of measurement, and theories. 
As a partial realization of this endeavor, the committee 
desires to report as follows: 

1. If has obtained permission from your Board to 
invite two members of the American Physical Society 
to sit with the committee. If is hoped that this 
arrangement will actually go into effect alter August 
first. 

2. It has obtained permission from the editor of 
Physical Rciricw to publish in our Journal abridgments 
of any papers appearing in the Renew , with the usual 
credit,. This will make it. possible to note* important 
articles immediately after their publication. 

2. II, has arranged with Professor K. T. Compton of 
Princeton University to write a paper on 77/c Nature aj 
the Electric Arc for presentation at this convention. 
It is hoped that another prominent physicist may be 
secured to address our next Winter Convention and (.hat 
such addresses may become a. regular practise in the 
future, at leasi, at Winter Conventions. 

Parers Presented 

The following papers and articles, which appeared in 
tin* Journal during the period covered by this report, 
will give an idea of the range of topics in electrophysics 
covered. While not all of these* papers were presented 
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under the auspices of the Electrophysics Committee, 
they all lie within the scope of the committee's interests. 
The pages refer to the Journal. 

11)20 

Temperature of a Contact and Related Current-Intcr - 
rapt ion ITohlenis, J. Slepian, October, p. DMO. 

Measurement of Transients by the Liehtenhery Fitjum, 
K. B. McEaehron, October, p. OB I. 

The Space Charije That Surrounds a Conductor in 
Corona at (id ('pries, J. S. Carroll and II. J. Ryan, 
November, p. 112(5. 

('nulldye's Cathode Ray Tube, November, p, 1142. 

Vacuum Siritchhnj Experiments, It. W. Sorensen and 
II. E. Mendenhall, December, p. 1202. 

102? 

Frequency Measurements with Cathode Ray Osetilth 
qraph, E. J. Rasmussen, January, p, 2. 

Maxwell's Theory of Inner 1 tit levit ies, IS 1). 
Murnaghan, February, p. 122. 

A New Electronic Rectifier , E. O. Cronduh! and E. fl. 
CJeigher, March, p, 215, 

Spare ('harye and (Aurmit in Alteriuitimj Corona , 
(MI. Willis, March, p.272. 

Oil Breakdown at Larne Spaeiuyr, , D. F. Miner, 
A j >ri 1, p. 22(5. 

Graphical Detenni nation of M injurin' Fields, A. It. 
Stevenson, Jr., and It. II. Bark, Winter Convention. 
E. E. Johnson and C. H, (*reen, June, p. 5S2. 

Elkctuiual Di.kuharuks in Cases 

Disruptive. Dise.huryes. Using a development of 
Townsend’s theory of ionizat ion by collision, if has been 
proved possible to design electrode shapes of high- 
voltage spark-gaps so as to obtain minimum electrode 
size. “No time-lag" electrodes so designed are much 
smaller than corresponding “no time-lag” spheres, 
(Rogowski and Rcngier, Archie, f. Elektroteeh,). A 
study of time lag of spark-over of gaps has shown 'that 
in many eases the duration of tin* lag is a matter 
of chance and must. In* dealt, with statistic,ally, 
(McEaehron, A. 1. E. E. Journal: Bnumbek, 
Zeitseh. /. Physiln. The iniluenre of the stale of 
electrode surfaces on time lag has been continued, 
(Burawoy, Archie, f. Elektroteeh . i. The Townsend 
theory of ionization by collision seems to be inadequate 
for explaining the shortness of the time lag, i Rogowski, 
Archie, f. Elektroteeh.). Progress has been made in the 
theory of lightning, (Simpson, Rme. Roy. Sue.; Dorsey, 
Frank. Inst. JL); experimental work has been dune 
aiming to discover the manner of st riking of lightning, 
(Vink, Frank. 1 mi. J7.). 

Corona, Progress is being made toward a rational 
theory of corona, and t he influence of space charge in 


OIiunI.w \V. Hire, 
J. Hit-plan, 
tlsu-tihl U. Smith, 
Irvhitf ft. Smith. 
J. It. Whitehead, 


7(H) 




Juno 1027 


ERECT R.OLMI YKICK 


701 


the discharge is being taken into account, (Carroll and 
Ryan, ,11., A. 1. F. F.). 

Arcs. An improved equation for the volt ampere 
characteristic of an are, with one constant of the equa¬ 
tion directly related to the boiling point of the anode, 
has been developed, (Nottingham, /7///,s\ Ken.). Ex¬ 
perimental and theoretical evidence has been produced 
for the existence of cold cathode arcs, (Newman, 
Phil. May.; Slepian, /7/.//«. Her., Frank. Inst. JL). 

Miscellaneous. Important formulas have been 
theoretically derived and experimentally confirmed for 
the properties of electrodes immersed in gaseous elec¬ 
trical discharges, (Langmuir and Mott,-Smith, Vhys. 
Her.). Cathode rays due to very high voltages have 
been brought outside the vacuum tube, and have 
produced strange 1 phenomena, (Coolidge, Frank. 

Inst, rfi ). 

SllORT~TlME PHENOMENA 

Much progress has boon made in developing instru¬ 
ments for the determination of t he characteristics of 
short-time electrical phenomena. Through the use 
of the modern cathode ray oscillograph of the Dufour 
type, it is now possible to determine I he relationship 
between lime, volt,age, and current, for any device 
operating under transient conditions, such as a lightning 
arrest er. 

Heretofore, if has only been possible to calculate 
wave fronts, and such calculations were of course 
limited to the assumptions made and frequently gave 
results considerably in error because of t he presence 
ol unsuspected oscillations. The cathode ray oscillo¬ 
graph has boon used successfully for transients whose 
eresl voltage was at tained in one ton-millionth of a see. 

The propagation of waves over circuits and effects of 
reflection points, the breakdown of insulation, and other 
similar problems, are being actively studied with the 
help of this oscillograph. I t is also being used to study 
the effects of lightning on transmission circuits, and 
gives for the first time an opportunity for the deter¬ 
mination of the character and form of transients due to 
lightning. 

Lor t he purpose of making field studies of transients 
and transmission lines,’ surge recorders based on 
Liehtenberg figures have become of very great, im¬ 
portance. The magnitude, polarity, and frequency of 
occurence of disturbances have been determined for 
many systems. These data have added greatly to our 
knowledge of phenomena for which (.here were only few 
quantitative data in the past. The measurements 
cover a very wide range of voltage, having been made 
on practically all ratings, from telephone circuits to 
220-kv. transmission syst ems. 

The surge recorder is also very useful in the laboratory 
as a device for measuring the potential of transients, 
without drawing appreciable energy from the test 
circuit.. Many investigators, both here and abroad, 
are now studying the phenomena of lightning with 


renewed interest, and considerable benefit is certain 
to come from these studies. 

Ferromagnetism 

During the past year notable advances have been 
made in our understanding of ferromagnetism, principal 
among which may be noted: 

1. Studies of single crystals of iron and of nickel 
have shown remarkable magnetic properties different 
from those obtained in multi-crystalline materials. 
The principal contributors in this field have been 
Honda, Webster, Gerlach, and Sucksmif.h. 

2. Studies of magnetostriction in permalloy by 
MeKeehan have indicated that this phenomenon plays 
a much more important role in ferromagnetism than 
had previously been appreciated, and that hysteresis is 
very definitely related to magnetostriction. Work 
by Wedonsky and Simanow and by S. R. Williams 
confirms the existence of such a relat ion. 

d. Studies have been made on the magnetic, proper¬ 
ties of iron and magnetite at radio frequencies by Wait. 
His results throw doubt on the results previously 
reported by Arkadiew and his collaborators. 

4. Studies of the specific heat of ferromagnetic 
metals by Sucksmif.h and of l,he closely related magnet,o- 
caloric eirect. by Weiss throw some light on the relations 
between thermal and magnetic energy. 

A very notable contribution to the literature of 
ferromagnetism which is of particular interest to 
electrical engineers is Thomas Spooner’s hook on the 
properties and t esting of magnetic materials. 

Higii-Voi/cage Resear<; n 

In the realm of high-voltage research, steady progress 
has been made. Corona has been studied up to 
potentials of 1,000,000 volts. Spark-gap measurements 
have been extended to 2,000,000 volts. The past year 
saw the first 220-kv. transmission system in the Fast 
put into operation (in Pennsylvania). 

The use of (he ground wire seems to find increasing 
favor as a means of decreasing the number of serious 
impulses occurring on transmission systems during 
lightning storms. Laboratory tests have shown quan¬ 
titatively the benefits to bo derived from the use of the 
ground wire under various conditions. The shielding of 
buildings and other structures from the effects of 
lightning has also been studied. 

Several high-voltage laboratories are now available 
for research and test purposes, the latest being the new 
2,000,000-volt Ryan Laboratory at Stanford University, 

General Progress in Electrom-iysics 

With the discovery of X-rays and radioactive 
substances, some 30 years ago, the progress in physics 
has been phenomenal, and it is not possible even to 
enumerate briefly the important contributions which 
have been made within the last year or two, especially 
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in the domain of our knowledge of the fine structure of 
spectral lines. These contributions follow the trend 
of ideas, previously established, with respect to the 
individual electronic orbits which determine the 
atomic and molecular structure of matter and the 
ultimate nature of various forms of radiation and other 
forms of energy. 

An authoritative and monumental work on modern 
physics is now appearing under the title, Handbuch der 
Physik, edited by Geiger and Scheel, in 24 large volumes 
(Springer, Berlin). Scores of prominent physicists are 
contributing to this work. Numerous special books 
are also available on branches of physics of interest 
to our profession, such as X-rays, spectroscopy, ioniza¬ 
tion, dielectrics, photoelectricity, molecular structure, 
radiations, chemical physics, etc. 

Those who wish to get a bird’s-eye view on modern 
developments in physics should read Darrow's “Intro¬ 
duction to Contemporary Physics” (Van Nostrand) 
and his serial articles in the current issues of the 
Bell System Technical Journal. See also R. A. Millikan, 
“The Last Fifteen Years of Physics,” Amer. Philos. 
Soc. Proc., 65.2, pp. 68-78,1926. 

By following certain portions of Science Abstracts, 
Section A, one may readily keep in touch with the 
progress of any particular branch of physics in which one 
is interested. For work done in this country, the 
abstracts of papers presented before the American 
Physical Society and published in its bulletin should be 
consulted. This bulletin appears separately and is 
also subsequently reprinted in the Physical Review. 


Publications of the National Academy of Sciences, 
Franklin Institute, American Philosophical Society, 
Bell System, etc., will also be found useful. 

Vladimir Karapetoff, Chairman. 

Discussion 

R. W. Sorensen: The 1927 Pacific Coast Convention papers 
-will include reports of work done in a study of the characteristics 
of lightning and devising means of protecting oil reservoirs 
against lightning strokes. One of the two papers to be pre¬ 
sented at that time is the result of work done in the research 
laboratories of California Institute of Technology, a group of 
people who -wish protection for oil-storage reservoirs providing 
funds for this definite piece of research work. These funds have 
been used up and certain protective plans for oil reservoirs 
prescribed, but there remains much to be done in making a com¬ 
prehensive study of lightning and protection against it. Also 
this is one of the types of problems which, if properly financed, 
could well be carried out by one or more college staffs. Re¬ 
search on such a problem should not be limited to one or two 
laboratories and their respective groups of research men, but 
we should have a number of field observation crews and a number 
of laboratory groups making studies about lightning. It is my 
hope that a way will be found for men interested in the subject 
of lightning and provided with high-voltage equipment to do 
experimental work at our colleges in order that we may train 
students for this kind of work by permitting members of the 
faculty and student body to have a part in the work. 

I am much encouraged by the work already done. Observers are 
coming more nearly into accord as to what lightning phenomena 
are and how to protect against the destructive nature of lightning; 
but may I, in closing, urge that a comprehensive program be 
financed in such a way as to enable several college laboratories, 
as well as the high-voltage laboratories maintained by industrial 
organizations, to have a part in carrying out these investigations. 



A. I. E. E. Standards 

Annual Report of the Standards Committee 1 


To the Board of Directors: 

The Standards Committee has continued actively the 
revision of the Standards of the Institute, both as to 
form and content. In 1922, the Institute published its 
Standards in a volume of nearly 200 pages, divided into 
26 chapters, with an appendix in which are reprinted 
the Rules for Electrical Machinery of the International 
Electrotechnical Commission. Soon after this edition 
was issued the Standards Committee was reorganized 
by the Board, and a revision was begun which involved 
the splitting up into separate sections the existing 
Standards, rearranging the material, and bringing 
together into separate complete compilations, the defi¬ 
nitions, service conditions, rating, heating, dielectric 
tests, markings, and other requirements applicable to 
any particular type of apparatus or brand of the art. 

Thirty sections have been definitely projected of 
which 23 have been issued; 7 are in preparation. Of the 
23 issued 2 are reprinted without change from the 1922 
edition of the Standards, but one of these sections is 
now in a revised report form for comment and criti¬ 
cism, and will shortly be issued. Five of the revised 
Standards have been approved as American Standards 
by the American Engineering Standards Committee, 
and other sections are now before that committee for 
consideration. A complete list of Standards adopted 
and in preparation is given below as an .appendix to 
this report. 

The revised form of the Standards has justified itself 
in the ease with which revisions may be made in the 
published sections. . The sections are published in ■ 
comparatively small editions, and revisions are readily 
made and a new edition printed without much expense 
or difficulty. Several of the Standards have been 
revised in this way. Monthly lists of the Standards 
available are published in the Journal of the Institute, 

The Standards Committee is charged with the coordi¬ 
nation of all the standardization activities of the Insti¬ 
tute. The Committee has made recommendation to 
the President and Board of Directors upon all cases of 
representation of the Institute upon Sectional Commit¬ 
tees working in accordance with the procedure of the 
American Engineering Standards Committee; upon 
acceptance of and requests for sponsorship by the 
Institute; and has cooperated very closely with the 
United States Committee of the International Electro- 

1. Committee on Standards 

J. Franklin Meyer, Chairman, Bureau of Standards, Washington, D. C. 

H. E. Farrer, Secretary, 33 W. 39th St., New York. 

H. A. Kidder, H. S. Osborne, C. E. Skinner, 

A. M. MacCutcheon, F. L. Rhodes, W. I. Slichter, 

F. D. Newbury, L. T. Robinson, R. H. Tapscott. 

Ex Officio 

Chairmen of Working Committees. 

Chairmen of delegations on other standardizing bodies. 

President of U. S. National Committee of I. E. C. 


technical Commission. The cooperation of the com¬ 
mittee with the technical committees is being made 
closer and more effective. The chairman of each 
technical committee, or a member of the committee 
designated by the chairman, is a member of the Stand¬ 
ards Committee. Several of the Standards have been 
formulated by technical committees and accepted by 
the Standards Committee, and in other cases subcom¬ 
mittees of technical committees have been made the 
working committee on specific standardization projects. 

By direction of the Board, certain Standards have 
been translated into the Spanish language under the 
very able supervision of Past President Mailloux. The 
translation of 19 of the standards has been completed 
and 13 have been published by the Bureau of Foreign 
and Domestic Commerce of the U. S. Department of 
Commerce. By July 1, it is expected that all of the 
translated sections will be in print. The Spanish 
edition is printed in the same style and in the same size 
as the English edition. The translation has been 
. received with interest by engineers in Spanish-speaking 
countries of South America. The Institute is very 
much indebted to the Bureau of Foreign and Domestic 
Commerce for the excellent manner in which the Span¬ 
ish text has been published, and for the fine cooperation 
that exists between the Bureau and the Standards 
Committee. American electrical manufacturers will 
no doubt find this Spanish edition of considerable value 
in business relationships in Spanish-speaking countries. 

The committee has cooperated to the fullest extent 
with the American Engineering Standards Committee, 
the International Electrotechnical Commission, and the 
Standardization activities of other organizations. In 
the formulation of Institute Standards, the committee 
has endeavored to enlist the fullest cooperation of all 
other organizations interested in electrical standardiza¬ 
tion. Standardization work as now organized in the 
electrical field, is somewhat complex, and there is of 
necessity a certain amount of unavoidable overlapping. 
It is believed, however, that very good progress is being 
made as represented by the present Standards of the 
Institute. 

Sections of A. I. E. E. Standards 

No. 1 General Principles upon which Temperature 
Limits are Based in the Rating of Electrical 
Machinery. 

5 Standards for Direct-Current Generators and 
Motors and Direct-Current Commutator 
Machines in General. 

7 Standards for Alternators, Synchronous 
Motors and Synchronous Machines in 
General. 
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*8 Standards for Synchronous Converters. 

9 Standards for Induction Motors and Induction 
Machines in General. 

10 Standards for Direct-Current and Alternating- 

Current Fractional Horse Power Motors. 

11 Standards for Railway Motors. 

13 Standards for Transformers, Induction Regu¬ 
lators and Reactors. 

*14 Standards for Instrument Transformers. 

*15 Standards for Industrial Control Apparatus. 
16 Standards for Railway Control and Mine 
Locomotive Control Apparatus. 

19 Standards for Oil Circuit Breakers. 

22 Standards for Disconnecting and Horn Gap 
Switches. 

30 Standards for Wires and Cables. 

33 Standards for Electrical Measuring Instru¬ 

ments. 

34 Standards for Telegraphy and Telephony. 


36 Standards for Storage Batteries. 

*37 Standards for Illumination. 

38 Standards for Electric Arc Welding Apparatus. 

39 Standards for Electric Resistance Welding 

Apparatus. 

41 Standards for Insulators. 

*42 Standard Symbols for Electrical Equipment of 
Buildings. 

*46 Standards for Hard Drawn Aluminum 
Conductors. 

Sections in Preparation 

No. 2 Standard Definitions and Symbols. 

4 Standards for the Measurement of Test 
Voltages in Dielectric Tests. 

20 Standards for Air Circuit Breakers. 

26 Automatic Substations 
28 Standards for Lightning Arresters. 

45 Recommended Practise for Electrical Instal¬ 
lations .on Shipboard (Marine Rules). 


* Approved by A. E. S. C. as American Standard. 




High-Frequency Measurements 

Report ol Committee on Instruments and Measurements 


To the Hoard of Directors: 

Three branches of the field of electrical measurements 
in which the demands of industry have stimulated new, 
improved and more precise methods and means of 
measurement are: electric power and energy, dielec¬ 
trics, unjl high frequency. The first two items were 
covered in the report, of the committee for 1925-20 and 
in the symposium on dielectric measurements con¬ 
ducted at the Niagara Falls Regional Meeting of the 
Northeastern District,, May, 192(5. 

H ntii-Fiu^UKNcy M hasihuomionts 

This year’s activity has been focussed on the matter 
of measurement of high-frequency quantities arising 
principally in the field of carrier telephony and radio. 
The committee, functioning largely through a sub¬ 
committee consisting of Messrs. 11. M, Turner, Chair¬ 
man, F. I), Doyle, Melville Fast,ham, W. N. Goodwin, 
Jr., and l’». W, St. Clair, arranged for the presentation 
of a series of papers at the Pittsfield Regional Meeting 
of the First District; (May 25-28, 1927). 

A list of these papers and ardsumd of the information 
in these papers are included as part of this report under 
the heading “Symposium on 1 figh-Frequency Measure¬ 
ments.” 

Klkctiucal Mkahukkmknt of Physical Vauiks 

The committee has also continued, through a .sub¬ 
committee* of one, (namely Mr. P. A. Borden), the 
extension of the bibliography of art icles in other periodi¬ 
cals dealing with the application of electrical methods 
to the measurement of other than purely electrical 
quantities. This bibliography is submitted as part of 
this report. 

Rkmotk Mmthrinc 

There has been formed this year a new subcommit tee 
to survey t he field of distant, indications of electrical 
quantities. This committee consists of Messrs. F. I. 
Hut an, It. T. Pierce, and P. A. Borden, and it will 
report at a later date. 

A. F. Knowlton, Chairman. 

Symposium on Hicjh-Fukqukncy Measurements 

The following article consists of a rdsumd of a series 
of fifteen papers dealing with measurements at high 
frequencies. The study of this subject, the 
preparation of these papers and their presentation, 

OummiUiM* on ami Mcaaummmla. 

A. 15. Kutmlnm, dlmlrman, 

S. I), Onylt*. VItv-I 'liitirnmn, 

O..I, Bllnw, F. UniiMon, L. T. Uoltlnunn, 

Owy A. Borden, W. fl. Kotivrunhovon, IS. J. HuUm, 

W. M. limiltthaw. P, M. Lincoln, B. W, St. Clair, 

■H. H. UroifkM, W. M, MrOonahoy, O. A. Hawin, 

J. It. Craiginnul. Wai, J. Mowbray, I. B. Smith, 

MolvlHo tiaMham. II. A, Perkins, II. M. Turner, 

W, M. (inmlwln. Jr.. K. T. Pierce, Hoy Wilkins. 


will constitute the major activity of the Committee on 
Instruments and Measurements during the year 1926- 
27. The papers are to be presented at the Regional 
Meeting in Pittsfield, Mass., May 25, 1927. Complete 
copies may be obtained from Institute headquarters. 
The papers are as follows: 

1. Notes on the Use of a Radio-Frequency Voltmeter, 

by W. N. Goodwin, Jr. 

2. Substitution Method for the Determination of 
Resistance, of Inductors and Capacitors at Radio Fre¬ 
quencies, by C. T. Burke. 

3. Condenser Shunt for Measurement of High- 
Frequency Currents of Large Magnitude, ’by Alexander 
Nyman. 

4. Radio-Frequency Current Transformers, by Paul 
MacGahan. 

5. Methods for the Measurement of Radio Field 
Strengths, by G. R. Englund and M. T. Friis. 

6. The Quantitative Determination of Radio Receiver 
Performance, by H. I). Oakley. 

7. High-Frequency Measurements of Communication 
Lines, by H. A. Affel and J. T. O’Leary. 

8. Methods of Measuring the Insulation of Telephone 
Lines at High Frequencies, by F. I. Green. 

9. High-Frequency Measurement of Communication 
Apparatus, by W, J. Shackleion and J. G. Ferguson. 

10. Impedance of a Non-Linear Circuit Element, 
by K. Petersen. 

11. Empirical Analysis of Complex Electric Waves, 
by J. W. Horton. 

12. A New Thermionic Voltmeter, ’by S. 0, Hoare. 

13. The Oscilloscope: A Stabilized Cathode Ray Oscillo¬ 
graph with Linear Tome Axis, by Frederick Bedell and 
H. J. Reich. 

14. Sensitivity Characteristics of a Low-Frequency 
Bridge Network, by P. G. Edwards and II. W. 
Herrington. 

15. Microammeter Indication of High-Frequency 
Bridge Balance, by H. M. Turner. 

The committee feels that these papers reflect the 
latest development in the methods of measurement 
of quantities associated with frequencies ranging from 
those just above power and ordinary telephone fre¬ 
quencies through those used in radio communication. 

The instruments commonly employed in measure¬ 
ments at ordinary power frequency have very definite 
limitations when used at the higher frequencies. Also 
it is a matter of common knowledge that measure¬ 
ments of circuit properties under the higher frequencies 
cannot in general, be made satisfactorily by direct 
determination of current and voltage drop in a series 
arrangement. Much of the progress in the field of 
high-frequency measurements has been in the direction 
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of' bridge modifications, adaptation of the electron 
tube to measurement circuits, and also the improvement 
of thermocouple type instruments. 

Instruments for Radio Frequencies 

A shielded thermocouple type voltmeter for radio 
frequencies was described by L. T. Wilson in the 1924 
Transactions. The current consumption varies from 
2 to 8 milliamperes for the conductive circuit of the 
instrument and a quadrature component for shield¬ 
charging of the same order of magnitude. Subsequent 
investigation during the development of the instrument 
have shown that in order that the inherent precision of 
the instrument shall be realized, the effect of induc¬ 
tance and capacitance in the connections must be 
avoided by observance of careful technique. Thus 
in measuring the effective resistance of a reactor, the 
low-potential section of the measuring circuit should be 
carefully grounded and the high-potential section kept 
short and clear of solid dielectrics and consequent stray 
loss. 

In measuring the R and L of a broadcast tuning coil, 
for example: It is connected in series with a 500-m. m. f. 
condenser, a 100-milliampere ammeter and a 1.2-ohm 
resistor (say 2 in. of 0.0065-in. manganin) the latter 
serving as conductive coupler with an oscillator 10-watt 
or larger. The drop across the resistor as indicated by 
the voltmeter will be of the order of three volts when 
the measuring circuit is tuned to sharp resonance. The 
effective resistance of the coil is less than E/I by the 
amount of milliammeter and condenser resistances. The 
inductance of the coil is computed from the resonance 
formula and the capacity setting of the condenser. The 
frequency error of this device is about 1 per cent for 
frequencies of the ■ order of 1500 kilocycles. (See 
paper No. 1.) 

Circuit constants of capacitors and inductors are, in 
one method, of a substitution type, found by resonating 
them in a series circuit and using as an indicator a crystal 
in series with a d-c. microammeter, the combination 
shunted across a small inductance in the series circuit. 

The resistance of an inductor is found in the value of a 
non-reactive resistor substituted for the inductor in a 
circuit tuned in both cases to resonance by adjustment 
of a capacitor having negligible equivalent series re¬ 
sistance. The inductance is found in terms of the 
quotient of difference and product of the capacities 
required for resonance. Similarly, the capacitance and 
resistance of a capacitor are found in terms of the change 
in resistance and capacitance between resonance with 
and resonance without the capacitor in question. 
(See paper No. 2). 

In the measurement of high-frequency current of 
more than 10 amperes the hot wire instrument is not 
feasible because the size and resistance tend to become 
prohibitive. The thermocouple ammeters for larger 
ranges than 100 amperes become very expensive on 
account of considerations of skin effect and size of 


heating element. Iron-cored current transformers are 
satisfactory up to 500 kilocycles but for much higher 
frequencies the difficulties in design increase. 

A method has been developed which employs a hot¬ 
wire or thermocouple ammeter in series with a relatively 
small condenser and the combination in parallel with a 
large condenser shunt. The error due to the thermo¬ 
couple resistance need not exceed 0.5 per cent with 
frequencies up to 6000 kilocycles and satisfactory 
commercial measurements are feasible up to 60,000 
kilocycles. Unit assembly of the shunt condenser 
readily permits the provision of several current ranges, 
—say 50,100,200 amperes, the thermocouple instrument 
in each case having a 0.25-ampere rating. Care must 
be taken to avoid losses from resonance of the closed 
circuit at some harmonic of the fundamental. The 
absolute calibration of the arrangement presents 
difficulty even by means of a calorimeter ammeter be¬ 
cause of the uncertainty about high-frequency resis¬ 
tance and effect of distributed capacity. The condenser 
shunt is apparently entitled to greater confidence than 
a direct thermal determination. (See paper No. 8). 

For the measurement'of large currents at high fre¬ 
quency, there are also available current transformers of 
the through-type with secondary rated at one ampere; 
the indicator is usually a thermocouple type ammeter. 
(See paper No. 4.) 

Radio Field-Strength and Receiving Sets 

The vacuum tube used as detector, amplifier, and volt¬ 
meter is the basis of sensitive comparator methods for 
determining radio field strengths at frequencies below 
1000 kc. in the customary unit of micro volts per meter. 
The loop-antenna is employed in preference to the open- 
antenna and no indirect evidence has appeared which 
places in doubt the value of equivalent effective height 
computed for the loops used. Both the I R drop and 
mutual-inductance voltage methods are employed for 
introducing into the antenna the sinusoidal comparison 
voltage; the resistance method is preferred because its 
reactance is of less concern than the resistance of a 
mutual inductance and also it serves admirably as a 
terminal impedance for a constant impedance attenua¬ 
tion network. Shielding is easier with resistance 
coupling. 

For frequencies higher than 1000 kc. the above method 
becomes unworkable and a double-detection type of 
receiver is used after calibration as a vacuum tube 
voltmeter: The received field strength is evaluated in 
terms of three measured attenuation factors, the 
received signal voltage, and the loop effective height. 
Static energy and static “noise value” are of interest; 
continuous static is readily measurable in terms of the 
telegraph signal strength masked by it. The enormous 
variability of usual static has prompted measuring it by 
noting the gain of the receiving set necessary to main¬ 
tain constant static output. A non-restoring type of 
deflection instrument comparable to a fluxmeter has 




June 1927 


HIGH-FREQUENCY MEASUREMENTS 


707 


merit in summing the received energy over a definite 
interval. (See paper No. 5.) 

The problems of measurement of the common electri¬ 
cal properties of the individual elements and of circuit 
units of radio receiving sets having been dealt with, 
there are remaining those factors of set performance 
which differentiate sets with respect to their selectivity, 
sensitivity, fidelity of reproduction, and reradiation. 
Each of these attributes of a completed set have been 
reduced to a quantitative definition and measuring 
method which evaluates them in terms of output 
voltage obtained on response to the input from a con¬ 
trolled signal generator. Thus sensitivity is deter¬ 
mined as the ratio of output voltage to input field 
strength at various output voltages and input fre¬ 
quencies. Dimensional analysis of the expressed ratio 
results in reduction to length units; therefore, sensitivi¬ 
ties are expressed in meters. Selectivity is determined 
in terms of the input field strength required to main¬ 
tain a constant minimum value of output voltage for 
the requisite range of frequencies. Quality perform¬ 
ance is expressed as the ratio of output voltage at the 
various modulation frequencies, the antenna voltage 
and degree of modulation being maintained constant. 
Radiation is expressed in meter-amperes, the meters 
being the antenna height and the amperes that value of 
current required to establish various output voltages 
in a detector of known sensitivity when the latter is 
supplied with the radiation output of the receiving set. 
(See paper No. 6.) 

Telephone Carrier-Frequency Measurements 

In the field of telephone carrier frequencies, the line 
characteristics of chief interest are attenuation, im¬ 
pedance, and cross-talk for frequencies up to about 
50,000 cycles. Apparatus for field and laboratory 
measurement of these quantities has been developed and 
standardized on a unit basis. The units consist of 
oscillator, detector-amplifier, impedance-bridge, ther- 
momilliammeter, variable attenuator, cross-talk set, 
and frequency meter. The oscillator is a vacuum- 
tube and tuning circuit giving 0.4 to 0.7 watts maximum 
at frequencies from 100 to 50,000 cycles and above 
3000 cycles has no harmonics of more than 10 per cent of 
the fundamental amplitude. The detector-amplifier is 
adapted to both aural and visual balancing or in¬ 
dication. The impedance bridge is of the balancing or 
differential coil type. The thermomilliameter carries 
its own d-c. calibrating circuit and provides for the use 
of three thermocouples of a range of characteristics 
to cover a current range from 0.2 to 50 milliamperes. 
The attenuator is a network of known loss and terminal 
impedance and the cross-talk-set is a similar attenuator 
adapted to cross-talk measurements of the order of 10 -6 
times the transmitted currents. The frequency meter 
is a resonance bridge. Attenuation measurements 
made on the current-transmitted versus current-re¬ 
ceived method are possible for energy ratios up ..to 


30 X 10 6 to an accuracy of about 3 per cent. Impedance 
measurements are of importance in connection with non- 
homogeneous lines and these are generally made on the 
line after terminating it in its characteristic impedance, 
usually a resistance of about 600 ohms; the results 
indicate the efficacy of loading to meet carrier-current 
operation. Avoidance of cross-talk with carrier-fre¬ 
quency operation presents many difficulties and 
necessitates a highly refined system of transpositions; 
the cross-talk measurements made to determine the 
effectiveness of the transpositions are a specialized 
form of attenuation measurements, i. e., attenuation 
to cross-talk must be high and to line transmission, 
low. 

It is by such a system of measurement that a tele¬ 
phone circuit is tested for its quality after the necessary 
modifications have been made in preparation for carrier- 
current operation. (See paper No. 7.) 

A substantial part of the increased attenuation at 
carrier frequencies is due to skin effect of the conductors, 
and the leakage conductance of the insulators is found to 
increase rapidly with the frequency; radiation is a 
negligible factor. It is permissible to attribute to 
leakage conductance all losses except those of an I 2 R 
nature in the metallic conductors; the leakage con¬ 
ductance, G, may of course, be derived from measure¬ 
ments of the attenuation but the line would have to be 
at least 100 mi. in length. A direct measurement of G 
on a line short enough (250 ft.) to avoid propagation 
effects and a phase shift of more than five degrees has 
been made on an experimental line with sufficient 
comparability to represent the shunt losses in long lines; 
the line contained 25 poles spaced 7 ft. apart and with 
6-in. spacing of the insulators on the crossarms. A 
certain amount of transposition was resorted to, but the 
important precautions pertained to the manner of 
leading the conductors into the test station. 

Each circuit is in effect a conductance shunted by a 
capacitance and thus the equivalent of the leaky 
condenser; the bridge for the conductance measure¬ 
ments is similar to those employed for the determination 
of the loss angle or power factor of dielectrics and con¬ 
densers. The high resistance of a few insulators in 
parallel would appear to require a correspondingly 
high value of resistance in the standard side of the bridge 
but this is avoided by placing a condenser in series with 
a.lesser value of resistance. A method of obtaining 
continuous record of d-c. leakage has been developed; 
a similar continuous record of the high-frequency 
leakage is greatly to be desired but as yet awaits solu¬ 
tion. (See paper No. 8.) 

The performance of communication apparatus de¬ 
pends principally upon its impedance and in the pre¬ 
cision and routine measurement of resistance, 
inductance, and capacitance, standards of primary and 
secondary nature are necessary. The prime standards 
may well be resistance and frequency and the derived 
standards those of inductance and capacitance. Self- 
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driven forks (calibrated by phonic wheel for 24-hr. 
period against Arlington time) can be maintained within 
0.001 pel- cent of 100 cycles. Other frequencies can 
be compared with the standard by means of the cathode 
ray oscillograph. Resistance standards must have 
minimum and constant phase angle; 10()()-ohm stand¬ 
ards have been constructed with effective inductance 
not exceeding live mierohenrys up to 100 ke. 

Secondary standards of capacitance are made with 
mica dielectric impregnated with paraffin; such con¬ 
densers can be obtained with temperature coefficient 
below 0.005 per cent per deg. cent, and with less than 
0.1 per cent capacitance variation from 500 cycles to 
100 ke. and phase angles less than one minute. Air 
condensers- are feasible for the smaller capacitances. 
Secondary stain lards of inductance must he constant 
and preferably with small external held. Air-cored 
standards of large inductance involve* considerable 
distributed eapae-itanee; on this account cores e>f per¬ 
malloy have been useel with considerable success. 
Secondary standards of resistance in dial fe>rm in¬ 
evitably involve more distributed capacitance than 
single primary standard resistances. 

In tlie comparison of secondary standards against 
primary stain lards, methods which determinate the 
unknown in terms of circuit constants are preferable* 
to those requiring; the measurement of current and 
voltage. The bridge's used must he e*arefully shielded 
and the equal ratio arm bridge is to be preferred wher¬ 
ever possible. The bridge circuits in use provide 
for impedance determinations when direct current is 
superposed on the high-frequency alternating current; 
these bridge methods also provide means of measuring 
flutter (telegraph impulse affecting the telephone 
frequency inductance* of apparatus in the common 
circuit), transformer ratios, capacitance unbalance, 
attenuation and gain, and cross-talk. (See paper No. 9.) 

The harmonic components of tum-sinusoidal quanti¬ 
ties create difficulties in the* measurement of impedance 
of circuit-elements of a non-linear nature, where the 
ratio of instantaneous currents and potentials is not 
constant throughout the cycle. Vacuum tidies are 
non-linear as to resistance and iron-cored coils at high 
flux densities are non-linear as to reactance. In a-e. 
bridge measurements of such quantities it is found that 
the measured impedance depends on harmonic factors 
introduced from the source of supply, the magnitude 
of the resistance in the bridge ratio arms, the im¬ 
pedances of the detector and of the source of supply 
to the fundamental frequency and to the possible 
harmonic frequencies, and also upon the method used 
in attaining bridge balance. As for the last item, the 
measured non-linear impedance may well be different 
if balanced, in one case, against standards of resistance 
and inductance and, in the other case, balanced against 
a non-inductive resistance after establishing resonance 
with a standard capacity. 

It is thus often essential to arrange the measuring 


circuit so that the impedance or other quantity mea¬ 
sured shall he characteristic of the non-linear device 
and not of the bridge and supply network. The com¬ 
plicating effect introduced by a non-sinsuoidal im¬ 
pressed potential wave is readily removed bv the use of 
a frequency-selective circuit between the source and the 
measuring network. The complicating effect, of har¬ 
monics arising out of the non-linear reaction of the 
element, under measurement may be suppressed in two 
ways, one. a modification of the usual bridge method 
and the other, an a-e. potentiometer method. 

In the modified bridge method, two balanced high- 
inductance coils with high-coupling are inserted in the 
1:1 ratio bridge arms. The fundamental fluxes neu¬ 
tralize but the harmonic components of current, en¬ 
counter the series-aiding impedance and are effectually 
suppressed. In the a-e. potentiometer method the 
harmonics are suppressed by a filter of low impedance 
to the fundamental and high impedance to the har¬ 
monics developed in the non-linear element,. Further 
modifications make possible the determination of the 
non-linear characteristics of the element without 
suppressing the harmonic current {low. (See paper 
No. 10.) 

In the transmission of speech it is not only essential 
that the circuit possess prescribed reactions to steady 
stale conditions hut. also that it. fulfill certain other 
limitations upon transient, conditions. The oscillo¬ 
graph is inadequate to the analysis of the couples 
waves encountered in, for example, the multi-channel 
repeater employed in carrier telephone systems and 
other means of analysis had to he devised. Any dis¬ 
tortion by amplifiers or circuit elements results in the 
development of new frequencies that, are multiples of 
the components of the impressed wave or are algebraic 
combinations of those components; these extraneous 
components may call for detection and measurement 
when their amplitude is even as low as 0,1 per cent or 
less of the true signal components. The heterodyne 
beat method is found useful in such detection and 
measurement; by a d-c. indicator in the plate circuit 
of a biased grid tube the amplitude of the d-c. compo¬ 
nent is directly determined. The same indicator will by 
relatively slow periodic change in deflection show by a 
beat method the presence of a minute component, of a 
particular difference-frequency when tile oscillator 
frequency is brought, close to the frequency of the com¬ 
ponent. The method does not, lend itself readily to a 
quantitative determination however. 

Practically all analyzers for waves of small amplitude 
are modifications of the elementary form in which a 
selective circuit, couples a vacuum tube amplifier to the 
circuit under investigation. Whether the volt,age drop 
across L or C be chosen for application to the grid 
of the defector depends upon the frequency of the com¬ 
ponents sought; L for low, and C for high frequencies. 
The procedure is tedious and tong if a wide range of 
frequencies is sought and there has been developed a 
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device for automatically tuning over the desired 
range and automatically recording the amplitudes of 
discovered components. Means are also available for 
examining the variation of a single component of a 
complex wave as conditions affecting it are varied; 
the required selectivity is attained by employing several 
analyzers in tandem. 

For more exacting requirements even the above 
method is inadequate and for such cases a heterodyne 
analyzer has been developed; thereby the frequency 
range to be examined is translated to a lower position 
of the frequency scale with the advantage of greater 
fractional separation between components. (See paper 
No.lt.) 

Instruments for Moderately Hum Frequencies 

A vacuum tube voltmeter has been developed in 
which the plate impedance forms one arm of a, Wheat¬ 
stone bridge. With zero voltage impressed upon the 
grid-filament rireuit of the tube the bridge is initially 
balanced by means of an adjustable resistance, the 
bridge indicator then reading zero. When an unknown 
voltage either alternating or direct is then impressed 
upon the grid-filament the plate-impedance changes, 
and the bridge balance is disturbed; the resulting 
deflection of the bridge indicator is a direct indication, 
after appropriate calibration, of the voltage impressed 
on the grid filament. (See paper No. 12.) 

Professor Bedell describes a method for producing 
stationary curves on the screen of a cathode ray oscillo¬ 
graph and establishing a linear time axis which involves 
the use of an auxiliary circuit consisting of a source of 
constant voltage, a neon gas-filled lanvpand an electron- 
tube arranged in the general form of a bridge*. The 
voltage across a portion of this circuit, which varies 
directly with time, is connected across one pair of de¬ 
flecting plates of the* oscillograph tube and in this way 
establishes a linear time axis. By means of a motor- 
driven distributor, the other pair of deflecting plates is 
connected first to one part of a circuit and then to 
another, thus making it possible to study several 
phenomena simultaneously. (See paper No. 13.) 

The employment of very low frequencies (say three 
or four cycles per second) involves in some respects as 
much difficulty as the higher frequencies. The problem 
of locating opens in telephone cable conductors involves 
the determination of impedances; a study has boon 
made of the degree of accuracy and sensitivity obtain¬ 
able in impedance measurement with different fre¬ 
quencies of supply voltage. For long cables the input 
impedance is a hyperbolic rather than linear function 
of the characteristic impedance; the error in impedance 
measurement arising from this functional departure 
proves to be least for the lower frequencies. On the 
other hand, the bridge sensitivity is improved by some¬ 
what higher frequencies. A thorough mathematical 
and experimental analysis of the sensitivity of im¬ 
pedance measurement of cable fault locations up to 70 mi., 


by means of a de Sauty bridge, indicates the desirability 
of using frequencies of the order of four cycles. The 
sensitivity is further increased by controlling the phase 
of the field excitation of the bridge galvanometer. 
Use of such low frequencies as four cycles per second is 
not common and the generating apparatus, bridge, 
detector, and graphical treatment of errors and sensi¬ 
tivity of measurement of impedances at this frequency 
are of interest in a report on measurements under 
other than power frequencies. (See paper No. 14.) 

The telephone receiver, due to its simplicity, sensitiv¬ 
ity and convenience, has been widely user! for determin¬ 
ing a-c. bridge balance and under favorable conditions 
is quite satisfactory. The aural method, however, 
involving as it, does the receiver associated with the 
ear, has two serious limitations; first, it can be used 
only where there is very little extraneous noise and 
second, the frequency range for best operation is re¬ 
stricted to a band of, say, from 200 to 2000 cycles unless 
a heterodyne scheme is adopted. 

A visual method lias been devised using a d-e. 
mieroaimneter in (lie plate circuit of an electron .tube 
rectifier, associated with one or more stages of amplifica¬ 
tion, which gives maximum reading for a state of bal¬ 
ance, (.hereby permitting the use of a sensitive meter 
and at the same lime making it, fool proof. A large 
bridge unbalance reduces the deflection to nearly zero 
and as balance is approached it; increases. No change in 
reading on short-circuiting the indicator terminals of 
the bridge, which would correspond to zero voltage, 
shows definitely a perfect balance. This method not 
only completely overcomes the limitations of the aural 
method, but also renders a quantitative determination 
of the degree of unbalance. (See paper No. 15.) 

Klectrical Measurement of Physical Values 
B y Perry A. Borden 
(S upplementary Bibliography) 

The following bibliography, prepared at. the instance 
of the Committee on Instruments and Measurements, 
is supplementary to that accompanying the writer’s 
paper on the above subject, published in the Trans¬ 
actions of the A. 1. K. F. Vol. XIdV (1925) p. 23S. 
While most, of the article's referred to have appealed in 
the technical press during the current year, some are of 
earlier dates, and a few references are made* to standard 
works on electrical measurement. The arrangement, of 
headings has been retained as in the original paper, but 
the references are not numbered. 
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Electrical Communication 

Annual Report of Committee on Communication* 


To the Honi'<l i{! / hreetors: 

During I he pasl Institute year, notable progress has 
been made in many branches of (he art of electrical 
eominunieafion. The rommitl.ee has selected for its 
report the items which were considered to be of most 
general interest, and these are described under the 
various subheadings below. 

Tklkokaimiy 

In the field of printing telegraphy, there has been a 
considerable extension during the year in the use of 
tlu* simplified tape printers on branch oilier circuits 
and in private oil ices of business houses. 

Additional installations have been made of the 
automatic tape transmission system for telegraphic 
tickers mentioned in ( lie 11)2(1 report, and direct service 
and full market quotations have been extended through 
the sout Invest. 

For Ltans-ocean f rathe, a notable example among (he 
permalloy-loaded cables laid during the year is the 
New York Hay Roberts IVm/anee cable. Multi-chan¬ 
nel operation for direct trallic between New York 
and London is now in elTect on this cable. 

In the larger telegraph central oil ires, a, system for 
automatically dispatching carriers in pneumatic tube 
lines is displacing manual dispatching. Space at Hie 
routing center is conserved, elliciency of operation is 
improved, and savings an* effected in operating costs, 
in this system, a tube clerk drops a carrier containing 
telegrams for transmission to a branch otlicc into the 
proper one of a. group of open-end gravity tubes located 
in front of the working; position. The gravity tubes 
lead to the floor below where tlu* automatic sending 
inlets are located. The inlet contains a rotor which 
oscillates on a horizontal axis through an are of about 
70 deg. at the rale of about six times a min. The 
carrier enters a pocket in the rotor when it is in ulmo¬ 
ment with the gravity tube at one end of the rotor’s 
travel. At the other end of the are. the pocket, con¬ 
taining the carrier is in ulinement with t he end of t he 
outgoing f ube. The rotors of a group of sending inlets 
are driven by one motor through reducing gears and 
crank mechanisms. Interlocking devices feed one 
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carrier at a time into each rotor and a visible signal is 
provided to indicate failure of any inlet, to perform its 
function. Automatic sending inlets act as spacing 
devices in the transmission of carriers and eliminate 
trouble from overloading which occurs with manual 
sending on busy tubes. The average transit, t ime from 
the main to the branch ofliee is therefore generally 
decreased. 

The great development, of message telegraph systems 
involves interesting trallic problems, including layout 
of wires, trallic routing, ofliee layout, operator assign¬ 
ment,, etc. 'These 'problems were discussed in an 
interest ing paper entitled, Tdcyruph Trajlie Kityinenintj, 
by Messrs. II. Mason and (A J. Walbran, which was 
presented at, the Winter (’(invent ion. 

Anot tier very important telegraph subject which was 
discussed at the Winter Convention is the measurement 
of telegraph transmission {Measurement. of Tdeijraph 
't'ra nsmissiou, by Messrs. 11. Nyquist, R, II. Slutnck, 
and S. 1. (Airy.) This subject has been of growing 
importance for a number of years, partly because of the 
advent of telegraph circuits having a, large number of 
sections and partly on account of the increasing im¬ 
portance of accurately determining the effect on tele¬ 
graph transmission of various amounts of interfering 
currents and of changes in individual circuit elements, 

I )IAL TKIJ'U'IIONY 

The rapid application of dial telephone systems has 
continued. During the year about 500,000 dial tele¬ 
phone stations were installed, bringing the total in 
service in this country, as of the first of January 1027, 
to approximately 2,400,0(H). 

A means has been developed for remotely operating 
small magneto telephone plants where this is desirable. 
The name applied to this means is the semi-automatic 
magneto exchange. In a. system of this type the sub¬ 
scribers* slat ions are equipped wit h magneto telephones. 
Connections are switched remotely by means of auto¬ 
matic telephone apparatus under the control of an 
operator, who employs a dial trunk from a control 
center into the exchange area. Any number of such 
exchanges may lie controlled from the operating center. 

Ton, Tklhimionm Skrviok 

Further progress lias been made in the development 
and application of methods for increasing the speed 
of toll telephone service. The plan, t he so called A-B 
method, of handling the large volume of messages 
between nearby points in a manner quite similar to 
that used in handling local trallic, has been considerably 
extended. The improvement, of service has progressed 
to a point where even at the longer hauls it is now 
possible in many eases to complete a toll call while t he 





714 


ELECTRICAL COMMUNICATION 


Transactions A. I. E. E. 


calling subscriber remains at the telephone. An im¬ 
portant factor in this improvement is the development 
of a method of operation combining the work of the line 
and recording operators so that if the number of the 
called telephone is given the recording operator, she 
can proceed at once with the handling of the call. 

A new type of toll switchboard has been made avail¬ 
able for toll centers having sufficient traffic to require 
separate toll and local switchboards. The signaling 
equipment which was previously located in the cord 
circuits has been transferred to the line and trunk 
circuits and use has been made to a considerable extent 
of common positional equipment. 

Telephone Toll Cables 

The year witnessed the opening on December 15, 
1926, of a new long distance cable link between Chicago 
and St. Louis, insuring for the future the best possible 
storm protection for communication through from New 
York to St. Louis as well as between intermediate 
points. This cable forms a part of the network of 
cables connecting Chicago, Detroit, Toledo, Cleveland, 
Pittsburgh, and other cities with the cities on the 
Atlantic seaboard, and contains circuits for both very 
long-haul and short-haul telephone business. The 
longest circuits of the network are about 1500 mi. in 
length, but even this does not represent the maximum 
distance over which circuits of this type can be operated. 
Telephone repeaters on these circuits are spaced at 
intervals of approximately 50 mi. Echo suppressors 
are used to permit operating with volume efficiencies 
comparable with other long distance telephone circuits. 
Automatic regulators are employed to compensate for 
the effect of temperature in changing the attenuation 
of the cable conductors by suitable changes in the 
amplification of repeaters in the circuit. 

The new link is 344 mi. in length. It provides more 
than 250 telephone circuits, and over 500 telegraph 
messages can also be sent simultaneously, making it the 
equivalent of 10 heavy pole lines of open wire. 

The increasing development of toll cable networks is 
of extreme importance in the protection of telephone 
service from interruptions due to sleet storms. During 
the year 1926, about 2000 mi. of such cables were put 
in service in various parts of the country, adding more 
than 400,000 mi. to the telephone circuits of the nation. 

Carrier-Current Systems 

An interesting example of the rapidity with which 
new developments are finding their way into practical 
use is to be found in the extensive application of carrier- 
current telephony and telegraphy to the long distance 
open wire telephone circuits of the country. There are 
now of the order of 100,000 mi. of long distance tele¬ 
phone facilities provided by carrier methods and some 
250,000 mi. of telegraph facilities so provided. 

The recent growth in carrier-current circuits results 
from the progress which has been made in perfecting the 


performance of the apparatus itself and in the develop¬ 
ment and standardization of methods for coordinating a 
large number of carrier systems upon the wires of a 
pole line. 

During 1926, an interesting application of carrier 
telephony was made on one of the two Catalina Island 
telephone cables. Because of the relatively short 
length of these cables and of their transmission stability, 
it has been possible to obtain in this way as many as 
six additional two-way circuits, making a total of seven 
telephone channels and one telegraph channel on a 
single-conductor cable. The apparatus employed in 
this system is similar to that used on open wire lines. 
By an arrangement of this character, the loss of one of 
the cables would temporarily reduce the number of 
telephone circuits only from eight to seven. This 
system was described in a paper by Mr. H. W. Hitch¬ 
cock which was presented at the Pacific Coast Conven¬ 
tion in September. 

The use of carrier-current telephony for communica¬ 
tion on power transmission lines has increased ap¬ 
preciably. The power circuits involved vary from 
those of 22 kv. to 220 kv. and the distances communi¬ 
cated over vary from a few miles to those in the order of 
300 mi. 

The coupling to the transmission lines which in the 
earlier stages of the art was effected in some cases by 
means of parallel wires is now being accomplished very 
largely by coupling condensers or capacitors which are 
now available in several types for voltages up to and 
including 220 kv. Considerable progress has been 
made in the development of by-pass apparatus, repeater 
stations, portable equipment, and various other sup¬ 
plementary pieces of apparatus. With the increased 
application of this form of communication, the de¬ 
mand is rapidly increasing for multiple communica¬ 
tion channels, particularly in connection with the more 
extensive individual power systems where load dis¬ 
patching is divided into districts and in the case of 
the rapidly growing number of transmission line inter¬ 
connections between the large power systems. 

Transcontinental Telephony 

An important event during the year was .the com¬ 
pletion of a new transcontinental telephone and 
and telegraph route. The new route connects Chicago 
with Seattle by way of Minneapolis, Bismarck, Billings, 
Helena, and Spokane. The through circuits comprise 
at the present time three telephone circuits and 14 
superposed telegraph channels. The repeaters in use 
on these circuits represent the very latest development 
in this field. 

There are now three transcontinental telephone 
routes in service, the others being routed, one through 
Omaha, Denver, Salt Lake City, and Sacramento, and 
one via St. Louis, Dallas, El Paso, Phoenix, and Los 
Angeles. A discussion of some of the more interesting 
transmission problems and other considerations which 
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are important factors in determining the design of these 
facilities was presented at the Pacific Coast Convention 
at Salt Lake City last September in a paper by Messrs. 
H. H. Nance and O. B. Jacobs entitled Transmission 
Features of Transcontinental Telephony. 

Loading of Telephone Circuits 

An outstanding development in loading coil design 
which has been put into commercial use in the past 
year is the use of permalloy in compressed powdered 
form in the cores of some types of these coils. The 
application of this desirable magnetic material has 
resulted in material reductions in both the size and cost 
of loading coils. The lower cost of loading resulting 
from this and the other improvements in loading coils 
referred to in last year’s report is, together with the 
large installations of toll cable in this country, bringing 
about a very large increase in the use of loading coils. 

Electrical Amplification 

In the development and application of amplifiers, 
there is sometimes occasion for amplifying extremely 
weak signals. Considerable interest attaches to the 
question of what limitation, if any, is imposed on the 
strength of the signals that can be amplified. Recent 
researches have shown that the limit of amplification 
may be set not by .noises coming from the vacuum 
tubes or the batteries supplying them, but instead from 
the internal characteristics of the electrical conductors 
comprising the circuit whose minute currents are to be 
amplified. In any electrical conductor, minute elec¬ 
tromotive forces are continuously produced by the 
thermal agitation of the electrons and atoms. This is 
true whether or not external electromotive forces are 
connected .to the conductor. When an electrical 
conductor is connected to the input of a carefully built 
amplifier of sufficiently high amplification, readily 
audible sound may be heard in a telephone receiver 
connected to the output of the amplifier. The fact 
that the noise does not come from the amplifier can 
readily be proved by cooling the conductor by means of 
liquid air, when the noise heard in the receiver im¬ 
mediately diminishes in intensity, the reduction in 
noise being due to the reduced thermal agitation in the 
conductor. The laws underlying this, phenomenon 
were determined experimentally by Mr. J. B. Johnson 
and presented in a paper at the December 1926 meeting 
of the American Physical Society at Philadelphia. 
These laws were later deduced from thermodynamical 
considerations and presented by Mr. H. Nyquist- at the 
February 1927 meeting of the American Physical 
Society at New York. 

Characteristics of Speech 

The continued researches in the characteristics of 
speech and hearing and the nature of vocal and musical 
transmission have continued to give results of great 
importance for the improvement of telephone service, 


and have also led to many noteworthy developments 
in allied fields. A very important development based 
on these researches is the combination of improved 
phonographic recording devices and high quality 
reproduction synchronized with motion pictures. 

A paper by C. F. Sacia and C. J. Beck entitled 
“The Power of Fundamental Speech Sounds” pub¬ 
lished in The Bell System Technical Journal of July 
1926 describes the continuing work in the study of 
speech power by means of the oscillograph. Sounds 
are considered individually on the basis of instantaneous 
and mean power. In earlier analyses, the principal 
emphasis was placed upon the power in speech as a 
whole. 

Radio Telegraphy 

Long distance radio telegraph communication is 
rapidly changing from long waves or low frequencies 
generated by alternators or Poulsen arcs to short waves 
or high frequencies generated by thermionic tubes. 
Within the last 18 months, transmitters up to 40-kw. 
capacity operating on frequencies of 10,000 to 20 ,OOlO 
ke., 30 to 15 meters, have been produced and put into 
service. These are replacing arc generators up to 
500-kw. and alternators of 200-lew. capacity. Reliable 
continuous daylight communication has been obtained 
by using wave lengths around 15 meters, notably 
between New York and Buenos Aires. During hours of 
darkness, wavelengths from 25 to 75 meters have been 
in use in both transatlantic and transpacific services. 
The greater reliability of the short waves is the result of 
almost complete immunity to summer static, and the 
new system is much more economical because of the low 
power consumption compared to that used for long 
wave transmission. 

The scope of international radio service was further 
extended during the year by the opening of direct radio 
circuits for duplex operation between the United States 
and Brazil. 

An analytical study entitled Behavior of Radio Re¬ 
ceiving Systems to Signals and to Interference, made by 
Professor L. J. Peters, was reported by him at a Re¬ 
gional Meeting of the Institute at Madison, Wisconsin, 
in May 1926. This paper discusses methods for 
studying transient effects of current in radio systems, 
the degree to which interference can be mitigated by 
frequency selection methods, and the factors determining 
the interference caused by transmitting stations of 
various types and by static. 

Transatlantic Radio Telephony 

An event of outstanding importance in the progress 
of international electrical communications occurred 
early in the present year with the opening of trans¬ 
atlantic telephone service between the United States 
and England. This first telephonic bond between 
America and Europe was opened to the public on 
January 7,1927, following an exchange of brief greetings 
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between Mr. W. S. Gifford, President of the American 
Telephone and Telegraph Company, and Sir Evelyn 
Murray, Secretary of the General Post Office of Great 
Britain. 

Although the service was at first limited to the metro¬ 
politan areas of New York and London, during the 
months following, service was extended successively to 
greater areas until it has included most of the British 
Isles on the European end and the United States and 
Cuba on the American end. No attempt has been 
made to give 24-hr. service, but service has been avail¬ 
able daily for the period which includes the overlapping 
portions of the business day at the two ends, and is 
being extended. 

The principal features of the system added since the 
description given in last year’s report of this committee 
are that arrangements were perfected whereby both the 
east-bound channel and the west-bound channel an 1 
transmitted in the same frequency band. Thus, the 
entire 1 two-way system occupies only M kc. (5S.5 
to (>1.5 kc.). One thing which contributed materially 
to this accomplishment is the employment, at both 
terminals of voice-current operated switching devices 
which function to cut the transmission path to and 
fro from west-hound to east-bound automatically in 
accordance with the flow of-conversation between the 
two speakers. 

Radio Broadcasting 

The results of investigations carried out, during the 
last, few years in ascertaining t he service area for which 
broadcast transmitting stations are effective were 
summarized in a paper entitled Rmlwhroudcuxt Cormujr 
of hi//// Area a presented at the New York Regional 
Meeting last November by Mr. Lloyd Espensehied 
and printed in the January issue 1 of the Journal. 
This is a subject that is receiving considerable attention. 
These investigations raise questions regarding the desir¬ 
able power levels t o be used for radio broadcasting. 

Electrical Transmission of Pictures 

During the year the scope of the commercial tele- 
photograph service which has been given for two years 
between New York, Chicago, and Ban Francisco was 
materially enlarged by the extension of the network to 
Boston, Cleveland, BL Louis, Los Angeles, and A (Junta. 
Several important, developments have taken place 
during Hie year, not ably (lie arrangement of the circuits 
for two-way operation, the installation of phase-cor¬ 
rectors on the New York-1 ioston and Chicago-St. Louis 
telephone cables to make these circuits suitable for pic¬ 
ture transmission, and the fitting of the soul,hern 
transcontinental route to make it available for service 
to Lob Angeles and San Francisco. 

Television 

On April 7, 1927, a successful demonstration was 
given of electrical television by wire circuit; between 


Washington, and New 5 ork, and by radio from 

an experimental station at \\ hippuny, X. .1., to 
New York. 

Television employs many of the principles and some 
of the apparatus of telephony. Tin* object of t elevision 
is 1,o reproduce a scene with action, and to do this a 
series of essentially instantaneous views must, he trans¬ 
mitted and reproduced at. a rat e, 15 or more per second, 
such that, an observer will detect no discontinuity of 
action. In its present form, the sending apparatus is 
adapted to obtaining for one part icipant in a, telephone 
conversat ion a continuous view of t he face of t he other 
participant. The receiving apparatus recreates this 
view on a picture plane about two by two and one-half 
in.; or, with a alternative form of apparatus, on a plane 
about two ft. sq. for observation by more than a single 
person. 

At the sending end a narrow beam of light, or rather a 
rapid succession of beams scan the subject to he trans¬ 
mit fed, illuminat mg at one lime an area about a quarter 
of an inch square and sweeping over the entire scene 
in less than one-lifteent.it of a see. This scanning 
process is repeated continuously. A group of large 
photoelectric cells responds to each change in the re¬ 
flected light. 

At. the receiving station, a glass tube tilled with 
raritied neon gas and provided with electrodes responds 
with a brilliancy corresponding to the current, received 
from (lit 1 photoelectric cell. The high potential 
requisite to the operation of t he neon t ube is obt ained by 
flu* use of vacuum tube amplifiers in the connecting 
circuit. All parts of the neon 'tube have the same bril¬ 
liancy at any instant but t lie observer views only a small 
portion at a time, which is uncovered by the synchro¬ 
nizing apparatus provided to insun* that the light shall 
appear to the observer at, each instant in the same 
position on a picture plane aw that occupied by the 
beam-illuminated spot of the distant scene. 

In the production of the larger image, a very long 
neon tube Is folded Lack and forth to form a grid, This 
tube is provided with 2500 electrodes along its length, 
Each electrode corresponds t o a single elemental urea 
of the picture plane which is scanned by the light beam 
of the transmitting apparatus, As the current ear- 
responding to,each area reaches the receiving station, 
it, is distributed through contacts to the appropriate 
electrode and so causes a Hash of light similar in location 
and intensity. The speed of operation causes the ob¬ 
server t,o see not, a series of flashes but, a picture as a 
whole. 

New Rectifiers 

A new type of rectifier suitable, among of her uses, for 
charging batteries used in communication circuits was 
described in a paper by Messrs. L, O, Grondahl and 
Ik H. Geiger presented at the Winter Convention. 
The rectifier consists of partially oxidized disks of 
copper. The rectification appears to take place at the 
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junction between the copper and the oxide without 
observable physical or chemical change, and is similar 
in character to rectification by the hot cathode type of 
rectifiers. 

Manufacture of Copper Wire 

The developments of the past few years have led to 
great improvements in the methods of drawing copper 
wire, particularly in the speed of the process. Some 
of the outstanding features in these developments, 
together with a description of a copper rod and wire 
mill designed to meet the new requirements and a brief 
survey of the copper rolling and wire drawing art, are 
included in the paper entitled Developments in the 
Manufacture of Copper Wire, by J. R. Shea and Samuel 
McM Lilian which was presented at the Winter Con¬ 
vention of the Institute. 

Wood Preservation 

During the past year, a large amount of research 
work has been continued in improvements in methods 
of preserving wood poles, crossarms, and other timber. 
As a result of studies which have been made by the 
Western Union Telegraph Company, they are placing 
in service a treatment by which a solution of zinc and 
arsenic is forced into the poles. Their investigations 
indicate that; on exposure of the treated wood to the 
atmosphere, chemical changes take place which deposit 
in the wood zinc arsenite, a toxic material which is 
practically insoluble and permanent;, and that this will 
constitute a very effective method of preservation 
against, decay. 

Fire-Alarm and Police Signal Systems 

The past year has seen some further refinements in 
alarm signaling devices. These were chiefly along the 
lines of simplification and increased reliability of 
recording devices, improved insulation for street fire- 
alarm boxes, and improved protective devices for 
circuits entering buildings. The early fire-alarm de¬ 
vices were insulated against other signaling circuits 
only; circuits entering buildings had only the compara¬ 
tively simple lightning arresters then known to the 
electrical telegraph art. Now, with fire-alarm circuits 
on the same pole lines with 2300- and 4300-volt circuits, 


a high grade of insulation of the associated apparatus 
has become necessary. Recent improvements in boxes 
have been made to provide this necessary protection. 

There has been a considerable increase in the use of 
electric sirens as fire-alarms in smaller communities 
where the expense of maintaining normally closed 
telegraph circuits for this purpose would he felt as a 
burden. The sirens are generally operated on normally 
open circuits actuated from the public power supply. 

In April, the seventy-fifth anniversary of the opening 
of the first electrical fire-alarm system in the United 
States and the first successful one anywhere was 
celebrated. An exhibition was held at the new fire- 
alarm office in the Fenway, Boston. 

There has been a general tendency toward the 
adoption of the red-amber-green cycle of signals for the 
regulation of traffic; red to stop, amber to warn of 
change and permit clearing of intersections, and green 
to go. This three-light cycle gives opportunity for 
control or stopping of all wheeled traffic in congested 
sections while foot traffic is permitted to proceed, and 
for stopping all traffic during the passage of fire ap¬ 
paratus, police cars, ambulances, etc.. There has also 
been a widespread tendency toward synchronizing 
signals along a street or throughout a district. In the 
town or small city, the business district is frequently 
concentrated along a main street. Hence it becomes 
comparatively easy to synchronize signals along this 
street so that traffic, may move fairly continuously for 
certain intervals, during the long intervals along the 
main street, during shorter intervals across the main 
street, with still shorter intervals between these while 
the light shows amber to clear the traffic from inter¬ 
sections. In some places this control obtains only 
during the period of heavy traffic; at other times only 
flasher or caution lights are shown at; certain inter¬ 
sections. In the larger cities, this synchronizing may 
cover a large congested section so that by due attention 
to the time intervals between signals points, traffic 
moving at an average rate may proceed with little or no 
stopping. The possible saving in traffic police and in 
consequent expense due to carefully planned signals 
of this type is evident. 

H, P. Charles worth, Chairman. 



Production and Application of Light 

Report of Committee on Production and Application of Light* 


To the Board of Directors: 

In accordance with requirements of the by-laws, there 
is submitted herewith a review of the development 
during the past year of the art of lighting with elec¬ 
tricity. This review 7 constitutes the annual report of 
your Committee on Production and Application of 
Light. It has been prepared through the cooperation 
of members of the Committee. 

The personnel of this Committee has been chosen with 
a view to insuring comprehensive consideration of the 
subjects bung within the purview of the Committee.- 
Its members concur in the view expressed by the' Com¬ 
mittee to Review Technical Activities in a report dated 
June 26th, 1924, to the effect that this Committee 
should function in an “initiatory and determinative” 
capacity in matters pertaining to the production of 
light and in a “joint or reportorial” capacity in matters 
pertaining to the application of light. Accordingly, 
the Committee endeavors to maintain close touch with 
developments in the production of light by electricity 
and looks to organizations more specifically concerned 
in the application of light for information as to develop¬ 
ments therein. 


Production of Light 


No developments in the production of light from 
electricity which are new in principle or which constitute 
a radical improvement in the art have come to the 
Committee’s attention during the past year. Progress 
in the development of illuminants described in earlier 
reports is reviewed briefly in the following paragraphs. 

Incandescent Filament Lamps. In the following 
paragraphs there is presented a brief review of signifi¬ 
cant changes in manufacture and utilization of incan¬ 
descent electric lamps. 

The past year has witnessed the general introduction 
of incandescent lamps with bulbs frosted on the inner 
surface, announced in the report of this Committee 
last year. Eighty per cent of the demand for re¬ 
placeable types is now being supplied by lamps of the 
new type. 

Among tungsten filament incandescent lamps the 
gas-filled principle has been extended to lower wattages 
than heretofore employed in this type for general light¬ 
ing purposes in this country, though not to such small 
wattages as those in which it has been sometimes 
employed in Europe. In the 50-watt 115-volt size the 
principle h as been applied to what appears to be the 
' ^Committee on Production and Application of Light: 
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minimum size for which its use is justifiable in the 
present state of the art. 

Limited ability to withstand rough usage and vibra¬ 
tion has always been a handicap of the tungsten 
filament lamp. Despite notable improvements by 
American lamp manufacturers, which have increased 
greatly the sturdiness of the filament, it remains true’ 
that after some hours of burning, the filament crystal¬ 
lizes and becomes less sturdy than the filament of a new 
lamp, and too fragile for some forms of service. 

In an effort to meet requirements for rough service 
(for example, in garages, where lamps are used on 
portable cords), manufacturers have recently developed 
a “rough service” lamp. This lamp is available in 
the 50-watt, 115-volt range. It is of the vacuum type 
and has a bulb of the same size as the usual 25-watt 
lamp. 

Where continuous, high-frequency vibration is en¬ 
countered (as ’that due to high-speed machinery), 
the lamp manufacturers recommend, if small lamps 
must be used, the 50-watt coil filament vacuum lamp 
in the P-19 bulb. It is preferable, however, to use 
larger, more sturdy lamps, and if necessary, to employ 
vibration reducing devices. 

Two lamps for decorative service have been made 
available during the year in new forms of flame-shaped 
bulbs. One is of 15 watts with a candelabra screw 
base. A similar lamp had previously been supplied 
in a bulb having spiral fluting. The other is a 25- 
watt lamp with a medium screw base. These lamps are 
regularly supplied with a flame tint coating to add to 
the effect suggested by their flame shape. 

According to a recent report issued by the Lamp 
Committee of the National Electric Light Association, 
carbon lamps are being used to a surprisingly large 
extent in ordinary lighting service. Because of their 
relatively low efficiency, the cost of producing light 
with these lamps usually is greatly in excess of that 
applying in the case of tungsten filament lamps. 

The trend of operating practise appears to favor 
115 and 120 volts. The demand for 110-volt lamps is 
steadily decreasing and is now only 12 per cent of the 
total in the 100-130-volt range; 115 volts accounts for 
48 per cent and 120 volts for 35 per cent, leaving only 
5 per cent for all other voltages in this range. The 
total number of lamps supplied from 200 to 260 volts is 
now but 3 per cent of the number supplied in the 115- 
volt range and this percentage is gradually diminishing. 
The concentration of lamp demand upon the fewest 
practicable number of voltages is desirable as a means 
of eliminating needless and expensive complications in 
manufacture and distribution. 

The 23- and 36-watt lamps for street railway head¬ 
light service are now made in the “A” shape bulb 
of clear glass. The change from the round bulb 


718 


June 1927 


PRODUCTION AND APPLICATION OP LIGHT 


719 


(G-18)A) in which they were formerly supplied, enables 
one standard light center length of 2 3/16 inches to 
replace 2 1/16 inches, 2 3/16 inches and 2 l /i inches 
light center lengths in the old bulbs. This can be done 
because the shape of the A bulb permits a wider range 
of adjustment of lamp position in the headlight. 

A special lamp has been developed for use in traffic 
signals. It is a 60-watt gas-filled tungsten filament 
lamp in a clear bulb of the shape and size used for the 
regular 40-watt lamp in the inside-frosted line. The 
filament is semi-concentrated to permit of more accurate 
light control by the signal lenses. The lamp has a light 
center length of 2 7/16 inches. It is designed for burn¬ 
ing in either a horizontal or base down position. 

To premote simplification in the line of lamps for 
series burning, it has been recommended that street 
lighting circuits now operating at 4, 5.5 and 7.5 amperes 
be changed over to 6.6 amperes, for which there is by 
far the greatest demand. The progress of standardiza¬ 
tion in this respect is slow. 

There is still a demand for series burning lamps of 
600 and 800 lumens (approximately 43 and 55 watts 
respectively) which, it is generally believed, could be 
replaced advantageously with lamps of at least 1000 
lumens (approximately 65 watts). 

Series Lam-ps Unsatisfactory on Multiple Circuits. 
Some use has been made of series lamps operated with 
auto transformers from multiple circuits. Investiga¬ 
tion of this form of operation has shown that multiple 
lamps operated on multiple circuits are more economical 
and give more satisfactory performance than any of the 
series lamp auto transformer combinations. The series 
lamp is designed to burn, at a constant current which 
means that the filament cross sectional area is very 
accurately determined while variations in manufacture 
are noted by changes in filament length. This manu¬ 
facturing variation is particularly noticeable when a 
series lamp is burned on a constant voltage circuit. 
Furthermore, in the larger size series lamps, a large 
amount of filament material during the normal life 
of the lamp is evaporated and deposited on the bulb. 
This blackening causes a decrease in lamp candle power. 
When the series lamp is operated on a constant current 
circuit the decrease in filament area results in an increase 
of brightness which partially offsets the blackening of 
the bulb. A lamp burned at constant voltage however, 
suffers because of diminution of current as the lamp 
ages due to increased filament resistance. It is seen, 
therefore, that all the factors present in both multiple 
and series lamps which make for decrease in lamp 
output are combined when a series lamp is operated on 
a constant voltage circuit. 

The lamp manufacturers recommend that multiple 
lamps be burned on multiple circuits and that series 
lamps be burned only on series circuits. 

Luminous Arc Lamps. It is understood that there 
have been no material changes in the design of construc¬ 
tion of the luminous arc lamp during the past year. 


The modern lamp, with its shorter casings and larger 
globes, as constructed for service in Washington and 
elsewhere, represents the latest development in this 
type of lamp which, as shown elsewhere, is employed 
rather extensively in street lighting sendee. 

Ultra-Violet Radiation. Efficient production of ultra¬ 
violet radiation is accomplished by electric discharge 
through vapors, usually of a metallic nature. The 
conditions of use impose the further limitation that the 
source, particularly one of the arc type, be completely 
enclosed to prevent the egress of undesirable vapors 
in therapeutic work, or the ingress of inflammable 
vapors in chemical work. The mercury arc in quartz, 
being inherently an enclosed arc, is uniquely adapted 
to use as a source of ultra-violet radiation. Units 
of 450 and 900 watts capacity for operation on 110 and 
220 volts respectively have met with increasing use dur¬ 
ing the past five years. The former are used largely 
in therapeutic work for the direct irradiation of patients 
in the treatment of rickets, bone tuberculosis, skin 
diseases, superficial infections, etc., while the latter 
are used for water sterilization, the testing of materials, 
irradiation of foodstuffs to produce antirachitic proper¬ 
ties, the treating of leather, varnishes, etc. 

The use of rare gases as an aid in the starting of dis¬ 
charge has recently permitted the design of a practical 
induction lamp having unique properties when made of 
quartz. It permits greater control of the relative 
ultra-violet energy distribution than before was possible 
and it is especially well adapted to the solution of many 
of the mechanical problems limiting the usefulness 
in photochemical processes of the older mercury arcs. 

It is said to be possible to duplicate economically 
by means of these artificial ultra-violet sources practi¬ 
cally any photochemical effects now secured through 
exposures to direct sunlight. This is important for 
sunlight, though inexpensive, is offset by the fact that 
it is of value only during the middle five hours of the 
day, if available at all. 

As an example of a highly developed ultra-violet 
application, mention may be made of. a recently 
designed apparatus in which, by means of a quartz 
mercury arc and filters, tests may be made of the light 
fastness of dyed textiles, inked papers, or painted woods 
in a much shorter time than ever has been possible by 
sunlight and with a quality of. fading action directly 
comparable with that of sunlight. 

Application of Light 

In contrast with the relatively meager developments 
in the production of light, the past year witnessed a 
wealth of development in the application of light. 
Artificial light is now available at such a low cost that 
improvement in its utilization can be undertaken wdth 
greater freedom. In consequence the lighting art is 
advancing rapidly. 

Residence Lighting Equipment. The past year has 
seen an expanding interest on the part of central station 
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companies in residence lighting equipment. Several 
companies have conducted re-lixturing campaigns 
with marked success and many are planning such 
activities for the current year. 

Interest in this project is evidenced by the prepara¬ 
tion, beginning in the autumn of 1925, of tentative 
specifications for residence luminaires, prepared under 
the supervision of a committee of the Association of 
Edison Illuminating Companies, with which the 
Illuminating Engineering Society has cooperated. 
These specifications promote consideration of a lumi¬ 
naire from three principal standpoints: 

1. Illuminating qualities 

2. Mechanical and electrical construction 

2. Aesthetic, values 

The application of these specifications results in a 
final figure of percentage which represents the over-all 
quality rating for each luminaire considered. Part of 
the determination of necessity must be arrived at by 
personal judgment and part by laboratory measure¬ 
ments. Very consistent results have been obtained 
by using averages of the personal judgments of several 
competent persons. An interesting by-product of 
this activity is the production of a practicable glare- 
gaging device, in the form used in the measurement of 
glare in residence luminaires. 

The Home Lighting Eommitt.ee of the National Elec¬ 
tric Light Association has already prepared outlines of 
typical plans for such re-lixturing campaigns. Ollier 
information and material is being prepared and will be 
disseminated by that Committee throughout the year. 
The month of October has been chosen as the period of 
specialized activity in promoting improved residence 
lighting. 

There is a noticeable trend in manufacturers’ lines 
toward luminaires embodying provisions for the shading 
of lamps, although the development is far too slow to he 
considered as satisfactory. Several inexpensive de¬ 
vices are on the market to enable the use of shades on 
modern types of lamps. 

Street. U(jhliu<n ''Pin* attitude of the electrical 
industry toward street lighting seems to he undergoing 
a wholesome alteration. Street lighting is coming to 
be regarded as a phase of utility operation which is 
capable of becoming remunerative both to the com¬ 
munity and to the utility. Accordingly, both the 
engineering and commercial aspects of street lighting 
are being given more intensive and forward-looking 
consideration than in t he past. 11 is coming to be recog¬ 
nized that through comprehensive planning, coupled 
with general plans for city improvements and growth, 
economies may he had through standardization, re¬ 
duced obsolescence, efficient energy distribution, and 
control. 

It is generally recognized that street lighting deserves 
the accurate methods of the engineer since nationally 
we are confronted with the need for many extensive 
improvements. There is dawning a new era in street 


lighting, trailing the new era in vehicular trallie. 
Street lighting systems for the main streets of huge 
cities, and some already in use. have been designed to 
deliver 50,000 to 150,000 lumens (2- to O-kw. demand) 
per standard instead of 10,000 to 15,000 lumens 
(0,5- to 0.75-kw. demand,) which was considered 
adequate in the past. 

Progress has been made in the manufacture of 
equipment for remote control over existing commercial 
networks to widely scattered relays actuating switches 
to supply the street lights from existing distribution 
systems. Several new remote control switches, both 
solenoid and motor operated, have been developed to he 
controlled from a pilot, wire. 

These new equipments are suitable to supply the 
power for either series or multiple lamps and may he 
selectively arranged to disconnect alternate units during 
the late hours of the night when there is little trallie. 
These various control equipments are receiving; more 
attention with the trend toward increased load density. 

There has been considerable activity in the further 
development of enclosing glassware for street lamps. 
The tendency seems to he in the direction of a. com¬ 
promise between directional control and diffusion, the 
one intended to {dace the light where it is wanted, and 
t he other to avoid excessive glare. 

In overhead lighting equipments the trend is defi¬ 
nitely toward the use of dust-proof units, to obtain a 
higher average efficiency bet ween cleaning periods by 
avoiding the absorption of light otherwise due to the 
collection of dirt on the lamp bulb, and on enclosing 
accessories. 

The Illuminating Engineering Society's Committee 
on Street Lighting is making progress in developing a 
method of appraising the qualities of street, lighting to 
determine the relative illuminating merits of various 
street lighting installations. 

The Street, and Highway Lighting Committee, 
National Electric Light Association, has outlined a 
three-year program to cover thoroughly the sales and 
financing aspects of street, lighting systems. It pur¬ 
poses issuing a manual on street light ing. 

The lighting of interurban highways is slowly pro¬ 
gressing with promise of greatly accelerated growth in 
the near future. Rural electrification is an interlinking 
factor, and nation-wide legislation providing enabling 
aets is the primary desideratum. There are many 
indications that as legal obstructions are removed, 
large growth in highway lighting will follow. The 
problem in its present, status is one of legislat ion rather 
than of engineering. I I owever, more engineering; analy¬ 
sis and evaluation of the social economic aspects of 
highway lighting will hasten the required legislation. 

Table 1 presents a partial list of intensive street 
lighting systems in the United States as of March 1st, 
1927. Additional intensive installations are being made 
or are planned in several other cities. From this list 
it is evident that existing high intensity installations 
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arc' divided between luminous arc and tungsten lamps, 
although present indications point to a trend toward 
tungst en installations in the immediate future. 


PARTIAL LIST OK INTKNHIVIS HTRKIOT LfOIITTNO NY ST KM S. 
AS OK MARCH. 1027 


Lumon.s ])(•!• lintmr 

foot Ol'.StHHtt* 


Chinttfo. Slain si roof. 2000 

Hoatilo, MoirupoIIfun Avonuo. jono 

Jorwoy City, N. .1. Journal Sqturns Plaza. S57 

Halt I .also Ciiy, HunIiiohh SottUon..... ,H22 

Nlatcara Kalis, Kails Sfroot. 7U1 

Han Kranoisoo, Markof Stroot. 7aO 

Holionori aii.v, Krio Boulevard.. 7(io 

Portland, Orouoa Huslnoss District. non 

Columbus. Ohio Hii.sino.ss Dlstriof..... non 

Solionooiad.v, Hlato Sfroot... aNa 

Los AottoloM Sovoral sl.roots,.;(7f, lo run 

Indianapolis, Business Mention. r,20 

Los AiikHcm, Ilromlway. , f iin 

Han Knuioisoo, TriuiiKlc Dlnlrlot. non 

1111 Paso, itusiuoKN Section,. non 

Cleveland, Superior Avt'lIUtt. film 

RoolioMtor, N. v. 1'last Main and Hast Avo... 172 

Lyuti. Mass, < tonlral Avonuo... .inn 

AukumIu. < hi. Broad Htroof.... •I, r i0 

Davenport, Iowa HumIiionh Sootion.. lad 

Hyraouso, Hosinoss Hoolioo. .!2a 

Boston Sovoral IiiimIiiomm hIi'ooIh. ... -inn 

Host nit MassaolniNo! Is Avottilo.nil) 

Lannliq!, Mloldaan Huslnoss Moot Inn. ion 

Lawrence, Mass,. Kssos Htrool... 100 

Cliioaiat. Sooth Hlalo Htrool. -ion 

(lury, Indiana HiihIiiosh IHstrloi. list 

Lynn, Mass. Huslnoss IMsfriot. ;ia 1 

Raoino, Wisconsin tliwInoKS IHairlot,... Mfiti 

ClmtMiiioona Tomi. HuhIhosh Dlstrloi. am 

Clovoland Huslnoss District,,.. aaa 

Worooslor, M ass....... aa.'i 

Httoa HiifiinosM Dlstriof... aoi 

Huratumi. Broadway... aon 

Lowell, Mass. aon 

Nashua, N. II, Business Hoot Ion.. anil 

Provideuoo, U. I. Huslnoss Soul Ion.. ant) 
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Sty it a l Litjhtn for Traffic. Control, The need of 
standardization of electric traffic signals is apparent. 
In some cities one may make a right for left turn on a 
red signal while in others such a movement is prohibited. 
There seems to lie a divergence of opinion, as to whether 
there should lie three colors or two. A committee 
•appointed by the governor of an eastern state has re¬ 
cently gone on record as approving a two-color system, 
while a similar committee in a neighboring state has 
also gone definitely on record as favoring a three-color 
system. Tourists traversing these two states are likely 
to encounter trouble. 

There also seems to be a wide difference of opinion as 
to the proper location of signals. Some city officials 
prefer the pedestal type mounted in the roadway; 
others prefer the bracket type of suspension from 
messenger wire across the street. It is not unusual to 
hear of controversies between officials of the State 
Highway Department and of municipalities as to the 
type of signal. Most of the State Highway Depart¬ 
ments will not permit the use of pedestal type signals 
on the roadway owing to the fact that if they fail to 
light they become a hazard. 


The lack of standardization in the use of the colored 
lights in connection with the control of traffic has made 
it difficult for the police to enforce the regulations. 11 is 
needless to dwell further upon the chaotic conditions 
which exist at the present time. The traffic problem 
requires the cooperation of the architect, civil engineer, 
police officials, electrical engineer, illuminating engineer, 
transportation engineer, etc., in order that all the 
various phases of the problem may receive due con¬ 
sideration. All of these are concerning themselves with 
it, but often independently and without coordination. 

In a recent number of the Architectural Forum there 
is an article by a nationally known architect which deals 
with the relation of the height of buildings and the 
density of pedestrian traffic upon the streets. 

Out of this maelstrom of independent activity comes 
the announcement of the organization of a committee 
of the American Engineering Council, under the chair¬ 
manship of Dean Dexter S. Kimball, of Cornell Uni¬ 
versity, which shall study the problem and prepare a 
standard code, so that when the automobilists from New 
York are driving in San Francisco, or vice versa, the 
signals will carry the same message. Such standardiza¬ 
tion now exists in the railroad industry where red to 
the railroad man means only one thing danger. 
Yet th(' general public has been educated to regard the 
use of red light in a building as a safety exit in case of 
fire, or, on a street, a safety aisle. In navigation the 
use of red for port and green for starboard is standard 
the world over. Possibly after the standardized code 
for the control of traffic is available, action can lie taken 
to replace the red lights in the interior of buildings as 
an indication of safe exits in case of lire. 

Automobile llcadliyhtint/. The art of automobile 
headlighting is receiving a great deal more attention 
than many people, perhaps, know. While it cannot be 
said that any great developments have been recently 
consummated, it is still a fact that efforts by many 
agencies, along different lines, but all directed toward 
the same object, have considerably advanced the general 
knowledge of the subject and have brought an ultimate 
satisfactory situation just so much closer. Among 
such activities now in progress, are: recognition of the 
Uniform Vehicle Code, enforcement of headlight laws, 
activities productive of a better understanding of the 
nature and prevention of glare, the relation of automo¬ 
bile headlighting to street lighting, mechanical require¬ 
ments for headlights, and recognition of the shortcom¬ 
ings of present equipment. 

The most notable development in automobile lighting 
practise during the past year has been the very general 
adoption by manufacturers of the better grades of cars, 
of a changeable beam headlighting system. This has 
been approved by all the states as legal. A brief 
review of the history of this development may not be 
out of place here. 

A number of years ago, the Illuminating Engineering 
Society and the Society of Automotive Engineers, 
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working together, endeavored to improve the unsatis¬ 
factory condition of automobile headlighting by 
adopting a set of minimum and maximum limits cover¬ 
ing a light distribution that would yield a maximum, 
of good driving light and a minimum of objectionable 
glare. These limits were based on permanent and 
fixed adjustment and pointing of the headlights. In 
the nature of things,, these limits were a compromise, 
but were so well worked out as to produce a marked 
improvement in road driving conditions after dark. 

Since these limits were adopted, however, there has 
been a considerable change in many of the elements of 
the problem. The average height of the eyes of drivers 
above the road surface is considerably less than it was 
five years ago, due to the constant lowering of cars. 
Vehicle springs are now being made softer than they 
used to be. Cars therefore pitch through greater angles 
due to road inequalities. Furthermore, because the 
passenger load comes very largely on the rear springs, 
there is a big change in car angle under varying con¬ 
ditions of load. Having these changed. conditions in 
mind, committees of the Society of Automotive Engi¬ 
neers and of the Illuminating Engineering Society 
jointly undertook to devise specifications covering the 
use of an alternative distribution of the headlight beam 
for use in passing another car. The driver is then 
expected to change from one type of distribution to the 
other as conditions demand. Experience has shown 
that drivers can be trusted to do this if they are pro¬ 
vided with a reasonably good passing light. 

By the use of the alternative system of distribution 
of the beam, two things are accomplished: first, a great 
amelioration of the glare difficulty is obtained by the 
use of the changed beam, and second, since the beam 
can be removed, from other drivers’ eyes, the adjust¬ 
ment of the headlamps may be such that the top of the 
beam is higher than with the fixed beam equipment, 
thus providing a better driving light where the absence 
of oncoming cars renders it practicable to keep the 
beam in its normal position. 

At the present time, a joint committee, composed of 
members of the two societies, is conducting research to 
determine the proper limits to govern the new .types of 
light distribution. Without waiting for the final 
results of this committee’s work, many motor car 
companies are adopting systems in which the regular 
driving beam is lowered through an angle of two or three 
degrees in passing another car. A number of simple 
and economical ways are now available for accom¬ 
plishing this result and the public approval of the 
change has been very marked 
• The old system of reducing the candle power by 
dimming is condemned by everyone and it is hoped that 
it will become obsolete in the near future. 

Lighting of Exteriors. The advantages of flood 
lighting have been amply demonstrated, not only by 
the number of large installations during the past year, 
but by the diversified character of the installations; 


Illumination intensities have in general been higher, 
and larger numbers of projectors have been used on 
individual installations than have ever been used before. 

Two state capitols, those of New Jersey and Texas, 
were added to the list of half a dozen or more that have 
been flood-lighted previously.* Two large office build¬ 
ings in Detroit were lighted; in one case over three 
hundred and the other over one hundred projectors 
were used. In Brooklyn over one hundred projectors 
were used on an office building, and in New York nearly 
five hundred projectors are employed to light the upper 
portion of a new theater. Kansas City has lighted its 
huge war memorial by means of searchlights; steam 
emerging from the top is illuminated by colored light 
from projectors concealed in the top. 

Great interest is developing in lighting recreational 
areas. In order that children may be kept from the 
streets, school and public playgrounds have been 
lighted. Colleges in increasing numbers are lighting 
their stadiums for night football. Considerable impetus 
was given this movement by the success of the lighting 
of the stadium at the Philadelphia Sesqui-Centennial 
grounds. 

Electric Signs for Daylight Use. Electric lighting 
display, having been highly developed in this country 
for night use, is being extended into the daylight hours. 

Tubes of neon and other gases or vapors offering 
striking color contrast with daylight are entering into 
service in some sections of the country quite extensively. 
This follows a like development in Europe. 

The diameter of the neon tubes which are ordinarily 
employed for signs varies from 7 to 32 millimeters 
(usually 11 to 15 millimeters). The characteristic 
orange-red color of neon predominates in displays 
erected to date but other colors are to be seen. These 
are derived from the admixture of helium, argon, etc. 
The characteristic radiation of mercury vapor is like¬ 
wise to be seen in some signs. 

The tubes vary in length from 10 to 40 feet. Starting 
voltages are approximately 200 volts per foot of the tube; 
alternating current 25 to 60 cycles is employed, rotary 
converters being used where the supply is direct current. 

For typical tubes of 20-foot length and 15-millimeter 
diameter, the manufacturers state that the consump¬ 
tion is about 200 watts. This increases rapidly if the 
diameter of the tube is increased. The power factor of 
such a sign is stated to be approximately 50 per cent. 

The usual filament-lamp electric signs are being 
adapted in some cases to daytime use. For this 
purpose an area of brightness is built up optically so 
that the entire surface of a letter is given the brightness 
of the filament itself when viewed from certain 
directions. 

In obtaining a large area brightness, the light has been 
concentrated into a relatively narrow angle; hence, 
within this angle only is its effectiveness at a maximum. 
Such a sign is of greatest value when the traffic is massed 
within a relatively narrow viewing angle, and where 
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people approach the sign nearly “head on” for a consider¬ 
able distance. There are many such locations—atop 
the marquise projecting over the sidewalk; at a dead¬ 
end street; on a highway curve;—where the new type of 
sign may be effective. . 

Illuminated Bulletin Boards. The use of illuminated 
poster and bulletin boards is rapidly increasing and it is 
noted that more consideration is being given architec¬ 
tural features as well as the use of novel lighting, and 
mechanical effects. 

The appearance of animation or action is sometimes 
accomplished through color by the absorption method. 
The advertisement is painted on the bulletin board with 
carefully selected oil colors. There are two lighting 
equipments, one for example, for red lighting and the 
other for blue-green lighting. Supply circuits are 
controlled by a two-circuit flasher so that by the alter¬ 
nate flashing of the red and blue-green lights, the fading 
out of certain words or images on the bulletin is ac¬ 
complished. For example, the red light will apparently 
“absorb” the red painted images or words on the sign 
leaving visible only the darker colors which do not con¬ 
tain red. Equivalent effects are had with the 
blue-green. 

A rather interesting mechanical bulletin board has 
made its appearance in the Middle West. The face 
of this board consists of a series of equilateral triangular • 
members each of which operates on an axis so that the 
entire face of the sign revolves simultaneously. In 
this manner three separate advertisements can be 
painted on the respective faces of the triangles. An 
electric motor operates the mechanism so that the sign 
may be changed four times a minute. These displays 
are illuminated for night operation. 

A rather effective plan has been worked out whereby 
the use of a modern show-window is combined with a 
billboard. The show-window is built flush with the face 
of the bulletin. The bulletin bears the usual advertis¬ 
ing, while behind the plate glass of the show-window is 
arranged a display of merchandise. The face of the 
bulletin is lighted by means of angle reflectors in the 
usual method and the interior of the show-window is 
illuminated with show-window reflectors. 

It is interesting to note that the electrical advertising 
industry has taken action to improve the appearance of 
bulletin boards and also to restrain members of their 
industry from installing posters and bulletin boards in 
places where they impair the beauty of the scenery. 
The unrestrained activity on the part of various poster 
advertising companies in locating their stands in places 
where they detract from the natural beauty of the land¬ 
scape has caused very unfavorable public comment 
and it is logical that the industry should take action 
to remove the cause of the criticism. 

Lighting for Aviation. The rapid advance of aviation, 
especially in the United States Air Mail Service, has 
given rise to demand for lighted air-ways. It is re-, 
ported that 3700 miles of transcontinental route are 


now lighted and appropriations have been passed for 
lighting the following routes for 1927: 

New York to Boston 

St. Louis to Chicago 

Dallas to Chicago 

Salt Lake City to Los Angeles 

Pasco to Elko 

Chicago to Twin Cities 

Cheyenne to Pueblo 

Under the auspices of the Department of Commerce 
there has been developed a lighting system, employing 
usually 24-inch revolving beacons, equipped with 900 
or 1000-watt tungsten lamps located at average in¬ 
tervals of ten miles along the air routes. Intermediate 
landing fields are located every 25 miles along the routes, 
each equipped with a beacon and 20 boundary lights. 
A green approach light and red lights on top of obstruc¬ 
tions near the fields are used. 

A typical airport has approximately 30 kw. of light¬ 
ing load, involving from $5000 to $12,000 worth of 
lighting equipment. It comprehends: 

1. Revolving beacon to guide the aviator to the air¬ 
port. 

2. Boundary lights (60-c. p. series) all around the field 
to show the limitation of the boundary area. 

3. Red lamps on all obstructions near the field, such 
as radio towers, telegraph poles, etc. 

4. An illuminated wind indicator to show the strength 
and direction of the wind. 

5. A ceiling light (1000-watt, 18-inch searchlight) to 
show the height of the-bottom of the clouds. 

6. Flood lights on the roofs and sides of the hangars 
(200-watt lamps). 

7. A high-intensity arc searchlight, or a couple of 
10-kw. tungsten lamps to floodlight the landing field 
itself. 

There are already nineteen lighted fields in the 
United States and forty others from which regular 
flying is being done on such schedules that lighting is 
required. Many cities are alive to the coming air 
commerce, and are appropriating funds to prepare 
lighted ports. It is a movement which is spreading very 
fast. Estimates indicate that by the end of next year 
there will be 2000 lighted fields in the country. 

In 1926 the Post Office Department used on their 
fields in the Air Mail Service, 3710, 900- and 1000-watt 
lamps; 1920 200-watt lamps and 1440 600-lumen series 
lamps. The 1927 plans are for over three times as 
much air mail service as in 1926, with a corresponding 
increase in lighting. 

Subterranean Lighting. The new vehicular tunnel 
from New York to Jersey City offers the outstanding 
installation of this class of electric lighting. It will 
probably be the most heavily traveled long tunnel in 
the world. 

Although the main travel will be in one direction in 
each of the two tubes, the use of unidirectional lighting 
was impracticable because of the possibility of only one 
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tube being used for travel in both directions when repairs 
are being made. The lighting is accomplished by in¬ 
candescent lamps behind windows set at the joints 
between the side walls and ceiling, and arranged so that 
the units on one side illuminate the opposite half of the 
tunnel, and avoid glare in the eyes of drivers. About 
two foot-candles are provided, with an overlapping 
distribution to minimize shadows from high vehicles. 

At each end additional light is provided for daytime 
use, to lessen the contrast with daylight. 

Railway JAyhkintj. Developments in lighting in the 
steam railroad field during the past year or so have 
largely kept pace with the general development in other 
fields of lighting. As a whole, railroads are appreciating 
the benefits of higher intensities of illumination, 
particularly in shops and offices where artificial illumi¬ 
nation may be required a large percentage of the time, 
with the consequence that the average levels of illumina¬ 
tion intensities for interior lighting throughout the rail¬ 
road field are being considerably raised. 

Considerable attention is being given to providing 
better illumination in passenger carrying cars. In the 
matter of intensities the best practise of today repre¬ 
sents from 75 to 100 per cent higher average illumination 
intensities than the practises of eight, or ten years ago. 
This has been made possible by the improvements in 
the efficiencies of train lighting lamps and the successful 
development; of lamps of higher watt,ages, also the 
development of economical car lighting axle generator 
equipment and batteries of larger capacity. 

The past year has seen very rapid growth in the 
general interest in the subject of flood lighting as 
applied to railroad yards, as well as the application of 
this system at a rapidly increasing rate. The proper 
and economical lighting of large railroad yards presents 
many problems, in which connection, until recently 
there has been available but comparatively Utile en¬ 
gineering data that would aid in laying out such lighting 
systems. There is also still considerable difference of 
opinion among railway engineers as to the system of 
flood lighting that; will produce the most effective 
results. This subject is being actively studied by the 
Committee on Illumination of the Association of Rail¬ 
way Electrical Engineers and it is expected that by 
another year illuminating engineering practise in the 
application of flood lighting in this field will gradually 
crystallize along definite lines of procedure. 

In view of the number of lighting problems that are 
more or less peculiar to the lighting field the Association 
of Railway Electrical Engineers has also prepared, with 
the assistance of the illuminating engineering staffs 
of the incandescent lamp manufacturers a "Manual 
of Lighting Practises for Railroads" which serves as a 
general code of lighting practise as applying to this 
field. 

Illumination of Outdoor Substations. The illumina¬ 
tion of outdoor substations is primarily intended to 
facilitate operation, but it has been found, in many 


cases, to have an advertising value as well. One installa¬ 
tion recently described in the technical pressemplmsized 
the advertising value by employing a hot. galvanized 
.finish on all structural steel and two coats of aluminum 
paint on transformer eases, switch housings, and other 
exposed metal surfaces. 

Litjhlcd Ornaments. Artificial light, has been em¬ 
ployed thus far primarily for utilitarian purposes, ()nly 
occasionally, and to a very slight extent, has it been 
employed in residences for the illumination ut orna¬ 
ments. Evidently the potentialities of such employ¬ 
ment, of artificial light are very great, 'There a tv some 
indications that these potentialities an* beginning to he 
realized, and in the not very distant future ! he employ¬ 
ment of lighted objects of decoration solely for the 
purpose of ornament may assume considerable pro¬ 
portions. 

Ehlatlu Tonus 

Photometry. Progress in photometry during t he past 
year has been principally in the application and use of 
the photoelectric cell in conjunction with suitable 
light, filters. At the present, t ime photoelecf He photom¬ 
eters are largely used for routine measurements of 
incandescent lamps; this includes street series lamps, 
miniature lamps, colored bulb lamps, etc*. The photo¬ 
electric cell equipment; has also been adapt eel to dis¬ 
tribution photometers, Hie spectro-photometer, and 
color temporalure determinations. 

'The extreme sensitivity of the* photoeleetrie cell 
equipment has permitted the establishment of light 
values to a much higher degree of accuracy t han obtains 
with visual methods. 

I'JJfcct of Illumination on Industrial Product tun. The 
Committee on Industrial Lighting of the Division of 
Engineering Research of the National Research Council 
has completed a throe year st udy of the effect of illumi¬ 
nation upon industrial condit ions, A report covering 
this investigation will be published in the near future 
and will contain many points of interest, to illuminating 
engineers and factory managers alike*. 

LUjhiina Sendee Manual, A manual for Lighting 
Service Departments, under preparation by a com¬ 
mittee of the National Electric light Association, is 
approaching completion. Part 1, which deals with the 
lighting field, organization activities, etc,, has been 
finished. It, will provide an excellent guide for central 
station lighting activities. 

Schools of Liahtitii /, Evidence of the increasing 
interest in illumination is shown by the demand for 
local lighting schools. These have become more 
numerous during the past year. As u rule they are 
promoted by individual central stations for the benefit 
of their employees engaged in lighting. In several 
instances they have included local electrical contractors 
and dealers and when this has been the case, the schools 
have been held under the auspices of a local electrical 
league or some similar body. The instruction in 
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these sehools has been conducted mainly by the in- 
can descen l lamp manufacturers. 

1 7 /inn Dial ion Items in the Journal. In view of the 
fact that lighting programs are included in Institute 
meetings only occasionally, this Committee has found 
it expedient to endeavor to keep Institute members 
advised of lighting developments through the medium 
of brief articles which appeared from time to time in the 
columns of the Journal. List of titles of articles which 
have appeared during the past, year is as follows: 


A Daylight Electric Sign. 

Lighting Totaling 25,000,000 Candle Power Burned 
Nightly in Broadway Signs. 

Europe Organizes Its Lighting Activities, 
inside Erosted Lamps. 

Trend of Electric Lighting. 

Must (lie Traveler Read Slowly? 

IT; let i<*al Color 1 Totem (.‘try. 

I adust rial 1 Jghting Activity of N. E. L. A. 

Meet t he Well Light,ed Car, 

European Light ing Progress Discussed at Rome. 

I Humiliat ing Engineering in Germany. 

1 Ionic 1 Jgh ling Cont est in France. 

British Lighting Contest begins with a Burst of 
Enl husiasm. 

A Recent Lighting Demonstration in Holland. 
Incandescent; Lamp Ratings in France. 

Art itieial I Jght ing in Foundries. 

British Investigate Light,and Industrial Efficiency. 

< 'arhon I maps. 


Conclusion 


The Committee on Production and Application of 
Light , notes wit h satisfaction advances which are being 
made in the application of electricity in the field of 
illumination, and is gratified to observe a tendency of 
the related industries to organize for more effective 
achievement, along these lines. The potentialities in 
this Held the Committee believes to he great, both in 
prospective engineering achievement and in benefit 


for the public. 


P. S. Millar, Chairman. 


Discussion 


I'L A* Willifordi (communicated after adjournment) I 
should like to augment the information given in thin report on 
the production and application of ultra violet light for medicinal 
and imlusirial purposes. 

The chief natural source of ultra violet light Ih the sun. There 
are, however, many artificial .sources of ultra violet light, among 
them being the various forms of carbon ares, the mercury vapor 
are in quart/., and el her metal ares. 

The emanations from the mercury are are confined to certain 


bands of wavelengths, especially in the shorter wavelengths in the 
region of 2200 to 3200 Angstrom units, with very little continuity 
of the spectrum. Every different inotal gives its own character¬ 
istic, quality of radiation when its vapors are introduced into the 
arc stream. It is possible, therefore, to control the quality of the 
radiation by modifying the chemical composition of the elec¬ 
trodes; or, in the ease of the carbon electrodes, the composition 
of the core. The following are typical instances: 

Arcs between pure carbon electrodes give ultra violet light 
chiefly of wavelengths from 3(500 to 4000 Angstrom units. 

If the electrodes are of nickel or if carbon electrodes are 
impregnated with nickel, a large proportion of the ultra violet is 
in a hand from 3400 to 3000 Angstrom units. 

Similarly, aluminum gives much radiation in the region of 
2050 to 3300 Angstrom units, while cobalt gives an arc rich in 
the very short wavelengths from 2200 to 2500 Angstrom units and 
again from 3300 to 3500 Angstrom units. 

Iron gives a large amount of radiation through the entire 
ultra violet spectrum. Cerium and the other rare earths give 
ultra violet from 2900 Angstrom units to the visible spectrum, 
quantitatively and qualitatively very similar to the spectrum of 
sunlight. For this reason, carbon electrodes impregnated with 
these rare earths have boon found by the Bureau of Standards 
to he the nearest in quality to natural sunlight of any known 
artificial light source. 

The materials referred to above are not toxic. They can, 
therefore, he used as arc electrodes without enclosing globes and 
without danger of toxic, poisoning. If required for special 
applications, the arcs can he isolated from the surrounding 
atmosphere by suitably ventilated housings constructed partly 
of quart/, or some of the newer ultra violet transmitting quartz 
substitutes. 

These metals, if used as pure electrodes, give satisfactory arcs 
on two or three amperes of direct current. I f the metals are used 
to impregnate carbon electrodes, so as to make the so-called 
impregnated or flaming arcs, they can lie opera,ted satisfactorily 
on either alternating or direct current at amperages from 2 to 
150. Because of this wide range of energy consumption possible, 
any desired quantity of the particular type of radiation required 
can lie obtained with these arcs. 

The known applications of these different typos of radiation 
are as varied as the qualities of the arcs themselves. For 
instance, those arcs giving long-wave ultra violet light are espe¬ 
cially valuable in the photographic, photo-engraving, and blue¬ 
printing industries. 

The ares which give light similar to sunlight are essential in 
dye-fading and paint-test,ing work where .such materials are 
ordinarily to ho used in sunlight itself. Artificial sunlight from 
these arcs also is utilized by physicians to augment natural sun¬ 
light or to substitute for it when natural sunlight is not available 
in the treatment of tuberculosis'and rickets. 

Other electrodes containing metal are used when it is not 
necessary to attempt to duplicate sunlight. Such cases are those 
where it is sought only to produce a tan or artificial sunburn. 
Those arcs giving very short-wave ultra violet radiation give 
large amounts of light having a powerful sterilizing or germicidal 
action. 

From the foregoing, it is apparent that; it is possible to make a 
selection of an artificial source of ultra violet light that will best 
accomplish almost any work which requires the use of ultra 
violet radiation. 



Electrical Machinery 

A nn ual Report of the Committee on Electrical Machinery" 


To the Board of Directors: 

This committee has carried on its work diming the 
past year according to the general plan of organization 
which has been in force for the past three years. The 
membership of the committee has been materially in¬ 
creased over the number of last year in an endeavor to 
be prepared to handle the increasing amount of work 
naturally resulting from the rapid growth in quantity, 
size, variety, and quality of electrical machinery. Expe¬ 
rience has shown that the work of a committee can be 
effectively earned on only when the members are able 
to get together and carry on a discussion across a table, 
following, perhaps, a preliminary exchange of views by 
letter. For this reason, the membership of the commit¬ 
tee has been restricted to those living within a day’s 
journey of New York or in the territory east of the Miss¬ 
issippi River. This territory embraces practically all of 
the manufacturers of electrical machinery, a large num¬ 
ber of universities, and large users of machinery for 
power generation and distribution. It is not intended, 
however, to exclude any members who are in a position 
to, or willing to, assist in any way whatsoever. In this 
connection, your attention is directed to the general call 
for volunteers which appeared on page 1 of the Journal 
of January, 1927, over the name of the chairman of this 
committee. 

The committee has held two general meetings, one in 
October and one in February at the time of the Winter 
Convention. In addition to these, the various subcom¬ 
mittees have held meetings in connection with the work 
that has been assigned to them. In general, the subcom¬ 
mittees have reported progress of their work and pre¬ 
sented opportunities for general discussion at the meet¬ 
ings of the whole committee. 

The organization of this committee comprises sub¬ 
committees on (1) Standards, (2) Papers, (3) Research, 
and (4) Education. It is probably not necessary to re¬ 
view here the functions of these subcommittees. Mr. E. 
C. Stone is chairman of the Standard Subcommittee, 
Prof. V. Karapetoff is chairman of the Research Sub¬ 
committee, Prof. C. A. Adams is chairman of the Edu- 
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cation Subcommittee, while Mr. H. M. Hobart with the 
whole committee has acted as clearing house for receiv¬ 
ing suggestions, obtaining and reviewing papers dealing 
with electrical machinery. 

During the year, 15 papers have been presented under 
the auspices of this committee at the general meetings of 
the Institute. Turning to the developments in research 
as affecting the design of electrical machinery, probably 
the most important theoretical contributions have been 
in connection with the subject of the synchronizing 
power and stability characteristics of synchronous ma¬ 
chines and the determination of the flux distribution in 
magnetic fields. In the field of design and manufacture, 
advances have been made in capacities of turbo genera¬ 
tors, transformers, waterwheel-driven generators, and 
synchronous condensers, there have been improvements 
in construction looking toward reductions of losses, the 
knowledge of the cooling and ventilation of machinery 
has been increased and definite steps have been taken to 
raise the operating characteristics of a-c. fractional 
horsepower motors to a higher level. In standardiza¬ 
tion, this committee has taken up a larger volume of 
work than ever before in the revision of existing A. I. 
E. E. Standards and the preparation of new Standards 
to keep pace with the continual development of im¬ 
provements and new types of machinery and the neces¬ 
sity of changes arising from a better knowledge and 
understanding of the art. All of these additions to our 
knowledge and the improvements in design are chapters 
in the great story of the engineer’s untiring efforts for 
the betterment of our social and economic status. 

The following review has been prepared with the as¬ 
sistance and collaboration of the members of the com¬ 
mittee and an attempt has been made to include the 
more important articles that have appeared in domestic 
and foreign journals in the several bibliographies. Un¬ 
doubtedly, articles of real merit have been overlooked 
and the committee will welcome having such omissions 
brought to their attention. 

Research 

Undoubtedly the most important phase of this com¬ 
mittee’s work is that which'has to deal with the ad¬ 
vancement of the art of design and manufacture of elec¬ 
trical machinery, through research. Without research, 
progress would be very slow. It is with a considerable 
degree of satisfaction that important contributions have 
been made during the year, both theoretical and experi¬ 
mental. 

Effect of Altitude on the Dielectric Strength of Insula¬ 
tions. The committee has carried out some experiments 
to determine the relative puncture strengths of standard 
insulation at different atmospheric pressures. The re¬ 
sults of these tests indicate that the reduction in the 
value of the voltage causing puenture with decreased 
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atmospheric pressure is so small that no change in the 
A. I. E. E. Standards is considered desirable so far as 
insulated windings are concerned. When air is depended 
upon for insulation, however, a correction should be 
made for that part of the insulation which consists of 
air in series with solid insulation. 

Surge Tests of Insulation. Work that has already been 
done indicates that the breakdown strength of solid in¬ 
sulation depends upon the kind and mode of test voltage 
and it does not seem feasible to specify for general use 
a test that will truly duplicate service conditions. A 
conventional test of the simplest kind will be just as 
satisfactory, provided the magnitude of the voltage is 
sufficiently high to provide a reasonable margin for the 
most unfavorable transient voltage liable to occur under 
actual service conditions. For example, if high-fre¬ 
quency oscillations are liable to take place and experi¬ 
mental data should show an ultimate strength of only 
50 per cent as compared with 60-cycle voltage, then the 
magnitude of a 60-cycle test must be at least twice that 
of the maximum high-frequency oscillation to which the 
machine may be occasionally subjected in operation. In 
large machines designed to meet definite service condi¬ 
tions where the most unfavorable overvoltages are rea¬ 
sonably well known, the factor of safety may be chosen 
accordingly, but competitive considerations will largely 
govern the choice of insulation and its test for machines 
made in quantities for the general market. 

It is recommended that designers study such data as 
are now available on this subject and that experimental 
assembled machines be tested by the different kinds of 
voltages for the purpose of obtaining data upon which 
may be based ratios for use in design and in specifica¬ 
tions and guarantees. 

Hot Spots in Cores of Turbo Alternators. Tests made 
by three manufacturers of typical American machines 
show that the temperature at the bottom of the slots at 
ends of the core is less than that between coil sides at 
the middle of the core and it is concluded that no change 
is needed in the present A. I. E. E. Standards as regards 
the location of temperature detectors. 

Evaluation of Conventional Losses. Some work is being 
done to determine the feasibility of determining the 
stray load losses of alternators, synchronous motors, and 
condensers by a more convenient means than those de¬ 
scribed in the Standards. 

Calorimetric Method of Determining Losses in Alterna¬ 
tors. Apparently this method requires such close super¬ 
vision of detail and conditions that it may be considered 
more of a laboratory method than one which can be used 
for general commercial purposes. It is recognized, how¬ 
ever, that this method has inherent possibilities for ex¬ 
perimental work and is worthy of continued investiga¬ 
tion. A paper giving results of extensive tests has been 
presented to the Institute during the year. 

Stability of Alternators. A paper, Stability Character¬ 
istics of Alternators, has been presented by Mr. 0. E. 
Shirley which showed the relation between stability and 


the short-circuit ratio and the subject has been referred 
to the Standards Subcommittee for the consideration of 
the establishment of a standard. 

Some years ago it was the practise to design synchro¬ 
nous machinery with good inherent voltage regulation. 
With the advent of the vibrating voltage regulator, this 
practise changed since it was more economical to design 
machines with lower inherent voltage regulation and to 
depend on the voltage regulator to maintain voltage. 
This principle formed the basis of machine design until, 
in recent years, the work done on system stability indi¬ 
cated that for machines which were to be used on those 
systems where stability is an important consideration, a 
reversion to the former practise of designing for good 
inherent voltage regulation was desirable. 

Recently, in the engineering of certain large power 
projects and extensions to existing systems, it has been 
decided to employ machines having lower leakage react¬ 
ance and higher short-circuit ratio than machines of nor¬ 
mal design for the same rating would have. The purpose 
of this is to increase the stability of the system upon 
which they are to be used and, in particular, to induce 
the probability of system disturbances causing loss of 
synchronism of the terminal apparatus with consequent 
interruption to service. 

For system stability it is desirable that reactance be 
kept low, whether it be that of transmission lines, trans¬ 
formers, or generators. It is not feasible to reduce the 
reactance of the transmission lines appreciably except 
by building additional lines in parallel. Transformer 
reactance is a relatively minor part of the total and can 
be reduced below the normal values only at considerable 
cost. On this account, attention must be focused on the 
generators where it is economical to increase the cost to 
reduce the reactance below normal since such a reduc¬ 
tion increases the capacity of the relatively much more 
expensive lines to carry load with less probability of ser¬ 
vice interruption due to system disturbances. 

Another important consideration in maintaining syn¬ 
chronism is that of sustaining voltage throughout the 
system during a disturbance. This may be partially 
accomplished by the use of machines having high short- 
circuit ratio. Higher values than those corresponding to 
normal design have been decided upon for certain pro¬ 
jects for the purpose of increasing system stability. Be¬ 
yond a certain degree, it is more economical to employ 
quick response excitation systems which serve to accom¬ 
plish the same object as increasing the short-circuit 
ratio, namely, that of sustaining the voltage during a 
disturbance. 

Within the past year, the construction of machines 
embodying these special features for improving system 
stability has been undertaken for certain high head de¬ 
velopments in California where the length of the trans¬ 
mission lines and the amounts of power involved are 
such as to cause the stability to be an important prob¬ 
lem. Machines of special characteristics are also under 
construction for certain low head hydroelectric devel- 
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opments in the East and the South where the reactance 
of the slow-speed machines is of necessity relatively high 
and where the amounts of power to be transmitted are 
very large. 

Relation between Dielectric Tests on New and Used 
Machines. This subject has been referred to the Stand¬ 
ards Subcommittee and it is intended that a paper 
should be prepared for the purpose of setting forth the 
principal considerations and a suggested standard. 

Characteristics of Synchronous Machines. Supple¬ 
menting a study of the characteristics of synchronous 
machines by an extension of Blondel’s theory of two 
reactions as mentioned in the report of last year, the 
second part of the series of papers by Doherty and 
Nickle should also have been mentioned, which treated 
the steady-state, power-angle characteristics. A further 
study has now been presented by these authors on the 
torque-angle characteristics under transient conditions 
and a further study of torque characteristics under 
short-circuit and transient conditions has been prom¬ 
ised. Another contribution to this subject has been 
made by Mr. H. V. Putman in a paper presented to the 
Institute. Results of experimental studies of the trans¬ 
verse armature reaction in synchronous machines have 
been presented in a paper to the Institute by Prof. J. 
F. H. Douglas to show that the effect of transverse re¬ 
action can be most accurately estimated by the use of a 
m. m. f. diagram. 

Stray Load Losses. Sources of stray losses and means 
of their reduction and elimination present a field of 
study which is of considerable importance in the never- 
ending endeavor to improve the efficiency of electrical 
machines. Papers have been presented to the Institute 
dealing with several phases of this subject. An analysis 
of the m. m. f. waves of polyphase windings of the frac¬ 
tional slot or irregular types shows the possibility of the 
existence of sub-synchronous harmonics having wave¬ 
lengths greater than two-pole pitches which may induce 
currents in the damper windings of synchronous ma¬ 
chines. Connection arrangements of this type of wind¬ 
ings have been investigated for the purpose of prevent¬ 
ing these losses. The existence of eddy current losses in 
the copper of armature windings has been a fertile field 
of investigation both as to a means of determining their 
magnitude and their reduction. Recent studies have re¬ 
sulted in simple conductor transpositions and arrange¬ 
ments that have been effective in almost entirely elimi¬ 
nating these losses. Investigations made by the calori¬ 
metric method in connection with several turbo genera¬ 
tors gave results that appear to confirm the correctness 
of assuming the stray load losses being equal to the 
additional losses under sustained short-circuit condi¬ 
tions. 

One of the colleges has undertaken a series of experi¬ 
ments on methods of determining load losses of syn¬ 
chronous machines which, it is said, gives promise of 
adding materially to the knowledge of this subject. It 


is hoped that the results of these experiments will be 
presented to the Institute during the coming year. 

Synchronous Converters. A treatment of the theory of 
the converter has been presented that is based on the 
method of “harmonic analysis” by which any regularly 
repeating function may be represented, and presenting 
a conception of the internal voltages, currents, heating, 
and armature reactions as related to the physical struc¬ 
ture of the simple converter and as related to the passage 
of time which may be called space and time relations. 

Synchronous Motors. A theory for the calculation of 
the complete starting performance of synchronous mo¬ 
tors has been presented which utilizes a system of nega¬ 
tively rotating vectors to take care of the unbalance in 
the damper winding which is not continuous. 

Reactances for Direct Current. A direct method of de¬ 
sign for the predetermination of the correct air-gap in 
reactances and transformers which are to be used with 
direct current has been offered. This subject is of par¬ 
ticular importance in building rectifier filters for radio 
telephone work. 

Magnetic Fields. The distribution of magnetic flux is 
a very important factor in the design of electrical appa¬ 
ratus and there is need of methods for determining the 
magnetic fields with a reasonable degree of accuracy. 
A rather complete treatment of this subject has been 
presented to the Institute in a group of papers covering 
the graphical method from the standpoint of the theo¬ 
retical considerations, comparison between calculations 
and tests and the practical application to a particular 
type of machine. 

Dielectric Tests on Windings of Large Alternators. The 
attention of the Subcommittee on Research has been 
called to the question of whether or not there should be 
a difference in the value of voltage applied in making 
dielectric tests on one phase to other phases connected 
to ground and from all phases connected together to 
ground. Information on this subject is desired. 

Effect of Damper Windings in Alternators upon Single- 
Phase Short Circuits. It is customary in Europe to add 
dampers to the field structures of alternators to enable 
them to more effectively carry unbalanced loads and 
reduce peak voltages when single-phase short circuits 
occur. This subject is included in a research report by 
the Department of Electrical Engineering of the M. I. T. 
of June 1926, and information is desired as to whether 
it is advisable to follow this practise in America. 

Evaluation of Conventional Losses. A discussion of the 
paragraph under this heading in this committee’s report 
of last year has suggested that suitable commercial test 
methods of determining the internal voltage drop of an 
alternator winding which is due to leakage reactance 
should be devised so that the real core loss under load 
conditions could be taken into account in figuring the 
efficiency instead of using the no-load value of core loss 
which may be considerably lower. If such tests could 
be made, the value of the conventional efficiency would 
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more nearly approach the real efficiency. The value of 
this drop in held ampere-turns might be taken from the 
test short-circuit impedance curve if the armature reac¬ 
tion in ampere-turns were known. This latter term can 
be quite accurately calculated from the armature wind- 
ing data but the test codes of the A. I. E. E. Standards 
are based upon the principle that the characteristics 
must be determined from only those quantities which 
can be directly measured by test. Some reasonably ac¬ 
curate method of measuring the leakage reactance would 
be a valuable addition to the present standards. 

Altarnalor Short. Circuit#. The work done previously 
on this subject lias been to determine the amount of cur¬ 
rent- that will How for various conditions of short circuit. 
The torque produced during a short circuit is also of 
importance and an instrument has been developed 
which will give a record of the instantaneous values of 
torque during a short circuit or similar transient condi¬ 
tion. It is also possible with this instrument to investi¬ 
gate the synchronizing power of a machine and tests are 
being made at the present time to study this synchro¬ 
nizing power as well as the short-circuit torque of a 
number of machines. 

Within the past few years, the methods of calculating 
phase-to-ground and phase-to-pha.se short-circuit values 
as well as the currents flowing for any abnormally un¬ 
balanced operating condition have been greatly simpli¬ 
fied by the use of the system of symmetrical coordinates 
developed by Mr. 0. L. Fortescne. In order to apply this 
method of symmetrical coordinates, it is necessary to 
have a knowledge of the impedance of the rotating 
machines to zero and negative phase sequence voltages, 
A great deal of experimental work has been done to 
determine the proper method of determining these im¬ 
pedances. A series of rather simple shop tests has been 
devised to obtain the desired information and during 
the past year a number of machines has been tested to 
find the values of their impedance to zero and negative 
phase sequence voltages. 
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Standards 

The following report has been made by Mr. E. C. 
Stone, Chairman of the Subcommittee on Standards. 

General. Following the policy laid down by the Chair¬ 
man of the Committee on Electrical Machinery, the 
Committee on Standards has kept in close touch with 
developments in the manufacturing and operating fields, 
and has attempted to sense the needs, as they have 
arisen, for modification or further development of the 
present standards and for the setting up of new stand¬ 
ards. 

By consistently following the policy of having sub¬ 
committees continuously at work on the revision and 
further development of standards for electrical machin¬ 
ery, it is hoped that the Institute standards in this field 
may be kept fully abreast of the times and adequate to 
meet the changing conditions under which electrical 
machinery is called upon to operate. 

The various subcommittees have been actively at 
work during the past year, have initiated a number of 
proposals for modification of old and creation of new 
standards and have carefully worked up a number of 
definite recommendations which has been formally pro¬ 
posed to the Standards Committee of the Institute. 

The preparation of standards covering two types of 
apparatus, mercury arc rectifiers and constant current 
transformers, not covered by present standards, has 
been started and definite recommendations may be ex¬ 
pected within another year. 

A number of changes in, and additions to, present 
standards on synchronous machines and on transform¬ 
ers, A. I. E. E. Standards Nos. 7 and 13, has been rec¬ 
ommended. Additions of importance include the fol¬ 
lowing: 

Method for the calculation of natural frequency for 
synchronous motors driving reciprocating machinery. 

Definitions for short-circuit ratio, per cent synchro¬ 
nous impedance and per cent transient reactance. 

Definition for and method of rating grounding trans¬ 
formers. 

Ability of transformers and reactors to withstand 
short-circuit current. 

Method of measuring losses in transformers. 

The operation of electrical machinery on a total tem¬ 
perature basis rather than on a temperature rise basis 
was actively discussed by the committee. The increas¬ 
ing demand under economic pressure for operation of 
electrical machinery in such manner, as to get out of it 
the greatest possible capacity under all conditions, and 
of taking advantage of the greater capacity inherently 


present when a machine is operated in a temperature 
below that for which it was designed, was recognized, 
and it was agreed that the committee should give active 
attention to the subject. In this work the committee 
was instructed to cooperate with Working Committee 
No. 38 of the Standards Committee, Mr. Hobart, Chair¬ 
man, whose function is “to revise the general principles 
upon which the rating of electrical machinery is based, 
with a view of presenting at a later date a document 
that will explain the connection and distinction between 
test specifications for rating and operation under service 
conditions, the purpose being to place before the various, 
working committees a working basis on which service 
may be established for each line of apparatus.” 

The subject of standards for dielectric tests immedi¬ 
ately after putting in service and periodically while in 
operation, was taken up actively. The investigations 
have shown that the problems involved are not well 
understood and that there is a wide variation both in 
opinion and practise with respect to them. Accordingly, 
Messrs. Gilt and Barns have promised to prepare a 
paper on the general subject of dielectric tests on equip¬ 
ment after installation, in which the principles, prob¬ 
lems, and practises will be crystalized and an attempt 
made to develop a definite method of arriving at a satis¬ 
factory solution to meet the various conditions that are 
encountered. 

In the field of fractional horsepower motors, little 
could be done because of the unsettled status of the 
negotiations now under way between the N. E. M. A., 
A. E. I. C., and N. E. L. A. with regard to the perform¬ 
ance characteristics of this class of motor. 

There i§ a growing tendency among power companies 
to place restrictions on the permissible efficiency power 
factor, and starting current of fractional horsepower 
motors. These characteristics are particularly impor¬ 
tant in the M-hp. motors used for domestic refrigera¬ 
ting and oil burning equipments, which at present have 
very poor characteristics in these respects. One com¬ 
pany has already put out a rule requiring that all such 
motors connected to its lines must have an apparent 
efficiency of not less than 42 per cent and a starting cur¬ 
rent of not more than 15 amperes at 115 volts. 

The negotiations referred to above have been care¬ 
fully followed by the subcommittee. It appears that 
definite progress has been made towards reaching an 
agreement at which the performance of fractional horse¬ 
power motors will be substantially improved, with a 
result that the over-all cost to the operator on such mo¬ 
tors, giving consideration both to the cost of the motor 
and of the power to operate it, will be reduced. 

The following is a brief resume of the activities of the 
various subcommittees. 

Standards for Alternators, Synchronous Motors, and 
Synchronous Machines in General. W. J. Foster, Chair¬ 
man. Revisions of the following paragraphs have been 
suggested: 



June 192' 


ELECTRICAL MACHINERY 


731 


Paragraph 

Number 

7-66 Definition of Open Machine. 

7-67 Definition of Protected Machine. 

7-457 (b) Ventilating Blower Losses. 

7-457 (c) Other Auxiliary Apparatus Losses. 

7-465 Determination of Losses (to include 7-472). 

7-467 (b) Friction and Windage Losses of Engine 
Type Alternators (to include Synchronous 
Motors). 

7-470 Stray Load Losses. 

7-551 Insulation Resistance—Minimum Values. 

Additions to this pamphlet have been recommended 
to cover the following: 

Method of Calculation of Natural Frequency of Syn¬ 
chronous Motors Driving Reciprocating Machinery. 

Definition, Short-Circuit Ratio. 

Definition, Per Cent Synchronous Impedance. 

Definition, Per Cent Transient Reactance. 

Standards for Transformers, Induction Regulators and 
Reactors . G. Faccioli, Chairman. The following new 
paragraphs have been recommended: 

13-161 Grounding Transformers—Definition and 
Rating. 

13-254 Grounding Transformers—Momentary Load 
Limitations. 

Revisions of the following paragraphs have been rec¬ 
ommended : 

13-250 Short-Circuit Current of Transformers— 
Momentary Load Limitations. 

13-252 Current Limiting Reactors—Momentary 
Load Limitations. 

13-306 Measurement of Losses in Transformers. 

The following subjects are suggested for attention 
during the next year: 

Guaranteed Secondary Voltage of Step-Up Trans¬ 
formers under No-Load Conditions. 

Cooling of Air-Blast Transformer Windings after 
Shut-Down. 

Self-Protection of Transformers against Impulse 
Transient Voltages. 

Operation of Transformers by Temperature. 

Standards for Synchronous Converters. C. H. Sander¬ 
son, Chairman. The further study of the following sub¬ 
jects for the revision of Standards No. 8 is recom¬ 
mended: 

Normal Rating. 

Measurement of Cooling Air. 

Quantity of Air Required for Cooling. 

Short-Circuit Protection. 

Standards for Mercury Arc Rectifiers. B. G. Jamieson, 
Chairman. This subcommittee was created through the 
request of the Standards Committee of the Institute at 
the January 1927 meeting. It is intended that it will 
develop as rapidly as possible definite standards for 
mercury arc rectifiers. 

Standards for Constant Current Regulating Transform¬ 
ers. H. C. Louis, Chairman. This subcommittee was 


organized at the time of the Winter Convention and it 
is expected to develop definite standards for constant 
current regulating transformers. 

Standards for Fractional Horsepower Motors. E. C. 
Stone, Chairman. On account of the unsettled status of 
fractional horsepower motors due to the negotiations 
now under way between the N. E. M. A., A. E. I. C., 
and the N. E. L. A., it has been impossible to formulate 
any definite recommendations on this subject. 

It is recommended that this subcommittee be contin¬ 
ued next year and that the A. I. E. E. Standard No. 10 
covering this subject be reviewed and such revisions 
recommended as may be necessary to fit in with the 
revised practise set up. 

Ventilation 

The ventilation of machinery is a very important con¬ 
sideration not only in regard to the cooling of the ma¬ 
chine itself and the supply of an adequate amount of 
clean, cool air but also as a means of deadening noises 
inherent in the operation of large and high speed ma¬ 
chines. In the endeavor to realize every possible econ¬ 
omy for obtaining high efficiencies, attention is being 
paid to relatively small features of construction to ob¬ 
tain small resistances to the passage of cooling air, and 
much attention has been paid to forms of fans. The 
importance of paying attention to small details in im¬ 
proving efficiencies of turbo alternators has led to inves¬ 
tigations in the laboratory by the use of a model in 
which changes in fingers, slot wedges and dimensions of 
slots can be* readily made and the effects determined. 
Tests are also being made to study the flow of air 
through rotors. 

The report of this committee for last year mentioned 
that closed ventilation systems had been adopted for 
hydroeleptric plants. The question may well be asked 
as to what consideration would make it advisable or 
desirable to use a closed system in a water power plant. 
The many illustrations of water power plants which are 
published in the current literature show locations remote 
from sources of smoke and dust which are not'associated 
in our minds with broad expanses of water and wilder¬ 
ness. There are often conditions surrounding the loca¬ 
tion of power houses that make it advisable to provide 
a closed system. Hydroelectric plants located on rivers 
in the midst of manufacturing plants where much coal 
is burned have as much need of this type of ventilation 
as the turbo generators in steam plants in the same 
locality. There are also conditions in some remote loca¬ 
tions which make closed systems advisable, such as se¬ 
vere dust storms in barren districts. It often happens 
that the initial installation in a hydroelectric develop¬ 
ment is only a small part of the final capacity and there 
may be construction work going on over a long period 
after the first few units have been put into operation 
with considerable dust from masonry work in the air. 
In an instance of this kind, it was found that the gener¬ 
ators had become sufficiently clogged with dust to raise 
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their temperature 10 deg. One installation of eight 
12,550-kv-a., 100-rev. per min. waterwheel-driven gen¬ 
erators includes closed ventilation systems. Probably 
the largest waterwheel-driven generator to be provided 
with this system is a 00,000-kv-a., 000-rev. per min. ver¬ 
tical unit. In these installations, the air coolers are 
located- in enclosures immediately behind the stator 
frames, and after passing through them, enter ducts 
leading to the pit underneath the generators. In the 
case of the 00,000-kv-a. generator, the air is returned to 
the space above the rotor also. The coolers are arranged 
so that they can be lifted vertically out of their pockets 
for repair or replacement without disturbing any part of 
the genen 1 1.<>r themsolves. 

Another unusual application of the closed system of 
ventilation is in connection with a (Herman Dicscl-en- 
gino-driven lM,0()0 7 kv-a., 04 rev. per min. alternator. 

Much valuable dat a for future design work regarding 
hydrogen cooling have been obtained from thorough 
tests on a (1250-kv-a., :K>00-rev. per min., Ui,200-volt 
turbo generator. Those tests were highly gratifying and 
indicated that practically the same benefits may be ob¬ 
tained as may be expected from theoretical considera¬ 
tions. There are indications that hydrogen cooling may 
eventually be used for largo syiuhronnus condensers and 
frequency converters. [ t, has boon suggested that, helium 
could be used with advantage in the place of hydrogen 
and this possibility is being investigated. A seal has 
been developed to prevent, the loss of hydrogen or the 
admission of air at, t he section where the shaft, of the 
machine enters the end bell. Tests made over long peri¬ 
ods of time on this type of seal have proved very satis¬ 
factory, Tests have also been made on heat-Ilow across 
laminations when surrounded by hydrogen. 

The necessity of minimizing the noises given out by 
rotating machinery in substations located in business 
and residential areas has presented some dillteull prob¬ 
lems, especially in connection with d-e. machinery. It 
is a comparatively simple matter to enclose a synchro¬ 
nous motor so that, the noises are quite effectively dead¬ 


converter and of slightly greater height, I)oors are pro¬ 
vided at each end while steps on the bearing pedestals 
with suitable screens, guard rails, and adequate lighting 
make the rings and commutator safely and easily acces¬ 
sible. Air is introduced through the pit at the d-e. end, 
a small part being admitted under the collector rings and 
passing axially through the machine; it is discharged 
into the exhaust ducts from the top of the collector end 
of the enclosure. This scheme has been successfully ap¬ 
plied to 4200-kw., 12-phase converters having their two 
transformers mounted on the base plate. Blowers loca¬ 
ted in the basement beneath the converters are used to 
force the air through the housings. Some 2lou-kw., 
six-phase converters have been similarly equipped, 
During the past year extensive experimental tests 
have been made to determine the surface heal trans¬ 
fers in electrical machinery with air flowing at vari¬ 
ous velocities through radial and axial duets, Investi¬ 
gations have been made to determine the iitihuoce of 
shape, size, cross-section, condition of the surface, mean 
temperature, and several other factors. 

The most, important fact brought out in these tests is 
that, the rate of heat, transfer Is not constant along the 
path of air-flow but varies in value from point to point 
along the path. This variat ion in tlu* rat e of heat liber¬ 
ation for a constant, air velocity in a given duel is caused 
by the changes in the turbulency of the airflow along 
tlu* duct,. As a result of this change of furbuleuey, if is 
found that, the rate of heat t ransfer near t he cut ranee of 
a duet, is about, twice that, at a point further along where 
stable How conditions arc found. This explains why 
electrical machines with short, duct lengt h have a capac¬ 
ity in proportion to their surface greater t han t hose with 
similar ducts but with longer air How paths. This also 
explains why the surface heat t ransfer coellicient of a 
duet, averaged over its total length, will be an inverse 
function of the length. It, also explains why results as 
given by experiments on ducts of various length should 
vary. 


ened hut in the case of a d-e. generator or a rotary con¬ 
verter, the necessity of providing ready access to the 
commutator brushes presents serious dillicullies and the 
accumulation of metallic and carbon dust becomes a 
serious contributing fact,or toward insulation failures, 

An early attempt to enclose a rotary converter con¬ 
sisted of a housing in the form of a wired glass and steel 
framework closely shrouding the commutator and 
mounted directly on the arms of the brush spider. A 
metal housing covered the collector rings and pedestal 
with su(Helenf room to allow an operator to enter the 
housing and inspect the rings and brushes. Test showed, 
however, that this arrangement hindered the free ven¬ 
tilation of the commutator and from an operating point 
of view the commutator was too inaccessible. A later 
attempt which has proved successful has taken the form 
of a largo semi-cylindrical steel housing of about the 
same size as the over-all projected dimensions of the 
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Water-Wheel Generators 
Probably the most notable water-wheel-driven gener¬ 
ators ol the past year are the seven machines now under 
construction for the Gonowingo Development. These 
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alternators are notable not only because of their size hut 
also because of the fact that, they are to supply power 
for the first 220-kv. transmission line in the eastern part 
of the United States. .They are rated 40,000-kv-a., 90 
per cent power factor, 81.8 rev. per min., (50 cycles, 
111,800 volts, and are the largest In physical dimensions 
of any electrical machines that have ever been built. 
They are being built by two manufacturers, and by a 
large degree of cooperation between them, it has been 
possible t o obtain similarity in characteristics and ap¬ 
pearance and interchangeability of some important me¬ 
chanical parts. The outside diameter of the stator frame 
is 08 ft. One manufacturer has made use of steel plate 
construction almost exclusively for the mechanical parts 
of the stator frame and the rotor. The rotor rim will 
consist of heavy rolled plates in several layers over¬ 
lapped so as to give the greater strength for the amount 
of material used and fastened together with bolts and 
dowels. The pole pieces will be fastened with bolts 
through the rim. The stator frame is of the welded steel 
plate construction and greater uniformity in shape has 
been obtained than is possible with castings. The larg¬ 
est capacity thrust bearings ever built will be required 
for these generators. Their capacity will be a total load 
of 750 tons. 

On account of the stability characteristics desirable 
for operation with the 220-kv, transmission line, the 
generators described above have a short-circuit ratio of 


1.25 which is somewhat higher than has been found sat¬ 
isfactory for nearly all other hydroelectric develop¬ 
ments. As a further aid in securing continuous parallel 
operation without hunting or dropping out of step dur¬ 
ing disturbances on the system, a scheme of high-speed 
excitation is being used. As in the case of the large gen¬ 
erators at Niagara Falls, each main generator has direct- 
connected to its shaft a service generator which supplies 
power to a high-speed motor-generator set for providing 
excitation for the main generator. The service genera¬ 
tor is provided with its own direct-connected exciter. 
The generator of the main exciter set will be separately 
excited by a suitable direct-connected exciter. To take 
full advantage of the high-speed excitation provided by 
this scheme, special voltage regulators are being used to 
control the main generator excitation through the con¬ 
trol of the field current of the exciter generator. The 
fields of the exciter generator will be connected in two 
parallel circuits in order to obtain an effect equivalent 
to that of using double potential on the whole field con¬ 
nected in series. (Generators having the same scheme of 
excitation have been installed in power houses on the 
Gatineau River in Quebec for supplying power to the 
200-mile transmission from Ottawa to Toronto. One of 
these generators is rated 32,000 kv-a., 90 per cent power 
factor, 100 rev. per min., 6600 volts, 25 cycles, and the 
other is rated 22,500 kv-a., 88.3 rev. per min. 

The largest vertical shaft; water-wheel-driven alterna¬ 
tors yet built in Europe are now under construction. 
They are rated 35,000 kv-a. at 337 rev. per min. and 375 
rev. per min., 10,000 volts, 40 cycles. These machines 
are equipped with direct-connected main and auxiliary 
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exciters. The rotors are made up of two wheels, each 
consisting of five cast steel disks bolted together. The 
pole pieces are dovetailed to the rotor spider. 

There are under construction three of the largest ver¬ 
tical shaft water-wheel generators of the “umbrella” 
type yet built. ■ Two of them are rated 27,500 kv-a., 80 
per cent power factor, 90 rev. per min., 13,800 volts and 
the other is rated 22,500 kv-a., 75 rev. per min., 60 
cycles. With this construction, a common shaft is used 
for generator and water-wheel and the thrust and guide 
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bearings are located beneath the rotor. There is no 
guide bearing above the rotor. The ventilation arrange¬ 
ment is noteworthy in that no air is taken from the 
wheel pit and no air currents pass over the bearing oil 
pans to draw oil vapour into the generator. A number 
of smaller generators of this type has now been put into 
operation and their operation has proved satisfactory. 

European manufacturers of water-wheel equipment 
are apparently finding it more economical to offer geared 
units for low head installations. An installation on the 
Trent River in Ontario consists of a 1400-hp,, 120-rev. 
per min. vertical shaft turbine geared to a 600-rev. per 
min. horizontal shaft alternator through a set of helical 
bevel gears which are claimed to have an efficiency of 
98 per cent. Some recent German plants contain ver¬ 
tical shaft turbines driving vertical shaft alternators 
through double spiral gears. 



Fig. 3—Comparison of Ratings of Existing Salient 
Pole Alternators with Ratings which Manufacturers 
are Prepared to Build 

The full line curve shows ratings which manufacturers are prepared to 
build as mentioned in the June 1926 report of this committee 

During the year a very large automatic hydroelectric 
station has been put into operation. It consists of a 
17,500-hp. vertical turbine driving a 13,333 kv-a., 
6600-volt, 225-rev. per min. generator and is controlled 
from a station seven miles distant. Another large gener¬ 
ator rated 9000 kv-a. arranged for full automatic control 
' has been put into operation. 

In the report of this committee last year, there was 
given a list of large ratings at different speeds which 
manufacturers were prepared to build. No doubt, if the 
necessity should arise, greater ratings could be con¬ 
structed. A reader who was interested in knowing how 
close the ratings of-machines already built came to these 
limits has plotted the list of maximum ratings and 
speeds in the form of a curve and added the more out¬ 
standing ratings,that have been built. The curve and 
plot is reproduced to show what appears to be the limit 
line of hydroelectric unit capacities that have been con¬ 
sidered economical up to the present time. It will be 
noticed that the highest ratings at different speeds of 
machines built or under construction fall on a well de¬ 


fined curve with the exception of two machines that are 
above the curve. 

Recent developments in the design of Pelton wheel 
water turbines promise that larger horizontal shaft gen¬ 
erators than heretofore built are possible requirements 
of the future. The standard arrangement of units with 
this type of turbine is to mount a runner on each end of 
the generator shaft. Units of this type have been built 
for capacities of 40,000 hp. and 56,000 hp. and studies 
have been made of still greater capacity wheels which 
may be built when the proper economic conditions are 
presented. There are now being built two of the largest 
capacity alternators for this arrangement that have 
been produced. One of these is rated 50,000 kv-a., 60 
cycles, at 300 rev. per min. and the other is rated 45,000 
kv-a., 50 cycles at 250 rev. per min. 
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Turbo Alternators 

The trend of development during the past year has 
been toward larger units. In connection with the manu¬ 
facture, shipment, and installation of the large alterna¬ 
tors now being produced, there has been an extension 
of the use of the skeleton frame construction for stators, 
and also in speeds of 1500 and 1800 rev. per min. 

The old type of construction made a final unit which 
was necessarily heavy and usually too large for ship¬ 
ment on the railways. With the skeleton frame con¬ 
struction, the frame is strong enough to support itself 
during machining and assembly. Special bolted-on 
plates and trunnions for each frame facilitate handling 
during assembly at the works, loading and unloading 
during shipment, and final erection at the destination. 
The over-all dimensions of the frame, assembled for 
shipment, allow the completely assembled unit to be 
shipped direct to its destination. The ventilation re¬ 
quirements are cared for by an external superstructure 
of sheet metal applied at the destination. With this 
construction, 1800-rev. per min.' turbine generators up 
to 75,000 kv-a. can be built and wound at the works and 
shipped complete. As a result of this, large turbine gen¬ 
erators can be tested at the works, the freight charges 
are reduced, handling during assembly, shipment and 
erection is made easier, closer inspection is made possi- 
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ble during manufacture, and there is less confusion to 
the purchaser when shipment is made. 

There has been considerable activity in developing 
new types of stator windings, involving transposition of 
strands in each conductor, and transpositions at the 
heads of the machine, or in the connections. The use of 
half-coils is becoming more common practise among the 
different manufacturers. It has been found that the use 
of continuous coils and the control of the eddy current 
loss factor by transposing the strands of each conductor 
at one end of the machine is satisfactory up to about 
50,000 kv-a. In larger capacity machines, coil length 
and weight are so great that it is difficult to handle the 
coils during manufacture and assembly. This has fa¬ 
vored the use of half-coils, especially in view of the facil¬ 
ity with which damaged coils can be replaced in the 
machine. 

To make the eddy current loss in half-coils as low as 
in continuous coils, either elaborate transposition of the 
strands at each end of the machine or transposition of 
the strands inside the armature core is necessary. Com¬ 
plete external transposition of half-coils is undesirable 
because of the large number of complicated connectors 
and the large space required for connection. For these 
reasons, types of half-coil construction are being used 
in which the strands of each conductor are transposed 
in the slot portion. One construction provides a com¬ 
plete transposition in the slot of all the strands in the 
conductor as one group while in another construction 
the strands are arranged in small groups and the strands 
of each group are transposed internally while the groups 
are transposed at the ends. These constructions permit 
the use of coils which are relatively easy to handle and 
assemble and yet make the eddy current losses as low 
as possible. 

The past year has seen the realization of the predicted 
possibilities in large high-speed turbo generators which 
were mentioned in the report of this committee last year. 
There are under construction generators of the following 
ratings: 

Single-Shaft Units. 

100,000 kv-a., 90 per cent power factor, 1500 rev. 
per rn'in. 

75,000 kv-a., 80 per cent power factor, 1800 rev. 
per min. 

Triple-Shaft Units. 

Two—64,706 kv-a., 85 per cent power factor, 1800 
rev. per min. and one 57,647 kv-a., 85 per cent power 
factor, 1800 rev. per min. with two 4286-kv-a. house 
service generators to form a 165,000-kw. unit. 

Two—72,941 kv-a., 85 per cent power factor, 1800 
rev. per min. and one 89,412 kv-a. 85 per cent power 
factor, 1800 rev. per min. with two 5333-kv-a. house 
service generators to form a 208,000 kw. unit. 

The present tendency to very large generating units 
and ever increasing, station capacities has made the 
switching problem, on account of the enormous cur¬ 
rents involved, a serious one. This situation is being 


met in some instances by connecting step-up transform¬ 
ers directly to the generator terminals and doing all the 
switching on the high-tension side of the transformers. 
In other cases, the generators are being built to operate 
at voltages considerably higher than those'previously 
employed. As examples of the latter practise, the two 
100,000-kv-a. units mentioned above are being con¬ 
structed for 16,500-volt operation; the main generators 
of the 208,000-kw. triple shaft unit above referred to 
will operate at 22,000 volts, and there is also under con¬ 
struction a single-shaft generator of 61,675-kv-a. capac¬ 
ity which will operate at 22,000 volts. All of these will 
have dielectric tests in accordance with the A. I. E. E. 
Standard, i. e., twice normal voltage plus 1000 volts. 

During the year some large two-shaft units have been 
put into operation. One of these consists of two 40,000- 
kw. generators. The turbine and generators are oper¬ 
ated as a unit, .the two generators being solidly tied to 
each other and to an auto-transformer stepping up to 
27,600 volts with switching on the high-tension side 
only. The neutral points of both generators and auto- 



Fig. 4—Shop View op Stator Frame for 40,000-Kv-a. 

Vertical Shaft Alternator 

For Conowingo Development 

transformers are solidly grounded. The unit is started 
with field on both generators, the low-pressure element 
starting as a motor. The two generators are identical 
and are each rated at 40,000 kw., 1800 rev. per min., 
13,800 volts, 90 per cent power factor. The generators 
also have a one-hour overload rating of 80,000 kw. at 
80 per cent power factor. A 250-volt exciter is direct- 
connected to the generator of the high-pressure element. 
Each generator has its own field rheostat but the two 
face plates are coupled together and operated as a unit 
by a single pilot motor. A closed cooling system is used 
for each generator. 

Another unit comprises a 64,700-kv-a., 85 per cent 
power factor, 1200-rev. per min. generator, a 38,825- 
kv-a., 85 per cent power factor, 1800-rev. per min. gen¬ 
erator, and a 4666-kv-a., 75 per cent power factor, 1800- 
rev. per min. house service generator making a combined 
capacity of 91,500 kw. 

Still another two-shaft unit which is under construc¬ 
tion consists of an 88,200-ky-a., 85 per cent power fac¬ 
tor, 1800-rev. per min. generator and a 100,000-kv-a., 
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95 per cent power factor, 1200-rev. per min. generator. 
Both generators are wound for 13,800 volts. 

Two 62,500-kv-a., 1800-rev. per min. generators 
which have been put into service show by performance 
that the rating can be increased to 70,600 kv-a. without 
exceeding the original temperature guarantees and with¬ 
out change. They have a test efficiency of 98 per cent. 
Another manufacturer has completed a 59,000-kv-a., 
12,000-volt, 1800-rev. per min. turbo generator which 



Fig. 5—Shop View op 59,000-Kv-a., 1800-Rev. pee min. 
Steam Turbine-Alternator Unit showing Skeleton Frame 
Construction 

will soon go into operation. This single-shaft set is to 
be ventilated by two external blowers and the armature 
winding has transposed conductors. 

During the year, several of the European manufac¬ 
turers have built 50-cycle turbo generators at 3000 rev. 
per min., in.sizes from 30,000 kv-a. to 37,500 kv-a,, but 
the experience of some of these companies in testing the 
generators before shipment has not been reassuring. In 
consequence, at least one of the principal manufacturers 



Fig. 6—80,000-Kw. Cross-Compound Turbo Alternator 

Set • 

has decided to build 30,000 kv-a. hereafter, at 1500 rev. 
per min., instead of 3000. 

In. England there has been built a 31,250-kv-a., 80 
per cent power factor generator which is remarkable for 
its voltage. It is wound for a terminal voltage of 33,000 
volts and in order to avoid increasing the dimensions of 
the machine unduly, due to the thickness of the insula¬ 
tion, a special arrangement has been used to keep the 
voltage at a low value between adjacent conductors and 


ground. This high voltage would appear to be an inno¬ 
vation but it should be recalled that a 500-kv-a., 30,000- 
volt water-wheel-driven generator which was built for 
the city of Rome about 20 years ago, is reported to 
have operated all that time without breakdown. 

Tests made to determine the additional losses in turbo 
alternators due to stray field have shown that the short- 
circuit losses can be reduced if non-magnetic rotor re¬ 
taining end rings are used. Laminated stator end flanges 
and laminated magnetic shields attached to the stator 
flanges have been proved advantageous and a number 
of machines has been built with these features. 
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Transformers 

The design of a transformer is often influenced by 
space limitations. To meet special limitations, individ¬ 
ual radiators may be removed from the sides, of the 
transformer tank and mounted in a single group. This 
arrangement has been used on an 89,000-kv-a. bank of 
self-cooled auto-transformers. The single-phase units 
which comprise this tank are the largest transformers 
on which radiators have been mounted apart from the 
transformer. 

The development.of the load ratio transformers which 
was reported last year has justified the claims for its 
growing importance. There has been a continual 
growth in. the use of transformers arranged for load 
ratio for tying-in two operating systems for properly 
distributing the load over different portions of the same 
system, and for electrolytic and metallurgic processes 
in industrial service. 

The voltage range for which these equipments were 
designed varied within wide limits, the maximum to 
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elate being 120 per cent range in voltage in 18 ratios, 
and the minimum 10 per cent voltage variation in nine 
ratios. The largest banks so operated are as follows: 

Three-phase, water-cooled, 60-cycle regulating auto¬ 
transformer capable of handling 00,000 kv-a. for use 
with three single-phase, 20,000-kv-a. units rated 132,000 
grounded Y, 30,000 grounded Y, 12,000 volts. 

Automatic control by means of a contact making 
voltmeter was provided for two three-phase, self-cooled, 
radiator ty pe transformers of 10,000-kv-a., 60-cycle out- 
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put. These machines transformed 11,000 volts to feed 
a grounded Y, 41,400-volt system. To adjust the line 
voltage in accordance with the changing load, the high- 
voltage windings have 11 taps of 21 a per cent each. To 
permit a change of taps without interrupting the load, 
a part of the 41,400-volt winding is made in two sec¬ 
tions, operating normally in parallel and dividing the 
load equally. Each of these winding halves is connected 
to an 11-point, ratio adjuster and the resulting circuits 
brought, out; of the transformer tank and led to two 
three-}>lmse circuit breakers. 

It is thus possible during the tap-changing period to 
open-circuit, one section in each phase, and change the 
vol tage* tap in this open-circuited section while the other 
section temporarily carries the entire load of the trans¬ 
former. Copper of ample cross-section and the very 
short transition period make this possible. The same 
change is then made in the second half. The entire 
change from one voltage tap to the next requires only 
eight sec. For a brief period, less than l\4 sec., when 
both breakers are closed but the two ratio adjusters are 
one tap apart, an internal circulating current exists, 
which, however, is kept within predetermined limits by 
sufficient inherent reactance in the transformer wind¬ 
ings, 

A motor-operated mechanism mounted on the trans¬ 
former truck insures a properly timed operation of the 
internal ratio adjusters and the external circuit break¬ 
ers, For the proper execution of the tap-changing cycle, 


it is essential that the three corresponding ratio adjust¬ 
ers of the three phases move simultaneously from one 
tap to the next; therefore these ratio adjusters are 
mounted together on the same shaft with full phase 
insulation between them. The resulting two stacks of 
adjusters are arranged in a vertical position along the 
coil stacks of the transformer, and their two main shafts 
connect on top to a special internal intermittent gear. 
Turning the driving shaft of this gear train one complete 
revolution will first change one set of the three adjusters 
one step, then lock this set, and then turn the second 
set one step. 

Contact making voltmeters relieve the operator of 
any manual starting of the mechanism. If the line volt¬ 
age deviates from a set value for a period longer than a 
predetermined time value, the tap-changing mechanism 
is automatically put in motion in one direction or the 
other to bring the voltage back to normal. A positive 
but adjustable time delay is insured by a relay, driven 
by a small induction motor. Between the motor shaft 
and the contact making element, a train of gears with 
a gear shift mechanism is introduced, allowing adjust¬ 
ment from one sec. to 30 min. 

Two contact making voltmeters arc used on each of 
the two transformers, one adjusted to respond to a nar¬ 
row range of voltage variations, while the other one is 
set for much wider differences in voltage. If the line 
voltage rises or drops only slightly, and if this condition 
persists long enough to bridge the introduced time de¬ 
lay, the transformer will shift to the next proper tap. 
If, on the other hand, a considerable rise or drop occurs, 
the second contact; making voltmeter will respond and 
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will cause immediate adjustment without any time de¬ 
lay. The necessary instruments, relays, timing devices, 
etc., are arranged on two switch panels. 

A large number of transformers has been built during 
the past year with external auxiliary equipment for 
changing taps under load. A simplification of the prob¬ 
lem of taps changing under load is claimed for a new 
development of the single-winding scheme. By use of a 
self-protecting preventive auto-transformer, only one 
switch operation is required to change the voltage ratio 
of the transformer under load and protective equipment 
is not required for the transformer windings as no wind¬ 
ing is overloaded during the change in taps. This meth¬ 
od of tap changing under load permits mounting all the 
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switches external to the transformer tanks and requires 
a minimum number of switches. 

The following is a description of the operation of the 
single-winding arrangement shown on the schematic dia¬ 
gram Fig. 8. On position No. 1 with switch No. 1 closed, 
one-half of the preventive auto-transformer carries the 
load current of the main transformer. The change from 
voltage position No. 1 to voltage position No. 2 is made 
by the single operation of closing switch No. 2. In this 
second position, each half of the preventive auto-trans- 
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former winding carries half of the load current of the 
main transformer and the voltage obtained is equiva¬ 
lent to a voltage midway between taps. The resultant 
current in the two halves of the auto-transformer will 
be the vector sum of the exciting current of the auto- 
transformer and one-half of the load current. The 
switching cycle as given above is repeated throughout 
the entire range of taps. As a switch is opened only 
upon each alternate voltage position, two voltage posi¬ 
tions arc obtained for each switching cycle, which is rel¬ 
atively light duty cycle for tap changing service. A 
slight inequality in voltage steps is found in changing 
from one voltage position to the next;, due to the change 
in reactance on alternate positions. The reactance dif¬ 
ference during this cycle is an invert function of the cir¬ 
culating current which is present when the auto-trans¬ 
former is connected across adjacent taps and is con¬ 
trolled by the use of suitable air-gaps in the core of the 
auto-transformer. By this means, the reactance varia¬ 
tion may be reduced to a minimum so the voltage dif¬ 
ference is small and not objectionable. 

Two 26,000-kv-a. transformer banks have been in¬ 
stalled using the transformer under load. The nominal 
voltage of the transformer banks is 122,000 to 11,500 
volts with plus or minus 10 per cent voltage variation 
under load on the low-voltage side. The tap changing 
equipment used in this installation is the first equip¬ 


ment built with complete automatic control. As the low 
voltage raises and lowers with load variation, the tap 
changing mechanism automatically change’s tops to 
compensate for the variation. If desired, the tap 
changer may also he operated by a remote control 
switch, or, in case of emergency, manual operation may 
be used. 

During the last year, the largest arUlicially-eoolod 
unit built was a (■>(>,(>(>7-k.v-a., 25-eyele auto-t ransformer. 
It is the largest transformer so far constructed in the 
United States, not, only in rating, but in physical dimen¬ 
sions. For instance, it required .'it! tons of steel arid 17 
tons of copper for the windings. The total weight in¬ 
cluding oil exceeded 120 tons, 'this transformer is util¬ 
ized to step up the voltage of a turbine-generator line 
from 12,000 to 21,500 volts and its equivalent rating; as 
a transformer is 21,()()() kv-a. 

Four single-phase auto-transformers of rerun I size 
were also built for air cooling. They are rated 20.000 
kv-a., 220,000 V, 125,000 V. 10,(510 volts. These trans¬ 
formers have a larger capacity and exceed in physical 
dimensions any transformer of this type so far con¬ 
structed. The conservator which contains 12(10 gallons 
of oil is in itself equivalent in dimensions to the tank 
required for a 2500-kv-a., (50,000-volt t ransformer. The 
weight; of the conservator is approximately live tons and 
the total weight, of the transformer exceed.; 120 tons. 

In connection with the transmission of power from 
the Oonowingo development, there will be required 
580,000 kv-a. in 220-kv, transformers. The step up ser¬ 
vice at, the generating; station will require 1.2 wafer- 
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cooled transformers rated 2(5,(5(57 kv-a,, 220 kv. Those 
will be connected in banks of 80,000 kv-a. In the step- 
down substation, there will he seven : !<!,,I,>.>■«kv. a., 220- 
kv. straight sell'-cooled, three-winding transformers to 
step the volt,age down to (5(5 kv. Those will he connected 
in banks of 100,000 kv-a. and will be arranged for ratio 
changing under load. 'These will be more than 50 per 
cent greater in rating than the largest; self-cooled, single¬ 
phase transformers reported last year. 
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The largest artificially cooled single-phase transform¬ 
ers were completed this year. They are rated at 31,400 
kv-a., 60 cycles, 12,000 to 132,000 Y volts and are 
water-cooled. These transformers, while of greater rat¬ 
ing, do not exceed in physical size the 28,000-kv-a., 
three-winding transformers shipped two years ago to 
Japan. These three-winding units, of American manu¬ 
facture, have not been exceeded in physical size by any 
other water-cooled transformer. The present maximum 
capacity for two-winding transformers will be exceeded 
upon the completion of some 33,333-kv-a., two-winding 
transformers now under construction. The 33,333-kv-a. 
units are for 220,000-volt service, for which a great num- 
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her of units has been constructed during the year. 
They are cooled by radiators with forced air cooling and 
are the largest size to which this method of cooling has 
been applied. 

The largest totally self-cooled transformers were re¬ 
cently put in operation. They are rated at 25,000 kv-a., 
three-phase, (50 cycles, stepping-up from 13,000 to 120,- 
000 volts. The windings are equipped with tap changers 
designed for future tap changing under load. An over¬ 
load capacity giving 35,000 kv-a. is obtained by means 
of forced oil circulation through the cooler. 

The development of means to increase the rating of 
self-cooled transformers by the method of blowing air 
on the cooling surface, which originated about five years 
ago, has been applied to a number of large installations 
during the past year. It has been found that in some 
cases where transformer efficiency is not of prime im¬ 
portance, the saving effected in the transformer itself 
is sufficient to offset the cost of the blower and air duct 
equipment. 

For use in underground distribution systems, a new 
subway transformer tank has been developed which is 
suitable for larger capacities, higher voltages, and heav¬ 
ier currents. The junction boxes form an integral part 
of the tank and provide adequate high- and low-voltage 
terminal facilities. 

Peculiar conditions in connection with the marketing 
of both 25-cycle and 60-cycle power from the new hydro¬ 
electric developments on the Gatineau River in Quebec 


have called for the use of some 14,000-kv-a. water- 
cooled transformers suitable for use on either 25 cycles 
or 60 cycles without any change whatever in the wind¬ 
ings. 

The outcome of the recent attempt to formulate 
standard voltages will have far-reaching effects upon 
the transformer industry. Standard voltages and capac¬ 
ities will result in economies both in manufacture and 
use. 

Recognition of the advantages of a means of changing 
ratios under load has resulted in a large demand for this 
type of transformer in Europe, as well as in America. 

In the report for last year, mention was made of some 
large single-phase transformers for 16 2/3-cycle railway 
work and arranged for three voltages. The claim is 
made that these are the largest transformers in the 
world. If a 50-cycle transformer were built with the 
same material, its rating would be 100,000 kv-a. The 
design of these transformers is of particular interest be¬ 
cause it was necessary to divide the 15,000-volt winding 
between the 66,000- and 132,000-volt sides to secure the 
necessary mechanical strength for short circuits. To 
meet, the various magnetic conditions for the different 
methods of operation, it was necessary to provide a 
special by-pass core for the magnetic leakage (luxes. 

Among the large transformers built in Europe, it is 
of interest to mention six 3-phase, 5-leg, 44,000-kv-a., 
50-cycle units for the Rummelsburg power station. 

An interesting European development along the lines 
of high-voltage testing transformers are some 750,000- 
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volt units which are constructed on an entirely new 
principle. It has been the practise to immerse the whole 
active parts of such a transformer in an oil tank but in 
this design only the windings are oil-immersed. This is 
accomplished by arranging the inner and outer insulat¬ 
ing cylinders concentrically in such a way that they 
form a container for the oil. This allows dispensing with 
expensive insulating bushings. The following advan¬ 
tages are claimed for this construction: 

1. Low manufacturing cost, owing to the absence of 
bushings and tanks and less oil. 
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2. Small floor space as compared with testing plants 
using multiple stage cascade connections. 

3. Increased reliability, owing to independence from 
atmospheric influences. 

4. Ability to withstand heavy loads owing to the 
comparatively small leakage voltage. 

Tests at 1,500,000 volts have been made with two of 
these transformers connected in series. 

What are probably the highest capacity testing trans¬ 
formers were constructed during the year for use in 
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cable testing. They are rated 400 kv-a., 2300/200,000 
volts, 60 cycles, single-phase. 

The highest voltage instrument potential transform- 
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era that have been considered for commercial use have 
recently been designed and will be built and installed 
during the coming year. These will be suitable for 220 
kv. 

Probably the largest electric furnace transformer ever 
built is now under construction in a Canadian factory 
for an aluminum plant. It is rated 15,000 kv-a., three 
phases, 60 cycles, 13,200-250 volts with taps on the 


high-tension winding to give full capacity in the low- 
tension winding over a range from 225 volts to 275 
volts. The high current of 38,500 amperes at the 225- 
volt rating involves some very unusual problems in the 
arrangement of windings and terminals. 

A year or two ago, the Power ('em mission of the city 
of Toronto was presented with the problem of dealing 
with objections raised by property owners in some of 
the better residence sect ions against mounting distribu¬ 
tion transformers on poles. Arrangements were made 
with a manufacturer to build a few transformers that 
could be buried in the ground as an experiment . It was 
found that the ground is as effective in cooling as the 
air and practically the same heating was obtained from 
a given core and coil when buried in an underground 
tank as when hung on a pole in t he ordinary out-door 
tank. The results are so satisfactory that, other trans¬ 
formers have been ordered for regular service. These 
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units are contained in welded tanks with an extension 
to the top to which is fitted u suitable man-hole cover. 
The whole may be buried in a lawn so that the man¬ 
hole cover is even with the surface of the ground and 
the primary and secondary leads carried underground 
to the nearest distribution pole, When it. is desired to 
examine the transformer, the man-hole is removed to 
give access to the cover of the transformer tank proper, 
Later designs of these transformers have an arrange¬ 
ment whereby the taps may be changed by means of a 
key without removing the transformer cover. A sur¬ 
prising feature of the tests on the trial transformers was 
the fact that the snow did not melt appreciably more in 
the immediate vicinity of the transformer than in other 
parts of the lawn. 
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Induction Motors 

The demand for squirrel-cage motors, suitable for 
starting at full voltage without compensator or other 
starting device, has very greatly increased during the 
past year. Where the service does not require very 
heavy starting torque, such as centrifugal pumps, 
blowers, motor-generator sets, etc., the starting current 
can be reduced sufficiently without reducing the start¬ 
ing torque beyond the requirements by simply increas¬ 
ing the reactance of the squirrel-cage winding. For 
other classes of service where a normal or even a high 
starting torque is required, the situation is met by add¬ 
ing a second higher resistance squirrel-cage to the 
regular working winding which still has high reactance. 
The high-resistance winding having a low reactance, 
this type of machine is commonly called a double 
squirrel-cage. Standard lines of motors up to 50 hp. 
of these types have been brought out by several differ¬ 
ent motor manufacturers, in general the characteris¬ 
tics of this type of machine are such that up to and in¬ 
cluding B0 hp., they are successfully made so that the 
static, current is within the N. E. L. A. requirements, 
and the stat ic and pull-in torque are substantially bet¬ 
ter than is possible with a single squirrel-cage winding. 
Generally the efficiency is practically the same as for 
the single squirrel-cage and the power factor is prac¬ 
tically the same as for two-and four-pole machines but 
there is a reduction of a few points in the power factor 
of the six-pole machines and a correspondingly lower 
power factor as the number of poles increase. 

The use of ball and roller bearings seems to lie growing 
in favour for the number of motors with this type of 
bearings forms a greater part of the total sales each 
year. An advantage which is claimed is that motors 
may be shipped with the necessary lubrication ready 
to be put into operation and shields do not need to bo 
changed to ceiling or wall mounting. Grease lubrication 
has been found satisfactory for motors up to two hp. 
at 8000 rev. per min. 

The principle of directing jets of air on the surface of 
self-cooled transformers to accelerate the convection of 
heat has been applied to totally enclosed induction 
motors by equipping them with fans arranged to blow 
air over the outside surface. By this arrangement it is 
possible to build totally enclosed motors of somewhat 
larger capacity and especially in the larger sizes they are 
less costly than the straight enclosed motors without 
ventilation. 

The growing tendency for system interconnection is 
resulting in the gradual elimination of odd frequencies 
so that the demand for motors is very largely for the 
standard 60-cycle frequency. It is probable that within 
a short time there will be no demand for 40-cycle mo¬ 
tors because many of the 40-cycle systems are being 
changed over to 60-cycle. 

For many years, 220 volts has been a standard voltage 
for small general purpose motors and power companies 
have provided suitable service for this voltage. Be- 
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cently, due to the apparent economies of four-wire dis¬ 
tribution for power and light services, an active demand 
has grown up for 200-volt motors, and it is probable 
that stocks of motors for this voltage will soon be 
regularly carried. 

A very interesting development in single-phase, in¬ 
duction motor design was brought out by a German 
firm. The motor has no commutator, but is able to 
develop sufficient torque to make the motor suitable for 
railway work. This motor has two rotors on the same 
axis. The first rotor is synchronous and excited from a 
direct current source but does not transmit any torque 
to the shaft. The second one rotates inside the first 
driving the shaft and is an ordinary slip-ring motor. 
The synchronous rotor supplies the magnetization and 
it is possible to obtain unity power factor at different 
loads. It is also possible by increasing the excitation to 
compensate for the effect of voltage drop on the maxi¬ 
mum running torque. A motor, rated 225 hp., 50 
cycles, has been built. 

An induction motor with Ward-Leonard control 
capable of carrying peak loads of 18,000 hp. deserves to 
be mentioned among large machines. This motor was 
recently built in Europe and was furnished for rolling 
mill drive. 

The rapidly increasing use of fractional horsepower 
motors for domestic and other purposes has caused the 
power companies to become concerned about poor 
power factor conditions because there is no restriction 
about, the performance characteristics of motors sold 
to the householder. The power companies have been 
seeking relief from this situation and recently an asso¬ 
ciation of motor manufacturers, appliance manufac¬ 
turers and power companies has been formed to study 
the situation. It has been agreed that motors for re¬ 
frigerators and oil burners must have an apparent ef¬ 
ficiency of 42 per cent and it is urged that improve¬ 
ments in design be made as rapidly as possible with the 
aim to obtain an apparent efficiency of 45 he per cent. 
It is possible that a single motor design will not be ap¬ 
plicable to all domestic apparatus because of the wide 
range in duty. 

A special application of a small motor to feeding the 
electrodes of an arc welding machine where it is re¬ 
quired to operate close to the arc has led to the develop¬ 
ment of a water cooled motor. The motor has copper 
water tubes cast in the aluminum frame. 

The desirability of domestic appliance motors being 
capable of operating without noise has lead to the pro¬ 
vision of a spring support for some special application 
motors to eliminate the noise that is inherent in single¬ 
phase machines. 

A new type of repulsion motor with a squirrel-cage in 
addition to the commutated winding has been developed 
in England for which advantages are claimed over the 
ordinary type. 

The synchronous induction motor of the type using 
separate direct current excitation continues in favor in 


Europe. However, European literature indicates that 
the possibility of designing new types of self-excited 
machines is being actively investigated. Although the 
separately-excited type of motor was used commercially 
in America as long ago as 1911, it has not been so vigor¬ 
ously exploited as it has been in Europe. This year, 
however, a larger manufacturer has built motors of this 
type for driving tube mills where heavy starting torques 
are met and long periods of operation at full load make 
high power-factor motors highly desirable. This motor 
is the same in general construction as a wound rotor in¬ 
duction motor and has the same starting operation. It 
is provided with five collector rings for the rotor winding 
instead of the customary three rings. The exciter is 
wound for a low voltage and is connected permanently 
in the rotor circuit so that the starting operation is as 
simple as that of a wound rotor induction motor and 
requires no extra switching operation for the exciter. 
In order to limit the amount of excitation required these 
motors have deeper slots and considerable more copper 
for the rotor winding than the corresponding induction 



Fig. 17 —Vertical Induction Motor for Pump Drive 

Arranged, with hollow shaft through which the pump shaft extends to 
clutch at the top. 

motor would have. Two motors of this type rated 900 
hp., 180 rev. per min. have been put into operation this 
year and a 1500 hp. motor is being built. 

A brush shifting, a-c., adjustable speed commutator 
type of motor is now available for operation with a con¬ 
tinuous rating at low speed as well as at high speed. 

The largest adjustable speed induction motor with 
Scherbius control to be built in America has been in¬ 
stalled for driving a bar mill. It is rated 6700/5000/3320 
hp. at 500/375/250 rev. per min. 

During the past year, special induction motors have 
been designed and built for vertical irrigation pumps of 
the turbine or centrifugal type. These motors have hol¬ 
low shafts through which the pump shafts project. The 
motor and pump shafts are connected by a clutch at the 
top of the motor. Important advantages are easy ad¬ 
justment and alinement of the pump impeller, elimina¬ 
tion of whipping action at the upper end of the pump 
shaft, or damage due to the momentary reversal of the 
motors during a power failure. Special windings obtain 
a low starting current when the motors are started at 
full line voltage. Relatively high starting and pull-out' 
torques are obtained, with an efficiency and a power 
factor, at full load, approximately the same as those ob¬ 
tained with standard motors. 
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Synchronous Motors 

In the report of last year, mention was made of the 
use of single-phase, synchronous motors as parts of 
motor-generator sets to be installed on railway loco¬ 
motives for supplying d-c. power to the main traction 
motors. These sets have been made in three sizes,— 
400 lew., 1000 kw. and 2500 lew.,—the ratings of the 
synchronous motor being 500 lev-a., 1200 lev-a., and 
3100 lev-a., respectively,—25 cycles, 2300 volts, 750 
rev. per min. These sets are equipped with direct- 
connected exciters and single-phase commutator motors, 
which are used not only for starting up the sets but 
also for furnishing excitation to the' main traction 
motors for regenerative braking. For the purpose of 
maintaining uniform voltage at the terminals of the 
synchronous motors, the single-phase transformers for 
stepping the voltage down from 11000 to 2300 volts are 
provided with automatic tap changers. The two smaller 
sets are constructed with two bearings in the end shields 
while the large set has four bearings with the synchro¬ 
nous motor at one end and driving the two 1250 kw. 
d-c. generators in tandem. 

A new type of self-starting synchronous motor has 
been developed for use in time switches, traffic signals. 



Fiu. 18—DotrniiH Puoimmimnci Motor fob Diksel-Elkcteio 

Tiki Boat 

and other small devices requiring very small amounts of 
power. It is similar to the ordinary induction disk 
motor which has a disk type rotor revolving between 
the poles of a stationary electromagnet. The synchro¬ 
nous characteristic is obtained by means of a series of 
small iron inserts pressed into the disk near the peri¬ 
phery, which locks into synchronism with the alternat¬ 
ing (lux. A motor of this type which is probably the 
smallest electric motor that was ever made for actual 
commercial use has been built. It is two inches high 
and weighs four ounces and its output is less than one- 
millionth hp. 

As has been mentioned in the 1925 report of this 
committee, two types of synchronous motor construc¬ 
tion, particularly suitable for starting heavy loads, have 
been developed. One makes use of a built-in magnetic 
clutch which allows the rotor to come up to synchronous 
speed without load, the other is arranged so that the 
armature will be brought up to synchronous speed 
without load. For tube mills in cement manufacturing 
plants, there has been an active demand for motors of 
this type. The largest clutch-type motors have been 
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built during the year and are rated 900 hp., 1800 rev. 
per min., 100 per cent power factor. A new competitor 
in this field is the synchronous induction type, of which 
an important example is mentioned in the induction 
motor section of this report. 

High-speed, synchronous motors of the turbo-alter¬ 
nator type have been successfully used for gas pressure 
boosters and blowers. Motors of 1800 rev. per min. and 
3600 rev. per min. have been built for this service. The 
largest motor of this type that has been built was put 
into operation this year and is rated 2700 hp. at 180 
rev. per min. It has successfully met the severe require¬ 
ment of four starts in succession. 

D-c. Machines 

The application of Diesel electric power for the pro¬ 
pulsion of boats, particularly tug boats and ferries 
which require a very flexible control for maneuvering, 
has swung strongly in favour of d-c. machines. For this 
purpose, some special types of propelling motors have 
been developed which are designed to fit the cramped 
space available for them. These motors are constructed 
with double armatures. Motors of this type rated 1250 
hp. have been built for operation from a 1000-volt 
source. Normally the generating units are in pairs and 
their armatures are connected in series. 



Fig. 19—-8000-HP. Direct-Current Motor for Driving 
the Largest Blooming Mill in the World 
T his is the largest single armature direct current motor. 

As in the case of induction motors a new line of totally 
enclosed fan-cooled, d-c. motors has been developed. 
These motors have fans, external to the parts that en¬ 
closed the windings and core, which draw air into the 
end shields and blow it over the surface. This arrange¬ 
ment makes it possible to obtain greater outputs from 
a given frame size than it is possible with the ordinary 
type of enclosure. For certain slow-speed ratings it is 
possible to increase the rating as much as 50 per cent. 

Hydroelectric units with large size d-c., generators 
in vertical shaft settings are quite unusual, and for this 
reason, the installation in a European power house of 
four 4500-kw. machines should be noted. These will be 
capable of delivering 12,300 amperes at pressures rang¬ 
ing from 175 volts to 350 volts. The normal speed is 500 
rev. per inin. 


Although synchronous and induction motor drives in 
steel mills have made great advances, d-c. motors are 
found to have indispensable characteristics for certain 
applications and there seems to be a decided tendency 
to go back to d-c. motors for drives where variable 
speed is required. During the year there has been built 
and put into operation; a blooming mill drive with Ilgner 
motor-generator set and reversing motor capable of 
handling peak loads of 15,000 hp. This apparatus 
embodies those features that have been found satisfac¬ 
tory in smaller units. During the past year work was 
completed on the 8000-hp. d-c. motor which is to 
drive the largest blooming mill in the world. This 
is the largest single armature d-c. motor ever built, both 
as to continuous horse-power and maximum torque. 
Other installations are a 3000-hp., 80/150-rev. per 
min., adjustable speed motor and a 7000-hp., 50/100- 
rev. per min., adjustable speed motor. 

The first steel mill motor, using the series exciter 
scheme of connection for obtaining flat speed regula¬ 
tion, was put into service during the past year. This 
speed regulation is obtained by using two field windings 
on the mill motor. One of these fields is supplied from a 
constant potential source while the other has for its 
source a separate exciter, the field of which is in series 
with the armature of the main machine! The series 
field can therefore be made to compensate for the ten¬ 
dency of the motor to drop its speed with increase of load. 

A recent contribution to the study of limits of large 
d-c. machines places the maximum commutator segment 
voltage at 30 volts and the maximum peripheral speed 
of the commutator at 360 ft. per sec., but at speeds 
above 100 ft. per sec., difficulties due to unreliable 
brush pressure are encountered. 

Two 1400-kw., 125-volt, 11,200-ampere, 360-rev. per 
min. generators, built during the past year to electroly¬ 
tic refining service are the largest 125-volt machines 
that have been built to date. These machines are 
notable for the extremely high current delivered at low 
voltage by a-single commutator. 

As mentioned in another part of this report, one of 
the means of increasing the transient stability of a trans¬ 
mission system is by increasing the speed of response of 
the exciter. This increase in the response of the d-c. 
machine can be accomplished by any or all of the follow¬ 
ing means: 

1. Dividing the exciter field circuit into parallel paths. 

2. Separately exciting the d-c. machines. 

3. Increasing the rotational speed of the exciter by 
separate drive. 

The advantages of this type of exciter in increasing 
system stability are now very generally recognized. 
Many large machines sold during the past year have 
been supplied with the quick response exciters. 
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Mercury Arc Rectifiers 

Then* have been no radical developments in mercury 
are rectifiers during the pant year. It has been the first 
year in which rect ifiers have been in service in the Uni¬ 
ted States in considerable numbers, and the first time 
that they have been used in steam railroad electrifica¬ 
tions in this country.. For the first time, such a length 
of main line has been fed from rectifiers that service of 
the road lias been dependent upon their continuous 
operation. That this device is a dependable piece of 
apparatus is indicated by the fact that a 1500-kw., 1500- 
volt; rectifier has carried peak loads of 9000 kw. during 



Fin 20 Stk ki.-Tank M Kite why Ahc Kkctiw h Rated 500 
Kw., 000 V oltm, on 750 Kw., 1500 Volts 

an emergency extending over a period of several weeks. 

It has been observed that inductive interference may 
he experienced in some cases of mercury arc rectifier 
operation but this problem has been met and methods 
have hewn worked out to bring the performance within 
eommunieaf ion standards, 

A new type of rectifier has been placed on the market 
which has a higher current capacity than any built here¬ 
tofore. This machine has twelve anodes and has a con¬ 
tinuous rating of 2000 amperes at 600 volts. At higher 
voltages t he current rating is a little less. Further prog¬ 
ress has been made in the development of rectifiers for 


high voltages. Successful load tests have been made on 
steel cased units at 8000 volts. The application of power 
rectifiers of such high voltage is, at present, confined to 
certain chemical processes. Its overall efficiency is ap¬ 
proximately 99 per cent. The voltage of rectifiers suit¬ 
able for railway work is limited at present only by the 
design of the motor equipment. The total capacity of 
rectifiers installed by one large European manufacturer 
during the past year amounts to about 200,000 kw. and 
90 per cent of them are for railway work. 

Probably the most outstanding installation of recti¬ 
fiers in the United States is that for the electrification 
of the Illinois Central Railroad terminal and suburban 
service at Chicago, where 9000 kw. in rectifier capacity 
is in use. An indication of the European confidence in 



Fro. 21 -View op Mercury Arc Rectifier op American 
• Manufacture with Complete. Equipment 

rectifiers is made manifest in the placing of orders for a 
total of 96 units having a total capacity of 114,000 kw. 
by the Metropolitan railroads of Berlin. 

During the past two years the total capacity of recti¬ 
fiers manufactured and installed the world over has 
doubled each year. 

In 1924 the total capacity was approximately 150,000 
kw. In 1925 it increased to 310,000 kw., and in 1926 to 
600,000 kw. 
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Diesel Engine Driven Alternators 

During the year, the largest Diesel engine driven gen¬ 
erator has been put into operation at Hamburg (Ger¬ 
many). The engine is rated at 15,000 hp. and is of the 
two-stroke cycle type with nine double acting cylinders. 
The direct-connected alternators are rated 13,000 kv-a., 
94 rev. per min., 6000 volts, 50 cycles. The design of the 
shaft and coupling of a unit of this kind requires the 
consideration of torsional oscillations of the shaft. 
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Frequency Converters 

Ties between power systems of the same frequency 
permitting control of the flow of power in either direc¬ 
tion under conditions of varying voltage are made pos- 



Fig. 22—Shop View op 30,000-Kv-a., 600-Rev. p.er min. 

Frequency Converter Set 
S howing Arrangement of air intake and exhaust 

sible by the use of transformers having taps that may 
be changed under load and it is. also possible to tie two 
systems of different frequency and control the flow of 
power under conditions of variations in frequencies by 
frequency converters of the induction type. This type 
of converter, consisting of a synchronous machine and 
an induction machine with Scherbius control, was men¬ 
tioned in the report of this Committee in June 1925. A 
number of 5000-kw. sets of this description have been 


built. Another type of converter makes use of the cas¬ 
cade induction motor which depends upon a constant 
ratio of frequency. A number of 35,000- and 40,000-kw. 
sets of this type have been previously noted. During 
the past year there has been built a 15,000-kw. set of 
this description, and a 35,000-kw. synchronous fre¬ 
quency converter set has been arranged with suitable 
spring support for the generator stator so that it can be 
used for single-phase operation. This type of support 
minimizes the effect of the pulsating torque resulting 
from single-phase operation. The single-phase rating is 
21,000 kv-a. The largest synchronous frequency con¬ 
verter set ever built has been put into operation. It is 
rated 50,000 kv-a., 300 rev. per min. 

Two sets with unusually high speed, have been built 
in the past year; one, a 30,000-kv-a. frequency changer 
at 600 rev. per min., and the other, a 17,777-kv-a. set 
at 720 rev. per min. The 30,000-kv-a. set is a 50-cycle— 
60-cycle set. The 50-cycle machine has been designed 
particularly for transmission line stability and incor¬ 
porated in it the features described under the heading 
Machine Characteristics for Stability. 

In Europe there has been an increased demand for 
synchronous frequency converters principally for rail¬ 
way work. 

Bibliography. 
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Synchronous Condensers 

Because of the fact that synchronous condensers are 
in the class of non-revenue producing equipment, there 
has been a concerted effort to reduce costs and losses. 
This has been accomplished partly by designing for 
higher speeds. Sixty-cycle condensers have been con¬ 
structed for operation at 900 rev. per min. up to a 
10,000-kv-a. capacity and at 720 rev. per min. up to 
20,000 kv-a. The largest condensers yet constructed 
are several that are for use for the regulation of the 
voltage at the receiving end of a 220-kv. transmission 
line in California. They are rated 50,000 kv-a., 600 
rev. per min., 50 cycles, and the total calculated losses 
are only 1 2/3 per cent. They will be provided with a 
closed system of ventilation. 

The largest condenser ever arranged for automatic 
control is under construction. It is rated 30,000 kv-a. 

In Europe it is being found advantageous to -employ 
as condensers asynchronous machines provided with 
phase advancers. A number of these have given com¬ 
plete success in service. They have been built in capaci¬ 
ties up to 10,000 kv-a. Mention of these machines is 
made on p. 183 of the Electrotechnische Zeiischrift for 
February 10th, 1927. 
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Sine-Wave Generators 

The largest sine-wave testing generator has been com¬ 
pleted during the year. It is rated 2000 kv-a., 2300 
volts, 3-phase, 60 cycles, 1200 rev. per min., and is 
driven by a 600-kv-a., synchronous motor. This gener¬ 
ator is capable of delivering 1200 kv-a., single-phase, 
and it is remarkable in that the voltage and current 
wave forms are sine-waves under all conditions of load. 
The characteristics are practically ideal. This set was 
built for use in testing high-voltage, underground cables. 

High-Frequency Machines 
During the past year a plan for the resonant control 
of street lights has been developed and this should give 
a new field for the application of high-frequency ma¬ 
chines. This system of control requires a generating 
system which can supply both 440 and 660 cycles to the 
main lighting circuit. The entire system is described in 
the Electric Journal for February 1927. 



Pig. 23— Arrangement of Lower Bearing of Tapered 
Roller Type for Induction Voltage Regulator 
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Induction Voltage Regulators 
An improvement in the design of induction regulators 
for outdoor service has been made by bringing the driv¬ 
ing spindle for the movable element out through one of 
the passages connecting the regulator tank and the ex¬ 
pansion vessel, thus avoiding the use of all glands. An 
improvement in operation of induction voltage regula¬ 
tors as affecting vibration and noise has resulted from 
the use of roller bearings for the lower end of the shaft, 
A clearance in sleeve bearings will allow the movable 
element to vibrate and cause noise, yet tight bearings 


are liable to stick and interfere with the operation. 
Roller bearings can at once be made tight and free to 
turn. The use of all-welded, corrugated sheet-iron tanks 
has resulted in improved appearance, reduced weight, 
increased insurance against leakage, and greater ability 
to withstand shocks as .compared with, the corrugated 
cast-in construction. 

Synchronous Converters 

During the year, some synchronous converters have 
been built which have an unusually wide range of direct 
current voltage. They are rated at 1500 amperes over 
a range of 87 to 175 volts. The method of obtaining this 
variation in voltage is unique in that the a-c. voltage at 
the collector rings is varied by means of tap changing on 
the transformer. It is necessary, of course, to change 
the field excitation to correspond to the different trans¬ 
former taps. Voltage variation between taps is obtained 
by field control. 

The twelve phase synchronous converter which was 
mentioned in the report of last year has been put into 
operation and two more have been built. The various 
advantages which were mentioned have been fully real¬ 
ized in actual practise and it is not improbable that for 
future production the number of 12-phase converters 
will exceed that of six phase. 

A recent English development in synchronous conver¬ 
ters is the socalled binary converter, which in effect is a 
device consisting of an induction motor and a special 
direct current generator having a common magnetic cir¬ 
cuit of sufficient size to take care of both rotating and 
stationary fluxes. This machine consists of a uniform 
magnetic circuit and a rotating armature. Two wind¬ 
ings are located in the same slots of the stationary mem¬ 
ber, one for producing the stationary current flux and 
the other for producing a rotating flux. By a combina¬ 
tion of a two-pole a-c. winding and a six-pole d-c. wind¬ 
ing the six-pole d-c. winding on the rotating armature 
acts as a short circuit or squirrel cage winding for the 
bipolar a-c. winding. The usual commutator and brush 
gear is used with the armature winding. 
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Progress in Power Generation 

Annual Report of Committee on Power Generation* 


To the Board of Directors: 

A meeting was held shortly after the appointment of 
the present chairman in February, to formulate plans 
for the committee’s activities during the remainder of 
the administrative year. 

The question of taking up certain subjects for special 
study and investigation was given particular considera¬ 
tion, but it was not thought advisable to attempt any 
work of this kind, because of the limited time available 
in which to prepare the annual report. There were 
presented at the meeting three subjects which the com¬ 
mittee therefore recommends for investigation by its 
successors; viz., Interconnection—its relation to station 
and unit capacity, reliability, and economy; Oil Circuit 
Breakers of Large Capacity—with particular reference 
to reliability, economy of space, and costs;and Compari¬ 
son of American and European Power Station Practise. 

At the invitation of the Standards Committee a 
'‘contact officer” was appointed for prompt cooperation 
with that committee on any matter of standardization 
in which the Committee on Power Generation may be 
concerned. In this connection the Standards Com¬ 
mittee has been asked to cooperate with the A. S. M. E. 
in the preparation of a section on “Measuring the Out¬ 
put of a Generator” for inclusion in the A. S. M. E. 
Test Code for Steam Turbines. A subcommittee of 
your Committee on Power Generation has been ap¬ 
pointed to assist the Standards Committee in this work. 

There have been secured by the committee for presen¬ 
tation at the Summer Convention in June, two papers 
dealing with the design and operation of Power Stations,’ 
one by F. A. Allner on Holtwood Steam Plant, Design 
and Operation in Coordination with Water Power, and 
one by J. W. Anderson and A. C. Monteith on Auxiliary 
Power at Richmond Station. 

Many important developments in power generation 
during the past year have been extensively reviewed and 
the following resume and bibliography are presented 
to show the progress made and the trend in the art. 

Resume of the Year’s Progress in Power 
Generation 

One of the outstanding features in power develop¬ 
ment is the tremendous increase in the so-called ultimate 
station capacity over that anticipated at the time of the 
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initial installation. In some cases, the ultimate capacity 
will probably be more than double that originally ex¬ 
pected. What has brought this about is the un¬ 
precedented increase in system loads and the intro¬ 
duction of units of much larger capacity than those first 
installed. In the eternal quest for greater and yet 
greater economies in power stations, notable technical 
achievements have been brought about in practically 
every line of the industry. Such developments during 
the past year have been so many and so varied that it is 
possible in a brief survey to touch on only a few of the 
most noticeable tendencies. 

In this resume, the committee does not attempt to 
predict the future of the art in power generation, but 
simply points out the trend as indicated by the impor¬ 
tant developments that have taken place or are now 
under construction. 

Steam Turbine Generator Units 

Capacity. Turbines and generators of unprecedented 
size have been designed and completed during the year 
and still larger ones are now under construction. Less 
than two years ago the largest turbine being built 
was under 100,000 kw. The largest turbine to date is 
the 208,000-kw. unit now under construction and one 
of the manufacturers has offered a machine in excess of 
300,000 kw. The largest single-cylinder turbine yet 
built in this country is a 65,000-kw. normal pressure 
unit. Without extensive interconnection it would 
not be wise or economical to install such large generating 
units. 

The motive for these huge machines is not so much 
better fuel economy as it is reduced plant investment 
and the desire to keep the total plant capacity in reason¬ 
ably few units. Experience with large units has 
demonstrated that they can be operated almost as 
continuously and easily as smaller machines. We may 
expect therefore, that the construction of huge generat¬ 
ing sets will continue, although to what final limit it is 
difficult to predict. 

As an indication of the trend toward larger units, it 
has recently been decided that throughout Chicago and 
adjacent territory no turbine will be installed in the 
future of less than 50,000 kw. capacity. 

Type. The combination of turbines and generators 
to make up a single generating unit is quite varied. 
Tandem compound and two- and three-element cross¬ 
compound formations offer numerous means of providing 
generating units in excess of 60,000 or 70,000 kw. 
capacity. The,actual formation depends to a large 
extent on local conditions to be met and the ideas of 
the turbine manufacturer and the plant designer as to 
the best means of accomplishing the results desired. It 
is likely that turbines of the compound type will be 
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used for the very large capacities. There appears 
however, to be a marked tendency on t he part of many 
engineers toward still larger turbines of the single- 
cylinder design. 

There are now under constmetion four outstanding 
turbine units each of a different type and the* largest 
of its kind on record. The size's and types of these 
units are: 208,000-kw. cross compound, three ele¬ 
ments; l<)0,000-kw. cross compound, two elements; 
94,000-kw. tandem compound; and (>5,000-kw. single- 
cylinder. 

Speed. The trend toward higher speed is evidenced 
by the fact, that there are now on order a number of 
large turbines which are to operate at bSOt) rev. per 
min. The prevailing turbine generator speeds are 
1500 rev. per min. for :if> and 50 cycles and 1S00 
rev. per min. for 00 cycles. Smaller units up to as bit’ll 
as 10,000"kw, capacity have been made for operation 
at 5000 rev. per min, The largest. lSOO-rev. per min. 
generator designed to date is the .SO,-l 12-kv-a. machine 
for the high-pressure element of a triple-shaft unit now 
under const ruct ion, and the largest 1500 rev. per min. 
generators on record have a capacity of 100,000 kv-a. 
An indication of the rapidity of the development of the 
art is furnished by the fact that a little more than a year 
ago a 00,000-kw. generator was regarded as a con* 
servative maximum limit of capacity in lS00-rev. pier 
min. units. 

It, has been suggested by eminent authority on turbine 
design that some economies might be effected by a 
system of .standardization, which would limit the 
number of sizes of machines built. The greatest 
economy in first cost is obtained by using the highest 
possible rotative speed, and the must profitable machine 
for builder and user alike is that of the greatest capacity 
at the given speed. If would he an advantage from 
the standpoint of investment to concentrate upon a 
relatively few standard capacities of large machines 
for 1800-rev. per min., OO-ryde service, and 1500-rev. 
per min., 25- and 50-cycle service. A larger number of 
standard capacities would lie required in 8000-rev. 
permit!, turbines of capacities of 10,000 kw. .and lower 
for manufacturing requirements. In a growing power 
system having a number of interconnected stations, 
a new unit, of large rapacity added to the system may be 
operated within quite a range of its capacity without 
greatly affecting the efficiency of operation of the 
system, and therefore if would seem desirable to choose 
the largest, standard machine to secure the advantage of 
lowest investment per kilowatt. 

Premiere . Tin* desire to secure high efficiencies in 
steam power plants has resulted in rapid increase in 
pressure and temperature to a maximum of 1400 
pounds and 750 (leg. fain*, in this country. In the 
United States, the boiler pressures in large steam 
power plants have been confined to three classes of 
approximately 1100 pounds, (100 pounds, and 400 
pounds, the steam pressure at the turbine throttle 
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being about 1200 pounds, 550 pounds, and 850 pounds 
respectively. These pressures represent about the 
average conditions, some may be 5 per cent or 10 per 
cent, above or below. There appear to have developed 
three schools of engineering for the above pressures 
and each is apparently convinced that, the pressure 
which it has adopted is the most economical one. 
From the turbine designer's standpoint no insurmount¬ 
able problems have been presented up to the highest 
pressures so far considered. 

The MOO- and 1200-pound boilers and t urbines have 
continued to operate satisfactorily and the results in 
at least one station have justified the installation of 
additional high pressure units. For large stations, 500 
pounds to (100 pounds has become more or less standard 
pressure. Stations with these pressures have given 
satisfactory service with no unusual difficulties. In 
fact, many of the expected serious difficulties wit h pipe 
joints and other details have so far failed to materialize. 
It may therefore be said that, the way is clear for a, 
general increase in the steam pressures of all new plants. 

■ An investigation of the properties of steam was 
started about five years ago and it is expected t hat this 
work will be completed in f,lie near future. These data, 
will lie of great, value in designing high-pressure stations 
and will help us to analyze the results obtained in 
actual operat ion. As to t he most, economical pressure, 
some engineers maintain the following; “From our 
present knowledge if is not, likely that steam pressures 
will very much exceed 100 pounds for all the main units 
of stations with average load factors and 050 pounds 
for all the main units of stations carrying what is 
commonly known as base load.” A 400-pound steam 
pressure plant is probably the most economical installa¬ 
tion for a small load factor or low price fuel. Further¬ 
more, this pressure is very well adapted to the super¬ 
imposition of a high-pressure steam cycle or a mercury 
cycle at a later date when warranted by an increased 
load factor or price of fuel. 'Tin* experience* at the 
Fdgar Station of the Edison Electric Illuminating 
Company of Host,on and t he Lakeside Stat ion of 11m 
Milwaukee Electric Railway and Light. Company 
indicates that a boiler pressure of MOO lb. per 
sq. in. is economically justified. Cart* must la* 
taken, however, not to draw general conclusions from 
any particular installation for the local conditions are 
a big factor in determining what, pressure is the most; 
economical one for any contemplated station. A careful 
study must he made before a decision can he reached 
as to the proper boiler pressure for any new .station. 
We must, keep constantly in mind that, the base load 
stat ion of today will tie the peak load station of to¬ 
morrow, and this fact should not be overlooked when 
figuring the investment, warranted. 

7 \mperature. The total temperature of steam has, 
in the last few years, been limited to 750 deg. fahr, for 
all pressures, while most of the plants are operating at 
temperatures varying from 700 deg, fahr. to 725 deg. 
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fahr. There probably will be some endeavor to resort 
to higher steam temperatures in the future/but whether 
the increase in temperature will be in decided steps by 
using special alloy steels, or whether there will be a 
gradual increase in steam temperature from year to 
year, cannot be predicted at present. Much research has 
been and is being conducted on the physical character¬ 
istics of materials at high temperatures, a feature being 
the tests carried out under continued stress and tempera¬ 
ture. The general results will give opportunities for 
securing greater reliability under the maximum tem¬ 
peratures which obtain today in power plant operation 
in this country. It is reported that there are plants in 
Europe operating on the straight steam cycle at 
temperatures higher than 750 deg. fahr. but the general 
adoption of higher temperatures for this cycle will 
depend upon the results of the research work now in 
progress. 

Bleeding and Reheating. Stage bleeding for heating 


separate drip return pumps for the two low- 
heaters and for the evaporator condenser. 1 l 
noted that the drains from the 5th stage lu " 
passed to the shell of the 10th stage heat t 
which point the combined drains of these tvv* > 
enter the flash tank, which cooperates with the « 
tor condenser. This generating set will have 
high use-factor so the heaters have been chun¬ 
close terminal temperature differences. The < 
tors and heaters are of Griscom-Russell dosi 
removable tube bundles. 

Reheating of the steam after it has com I 
portion of its expansion, has proved satisfart 
successful where applied. Reheating in liti 
room however, requires large piping to and if 
reheating boiler and also involves some loss in 
which partially offsets the gains from reheatinj 
year has brought out a new development, 
overcoming these objections and it is now pn >] 



Fig. 1—Approximate Heat Diagram. Southern California Edison Co., Long Beach 

Steam Plant No. 3—No. 10 Unit 


the boiler feed water and evaporating the make-up 
water has become almost standard practise and in most 
of the large plants constructed recently, the bleeding is 
done in three or four, and in some cases five, separate 
stages. 

One method extensively used is bleeding in which 
the feed water heating is done entirely by steam 
extracted from the main units. Such a scheme, in 
which a four-stage extraction heating system con¬ 
tributes a final feed temperature of 383 deg. fahr., 
has been adopted for the 94,000-kw. turbine in Long 
Beach Power Station, and is shown in Fig. 1. The 
evaporator and its separate condenser are interposed 
between the 10th and 14th stage extractions, which is a 
thermally efficient disposal of this apparatus, by 
virtue of the fact that there is no external heat degra¬ 
dation from the 10th stage to the 14th stage. It is 
economically advisable in a set of this size to employ 


reheat the steam at or near the turbine u:d 
pressure live steam. 

. Voltage. With the increase in size of steam 
driven generators, which today have reached a i t % 
of 100,000 kv-a., an increase in the generator v 
desirable. It is well known that this higher 
will, by decreasing the current, affect a con.*. 
reduction in the cost of busses, switches, cab! 
and probably before very long many genera 
50,000 kv-a. and upward will be wound fm 
voltages than have prevailed heretofore, 
illustration of this trend, there are now mu 
struetion a 100,000-kv-a. generator for HI* 
operation, the generators for a 208,000-kw 
compound three-element unit to be operated n 
volts, and also a single-shaft generator of 61 »T 
that will operate at 22,000 volts. 

Generator Cooling and Fire Protection. It is 















June 1927 


POWER GENERATION 


751 


universal practise to employ the closed system of air 
circulation with surface air coolers for machines above 
6000 kw. and quite common practise on smaller 
machines. The possibility of using an inert gas con¬ 
tinuously has been suggested, but the predicted ad¬ 
vantages have not been considered sufficient to warrant 
its introduction. The use of hydrogen, because of its 
lower density and higher specific heat promises many 
advantages, and provision is being made for its use at a 
later date in some machines now under construction. 

The introduction of the enclosed machine has resulted 
in the installation of a number of CO 2 fire extinguishing 
systems. Where this protection is used on generators 
and similar rotating electrical machines the C0 2 is 
injected in the intake air duct and a predetermined 
concentration is maintained until the machine comes to 
a stand still. Leakage during deceleration is com¬ 
pensated for by introducing additional gas at necessary 
intervals. This application of course is particularly 
adapted to closed recirculating ventilating systems. 

The following are some of the outstanding turbine and 
generator installations recently completed or now 
under construction: 

Single Cylinder Turbine Units. The outstanding 
single cylinder turbine unit installations during 1926 
were the 60,000-kw. General Electric units at the 
Charles R. Huntley (formerly River) Power Station of 
the Buffalo General Electric Company and at the East 
River Power Station of the New York Edison Company. 
The machine installed at Buffalo is supplied with steam 
at 250 lb. gage and 656 deg. fahr. The speed is 1500 
rev. per min. and the generator is rated at 66,667 kv-a. 
At the East River Station the two 60,000-kw. 100 per 
cent power-factor units are also General Electric 
machines which are supplied with steam at 375 lb. gage 
and 700 deg. fahr. The turbines are twenty-stage 
impulse type units operating at 1500 rev. per min. and 
are bled at three points for feed water heating. 

The record size single cylinder installation of 1926, 
however, will be exceeded by the addition now being 
installed in the Edgar Station of the Edison Electric 
Illuminating Company of Boston. This installation 
will include a 65,000-kw. single-cylinder General Elec¬ 
tric turbine, which will run at 1800 rev. per min. and 
■drive a 75,000 kv-a. main generator and a 6250 kv-a. 
auxiliary generator. This turbine will operate on steam 
at 350 lb. gage and 725 deg. fahr. In addition to the 
65,000-kw. normal pressure unit, a 10,000-kw. 1200-lb. 
unit will be installed which will exhaust through 
reheaters into the 350-lb. steam header. The feed 
water will be heated with steam bled from three points 
-of the 65,000-kw. unit and also from the exhaust of the 
10,000-kw. high-pressure unit. 

Tandem-Compound Turbine Units. The largest tan¬ 
dem-compound (single-shaft) units in operation in 1926 
are the two 50,000-kw., 20-stage, impulse type, General, 
Electric units at the Richmond Station of the Phila¬ 


delphia Electric Company, and the two- 50,000-kw., 
reaction type, Westinghouse units at the Hudson 
Avenue Station of the Brooklyn Edison Company. 
The Richmond Station units operate at a steam pressure 
of 385 lb. and 675 deg. fahr. total temperature. The 
speed is 1800 rev. per min. and the generators are rated 
at 62,500 kv-a., furnishing power at 14,000 volts, 60 
cycles. The generators are cooled by two motor-driven 
external fans, solidly connected to the generator leads 
through transformers. Recent tests indicate, however, 
that the Richmond Station units can be given a higher 
rating, which has been tentatively and probably will be 
finally fixed at 60,000 kw., 0.85 power factor, i. e., 70,600 
kv-a. The machines at the Hudson Avenue Station are 
supplied with steam at 265 lb. and 611 deg. fahr. total 
temperature. The speed is 1200 rev. per min. and the 
generator capacity is 62,500 kv-a. 

The 50,000-kw., tandem-compound, Allis-Chalmers 
turbine generator unit recently placed in operation at 
the Waukegan Station of the Public Service Company of 
Northern Illinois is also a notable installation, in that 
the steam pressure will be 600 lb. gage and the total 
steam temperature 725 deg. fahr. The generator is 
rated at 58,800 kv-a., the speed being 1800 rev. per min. 
The exciter will be direct-connected to the shaft. The 
turbine will be provided with five extraction nozzles. 

The Southern California Edison Company will install 
at its new Long Beach Power Station No. 3, a 94,000- 
kw., 1500-rev. per min. single-shaft, tandem-compound, 
turbine generator unit. This will be a 21-stage, impulse 
type, General Electric unit, and will be the largest 
single-shaft turbine on record. The turbine will have 
two cylinders with complete double flow of the steam in 
the low-pressure cylinder. The steam pressure at the 
turbine will be 400 lb. gage and 725 deg. fahr. total 
temperature, and there will be four extraction points for 
heating feed water to a total temperature of 383 deg. 
fahr. The turbine will be direct connected to a 100,000- 
kv-a., 16,500-volt, 50-cycle generator with a 5000-kv-a. 
auxiliary generator and 60-kw. exciter for the auxiliary 
generator on the same shaft. 

Cross-Compound Turbine Units. The largest cross¬ 
compound turbine generator unit placed in operation in 
1926 was the 80,000-kw. Westinghouse unit at the 
Hudson Avenue Station of the Brooklyn Edison Com¬ 
pany. This consists of one high-pressure and one low- 
pressure cylinder operating at 1800 rev. per min., each 
driving a 45,000-kv-a. generator, with the exciter direct- 
connected to the high-pressure element. Steam is 
supplied at 375 lb. and 700 deg. fahr. total temperature. 
The high-pressure element is a combination impulse 
reaction turbine, while the low-pressure element is a 
double flow reaction turbine. 

All previous records of turbine sizes will be exceeded 
by the remarkable cross-compound units now in course 
of construction—the 104,000-kw. Westinghouse unit for 
the Crawford Avenue Station of the Commonwealth 
Edison Company, the 108,700-kw. Westinghouse unit 
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for the Hudson Avenue Station of the Brooklyn Edison of the condensing surface. The speed of each of the two 
Company, the 160,000-kw. American Brown Boveri lines of shafting will be 1800 rev. per min. and there 
unit for the Hell Gate Power Station of the United will be two main generators. 

Electric Light and Power Company, the 165,000-kw. The reheating of the exhaust steam from the high- 
General Electric unit for the Philo Power Station of the pressure element by means of live steam from the high- 
Ohio Power Company and the 208,000-kw. General pressure header is a new departure that is also being 
Electric unit for the State Line Power Station of the installed for the 91,500-kw. unit under construction 
Commonwealth Edison system. for this station. 

The 104,000-kw. Westinghouse unit (Fig. 2), for the After the 104,000-kw. and 91,500-kw. units are in- 
Crawford Avenue Station is unique in that it was stalled, and including the 77j000-kw. unit recently 
designed as a base load unit. The leaving loss of this placed in operation, the total installed generating capac- 
unit is reduced to a minimum and is approximately ity of the Crawford Avenue Station will be 432,500-kw. 
1 per cent at the economical load and 1% per cent at the The Brooklyn Edison Company has just closed an 
maximum load, in both cases when steam is being bled order for a Westinghouse 108,700-kw., 80 per cent power 
at four extraction points for heating its own feed water, factor (136,000 kv-a.), 60-cycle, three-phase, 13,800- 
To secure this low leaving loss, the triple-flow, low-pres- volt, cross-compound, two-element steam generating 



Fig. 2—Arrangement op Turbines for 104,000-Kw. Westinghouse Unit por Crawford 
Avenue Station op Commonwealth Edison Company 
The circulating-water piping shown for three of the condensers is duplicated for the other three. 

sure principle is employed. The steam is supplied to the unit. The turbines are to be of the parallel-flow type 
high pressure element at 550 lb. gage and 725 deg. fahr. and drive two 68000-kv-a., 1800-rev. per min. genera- 
and expanded to about 40 lb. absolute. It is then tors. The exciter is direct connected to the high pres- 
reheated, by means of a live steam reheater to 500 deg. sure generator shaft. The machine will use a steam 
fahr. the steam then entering the double flow inter- pressure at the throttle of 375 to 400 lb. per sq. in. at 
mediate element. One-third passes in one direction 700 deg. total temperature. It will heat the condensate 
and is completely expanded, while two-thirds of it in four stages of feed heating. Two interesting fea- 
passes in the opposite direction expanding to 8 lb. tures of the design of the turbines are the five governor 
absolute. It is then passed to the double-flow, low-pres- control valves in two steam chests and the stainless 
sure element which is in the same line of shafting as steel blading. The generators are arranged with infer¬ 
tile intermediate element. By this arrangement, steam nal fans, and generator air coolers are being supplied 
is exhausted to the six vertical condensers at three points, with the unit. The main generator fields will be alike 
two condensers being at one end of the intermediate so that they may be used on either stator, and the shaft 
element and two condensers at each of the two ends of ends will be alike for this purpose, 
the double-flow, low-pressure element. Any one of the In deciding upon the size of the Hell Gate unit, the 
six condensers can be opened at the water end while special problem arose of providing a turbine of the 
the unit is in service with no other effect than a reduction greatest possible output in the space available, which is 
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25 1 2 ft. by (id ft. Owing to I,ho limited floor space, 
the turbine whs designed ns a l.wo-cvlinder machine 
with two lines of shafting (cross-compound) and it, is a 
pure reaction turbine. The high-pressure element has 
a capacity of 75,000 kw. at 1X00 rev. per min., and the 
low-pressure element can deliver 85,000 kw. at 1200 
rev. po” min. Steam will he supplied to the high-pres- 
sure element at 205 lb. and 000 dee;, fallr. total tempera¬ 
ture. There will be ext racl ion at two stages for heat ing 
feed water, one at the low-pressure element inlet and 
one at about the middle of the low-pressure (‘lenient. 
The alternators are built for a continuous output of 
188,200 kv-a. at 18,800 volts and 00 cycles, the* capaci¬ 
ties of the ,(venerators driven by t.lie high- and low-pres¬ 
sure turbines borne; 88,200 kv-a. and 100,000 kv-a., 
respectively, 'this unit will be required at present, for 
a normal service of 50,000 to 100,000 kw., but in the 
event of one or more of the existing units failing, it must 
he able to take over 100,000 kw. continuously. In 
spite of the lurpe overload, it was therefore necessary 
for the unit to haven high elheiency at a small load and 
if was designed wit h a flat elheiency curve. 

The 105,000-kw. unit at the Philo Station will consist, 
of one high-pressure and two low-pressure elements, 
each element having a speed of 1800 rev. per min. tin* 
high-pressure element having a capacity of 10,000 kw. 
and each low-pressure 55,000 kw. There will he in 
addition to the main generators, two 8000-kw. direef- 
e.onnecfed auxiliary generators, Alternatinp; current 
will lie delivered at 11,000 volts, 00 cycles. The main 
generators will have a capacity of 57,017 kv-a. and 
04,700 kv-a. each for the high-and low-pressure tur¬ 
bines respectively, and the auxiliary generators 4280 
kv-a. each. Steam will ho delivered to this machine at 
(500 Ih. 725 deg. I'm hr. total temperature and there will 
be five extraction points for feed water heating, the 
highest point, having a pressure of MOO lb. absolute, and 
the lowest 0.15 lb. absolute. The initial steam pressure 
for the low-pressure element will be 120 lb. absolute, 
725 deg. fahr. total temperature after reheating. 

The largest unit on record anywhere, is the 208,000- 
kw. three-element machine now under construction 
for the State Pine Plant, a plan of which is shown in 
Pig. 8. It will consist of a 70,000-kw. high-pressure 
element and two 02,000-kw. low-pressure (.‘lenients, all 
elements operating at 1800 rev. per min. Mach of the 
two low-pressure turbines also operate a 4000-kw., 
direct-connected, auxiliary generator. The main gen¬ 
erators will be wound for the remarkably high voltage 
of 22,000, the frequency being 00 cycles. The generator 
driven by f lu* high-pressure 'turbine will have a capacity 
of 80,412 kv-a., file two generators driven by low- 
pressure furliines, 72,041 kv-a. each, and the auxiliary 
generators 5888 kv-a. each. The high pressure element 
will be supplied with steam at a pressure of 000 lb. 
and a total temperature of 780 deg. fahr., and the steam 
will be reheated between the high- and low-pressure 
elements to 500 deg. fahr., the pressure being 1.10 lb. 


absolute. The exhaust steam from the high-pressure 
element, will be reheated with live steam from the 
high-pressure header. Might Allis-Chalmers condensers 
having a surface of 22,000 sq. ft. each will he used with 
the 208,000-kw. unit. There will he live extraction 
points, including the cross-over, from a maximum of 
880 lb. absolute to a minimum of 0.1 lb. absolute. 

An interesting four-cylinder compound t urbine gen¬ 
erator unit has been reported in the technical press as 
being under construction by the Allgemeine Mlek- 
tricitats (iescllschaft for a new superpower station in 
the suburbs of Merlin. The unit will have a maximum 
rating of 85,000 kw. A high-pressure and an inter¬ 
mediate cylinder are arranged in tandem, driving a 
single 1 general or and there are two low-pressure cylinders 
in tandem driving a second generator, t he speed of bot h 
generators being 1500 rev. per min. The initial steam 
pressure and temperature are 500 lb. absolute and 
750 deg. fahr., respectively. In the first stage a small 
Curtis wheel is installed and the remainder of I lie high 
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pressure and intermediate-pressure bladings consist of 
80 stages of simple pressure compounded, impulse type. 
The two low-pressure turbines have 24 stages of re¬ 
action blading in each, and the steam flows through the 
two casings in opposite directions in order to eliminate 
( lie axial thrust. 

CONDKNNHUS 

The factors governing the performance of a condenser 
are coming to be belter understood. With increased 
knowledge of condenser performance and its relation 
to the cost of producing electrical energy, much at¬ 
tention has been paid in the last, few years to increasing 
the efficiency of this apparatus. Condensers are now 
chosen on a capitalized basis, wherein initial cost, 
vacuum, power consumed by auxiliaries, and reliability 
are all given monel,ary value. 

Condensers as measured by steam capacity have kept, 
pace with the growth of turbine sizes. Although still 
larger units can be built, there is a tendency because of 
construction and installation difficulties, toward the 
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use of divided units for very large sizes. As an indica¬ 
tion of this trend, the largest turbine on record to date 
will have eight condensers which will handle a total of 
1,600,000 lb. of steam per hr. 

There has been a marked reduction in the ratio of 
square feet of condenser surface to kw. capacity of 
the turbine. This has been brought about because of a 
more intelligent arrangement of tubes in providing- 
lanes that give a proper direction of the steam flow, 
bleeding of turbines and improved turbine water rates. 
An investigation regarding condenser installations in 
modern power plants shows that, among forty of the 
most prominent power stations completed within the 
last two years, only two have a ratio of condenser 
surface to kilowatt of normal turbine capacity under 
1.0. This ratio for the different stations varies con¬ 
siderably, one being as high as 2.75, and the average for 
all stations being 1.396. This year however, has seen 
a further reduction in the amount of condensing surface 
per kilowatt of normal turbine capacity. Considering 
the condensers of appreciable size now under construc¬ 
tion, 50 per cent of them have a ratio of less than 1.0, 
the four largest ones averaging 0.86, the lowest one of 
the four being 0.77. The problem of selecting a con¬ 
denser for a particular unit is essentially one of an 
economic nature, and the ratio recommended by the 
different manufacturers may vary considerably ac¬ 
cording to the condenser design of the individual 
manufacturer. 

The single-pass condenser has been gaining in 
favor whereas up to within the last two years the two- 
pass condenser was almost universally used. There 
appears to be a decided tendency toward the use of 
both vertical and horizontal single-pass condensers. 
The first single-pass vertical condensers to be built are 
now under construction for the Long Beach Station and 
will be installed early in 1928. There are also under 
construction, vertical bottom inlet, single-pass conden¬ 
sers for the 104,000-kw. and the 208,000-kw. units to be 
installed in the Chicago district. 

A recent unique development in tube sheet construc¬ 
tion which is claimed to eliminate leakage, will be 
applied to several condensers now being built. These 
condensers will have a floating tube sheet at one end 
with a rubber expansion joint between the tube sheet 
and the condenser shell. With this arrangement the 
tubes are expanded into both tube plates rigidly, the 
movement of expansion and contraction being taken 
up in the floating tube head. 

Tube cleaning still presents a considerable field for 
investigation. During the past year experiments were 
conducted on a large condenser in one of the plants in 
the Chicago district operating on very foul circulating 
water, to show the effect of velocities on keeping tubes 
clean and decreasing the rapidity of slime formation. 
The results of approximately a month’s run showed that 
the higher the velocity, the cleaner the average condi¬ 
tion of the tubes. Also that flushing these tubes period¬ 


ically at relatively higher velocities for short periods 
tended to return the efficiency of the tubes to their 
original condition at the start of the run. 

Condensers built with divided water boxes and pro¬ 
vided with two circulating pumps are becoming in¬ 
creasingly popular, as it permits cleaning one-half while 
the other half is in service. 

Improvements have been made in the construction of 
hot-wells, so as to cause violent ebullition of the con¬ 
densate before discharging into the suction of the 
pump. In one form of construction the condensate is 
exposed to a lower absolute pressure before discharging 
to the pump and in another form the drips from the 
bleeder heaters are led into the comparatively cool 
condensate. The resulting ebullition in each case has 
been found to be particularly successful in affecting 
deaeration. This construction may eliminate the 
necessity for deaerators. 

Motor-driven auxiliaries are in the majority and there 
is a tendency toward the use of duplicate units. The 
prevailing practise seems to limit the number of cir¬ 
culating pumps to two per condenser, providing for 
each an independent source of power supply. 

In a number of cases, condensers and piping have 
been arranged in such a manner as to permit the reversal 
of flow of the circulating water through the condenser 
tubes. This arrangement makes it possible to wash 
the trash out from the tube ends and water boxes, and 
it is particularly justified economically in cases where 
the water carries a considerable amount of trash most 
of the time. 

An interesting development which has recently been 
applied to large power stations is a vertical screw 
impeller type of circulating water pump having high 
efficiency at low heads which is so designed that the 
pump may be located in a pit below the intake water 
level. It is therefore always primed and presents the 
advantage of being able to deliver water to the con¬ 
denser without the necessity of priming suction 
and discharge lines. 

The following are some of the outstanding condensers 
now under construction or recently placed in 
operation: 

The 208,000-kw. turbine unit for the State Line 
Station of the Commonwealth Edison system will have 
eight Allis-Chalmers condensers of 22,000 sq. ft. 
cooling surface each or a total of 176,000 sq. ft., two 
condensers serving each of the low-pressure ends of the 
two double-flow, low-pressure turbines. The con¬ 
densers will be of the vertical, single-pass type, the 
circulating water entering the lower water box, passing 
upward through the tubes, and discharging downward 
through two over-flow pipes contained in the condenser 
shell. With a circulating water rate of 360,000 gal. 
per min., it is capable of condensing 1,600,000 lb. of 
steam per hr. There will be four vertical circulating 
pumps placed in a crib house outside the generating 
station. 
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At the Crawford Avenue Station of the Common¬ 
wealth Edison Company, the 104,000-kw. unit will be 
served by a total of 90,000 sq. ft. of condensing 
surface composed of six 15,000-sq. ft. vertical West- 
in gho use condensers of the single-pass, radial flow 
design, which will be capable of condensing a total of 
780,000 lb. of steam per hr. Circulating water will 
be sent up t hrough a center pipe and down through the 
tubes at a rate of 180,000 gal, per min., two ver¬ 
tical pumps being used. 

In the condensers for the 94,000-kw. unit for the 
Long Beach Station of the Southern California Edison 
Company, provision will be made for reversing the 
flow of circulating water in order to clean the tubes. 
There will be four Ingersoll-Rand condensers for this 
unit and they will be of the vertical, single-pass type 
having 20,000 sq. ft. of cooling surface each, or 80,000 
sq. ft. in all. Two motor-driven pumps will supply 
approximately 150,000 gal. of circulating water per 
min. 

An instance of the trend toward a decreasing ratio of 
condensing surface to turbine capacity is the 25,000- 
sq. ft., single-pass, Wheeler condenser for the 81,,500-kw. 
unit to be installed at the Cabin Creek, W. Va., Power 
Station of the Appalachian Power and Light Company. 
The ratio of condensing surface to turbine capacity will 
be 0.798 sq. ft. per lew. Provision will be made for- 
reversing the flow of circulating water and an external 
1500-sq, ft. air cooler will be used. 

The 50,000-sq. ft, single-pass, Wheeler condenser for 
the 55,000-kw. unit being constructed for the Pekin 
Power Station of the Super Power Company of Illinois 
will also have provision for reversing the flow of circu¬ 
lating water. Specially built-in valves in the water 
chambers will be provided for this purpose, and there 
will be a 5000-sq. ft. external air cooler. 

The unique development in design of using a “floating" 
tube sheet will be applied in the case of the 25,200- 
sq. ft. single-pass, Wheeler condenser for the 80,000- 
kw, unit for the Virginia Electric and Power Company 
at Norfolk, Va. A storage hotwell will also be provided 
for this condenser and there will be a 2000-sq. ft. 
external air cooler. 

Another instance of the trend of decreasing ratio of 
condenser surface to turbine capacity is the two pass, 
vertical, twin-type Worthington condenser for the 
91,600-kw. unit being constructed for the Crawford 
Avenue Station of the Commonwealth Edison Com¬ 
pany. The total condensing surface will be 70,520 
sq. ft., or 0,77 sq. ft. per kw. 

One of the largest condensers being built is that for 
the 41,250-kw. turbine for the Colfax Station of the 
Duquesn© Light Company. It is a Westinghouse 
radial flow, two pass type with divided water boxes, 
having a tube surface of 62,500 sq. ft. Steam will be 
condensed at the rate of 412,000 lb. per hour when 
using 72,500 gallons of circulating water per minute. 


Boilers, Superheaters, and Economizers 

Boiler development has been influenced by the trend 
toward larger units, higher pressures, higher operating 
ratings, new furnace designs exposing the maximum 
surface to the radiant heat of the fire, automatic com¬ 
bustion control, reduced plant investment, and operating 
cost. 

The boiler will grow in size with the rest of the in¬ 
dustry. One new station has been designed so that one 
boiler can readily generate all the steam needed to 
carry the main turbine, and a capacity of over 85,000 
kw. has been developed with ease. It is reported that 
one boiler has already developed sufficient capacity to 
generate all the steam required for a 50,000-kw. unit. 
This has come about through operation at very high 
evaporative rates made possible by substituting water 
cooled walls for those refractory lined. The use of 
water-cooled furnace walls and bottoms, resulting in a 
large percentage of the heat absorption taking place 
in the furnace at heat transfer rates in the neighborhood 
of 60,000 B. t. u. per sq. ft. per hr,, requires a readjust¬ 
ment of the boiler heating surface involving a reduction 
in that portion receiving heat solely by convection. 
This change caused higher boiler outlet gas temperatures 
which were reduced to very low values before entering 
the stack, by the extensive use of air preheaters and the 
adoption of water heating surface in the form of inte¬ 
gral st,earning economizers of relatively low cost as 
compared with water hearing surface in the boiler 
proper. The use of economizers has been stimulated 
by the use of higher steam pressures permitting higher 
feed water temperatures so that in some cases both air 
heaters and economizers may prove economically 
j ustifiable. 

That boiler designs are not only being modified and 
extended to huge proportions but also are being radi¬ 
cally altered, is evidenced by the advent of the so-called 
Combustion Steam Generator. This equipment, util¬ 
izing pulverized fuel, is a recent product of the Inter¬ 
national Combustion Engineering Corporation and 
reflects the trend toward higher ratings, completely 
water-cooled furnaces, reduction of convection heating 
surface, and intense turbulence of the furnace gases. 
Twelve of these units have been contracted for, some of 
which are ready to go into service, and others are in 
course of erection. Considerable interest is being 
manifested in this development and the performance 
of the equipment will be closely watched. 

The benefits of highly preheated air both for stokers 
and for powdered coal firing are becoming more gen¬ 
erally realized. Developments in air preheaters have 
been rapid. It is probable that new stations will 
install air preheaters of such a capacity that the flue 
gases will be cooled to relatively low temperatures. 

There have been no unusual developments in the 
design of superheaters during the past year except that 
manufacturers are ready to offer superheaters to furnish 
steam at a maximum of 900 deg. fahr. The preferential 
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location of the superheater for high temperature seems 
to be in the inter-deck position, although a few installa¬ 
tions have been made of the combination convection- 
radiant type. A novel arrangement in the Fordson 
Plant consists of placing the superheater tubes in the 
side walls of the furnace and behind a protecting screen 
of water tubes. 

Owing to the rapid development in the utilization of 
high-pressure and high-temperature steam, it has 
frequently been found advisable, when constructing 
additions to existing stations, to select a higher steam 
pressure and temperature for the new part, than is 
used in the old part of a station. The benefits secured, 
from the standpoint of economy, generally outweigh the 
complications introduced when operating sections of a 
station at different pressures and temperatures. This 
is one satisfactory answer to the question, “What is 
to be done with old steam generating stations?” The 
steam connection necessary between the two sections of 
a plant so operated must contain, of course, reducing 
valves and desuperheating equipment. Reliable and 
economical operation has been aided by adapting auto¬ 
matic control equipment to regulate the flow of steam 
through this apparatus. 

An installation embodying a desuperheater and re¬ 
ducing valves, operated automatically by a system using 
compressed air, is that at the Hudson Avenue Station, 
between its high- and low-pressure sections. The 
regulating valve of the desuperheater is controlled 
primarily by the flow of superheated steam through 
the desuperheater and secondarily by the temperature 
of the outgoing steam. The steam is desuperheated 
by passing through tubes surrounded by water at a 
controlled level. Inasmuch as the pressure of the water 
is such that the saturation temperatures of steam and 
water are not very different, it is not likely that the 
desuperheated steam will ever become wet. 

Stokers and Furnaces 

The inherent nature of the combustion problem neces¬ 
sarily obviates any spectacular accomplishments in 
the stoker field and limits the gains to what might be 
termed detailed refinements. 

The insistent demand for constantly increasing steam 
output with high efficiency is characteristic of present 
day practise. So far, the boiler units have increased 
in horse-power rating at a greater ratio than in width. 
This has called for stokers of constantly increasing 
length with longer time-interval for the burning of the 
fuel and added complications in its distribution over 
such a length of grate surface. 

Two factors have contributed in large measure, to 
the successful application of long stokers—means for 
the exact control of the movement of the fuel through¬ 
out the retort and regulation of the air to unit sections 
of the stoker according to the condition of the fuel 
bed at each individual section. 

Up to the present time, boiler and stoker equipment 


has generally been selected without much reference to 
the heat exchanges of the plant as a whole. The 
development of such heat reclaiming devices as water- 
walls, preheaters and economizers is gradually bringing 
about a tendency to consider the heat exchanges of the 
entire plant in the selection of the .fuel burning equip¬ 
ment. There is also evidence indicating that joint 
selection of steam generating and fuel burning equip¬ 
ment is preferred to separate selection of the former 
without regard to its influence in the selection of the 
latter. 

The recent developments in stokers for use with pre¬ 
heated air, have resulted in an appreciable reduction in 
furnace volume and an improvement in performance. 
There are under construction very large stokers which 
will be regularly operated with air preheated to about 
400 deg. fahr. These stokers are being arranged for 
operation with air preheated to a maximum of approxi¬ 
mately 600 deg. fahr., for the purpose of obtaining 
information as to their operating characteristics under 
such conditions. When air is preheated to high tem¬ 
peratures, it is necessary, because of its relatively large 
specific volume, that it pass through the fire bed at high 
velocities in order to maintain high rates of combustion 
per square foot of grate surface. There are some who 
maintain that there will be a considerable agitation 
of fuel on the grates with high air velocities and there¬ 
fore the use of air preheated to a high temperature will 
result in reduced rates of combustion in stoker fired 
furnaces when air velocities are held down to rates that 
are not excessive. 

As an indication of the trend toward the great increase 
in fuel burning capacity per foot of furnace width, 
stokers with 45 tuyeres that will underfeed coal for a 
distance of 16 ft. are being installed in furnaces 19 ft. 
5-11/16 in. from the inside of front wall to the rear 
breaker apron of the clinker grinders, in extensions to 
the Edgar Station. Stokers of the same length will be 
installed in the Saginaw River Station of the Consumers 
Power Company in Michigan. Also in the Hudson 
Avenue Power Station there were installed, during the 
past year, stokers with 39 tuyeres underfeeding coal 
for a distance of 15 ft. A stoker for a furnace 19 ft. 1 in. 
from face of bridge wall to face of front wall has just 
been ordered by the Stamford (Conn.) Gas & Electric 
Company. 

' For the purpose of showing the recent marked im¬ 
provement in underfeed stoker development. Fig. 4 is 
given which compares the performance of underfeed 
stokers only three years old, with that which is claimed 
by one manufacturer, for a unit on the present basis 
of design up to 700 per cent of boiler rating. 

Probably the most radical change in any phase of 
central station design is in the furnace. It is significant 
that water-cooled walls with certain amounts of ex¬ 
posed refractory surface have been installed to an 
increasing extent during the past year, particularly in 
stoker installations such as at Richmond, Hudson 
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Avenue, and Edgar Stations. However, engineers 
have not yet reached any final conclusion in regard to 
the proper proportion of refractory surface to install 
in such furnace walls. 

In the proposed addition to the boiler house at 
Kearny, to be stoker fired as is the original installation, 
all lour walls will be water cooled by tubes with slight 
refractory material showing between tubes. Powdered 
fuel furnaces, such as are installed at Calumet, Fordson, 
Kipps Hay, East River, and Charles R. Huntley plants, 
apparently lend themselves more readily to complete 
water cooling than do stoker-fired furnaces. 

The introduction of water walls has made possible 
the increasing of capacity of boilers to a point never even 
dreamed of three years ago. Before water walls 
were developed it was impossible to operate boilers 
continuously at high ratings owing to the limitations 
ol refractory materials used. Now it is apparently 
only a question of tire amount of fuel which can be 
burned within the furnace walls. 

Furnace cooling by water walls has stimulated the use 
of air preheaters and if can be said these two pieces of 
equipment go hand in hand. The regenerative cycle 
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with its high temperature feed water coming to the 
boiler room, minimizes the absorption of heat from the 
flue gases by an economizer unless it be of the steaming 
type. The ability of the preheater under these con¬ 
ditions to lower the flue gas temperature below the 
temperature possible to obtain with an economizer 
alone, has frequently dictated the installation of the 
preheater rather than an economizer. 

Willi brick walls it was impossible to take full ad¬ 
vantage of the benefits of the air preheater, as higher 
furnace temperatures resulted in excessive maintenance 
of the refractory walls. With water cooled walls the 
limits to the degree of preheat are fixed by the character 
of the fuel when burned on stokers, the material used 
in the manufacture of the preheater, or the highest 
velocity of the air through the tuyeres, that will not 
blow the coal off the grates. In some cases it has been 
necessary to install an economizer before the air .heater 
in order to hold down the temperature of the gases. 

The size of pulverized fuel furnaces for a given 
amount of heat liberated is definitely on the decline. 


Turbulence accomplished in one way or another, to 
secure agitation and rapid mixing of air and carbon, 
greatly accelerating and improving combustion, has 
obviated the need for large combustion chambers 
formerly thought necessary to accomplish the same 
result. Preheated air and water cooled walls have also 
played a part in the reduction of furnace volume. All 
of these factors have either permitted or dictated that 
less excess air be introduced in the furnace thus allowing 
a smaller combustion space. 

Pulverized Fuel 

A striking feature in the expansion of pulverized fuel 
firing is the introduction of this form of combustion 
into a number of large outstanding steam generating 
stations during the past year. When it is recalled that 
the first major installation was made in connection with 
a 40,000-kw. plant in 1921, the development of burning 
pulverized fuel becomes impressive when it is con¬ 
sidered that six years later it has been adopted for the 
power station which will have the largest generating 
unit on record. 

In a comparatively short period of rapid growth it is 
perhaps natural that the best method of utilizing this 
system of combustion lias not yet been defined generally. 
For example, turbulence is accomplished in several 
ways, each way requiring radically different furnaces; 
dryers of different types are installed in some cases and 
not in others. Further, quite a number of installations 
of unit pulverizers has been made in the last two years, 
but there is still a difference of opinion among engineers 
in regard to the question of unit mills as compared to the 
storage or central system. At the present time, each 
individual case must be studied at length, giving full 
consideration to operating conditions, price and kind of 
fuel, operating costs, and fixed charges. Results from 
unit system installations are becoming available and 
the characteristics of this type of firing show many 
peculiarities which should be carefully considered, 
particularly in central station application. These 
results no doubt will permit of a better comparison 
relative to lower combined operating costs and fixed 
charges when considering stokers or the storage system 
of pulverized fuel. 

Considerable progress has been made in the last year 
in improvements of apparatus directly connected with 
pulverized fuel, and there seems to have been a radical 
departure from many previous methods of applying 
this system of firing to the steam boiler. 

Four factors of primary importance are, the prelimi¬ 
nary preparation of < oal including drying, fineness of 
pulverization, turbulence in burning and furnace 
volume, all of which have been and are still being 
intensely studied. One of the most important single 
factors in the combustion of pulverized fuel is mixing 
of the air and coal streams. The intimate mixing of the 
secondary air with the primary air and coal immediately 
upon leaving the burners produces a turbulence which 
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persists throughout the zone of flame activity, thereby 
completing combustion in a minimum of time and 
space. In order to keep the dimensions of the furnace 
within reasonable limits, it is likely that the tangential 
system of introducing the fuel will be most favored, as 
greater use of furnace volume can be secured. The 
importance of the intense turbulence is generally 
recognized and designers of coal burning equipment 
have endeavored to obtain this in various ways. 

If a forecast can be made of developments, these will 
include turbulent firing, simplified storage systems, 
methods of drying of the fuel, and mills of greatly 
increased capacity. Through these developments still 
greater advantages will be realized by the use of pul¬ 
verized fuel in central station practise. The opinion 
has been expressed that powdered fuel firing will prob¬ 
ably be the standard .method of the future as it will be 
impossible to burn sufficient coal per square foot on a 
stoker to develop the capacities which will be required. 
However no clear cut supremacy has as yet been 
demonstrated and the fact must not be lost sight of that 
stoker development has proceeded at a brisk pace with 
no indications of a diminution. 

The rapid introduction of pulverized fuel into steam 
generating stations is indicated by the fact that at the 
present time 40 public utility plants in the United 
States either partially or fully operate with pulverized 
coal, the aggregate generator capacity so fired being 
2,200,000 kw. This is exclusive of several installations 
in steam heating plants. In addition to this there are 
now under.construction five new plants and extensions 
to two old plants, having together a total capacity of 
440,000 kw., all of which will be operated with pul¬ 
verized coal. The significance of these figures can 
better be appreciated from the following tabulation: 

PULVERIZED COAL INSTALLATIONS 

No. Capacity, kw. 


Installations in operation.. 40 2,200,000 

Installations under construction. 7 440,000 


Total. 47 2,640,000 

Installations in operation and under construction, 

entirely operated with pulverized coal. 27 1,700,000 

Plants with 40,000 kw. capacity or more, operated 

with pulverized coal. 27 2,250,000 


Automatic Combustion Control 
Considerable progress has been made in the develop¬ 
ment and application of automatic combustion control 
equipment to stoker firing, pulverized fuel, and oil burn¬ 
ing. Engineers are giving increased attention to this 
equipment which, judging from the number of installa¬ 
tions in operation at the present time, is apparently 
well advanced from the development stage and should 
assume a major role in the process of converting the 
heat in the coal to heat in steam in the most economical 
manner possible. 

Complete automatic combustion control has been in 
operation for some time in several of the outstanding 


power stations in the east, and the companies report 
satisfactory performance of the equipment. Results 
show that daily operating efficiencies are maintained 
within 2 per cent of test efficiencies. 

The following are some of the outstanding installations of 
boiler room equipment recently completed, or 
under construction: 

The second boiler in this country to generate steam 
at a pressure of more than 1000 pounds went into 
operation late in 1926 at the Lakeside Station. This is 
a single three drum Stirling boiler built for a working 
pressure of 1390 pounds and contains 28,532 sq. ft. of 
heating surface. The drums are forged steel 41 ft. 
6 in. long, 40 in. inside diameter, and 5 in. thick. The 
walls of the furnace are formed by radiant heat super¬ 
heaters on the sides designed to give an ultimate tem¬ 
perature of 720 deg. fahr., by a radiant heat resuper¬ 
heater on the rear wall designed to reheat the steam 
from 447 deg. fahr. at 317 pounds pressure to approxi¬ 
mately 720 deg. fahr., and by fin cooling tubes on the 
front wall. Pulverized coal equipment is used with a 
plate air heater of 20,160 sq. in., designed to preheat the 
air to 650 deg. fahr. at maximum load. 

Four additional high-pressure boilers are planned, 
two being under construction, for the Edgar Station. 
The two units are B. & W. boilers built for a working 
pressure of 1400 pounds, with a heating surface of 15,090 
sq. ft. each, the drums being 4^ in. thick, 48 in. 
inside diameter, and 38 ft. 4 in. long. Each unit is 
equipped with a primary superheater designed to give 
an ultimate temperature of 725 deg. fahr., and a reheater 
unit to give an ultimate temperature of 750 deg. fahr., 
both at an output of 200,000 lb. of steam per hr. 
The economizers are the wrought steel return bend 
type with 5596 sq. ft. of heating surface each, and the 
tubular air heaters each contain 33,032 sq. ft. The 
boilers are fired with Taylor underfeed stokers having 
16 retorts and 45 tuyeres, the largest of their type ever 
built. These stokers, using preheated air, are capable 
of burning 37,700 pounds of coal per hour, and are 
provided with means for manually regulating the 
supply of air to various parts of the fire according 
to the condition of the fuel bed at each part. The 
furnace will be equipped with Bailey side and rear walls, 
and a ventilated Bigelow hung front wall. 

An ultra high-pressure boiler and turbine installation 
is planned for the Northeast Power Station of the 
Kansas City Power and Light Company, but has 
not yet assumed definite enough form to warrant publi¬ 
cation of any details. 

European manufacturers are experimenting with ultra 
high pressure steam generation. It is reported that an 
installation of 18,000 kw. capacity is near completion 
and that the boiler in which water is evaporated by 
superheated steam will supply steam at a pressure of 
1500 to 1700 pounds. The boiler setting contains only 
a superheater and economizer. 
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The redesigning and rebuilding of No. 2 boiler and 
furnace unit at the Fordson Plant, illustrates the 
tendency to secure the maximum capacity from a single 
unit. This unit is a Ladd boiler of originally 26,470 

sq. ft. of heating surface with a furnace designed to 
burn pulverized coal, blast furnace gas, oil, tar, and 
coke oven gas, either singly or in combination. At 
the time of installation this boiler and three more of 
identical pattern in the Fordson Plant were the largest 
ever built. By adding 12 per cent of the total water¬ 
heating surface in the form of water screens in the 
bottom of the furnace, equipping the side walls with 
fin tubes and radiant superheaters, protecting the 
arches with water tubes besides doubling the number of 
burners and installing air preheaters the actual steaming 
capacity was increased 100 per cent. A peak output 
of 500,000 pounds of steam has been attained, which 
is said to be a record for a single unit. 

There are being installed in the Stanton Power Station 
of the Pennsylvania Power & Light Company, six stand¬ 
ard and two reheater B. & W. cross drum boilers built 
for a working pressure of 732 lb. and to be operated 
at approximately 650 lb. pressure. The standard 
boilers contain 17,962 sq. ft. of . heating surface each 
and are equipped with superheaters designed to give 
an ultimate temperature of 750 deg. fahr. at an output 
of 150,000 lb. of steam per hour. The reheater 
units contain 5978 sq. ft. of heating surface each, 
and are equipped with primary superheaters to give 
740 deg. fahr. at an output of 81,000 lb. of steam 
per hr., and with reheater elements designed to reheat 
the low pressure steam to 730-740 deg. fahr. The 
boilers will be fired by B. & W. chain grate stokers 24 
ft. by 22 ft. burning anthracite slush with preheated 

air. 

An experimental powdered coal installation has 
been in service in the Calumet Station since November 
15, 1926. The heating surface of the unit is divided as 


follows: 

Boiler Heating Surface. 5,938 sq. ft. 

Furnace Heating Surface. 2,460 sq. ft. 

Steaming Economizer Surface... 8,365 sq. ft. 


Total Water Surface. 16,763 sq. ft. 

Air Heater Surface. 41,700 sq. ft. 


This boiler has been operated for short intervals at a 
rate of 300,000 lb. of steam per hr., but this 
rate could not be maintained for longer periods because 
of the lack of pump capacity. This rate corresponds 
to an evaporation per sq. ft. of total water surface 
of 17.9 lb. or an evaporation of 35.7 lb. per sq. ft. 
on the basis of combined boiler and furnace heating 
surface. 

The operation of this Calumet boiler equipment has 
proved to be so satisfactory that orders have been 
placed for five similar units for the State Line Generating 
Company, State Line, Ind. The entire arrangement of 
these units will be similar to the Calumet equipment 
as to boilers, superheaters, economizers, air heaters, 


Bailey furnaces. Calumet burners, and Fuller-Lehigh 
unit mill pulverized coal equipment, with the excep¬ 
tion that the boilers will be built for a working 
pressure of 800 lb. to operate at about 600 lb. 
pressure. The individual units, however, will be 
much larger than the Calumet unit, the boiler drums 
being 52 in. in diameter, 3M in. thick and forged 
instead of riveted. 

Satisfying the demand for still larger units, there is 
being installed in station “C”, for the Pacific Gas & 
Electric Company, two B. & W. cross-drum boilers 
which are the largest of their type yet built. These 
boilers have a heating surface of 35,500 sq. ft. each, 
and are built for a working pressure of 460 lb. They 
are equipped with tubular air heaters of 51,232 sq. ft. 
each and superheaters designed to give 725 deg. fahr. 
ultimate temperature at an output of 350,000 lb. of 
steam per hr. The furnaces are to be oil fired and 
equipped with water-cooled walls. For the Long 
Beach station of the Southern California Edison Co., 
there are now under construction three cross drum units 
of the same type having 34,162 sq. ft. each and built for 
a working pressure of 450 lb. each with steam at 713 
deg. fahr. The furnaces are designed to burn oil when 
the plant is first put into operation and pulverized coal 
at some future date, the furnace walls and floor being 
of water cooled construction. 

A notable installation to go into service was the six 
(6) 1590 hp. Springfield boilers in the East River 
Plant of the New York Edison Company. The boilers 
are pulverized coal fired and furnish steam at 375 lb. 
pressure and 700 deg. fahr. Each boiler is capable, on 
continuous overload, of producing 250,000 lb. of steam 
per hr. No brickwork or refractory material is 
used, the furnace being completely enclosed by Murray 
fin tubes, backed up by plastic coating about 6 in. 
thick consisting of diatomaceous earth, cement, and a 
painted hard outside finish. 

Another outstanding installation is the addition to 
the Hudson A venue station, consisting of four 2292-hp. 
boilers furnishing steam at approximately 400 lb. 
per sq. in. and 700 deg. fahr. These units have 
the rear and side walls cooled by water tubes which are 
protected at the firing line by cast iron and carborun¬ 
dum blocks respectively.- The front wall is lined with 
carborundum blocks. These boilers are fired by 
Westinghouse 14 retort, 39 tuyere, 18 ft. long under¬ 
feed stokers. The stokers use preheated air and provide 
an actual grate surface of 460 sq. ft. or 427 sq. ft. of 
projected area. 

At the Kearny station a fifth row of three boilers will 
be added. They will be Springfield cross-drum units 
of 23,640 sq. ft. of heating surface, similar to the 
original units but with water-cooled rear, side, and front 
walls composed of tubes backed up by refractory tile, 
a layer of insulating material, and a finished casing of 
transite board. Cast iron blocks will be bolted to the 
wall cooling tubes just above the fire line to protect 
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them and reduce heat absorption. Preheated air will 
also be employed in combustion. It is expected that 
with these two features of water cooled walls and pre¬ 
heated air, not possessed by the boilers in the original 
installation, much higher ratings will be secured. Riley 
superstokers of about the same huge dimensions as the 
original units in this station will be installed under these 
boilers. 

The installation of four boilers, burning pulverized 
coal, at the Charles R. Huntley Station of the Buffialo 
General Electric Company is unique in several respects. 
These boilers have 12,515 sq. ft. of heating surface, 
well-type furnaces tangentially fired, and Bailey water 
walls on four sides. The wells in three of the furnaces 
are as wide as the furnace in each case and about two- 
thirds its length. Tap holes are provided for removing 
the ash as molten slag. The unit system of pulverizing 
is employed. These boilers can be operated at outputs 
of from 60,000 to 250,000 lb. of steam per hr. 

Two Combustion Steam Generators furnishing steam 
at 825 lb. pressure and fired by unit pulverizers 
using preheated air, are being installed in the Syracuse, 
N. Y., plant of the Solvay Process-Company. Another 
such unit is being installed in the Calumet Station, a 
brief description of which is as follows: 

Water-heating surface 

Rear bank of tubes. 3,637 sq. ft. 

Side Walls. 1,710 sq. ft. 

Roof. 254 sq. ft. 

Bottom Bank of tubes. 1,171 sq. ft. 

Total Water-heating surface— 6,772 sq. ft. 

Superheating surface. 3,000 sq. ft. (Approx.) 

Economizer. 5,250 sq. ft. 

Air heating surface.. 25,200 sq. ft. 

Steam pressure.*.. 360 lb. gage 

Effective Combustion space.... 5,000 eu. ft. 

Normal Capacity of unit. 125,000 lbs. per hr. 

Peak Capacity of unit. 150,000 lbs. per hr. 

Cheap water power, for industries using large 
amounts of steam for process work, has encouraged the 
development, and use of electric steam boilers. At 
the beginning of 1927, an aggregate of 750,000 kw. 
of these units was installed in Canada and the U. S. 
Three such boilers having a capacity of 42,000 kw. 
each and operating at 6600 volts, were installed in 1926. 

Ultra-High Pressure Steam Turbine Generator 
Installations 

Considerable progress has been made during the last 
few years in the development of turbines, boilers, and 
other equipment operating at the ultra-high pressures, 
from the pioneer stage into an important commercial 
development. At the Edgar Station of the Edison 
Illuminating Company of Boston, the original high- 
pressure installation in this country, a 3150-kw. 
unit has given remarkably satisfactory results for nearly 
two years. Upon the basis of this experience a 10,000- 
kw. 1200-lb. unit is now being installed and a 
second 10,000-kw. unit is contemplated. The Mil¬ 


waukee Electric Railway and Light Company has also 
installed a 7000-kw., 1250-lb. unit in its Lakeside power 
station. It has been reported in the technical press 
that a third installation is contemplated for the North¬ 
east Power Station of the Kansas City Power and Light 
Company. This installation will consist of a 1400-lb. 
boiler with a 10,000-kw. high-pressure turbine exhaust¬ 
ing to the main steam header of the station. 

The problem of the use of both high pressures and 
high temperatures is very difficult, particularly in the 
design of the boilers and superheaters, where the stresses 
in the tubes are increased by the temperature differ¬ 
ences between the outside and inside surfaces. The 
difficulty of the use of both high temperatures and high 
pressures is due to the fact that at high temperatures 
the strength and stability of the materials normally 
used are seriously reduced. The question- of materials 
for use in high pressure turbine construction is some¬ 
what less troublesome than in boiler work, because of 
the fact that small high-speed units are used with tem¬ 
peratures fairly uniform at any section, and therefore 
the stresses can be controlled so as to prevent high 
unit-stresses in high temperature zones. 

The advantage of using ultra-high pressure turbines 
in connection with normal pressure units is not only the 
increased fuel economy, but also the fact that the space 
required is nearly the same for the high and normal 
pressure installation combined as for the normal 
pressure alone. The increased capacity is therefore a 
net gain, which approximately balances the increased 
cost of the equipment, so that the improved thermal 
efficiency represents very nearly a corresponding 
economic gain. 

The entirely satisfactory operating results and full 
realization of expected gains of the ultra-high-pressure 
installations now in operation in this country shows 
that they are of unquestionable commercial value and 
proves by actual test the advisability of improving 
the efficiency of existing “normal pressure’’ stations 
as well as new stations by the convenient addition of 
high pressure equipment instead of more low pressure 
apparatus. This is especially the case in stations 
having a low load factor where the equipment operating 
on the high pressure cycle can be installed sufficient 
to supply the base load only. 

Edgar Station. The high-pressure plant now in 
operation at the Edgar Station consists of one high- 
pressure boiler and a 3150-kw. turbine. Based on its 
successful operation for nearly two years, an addition 
is now being constructed which includes two 15,090- 
sq. ft. cross-drum Babcock & Wilcox boilers, a 10,000- 
kw., 3600-rev. per min. General Electric high-pressure 
turbo generator together with the 65,000-kw. normal- 
pressure turbo generator. The boilers will generate 
steam at approximately 1400 lb. pressure and 725 deg. 
fahr. It will be expanded in the 10,000-kw. turbine, 
which has 16 impulse stages, to 375 lb. per sq. in. 
and returned to the reheating superheaters which 













Juno 1927 


POWER GENERATION 


form pari, of t he new boilers. After being reheated to 
approximately 750 deg. falir., the steam will be dis¬ 
charged into the main 1150-11). steam header and to¬ 
gether with steam from the normal pressure boilers 
will supply the two existing32,000-kw. turbogenerators 
and the new (>5,000-lew. turbogenerator. 

Mach high-pressure boiler will be equipped with a 
550(>-sq. ft. economizer operating at approximately 
1500 lb. wafer pressure and with a. 33,032-sq. ft. air 
preheater, and will be lired by a. 10 retort, 45 tuyere 
underfeed stoker. The side and rear furnace walls 
will consist, of refractory-faced, cast-iron blocks, bolted 
to boiler tubes which will be connected to I,he boiler. 

The next high pressure extension contemplated will 
include two additional 15,000-sq. ft. boilers and one 
10,000-kw. turbine. At fhal time, the four high- 
pressure boilers will serve the two 10,000-kw. turbines 
and the steam from those two high pressure turbines will 
besuflicienl to operate the (>5,000-kw., 250-11). pressure 
turbine. 

Before entering the economizers, (.he feed water 
will he heated to 420 deg. fa.hr., by means of steam bled 
from three points of the 05,000-kw. turbine and from 
the exhaust of (lie 10,000-kw. turbine at a pressure of 
275 11). It is of interest to note that feed water lias 
never before been healed to this high temperature by 
bled steam. This high-feed temperature is of particular 
interest in view of the fact that the feed water will 
pass through an economizer after leaving the high 
pressure heater and before entering the boiler. 

Throe boiler feed pumps of interesting design are 
being installed. Two will lie motor-driven at 1800 
rev. per min. and will be used for normal operation and 
the third will he turbine-driven at 2000 rev. per min. 
and will be used for emergency only. Mach motor- 
driven pumping unit will consist of four pumps in 
series, one single and two live-stage volutes, and 
one Nix-stage turbine pump. The single stage volute 
and one live-stage volute will be driven by one motor 
and will discharge at 500 lb. per sq, in. through t he high 
pressure feed water heat er's to the suction of the second 
live-stage volute pump. The second live-stage volute 
pump and the six-stage turbine pump will be driven by 
one motor and will deliver the water to t he boiler feed 
headers at a maximum pressure of 1600 lb. per sq. in. 
All motors will he adjustable speed and will be auto¬ 
matically regulated. The turbine-driven pump will 
also he a six-stage turbine pump and will develop the 
full KJOO lh. per sq. in, in i he one easing. This pump 
is designed for automatic starling when the pressure in 
the ltlOO-ll). boiler feed header drops below a safe limit. 

The coal consumption per kw-hr. at the Mdgar 
Station is approximately 1.02 lh. when only the present 
20,000-kw. normal pressure turbines are operating. 
When about one-third the* output of the station is gen¬ 
erated by steam from the high-pressure boilers and 
turbines, the coal rate is approximately 0.98 lb. per 
kw. hr,, an improvement of 4 per cent.. For a complete 
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1200-lb. installation it is estimated that the gain should 
be approximately three times this figure or 12 per cent. 

Lakeside Station. Prior to the installation of the 
1300-lb. boiler and the 1250-lb., 720 deg. falir. turbine, 
the capacity of the Lakeside Station was 100,000 kw., 
made up of two 20,000-kw. and four 20,000-kw. 
machines. The boiler room capacity was 1,000,000 lb. 
of steam per hr. with a throttle pressure of 285 lb. 
per sq. in. and a temperature of 700 deg. falir. 

The new high pressure boiler is a Babcock and 
Wilcox Stirling type boiler and is the largest of its 
kind. Its .nominal rating is 2852 b. lip. and it, is 
capable of delivering 240,000 lb. of steam per hr. 
Pulverized coal is burned in a 20,100 <*u. ft. Lopuleo 
type furnace. The high-pressure turbine unit is a 
7000-kw. General Electric machine and its speed is 
2000 rev. per min. It exhausts to the reheater at. 210 
lh., the temperature of t he st eam after reheating being 
approximately 720 deg. falir. 

The high pressure installation has been in service 
since October 1920. It was in continuous operation 
from January 29th to March 19th, 1927, a period of 50 
days. During this period, the kw-hr. output of the 
high pressure turbine was abou t 7.5 per cent, of the total 
station output,, while the kw-hr. generated by both the 
high-pressure (1250-lb.) turbine unit and I he normal 
pressure units from the steam originating in the high 
pressure boiler only, was about 34.2 per cent, of the total 
station output. 'The load factor of the load (in this 
ease equal to the capacity factor) on the high-pressure 
turbine was approximately 90 per cent, the load being 
less than maximum at, times due to the fact that the 
total station load on Sundays is below the capacity of 
the high-pressure boiler. 

Operating results showed a coal saving on the entire 
station of about 4 per cent due to the operation of the 
high-pressure cycle since this cycle was approximately 
12 per cent more efiicient than the 300-11). cycle and 
furnished 34 per cent, of the station output. 

The high pressure boiler installation has shown 
several remarkable operating features. Ability to 
average 10 1 4 per cent GO., over long periods without 
GO losses and with unusually low carbon losses has been 
obtained in the operation of the high-pressure installa¬ 
tion. This GO« average represents use of 12 per cent 
excess air, and as such establishes a record in economy 
of fuel burning. Automatic and instantaneous stop¬ 
page of coal feed and by-passing of 1200-lb. steam to 
300-lb. pressure has been utilized in service several 
times when the high-pressure turbine 1 tripped from 
service. Not a safety valve opened under these 
conditions. 

Mercury Vai*or Installation 

After some four years of experience with the mercury 
vapor installation in its Dutch Point; Station, the Hart¬ 
ford Electric. Light Gompany has ordered mercury vapor 
equipment, including a 10,000-kw. turbine, to be 
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installed and to go into operation early in 1928 in its 
South Meadow Plant. This will be ■ a strictly com¬ 
mercial application of the mercury-steam cycle and will 
be representative of the size and design of equipment to 
be placed on the market. 

The commercial success of this process provides a 
means of effecting marked economies in power produc¬ 
tion, made possible by being able to go to higher 
temperatures of a working substance than when using 
steam alone. The very moderate pressures required 
permit using the higher temperatures with our present 
materials. In effect, the mercury is used*to convey 
heat from the furnace to the steam boiler acting as a 
mercury condenser; before reaching the condenser some 
of the heat is developed into electrical energy by the 
mercury-turbine generator. 

It is claimed that the remarkable record of 27 per cent 
efficiency, attained by the Columbia Plant, operating on 
a straight steam cycle, could be increased to 36 per cent 
in a similar plant arranged to operate on the mercury- 
steam cycle. The savings in fuel consumption for less 
efficient plants will be even greater. Of course, from a 
commercial viewpoint, the cost of plant must be studied 
with relation to capacity factor. 

The original single-stage 1800-kw. unit operating at 
35 lb. pressure, installed at Dutch Point in 1923, 
developed about 60 per cent of the available energy in 
the mercury. This was supplanted by a three-stage 
machine, developing 70 per cent of the available 
mercury energy, that went into operation late in 1926. 
The unit to go into the South Meadow Plant, estimated 
to develop 75 per cent of the available mercury energy, 
will be a five-stage 10,000-kw. machine receiving 
mercury vapor at about 70 lb. pressure and ex¬ 
hausting it at one lb. absolute to two mercury 
condensers. In these condensers 125,000 lb. of 
steam per hour will be generated at 250 to 350 lb. 
pressure and superheated by the mercury-boiler furnace 
flue gases to an ultimate temperature of 700 deg. fahr. 
It is expected that about 10,000 kw. will be obtained 
from the steam generated by the condensed mercury. 

The present boiler at Dutch Point, of different design 
from the original one, generates mercury vapor at 
70 lb. pressure.and 884 deg. fahr. The new boiler 
consists of a group of drums, each carrying dead-ended 
tubes six ft. long, giving the unit the appearance of a 
huge coarse brush. There will be required for the 
entire installation 135,000 lb. of mercury, the cost 
of which will represent a substantial portion of the plant 
investment. In- the process of generating energy the 
mercury will be circulated in the system eight or nine 
times an hour. An experimental boiler in the Schenec¬ 
tady G. E. Plant has been operated at 110 lb. 
pressure, generating vapor at 940 deg. fahr., at a rate 
more than twice that planned for the South Meadow 
unit with no difficulties whatsoever. It is expected 
that this Hartford unit will operate indefinitely without 
interruptions. 


The approximate fuel saving, at an estimated figure of 
11,000 B. t. u. per kw-hr. output developed from 
mercury and steam from the mercury condenser, based 
on a .conservative use factor, is expected to be about 
$200,000 a year. While the maximum saving is ob¬ 
tained when carrying base load, under light load con¬ 
ditions the savings are material. The operating com¬ 
pany reports that in its Dutch Point Station it has 
been able to obtain as good a coal economy on 5 per cent 
capacity factor as the entire station is capable of doing 
on a 60 per cent load factor. 

As a means of increasing the capacity and the 
economy of existing stations or even planning new base 
load high-economy stations, this system of power gen¬ 
eration is competitive with the ultra-high pressure 
generation and utilization of steam with its attendant 
steam reheating complications and relatively large 
auxiliary power consumption. 

The supply of mercury is expected to be ample 
although price disturbances may occur until the indus¬ 
try adjusts itself to the increased demands to be 
ultimately made upon it. 

Hydroelectric Development 

While the increase in electrical energy generated 
during 1926 by steam plants of public utilities was 
only about 9 per cent over that generated in 1925, the 
increase for waterpower plants was approximately 17 
per cent. Furthermore, the aggregate capacity of 
waterwheels and generators produced was greater than 
for the preceding year. However, except for the trend 
toward larger units, there have not been any radical 
changes in turbine types or general form or design, 
but certain details of design and special features have 
shown development or improvement. 

During the past year a large number of power 
companies for whom hydroelectric units were installed, 
adopted electric drives for the governors. This form 
of drive is becoming increasingly popular for hydro¬ 
electric installations. The driving motors are of the 
induction type and operate in close synchronism with 
the frequency of the generator unit which it is required 
to regulate. This provides a simple and convenient 
drive and has been found to give extremely smooth and 
quiet operation free from operating troubles. 

Another interesting development in hydraulic turbine 
design was the introduction of a water-lubricated guide 
bearing with a rubber lining. It may be of interest 
to note that bearings of this type have recently been 
adopted for use with four turbine installations in which 
the shaft diameters range from 9 to 24 in. The chief 
advantage of the rubber lined bearing is the great dura¬ 
bility and the long life obtainable. 

In the past year a number of hydraulic turbine units 
have been built, equipped with plate steel casings of the 
volute type. Engineers are becoming increasingly 
interested in the possibilities of welding instead of 
caulking the plate steel joints for these casings, and it 
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may be of interest to note that the welding of these 
casing joints will actually be undertaken in connection 
with one or more of the largest and most recent turbine 
installations. 

Hydroelectric plants automatically operated and 
controlled established another record during the past 
year. In one instance, two units of 28,500 hp. each 
have been installed in a station designed to operate 
automatically. New methods of applying automatic 
control to both a reaction and impulse type of unit are 
being developed. This equipment is of particular 
advantage in connection with steam-operated plants as 
supplementary sources of power. 

In one of the outstanding major hydraulic, develop¬ 
ments under construction where the contracts for both 
the turbines and generators have been split between 
two companies, it was found economical to have one 
manufacturer build all of the oil pumping system. 
Also, in general, the design of all the main turbine parts 
which are subject to wear and replacement are made 
interchangeable. The generators are being built with 
the same degree of cooperation between the manufac¬ 
turers, to insure interchangeability of some of the 
important mechanical parts. 

There has been a tendency towards (he closed circuit 
for air circulation with surface coolers, similar to the 
method of cooling commonly employed for steam 
turbine generators. This arrangement simplifies the 
construction of air ducts and permits the use of an inert 
lire extinguishing gas if desired. A number of machines 
have been constructed for the closed system of 
eirculal ion. 

Some of Ihv. Hydroelectric I)erclopnten(s of exceptional 
intercut recently completed or now under cmiMruHion 
are omen below: 

Conomuyo Development. The outstanding hydraulic 
turbine development in 1920 was the seven 54,000-hp. 
89-ft, head, 81.8-rev. per min. single-runner vertical- 
shaft. hydraulic turbines for the Susquehanna’ Power 
Company’s Conowingo Development. Three of the 
turbines are of 1. P. Morris manufacture and four are 
Allis-( fluilmers. The runners are made of cast steel 
in three sect,ions and represent a very difllcult problem 
in easting. The total weight of the runner will be 
approximately 200,000 lb. and outside diameter 179 in. 
The division of the runner into three parts was necessi¬ 
tated by shipping limitations which seem to be one of 
the principal factors now limiting the size of hydraulic 
equipment. The sections of the runner are bolted 
together by flange joints and in addition have steel 
bands mounted on the crown of the runner and the 
discharge ring. The spiral casing is made up of riveted 
steel plate sections and has an inlet diameter of 27 ft 
The butterfly valve housing is joined to both the pen¬ 
stock and turbine casing by riveted connections. The 
feature of particular interest incorporated in the design 
of the butterfly valves is the installation of a rubber 
tube fitted into an annular recess in the valve body 
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around the circumference of the gate when the valve is 
in closed position. This rubber tubing is designed to 
expand and hold tightly against the outer circumference 
of the gate when pressure is admitted to the inside of 
the tube when the gate is closed. This characteristic 
of the valve will insure unusual tightness against 
leakage. An innovation was used in the design of the 
pit ring which extends from the speed ring to the genera¬ 
tor base in that this ring was built entirely of structural 
steel. After repeated tests, the hydraucone draft tube 
was accepted as the best design of tube offered for the 
conditions and as a result the hydraucone and the 
Moody spreading tube were used for the entire develop¬ 
ment. The draft tubes will be equipped with cast steel 
stay vanes at the lower ends, designed to carry the 
weight of the draft tube above, in addition to the weight 
of the unit and its portion of the station structure, this 
having been found to give greater economy in con¬ 
struction costs than to strengthen the concrete re¬ 
inforcements which would otherwise be necessary. 
The center concrete cones for these tubes will extend 
all the way up to the turbine runner. 

Each water-wheel unit will be direct connected to a 
40,000 kv-a. 90 per cent power-factor, 81.8-rev. per 
min., 18,800-volt, (10-cycle generator, four of which 
will be of General Electric manufacture and three of 
which will be Westinghouse machines. These alternators 
are notable, not only because they are the largest; in 
physical dimensions, of any electrical machines ever 
built, but also because of the fact that they are to 
supply power to the first, 200-kv. transmission line in 
the eastern part of the United 8tat.es. The outside 
diameter of the stator frame is 28 ft. The largest 
capacity thrust hearings ever built will be required for 
these generators, their capacity being the total load of 
750 tons. Mounted upon each 40,000-kv-a. generator 
will ho a 715-kv-a. auxiliary generator and above the 
auxiliary generator will he the 41-kw. exciter set. 

By a large degree of cooperation between the manu¬ 
facturers of turbines and generators, it has been possible 
to obtain similarity in characteristics and appearance 
and the interchangeability of some of the important 
mechanical parts. 

The Conowingo units will be required to operate, in 
most cases, on the peak loads with unusual conditions, 
and will be shut down during the low load portions 
of the day in order to store water to the greatest 
possible extent,. For this reason it is important to 
avoid leakage when the units are shut down and con¬ 
sequently the large pivot valves will be installed in the 
turbine easing rather than have head gates at the upper 
ends of the penstock, thus insuring quick closure and 
reducing the loss of water to a minimum. It is ex¬ 
pected that this plant will show a world’s record 
performance from the standpoint of efficiency and 
reliability of operation. 

Automatic Hydroelectric Stations. During 192(5, two 
28,500-hp., I. P. Morris turbines driving 25,000-kv-a,, 
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60-cycle, 11,000-volt Westinghouse generators at 300 
rev. per min. were placed in operation in the Wallen- 
paupaek Power Station of the Pennsylvania Water & 
Light Company. These units operate under a head of 
300 ft. and the station is designed for carrier-current 
type of automatic control. These are the largest units 
on record that will be controlled automatically. 

A 17,500-hp. Pelton Water Wheel driving a 
13,333-kv-a., 60-cycle, G. E. generator is under con¬ 
struction for the Glines Canyon Power Station of the 
Northwestern Power & Light Company. This unit 
which will operate under a head of 190 ft. will be con¬ 
trolled by the operator of the Elwha River Plant, seven 
miles away by means of selector supervisory control. 
In addition to the main unit, the 62.5-kv-a. auxiliary 
water wheel and the motor driven oil pump will also 
be controlled by the automatic equipment. 

The largest plant built up to date for full automatic 
control is the Louisville hydroelectric installation now 
under construction which will consist of eight 13,500 
hp., Allis-Chalmers turbines. The generators are 
12,500-kv-a., 14,000-volt, 100-rev. per min. vertical 
General Electric machines which will have a self- 
contained ventilating system because of the high air 
temperatures during the summer time when they will 
carry the heaviest loads. 

High Head Impulse Wheels. The largest capacity 
impulse wheels ever constructed are the two 56,000- 
hp. turbines which are under construction for the 
Big Creek No. 2-A plant of the Southern California 
Edison Company. These machines will operate under 
a head of 2300 ft., one being an Allis-Chalmers machine 
and the other will be made by the Pelton Water Wheel 
Company. Both machines will be of the double over- ■ 
hung type, having separate governor control for each 
nozzle. The main shaft bearings of these units will be 
30 in. in diameter and the total weight carried on each 
bearing will be 230,000 lb. The present speed of the 
units will be 250 rev. per min. for 50 cycles, but the 
machines are designed for 60-cycle operation at 300 rev. 
per min. The jet diameter for each overhung impulse 
wheel will be 83^ in. Each bucket will weigh 900 lb. 
and in case of the runaway of the unit, the combined 
forces on the bucket bolts will be approximately 300 tons 
per bucket. 

The Westinghouse generators for these units will have a 
capacity of 45,000 kv-a. at 11,000 volts, 250 rev.per 
min. but will have a capacity of 50,000 kv-a. at 12,500 
volts when operating at a speed of 300 rev. per min. 

A 40,000 hp. Allis-Chalmers double overhung 
impulse wheel has been placed in operation at the 
Kings River Plant of the San Joaquin Light & Power 
Corporation for operation under a head of 2243 ft. 
The generator will be a General Electric 33,000-kv-a., 
13,200-volt, 360-rev. per min. machine. Two exciters 
are provided, each of which is of sufficient capacity 
to excite the main generator. Each exciter is driven by 
a single-jet, single-overhung impulse wheel. 


Two Pelton Water Wheels of 40,000 hp. capacity 
each have been installed at Santos, Brazil for operation 
under an effective head of 2450 ft. The General 
Electric alternators are of the horizontal type with a 
capacity of 33,000 kv-a. at 11,000 volts and 360 rev. 
per min. 

The turbines to operate under the highest head up to 
the present time will be the units for the Bucks Creek 
Plant of the Feather River Power Company. These 
will be of the double overhung impulse type Pelton 
Wheels with a capacity, of 30,000 hp. The head will be 
2548 ft. and the turbines will drive 25,000-kv-a., 11,000- 
volt, 450-rev. per min. General Electric generators. 

Propeller Type Turbines. There are being installed 
in the Great Falls Plant of the Manitoba Power Com¬ 
pany, one 28,000-hp., Moody and one 31,500-hp. 
Bell type turbines driving General Electric generators. 
These units are the largest propeller type units now 
being installed and will operate under a head of 56 ft. 
at 138 rev. per min. 

Power Station Auxiliaries 
The prevailing practise seems to be motor driven 
auxiliaries, with the added protection of having certain 
auxiliaries steam driven. The chief reasons for this are 
the extensive adoption of the regenerative cycle for 
feed water heating and the rapid development of 
motors suitable for auxiliary drive. The electric 
drive is very efficient and reliable and it is probable 
that in most cases a station using electrically driven 
auxiliaries will show on the average, a better thermal 
efficiency and a lower cost per unit of output including 
fixed charges, than if steam driven auxiliaries were used. 

Steam drive, however, is still most favored for 
boiler feed pumps. It is interesting to note that a 
large station recently constructed in the East has 
adopted steam drive for all of its essential auxiliaries, 
but this is largely a local condition peculiar to its 
system. The refinements of design details, and im¬ 
provements developed for large turbines have been 
extended to smaller capacities so that manufacturers are 
prepared to furnish turbines for auxiliary service having 
very much improved water rates. 

There are still many opinions in regard to the best 
source of electric power for auxiliaries. On account 
of the higher efficiency of the main units, there has been 
a tendency to put all the station load on these machines. 
There are not so many house turbine generators being 
installed as in the past. The house generator in tandem 
with and being direct connected to the main generator 
shaft, appears to be gaining in favor and is extensively 
used. 

Power Production Economies 
A record for thermal efficiency was attained at the 
Columbia Station of the Columbia Power Company in 
Ohio. For a period of one month this station was 
operated on a heat consumption of approximately 
12,462 B. t. u. per kw-hr. net output, which is the 


June 1,027 


POWER UENERATION 


lowest figure obtained by any steam plant to date. 
The following figures, lor two consecutive months, are 


of particular interest: 

December 

102(5 

January 

1027 

Kw-hr. net nut pul. 

J 1,008,100 

12,517,000 

Load factor... 

(55.7% 

(50.7 '} 

R, t. u. per kw-hr. net out put. 

12,105 

12,1(52 

R. t, u. per lit. coal as tired. 

Coal lacier, lb. per kw-hr. net 

I2.X2X 

1 1,002 

( )llfpul,. 

.002 

.800 

Station water rate. 

Siam lard 1 (oilers; 

7.7(5 

7.85 

Average efficiency. 

87.0(5% 

87.5 i<; 
222 <; 

Average Hating. 

Helmut Roller>•: 

21(5 % 

Average efficiency , . . 

00.7% 

00.02': 

Average Haling. 

I0X % 

122 

Auxiliary power eomumpi ton. . . . 

5.27';;, 

• ID; 


The results in many oilier stations put, into operation 
during the last year have also been very reassuring and 
in some eases have exceeded the expectations of their 
designers. High pressures, high temperatures, water 
walls, regenerative cycle, reheat cycle, air preheaters, 
improved combustion due to better stokers or pulver¬ 
ized fuel, reduction in exit gas losses by economizers and 
preheaters, use of electrical drives for auxiliaries, and 
improvements in t urbine and condenser design have all 
contributed to improve the thermal ellieieney of power 
plants so that t he reduction of operating costs have 
more than kept pace with the increased price of fuel 
and increased operating labor rales. 

The marked improvement in utilization of fuel by 
public utility power plants is revealed by figures given in 
the Geological Survey Report,, which shows that in 192(> 
the average large generating plant, turned out a kw-hr. 
on 1.94 11). of coal as compared with 2.07 in 1025. 
These figures include coal, oil, and gas fired plants and 
represent, the equivalent coal consumption. It is 
interesting to note t hat since t he World War, using 1919 
as a basis, tin* equivalent, coal consumption per kw-hr. 
has been reduced 10 percent. 
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In attempt ing to present a rdsume of t he outstanding 
technical achievements brought about during the past 
year in a complex indust ry like that of power generation, 
every effort was made to obtain from many sources as 
complete and reliable information as possible of the 
existing conditions in the Held, The committee is 
indebted to those engineers and manufacturers who so 
splendidly assisted in this work and wishes to express 
its appreciation of their cooperation. 

W. B. (bmsucii, Chairman, 
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A Very complete description of the !X,7b0 kw, addifion lo I lie 
Power Station of the Metropolitan Railway, Neasden. 

Price, (’. VV., “New York’s New Central Station," E/njnn < rimj 
World, Vol. M0, No. -1, April 1927, pp. 217-220. 

Interesting description of the new Kasl River Slalion of l In* 
New York Kdison ('o. a t I I I II St. 

Ratlber, I 1 )., “Use of High Steam Pn>ssures and Tempera-lures 
in Central Stations,” Potrer, Vol. 01, No. 17, October 20, 1920, 
pp. 9Mb-9M0. 

Problem of steam pressures; practical development ill high 
pressure slea.m generation. Abstract translated from paper 
pr< •sen tei I at a, con von I ion in Rome. 

Rohmer, M,, “Super Power House at HuuuneFhurg,’’ /*7« /. - 
Ifotrrhiihwhe /ail., Vol, 17, No. 12, October 21, 192b, pp. 12 19 
I2b7. 

Steam station for City of Rerlin on Spree River has initial 
installation of M units of 100,DUO kva. each. 

Ritchie, R, (!., “Power Station Kflicieiicy ,” t ‘ninlni .Inut, Vol. 

I I, No, I, April 1920, pp. 2M7 “10. 

Review of situation with view to arriving; al some deiiuite 
conclusion. 

Roberts, .1. I),, “(irand Tower Power Station," Electric Eiyhl 
and Power, Vol, b, No. I, January 1927, pp. 2M-20, SO si, 

Description of the new 7*0,000-Uw. illation of the t’entral 

Illinois p, S, ('o. 

Slioiidy, W. A., “ Invest igat ion of Power t ’oh1h,“ Mannfarlnr ■ 
iri{l I mlIvutricn, Vol. 12, No. M, September 1920, p. 20M. 

Methods for studying utilization and generation of power to 
show where costs may be reduced. 

Southern Power Journal, “St, John's River Power Station,” 
Vol. lb, No. 2, February 1927, pp. MU-11. 

Ultimate capa,city of plant |00,000-k\v. t steam pressure 400 
lb, gage, 

Southern Power Journal, “New Hindi Station of the Southern 
Power ('o.,” Vol. lb, No. M, Mare 1 1 1927, pp. MU-II. 

Ultimate capacity 100,000 I tom* power. Pulverized eoal 
used as fuel. 

Southern Power Journal, “I* 4 *Mirth Street Station Memphis 
Light A Power Co.,” Vol. 11, No, I I, November 1920, pp. MU-1M. 

Main features of apparatus in new extension to power plant, 

Stauffer, R. I)., “Features of Parr Shoals Steam Power Plant,” 
Power PlanI Eiaji'neerhtjl, Vol. Ml, No. M, February I, 1927, pp. 
172-180. 

South Carolina station designed for ultimate eapneify of 
80,000 kw., burns pulverized eoal. 

Struck, Henry W., “Neelies Station Increases Texas Power 
Facilities,” Power Plant EiiyiHtwriny, Vol. Ml, No. 7, April 1, 
1927, pp. M90-M95. 

Now plant illustrates recent design tendencies. 

Sykos, W., “Latest Practise Found in New Power and Blowing 
Plant of Inland Steel Company,” Power, Vol. 05, No, 0, Febru¬ 
ary H, 1927, pp. 194-195. 


Transact ions A. I. F, E. 

Boilers burn blast-furnace gas and oil; power generated for 
less I hail 20,001) B. 1. u. in gas, 

Taylor, 8, A., "Location of Central Power Plants and Coal 
Selection,” Paine, Vol. Ub, No. s, February 22, 1927, p. 28b, 

The Kntjineer, " \ Sixty--Atmosphere Steam Plant," Vn|. 142 
No. MUS I, August 20, 1920, pp. 20 I 20b. 

Tin Einjitn, r, ‘‘The Laugerhrugge Power Station,” Vol. Ml 
No. M07M, .1 uno I, 1920, pp. ,Y7tl-.b7M-.bs2, 

I >etails of l lie new Iirlgiati Sla I ion at < ! Iieut. 

Tin p.tnjineer, ‘ ‘ F \ I en-ions fo I he Trefol'e st Power Station," 
Vol, MM. No, M7, Max 0, 1927, pp. 7.010502. 

Details of e\iiui:,ions to I lie Treforest Stat ion, 

Tin P la/i m rr, “A New Power Station at Poplar,” Vol, 11)1, 
No. M720, April 29, 1927, pp. 100-107. 

Pmihnirhui, Vol. 12.8, No. Ml98, \pril 29, 1927, pp. blM-blli. 
Detail of t lie new ■ t at ion at Poplar. 

The i>: injineer, “The Narrow Power Plant of (lie Virginian 
Railway Company," Vol. 142, No. M0S9 and M09I), September 24 
and October I, 1920, pp, M 10 M 12 and MbO Mb7, 

Power plant on New River at Narrow;, Yn., contains four 
It), (MM kw. turbine .and live 1.721 bp. groan drum boilers linul 
with pulverized fuel. 

The Emjiitrer. “\ New Power St at ion for Birmingham,” Vol. 

I IM. No. M7(H. .launary 7, 1927, page t. 

I Jrief de cript it mi of new Birminghu m Plaid, 

The Hmiineer, " I ? ri I ol Pow er Scheme,” Vol. I IM, No. 11700, 
.January 21, 1927, p. OM. 

New I 'owe r St at ion at Porn head to have tit t imatc capacity of 
2St 1,01)1) kw. 

Tin Engineer, “Tbc 1’ ealid Kcoimmy of 11 igh Pt'e : Mitre St cam 
Plant ," Vol. MM, No. M7B7, January 28, 1927, pfi, 9 I 90, 

Di en ion of a paper presented before the Institution of 
Meelumicul Mngiueer . Ilic'h pre urea and temperatures 
feat ii red. 

The Einiiiteer, "( 'ongella Power Station, Durban,” Vol, Mil, 
No. M707, January ps, 1927, p. 100. 

('ongella Station in first pulverized coal fired station in H. 
Africa. 

The Enijiuter, "New ( ’irrulalilig Water System at Woolwich 
power Station,” Vol. MM, No, M709, February M, 1927, pp, 
lbO-lbP, 

Description of the new inlet and outlet channels and conduit) 
for Wool w ich Sial ion’s condensers. 

The Electrician, "poplar Kleetricily Undertaking.” Vol. 98, 
No. 2bbp, April 29. 1927, pp, 400 102. 

The Electrician, ”Kxlelusions a! Yarmouth,’* Vol, 98, Nu, 
2b42, February Is, 1927, p, 171. 

The Electrician, “Fleet ricity Supply at I trai I ford,” Vol. 98, 
No, 2bM7,.lnti. 14, 1927, p. Mb. ’ 

Fnicieiicy of 1000 lb., 800 deg, l'altr, Station, 

Wood, M, It., "Steam PurilierM FlTect Saving in Texan Plant,'' 
Power Plant I'int/litet winy, Vol. Ml, No. 0, March lo, 1927, pp. 
M59-MOO. 

Steam rale of t urbiuc show:; not iceable inert nine due to solids in 
t he at cam. 

World Power, "Power Station FITadeucy in Ureal. Britain,” 
Vol, b, No. 20, February 1920, pp, 9M 90, 

Details of Ureoiivvieh Station supplying whole of power fur 
Loudon Tramways. 

Boiiu-.it Pi.wr Di;un.\ \so ()im;u vrn>\ 

Allen, R. IL, “Imlucetl Draff,” Pomhmtinn , Vol. 10, No, 5, 

May 1927, pp. 278, 

Discussion of certain points in Mr. „L U. Mingle's article on 
same subject in February 1927 issue. 

Hailey, A. D., “Hoilers and Superheaters Show Improve¬ 
ments,” Power Plant Enyineeriuy , Vol. Ml, No, I, Jan. L 1927, 
Pl>* 00-ML 

Higher pressures and temporal,urns, larger boilers, higher 
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ratings, reheat boilers, water walls, and improved appurtenances 
combine to make progress in this field notable. 

.Hailey, E. («•., rendoneieH in Steam Boiler Furnaces,” Power 
Plant Engineering, Vol. MO, No. 24, Dee. 15, 192(5, pp. 1311-1312. 

Combustion rates of 40,000 to 50,000 B. 1, u. per eu. ft. of 
furnace volume are predicted for progressive installations. 

Bailey, 10. G., “Wliat is the Limit in Reducing Excess Air,” 
Power, Vol. (54, No. 2, July 13, 192(5, pp. (io-OO. 

Summary of current practise. 

Berry, (If., “Si/.e, Load and Ratings of Boilers,” Power, 
Vol. (i f, No. 9, Aug. 31, 192(5, pp. 314-315. 

Discusses necessity for distinguishing accurately the throe 
basic quantities. 

Planning, II. K.„ “Advantages of Automatic Boiler Control,” 
Power Plant Rngiuccring, Vol. 30, No. 8, April 15, 192(5, pp. 470- 
472. 

Abstrnet of paper road before Prime Movers Committee 
N. E. L. A. 

Btaum, U., Bremen, “Thermal Methods of Feedwater Prepara¬ 
tion,” in Zeits, des Vcrcin Deni. Ingrs., Vol 71, No. 9, Fob. 2(5, 
192/, pp. 285, 290, also extract in M echuuical Engineering, 
Vol. 45, No. 5, May 1927, pp. 1(55-4(57. 

Feed wafer preparation by distillation and some installations 
in (iernmny. 

Bolit/., Stanislas, “Auxiliary Heater Increases Capacity of 
Existing Boilers,” Power, Vol. (55, No. 3, January 18, 1927, pp. 
98-99. 

Brennan, J. M., “Why Boiler Tubes Blow Out,” Power, Vol. 
(15, No. 7, February 15, 1927, pp. 242-244. 

Brewer, A. F., "Lubrication of Boiler Plant Equipment, Part 
II,” Electric lAyhl A: Power, Vol. 5, No. 1, Jan. 1927, pp. 30-32, 
8(5-90. 

Brooks, it. W., “The ‘Therm’ as a unit, of Boiler Capacity,” 
Combustion , Vol, 14, No. (5, June 192(5, p, 377. 

(larmichael, I). C., “Fact.ors Bearing On .Proper Treatment,” 
Power Plant Engineering, Vol. 31, No. 9, May 1, 1927, pp. 505 
509. 

An analysis of data collected in three stations on feedwater 
treatment. 

Carmichael, I). C., " Interpretation of Boiler Water Analysis,” 
Power Plant Engineering, Vol. 30, No. 17, Sept. 1, 1920, p. 943. 

Sodium sulphate believed to he one of the most active causes 
for priming. 

Carmichael, I>. C., “Corrosion due to Magnesium and Calcium 
Halts,” Power Plant Engineering, Vol. 30, No. 7, April 7, 1927, 
pp, 411-412. 

(Viahuir el Industrie, "Forced Draft Without Motive Power,” 
Vol. (5, No. (59, Jan. 192(5, pp. 51-53. 

Details of (diunard” Elatle aspirating stack. 

< ’mi I ant, J. Could, “Effort of Direct. Heating Surface on Effi¬ 
ciency,“ Combmlitm, Vol, 1(5, No. 2, February 1927, pp. 99-1.00. 

Effect of water cooled walls on exit gas temperature and boiler 
ofileioncy. 

Coulant, J. CL, “Does Additional Direct Heating Surface 
Pay?”, C omhuHlwn, Vol. 15, No. 2, Aug. 192(5, pp. 10(5-107. 

Demonstrates economical features of additional direct heating 
surface. 

Christie, A. CL, “Effect of Radiant Heat on Water Cooled 
Furnace Walls,” Power, Vol. (55, No. 22, May 31, 1927, pp. 841- 
844. 

Discussion of probable rates of heat absorption, velocities 
attained, and effects produced in the water walls. 

Doekstader, E. A,, “Electrical Determination of Temperatures 
in Chimney Shells,” Elee.irie.nl World, Vol. 88, No. 8, Aug. 21, 
192(5, pp. 3(53-3(55. 

Importance of temperature stresses in reinforced concrete 
chimneys is emphasized, preliminary heat drop data. 

Engineering, “Recorder for Dissolved Oxygon in Feedwater,” 
Vol. 122, No. 3174, Nov. 12,1926, p. 610. 


Details of the Cambridge dissolved oxygon recorder. 

Engineering, “Riveted and Welded Joints in Boiler Construc¬ 
tion,” Vol. 122, No. 3170, Oct. 15, 192(5, pp. 489-490. 

Engineering, “The Prevention of the Formation of Boiler 
Scale,” Vol. 122, No. 31(58, Oct. 1, 192(5, pp. 415-41(5. 

Details of the linseed oil process and other modifications. 

Engineering and Boiler House Review, “New Turbine Furnace 
Development,” Vol. 40, No. 7, January 1927, p. 302. 

Description with method of eliminating black smoke. 

Engineering and Boiler IIou.no Review, “Recent Practice in Laud 
Boiler Design,” Vol. 40, No. S, February 1927, pp. 439-442. 

Review of present-day practise in the construction of different 
typos of boilers. 

Engineering and Boiler I louse Review, “Large Boiler Units at 
the Prince’s Generating Station, Birmingham,” Vol. 40, No. 8, 
February 1927, pp. 501-50(5. 

Some details of four 150,000 lb. boilers, tired with powdered 
fuel, in course of erection at M icholls, Birmingham. 

Engineering and Boiler House Review, “The Radiant Heat 
Superheater,” Vol. 39, No. 1 1, May 192(5, pp. 519-520. 

To replace side walls. 

Engineering and Boiler House Review, “Modern Superheaters,” 
Vol. 39, No. 7, January 192(5, pp. 329-332. 

Engineering and Boiler Haase Review), “The Manufacture of 
Bricks from Boiler House Ash and Clinker,” Vol. 39, No. 7, 
January 192(5, pp. 319-320. 

.Describes principle of calcium silicate process, and loading 
features of installations. 

Fish, E. It., “Developments in Steam Boiler Practice,” Power 
Plant Engineering, Vol.3(),No.24, December 15,192(5,pp. 1308-1310. 

Methods of using high-pressure steam still in course of 
development. 

Forsshlad, N., “Calculation of the Temperature of a Boiler 
Furnace,” Combustion, Vol. 15, No. 1, July 192(5, pp. 33-35. 

Table for simplifying furnace temperature calculations. 

'Fotdk, C. W.,“Present Knowledge of Foaming and Priming of 
Boiler Feed Wafer, with Suggestions for Research,” Mechanical 
Engineering, Vol. 48, No. I la, Mid-November, 192(5, pp. 13(54- 
,13(57. 

Progress report of Sub-Committee No. 3 of Joint Research 
Committee on boiler feed water studies. 

Funk, Nevin E„ “The Effect or Water-Cooled Walls on Pre¬ 
heater Performance,” Mechanical Engineering, Vol. 49, No. 1, 
January 1927, pp. 25-28. 

Data on design of water-cooled walks and air-pro heater. 

Gleiehmann, CL 14., “Experience with the Benson Steam 
Generator,” Power, Vol. (55, No. 22, May 31, 1927, pp. 838-840. 

Description of the Siomons-Sohuekort Company’s experimental 
installation of the 3200-lb. Benson System. 

Gochnauor, H. W M “Proper Use of Motors in Boiler Room 
Improves Efficiency and Reduces Investments,” Power, Vol. 05, 
No. 4, January 25, 1927, pp. 118-121. 

Goorg, B., Dr., “The Transfer of Heat from Combustion Gases 
to Surrounding Walls,” Combustion, Vol. Hi, No. 4, April, 1927, 
pp. 214-2 (8. 

Studies in radiation and convection under various conditions 
of wall design. 

Greene, T. W., “Stresses in a Large Welded Tank Subjected to 
Repeated High Pressure,” Mechanical Engineering, Vol. 49, 
No. 1, January, 1927, pp. 124-1,33. 

Complete report of test including theoretical discussions and 
stress- strain c ur ves. 

Greer, W. N. and Parker, II. (J., “The Potontiomotric Deter¬ 
mination of Hydrogen-ion Concentrations as Applied to Boiler 
Waters,” Mechanical Engineering, Vol. 48, No. 11, November, 
192(5, pp. 1129-1132. 

Grunert, A. E., “Overliro Supplementary Air Introduction,” 
Power Plant Engineering, Vol. 31, No. 4, February 15, 1927, 
pp. 245-247. 







































770 


BOWER (i KN ITR AT1< >N 


Trail- net t< <u « \ . I. K, 1«], 


Operation and advantages fully discussed. 

(Juy, II. b., “Tim Economic Value of Increased Steam Fres- 
suve,” The I'lnyineer, Vol. 142, Nos. 0000 mid 300/, November 12 
and 10, 1020, pp. 531-537 and 501-503. 

Hardin, I*. 11., “High 1 leat-Transfer 1 talon for Surface Type 
Desuperheaters," Power , Vol. On, No. /, I 1 ebruary In, 10-,/, 

Pl>. 252-200. 

Results obtained from tests conducted at Hudson Avenue 
Station. 

|(oiivy, II. K., “Some Advantages of Mechanical Draft,” 
Southern Power Journal, Vol. 15, No. 5, May 1027, p. 44. 
Principally a comparison with induced draft. 

Hensley, .1. Elmer, “Care and Inspection of Electric Steam- 
Flow Meters,” Power, Vol. 05, No. S, February 22, 1027, pp. 2SS-. 
200 . 

,|,>os, C. F., “Purifying Steam-with a Separator," Power, Vol. 
05, No. 10, May 10. 1027, p. 710. 

Special receiver-separator described. 

.loos, C. 10,, “Finding and Curing Corrosion, Power, Vol. On, 
No. 21, May 24, 1027, pp. 703-772. 

.Josse, 10., “Preheating Bump,” Zell. ilea 1 ereineu Pent. Inure., 
Vol. 70, No. 25, dune 10, 1020, pp. N52~Nn l. 

Putup de\eloped by Berlin linn in which boiler Iced walm is 
heated by direct contact with bleeder steam within pump. 

Keenan, W. F., dr., “Modern Superhealer 1’rohle.msT Power 
Plant Kmjineeriny, Vol. 30. No. 21, Doeomher In, 1020, pp. 
,1221 -1322. 

Kin/el, A. B., “Tim Design of Dished and Flanged Pressure 
Vessel l loads," ,1 1 trim nival Koyiuevriny, Vol. 10, No. 0, dune 
1027, pp. 025-044. 

Abstract ami discussion of a paper presen led at a joint meeting 
of the Met ropolitan Section A. S. M. IT and New V ork Seel ion 
of American Welding Society. 

Knowles, C. 1C, “Pretreatment of Holler Feed-Water," 
Mechanical Pniji ueeri hi/, Vol. IS, No. (la, M id-November, 1020, 
pp. 130b 1303. 

Progress report of Sub-Committee No. 2 of doint Research 
Committee on Boiler Feed-Water Studies on water softening by 
chemicals (external treatment). 

Kriegsheim, 11., “ lilt ere,rystaliine Cracks in Riveted Kearns.” 
Power , Vol. 01, No. 7, August 17, 1020, p. 201. 

Author maintains that intore,rystaliine cracks in boiler seams 
are fully explained by action of prolonged high total stresses. 

Krug, F., “Enlarged Oil Furnace increases Efficiency,” 
Power Plant, linyiiiccciny, Vol. 31, No, 1, February 15, 102/, 
pp. 212-24 1. 

Boiler Furuae.e remodeled to increase capacity and decrease 
maintenance expenses. 

boileli, H. W„ “Boiler and Stoker Performance a! Hell Cate," 
Mechanical I'lnt/iueeriny, Vol. 4S, No. 10, October, 1020, pp. 
1011-1010. 

Shows effect of yearly extensions to boiler house on overall 
efficiency and maintenance. Detailed test of latest installation 
given. 

McMillan, b. lb, “Heat Transfer Through insulation,” Power, 
Vol. 05, No. 5, February 1, 1027, pp. ISO-ISI. 

Digi'sl of a paper presented at the Head Transfer Session 
arranged by tlm National Researe.lt Council at, the annual 
meeting of the A. S. M. IT (December 1020) in joint session with 
the A. S. lb IT 

M<‘Vieher, (!. <}., "Experiments with Furnace Slag Preven¬ 
tion,” Power , Vol, 05, No. 20, May 17, 102/, pp. (-13-/ II. 

Mechanical Knyiueeriny, “Ib'at Transmissionin Wader-tube 
Boilers,” Vol. 40, No. 2, February, 1027, p. 152 (abstract). 

Front a paper by Dr. T, Barratt before the Institute of Fuel 
Economy Engineers. 

Mollanby, A. b. and Korr, Wm., “Malerials Limit Boiler 
Operating Conditions,” Power Plant Mny-imusriny, Vol. 31, No. 11, 
Juim 1, 1027, pp. 030-041. 


Nickel-chromimu alloy-allo.v cih-u man,m at bed, tempera- 
t ares and pressures, 

Mellnnhy, A. b.. and Kmr. Wm.. "Tim I < and beonemy 
(if High Pressure steam Plant-." Pow.-r, \ <d. <>.», No. 13. March 21), 

1027, pp. 104.105. 

Abstract of a paper read before the Brin h hi nun sou of 
Mechanical Engineer:;, 

Mingle, d. C., "Modern Method of I'rodtmmg Draft m Steam 
Plants" 3," PomUaPnn, Vol. |0, No. ", February. 1027. pp, 

100-115. 

Description with drawinr;.- "( induced dial, * ri "' ’> tul- 
vantages and disad vautage; ■ 

Mimde. d. tb, •• Kemtoimeal I >* ivu of Natural Brats. (’him-* 
tmys , u ''power Plant P nyho < c uy, Vob 3b No V. Mini |. 1*127, 
pp. 300-102. 

Mingle, d. ( b, "Modern Meflmd of 1 Tib) production m Steam 
Plants,” (‘oinlni. (loti , Vol, bn No, 5, Nov.-mber, PCb, pp, 
205-200. 

Aspiraded and Induced DraP-, 

Mingle, d. <!., "Tin* Importune*' «*f Pro?., r t ‘htmim; i '• ini,” 
Pnuihu.Jioit, Vol. I !. NoNb Match PC'., pp B><* His, 

Factors iuihmueing de cm: *l«-!*-rmimiti»»n *»t Mommy ire. 
MoS'ditirl, D. d., “Another. Atoter Fired Boiler Shew: High 
Kflicieney," Poir.r, Vol. 03, No "I, dime be I IDO, p, 3"e, 

High Bridge Station at St, Paul, Minn , iO'>* "..m Vs to SI 

per cent efficiency. 

Naliomd Electric bight A hi . "Sbmk. amt Flu* Reject No, 
207-13 of Prime Mover t ’..mmitt* t 

National Electric bight A■Tn , "Boiko , Nupub* idol ami 
Eeonomi/.err,." Report No, iftii ■!.» *<t Prim*' M****' ! 1 * imuottee. 

National Dleetrie high I V hi, “Boiler mid Turbin* lb mm 
Instruments,” Report No, 207 Ut of I’rim* Mover » 'ommittcc. 

< )ppenlieim»'r, P. lb, “ilalliltlf l ube- ut Boiler I ; at* / */*W, 
Vol. 05. No. iS, February 22. PC/, PP 3<H» 5ti5 

The effect of fulling «*ll t lie at reiigt h »*1 b**t I* ‘ id** ! amt he* 1 • 
Parker, Benjamin .1,, “What \h*»ut tic* \\stfn Ia n ! power, 
Vol, 05, No, 17, April 20, 1*327, p, 031-052, 

Pmt, S, W. and Straub, I s '. t< ,, "t 'mi 5m 1 .mbnt lioewtil, 
power, Vol. 03, No, 20, dutm 22, P.r.'ti, j.p 024 omh, 

Summary of result-a of - imin earned *»» ad engineering ex¬ 
periment station of bmver ity of IUm*u 

Plldps, C. <"The t )ve rv, orbed t 'lummy Power. \ ol, 11.1, 
No. 21, May 25, 1020, p. si2, 

Points out, that increa sing CO- materially nmi* si i< chimney » 
capacity, 

Pigott, lb d, K„, "Fundamental: of Sat* t> \ alve Design, 1 
Power, Vol, 05, No, 10, April Pd, 1027, pp 3Mi asif, 

Pot ter, A. A. and Zuerow, M, d,, "Km*»ot4iiug { bit *<f the Diml 
with a Steam Accumulator,” Poore, Vol, 01, No 15. t ictoher 
1020, pp. .551-550. 

Increase idlicieimy and all*ex u * of inferior !u> I 
Powell, S. T,, "Boiler Feed Water Punlh’Htam." Power, 
Vol, 01, No. I, duly 0, 1*120, pp, 12 15. Vol 0}. N.» 2, duly 13, 
1020, pp. 10-52; No. 3. duly 20, 1020, pp 05 *t:*; No, b duly 27, 
1020, pp, 120-132; No. 5, August- 3. 1020, pp. 10m I ON Nn. fi, 
August. 10, 1020, pp. 2US2H), \u, 7, Xtign » IV, 1020, pj*. *23t>- 
23S; No. s, August *24, 1020, pp, 270 2M; No, 0, August 31. 1020, 
pp. 330-333; No, It), September 7, 1020, pp. 371-371; Nu> U, 
Soptcmber 14, 1020, pp. -tOtbHO, No, 12, .September 21, 1 B'Jfi, 
pp. 441-144; No, 13, September 2s, 1020, pp 171 171; No. M, 
Oed.ober 5, 1020, pji. 520-525; Nn. 15. Dctolu r 17. I'CO. IT* 
552-554; No. 10, Dei utter 10, 1020, pp, 7,05 .70S. 

A comprehensive Hern*:-, of art idea on boiler feed water pun line 
turn covering all phases of t he subject 

Power , “Thu Steam Loop and How it Operates," \ ol 0*», No* 
IS, May 3, 1027, pp. 001-002. 

Power, "Tesla indicates Need of Radical Change* in I>»«b**d 
Head Design for Boiler Steam Drums,” Vob 115, No, 2,.fmuiaryH* 
1027, pp. 72-74. 
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Results of recent tests show present designs to be irrational 
and weak. 

Power , “Developments in Boilers and Boiler Auxiliaries,” 
Vol.65, No. 1, January4, 1927,pp.9-13 (Annual Review Number). 

Poioer, “Swiss Boiler Generates 1500 lb. Steam Pressure in 
Two Stages,” Vol. 65, No. 5, February 1, 1927, pp. 160-162. 

Description of experimental plant at Winterthur. 

Power, “Boiler Peed-Water Abstracts,” Vol. 65, No. 7, Febru¬ 
ary 15, 1927, pp. 264-265. 

Bibliography of ‘‘Joint Research 'Committee on Boiler Feed 
Water Studies.” First two reports only. 

Power, “How to Prevent Carryover,” Vol. 65, No. 11, March 
15, 1927, pp. 420-421. 

Simple and reliable tests for the control of boiler blow down. 

Power, “Calumet Boiler Generates 300,000 lb. of Steam per 
Hour,” Vol. 65, No. 14, April 5, 1927, pp. 519-520. 

A description of the new pulverized fuel boiler at Calumet 
Station. 

Power, “Boiler Feed-Water Abstracts,” Vol. 65, No. 15, April 
12, 1927, p. 568. 

Bibliography of “Joint Research Committee on Boiler Feed 
Water.” Third report of Sub-committee No. 9. 

Power, “Crawford Ave. Tests Prove the Value of Constant 
Pressure Differential in Feed-Water Regulation,” Vol. 64, No. 
10, September 7, 1926, pp. 357, 358. 

lests show advantage of having one variable to contend 'with. 

Power, “How the Bailey Meter Control Operates,” Vol. 64, 
No. 6, August 10, 1926, pp. 198-202. 

. System utilizes electrical motive power. 

Power, “A New Boiler Steel and Intercrystalline Cracks,” Vol. 
64, No. 17, October 26, 1926, p. 623. 

Experiments with new boiler steel and cause of intererystalline 
cracks. 

Power, “Automatic Control of Boilers Plants,” Vol. 65, No. 
22, May 31, 1927, pp. 814-817. 

A brief description is given of a number of these systems. 

Power Plant Engineering, “Feed Water Treatment in Power 
Plants,” Vol. 31, No. 1, January 1, 1927, pp. 25-28. 

Higher pressures and ratings have made feed-water heating a 
vital problem. 

Power Plant Engineering, “Forced, Induced and Natural 
Draft Practise,” Vol. 31, No. 1, January 1, 1927, pp. 20-22. 

More effective application of present equipment sought. 

Power Plant Engineering, “Steam Generating Equipment,” 
Vol. 31, No. 2, January 15,1927, pp. 130-137. 

Developments in boiler construction; recent superheater 
developments. 

Power Plant Engineering, “Boiler Pressures Continue to 
Increase,” Vol. 31, No. 1, January 1, 1927, pp. 35-37. 

Higher pressures and ratings bring out new designs and 
problems; reheat and water-screen boilers used in new stations. 

Power Plant Engineering, “Practise in Feed Water Heating,” 
Vol. 31, No. 1, January 1,1927, pp. 28-29. 

Use of regenerative cycle in most modern stations. 

Power Plant Engineering, “Furnace Wall Design Keeps Pace 
with Demands,” Vol. 31, No. 2, January 15, 1927, pp. 113-116. 

Statements by various manufacturers. 

Power Plant Engineering, “Practise in Construction and Use of 
Air Heaters,” Vol. 31, No. 2, January 15, 1927, pp. 117-118. 

Statements by manufacturers. 

Power Plant Engineering, “Feed Water Preparation,” Vol. 31, 
No. 2, January 15, 1927, pp. 119-121. 

Statements of problems of design and developments by 
manufacturers. 

Poiver Plant Engineering, ''’‘Development in Boiler Construc¬ 
tion,” Vol. 31, No. 2, January 15, 1927, pp. 130-135. 

Statements by manufacturers. 

Power Plant Engineering, “Recent Superheater Developments,’! 
Vol. 31, No. 2, January 15,1927, pp. 135-137. 


Statements by leading manufacturers. 

Power Plant Engineering, “Boiler Operates Successfully at 
1500 lbs.,” Vol. 31, No. 5, March 1, 1927, pp. 300-301. 

Possibilities of higher efficiencies and greater economies in 
boiler plant operation are proved possible in the German 
development. 


Power Plant Engineering, “Modern Methods Influence Boiler 
Tube Size,” Vol. 31, No. 7, April 1, 1927, p. 402. 

New Heine boiler with front section of 3-in. tubes and rear of 
2-in. tubes. 


Power Plant Engineering, “Electrical Features of a Modern 
Draft System,” Vol. 31, No. 8, April 15, 1927, pp. 460-463. 

A description of the unusually flexible draft control system at 
Somerset Station. 

Power Plant Engineering, “Some Hydraulic Methods of Ash 
Disposal,” Vol. 31, No. 8, April 15, 1927, pp. 451-454. 

Types of open and enclosed sluices using continuous flow or 
intermittent high-velocity jet. 

Power Plant Engineering , “Tonowanda Paper Company Burns 
Pulverized Coal,” Vol. 31, No. 4, February 15,1927, pp. 232-236. 

Turbine-driven unit-pulverizers serve boilers. 

Power Plant Engineering, “Economizers Developed to Meet 
High Pressures,” Vol. 31, No. 1, Jamiary 1, 1927, pp. 29-32. 

Steel tubes with protected surfaces is outstanding feature of 
economizer development. 

Power Plant Engineering, “Operating Boiler Tests Show Im¬ 
portant Relations,” Vol. 30, No. 17, September 1, 1926, pp. 
944-946. 

Variation of draft loss, superheat, efficiency, and losses with 
rate of forcing and percentage of C0 2 . 

Rice, Cyrus M., “Some Observations on Priming and Foam¬ 
ing,” Power, Vol. 65, No. 15, April 12, 1927, pp. 544-546. 

Effect of rating on impurities in steam. 

Ruths, J., “Use of the Ruths Steam Accumulator in Parallel 
Operation of Hydro-Electric and Steam Plants,” World Power 
Conference, 1926. Advance paper No. 34. 

Sforzini, Lewis J., “The Design and Construction of Pressure 
Vessels,” Part I, Power, Vol. 65, No. 17, April 26, 1927, pp. 
623-625; Part II, Power, Vol. 65, No. 18, May 3,1927, pp. 670-674. 

Fabrication of seamless and welded vessels. 

Sherman, Ralph A., “Temperatures in Powdered-Coal Fur¬ 
naces Having Extended Radiant-Heat-Absorbing Surfaces,” 
Mechanical Engineering, Vol. 49, No. 4, April, 1927, pp. 335-338. 

Progress Report of A. S. M. E. Special Committee on Boiler- 
Furnace Refractories. 

Southern Power Journal, ‘‘‘Some Advantages of Artificial 
Draft,” Vol. 45, No. 1, January 1927, pp. 55-61. 

High combustion rates require higher draft pressures. 

Southern Power Journal, “Economizers, Where and Why 
Used,” Vol. 45, No. 1, January 1927, pp. 63-67. 

Size of economizers required, operating conditions, fixed 
charges, and saving of fuel considered. 

Sprague, B. C., “Overcoming Boiler-Water Troubles with Tri- 
Sodium Phosphate,” Power, Vol. 65, No. 9, March 1, 1927, pp. 
321-322. 


Stromeyer, C. E., “Cause of Dangerous Boiler Deterioration,” 
Power, Vol. 65, No. 17, April 26,1927; pp. 648-649. 

An abstract of the 1926 report of the Manchester Steam User’s 
Association of London, England, as presented to the association’s 
executive committee. 

■Tenney, E. H., “Recent Development in Feed-Water Treat¬ 
ment,” Power Plant Engineering, Vol. 31, No. 1, January 1, 1927 
pp. 23-24. 

Practise in chemical methods of treatment, evaporation, 
deaeration, and stage heating. 

Thayer, H. C., “Designing Boiler Furnace Arches,” Power 
Plant Engineering, Vol. 30, No. 8, April 15, 1926, pp. 473-474. 

The Engineer, “The Manufacture of High-Pressure Boiler 
Drums,” Vol. 143, No. 3712, March 4, 1927, pp. 246-248. 
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I Inscription of mol,hocl in whioh the seams are woldod. 

The ICnuhim', “Tlio Sul/,or 1500-lb. Boiler,” Vol. M2, No. 
4705, December BI, 1027, pp. 70(1-700. 

I Joseripl ion ol* boiler plant in Switzerland employing a working 
prossuro of 110 atmos. (15(55-11). gage por sq. in.) with total 
steam t.omporaturo ol’ 707 dog. fain*. 

Thr Einjincn, “Proposed Method for the Automatic Super¬ 
heating of Steam,” Vol. Ml, No. 5(571, May 21, 102(>, p. 51(5. 

On principle opposite ol* refrigeration cycle, without running 
machinery. 

The Kiu/iurn', “A Boiler Blow Down Accident," Vol. M2, No. 
40S2, August (5, 102(5, p. 142. 

Abstract of report concerning explosion of blow down tank. 
The Enijinecr, “An Bled finally Operated Flow Meter,” Vol. 
1 12, No. 5(505, Nov. 5, 102(5, pp. 504-505. 

Description of meter for indicating, recording, or integrating 
rate of liow of steam, water, etc. 

Wade, (*. F., “Heat Transmission in Water Tube Boilers,” 
Painhn.stian, Vol. 14, No. 5, March 102(1, pp. 1(55-1(54, 

Wade, (’. F.Records.and Their Interpretation,” Electri¬ 
cal Itrric w, Vol. OS, No. 2555, June I 1, 102(5, pp. K(55-KI55. 

Ware, (5 M., “Operating Boilers at the Minimum <’osi," 
('tinilnixlitiH , Vol. 1(5, No. 4, March, 1027, pp. 155-154. 

Study to determine most economical period of operation of 
boiler. 

Wharton, (,)., “The Economic Production of Steam by 
Electricity,” CanihttHlivii, Vol. 1(5, No. 5, May, 1027, pp. 271-275. 
Advantages of electric boilers for process steam. • 

White, A. E, and Clark, C. L, “Properties of Hoilor Tubing at 
Elevated Temperatures Determined by Expansion Tests,” 
paper presented at A. S. M. E. meeting December (5-0, 102(5. 

Investigation to determine safe working loads for low earbon 
steel seamless tubing at elevated temperatures. 

Wigginton, It., “Economy in Steam Raising," InolUulc of 
Atininy Enyinccm, Trans., Vol. 70, January, 102(5, pp. 274- 
720-284. 

Problem of cheap steam raising resolves itself into use of 
cheapest suitable fuel and burning of this to host advantage. 

Voder, .1. I)., ‘‘Recent Influences on Boiler Water Treatment,” 
l*own rinill Kiifiinnrinfi, Vol. 40, No. 24, December 15, 102(5, 
pp. 141 (5-15 IS. 

Higher ratings and higher pressures recent innovations in 
power plant design closest related to boiler-food water treatment. 

Zrils, den Vnnn. Dent. Jtiyrn., “ Double-Pressure Boiler 
Plant,” Vol. 71, No. 4, January 22, 1027, pp. 140-140. 

Fdiminatos costly high-pressure Inviting surface in zone of 
low-temperature gas. 

Stic am Tuumnhh, (Junkkatokh, and Auximahy ICooii’Mnnt 
Andrews, R. IP, “Beat Transfer Through Wet Condenser 
Tidies,” Down, Vol. 04, No. 2(5, December 28, 102(1, pp. 081-082. 

Bancel, P,, “Operating Performance of Some Modern Surface 
Condensers," Mechanical Eityitmriny, Vol. 40, No. 5, March 
1027, pp. 210-22(5, and (discussion) pp. 245-25(5. 

High efficiency resulting from good design causes change to 
single-pass type. 

Ryles, F. A., “Automatic Load Regulators for Electric (lonera- 
tors,” Power, Vol. (55, No. 8, .February 21$ 1027, pp. 2H1, 285, 
Operation and adjustment of automatic load regulators, 
(’iiatel, 10. .P, “Steam Condenser Practise and Performance,“ 
Mechanical Eiigineerinn, Vol. 40, No. 4, March 1027, pp. 227-255. 

( tenoral idea of steam condenser practise and performance in 
four plants of Detroit Edison Co. 

Christie, A. ,P, ‘‘‘Bigger and Better Turbines Ahead,” Power 
Plant linyinnriny, Vol. 51, No. 1, January 1, 1027, pp. 40*42. * 

Developments show trend toward higher pressures and tem¬ 
peratures, reheat and extraction. 

Oolborn, (‘has. 10., "Testing a Surface Condenser in Action,” 
Power, Vol. (54, No. 12, September 21, 102(5, pp. 451-455. 


Dana, W. Jay, “Surface < '*md» n■-« r licai Tnuefer,*' I'onrr, 
Vol. (55, No. 1(5, April 10, 1027. pp. 5M 5sii, 

The principal factors involved ami tunc "luimu 
Dickinson, IP W., ‘'Puuduuuk- in He* History ttf Prime 
Movers," Mi elnineial Ewjttn < nmi, \ ol. tS, No. 12, Dec. l'J2b, pp. 
1585-1588, 

Dodge,.!. W., “Electrically Dri\«n Steam Power Plant Auxi¬ 
liaries,” (lemral Electric Ervim , \ ol. 20, No -, 4 and ti, May uml 
June 102(5, pp. 540-54(5 and 127 140. 

Douglas, J. F. IP, Tmn.-d: Enultun ns Siihchrmitin;; 

Machine «, Tuans. A. P K. K.. Sol 10. 1027, p. 50. 

Method of testing ami a theory of opera (ton «*f synchronous 
machines. 

Downer, J. M., “Structural IVaturi of Meant Turbine 
Rotor,” (icncrnl Ehctric Iprn ;r, Vol. 20, No, 12, Dec 102(5, 
pp. 820-852. 

Dreyl'uss, P., “The Damping Pm ef of Syuehronmtw 
Machines,” Unit, Selim i /•.'/• «'/, /; i,f I . . : j, , J id * 102b. 

Electrical World, “(50,000 fv, U Turbo4 bin Tutort 'otmeeteii 
Dirctdly with Anlo-Trun4’ormt r. \ ol so, No, 14. April 0, 102’p 

p. 171.’ 

Permits direct lie with Niagara i> in at i!«,(HKI volt*. 
Electrical World, “Prngrcmi on Souihern t Vdifurtuit KdiHonN 
01,000 K. W. Iuiits,” Vol. SO, No lb, \pnl Hi. 1027, p. S2V, 

(icneralors exceed in capacity and pin, 'Heal dum n a<<u > any 
previously built. 

Electrical World, “Design ef Meant Turbine for Change in 
Operating ('audit ions,” Vol. ss No S, \ugm t 21, 102b, 

From low pressure to high pre me. 

Electrical AVriVu*, “Tests for Re mltunf ErtmotoyVol, 100, 
No. 25(57, Feb. 4th, 1027, pp, 107 tbs 
Value of bleeding for fecit w itter In at mg 

Eiiyinciriiiy, “Twin Surface < ‘omien a i>. at the Valley Ruud 
Power Station, Brmlford,” Vol. 124, No a, 5J80 and 41?s”, Feb, 4 
and 11, 1027, pp. 12nd27 and Ibo lb”, 

Handle 240,000 lb. of steam per hour from Imv-premure turbine. 
Eti{iiiterrht(i, “20,000 K, W. Impulse Reaction Turbim* at 
Bradford." Vol. 122, No. 4170, 0.4 15, 1020, pp (04 Ibo. 

45 kw. per sq, ft. of (lour area. 

Eityinri riny, “The taunting Efficiency of the Reaction Steam 
Turhine," Vol. 122, No. 4144, July 2. 102(1, p, P 

hn(nnccrui(i and flaihr lion 4'..»>, “Charweteristics of 
Ceutrifugat Feed Pumps," Vol. -to, No. 7, Jammrv 1027, up. 
440-444. 

Cotuparimm of motor-driven with steaiu-dmeu pumps, 
hniihiccmi(i Pi'aiimm , “A New Method of t 'ojwtruetiou fur 
Steam Turbines," Vui. K, No, 4, March 102?. p. 70, 

Object aimed at in new desigtt in to retain open hearth steel an 
constructional material. 

Evans, R. 1), and Vaguer, (\ 1*\, “Stability Charaejerialt<’Hof 
Machines," Electrical Worhi, Vol. so, No, 4, Jam 15, 1027, tip. 
141-145, 

Design of synchronous machines for high power IransiidsHiun. 
Dolmrty, U, K. and Nielde, C. A., Synch, timin'. Mochaim, 
Tuans. A. I. E, E., Vol. 45, 10215, p. 012, 

Explanation of Blouders two renetiou theory, 

I'oster, F., “The Influence of the Iron Haiti ration upon Hut 
Short-Circuit Current of Synchronous Machitms," Ehtirnl , 
7Aakr, Sept. 25, 102(5. 

(lalllzin, E., “Some Problems of the Turbo Alteruaior," 
Imtitiilc of Electric Enyinnco ,Umru„t, Vol. Hi, No, 551, March 
102(1, pp. 572-580. 

Ventilation, liquid cooling, bahuudng. 

(Ircomvood, It, IP, “Systematic (’are of (bmerator Voltnga 
Regulators,'' Power, Vol, (15, No. 17, April 2(1, 1027, pp, H 2 fW 52 N 
Pho system employed at the Moccasin Plant, Hart Francisco, 

Cal. 
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(Jrob, J. J. and Artsayoololl*, N., ‘-‘Condenser Study Shows Bad 
Water Distribution,” Power, Vol. 64, No. 19, Nov. 9 1926 pp 
702-705. 

Results of tests made at Hell Gate Station. 

Guy, 11. L., “Factors Affecting Economy of Turbine Opera¬ 
tion,” Power Plant Engineering, Vol. 31, No. 4 Feb. 15 1927 
pp. 239-242. 

Air preheating an<l Ieed water .heating are of increased value as 
pressures rise. 

Harvey, J., “Increasing the Capacity of Jet, Condensers,” 
Power, Vol. 64, No. 9, August 31, 1926, pp. 319-322. 

Influence of structure on operating characteristics. 

Karapet*>11, V., Variable Armature Leakage Reactance, in 
Salient Pole Synchronoun Machines, Tuans. A. I. E. E., Vol. 
45, 1926, p. 729. 

Kelsey, C. A., “Extraction Turbines Improve the Meat 
Balance,” Power Plant Engineering, Vol. 31, No. S, April 15, 1927, 
pp. 455-456. 

Wide variety of designs allows any condition of heat balance 
to bo met. 

Kirton, A, W., “Operation of the Intermittent Typo Gov¬ 
ernor,” Power Plant Engineering, Vol. 30, No. 22, Nov. 15, 1926, 
pp. 1195-1197. ' ’ 

Details of construction and instructions for adjustment. 

Kropff, L., “The Largest Turbo-( lo iterators for 3009 r. p. m.” 
Si cine tm Ztne.hr, Sept. 1926. 

Kulebakin, V. S., “The Calculation of the Main Dimensions of 
Synchronous Machines,” lileelral d: Munchi.enbau, Oct. 3, 1926. 

LattlTor, W. G., “Whore to Bleed Turbine,” Power, Vol. 64, 
No. 10, Sept. 7, 1926, pp. 363-365. 

< turves and calculations. 

beitcli, U. W., “Con<lonser I’metis* - Treinls Well Defined.” 
Power Plant Engineering, Vol. 31, No. I, Jam 1, 1927, pp. 47-1,S. 

I mproved design and vise of auxiliaries give bettor performance. 

Lochnor, It., “Tin* Hunting of Synchronous Machinery.” 
I unlit niton of KleciHc.nl Engineers Journal, Vol. 65, No. 360, 

I )ee. 1926, pp. ,XI-H9. 

Deals with problem of hunting from a 'mathematical 
stand point. 

Eowenborg, M. J., “Generator Practise in Central Stations,” 
Power Plant Engineering, Vol. 30, No. 21, Dee. 15, 1926, pp. 
1324-1326. 

Considerations involved in arrangements of generators and 
auxiliaries in modern plants. 

McAdams, W. 11., Sherwood, T. K., and Turner, It. L., “Meat 
Transmission from Condensing Steam to Wafer in Surface 
Condensers and Feedwater Heaters,” A. S. M. E. paper for 
meeting. Doc.6-9, 1926,28 pp. 

Now experimental data for single tube water heaters supplied 
with exhaust steam. 

MeJannet, D. W., “Power Transformer Operation,” Electrical 
Review, Vol. 190, No. 2577, April 15, 1927, pp. 589-592. 

Mechanical Engineering, “Westinghouse 194,000 K. W. Capac¬ 
ity Turbine and Combination Turbine,” Vol. 49, No. 2, Feb¬ 
ruary 1927, pp. 174-175. 

Chief features of those machines. 

National Electric Light Ass’n,, “Condensing Equipment” 
Report No. 267-12 of Prime Movers Committee, 

National Electric Light Ass’n., Report No. 256-29 of the 
Electrical Apparatufi Committee. 

Nicholas, A. J., "’Auxiliary Supercooling in Surface Con¬ 
densers,” Power, Vol. 63, No. 21, May 25, 1926, pp. 804-805. 

Condensate vs..steam air temperatures; effect of supercooling 
on volumetric efficiency of vacuum pump. 

Parsons, Sir. Charles A., “Erosion of the Tubes of Surface 
Condensers,” The Engineer, Vol. 143, No. 3717, April 8, 1927, 
pp. 390-391; Engineering, Vol. 128, No. 3195, April 8, 1.927, 
pp.433-435. 

An investigation of the causes of condenser tube erosion. 


Parsons, C. A. and Walker, R. J. and Cook, S. S., “ Progress in 
Economy of Turbine Machinery on Land and Sea,” The Engineer, 
Vol. 143, No. 3706, Jan. 21, 1927, pp. 69-71. 

Abstract of paper presented before North-East Coast Inst, 
of Engineers and Shipbuilders. 

Plumor, W. D. and Dodge, J. W., “Control Equipment for 
Electrically Driven Central Station Auxiliaries,” General Electric 
Review, Vol. 29, No. 9, Sept. 1926, pp. 617-623. 

Auxiliary control requirements for Central Stations. 

Polil, R., “The End-Connection Leakage Field of Turbo- 
Generators and Their Losses,” A. E. G. M itleilunycn, Sept. 1926. 

Powell, J. A. and Vetlesen, II. J., “Surface Condensers in 
Steam Power Plants,” Meeha n leal Engineering, Vol. 49, No. 5, 
May 1927, pp. 417-421. ' . 

A study for most economic installation. 

Rawer, “Largest Tandem Compound Turbine under Construc¬ 
tion,” Vol. 65, No. 19, May 10, 1927, p. 697. 

Views with dimensions and weights of Southern California 
Edison’s new machines. 

Power, “Additional Details of 80,900 K. W. Turbine Unit 
at Hudson Avenue Station,” Vol. 65, No. 2, January 11, 1927, 
pp. 52-54. 

Power, “Progress in Steam Turbine Designs,” Vol. 65, No. 1, 
January 4, 1927, pp. 18-22 (Annual Review No.). 

Trend of recent developments in larger units and higher steam 
pressures discussed. 

Power, “What Europe is Doing in Steam Turbine Design,” 
Vol. 65, No. I, January IS, 1927, pp. 89-91. 

Novel four element 85,000 K. W. 500 lb. per sq. in. absolute 
pressure turbine for Berlin described.' 

Power, “The 100,900 K. W. Turbine Generator for 11*41 Gate," 
Vol. 65, No. (i, February 8, 1927, pp. 226-227. 

Brief description of t he large 11*41 (late unit. 

Poirrr, “Forestalling Trouble by an Annual Inspection of 
Steam Turbines,” Vol. 65, No. 1 1, March 15, 1927, pp. 401-103. 

Discussion of the various points to be covered in making the 
annual inspection. 

Power, “Another ‘Largest’ Turbine,” Vol. 65, No. 22, May 31, 
1927, pp. 832-833. 

Details of the 100,000-kw. Westinghouse compound unit for 
1 -ho (-rawfor*I Avenue Station in (’hicago. 

Power, “00,000 K. W. Turbine at Buffalo,” Vol. 65, No. 17, 
April 20, 1927, p. 030. 

Brief description of tin* new unit at the Charles It. Hunt,ley 
Station. 

/hewer, “80,000 K. W. Turbine Unit," Vol. 64, No. 22, Nov. 30, 
1920, pp. S15-S1H. 

Design features of 2-eyelinder unit at Hudson Ave. Station of 
Brooklyn Edison < '*>. 

Power, “50,000 K. W.,Steam Turbin** for Waukegan,” Vol. 61, 
No. 25, Dec. 21, 1926, pp. 942-943. 

Single generator; 2 cylinder, tandem-compound reaction 
turbine with double How in the low pressure cylinder. 

Power Plant. Engineering, “Progress in Condenser Design,” 
Vol. 31, No. 2, Jan. 15, 1927, pp. 143-146. 

Statements by various manufacturers. 

Power Plant Engineering, “Condenser Improvements Benefit 
Entire Station,” Vol. 31, No. 1, Jan. 1, 1927, pp. 49-53. 

Single pass, divided water box, improved steam distribution 
are main improvements. 

Power Plant Engineering, “Analysis of Present-Day Turbine 
Installations,” Vol. 31, No. 1, Jan. 1, 1927, pp. 42-45. 

Comment on pressures and temperatures employed, use of 
reheat and “bleeding.” 

'Power Plant Engineering, “Developments in Steam Turbine 
Construction,” Vol. 31, No. 2, Jan. 15, 1927, pp. 138-143. 

Presents statements by different manufacturers. 

Power Plant Engineering, “Development in Steam Turbine 
Construction,” Vol. 31, No. 1, January I, 1927, pp. 45-46. 
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Discussion of types; changes in blading, staging, and bleeding; 
effect of changed steam conditions. 

Power Plant Engineering , ‘‘Efficient Auxiliaries Help Con¬ 
densers,” Yol. 31, No. 1, Jan. 1,1927, pp. 53-54. 

Variable speed motors, vertical pumps and improved vacuum 
pumps influence condenser design and selection. 

Power Plant Engineering, “Electric Generator Practice,’ 
Yol. 31, No. 1, January 1,1927, pp. 55-57. 

Methods used by main power station. 

Power Plant Engineering, “Progress in Generator Cooling,” 
Yol. 31, No. 1, January 1,1927, pp. 60-61. 

Closed system used at present may lead to use of an inert gas. 

Power Plant Engineering, “Air Cooling for Generators,” 
Yol. 31, No. 2, Jan. 15,1927, pp. 147-149. 

Statements by leading manufacturers. 

Power Plant Engineering, “G. E. to Build Large High-Pressure 
Turbine,” Yol. 31, No. 4, Feb. 15,1927, p. 2S0. 

New 10,C00-kw. 1200 lb. pressure turbo-generator being built 
for Edgar Plant. 

Power Plant Engineering, “Some Operating Troubles with 
Turbo-Generators,” Yol. 31, No. 8, April 15, 1927, pp. 458-459. 

Starting curves and shutting down curves for turbines. 

Power Plant Engineering, “Experience Alters Condensing 
Practice,” Vol. 30, No. 12, June 15, 1926, pp. 685-686. 

Changes in design and operating practise reported from 
many plants during past year. 

Power Plant Engineering, “Systems for Cooling Electric 
Generators,” Yol. 30, No. 16, August 15, 1926, pp. 905-907. 

Among various systems developed and suggested,- proposed 
use of hydrogen as cooling medium is most novel. 

Power Plant Engineering, “Principles of Steam Turbine 
Governors,” Vol. 30, No. 18, Sept. 15, 1926, pp. 991-996. 

Construction details and method of operation of various makes 
of governors in present day use. 

Quavle, L. A.,* “Test of 15,000 K. W. Turbine at Cleveland 
Municipal Plant,” Power, Vol. 64, No. 16, Oct. 16, 1926., pp. 
583-586. 

Ricketts, E. B., “Some Results of Condenser Operation,” 
Mechanical Engineering, Vol. 48, No. 11a, Mid-Nov. 1926, 
pp. 1312-1314. 

Results of year’s operation of four condensers differing 
radically in design, but operated under same water conditions, 
and under same supervision. 

Robinson, E. L., “Notes on the Comparison of Steam Turbine 
Efficiencies,” General Electric Review, Vol. 29, No. 7, July 1926, 
pp. 503-510. 

Ross, M. D., “How Steam-Turbine Generator "Windings are 
Insulated,” Power, Vol. 65, No. 4, January 25, 1927, pp. 124-126. 

Describes the manufacturing and installing of large generator 
coils. 

Schmidt, J. D., “Developments in Steam Turbine Practice.” 
Power Plant Engineering, Vol. 30, No. 24, Dec. 15,1926. 

Shirley, O. E., Stability Characteristics of Alternators, Journal 
A. I. E. E., Vol. 45, No. 9, Sept. 1926, pp. 813-819. 

Southern Power Journal, “A Few Developments of 1926,” 
Vol. 45, No. 2, Feb. 1927, pp. 48-56. 

Chiefly developments of the year in relation to steam turbines. 

The Electrician, “Large Power Transformers,” Vol. 98, 
No. 2542, Feb. 18,1927, p. 172. 

Up to 132,000 volts 11,500 kv-a. 

The Engineer, “An Improved Back-Pressure Turbine,” Vol. 
143, No. 3795, January 14,1927, pp. 56. 

Exhausts against back pressure of 30 lb. gage and delivers 
675 kw. at 3000 rev. per min. 

The Engineer, “Auxiliary Pumps for 30,000 K. W. Steam Tur¬ 
bine,” Vol. 14-1, No. 3673, June 4,1926, p. 590. 

Circulating water, air ejector, and condensate pumps all 
mounted on same shaft, electrically driven. 


W r aite, J. N., “River Water or Cooling Water 
Review, Vol. 100, No. 2564, Jan. 14, 1927, pp. 46-4 
Relative merits of two systems. 

Walden, R. R., “Calculating the CharaeteristD 
traction Turbine,” Power , Vol. 65, No. 5, Februa/i'. 
170-172. 

Discussion of the increase in steam rate due t 
turbines. 

Waller, C. R., “A High Speed Condensing Turbine 
Plant,” Power, Vol. 65, No. 13, March 29, 1927, pp- 
A description of the 300 hp., 10,000 rev. per m 
steam turbine featuring good steam economy. 

Wheeler, Frank R., “Condenser Efficiency,” P 
No. 7, February 15, 1927, p. 241. 

Discussion of various expressions for fincLii 
efficiencies. 

W r ottrieh, H., “Maintaining Surface Condem 
Vol. 64, No. 3, July 20, 1926, pp. 82-85. 

How large central station tests for salinity, cle a 
tubes, and keeps trash racks free of floating debx'I 
Zimmerman, C. D., Lindseth, E., and Arnold, O, 
of Measuring Condenser Air Leakage,” Power, Vc 
May 17,1927, pp. 746-748. 

Method used in the Lake Shore Station is suilu 
steam. 

Pulverized Coal, Stokers, Fuel, and Combtxs 
Bailey, E. G., “Limiting Factors in Reducing 
Boiler Furnaces,” Mechanical Engineering, Vol 
July 1926, pp. 703-709. 

Barkley, J. F., “Experiences with Combustion. 
Power Plant Boilers,” U. S. Bureau of Mines Rej 
February 1926. 

Results of studies and tests. 

Barrell, K. C., “Pulverized Coal.” Institute i 
Engineers, Proceedings, No. 1, 1926, p. 37. 

Use throughout the world. 

Bennett, J. S., “Stokers and Pulverized Fuel, 
Vol. 16, No. 1, January 1927, pp. 41-42. 

Curves showing efficiencies of installations wit. 
pulverized fuel. 

Bishop, D. E., “Chain-Grate Stokers Verst 
Furnaces,” Southern Power Journal, Vol. 45, No. 3 
p. 64. 

Blau, E., “Utilization of the Waste Heat of Boile 
to Preheat the Combustion Air,” Combustion, "V 
June 1926, pp. 374-377. 

By preheating combustion air, 70 per cent of h.oi 
can be recovered. 

Bouffart, M., “An Essential Principle for Sc 
Firing,” Chaleur & Industrie, Vol. 76, Aug. 1926, ] 
Discusses theory of combustion of coal, excess o 
air, air supply, and incombustibles. 

Brewer, A. F., “Practical Handling of Fuel Oil p 
ment,” Combustion, Vol. 14, No. 5, May 1926, pp. i 
Brewer, A. F., “Lubrication of the Mechanical S 
Vol. 63, No. 23, June 8,1926, pp. 895-896. 

Christie, A. G., “Corrosion by Flue Gases,” I 
No. 3, January 18, 1927, pp. 87-88. 

Colby, Ii. S., “Furnace Design for Traveling Cl 
Power Plant Engineering, Vol. 30, No. 7, Apt'i’ 
412-415. 

Points out that when burning fine sizes of anLU 
breeze, length and slope of rear arch are of prime iat 
Collins, F. S., “Recent Developments in O 
Power Plant Engineering, Vol. 31, No. 6, Marolt 
349-351. 

Forced-draft chain grate and pulverized coaj 
successfully with middle-west coal. 
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Combustion, “Making Rhode Island Coal Usable,” Vol. 16, 
No. 3, March 1927, pp. 147-150. 

Treating by Trent process described. 

Conlon, W . T., “The Why, When and How of Stoi’ing Bitumi¬ 
nous Coals.” Power, Vol. 64, No. 10, Sept. 7, 1926, pp. 354-356. 

Coutant, J. G., “Effect of Moisture in Coal as Fired,” Com¬ 
bustion, Vol. 15, No. 1, July 1926, pp. 41-42. 

Data from various stations on effect of moisture in coal as 
fired. 

Derry, G. C., “Recent Developments in Air Heaters,” Power 
Plant Engineering, Vol. 30, No. 24, Dec. 15, 1926, pp. 1312-1315. 

Discussion of construction and operating details. 

Dunn, J. T., “The Ash from Powdered Fuel Installations,” 
Chemistry and Industry, Vol. 45, No. 11, March 12, 1926. 

Analysis and measurement of ash and dust particles. 

Drake, J. H., “Coal Handling and Preparation of Trenton 
Channel,” Power, Vol. 64, No. 18- and 19, No. 2 and 9, 1926, 
pp, 652-655 and 697-699. 

Drausfteld, F., “Coal Testing and Combustion Calculations,”. 
Electrical Review, Vol. 99, No. 2546, Sept. 10, 1926, pp. 413-415. 

Drewry, M. K., “Over Fire Injection with Underfeed Stokers,” 
Power, Vol. 64, No. 12, Sept. 21, 1926, pp. 446-447. 

Reduce smoke and increase efficiency of stokers with small 
furnace volume. 

Electrical World, “Utility Uses Periodic Photos to Check 
Smoke,” Vol. 89, No. 6, February 5, 1927, pp. 306-307. 

Illustrated description of the automatically operated device. 

Engineering and Boiler House Review, “Some Tests on Pow¬ 
dered Semi-Coke for Boiler Firing,” Vol. 40, No. 2, Aug. 1926, 
pp. 65-66. 

Results of tests carried out on water tube boiler fired with semi- 
coke in poAvdered form. 

Engineering, “Pulverized Fuel Installation at St. Paneras 
PoAver Station,” Vol. 122, No. 3173, Nov. 3, 1926. 

Lopulco system Avith B. & W. boiler units. 

Engineering, “Boiler Firing vdth Pulverized Fuel,” Vol. 123, 
No. 3183, Jan. 14, 1927, p. 40. 

History and development. 

Engineering, “Laidlaw and DreAV Oil-Fuel Burners,” Vol. 128, 
No. 3186, Feb. 4,1927, pp. 151-153. 

Fette, A. A., “Outwitting the Smoke Inspector,” Power, 
Vol. 65, No. 12, March 22, 1927, pp. 446-447. 

The use of steam jets as a means of curing the smoke eA'-il. 

Grunert, A. E., “Increasing the Oxygen Supply Over the Fire,” 
Power, Vol. 65, No. 4, January 25, 1927, pp. 130-131. 

Auxiliary air nozzles at furnace front- improve combustion. 

Iiaslam, R. T., Prof., “The Combustion of Solid Carbon,” 
Engineering and Boiler House Review, Vol. 40, No. 7, January 
1927, pp. 355-360. 

Analysis of the reaction C + O 2 = CO 2 . 

Herington, C. E., “Use of Pulverized Coal,” Electric Light and 
Power, Vol, 4, No. 7, July 1926, pp. 25-28 and 88. 

History and present use, with advantages. 

Hirshfeld, C. F., “Combustion Progress,” Power Plant En¬ 
gineering, Vol. 31, No. 1, January 1, 1927, pp. 8-9. 

Outstanding changes resulting from use of pulverized coal. 

Hubbard, Charles L., “Burning PoAvdered Coal,” Southern 
Power Journal, Vol. 45, No. 1, January 1927, pp. 89-94. 

Outstanding advantages; indirect and unit systems; drying 
equipment. 

Irish, N. D. P„ “When Purchasing Coal, the Small Utility has 
its Troubles,” Power, Vol. 65, No. 11, March 15, 1927, pp. 
406-407. 

Purchasing “dump power” or running at a loss explained. 

Jackson, R., “Modern Developments in Pulverized Coal 
Firing,” Combustion, Vol. 16, No. 5, May 1927, pp. 279-280. 

Presented before the Institution of Engineers and Ship¬ 
builders in Scotland. 


June, Robert, “Modern Soot-Blower Practice,” Power, Vol. 
65, No. 9, March 1st, 1927, pp. 332-334. 

Description of soot bloAA r er equipment. : 

Keen, G. W., “The Selection of Fuel-burning Equipment for 
Generating Stations,” Mechanical Engineering, Vol. 48, No. 
9, Sept. 1926, pp. 947-948. 

Discusses advantages and disadvantages of stokers and 
pulverized fuel burning equipment. 

Kershaw, J. B. C., “The World’s Future Supplies of Liquid 
Fuels,” The Engineer, Vol. 143, No. 3712, March 4, 1927, pp. 
244-245. 

“Tables of Production of Crude Oil for All Countries from 
1913 to 1924,” The Engineer, Vol. 143. No. 3713, March 11, 1927, 
pp. 261-263. 

“The Low Temperature Carbonization Processes,” The Eng¬ 
ineer, Vol. 143, No. 3714, March IS, 1927, pp. 292-294. 

“The Production of Oils from Coal by the Bergius Process,” 
The Engineer, Vol. 143, No. 3715, March 25, 1927, pp. 316-317. 

“The Production of Methanol and other Alcohols from Coal.” 

Kilker, J. E., “Loads of 200 Percent Ratings Carried with 
Screenings as Fuel.” Combustion, Vol. 14, No. 3, March 1926, 
pp. 169-170. 

Srnwey provides definite, reliable, and unbiased performance 
data in Ewing Avenue, St. Louis, and other plants. 

Lander, Cecil H., “Recent Developments in the Science of Coal 
Utilization,” Mechanical Engineering, Vol. 49, No. 1, January 
1927, pp. 1-11. Second Robert Henry Thurston Lecture. 

Review of the many phases of scientific research going on in the 
utilization of fuels. 

Lulofs, W-, “Powdered Fuel,” Combustion Vol. 14, No. 1, June 

1926, pp. 40-43. 

Economic advantages. 

Marsh, T. A., “'Use of Iowa Coal for Steam Production,” Power, 
Vol. 65, No. 15, April 12,1927, p. 569. 

Abstract of paper read before Iowa Power Conference, IoAva 
City-, March 31, 1927. 

Martin, S. C., “Principles of Coal Pulverizing Machinery,” 
Power Plant Engineering, Vol. 30, No. 9, May 1, 1927, pp. 522- 
524. 

Consideration of physical characteristics of coal and effective 
methods of producing fine powder. 

McDonald, E. L., “The Burning of Midwest Coals,” Power, 
Vol. 65, No. 20, May 17, 1927, pp. 758-759. 

Mess, James, Lt. Col., “Automatic Regulators Pay Dividends,” 
Power House, Vol. 21, No. 3, Feb. 5th, 1927, pp. 30-32, No. 4, 
Feb. 20, 1927, pp. 27-31, 49! 

Automatic combustion control vs. hand control as regards 
efficiency. 

Mechanical Engineering, “Location of and Coal for Central 
Power Plants,” Vol. 49, No. 6, June 1927, p. 649. 

Abstract of a paper by S. A. Taylor, presented at the Second 
Midwest Power Conference in Chicago, Ill. February 15-18, 

1927. 

Mechanical Engineering, “Loaa' Temperature Carbonization of 
Bituminous Coals of the Mid-Continental Type.” Vol. 49, 
No. 1, January 1927, p. 11. 

S. W. Parr in a paper at the International Conference on 
Bituminous Coal, Pittsburgh, Pa., November 15-18, 1926. 

Mechanical Engineering, “One Plant Burns Nine Fuels in 
Suspension,” Vol. 49, No. 2, February 1927, p. 136. 

Oil, shavings, charcoal, coal, tar, and wood gas being the 
principal fuels used. 

Miketta, C. A., “Estimating Heat Loss through Furnace 
Walls,” Power, Vol. 65, No. 4, January 25, 1927, pp. 127-128. 

Thermocouple method. 

National Electric Light Ass’n., “Coal and Ash Handling” 
Report 267-17 of Prime Movers Committee. 

National Electric Light Ass’n., “Distillation Products of 
Coal.” Report No. 267-20, of Prime Movers Committee. 
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Orrok, Geo. A., ‘•Economics of Coal Carbonization in the 
United States,” Synopsis in Mechanical Engineering , Vol. 49, 
No. 5a, Mid-May 1927, p. 588. 

Covers a review of progress of carbonization in America bring¬ 
ing it to date. Paper presented at Spring meeting of the A. S. 
M. E., May 23-26, 1927. 

Osborn, Campbell, “Fuel Oil Situation in the Central States,” 
Power, Vol. 65, No. 9, March 8, 1927, pp. 358-359. 

Abstract of a paper presented before the Midwest Power 
Conference, Chicago, February 18, 1927, production and con¬ 
sumption of fuel oil discussed. 

Parr, S. W., “Fuel Losses Resulting from Honeycombing and 
Excessive (tinkering,” Combustion, Vol. 15, No. 3, Sept. 1926, 
pp. 167-168. 

Pier, H. M. and Crowder, A. N., ‘.‘Catching Pulverized Coal 
Ash at the Trenton Channel Plant,” Power, Vol. 65, No. 22, 
May 31, 1927, pp. 834-837. 

Operating data and efficiency of the Cottrell Electrical Precipi¬ 
tator in use at the station.' 

Piron, Emil H., “The Piron Coal Distillation Systems,” Com¬ 
bustion, Vol. 16, No. 3, March 1927, pp. 151-152. 

Problems encountered in Ford Motor Company’s ovens. 

Power, “Production of Fuels and Their Utilization,” Vol. 65, 
No. 1, January 4th, 1927, pp. 14-18 (Annual Review No.). 

Processing of coal by pulverized fuel plants gaining in favor. 

Power, “Recent Developments in Coal Burning,” Vol. 65, 
No. 13, March 29, 1927, pp. 476-479. 

The possibilities of the unit mill and the difficulties of burning 
Illinois coal as compared to high grade eastern coals. 

Power, “Present Fuel Situation and Stokers Discussed,” Vol. 
65, No. 16, April 19, 1927, p. 609. 

Review of papers presented at a recent meeting of the Metro¬ 
politan Section of the A. S. M. E. 

Power, “How the L & N Automatic Combustion Control 
System Operates,” Vol. 04, No. 17, Oct. 26, 1826, pp. 626-629. 

Power, “German Arrangement for Burning Pulverized 'Coal 
over Stokers,” Vol. 63, No. 23, June 8, 1926, p. 885. 

To supplement stoker-fired boilers, and reduce standby 
equipment. 

Power, “Remodeled Powdered Coal Furnace Doubles Boiler 
Capacity at Fordson Plant,” Vol. 64, No. 2, July 13, 1926, pp. 
40-44. 

Power Engineer, “Coal Drying and Preheating,” Vol. 21, No. 
247, Oct, 1926, pp. 379-380. 

Discusses economy derived by preheating coal before firing. 

Power Engineer, “Fuel Economy,” Vol. 22, No. 251, Feb. 
1927, pp. 63-65. 

The comparative thermal accountancy of air preheating. 

Power Engineer, “Underfeed Stokers,” Vol. 21, No. 245, Aug. 
1926, pp. 285-287. 

General survey of their characteristics and modern develop¬ 
ment. 

Power Plant Engineering, “Modern Furnace W r alls Last 
Longer,” Vol. 30, No. 14, July 15, 1926, pp. 787-789. 

Shows how air and water cooled walls have revolutionized 
boiler furnace construction. 

Power Plant Engineering, “Oil and Gas Burners are Inter¬ 
changeable,” Vol. 30, No. 22, Nov. 15, 1926, pp. 1200-1202. 

Kansas Gas & Electric Co’s, plant at Wichita has interchange¬ 
able burners. 

Power Plant Engineering, “Coal Carbonization on a Large 
Scale at Milwaukee,” Vol. 30, No. 12, June 15, 1926, pp. 688-690. 

Power Plant Engineering, “Modern Fuel Handling in Power 
Plants, Vol. 30, No. 10, May 15, 1926, pp. 589-594. 

Power Plant Engineering, “Utilizing Iowa’s Coal Resources,” 
Vol. 31, No. 10, May 15, 1927, pp. 558-559. 

Power Plant Engineering, “Progress in the Burning of Pulver¬ 
ized Coal,” Vol. 31, Jan. 1,1927, pp. 9-16. 


Discussion of types of furnaces used; preparation and burning 
of coal. 

Power Plant Engineering, “Pulverized Coal Equipment Shows 
Steady Progress,” Vol. 31, No. 2, Jan. 15, 1927, pp. 106-11S. 

Data on pulverized coal equipment; progress in design of 
stokers, furnace walls, and air heaters. 

Power Plant Engineering, “Stoker Improvements Meet High 
Ratings,” Vol. 31, No. 1, Jan. 1,1927, pp. 17-20. 

Furnace design limits stoker capacity. 

Power Plant Engineering, “Progress in Stoker Design,” Vol. 31, 
No. 2, January 15, 1927, pp. 109-113. 

Statements by manufacturers. 

Ritchie, E. G., “Radiation from Pulverized Coal,” Combustion, 
Vol. 14, No. 3, March 1926, pp. 170-175. 

Its significance in relation to pulverized coal furnace design. 

Rhodin, J. G. A., “Can the Heat of Combustion of Coal be 
Turned Directly into Electrical Energy?” The Engineer , Vol. 
142, No. 3680, July 23, 1926, pp. 80-81. ’ 

■ Points out intrinsic difficulties of finding new way to generate 
power. 

Roberts, John “The Carbonization of Coal—5,” Combustion, 
Vol. 16, No. 1, January 1927, pp. 36-41. 

Conservation of coal made possible by utilization of high 
oxygen coals in high and low carbonization. 

Rollow,' J. G., “Burners for Combination Gas Oil Furnaces,” 
Power Plant Engineering, Vol. 30, No. 14, July 15, 1926, pp. 
789-790. 

Continuous operation must be insured and quick changeover 
possible without loss of load. 

Rosin, P. and Rammler, E., “Fineness and Structure of 
Pulverized Coal,” Power, Vol. 65, No. 11, March 15, 1927, 
pp. 419-420. 

Rothwell, F. A., “Good Design Increases Life of Furnaces,” 
Power Plant Engineering, Vol. 30, No. 13, July 1, 1926, 
pp. 740-743. 

Changes which were made in setting of oil-fired boiler and 
benefits resulting. 

Runge, W., “Low Temperature Distillation,” Power, Vol. 65, 
No. 19, May 10, 1927, pp. 720-721. 

Description of three processes—Cost of production and values 
of products—Calorific values. 

Runge, Walter, ‘‘The McEwen-Runge System for the Low 
Temperature Distillation of Coal,” Combustion, Vol. 16, No. 1, 
January 1927, pp. 29-50. 

New method using pulverized coal. 

Sayers, W. W., “Modern Methods in Coal and Ash Handling,” 
Power, Vol. 64, No. 4, July 27, 1926, pp. 133-136; No. 5, Aug.3, 
1926, pp. 169-171; No. 6, Aug. 10, 1926, pp. 204-206;No. 7, Aug. 
17, 1926, pp. 240-241; No. 8, Aug. 24,1926, pp. 284-286. 

Scott, E. Iv., “Pulverized Fuel at the Dover Power Station,” 
Combustion , Vol. 14, No. 5, May 1926, pp. 320-321. 

Shelain, L. C., “Hydraulic Ash Disposal Proves Economical,” 
Power Plant Engineering, Vol. 30, No. 19, Oct. 1, 1920, pp. 
1046-1048. 

System developed by Rockford Elect. Co., during war-time 
emergency is simple and economical. 

Shoudv, W. A., “Relation of Stokers to Boilers,” Mechanical 
Engineering, Vol. 49, No. 3, March 1927, pp. 212-215, and 
(discussion) pp. 215-218, Power Plant Engineering, Vol. 31, 
No. 3, Feb. 1,1927, pp. 187-190. 

Selection of stokers and boilers for given conditions. 

Southern Power Journal, “Oil as a Fuel,” Vol. 45, No.- 5, 
May 1927, p. 52-56. 

Advantages; available supply and oil burning equipment. 

Southern Power Journal, “Stoker Operating Methods,” Vol. 45, 
No. 1,.January 1927, pp. 36-49. 

Care and operation of mechanical .stokers. 

Summer, M. R., “A Four Ton Coal Handling Tower,” 
Electrical World, Vol. 88, No. 13, Sept. 25,1926, pp. 653-654. 
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Tenney, F. i i., "Pulverized Fuel at Ashley Street Plant," 
IH rdf it' U<iht A I'nii'ir, Vol, 1, No. |(), October 1020, pp. 21-2:!. 

Del nils of unit pulverizers, burners, and furnaces, 

Troup, -I. I)., "Boiler Kim* Dust Removal," Ehrlririan, 
Vol. i»7, No. 27.:id, I In-, 21, 1020, pp. 7d2-77>2 and 702. 

Modern met liods; need for I real nicnl from efiieietiev vievv- 
poin( ; details of uppnrntus used. 

'I'llpliolmo, <II. S , "Coal Storage for Power Plants,” Warhl 
l',nr, r, Vol. d, No. 20, pp. 00-02. 

W’l'l.lt, < '. .1,, “ llaliau Plant Burns Peal das," Ihanr riant 
Kiajiim i ini/, Vol. .",0, No, 0, Ma.v I, 1020, p. 7.21. 

Producer used to generate gas for boiler fuel in Id.OtllPk\v. 
plan I a t Torre del 1 ,uf>;n, 

Wohlenberg, W. .1,, "t 'aloriuietrie Determinations of Mealing 
Value of Fuels," t 'anil,a:, turn, Vol. I I, No. d, May 1020, pp. 

:ii7-:;io. 

'I’lieir exact relation to energy releasable in Boiler furnace. 

VVohleii I nl’}'’, \V. .1. and Lindscth, F. B,, "'The Inlliienee of 
Radiation in Coal Fired Furnaces on Boiler Surface Requiiv- 
inelils and a Simplilied Method for its (’(denialion," paper 
present i d a t the A, S, M . K. meet ini' I tec, 0-0, 1020. 

Wolf. F, B, "Ohio I trass Co's, Kxperienee with Powdered 
Fliel," I'tntii, Vol. tit, No, ,’!, . 11 d > 20, 1020, p. 100, 

, Worfer, .loseph 0,, "t 'nderfeil Stokers Show Steady I in pro ve- 
llietlt," 1‘ninf I'lunt /-.' u\)i nr, n ntj, Vol, 21, No. II, June 1,1027, 
pp. Old-017. 

Results obtained using coal from all the different fields in this 
country. 

Wyman, M. IB, " Making Fleet rind Drives Sale in Pulverized 
('old Plant " faint, Vol. 0j, No, II, Oc|,d, 1020, pp, do I -7>t IT. 

Zimmerman, < t"Iluproveuient in Combustion hy Ihel'se 
ol Steam Jet , ' faun t, \ ol, Od, No, d, February I, 1027, p.ldO. 

Result of experiment 1 at Bake Share Station, 

11 V ni!of I l I I U n St ’Vt'lol*. 1 (UllIVTIUX, Y\l> Co:T:. 

Andrew:, R IB, "Turbine and Plant Fflieieneies," fatnr, 
V ol. 01, No. B( )c|oltel' 12, I 020, p. dOII, 

Presents efficiency cunes oldnitted with Kaplan and propeller 
type turbine in low head plant at t.ilhi Falet in Sweden. 

Arbelol, M, t B, " KcoUoU'ic Helal ion between I ly dl'o-'Fleet rie 
and Steam Pow« r < leiiera)mu," W orld Power (’onfereiice, 1020, 
ad\ attce paper No, IP 

<'undilion under which they can operate together ad 
vatilapeom ly. 

Baird, A. F,, "Fleet fund Developments of Proviime of New 
Brunswick," II aihl I'nni), Vol 7, No, :so, March 1027, 
PI 1 - I B' 12B 

I lydro elect rie developments and possibilities under private 
control. 

Batter, B. IB, "Ru urn Plate; for Dnieper River Hydro- 
*'lee|I'je Development," Ehrlnrttl lido/./, Vol, SS, No. d, July 2.1, 

1020, p, 220. 

(lerman concept mu of i kntine project; additional it(forma t ion. 

Blai'kbnru, R. N,, "Industrial Development in Saskatchewan," 
A iiiiim i 11 ni) Jamnal, Vol, 0, No. M ay 1020, p, 20;B20d. 

Water power development and utilization of Saskatchewan 
coal. 

Rurd, K. M , ‘ (*ousinners Power Co. Adds ilodenpyl to 
System, ' fiat :,, I’hml Eutfinn ring, V ol. .’50, No. PI, July Id, 
1020, pp, so;: stis. 

Description of new '2.7,000 lip. hydroelectric plant on 
Manistee River, Midi. 

Cuntitlian Eia/tinn, "Deport oil SB Lawrence Power Project,” 
Vol.dl, No. '22, November 2.0, 1020, pp. 007-070, 

Canadian section of joint Fiigiueeritig Board recommends two 
Huge development-, while American section advocates single 
Huge. 

Carpenter, J. S,, "Water Velocities in Hydraulic Turbine 
Plants,” / hnrtr riant Etajim n nnj, Vol. 20, No. 22, Novemher 
Id, 1020, pp. 121101211. 


In designing new plants and rebuilding old ones water veined- 
ties affect pi pi* lines, si/,es, scroll eases, draft tubes, and speed 
regain,t ion. 

Christie, <'. V., " Hydro-Fleet rie Developmmil in < hiebee," 
Warhl fatnr , Vol. d, No. 20, May 1020, pp. 221-227. 

Physical eluiracteristies of province; water power resources, 
hydroeleetrie plants. 

Dreyer, W'., "Volcanic Formal ions Coverti Design in Pit 
River No. 2 Hydro Development," E nt/ianri ntj A ra's Ernn'tl, 
Vol. 00, N'o.-I, January 2S, 1020, pp. I I 1-1-10. 

Fhrensperger, "Keonomie Relation let ween llydro-oleetrie 
and Steam Power (lenerat ion," World Power ('ouference, 1020, 
advance paper No. SO. 

As in Switzerland. 

Eltrlriral Ihrirtr, "Fleet rie Progress in New Zealand,” Vol. OS, 
No. 27.27, April 2.0, 1020, pp. 002-0.07., 

Particulars of Manga Inis hydro-electric scheme, generating 
sla-l ion provides ford main turhincs of IVllou Type. 

Ehrlriral Etrirtr, "A New Swiss Flectricity Project,” Vol. 00, 
No. 27.01, December 2-R 1020, pp. 1027-102N. 

Scheme for utilizing water power of < ll.erliash. 

Elttlriral Etrirtr, "A Swiss I Iydro~R]ee| rie* I list a,tin,I, lull,” 
Vol. OS, No. 202S, May 7, 1020, pp. 72l-727i. 

Details of Bake Tremorgio plant. 

Elt rlriral Warhl, " I ivdl'o-Fleel rie Developments ill Ceorgia," 
Vol. S7, No. Id, April 10, 1020, pp. 77i()-77.0. 

Completion of projects on Tallulah and Tugnlo Rivers will 
result in a verage annual out put of dl0,001),000 k w-lirs, 

Elt rlriral Warhl, "II ydro-FlecI rie ( 'oust met ion I h’acl ice oil ! he 
Pacific ('oast," Vol. SS, No. 17*, October 0, 1020, pp, 712-7 17. 

Batch Plant is typical of high head plants; job equipment and 
const fuel ion met lmds. 

Eltrlriral Warhl, "One of the Highest. Wafer (’hul.es in the 
World," Vol. SS, No. 10, Novemher 1020, pp. OOS4IOO. 

Swiss power plant at Fully in (’anion of Valais holds world’s 
record among piped w ater chutes; its fall is 7c 100 ft, 

Eltrlriral Warhl, "South Develops another Hy dro Resource," 
Vol, SO, No. I, January 22, 1027, pp. I0d«t07. 

Description of the Bartlett's Ferry Plant of the Columbia 
Fleet rie A Power < 'o. 

Elrrhiral Warhl, "Another Big Hydro Plant fnr South," 
Vol. SO, No, 10, Mar<*h 7., 1027, p. 010; Vol. SO, No, 11, April 2, 
1027, p. 722. 

200,000 lip. project on Saluda River, 10 miles from (’olumbia, 
S. ('. Map in lat ter issue. 

Eh'i'lriral Warhl, "Developed Water Power in the United 
Stales," Vol. SO, No. Id, April 0, 1027, p. "NO. 

Tables giving report, of < biological Survey on January B 1027. 

Eltrlriral II ’nrltl, "First Unit of InsulFs'New Hampshire Hydro 
Development," Vol. SO, No. 10, .May 7, 1027, p. 00B 

Photos showing eonsi met ion of penstock and scroll case. 

Eltrlriral Warhl, "(Muowingo Power in I02.N," Vol. SO, No. Hi, 
April 10, 1027, p. N22. 

First unit of hydroelectric plant will he ready in June 102,s, 

I Imu one a muni li until cud of year. 

Ent/inrrriinj, "Hydroelectric Development, ill New Zealand," 
Vol. 122, No. 21 SI), December 21, 1020, pp. 702-70-1. 

Del,ails of hydroeleet rie development scheme for New 
Zealand. 

Entjint rriiuj, "The Const met ion of the Isle Maligne Power 
Plant, Dundee," Vol. 122, No. 2170, Dm*,ember 17, 1020, pp. 
7 17-77.0, 

Present, plant aoitsisBsol' eight Id,000 hp. units. 

Engi nrrri inj , "Tim Bawae/.eek Turbines ul Lilia Fdet," 
Vol. 122, No.2100, April Id, 1027, pp.d 10-ldl. 

A I(),()()l)-lv\Y. propeller type hydraulic turbine for low head 
operation. 

Entiinrvrhtfj Abars Errant, "Draft Tube Lined with Cast Iron 
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at Big Creek No. 8 Plant,” Vol. 97, No. 5, July 29, 1926, pp. 
182-183. 

Engineering News Record, “Balch High Head Power Project 
Well Under Way,” Vol. 97, No. 21, November 18, 1926, pp. 
836-839. 

Plant on Kings River, Cal., to use 2381 ft. head. 

Engineering News Record, “Construction Plant and Plant at 
the Falls of the Ohio,” Vol. 98, No. 19, May 12, 1927, pp. 
762-769. 

Engineering World, “Power Development on Feather River,” 
Vol. 30, No. 3, March 1927, p. 150. . 

Eustrom, A. F., “Hydraulic and Steam Power in Sweden,” 
World Power Conference, 1926, Advance paper No. 33. 

Steam power used to supplement hydraulic power, and as a by¬ 
product. Description of state- and city-owned power genera¬ 
tion systems. 

Foster, W. C., “Western Hydro-electric History,” Journal of 
Electricity, Vol. 57, No. 12, December 15, 1926, pp. 447-449. 

Details of Station B, Portland Electric Co., located on Willu- 
mette River at Oregon City. 

George G. C., “Automatic Hydro-electric Plant Designed for 
Peak Load Service,” Power, Vol. 64, No. 4, July 27, 1926, 
pp. 116-119. 

Installation in Soft Maple plant of Northern New York 
Utilities, Inc., designed for three 10,500-hp. turbines. 

Haggas, Geo. E., “Developing Hydro Plant Addition to 
Conserve Stream Flow,” Electrical World, Vol. 89, No. 14, 
April 2,1927, pp. 705-710. 

Space limitations introduce interesting problem. 

Hale, F. E. and Stone, R. R., “Martin Dam Aids Control of 
Alabama System,” Power Plant Engineering, Vol. 31, No. 5, 
March 1,1927, pp.-284-291. 

New hyrdo-station forms storage project to aid steam and run- 
of-river plants during low water. 

Harza, L. F., “Distinctive Features of Hydro-Electric Con¬ 
struction,” Electrical World, Vol. 8S, No. 13, September 25, 1926, 
pp. 657-661. 

Phases of hydro-electric construction; factors which determine 
schedule; grading methods; progress records. 

Hornaday, W. D., “Guadalajara Hydro-Electric Develop¬ 
ment,” Electrical World, Vol. 88, No. 10, September 4, 1926, 
pp. 469-470. 

American owned system in second largest Mexican city has 
1900 ft. head and possible rating of 30,000 hp. 

Jourdan, J. W. and Rhine, C. P., “Balch.Hydro Development,” 
Electrical World, Vol. 89, No. 18, April 30, 1927, pp. 906-911. 

500,000 hp. will be ultimate capacity of 2243 ft. head 
development. 

Jourdan, J. W., “Kings River Plant Added to Central Cali¬ 
fornia Power System,” Journal of Electricity (Elec. West.), 
Vol.. 58, No. 5, May 1927, pp. 253-260. 

Description of the 33,000 kv-a. 2243 ft. head Balch plant of the 
San Joaquin Light & Power Corporation. 

Journal of Electricity (Elec. West.), “Review of Western 
Hydro and Steam Construction Projects,” Vol. 58, No. 2, 
February 1927, pp. 67-74. 

Table of projects, developments, and changes. 

Journal of Electricity (Elec. West.), “The Cushman Hydro¬ 
electric Development,” Vol. 58, No. 3, March 1927, pp. 129-136. 

Description of the dam and adjuncts, and the two 25,000- 
hp. turbines at 230 ft. head. 

Krieger, F., “Economic Relations between Hydraulic and 
Steam Generation of Electric Power,” World Power Conference, 
Sect. Basel Meeting 1926, Advance paper, No. 58, p. 23. 

Leavitt, L. S., “Hydro-electric Progress in Canada during 
1926,” Electric Light and Power, Vol. 5, No. 3, March, 1927, 
pp. 27-28. 

Lee, W. S., “Rack Structure and Head Gates of Cedar Creek 


Hydro-electric Station,” Mechanical Engineering, Vol. 49, 
No. 5a, Mid-May, 1927, pp. 521-523. 

Details of design. 

Livingston, R. L., “Charts Simplify Hydraulic Computations,” 
Power, Vol. 64, No. 26, December 28,1926, pp. 986-989. 

Presents chart giving relation between speed, head, horse 
power, and specific speed; its practical application. 

Meares, J. W., “Power Developments in Northern India and 
Burma,” World Power, Vol. 7, No. 40, April 1927, pp. 172-180. 

Hydro-electric developments and possibilities in an agricultural 
country. 

Mechanical Engineermg, “Progress in Hydraulics,” Vol. 48, 
No. 12, December 1926, pp. 1417-1419. 

Progress report contributed by Hydraulic Division A. S. M. E. 
dea lin g with water control, penstocks, turbines, automatic 
plants, impulse wheels, governors and oil sets, and valves. 

Meyer, A. and Noack, W. G., “Economic Relation between 
Hydro-electric and Steam Power Generation,” World Power 
Conference, 1926, advance paper No. 79. 

Steam Power can compete with Hydro-electric Power even 
where coal is very expensive. Combined Steam Power, Pleating, 
and Hydro-electric plants advantageous. 

Mitchell, W. E. and Gallalee, J. L., “Economic Relation 
between Hydro-electric and Steam Power Generation, as in the 
United States,” World Power Conference, 1926, Advance paper 
No. 76. 

National.Electric Light Ass’n., “Methods of Increasing Head 
on Turbines by means of Excess Flow.” 

Report No. 267-10 of Hydraulic Power Committee. 

National Electric Light Ass’n., Report No. 256-52 of the 
Water Development Committee. 

National Electric Light Ass’n., Report No. 256-26 of the 
Hydraulic Power Committee. 

Nelzen, J. H., “Supervisory Control of Hydro-electric Power 
Stations,” Electric Light and Power, Vol. 5, No. 4, March 1927, 

pp. 26-28. 

Nizzola, A., “Economic Relation between Hydro-electric and 
Steam Power Generation,” World Power Conference 1926, 
Advance Paper No. C-e. 

General survey of reports from many European countries. 

Pfan, A., “Engineering versus Banker Efficiency in Hydro 
Developments,” Electrical World, Vol. 88, Nos. 20-21, November 
13-20,1926, pp. 1005-1007 and 1063-1065. 

Points out that interconnected plants absorb load fluctuations 
better and "afford more permanent service. Engineering and 
banker efficiency differ. 

Power, “Increased Activity in Water-Power Developments,” 
Vol. 65, No. I, January 4, 1927, pp. 25-28 (Annual Review No.). 

Review of recent activities in the hydroelectric field. 

Power, “Large Hydro Project Pumps Water for Power De¬ 
velopment,” Vol. 65, No. 4, January 25,1927, p. 132. 

Large Swiss plant utilizes excess power available during sum¬ 
mer to fill storage reservoir to provide for operation of plant 
during winter. 

Power, “The Conowingo Hydro-electric Development,” 
Vol. 65, No. 8, February 22,1927, p. 284. 

Brief description of the 600,000 hp. hydro-electric project 
on Susquehanna River. Completion in 1928 now expected. 

Power, “Are Hydro-electric Installations without Governors 
Justified?”, Vol. 65, No. 10, March 8, 1927, pp. 378-379. 

Power, “Automatic Hydro-electric Plant Built into Dam,” 
Vol. 65, No. 22, May 31, 1927, p. 813. 

Brief description of the new plant of the Chimney Rock 
Mountains, Inc. 

Power Plant Engineering, “Balch Hydro Plant to Operate at 
2740 ft. Head,” Vol. 30, No. 7, April 1, 1926, pp. 433-434. 

First unit of 500,000 hp. hydroelectric project of San Joaquin 
Light and Power Corp., now under construction. 
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Power Plant Engineering, “lee Troubles in Hydraulic Power 
Plants,” Vol. 30, No. 24, December 15, 1926, pp. 1341-1342. 

Power Plant Engineering, “Hydro Plant Operating Routine 
and Tests,” Vol. 30, No. 15, August 1, 1926, pp. 860-862. . 

Power Plant Engineering, “Using Excess Flow to Increase 
Head on Turbine,” Vol. 31,-No. 5, March 1, 1927, pp. 314-316. 

Several devices have proved both economical and convenient 
at large hydro-plants. 

Reed, Oren, “Notes on European Practice in Penstock 
Design,” Engineering News-Record, Vol. 98, No. IS, May 5, 1927, 
pp. 718-721. 

Reid, C. R., “Routine Inspection Procedure for Power Station 
Equipment,” Power, Vol. 64, No. 13, September 28, 1926, pp. 
482-486. 

Methods of inspection and record keeping are described for 
large hydroelectric stations. 

Rich, T., “Hydro-electric Power on the Lower Isere,” Electric 
Review, Vol. 98, Nos. 2531-2532, May 28—June 4, 1926, pp. 
795-798 and 827-828. 

Station is equipped with seven turbines of vertical Francis 
Type, first transmission in France at 120,000 volts. 

Rivett, E. S., “Operating the Hydro-Electric Plant,” Power 
House, Vol. 19, No. 15, August 5,1926, pp. 29-30. 

Discusses trend towards standardization, from operation 
point of view. 

Scheller, C. P., and Carr, W. B., “Automatic Non-Governing 
Hydro Plant,” Elec. World, Vol. 87, No. 24, June 12, 1926, 
pp. 1285-1288. 

Scott, W. A., “Southern California Edison Construction 
Schedule for 1927,” Engineering World, Vol. 30, No. 4, April 1927, 
pp. 207-209. 

Sievelring, A. R., “Some Notes on Swiss Hydro-electric 
Supply,” The Engineer, Vol. 141, No. 3671, May 21, 1926, 
pp. 519-520.' 

Silver, A. E., and Clougher, A. C., “Wallenpaupack Hydro- 
Electric and 220 KV Transmission Development,” Electrical 
World, Vol. 88, No. 4, July 24, 1926, pp. 159-169. 

Description of power station, construction features; detail 
data. 

Smith, F. V-, “Automatic and Supervisory Control of Hydro¬ 
electric Plants,” Poiver Vol. 64, No. 2, July 13, 1926, pp. 67-68; 
Journal A. I. E. E., Vol. 45, No. 10, October, 1926, pp. 967-973. 

Strandberg, G. R., “Conowingo Hydro-Electric Power 
Project,” Stone & Webster Journal, Vol. 40, No. 3, March, 1927, 
pp. 348-258. 

Description of the new project of the Philadelphia Electric Co.; 
on Susquehanna River. 

Taylor, J., “Control of Hydro-electric Plants,” The Electrician, 
Vol. 97, No. 2531, December 3,1926, pp. 640-641. 

Elimination of attendance economic factor; automatic and 
remotely controlled systems; extensive protective arrangements 
necessary. 

The Electrician, “Hydro Electric Development in New Zea¬ 
land,” Vol. 98, No. 2546, March 18,1927, pp. 292-293. 

Under national supervision. 

The Engineer, “Hydraulic Developments on the Midi Railway 
in the Ossau Valley,” Vol. 141, No. 3666, April 2, 1926, pp. 
376-379. 

Three power stations have been arranged for; design and 
equipment of these stations. 

The Engineer, “Eguzon Hydro-electric Station,” Vol. 143, 
No. 3706, January 21, 1927, pp. 64-67. 

Detailed description of the new station on the Creuse River. 

The Engineer, “Hydro-electric Progress in Canada During 
1926,” Vol. 143, No. 3711, February 25, 1927, p. 219. 

Developed horse power increased 266,000 hp. in 1926. 

Tuck, H. P., “Power Development in Tasmania,” World 
Power, Vol. 7, No. 37, January 1927, pp. 7-11. 

Hydro-electric development under State ownership. 


Vaughan, J. F., “Economical Hydro-Electric Plant Construc¬ 
tion,” Electrical World, Vol. 88, No. 13, September 25, 1926, 
pp. 627-628. 

Warren, L. G., “Construction Features of Martin Dam,” 
Electrical World, Vol. 88, No. 13, September 25, 1926, pp. 
643-647. 

150,000 kv-a. hydroelectric development of Alabama Power 
Co. at Cherokee Bluffs on Tallapoosa River described in detail. 

Hydraulic Turbines, Generators, and Auxiliary Equipment 
Allen, C. M., “Hydraulic Turbine Tests by the Allen Method,” 
Power Plant Engineering, Vol. 31, No. 10, May 15, 1927, pp. 
549-551. 

Carpenter, J. S., “Propeller Turbine aids Low Head Develop¬ 
ments,” Power Plant Engineering, Vol. 30, No. 12, June 15, 

1926, pp. 703-704. 

High specific speeds decrease first cost and increase output of 
turbine at reduced heads. 

Carpenter, J. S., “Specifications for Hydraulic Turbines,” 
Power Plant Engineering, Vol. 30, No. 20, Oct. 15, 1926, pp. 
1118-1120. 

Points out that uniform practise with regard to specifications 
is needed to eliminate misunderstandings. 

Eek, Bruno, “The Characteristic Coefficients for Hydraulic 
Turbines,” Mechanical Engineering, Vol. 49, No. 5a, Mid-May 

1927, pp. 518-520. 

Electrical World, “Geared Turbines for German Hydro- 
Stations,” Vol. 88, No. 24, Dec. 11,1926, pp. 1225-1226. 

Engineering News-Record, “Efficiency Test on High Head 
Reaction Turbine,” Vol, 96, No. 1, Jan. 7, 1926, pp. 18-19. 

Oak Grove unit on Portland system shows 90 per cent efficiency 
at 35,000 hp. under 882 ft. effective head. 

Englesson, E., “The Kaplan and Propeller Turbines and the 
Cavitation Problem,” Engineering, Vol. 121, No. 3146, Apr. 
16,1926, pp. 484-486. 

Review of investigations of cavitation phenomenon; factors 
which influence occurrence of cavitation. 

Greenwood, R. B., “How Large High-Head Hydro-Electric 
Units are Started,” Power, Vol. 65, No. 12, March 22, 1927, 
pp. 434-436. 

Johnson, J. A., and Burnham, E. J., Fire Protection of Water¬ 
wheel Type Generators, Journal of A. I. E. E., Vol. 45, No. 11, 
Nov. 1926, pp. 1121-1130. 

Johnstone-Taylor, F., “Swiss Test New Propeller Type 
Runner,” Power Plant Engineering, Vol. 30, No. 19, Oct. 1, 1926, 

p.1066. 

Draft tube design proves important in high speed installation 
of Matte power station, Berne, Switzerland. 

Kerr, S. L., “Admitting Air to Turbine Runners Improves 
Efficiency,” Power, Vol. 64, No. 16, Oct. 19, 1926, pp. 580-582. 

Methods of admitting air to turbine runners to improve 
efficiency. 

Mechanical Engineering, “The New Pelton W T heel Deflection 
Governor,” Vol. 49; No. 5, May 1927, p. 460., extract from 
Mechanical World, Vol. 81, No. 2096, Mar. 4, 1927, p. 160. 
Description of a balanced deflector patented in England. 
Mechanical Engineering, “A Hydraulic Turbine with a Rotary 
Jet,” Vol. 41, No. 2, Feb. 1927, pp. 167-168. 

Design for a speed between that of the Francis andjlie Pelton 
WTieel. 

Nagler, F., “Venting Water "Wheels for Efficiency,” Electrical 
World, Vol. 87, No. 14, Apr. 3,1926, pp. 699-703. 

Among advantages are improvement of • speed regulation, 
runner, and draft-tube efficiency. 

National Electric Light Ass’n., “Reliability of Hydro-Electric 
Units,” Report No. 267-19 of Hydraulic Power Committee. 

National Electric Light Ass’n., “Governor Problems” Report 
No. 267-41 of Hydraulic Power Committee. 

Neeser, R., “Notes on the Definition of Net Head as used for 
the Experimental Determination of Turbine Efficiency,” World 
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Power Conference, Sect. Basel Mtg. 1926, Advance paper No. 
62a. 

O’Brien, M. P. and Zuerow, M. G., “European High Specific 
Speed Hydraulic Turbines,” Power Plant Engineering, Vol. 20, 
No. 21, Nov. 1, 1926, pp. 1166-1170. 

Several types of propeller runners have been dei eloped by 
European manufacturers to meet low head conditions. 

Pfau, Arnold, “Specific Characteristics for Hydraulic Tur¬ 
bines,” Mechanical Engineering, Vol. 49, No. 5a, Mid-May 1927, 
pp. 517-51S. 

A suggested new expression for specific speed. 

Popoff, N., “The Geometry of the Helical Water Turbine,” 
Engineering Vol. 122, No. 3160, Aug. 6, 1926, pp. 155-159. 

Power Engineer , “Recent Developments in Water Power 
Equipment,” Vol. No. 241, April, 1926, pp. 125-126; No. 242, 
May 1926, pp. 174-176; No. 244, July 1926, pp. 258-261; No. 245, 
Aug. 1926, pp. 301-303; No. 246, Sept. 1926, pp. 344-346. 

General survey having special reference to large powered 
units; essential features of modern machines. 

Power, “Hydraulic Turbine to Operate Under Nearly One- 
half Mile Head,” Vol. 65, No. 3, January IS, 1927, pp. 82-85. 

Description of the largest impulse wheel unit yet placed in 
operation under the highest head so far utilized in the United 
States. 

Power, “Increasing the Head on Turbines by Means of Excess 
Flow,” Vol. 65, No. 4, January 25,1927, p. 146. 

Power, “New Developments in Foreign Waterwheel Practise,” 
Vol. 65, No. 17, April 26, 1927, pp. 646-647. 

Description of the development of a high speed propeller type 
runner at Zurich, Switzerland. 

Power Plant Engineering, “Fitting of Hydraulic Turbine 
Runners,” Vol. 30, No. 12, June 15,1926, pp. 704-705. 

Power Plant Engineering, “Worn Turbine Runners Repaired 
by Welding,” Vol. 31, No. 10, May 15, 1927, p. 580. 

Power Plant Engineering, “Friction Brakes Used on Hydraulic 
Turbines,” Vol. 30, No. 21, Nov. 1,1926, p. 1153. 

Pruger, R., “Recent Improvements in 'Waterwheel Genera¬ 
tors,” Power Plant Engineering, Vol. 30, No. 24, Dec. 15, 1926, 
pp. 1330-1331. 

Experience in operation has resulted in number of improve¬ 
ments, all of which add to reliability of machines. 

Rogers, F. H., “Modern Hydraulic Turbines Show High 
Efficiency,” Power Plant Engineering, Vol. 30, No. 10, May 15, 
1926, pp. 574-578. 

Review of units indicates high efficiency under many con¬ 
ditions of service and design. 

Spease, J. F., “Governors for Automatic Hydro-Electric 
Units,” General Electric Review, Vol. 26, No. 5, May 1926, 
pp. 356-359. 

Strowger, E. B., “Speed Changes of Hydraulic Turbines for 
Sudden Changes of Load,” Mechanical Engineering, Vol. 48, No. 
7, July 1926, pp. 710-714. 

The Engineer, “A 7500 Horse Power Propeller Type Water 
Turbine,” Vol. 142, No. 3686, Sept, 3, 1926, pp. 254-256. 

Thurston, M. B., “Hydraulic Turbine Governor Pressure 
Fluids,” Power, Vol. 64, No. 7, Aug. 17, 1926, p. 248. 

Discusses what appears to be best for oil pressure governor. 

Miscellaneous 

Andrews, R. FI., “Steam Power from the Ocean in the Tropics,” 
Power, Vol. 65, No. 9, March 1,1927, pp. 328-330. 

Discussion of the technical difficulties involved in the plan 
advanced by the two French scientists, Georges Claude and 
Paul Boueherot, 

; Bell, W. C., “Interconnections in Virginia and North Caro¬ 
lina,” Mechanical Engineering, Vol. 48, No. 10, October 1926 
pp. 1036-1038. 

Difference between interconnection and superpower; inter¬ 
connection agreements normally in use; data on actual inter¬ 
connections. 


Bozell, H. V., “Economies of System Interconnection,” 
Electrical World, Vol. 88, No. 6, August 7, 1.926, pp. 273-275. 

A few examples of interconnection in electric light and power 
industry reduced to dollars and cents results. 

Brown, Claude C., “Operating Costs of Pasadena Power 
System,” Power Plant Engineering, Vol. 31, No. 8, April 15,1927, 
pp. 448-450. 

Complete data on municipal system serving 50,000 people. 

Callender, H. L., “Recent Experiments on the Properties of 
Steam at High Pressures,” Engineering, Vol. 122, Nos. 3177 and 
3178, December 3 and 10, 1926, pp. 681-682 and 712-714. 

Carter, G. O., “Gas Welding Versus Flange Joints for Steam 
Lines,” Power, Vol. 65, No. 22, May 31, 1927, pp. 823-824. 

Arguments for the replacement of flange joints by welding. 

Cope, H. W., “Electrical Development during 1926,” The 
Electric Journal, Vol. 24, No. 1, January 1927, pp. 1-4. 

Covers generating sets, rotary converters, etc. 

Electrical World, “Handling a Power Exchange,” Vol. 87, No. 
15, April 10, 1926, pp. 761-762. 

How Connecticut Valley “Pool” attacks problem of operating 
interconnected stations for best economy. 

Electrical World, “Coal Mines as Loads for Central Stations,” 
Vol. 88, No. 3, July 17, 1926, pp. 107-111. 

Characteristics of load; unit costs; and performance over a 
period of year. 

Electrical World, “Data on Output and Peak Load of Largest 
Generating Stations in United States and Canada,” (Supp.) Vol. 
87, No. 17, April 24, 1926. 

Contains data on generator rating, output, load factor, cus¬ 
tomers, and distribution of energy of all companies having output 
over 100,000,000 lrw-hr. in 1925. 

Electrical World, “Output 13.1 Per cent Over Last Year,” 
Vol. 88, No. 10, September 4, 1926, pp. 474-475. 

Central Stations operations during first half of 1926 show con¬ 
tinuation of gain over preceding year; graphic and tabular data. 

Electrical World, “Light and Power Utilities Report Progress 
and Prosperity,” Vol. 89, No. 1, January 1, 1927, pp. 11-20. 

Study of progress during 1926 giving by means of tables and 
charts, costs, resume of operations. 

Electrical World, “Budget 8958,000,000 for 1927,” Vol. 89, 
No. 1, January 1, 1927, pp. 21-23. 

A study with charts and tables. 

Electrical World, ‘Water-Power Development 11,176,596 

H. P.,” Vol. 89, No. 1, January 1, 1927, pp. 51-52. 

A study giving the potential energy available and developed 
in all sections of the country. 

Electrical World, “Power Station Building in 1926,” Vol. 89, 
No. 1, January 1, 1926, pp. 5S-*61. 

Study giving projects completed and under construction in 1926. 

Electrical World, “Trends in Electrical Costs,” Vol. 89, No. 1, 
January 1,1927, pp. 68-70. 

A study with color graphs giving prices for labor and materials 
from 1913 to 1926. 

Electrical World, “Energy Output for October Exceeds 
6,000,000,000 Kw-Hrs.,” Vol. S9, No. 3, January 15, 1927, pp. 
148-149. 

Tables and curves to show energy generated in 1926. 

Electrical World, “Record Output of Central Stations,” Vol. 
89, No. 10, March 5, 1927, pp. 525-526. 

More than 6,326,000,000 kw-hrs., generated in month. 

Electrical World, “Development of Interconnections in Central 
Maine,” Vol. 89, No. 15, April 9,. 1927, pp. 755-756. 

Result in lower rates and better service. 

Electrical World, ‘Water Power Exploitation and Electrical 
Supply in Switzerland,” Vol. 89, No.'19, May 7,1927, p. 960. 

Maximum capacity of water power plants at end of 1926 was 

I, 870,000 hp. 

Electrical World, “Hundred-Million-Kilowatt-Hour Utilities,” 
Vol. 89, No. 18, April 30, 1927, pp. 912-913. 
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Da,la, on energy generated, peak loads, and per cent of total 
energy generated. 

I^I.n , h jedetie <i., Ill*' I ‘hikulelphia Eloetrie Company Cali- 
hralos its Motors,” Power, Vol. (id, No. 1(), March 8, 11)27, pp. 
353-37id. 

Description of I low I lie water motors am chocked and cali¬ 
brated at I lie Richmond .Station. 

Eorbes, < L., "Slow Movies in the Power Plant,” Power, Vol. 

(id, No. Id, April d, 11)27, pp. dI7~dlX. 

llow Southern ( alilornia Edison Company uses photography 
lo reveal equipment delerioralion. 

.Fowler, 10. .)., ” Inleivhange of Energy,” Report, No. 25(5-44 
»!’ ll "' National Electric Uf.pt Ass’n. Convention 11)2(1. 

(Inn'ml Electric Review, “'I lerkolito Insulating Materials in 
Transformers,” Vol. 21), Kehrnury 11)2(1, pp. 102-108. 

A new insulating niaferial. 

I lalpcrin, 11., ” Doubling ( lie Maximum Operating Voltage,” 
Electric Rigid A' Power, Vol. d, No. d, May 11)27, pp. 27-28. 

Da,(a oti the new (1(1 kv. feeders being installed by ( lie ('iminion- 
wenllli Edison Co, of ('bicapo. 

Hermann, <('., "Mow 'I'bick .Should Pipe Covering He;’”, 
/‘nicer , Vol. (id, No. 2, January I I, 11)27, pp. 40-50. 

Balancing (be increase in heal, savings due to greater thick- 
ness against the additional investment. 

1 IciTinan, R. R., "Effect of Rale Changes on Revenue," 
Electrical ID nit!, Vol. 88, No. 3, July 17, 11)2(1, pp. 112-1 II. 

Mel bod outlined fur determining change in revenue for eh aligns 
in complex rale striicfures. 

Rill. E. IE. "A Dehydrating Breather for Power Trans¬ 
formers, Electric Right ami Power, Vol, d, No, 1, January 11)27, 
pp. 27 28. 

Delailu of a new type of transformer indieating dehydrating 
breather. 

ilotighlou, Bold and Weeks, D. (’,, "Why Metals Kail Under 
Influence of Steam Dime Superheated," Power , Vol. (id, No. Id, 
April 12, 11)27, pp. 540.542. 

Insull, H,, "Economics of Electricity Supply,” Electrical 
World, Vol. 87, No. 21, May 22, 11)2(1, pp. 11211-1 132. 

Survey of national situation demands greater sales effort; 
industrial markets; and interconnection possibilities, 

•lames, .1, R., "llow to Eight Eow Water in a Condensing 
Plant,” Power, Vol. 03, No. 2-1, June Id, 1112(1, pp. 1)30-931. 

Application of hydraucouc to remedy effects of falling water 
level in llie (Ireal, bakes. 

iIim hnaj. of the A. I. E, E., Power Development in tSwilztr- 
Innil, Vol. 1(1, No. 2, February 11)27, p. 127. 

Covers the period 11)11-1112(1. 

Kershaw, .1, B. (’., "Black Smoke Problem,” World Power, 
Vol. 7. No. Id, April 11)27, pp. LSI-183. 

Measurement of air-pollution. Increased use of electricity 
menus less air pollution in industrial towns. 

Lewis, VV. W., "The Station (2round Bus," Electric Light owl 
Power, Vol. d, No. 4, April, 11)27, pp, 29-30. 

Dat a on t he determination of size of the station ground bus. 

Liston, John, "Trends on Power Plant and Electrical Develop¬ 
ment During 11)2(1," General Electric Review, Vol. 110, No. 1, 
January 11)27, pp. 4-0(1. 

Lowonstoin, L. C., "Latest and Kuturo Developments in 
Power General ion,” Franklin Jnntilule Journal, Vol. 201, No 4, 
April 11)20, pp. 401 -104. 

Marks, L. S., “A Steam Pressure Transformer,” Mechanical 
Engineering, Vol. 40, No. 0, June 1927, pp. 600-002, 

An analysis of Koenemann’s recently devised process for 
raising the pressure of exhaust steam. 

Mechanical Engineering, “Utilization of the Heat Energy of 
the Seas,” Vol. 49, No, 2, February 1927, p. 174. 

Outline of the proposed system. 


Mechanical Engineering, “ Recent Experiments on tho Proper¬ 
ties of Steam at High Pressures,” Vol. 41), No. 2, February, 11)27, 
pp. 164-It id. 

Partial abstract of Prof. 11. L. Callondar’s concluding lecture 
at Royal Society of Arts, London. 

Monroe, W.S., “Power Supply in Chicago District,” Electrical 
World, Vol. 89, No. 17, April 23, 11)27, pp. 851-853. 

Data on generated output and station capacities. 

Muir, R. C., “Tho Central Station and Industrial Power,” 
General Electric Review, Vol. 21), No. 5, May 1926, pp. 298-301. 

Relationships between producer and user; advantages of 
central-station service; importance of industrial load to central 
stations. 

National .Electric Light Ass’n., "Specifications,” Report No. 
267-16 of Prime Movers Committee. 

Nicholas, A. J., “Differential Manometers,” Power, Vol. (Id, 
No. 1(5, April 10, 1927, pp. 51)4-595. 

Gnkon, W. 11., “Tho Hydro-Electric Power Era,” Vol. 89, 
No. 20, May 14, 1927, pp. 1003-1005. 

Economy of steam stations and hydro development. 

Power, “Special Uses of Welding in Westport Station,” Vol. 
65, No. 7, February 15, 11)27, pp. 249-251. 

Power, “Tho Midwest Power Conference,” Vol. 65, No. 9, 
Mareh l, 1927, p]». 31 1-320. 

Digest of points covered at the Conference, together with 
statistics of the growth of the central-station industry in the 
Midwest. 

Power, "Giant Engines-St ill Operate in Ivitigsbridge Station,” 
Vol. 65, No. 12, March 22, 1927, pp. 130-133. 

Description of t he largo Corliss engines, installed in 11)02 and 
now operated for stand-by service only. 

Power, “Second Chicago Power Show a Big Success,” Vol. 65, 
No. 10, March 8, 1927, pp. 360-367. 

Describes the new and improved equipment on exhibition at 
the show. 

Power Plant Engineering, “ Intercoiuieotiun of Electric Power 
Systems,” Vol. 30, No. 1.0, May 15, 11)26, pp. 595-601. 

Discusses principal interconnections, layouts of systems, 
amounts of power involved, and technical problems encountered. 

Power Plant Engineering , “Economic Facts of Electricity 
Supply,” Vol. 30, No. 8, April 15, 192(5, pp. 465-4(59. 

Fundamental factors governing development of electric 
power supply. 

Ragsdale, Charles O. C., "Carbon Dioxide used to Extinguish 
Fires in Electrical Equipment,” Power, Vol 65, No. 10, March 8, 
1927, pp. 356-358. 

Rea, N. E., "Suggestions for Safe Erection of Power Plant 
Equipment," Power, Vol. (55, No. 7, February, 15, 11)27, pp. 
238-241. 

Rich, T., "Distilling Plant for Central Stations,” Electrical 
Review, Vol. 98, No. 2521, March 19, 1926, pp. 448-141). 

Kostner distiller at Cominus, France, power station. 

Soton, A., "Electrical Insulation,” Electrical Review, Vol. 1.00, 
No. 2565, January 21, 1927, pp. 90-1) I. 

Recent developments of different insulations. 

Smith, E. B,, “Report on Progross in Steam Research at the 
Massachusetts Institute of Technology,” Mechanical Engi¬ 
neering, Vol. 49, No. 2, February, 1927, pp. 160-161. 

Snell, J. F. C., “The Present and Future Development of 
Electricity,” Pup pig Engineering, Vol. 122, No. 3161, August 13, 

1926, pp. 194-198. 

Historical review of developments and future prospects. 

Spring, h. W., Maaok, IE W„ Ranter, d„ “Testing Flow in 
Metals at Various Temperatures,” Power, Vol. 65, No. 6, Febru¬ 
ary 8,1927, pp. 205-208. 

The Electrician, "Stability of Large Power Systems,” Vol. 98, 
No. 2543, February 25, 1927, p. 202; Vol. 98, No. 2544, March 4, 

1927, pp. 230-231. 
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Interlocking power stations results in partial instability. 

The Electrician, "The Electrical Industry Reviewed,” Vol. 100, 
No. 2574, Mar. 25,1927, pp. 467-469. 

Annual report of British Electrical and Allied Manufacturers 
Ass’n. (Beam a.) 


Discussion 

Philip Torchio: Electrical engineers should have particular 
interest in following the development of the size of the generators. 
The report states that there is a 208,000-lcw. unit under con¬ 
struction. It should have said that it consists of three machines 
cross-compound. If I remember rightly, the largest single unit 
in operation in the New York Edison 60,000-kw. The Edison- 
United Companies have a large cross-compound 160,000-kw. 
unit on order and placed an order June 21 for a 16o,000-kw. unit. 
The generators of the unit order last year are, one, 85,000-lav. 
and the other 75,000-lav. and, for the unit ordered yesterday, the 
generators will be SO,000-lav. each. 

In pointing this out, I am not saying that the manufacturers 
are not ready to make larger generators, because, as a matter of 
fact, for another installation for which we are now securing bids, 
we already have offers of more than 100,000 kw. in one unit, and 
probably single units larger than 125,000-lov. will be obtained. 

Another point that I wanted to bring out in this general review 
is that while we are making great progress in saving coal, it is 
nevertheless our duty not to let the public misunderstand how we 
accomplish it. The truth is that we are saving coal by spending 
more in investment in plants. It does not necessarily follow, 
once we consider the total cost, that we are making such radical 
improvements which might lead the public to assume that the 
cost of power is also rapidly being reduced. The cost of power 
is being reduced, but at a gradual, moderate rate. We are 
making great advances in saving coal, but we are putting more 
capital in our plant investment to secure those higher economies. 
An extreme illustration of this is the Dutch Point station with 
the mercury boilers and similar installations throughout the 
country. 

F. A. Scheffler: My discussion of this report is more partic¬ 
ularly an addition to the table of _ the pulverized-eoal installa¬ 
tions in the country. 

The installations in operation last year consisted of an installed 
capacity of 2,200,000 kw. and those under construction, 440,000, 
making a total of 2,640,000-lav. capacity installed. 

Assuming that these stations, of which there are about thirty- 
eight, average an annual load factor of 50 per cent, the output 
would be 9,414,810,000 lav-hr., and also assuming that the 
average coal consumption is lb. of coal per lav-hr., the total 
fuel used would be 7,061,100 short tons per year. 

During the year 1927, the total coal consumption in public 
utility plants in the United States was 41,245,000 short tons. 


The ratio of the total coal used in pulverized form to the total 
coal consumption, is therefore approximately 17 per cent. 

In addition to the above, there are under construction new 
plants and additions to others as follows: 


Station 

Company 

Kw. capacity 
installed 

State Line. 

State Line Generating Co. 

208,000 

Toronto. 

Ohio River Edison Co. 



(2-30,000 kw.) 

60,000 

Glenhead. 

Long Island Lighting Co. 

25,000 

Trenton Channel... 

Detroit Edison Co. 

50,000 

Aurora, Ill. 

'Western United Gas & Elec. Co. 

10,000 

Pekin, Ill. 

Super-Power 

50,000 

Montaup.' 

Montaup Electric Co. 

40,000 

443,000 


With the exception of four or five on the above list of generat¬ 
ing plants, all of the stations were new ones built during the last 
seven years. 

There are five or six other utility plants using pulverized coal, 
which are not listed above, because they are not primarily 
power plants for generating current, but are used more for steam 
heating purposes. Some of these are as follows: 

Puget Sound Traction, Light & Power Co., Seattle, Wash, 
capacity about 8500 boiler hp. 

Allegheny Heating Co., Pittsburgh, Pa.,—capacity 10,000 
boiler hp. 

Loekport Light, Heat & Power Co., Lockport, N. Y. 
capacity 2500 boiler hp. 

New York Steam Co., 36th St. & East River, New York- 
capacity 30,000 boiler hp. 

’ Rochester Gas & Electric Corp., Lawn St. Station, Rochester, 
N. Y.—capacity 250,000 lb. steam per hr. 

W. S. Gorsuch: It is important, as Mr. Torchio has pointed 
out, to state the type when referring to a certain size generator 
unit. This has been done in every case in the report, not in the 
brief outline of progress in the art of power generation, but in 
the description that follows, in which outline drawings are also 
given for exceptional designs. It will be noted that the plan of 
this report is first to give a general statement of the trend of the 
art in each class of power-station equipment and then under the 
heading “Outstanding Installations” a full description is given 
of the equipment referred to in the preceding general statement. 

Reference has been made to the remarkable economies brought 
about in fuel burning stations and the additional investment cost 
to achieve these results. In this connection I believe because of 
the increasing number of interconnections a comprehensive 
study should be undertaken at this time to show the relative 
cost of power of hydroelectric and steam plants, and also the 
relative merits of the two systems. 









Transmission and Distribution 

Annual Report of Committee on Power Transmission and 

Distribution* 


To the Board of Directors: 

Foreword 

In presenting the annual report of the Committee on 
Power Transmission and Distribution it has seemed 
best to largely confine its scope to a discussion of the 
progress that has been made in those branches of the 
art with which the Committee has been actively con¬ 
cerned during the year. Several of the members have 
collaborated in the preparation of the report and it 
represents the consensus of opinion of the Committee 
as a whole. 

It is felt that the coordination of effort which has 
been secured through the medium of the Committee 
has resulted in a very substantial stimulus to the 
advancement of the state of knowledge regarding those 
problems which have been particularly studied and if 
this report in presenting a resume of the progress made 
also succeeds in indicating profitable fields for further 
study and research its purpose will have been 
accomplished. 

Lightning on Transmission Lines 

With the growing tendency toward interconnection 
of large power systems and the increasing dependence 
on high-tension transmission lines for the service of 
large communities, the question of continuity of service 
for such lines has become very important. 

Inasmuch as lightning has been responsible for most 
of the interruptions to service over transmission lines 
a subcommittee was appointed whose duties were to 
investigate lightning and its relation to transmission 
lines. 

The work assigned to the sub-committee was of con¬ 
siderable magnitude and importance. The various 
lightning difficulties that had been encountered on 
transmission lines in the past two years were discussed, 
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as well as the various data that had been gathered in 
connection with these difficulties. 

The following are the subjects taken into considera¬ 
tion in the discussion of the general problem. 

Klydonograjph Tests. Inasmuch as the transients due 
to lightning are of extremely short duration it was very 
difficult to determine their characteristics until the 
advent of the klydonograph. By means of the klydono- 
graph it has been possible to obtain information regard¬ 
ing the operation of transmission lines of voltages 
ranging from 6.6 kv. to 220 kv. The nature of the tests 
and the inherent variation of the physical conditions 
under which lightning occurs necessitated a great amount 
of data to determine the facts definitely. However, the 
data secured is sufficiently extensive to indicate the 
following important conclusions. 

1. The most important voltage surges on overhead 
transmission lines are those produced by lightning. 

2. On 120- to 140-kv. lines surges of 1200 to 1400 
kv. and on 220-kv. lines surges of 1800 to 2000 kv. can 
be established. 

3. Majority of lightning surges were positive. 

4. Highest surges were negative, which would 
indicate that they were direct strokes and that the 
clouds causing these surges were negative. 

5. - While very high positive surges were recorded, 
they were few in number and only slightly over 1000 kv. 

6. The number of surges per storm at a given point 
is not great. 

7. When a surge above the flashover of the insula¬ 
tion is induced, the insulator flashover relieves the 
energy and limits further rise of voltage. 

8. The steeper the rate of application, the higher is 
the voltage reached before flashover, and when no 
flashover occurs, the insulators. must withstand the 
surge for its entire duration. 

9. High-voltage surges do not travel far. Such 
surges are damped below the corona voltage in a rela¬ 
tively few miles, while low-voltage surges travel many 
miles. 

10. Lightning strokes are unidirectional or at most 
highly damped oscillations. 

Lightning Strokes. What is the amount of current 
that can be encountered in a lightning stroke? 

It is fairly definitely known that in the case of a direct 
stroke, currents of the order of 10,000 to 100,000 
amperes can be encountered, whereas in the case of an 
induced lightning stroke this current is probably of the 
order of 3000 amperes. 

A point also to be taken into consideration is that 
when a lightning stroke does take place the number of 
insulator units that are likely to be spilled will depend 
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to a large extent on the resistance of the principal 
unit paths, the resistance consisting of the tower and 
the ground resistances. To amplify: if the resistance 
of the lightning path at a particular string is of a high 
enough value, the effect of the current going through 
it will be to raise the potential of the conductor at that 
point above the flashover value of the string in question 
and a wave above the spillover value of the string will 
travel on to the next string to be spilled over and so on 
until it reaches the point where the flashover of a string 
is in excess of its crest in which case it will travel on 
until it is dissipated in some other manner and so 
disappears. 

This, of course, shows clearly that the ground resis¬ 
tance plays a considerable part in the determination of 
how the lightning flashover will act over the line. With 
a low value of ground' resistance, it will take fewer 
strings to dissipate a particular impulse or stroke. On 
the other hand, with a low value of ground resistance, 
the amount of power current to be handled at any 
particular string will be greater and therefore the 
possible arc damage will also be greater. 

.There is another point to be taken into consideration 
in determining the value of ground resistance, and that 
is the question of short circuit current required for the 
successful operation of relays. It is essential that the 
relays controlling transmission lines operate very 
quickly under lightning disturbances in order to mini¬ 
mize the damage of the power arc to the insulator string 
and the conductor. 

Some data were available as to what value of ground 
resistance was encountered in practise. Some com¬ 
panies had made measurements of ground resistance 
on towers and found that the average resistance was 
between 15 and 25 ohms, while some towers, however, 
showed a resistance as low as 2 ohms, others as high 
as 100 ohms, and the highest encountered was in the 
neighborhood of 300 ohms. 

The question as to what is, therefore, a correct mean 
value of a ground resistance is one that is of consider¬ 
able importance and it would be highly desirable to 
obtain some data both from a theoretical and experi¬ 
mental standpoint to establish that value definitely. 

Lightning Discharges. The question of lightning 
discharges under power and the power arcs which 
follow brings with it another question and that is 
whether it is definitely known that in all cases a power 
arc follows the lightning discharge. 

One or two cases were cited in which reports had been 
received from observers who claimed that they had seen 
a lightning discharge on a string of insulators with no 
accompanying power follow-up arc, but the Committee 
agreed that the amount of data available on this was 
meagre and in all probability what was available was 
highly unreliable. It is conceivable that a lightning 
discharge could take place and yet if the amount of 
lightning current were small enough, sufficient ioniza¬ 
tion of the atmosphere would not take place to render 


a power arc possible. However, just what is the 
amount of current necessary to do this is not known and 
it is a problem for further investigation. 

It has been estimated that the duration of dangerous 
lightning impulses encountered on transmission lines 
is of the order of a fraction of a micro-second to ten 
micro-seconds. 

Ground Wire. The value of the ground wire as a 
protection against lightning has been a much mooted 
question. In the past where the maximum operating 
voltages were in the neighborhood of 66 kv., the con¬ 
sensus of operating opinion has been that interruptions 
to service by lightning were as frequent on the trans¬ 
mission lines equipped with ground wire as those that 
were not equipped with ground wire. In addition a 
great deal of mechanical trouble was encountered with 
the ground wire which was often accompanied by 
interruptions to service. 

Very little attention in the past has been paid to the 
erection of the ground wire both from a mechanical and 
electrical standpoint and it is believed that the chief 
objection to the ground wire on transmission lines has 
been as a result of this lack of attention. It is believed 
that the ground wire conductor should have a layer 
of non-magnetic conducting material. Some operating 
companies have used aluminum steel reinforced or 
copper clad conductors for ground wires and other 
companies are using copper and high-strength copper 
alloy conductors. 

As to the value of ground wire for reducing the 
induced lightning voltage data obtained on a 132-kv. 
line operated without ground wire were studied, and 
charts prepared in which the various flashovers that 
occurred were plotted on a profile on which tower 
locations had been indicated by two different sets of 
coordinates. In one set, the coordinate consisted of 
distance from the station and average height above 
ground of the bottom conductor of the span on side of 
tower away from the station and in the other case, the 
coordinate consisted of distance from the station and 
elevations of the bottom conductors on the towers. 

On this chart all the flashovers which occurred were 
spotted opposite each tower. A careful examination 
of the chart showed very markedly that the flashovers 
were concentrated on the high spots and were generally 
absent from the low spots on the line. It also indi¬ 
cated very clearly that the great majority of the trouble 
was on the top conductor. 

There were three stations located on that line and 
while the line was literally peppered with lightning at 
other points, these stations were apparently free from 
trouble. The chart showed that the line was particu¬ 
larly low for a distance of two or three miles from the 
stations and this explains at least partially the absence 
of trouble at the stations. 

The number of flashovers during the 1925 season was 
approximately 88. In the early spring of 1926 a 
ground wire was installed on this line and the corre- 
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sponding number of flashovers during the lightning 
season of 1926 was only about 8 or 10. This with other 
evidence that is available clearly shows the value of 
the ground wire. 

Effect of Tower Design. The question of the effect 
of the tower itself on the electro-static field surrounding 
a conductor and what effect this has on the flashover 
value of the insulator units, was considered. 

It was the opinion of the Committee that any effect 
which the tower may have on the field is of relatively 
little importance in determining whether a flashover 
will or will not occur. The fact that some semi-flexible 
towers are known to have less lightning trouble than 
some of the other towers of the square type is un¬ 
doubtedly due to the fact that in the first place they 
are very much lower lines, the spans being compar¬ 
atively short and, second, they invariably are equipped 
with ground wires since the structures themselves 
are generally not self-supporting and the ground wire 
which is put in for mechanical reasons serves, of course, 
the additional function of giving them lightning pro¬ 
tection at the same time. 

It was considered advisable that all the points on 
which the committee was in agreement should be set 
down to serve in the nature of principles for guidance 
in the design of high-tension transmission lines. 

It is the opinion of the Committee that these princi¬ 
ples have sufficient theoretical background for their 
conclusions and generally also a considerable amount of 
actual experience to further back up the theory. ' 

The following are the principles referred to: 

1. Under any given set of conditions, the lightning 
voltage which can be picked up by a line is a function of 
the height of the line, being directly proportional to the 
height and is further a function of the ground wire 
arrangement but is independent of the power voltage. 

2. The lightning voltage under any set of conditions 
on a line is limited by the insulator flashover for the 
particular wave in question. It should be pointed out, 
however, that this is only true where the ground re¬ 
sistance and the tower resistance are comparatively 
small. If this resistance is high, the total voltage may 
then be appreciably higher than that corresponding to 
the flashover of the insulator string. 

3. In any line design, it is desirable first to hold 
down the lightning voltage. This can be done by 

(a) Keeping the line as low as is economically 
feasible, and 

(b) By the proper use of ground wires, again within 
economical limits. Failing to do this, the next best 
thing is to prevent the power arc following the lightning 
flashover. Unfortunately we are not at present in a 
position to state how this can be done. 

4. The higher you go in transmission voltage, the 
more beneficial, as a rule, is the ground wire. This may 
be seen by the following simple' example: 

Assume two lines built with the same type of struc¬ 
ture, the same conductor, with one built for operation 


at 66,000 volts, say the other for operation at 132,000 
volts. Assume that the 66,000-volt line utilizes 5 
ordinary suspension units and that the 132,000 volt 
line utilizes 10 suspension units. The lightning 
flashover of the first is in the neighborhood of 600,000 
volts and of the second in the neighborhood of 1,200,000 
volts. Assume that the average lightning voltage that 
you can get on the 66,000-volt line is 2,000,000 volts. 
Then if the ground wire has the effect of reducing that 
by 50 per cent, the lightning voltage with the ground 
wire will still be 1,000,000 volts which is 400,000 volts 
in excess of the flashover value of the 5 unit string. 
Therefore, under these conditions, a flashover will take 
place. 

In the case of the 132-kv. line, the height, the con¬ 
ductor, and everything else being the same it follows 
that the voltage with or without the ground wire would 
be the same as before and therefore with the string 
having a lightning flashover of 1,200,000 volts no 
flashover will occur. 

A similar example could be employed to show that a 
220-kv. line where with 14 standard suspension units the 
lightning flashover of the insulators may be expected to 
reach values of the order of 1,800,000 volts would hold 
and not flash. 

5. The design of substations should be co-ordinated 
with that of transmission lines as there is a great 
tendency to over insulate the line and thereby tend to 
transfer the trouble to substation equipment. 

A great deal of attention is being paid at the present 
time in specifications for electrical apparatus to the 
impulse strength of apparatus. 

The manufacturers are working on the problem of 
impulse strength of apparatus. There is considerable 
evidence to show that- there is a fairly definite ratio 
between the impulse strength and the 60-cycle strength 
of the apparatus. If this is demonstrated to be true, 
it will be possible to design a complete system, includ¬ 
ing the transmission line and connected apparatus, with 
a relation of insulation values that will give the greatest 
efficiency and continuity of service consistent with 
minimum cost. 

Future Work. For the lightning season of 1927, 
several power companies are arranging for future 
klydonograph tests which will give us more information 
on the value of the ground wire and on the amount of 
attenuation of traveling waves. We also hope to 
obtain data to determine the following points: 

1. Wave fronts of lightning surges 

2. Duration, of energy of lightning surges 

3. Maximum voltages induced on continuous trans¬ 
mission lines 

4. Maximum field gradients. 

Arrangements are also being made to determine 
attenuation, potentials at stations, and at short dis¬ 
tances therefrom, potentials on adjacent sections of 
line with and without ground wires, potential on both 
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sides of choke coils, and discharge currents of lightning 
arresters. 

Lightning Protection of Distribution Circuits 

For a number of years studies in lightning protection 
for 4000-volt, four-wire, three-phase circuits have been 
made in Chicago, and the results have been reported to 
the Institute.** During this period, several new types 
of arresters have been placed on the market, and the 
most promising of these arresters have been installed 
in Chicago. 

In attempting to analyze the records obtained during 
the past few years on the various types of lightning 
arresters and determine their relative efficiency in 
protecting transformers from damage by lightning, 
some very discordant results were observed. The 
results obtained from the service records were not in 
accord with the theories, nor with the results of labora¬ 
tory tests. 

To make a more comprehensive study of the situation, 
the engineers of manufacturers whose lightning arresters 
were under investigation in Chicago accepted the 
invitation to join in a conference for determining the 
cause of these discrepancies. The investigations re¬ 
sulting from this conference will probably require at 
least a year before definite results can be secured. 
The indications are that, by giving more attention to the 
details of line construction and perhaps making some 
alterations, it will be possible to make a considerable 
further improvement in lightning protection on dis¬ 
tribution circuits. 

Many of the factors which affect lightning arrester 
performances are not constant and alike for all installa¬ 
tions, and it appears from the data that a large share of 
the transformer failures, are due to limitations in 
protection which are imposed by conditions outside the 
arrester, of which good examples are, high ground 
resistance, currents from several circuits through ground 
connections of moderate resistance and entrance 
through the secondary. Before a conclusion is made 
that the arrester has failed to function properly, the 
variables must be thoroughly considered. A list of 
these variables is as follows: 

1. Ground resistances 

2. Transformer history 

3. Primary exposure 

4. Secondary exposure 

5. Shielding 

6. History of immediate territory 

7. Lightning entrance. 

These variables are quite well known to engineers 
who have studied lightning arrester performances. 
In attempting to determine their individual importance 
on' each failure, they are studied somewhat as follows: 

1. Ground Resistance. Ground resistances are mea- 

* Studies in Lightning Protection on 4000-volt Circuits. 
Trans. A. I. E. E., Vol. XXXIX, p. 1895; Vol. XXXV, p. 
655. 


sured on the nearest three arrester installations in each 
direction from the failure. This assists in determining 
the ability of the arresters to relieve the line. Re¬ 
sistance above 20 ohms should be considered inadequate, 
and lower values are in doubt, that is, the value of 
resistance to be considered as dangerous must be in 
relation to the amount of current which the ground 
connection may be expected to carry and the maximum 
strength of the insulation which is being protected. 

2. Transformer History. The transformer history 
includes the make, size, age, connected load, previous 
failures, previous fuse failures, and the type of instal¬ 
lation, whether it be power or light. Of these factors, 
the first two affect failures, inasmuch as some trans¬ 
formers may be more susceptible to damage than others. 
Windings of the older transformers are quite apt to be 
of a lower insulating value, transformers operating with 
an overload and previous fuse failures may also weaken 
this insulation. Transformers which have previously 
failed are repaired and re-installed on the lines. The 
rewinding of the transformer coils may result in the 
transformer being more susceptible to damage by 
lightning^ Lightning transformer installations are 
grounded, and also one power transformer, of a power 
bank installation, is grounded. This factor—whether 
the transformer be grounded or not grounded—also 
may affect the failures. 

3. Primary Exposure. The height, length, number 
of primary wires, number of arresters, and the under¬ 
ground cable connecting to the overhead conductors 
are features which are studied in connection with the 
primary conductors. The height of mains connected 
to the transformer failure are of importance, the charge 
induced increases as the distance from the earth, or the 
point of zero potential, increases. The length of these 
wires is important, since the increased exposure in¬ 
creases the charge on the line. The number of arresters 
discharging, and the length of the line relieved by each 
arrester, should be considered. Long lengths of under¬ 
ground cables connected to overhead conductors at 
distances of 100 feet or so from the failure aid in reduc¬ 
ing the induced potential, and are a variable factor. 

4. Secondary Exposure. The length and height of 
secondary phase wire and the length of secondary 
neutral exposure is of importance. The secondary 
neutral is grounded on some systems and ungrounded 
on others. The grounded secondary neutral furnishes 
shielding of considerable value. 

5. Shielding. Structure shielding is quite low un¬ 
less the structure is of steel adjacent to and higher 
than the line. Frame and brick structures, unless 
extending two or more stories above the line and adja¬ 
cent to it, furnish little shielding. Trees extending 
above the line and adjacent to it, and telephone cables 
on the same pole as the primary conductors, furnish 
good shielding and must be considered. 

6. History of Immediate Territory. Transformers 
burned out and fuses blown due to lightning in the 
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adjacent areas of approximately one square mile should 
be considered to determine the severity of lightning 
within that area. Certain areas may be more suscepti¬ 
ble to lightning disturbances than others; this sus¬ 
ceptibility may be due to geographical conditions, or 
the character of the structures within the area. 

7. Lightning Entrance. A study of the transformers 
burned.out should be made and an attempt to determine 
the lightning entrance, whether it be over the phase 
or neutral primary, or over the secondary wires. Evi¬ 
dences of arcing on the case, bushings, and pole should 
be noted and the extent and nature of the burns on the 
windings of the transformer. Any damage to cus¬ 
tomer’s equipment should be studied as evidence of 
lightning entrance over the secondary side of the 
transformer. 

These are the factors which should be studied in 
connection with each case of failure, whether it be trans¬ 
formers, underground cables, or secondary equipment. 
After this study, one of the factors may be found to be 
almost entirely responsible for the failure, and with 
sufficient data covering a period of years, an attempt 
can be made to eliminate these factors as much as 
possible and better the protection. 

The Commonwealth Edison Company now installs 
2300-volt arresters on primary phase, and 300-volt 
arresters on the primary neutral; and as a result of their 
studies of the seven factors listed, the advisability of 
arrester installation on the secondary side of the trans¬ 
former is being considered as a means of further reduc¬ 
ing interruptions of service due to lightning burnouts. 

Voltage Standardization 

Several excellent papers dealing with transmission 
and distribution voltage standardization have been 
presented to the Institute during the past year and 
undoubtedly have contributed much toward clarifying 
the status of this problem. The ultimate solution, 
however, is still somewhat obscure. With the present 
tendency toward interconnection of systems the 
standardization of voltages becomes of increasing 
importance and it seems urgent to push the studies in 
this field. 

Stability and Load Limitations op Power Systems 

During the past year, the most significant develop¬ 
ment has been the engineering studies of several of the 
power companies which have led them to adopt special 
means to improve operating conditions and minimize 
the probability of outage. The stability studies have 
led to the adoption of synchronous machines of low 
reactance and high short-circuit ratio provided with 
quick-response excitation. The first installation of this 
kind will be in California followed quickly by similar 
installations in Pennsylvania and Alabama. The in¬ 
clusion of these features in specifications for these 
installations shows the importance that the engineers 
of large utilities are attaching to the subject of stability. 


An important advancement in the transmission art 
is the development by Frank G. Baum of “A Trans¬ 
mission System.” Broadly, the principle of this system 
consists in supplying to the line at each point the 
reactive kv-a. required for transmitting the power over 
the line at that point, irrespective of whether power is 
taken in or given out there and incorporating in the 
devices used for this purpose the necessary character¬ 
istics to enable them to supply the reactive power 
required for stability under all conditions of operation, 
Practically, this means the installation of synchronous 
condensers of proper characteristics at intermediate 
points of long distance transmission line, in order to 
increase the amount of power that may be transmitted 
over that line as compared with the same line without 
the condensers. 

Sustained attention is being given to the design and 
construction of machines having characteristics appro¬ 
priate for long-distance power transmission. It is 
recognized that the desirable characteristics in syn¬ 
chronous machines from the standpoint of stability are 
low leakage reactance and high short-circuit ratio. 
The better performance thus obtained may be utilized 
to increase the amount of power transmitted rather 
than the margin of stability. Generators of low re¬ 
actance were decided upon by the Southern California 
Edison Company for its Big Creek 2-A power plant and 
for the motor end of the frequency changer set at 
Farmersville located at an intermediate point on their 
Big Creek transmission system. Maintenance of 
stability is essential not only for long-distance trans¬ 
mission lines but also for comparatively short systems of 
large capacity and high standard of service. For 
example, in the case of the Conowingo development of 
the Philadelphia Electric Company, it was found that 
the use of generators having special characteristics 
would increase the reliability of the system. 

Quick-response excitation which has been introduced 
commercially during the past year, maintains a high 
average value of voltage in synchronous machines at 
time of changes in circuit or load conditions thus 
improving the stability of operation. In some cases 
it will be desirable to use quick-response excitation in 
addition to special characteristics in the synchronous 
machines. The speed of response of the excitation 
system is obtained by the use of multiple-connected 
field windings in the exciters and separate excitation. 
Motor-driven exciters have been employed instead of 
direct-connected exciters for low-speed generators, 
because quicker response can be obtained with exciters 
of higher rotational speed and smaller air gaps which are 
possible with motor-driven units. To obtain the 
advantages of the quick response excitation system it 
must be controlled by a suitable voltage regulator 
capable of acting promptly and keeping its contacts 
closed until the system voltage has approached normal 
value. In order to secure correct operation of the 
voltage regulator under all conditions of operation, two 
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potential transformers with a positive phase sequence 
network are employed instead of the single potential 
transformers normally used. Quick-response excitation 
systems have been ordered for each of the plants 
described above, and in addition for the Lock 18 and 
Tallassee plants of the Alabama Power Company. 

In last year’s report mention was made of the theory 
of artificial stability which had been previously ad¬ 
vanced and which had been substantiated by actual 
calculations and to some extent by experimental tests. 
Further experimental data not only confirms the 
laboratory data previously obtained but establishes the 
fact that artificial stability can be obtained on com¬ 
mercial power systems. While it is not expected that 
systems would normally be operated in the range of 
artificial stability it is undoubtedly desirable to take 
advantage of this increased limit as a margin. It 
should of course be appreciated that the real advantages 
of quick response excitation systems lie in the increased 
power limits under transient conditions. 

Going further in the development of voltage sus¬ 
taining devices, successful experiments with a small 
inherently compensated synchronous condenser have 
been carried out. The compensating current responds 
not only to a change in the magnitude of the load 
current but also to a change of the load power factor. 
It is necessary to keep in mind that this response to 
change of angle is quite important during transient 
conditions. 

An important development during the past year has 
been the increased interest in the recording of systems 
data useful from the stability standpoint. The most 
suitable instruments for this purpose are of the oscillo¬ 
graphic type arranged to operate automatically on the 
occurrence of system trouble. For instance, on the 
occurrence of a fault to ground, a ground relay places 
the automatic recording apparatus in operation and 
after the record had been obtained, auxiliary relays 
automatically disconnect the apparatus and prepare 
it for a subsequent operation. Particular mention 
should be made of the instantaneous watt elements, a 
sample of which was displayed to the Committee during 
the year. Such a watt element is particularly useful 
in stability studies. 

These instruments should be very valuable to 
enable operating engineers to obtain data on the 
performance of their systems during transients. This 
data will be useful also in planning future extensions, 
ties, and interconnections. 

Another point, mentioned in last year’s report as 
being incomplete, is the matter of fault resistance. 
The effective value of the fault resistance at the time 
of a flashover cannot in general be measured directly. 
A new indirect method has been used successfully 
which consists in making a chart of calculated values 
of ground currents for various fault locations and for 
arbitrary values of fault resistance. Lines of constant 


resistance on this chart are used as parameters of 
reference and the actual fault current, as measured by 
the above mentioned oscillographic recording device, 
is plotted on this chart; its position with reference to the 
constant-resistance lines gives the actual fault re¬ 
sistance. In this way fault resistance, when comparable 
to the reactance of the system, can be obtained with a 
fair degree of accuracy, and since only the order of 
magnitude of fault resistance is important, this accuracy 
is adequate. 

During the past year progress has been made in 
increasing our technical knowledge on the subject of 
transmission stability. One paper on this subject was 
presented by Mr. 0. E. Shirley and another by Mr. 
H. V. Putman. Mention should also be made of the 
paper by Messrs. Doherty and Nickle on the Theory of 
Synchronous Machine, which gave consideration to the 
stability characteristics of machines. Noteworthy 
progress in the general understanding of the stability 
problem has been facilitated to a considerable degree by 
the use of the mechanical analogy due to Mr. S. B. 
Griscom, and presented before the Transmission 
Committee and several Section meetings. 

Underground Cables 

A pronounced drift toward the use of single-con¬ 
ductor cables and three-conductor metal-sheathed 
unbelted cables is making itself felt. More data are 
being secured as to the relative merits of these two types 
of cables as well as the ordinary belted three-conductor 
cable. Aside from any difference in dielectric strength 
the belted three-conductor cable is at a disadvantage 
due to the fact that faults frequently are from phase to 
phase instead of being confined to ground as is usually 
the case with the single-conductor or metal-sheathed 
three-conductor cables. 

Where the duct size permits, three single-conductor 
cables may be installed in one duct thereby avoiding 
the necessity of having an individual duct for each 
cable which in many cases would make the subway cost 
prohibitive. This practise is being followed to a large 
extent on the system of the New York Edison-United 
Companies with very satisfactory results. 

Progress is continually being made in the develop¬ 
ment of super-voltage cables. The 66-kv. Cleveland 
cable has been in service for about three years and the 
Philadelphia cable which was rated at 75 kv. but 
operated at 66 kv. has been in service for about one 
year. While some failures have occurred the operation 
in general has been satisfactory. 

The Commonwealth Edison Company has in service 
two 75-kv. lines each consisting of three single con¬ 
ductor 750,000-cir. mil cables with 24/32-in. insulation 
and is installing additional circuits of this size and 
insulation which will go into service this Fall. 

One of the encouraging features has been the highly 
successful operation of the oil-filled joints. 



♦film* 1027 


TRANSMISSION AND DISTRIBUTION 


780 


While short time tests indicate that the 24/32-in. 
insulation is liberal and that the cables might have a 
somewhat higher voltage rating, the deterioration rate 
of insulation stressed on this basis is not yet accurately 
determined. 

Trial installations are being made on 66-kv. cables 
of joints which incorporate a means of insulating the 
intervening section of sheath. By suitably connecting 
the insulated sections the sheath currents may be 
minimized and the carrying capacity of the cables 
thereby increased. 

The past year has seen considerable development in 
the use of oil reservoirs of various types on high-tension 
cable splices. The oil supplied by these reservoirs no 
doubt reduces or possibly eliminates voids, especially 
near the joints. This is of considerable importance as 
it has been found that the cable itself absorbs large 
quantifies of oil for weeks or even months after installa¬ 
tion. The ind ications are that the oil absorption by the 
line bears a direct relation to the temperature range 
through which the line is worked, the greater the 
temperature range the greater the oil absorption. 
Considerable attention should be given to the volume 
capacity of the oil reservoirs as the temperature changes 
also produce appreciable variations in the volume of the 
insulation for which it is desirable to compensate. 

A clear distinction should be made between this type 
of cable and the 132-kv. cable now being installed in 
New York and Chicago. The latter has a hollow core 
filled with an oil which is fluid at all operating tempera¬ 
tures and this central space is connected at suitable 
intervals with large oil reservoirs capable of com¬ 
pensating for volumetric changes in both oil and cable 
whether due to temperature changes or other causes. 
No experience has yet been had with these 132-kv. 
installations but if is expected that their operating 
record during the next few years plus the further 
experience with the lines .operating at 66 kv. will 
indicate whether or not the usual type of cable can be 
made to operate satisfactorily at over 75 kv. and also 
show whether the hollow core, oil filled type and its 
several accessories are good for 132 kv. or possibly 
more. 

Voltage Suryes on Underground Cable Systems. In 
the course of the studies which have been made of high 
voltage transients on underground cable systems 
klydonographs have been installed on 16 cable systems 
for the purpose of obtaining operating records of 
transients on these* systems. The highest voltage 
recorded was 4.6 times normal. Nearly 99 per cent of 
all the surges recorded were under three times normal 
and 92 per cent of the total were unidirectional and 
therefore of brief duration. As the highest surges are 
of the same order as the commonly specified test 
voltage of the cable, but last only a small fraction of a 
second, it is probable that they have no effect on the 
cable insulation. 


Use op Temperature Indicators on Distribution 
Transformers 

Experience which has been obtained from the use of 
temperature indicators on distribution transformers 
in Boston has indicated that material savings may be 
accomplished due to a better loading of the trans¬ 
formers. Some operating companies, however, feel 
that temperature indicators are not a satisfactory 
substitute for load tests but in any case it is probable 
that under cool weather conditions where the ambient 
temperature is materially below 40 deg. cent, which 
usually corresponds to the peak-load season in Northern 
cities the transformers can be safely loaded to values 
considerably in excess of their rating. An important 
reduction in transformer investment may thereby 
result. 

Philip Torciiio, Chairman. 

Discussion 

I). W. Roper: This report calls attention to some of the 
lightning arrestors and distribution circuits in Chicago. For 
four that the readers might get a wrong impression, I want to 
add a little to what appears in the report. The lightning- 
arrester records of the several types appeared to indicate that the 
results obtained were not quite what were expected. Further 
investigation of that point has brought out an interesting feature, 
somewhat unlooked for, in that some of those burn-outs which 
have been recorded and which have affected our results wore due 
to lightning entering via the secondary circuits. The lightning 
arresters we have are on the primary circuits. The primary 
distribution, in general, occupies the top arm and the secondary 
ordinarily the next lower arm. Sometimes it is on the same arm 
with the primary circuits. As the lightning potentials which 
appear on the line uro in proportion to the height from the 
ground, it is seen that the secondary circuits have been getting 
almost the same lightning effects as the primary. 

We have examined a few transformers .not very many.but 

as nearly as we can determine from the few which we have 
examined, something like one-third of our transformer burn-outs 
have been due to lightning which entered the secondary winding. 
We can hardly blame the lightning arresters which arc connected 
to the primary circuits if some transformers hum out due to 
lightning entering on the secondary circuits. 

S. «J. Ro.sch : The report under the paragraph on Under¬ 
ground (’aides, says, “There is a pronounced drift toward the 
use of single-conductor cables and throe-conductor metal- 
sheathed unbelted cables." I believe it would bo highly advis¬ 
able in view of its importance, to include in this report some 
figures indicating the quantity of the latter type of cable now in 
use in this country. Undoubtedly, many operating engineers 
in making up their 102.X budget, will naturally look to this and 
similar reports, for an indication of what type of cable to purchase 
for their throe-phase circuits, whether to use throe-single con¬ 
ductors, the regular halted three-conductor cable, or the metal- 
sheathed unbolted type. It would also be of value to have some 
figures on the probable use in the near future, of the latter type 
of cable. 

Alfred Her/,: I have one question in mind in regard to the 
inter-bonding or grounding of cable sheaths. We all realize 
that considerable longitudinal voltage makes its appearance in 
these sheaths, especially in a sheath surrounding a single-conduc¬ 
tor cable. What is the practise in taking care of, or rather in 
avoiding detrimental effect when you bond or ground such cable 
sheaths? 
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Philip Torchio: Answering Mr. Roseh’s inquiry as to 
what per cent of three-conductor cable is now of the metal- 
sheathed unbelted type, I think there is a very small amount in 
use at the present time but several manufacturers are ready to 
make it and a considerable demand for it is anticipated. 

Regarding the surge voltages on underground cables as 
indicated in the report the maximum recorded was 4.6 times 
normal. Now a cable which is operated at 40 to 50 volts per 
mil is tested at about 165 volts per mil so that the normal 5- 
min. test voltage is about four times the normal operating volt¬ 
age. There remains still a large margin above the test voltage 
before actual breakdown is reached so that a surge of 4.6 times 
normal especially in view of its brief duration should not give 
deterioration. This is in further explanation of the Committee’s 
intent in giving that view. 

Replying to Mr. Herz’s question about taking care of the 
induced voltages and currents in the sheaths of single-conductor 
eables, that can be done by providing insulating joints in the 
sheaths and cross connecting the insulated sheath sections in 
such a manner that the induced voltages are counterbalanced. 
As an alternative the insulated sheath sections may be grounded 
at one end giving a voltage normally of a few volts at the other 
end of the section which may under short-circuit conditions reach 
values of the order of 100 volts. 

Herman Halperin: (communicated after adjournment) 
In the last part of the report, there is a discussion regarding the 
migration of oil from oil-filled joints into cable, and it is stated 
that the oil “no doubt reduces or possibly eliminates voids, 
especially near the joints.” Then, at the end of the same para¬ 
graph is the following: “The use of such oil-filled joints makes it 
possible that satisfactory single-conductor eables of the usual 
type of construction may be obtained for operation at 110-kv., 
3-phase.” 

Up to a few years ago, joints were the limiting feature for 
underground eables in going to higher voltages, but with the 
recent development in joints, this limit has been removed. In 
connection with the last quotation, if the cable as it leaves the 
factory is not of a quality to give satisfactory operation at 
110-kv., 3-phase, then, according to experience with cable made 
in the past year, the addition of oil-filled joints will not make 
the cable operate satisfactorily. Apparently, this -was not the 
intent of the quoted statement, but one might infer it from 
reading the report. Operating and laboratory data indicate that 
the principal factors necessary to obtain satisfactory 110-kv. 
cable are either to improve the quality of cable insulation 
furnished in cables of ordinary construction, or change the cable 
construction, or both. 

In Chicago, No. 10 transformer oil has been used for filling 
about 150 three-conductor, 33-kv. joints and 750 single-con¬ 
ductor, 75-kv. joints. There -have been occasions to examine 
the joints and cable adjacent in connection with cable failures, 
and the insulation next to the joint has been usually found well 


impregnated, partly due to the migration of oil from the joint 
into the cable insulation. However, considerable deterioration 
has been found in the cable insulation as close as 2 ft. from the 
joint. 

In connection with laboratory tests on 75-ft. lengths of single¬ 
conductor, 75-kv. cable and also with lengths that had been in 
service- several months, dissection has shown that the distance 
the oil traveled from potheads or joints, varied from a few feet 
next to the sheath to a maximum of about 50 ft. along the strands 
of the conductor, depending on the kind of impregnating com¬ 
pound in the cable insulation. The penetration of the oil 
readily into the insulation was for only a few layers, except for 
the few feet of cable mmediately adjacent to the potheads or 
joints. 

Operating experiences with underground lines and tests on 
cable samples have indicated great variations in the quality of 
insulation along the length of cable. 

Apparently the effectiveness of oil in improving the quality 
of the insulation is practically limited to only a few feet, which is 
very short in comparison to the length of a section of cable be¬ 
tween manholes that may be 400 to 700 ft. long. 

W. A. Del Mar: (communicated after adjournment) The 
maintenance of impregnation is now recognized as an essential 
element of success in the operation of high-tension cables, and 
the report clearly calls attention to the distinction between the 
use of oil-filled joints -with reservoirs and the hollow-core type 
used on the 132-kv. circuits at Chicago and New York. 

Another distinction which might be made is between two va¬ 
riants of the former type, namely, cables in which the reservoirs 
are used merely to maintain the impregnation and those in which 
they are used to maintain a definite pressure within the cable. 
The former type is subject to limitations, especially where the 
cable is impregnated with a jelly compound, as the reservoir 
oil penetrates very slowly, and there is a tendency for the residual 
air to accumulate near the center of the section of cable. The 
latter type, i. e., where the system is designed for pressure main¬ 
tenance rather than penetration, assumes that air will be present 
and provides means for making it harmless. This is done sub¬ 
jecting the air to such pressure that it will not ionize at the 
existing dielectric stress. 

An experimental installation of this land has been made in 
Detroit, bellows reservoirs being used, which are kept under a 
pressure of approximately 0.4 atmosphere above normal by 
means of weighted lever. The desired pressure was prede¬ 
termined as indicated in the discussion of my paper on The 
Effect of Internal Vacua, Journal A. I. E. E., Oct. 1926, p. 1012, 
i. e., the maximum dielectric stress in the cable was calculated 
and the air pressure determined at which thin air films begin to 
ionize at this stress. The reservoir pressure was set slightly 
above this point. 

It is obvious that the success of this pressure system depends 
to some extent on the use of cable impregnating compound which 
is fairly soft or fluid at operating temperatures. 
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To the Board of Directors: 

This committee in its report last year gave a rather 
complete survey of the present state of the art in the 
•field of protective devices for power systems. As 
many of the principal features of that report still 
describe the present practise in these various lines, the 
committee will report at this time more especially its 
activities during the past year. 

The principal work of the committee this year has 
been, first, in the arranging for and the actual prepara¬ 
tion of papers for presentation at meetings of the 
Institute, of which about 15 have been presented as 
listed in the reports of the subcommittees following, and 
second, in the work of standardization in connection 
with which during the year there were issued two 
reports on standards, one for lightning arresters and one 
for automatic stations. 

The work of the committee has been carried on by 
subcommittees, each under the direction of its own 
chairman, and after the first organization meeting of the 
main committee, held at Chicago in October, the 
further meetings have been held by the subcommittees 
individually. The subjects covered and the chairmen 
in charge of the subcommittees are as follows: 

Automatic Stations, W. H. Millan, Union Electric 
Light & Power Co., St. Louis, Mo. 

Current Limiting Reactors, E. A. Hester, Duquesne 
Light Co., Pittsburgh, Pa. 

Lightning Arresters, J. A. Johnson, Niagara Falls 
Power Co., Niagara Falls, N. Y. 

Oil Circuit Breakers, J. M. Oliver, Alabama Power 
Co., Birmingham, Ala. 

Protective Relays, H. P. Sleeper, Public Service 
Electric & Gas Co., Newark, N. J. 

Reports of the individual subcommittees follow. 


Subcommittee on Automatic Stations 


Four papers have been arranged for by this subcom¬ 
mittee during the year: 

Carrier-Current Selector Supervisory Equipment, by 
C. E. Stewart and C. F. Whitney. 

Testing, Inspection, and Maintenance of Automatic 
Stations, by Chester Lichtenberg. 

Automatic Substations, by D. W. Ellyson. 
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Development of Automatic Switching Equipments in 
United States and Europe, by A. H. de Goede. 

In the matter of standardization, this subcommittee 
has prepared and circulated Report No. 26 on Standards 
for Automatic Stations. Criticism of this report is 
invited and it is hoped that many engineers to whom the 
report will be sent will respond with such suggestions 
as will permit adjustment of the substance of the 
report into a final set of standards. 

In the matter of research work it has been suggested 
that the application of automatic control has a direct 
influence on the degree of service actually rendered, 
and that a study should be made of the subject, with a 
view to determining to what extent, if any, automatic 
control of station equipment has improved service. 

Subcommittee on Current Limiting Reactors 

Since there has been no marked progress in design, 
and since no very unusual installations have been called 
to the attention of the subcommittee, the subject of 
development will be passed with just a word. The fact 
that practically all new reactors now being installed 
are of the insulated conductor type shows that it is to be 
preferred over the older type with bare conductors. 
The superiority of insulated conductors has also been 
rather definitely proved by exhaustive tests. There 
seems to be some hesitancy on the part of operating 
engineers to go to the use of reactors of a higher voltage 
than 33,000 volts, although there are some successful 
installations of higher voltages, and manufacturers 
express their confidence in being able to produce satis¬ 
factory high-voltage equipment. 

In last year’s report, certain recommendations were 
made covering subjects to be studied this year. These 
were for the most part problems which have been 
considered by previous subcommittees and to which no 
solution has yet been discovered. Chief among these 
is the question of the value of resistance shunted 
reactors. It was hoped that the extended use of the 
klydonograph and Dufour oscillograph would shed some 
light on this much mooted question, but nothing 
conclusive has been obtained. 

Another suggestion was that some work be done in 
an effort to reduce the variety of reactors with respect 
to voltage, current, and reactance values. The idea 
was that they might be standardized, with respect to 
their various characteristics, in steps in much the same 
way as has been done on oil circuit breakers. This was 
discussed at one of the Main Committee meetings and a 
decision handed down that this problem properly 
belongs to the N. E. L. A. rather than to the A. I. E. E. 

Further study of possible standardization for reactors 
is now under way. 
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Subcommittee on Lightning Arresters 
March 24, 1927 

Papers and Research. Last year’s report described in 
considerable detail two new tools which have become 
available for the study of huhfnine; and other transient 
electric phenomena; namely, the klydonograph and I,he 
Dufour cathode ray oscillograph. That report also 
suggested three items of further work to 1 >e (lone; namely: 

1. Standardization of technique for using lightning 
generators for testing lightning arresters, 

2. .Determination of voltage time characteristics of 
lightning arresters including rate of discharge, and the 
dielectric spark lag, 

2. Statistical data of operating experience on high- 
voltage lines. 

During the past year, substantial progress has been 
made along these lines by the use of the two devices 
above mentioned. This progress is recorded in the 
following papers presented before the Institute during 
the past year: 

1. Lightning and Other Kxperienees with CU-Kr. 
Steel Tower Tranmnission Linen, by M. L. Sindeband 
and P. Sporn, Journal, Vol. XLV, No. 7, p. (ML 

2. Measurement of Transients by the Liehteiitwnj 
Figures, by K. B. McEaehron, Journal, Vol. XLV, 
No. 1.0, p. 904. 

3. Lightning A Study of Lightning Hods and Cages 
with Special Reference to the Protection of Oil Tanks, by 
F. W, Peek, jr., Journal, Vol. XLV, No. 12, p. 1240. 

4. Measurement of Surge Voltages on 'Transmission 
Lines Due to Lightning , by Everett S. Lee and (V M. 
Foust, Journal, Vol. XLV I, No. 2, p. 149. 

5. Transmission Line Voltage Surges , by J. H. Cox, 
Journal, Vol. XLV I, No. 2, p. 252. 

5. Klydonograph Surge Investigation, by J. II. Cox, 
P. H. McAulev, and L. dale Huggins, Journal, Vol. 
XLV I, No. 5, p. 459. 

Since the progress in research during the year in 
general is summed up in the conclusions of t hese papers, 
it seems worthwhile to restate these conclusions here 
in so far as they t hrow light on the nature and magni¬ 
tude of lightning surges and the characteristics of the 
devices being used to investigate them. 

Mr. MeEaehron’s paper concludes as follows: 

"As a result, of this investigation, it. can he definitely 
stated that the size and appearance of both positive and 
negative Lichtenberg figures are dependent, on t he wave 
front, as well as on the crest voltage. 

Throughout the range of wave fronts probably found 
in service, the size of the positive figure is not much 
changed by a change in wave front, only, except at 
voltages close to the upper limit of potential where a 
decrease in the size of figure is indicated with very 
abrupt fronts. 

The positive figures may be divided into three type 
forms which are partly determined by wave front and 
partly by the value of the crest voltage. It, is possible 


to gain some idea of t he steepness of t he front from the 
appearance of the positive figure. 

The size and appearance* of the negative figures are 
considerably affected by changes in wave front, the 
steepest waves always giving t he largest: figures. The 
percentage change with a constant crest, voltage applied 
is greatest, for the lower volt ages. Tin* change seems to 
he groat enough so that it cannot, he neglected. The 
negative figures change in appearance with increasing 
steepness of wave front, hut the changes arc so indefinite 
that it is only possible to state that a particular negative 
figure probably represents a fast wave or a slow wave." 

The paper by l ee and Foust, contains field kly¬ 
donograph records showing surge voltages on a trans¬ 
mission line as high as 1500 to 2100 kv. In one case 
this was a highly damped oscillatory surge predomi¬ 
nantly negative; in anot her case it was a unidirectional 
surge with positive polarity. 

Bractieally all figures obtained on transmission lines 
wen* of the type* It class (paper by McHaehroru and 
may lie placed, therefore, within the wide range of 
wave* fronts which vary roughly from that of a slow 
(i()-oyele wave to a surge which comes to its maximum 
value in a fraction of a microsecond. 

The maximum surge volt,ages obtained compare 
favorably with the laboratory results of insulator flash- 
over tests; (lie value lSOO kv. for the lightning spark- 
over of a 14-unit insulator string seems to he close to 
the upper limit of voltages actually measured on the 
line by means of recorders, The authors summarize 
this paper as follows: 

"it has been shown that surge voltage recorders using 
the positive photographic Lichtenberg figures have 
given essentially the same calibration data under a 
variety of conditions; also that the accuracy of such an 
instrument is in the order of 25 per cent, with a some¬ 
what better value possible for those measurements 
wherein several similar observations may be obtained. 

"Anextensionofiost,rumen! design has been described 
wherein two recorders are used t ogether, which allows 
the use of the positive figure as a voltage measure of 
all surge voltages, thus insuring greater certainty of 
result. A more comprehensive analysis of the figure 
characteristics is also possible, since both positive and 
negative figures arc available. 

"A meansof connecting the surge voltage recorder to a 
transmission line of higher than instrument voltage has 
been described which has been proved in service to be 
simple, reliable, and easy to calibrate. C Calibration 
data, are presented to show t hat with such connection, 
reasonable accuracy may be obtained in recording 
voltages up to values in the order of 2000 kv. A speci¬ 
men record of such volt agesobfaiuedm the field is shown. 

"The records which can he obtained from surge voltage 
recorder instruments connected as desired along a 
transmission line will allow the facts regarding surge 
voltages on transmission lines to be determined with 
reasonable exaetn ess. ’ ’ 
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Mr. Cox’s paper concludes as follows with respect to 
lightning: 

“1. Positive lightning strokes are frequent but weak. 
They are slow, of the order of 0.01 sec., and hence do 
not induce surges on transmission lines. 

“2. Positive strokes, even though slow, may produce 
surges of importance on isolated . low-voltage lines, 
such as communication lines. 

“3. Negative lightning strokes are less frequent but 
more violent. They discharge in about three micro¬ 
seconds and hence produce high-voltage surges on trans¬ 
mission lines. 

“4. The field gradient is often as high as 60 kv. per ft. 
and may reach 100 kv. per ft. Thus a surge of over 
2000 kv. might be induced upon a line of ordinary height 
with sufficiently high insulation. Eighteen hundred 
kv. has been recorded by the klydonograph. 

“5. The time lag of an insulator flashover is less 
than the time of discharge of a negative stroke and thus 
the impulse flashover voltage of the insulators limits 
the possible potential. 

“6. The stroke of lightning itself is unidirectional. If 
an oscillatory surge due to lightning is recorded, it is a 
line oscillation resulting from a flashover.” 

The paper by Cox, McAuley, and Huggins contains 
the following conclusions with respect to lightning: 

“1. Surge voltage due to lightning is unidirectional. 
The clouds which produce surges are of negative 
polarity, resulting in positive induced voltages and neg¬ 
ative direct-stroke voltages. 

“2. The maximum values, reached by lightning surges 
on transmission lines, are limited by the flashover of 
the insulators. It is believed that the flashover voltage 
of220-kv. transmission line insulation, at the steepnesses 
of wave front of lightning surges, is comparable to the 
maximum potentials ordinarily induced by lightning. 

' ‘3. The flashover voltage of the average insulation of 
lines up to 140 kv. is about seven times normal for 
lightning impulses. 

“4. Seldom more, and often less than two surges, 
comparable in magnitude to the insulator flashover 
voltage, appear at a given point of a line during a storm. 

“5. The frequency of occurrence of the higher surges 
does not seem to be greater for low-voltage than for 
high-voltage lines. 

“6. High-voltage surges are damped below the corona 
voltage in traversing a few miles of line. At low magni¬ 
tudes they may travel long distances, 

“7. The quantitative measurements with the klydono¬ 
graph agree with the theories regarding induced volt¬ 
ages and the protection against these afforded by the 
ground wire. 

***** *** ***** 

“13. Except for lightning surges and arcing grounds, 
no high-voltage disturbances of particular importance 
to the operating engineer appear on transmission lines. 

• ****** ******* 


“18. In the investigations of the performance of light¬ 
ning arresters in actual service, it was found that 
arresters in general give satisfactory operation, that is, 
they relieve all surge voltages above the standard test 
voltages for equipment, insulation. Discharge currents 
up to 2500 amperes occur in practise. From these 
tests it is concluded that the field performances of 
arresters confirm predictions based on laboratory tests. 

“19. Lightning arresters do not protect a line against 
flashovers at distant points.” 

It is desired to call particular attention to Fig. 12 of 
the paper by Lee and Foust which shows results of 
klydonograph calibrations reported by Messrs. Cox and 
Legg, Mr. McEaehron, and Messrs. Lee and Foust. 
“These results show remarkable agreement for the 
work of the different observers in different laboratories, 
with different instruments and circuits, and give added 
weight and certainty to the calibrations of the Lichten- 
berg figures in regard to magnitude of voltage.” 

As for the determination of wave shape from Lich- 
tenberg figures, the following excerpt from the paper by 
Messrs. Lee and Foust is significant: 

“At the present time, the determination of wave 
shape from the Liehtenberg figure characteristics is not 
as definite or as certain as the determination of the 
magnitude from the figure size, and herein there is 
room for added study. Further study along these 
•lines tending toward greater exactness in the interpre¬ 
tation of figure characteristics is desirable.” 

From the foregoing results of the researches of the 
several investigators, the following significant summary 
of present knowledge may be made: 

• 1. Lightning strokes are unidirectional. 

2. Positively charged clouds discharge in about one 
one-hundredth of a sec.; negatively charged, in about 
three microsec. 

3. Surge voltages due to lightning are usually uni¬ 
directional. The clouds which produce surges are of 
negative polarity, resulting in positive induced voltages 
and negative direct-stroke voltages. Oscillatory surges 
are the result of flashovers and are highly damped. 

4. The wave front steepness, or time required for a 
lightning surge to reach its crest, lies within the broad 
range between about one one-hundredth of a second and 
one microsec. The steepest waves probably reach their 
crest in a time of the same order as that required for 
the discharge of a negatively charged cloud, namely, 
about three microsec. 

5. The maximum potential of lightning surges agrees 
with theory and laboratory tests and is limited by the 
flashover value of the line insulators. 

6. Lightning arrester performance in service confirms 
laboratory tests. 

With the foregoing facts reasonably well established, 
it would appear that the establishment of standards 
for lightning arresters and lightning arrester test 
apparatus and procedure may now be undertaken upon 
a rational scientific basis. 
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Standards . The progress which has been made 
during the past year is bringing nearer the time when 
rational standards for lightning arresters can be for¬ 
mulated. Since the lightning arrester is a device for 
dealing with transient voltages, the standardization of 
arrester characteristics and testing devices and pro¬ 
cedure upon a rational basis demands the adoption of 
a standard transient potential or lightning surge. Such 
a standard transient or lightning surge should resemble 
as nearly as laboratory limitations will permit, the most 
destructive surges which natural lightning produces on 
transmission circuits. Sufficient evidence is now avail¬ 
able to indicate that such natural surges reach their crest 
values in a time on the order of three to four microsec. 
It is believed that the demand of the art at the present 
time for the adoption of a standard transient for light¬ 
ning arrester testing is sufficient to justify the adoption 
at this time of a tentative standard. Therefore, in the 
formulation of standards for lightning arresters, in 
which work the subcommittee is now actively engaged, 
it is proposed to establish a standard lightning surge 
for laboratory use which it is proposed to define as i ollows: 

“The standard lightning surge shall be one which 
rises to its crest value in four microsec. and which does 
not decrease more than 2 per cent in the following 10 
microsee.” 

For the purposes of lightning arrester standardization, 
it is proposed to fix the maximum value of the standard 
lightning surge at 100' kv. in order to limit the size of 
the necessary laboratory equipment. 

It is felt that the accelerated progress which will 
result from the agreement upon a standard transient is 
sufficient justification for the adoption of such a stand¬ 
ard at the present time, even though further experience 
may indicate that the exact form of the standard 
adopted may have to be changed. The Institute has a 
standard for cyclic voltages, namely, the sine wave. 
There would seem to be no reason why it should not 
likewise have a standard for transient voltages. Pos¬ 
sibly more than one such standard may be required for 
different purposes. 

' Since the entire matter of standardization of test 
procedure for lightning arresters depends upon the 
adoption of a standard transient, the matter is men¬ 
tioned here in order that the committee may have the 
benefit of open discussion of the matter in the work of 
formulating standards on this most difficult subject. 

It is also desired to point out here that the cathode 
ray oscillograph is rapidly supplanting the use of 
sphere-gaps in determining the voltage and current 
characteristics of lightning arresters, and that conse¬ 
quently such terms as “equivalent sphere-gap/ 31 “dis¬ 
charge rate,” and “dielectric spark lag” are rapidly being 
left behind, and are being replaced by actual voltage 
and current curves obtained with the cathode ray 
oscillograph. Such cathode ray oscillograms can be 
interpreted in terms of actual volts, amperes and times, 
even down to fractions of a microsecond, and conse¬ 


quently give far more comprehensive information regard¬ 
ing the performance of lightning arresters than ever was 
or ever could be possible from the use of sphere-gaps. 

It is hoped that the standards now under preparation, 
in connection with which a considerable amount of 
research is also under way, may be sufficiently advanced 
for presentation sometime within the next few months. 

Subcommittee on Oil Circuit Breakers 
There was presented at the Winter Convention, a 
paper entitled Tests on High- and Low-Voltage Oil 
Circuit Breakers Conducted by the American Gas & 
Electric Company, prepared by Philip Sporn and Harry 
P. St. Clair. This paper may properly be classed as 
research work, since it gives valuable information on 
the subject of rupturing capacity of oil circuit breakers 
and methods which may be used in determining what 
these capacities are. This is the most important 
problem in the matter of oil circuit breaker design, 
and needs much additional research work of this class. 
Several other companies are arranging for similar oil 
circuit tests, and most of these tests are being con¬ 
ducted according to the recommendation of uniform 
test procedure, which will insure comparative results 
and much valuable data. 

Arrangements have also been made for and work is 
nor progressing on the preparation of a joint paper, 
Rating and Selection of Oil Circuit Breakers, which will 
bring up to date information presented some years ago 
in a paper of the same title by Messrs. Burnham, 
Hewlett, and Mahoney. 

In the matter of standards, certain changes have been 
recommended, and are now under consideration by the 
Standards Committee, in Standards No. 19 and No. 22, 
Further work on standardization is necessary, in the 
opinion of the subcommittee, in connection with the 
temperature rating on switch and circuit breaker con¬ 
tacts and other parts. This work is being carried on as 
rapidly as possible with other interests that are involyed. 

We believe that further work in standardization 
can be accomplished by the study of factors which 
determine the interrupting duty on oil circuit breakers. 
This is recommended for future study. 

Subcommittee on Protective Relays 
During the past year there have been presented 
under the auspices of this subcommittee, five papers, 
including: 

Automatic Netivork Relays, by W. K. Bullard, 

A-C. Network Relay Characteristics, by D. K. Blake, 
Evolution of the Automatic Relay Unit, by J. S. Parsons, 
Design and Application of Automatic A-C. Network 
Units, by G. G. Grissinger, 

Ground Relay Protection of Transmission Systems 
by B. M. Jones and G. B. Dodds. 

In studying the question of standardization, there 
has been prepared a report on current and potential 
transformer characteristics. The result of this study 
is presented herewith, and it is recommended that 
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further consideration be given the subject, with a view 
to standardizing the limitations of use of current 
transformers of various characteristics. 

Report of the Subcommittee on Current and Potential 
Transformer Characteristics 
By H. M. Rankin, Chairman 

1. The purpose of this subcommittee investigation 
was to determine the effect of very high currents on the 
characteristics of current and potential transformers, 
and to specify the nature and extent of information 
which is necessary to their application to protective 
relaying. It was the opinion of the members of the 
subcommittee that the characteristics of potential 
transformers were not sufficiently affected by high 
current conditions to warrant investigation from a 
relaying standpoint. This report, therefore, deals 
exclusively with current transformers, including both 
the “instrument type” with multiple primary turns and 
the “bushing type” with single turn primary. 

2. Characteristic ratio curves for current trans¬ 
formers should have a lower limit of one ampere second¬ 
ary current and an upper limit determined by any one 
of the following three conditions: 

10,000-amperes primary current, 

20 times normal rated current, 

2 times nominal ratio. 

3. Characteristic ratio curves should be furnished 
for both “instrument” and “bushing” type current 
transformers for inductive burdens, power factor 0.5, 
as follows: 

15 Volt-amperes 

25 

50 “ “ 

100 “ 

200 “ 

All values of volt-amperes given are based on five 
amperes, 60 cycles. The various loads are also to be 
specified in ohms resistance and henries inductance. 

4. Until further experience may demonstrate that 
more narrow limits may be adhered to, the manu¬ 
facturers should furnish, for each type and ratio of 
current transformer, a characteristic curve which 
shall be correct within the following limits: 

a. ± 23^2 per cent deviation from standard curve up 
to 1.1 times nominal ratio. 

b. ± 10 per cent deviation from standard curve at 
2 times nominal ratio. 

c. The deviations at points between 1.1 and 2 times 
nominal ratio shall be interpolated on a straight line 
basis. 

The manufacturers will, in future, keep a cloe checks 
on current transformer tests to determine whether the 
above limits are reasonble or can be decreased. If 
greater accuracy than the above is required, pending the 
result of further investigation on the part of the manu¬ 
facturers, it should be the subject of special request. 

5. Change in phase angle under high-current con¬ 
ditions. Some change in phase angle undoubtedly 


does occur, especially with “bushing” type current 
transformers in connection with large non-inductive 
secondary burden. It is thought that under conditions 
normally met in operation with secondary burdens 
approximating 0.5 power factor, this change in phase 
angle will have no serious effect on relaying. Informa¬ 
tion is lacking, however, on this point and it is recom¬ 
mended that more complete tests be made. 

6. Change in wave form under high-current con¬ 
ditions. The following oscillograms show plainly the 
wave distortion at high currents: 

7. Comparison of relay test methods. Fig. 13, 
shows a comparison of the primary-secondary method 
to the shunt method of testing relays with “bush¬ 
ing” type current transformers. The curve marked 
“1-Turn Primary” represents, of course, the actual 
operating condition of the “bushing” type current 
transformer. For the curve marked’“Shunt Method,” 
.the primary ampere-turns are calculated by multiply- 
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ing the input current by the number of secondary 
turns on the '‘bushing 5 ’ transformer. The "4-Turn 
Primary curve shows the discrepancy which may be 
involved when testing with one-fourth of the primary 
current through four turns wound on the core. The 
“bushing” type current transformer chosen in this test 
was one having a very low ratio and with the second¬ 
ary turns bunched in a small space on the core,.in 



order to exaggerate the errors involved. With a higher 
ratio transformer in which the secondary turns would 
be more evenly distributed around the core, the dis¬ 
crepancies would probably be much reduced. 

8. Error due to eccentric location of primary con¬ 
ductor. Fig. 1.4, which is self-explanatory, shows the 
effect of eccentric location of the primary lead of a 
"bushing” type current transformer, combined with the 
effect of a bunched secondary winding. From a relaying 
standpoint, the discrepancy is so small as to be 
negligible. 

The attention of the subcommittee for the past 
year has also been given to the matter of relay test 
specifications and standards. It has been found diffi¬ 
cult to unify the varying practises of the many operating 
companies, as well as the test methods of the various 
manufacturers. It is not considered advisable at this 
time to undertake to offer a final and complete form, but 
the following data are given as the basis of tentative 
recommendations by this subcommittee. 

1. Nameplate Data. 

a. Descriptive name of relay. 

e. Nominal operating current or voltage, or both. 

c. Frequency. 

d. Calibration curve. 

e. Time setting chart. 

f. Volt-ampere consumption and power factor 

or resistance and reactance of various coils. 

g. Manufacturer's type or model designation. 

h. Manufacturer’s name or mark. 

i. Interrupting capacity of tripping contacts. 

j. Polarity of directional relays. 

2. Allowable Temperature Rise. 

a. Coils. 

b. Contacts. 


3. Insulation Resistance or Dielectric Strength Test. 

a. Insulation resistance test made with a megger 

of either 500- or 1000-volt rating. 

b. Dielectric strength test voltage, frequency, 

and duration of test. 

4. Permissible Minimum Contact Separation. 

5. Allowable Discrepancy from Nominal Value Given 
on Taps. (Current or voltage or both.) 

6. Zero Torque Test on Zero Power Factor, Current 
Alone, Voltage Alone, Etc. 

7. Chattering Test at High Current. 

8. Vibration Tests. 

It is hoped that the interested members will comment 
to the subcommittee on the above suggestion and that 
by another year, the report may be in the form of a 
recommended standard. The work of this committee 
should continue, therefore, for another 12-month period. 

It is further recommended that the attention of this 
subcommittee be directed toward the establishment of 
other relay standards. This is a subject which deserves 
considerable attention as there are few phases of the art 
in general which are really standardized, and the need 
is great. Other suggested subjects are: Standardiza¬ 
tion of characteristic curves, standardization of descrip¬ 
tive nomenclature, standardization of relay symbols for 
single-line diagrams, standardization of relay symbols 
for wiring diagrams, and standardization of relay 
operation nomenclature. 

It is recommended that a subcommittee be appointed 
on "Relay Handbook Revisions and Amendments.” 
The book has now been published about two years, and 
it is believed that sufficient advances and improvements 



in the art have occurred to warrant their inclusion in 
the "Relay Handbook.” It is the belief of this sub¬ 
committee that such action will be justified every two or 
three years. Otherwise, the value of the book will 
disappear in a few years’ time by reason of obsolescence. 

In the matter of future papers, it is recommended that 
papers be prepared, on the following subjects: 

Operating Experience with Impedance Relaying 
Operating Experience with Parallel Line Relay, 
Protection. 

F. L, Hunt, Chairman, 
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Discussion 

Allred Herz: I want to mention a few tnings about the 
klydonograpli. This device makes use of photographic emulsion 
coated on a base of celluloid or glass. The essential thing is the 
sensitivity of this emulsion. 

A photographic emulsion after development will appear as a 
collection of grains of practically metallic silver. The size of 
these grains seems to have a direct bearing on the sensitivity of 
the emulsion. In general as the sensitivity is increased, the 
grains also increase in size. These grains appear under the 
miseroseope as separate islands, or clusters of islands with clear 
spaces between. Films usually supplied for cameras are coated 
with an emulsion of a fair degree of sensitivity. I believe such 
films are generally used in the klydonograph. It is possible to 
obtain emulsions which have practically no grain, such emulsions 
being usually made with albumin and not gelatine. They are 
abnormally slow for ordinary photographic work; but they make 
sensitive surfaces of such a fine grain that they can be used 
for miscroseopic photographs. 

The usual photographic emulsions, made with gelatine, are 
quite hygroscopic, and I really believe that some caution and 
research should be carried on as to the effect of atmospheric 
conditions upon the results obtained with the klydonograph. 
I feel quite confident that some of the results are influenced by 
changes in the atmosphere. Therefore, if you want results that 
are really comparable, it is important first of all to make use of 
the same brand and speed of film or plates for all the tests con¬ 
templated. Furthermore, the experiments or tests should be 
carried on under some specific and similar conditions of the 
atmosphere. 

I believe the Lieht-enberg figures are produced by minute 
electric discharges between the grains mentioned, which wall 
account for the ray-like images we obtain under certain condi¬ 
tions as well as for some of the figures resembling tree-like growth. 


J. Allen Johnson: I wish to call attention to the matter 
of lightning-arrester standardization. It appears that by the 
use of the klydonograph (which you may call an-approximately 
accurate instrument) and the Dufour oscillograph (which is 
probably a very accurate instrument) the fog which has for so 
many years surrounded the lightning-arrester question is grad¬ 
ually being dissipated. The difficulties in the way of the stand¬ 
ardization of lightning arresters and lightning-arrester tests 
appear to be passing away. However, the lightning arrester is a 
device for dealing with transient voltages, for its protective 
value bears a relation to the transient voltage, not to the cyclic 
voltage which we generate on our lines. It therefore seems 
necessary, in order to standardize lightning-arrester character¬ 
istics, that we first standardize a transient voltage. That idea 
may sound revolutionary as we have always been accustomed to 
thinking of transient voltages as very uncertain in theh nature, 
but the use of the klydonograph is beginning to give us pretty 
good evidence as to the true nature of the surges which occur 
on transmission lines. We find, for instance, that they are 
usually unidirectional, or, if not, highly damped. We are 
beginning to have evidence as to the steepness of their wave 
fronts. 

It seems, therefore, that the time is nearly ripe to standardize a 
lightning surge for comparative tests of lightning arresters. 
This report suggests a definition of a standard surge. 

I wish to announce that the lightning arrester subcom¬ 
mittee would be very glad to have any ideas on this subject so 
that the committee may have the benefit of them in working out 
this standardization. The committee has prepared a tentative 
form of standards for lightning arresters based upon—that is, 
starting from the basis of the report of the working committee 
in 1926. I have about twenty-five copies of this tentative form 
and I should be glad to give copies to any one sufficiently 
interested. 


Iron and Steel Industry 

Annual Report of Committee on Applications to Iron and 

Steel Production* 


To the Board of Directors: 

The importance of electricity to the production of iron 
and steel has reached such magnitude that this Com¬ 
mittee believes that all engineers should be informed as 
to the situation so as to be prepared to apply it success¬ 
fully in all its fields of application. To this end, the 
Committee would outline the extent to which electricity 
is being applied in this industry. 

Lighting 

Perhaps the first application was that to lighting. 
The arcs were replaced by incandescent lamps and now 
illumination is receiving much attention as to the proper 
lighting of various jobs and work spaces. Proper 
illumination is now credited with increase in both 
production and safety. Steel mills, however, are not 
yet lighted as they should be, and increased emphasis 
should be placed on this phase of their work by electrical 
engineers. 

Heating 

The use of electricity for heating has increased with 
the installation during the past year of over 25 melting 
furnaces. These range from M ton to 25 tons, and are 
of the arc type. The time of melt has been reduced 
considerably. The increase of production has also been 
greatly influenced by furnace design. The removable 
roof type of furnace appears to be the trend in design. 

Resistor type, furnaces are being used for annealing 
and for heat treating of alloy steels. Laboratory fur¬ 
naces have been used in the steel mills for many years. 

Several years ago electrical heating was applied to 
rolls in sheet and tin mills to increase production during 
the first turn after a shut down or a roll change. This 
use is apparently well grounded since a report by the 
A. I. & S. E. E. states that 168 roll heaters are in use 
in 19 plants. Electrical heating devices have been 
used in crane cabs and offices for many years. 

Main Roll Drives 

During 1926 nearly 150 main roll drives were pur¬ 
chased, all of which were electrically operated. Of 
these only six were a-c., the rest were d-c., ranging from 
230 to 900 volts. Of a special interest is. the 8000-hp., 
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700-volt reversing, d-c. motor drive for the 54-in. 
blooming mill in a Pittsburgh mill. Large motors for 
such drives have become common. Individual motor 
drives on tandem strip mills are also of interest because 
of their increased use. While the use of d-c. motors 
has predominated, a few induction motors have been 
installed with speed control; also, a few large syn¬ 
chronous motors have been applied with apparent 
success on their particular mills. Undoubtedly, the 
use of synchronous motors for mill drive will increase. 

To reduction of labor and the actual improvement in 
the steel produced is due the importance of the electri¬ 
fication of steel mills. Electric drives in steel mills 
permit the mill designer to produce a mill that will do 
things heretofore impossible. 

Auxiliary Mill Drives 

In connection with the installation of many new main 
mill drives, auxiliary drives have come in for much 
attention, with the idea of giving closer control of these 
auxiliaries with fewer operators. Automatic control 
of screw-downs, tables, transfer cars, and drag-overs, 
together with furnace doors and pit covers, has increased 
with resultant efficiency, the ratio of steel production 
to men employed. 

The A. I. & S. E. E. has completed its specifications 
for auxiliary and mill motors and one motor manu¬ 
facturer has announced motors built according to these 
new specifications. 

Alternating current is gaining some ground applied to 
auxiliary drives, but direct current is apparently very 
well grounded in the steel mill electrical man's scheme 
of operations. 

Welding 

Electric welding can be mentioned briefly because it 
is used extensively for repair work, and indications are 
that in the future building construction will be in¬ 
fluenced by this process. 

Perhaps the most important application of electric 
welding is its use for the building up of large machines 
by welding plates. These welded structures are to 
replace castings. The ease with which complicated as 
well as simple structures can be made, together with 
their lightness and strength, is making this innovation 
one of importance and one which gives promise of 
rapidly increasing use. 

Safety 

Because of the wide-spread use of electricity in mills, 
the various electrical departments appear to be leaders 
in safety programs and the elimination of all hazards as 
■well as those electrical. This may be because of the 
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peculiar nature of electrical hazards, and the extensive 
steps taken by power companies and electricity users to 
eliminate these hazards and to take care of unfort unate 
victims. The prominent place of steel mill electrical 
men in the promotion of safety should be recognized. 

Measurements and Instruments 

The metering of electric power has been practised 
from the first, and its convenience has caused its more 
extensive use in the mills in order to determine not only 
the total power costs, but also the detailed operating 
costs down to individual machines and drives. Kven 
auxiliary drive controllers are being specified to include 
permanent shunts for convenient; metering. This 
permits proper distribution of costs for different 
processes. 

Fleet,ricity also plays an important part in other than 
power measurements, such as tachometers and pyrom¬ 
eters for speed and temperature determinations. The 
metering of gases is done also readily with great con¬ 
venience by electrical means. 

By the increased use of electrical power measurements 
attention has been called to economies that arc possible. 
These economies are watched by all departments and 
stimulate effort by department, heads to make savings 


heretofore uncontemplated. Furthermore, these mea¬ 
surements and economies stimulate improvement of 
design to affect even greater economies. 

(lONUl.USJON 

In conclusion, it, may In* noted that there is con¬ 
siderable activity in the rebuilding of steed mills so as 
to produce more steel at a lower cost . I hi* old steam 
drives are replaced by electric drives, most of which arc 
for direct, current. 

The transmission of electric power at high voltages, 
together with the ease with which it can he converted 
for convenient application, has caused the use of 
electricity to drive* out steam. Its use is now amply 
safeguarded and engineers and operators are more 
skilled in its application and use. The ease with which 
a few mill operators can control a large number of 
motors through remotecon!ml devices further demon- 
si rates the superiority of the electric drive This 
rapidly increasing use of electric power demands the 
closest attention of electrical engineers. 

The improvement in engineering that is apparent 
today gives a certainty of predetermination of results 
which is not only gratifying to the engineer, hut of 
greatest value to the executive. 










Economic Aspects of Electricity in Mining Work 

Annual Report of Committee on Applications to Mining* 

To the Board of Directors: _ good judgment is exercised in selecting the time at 


The applications of electricity in the mining in¬ 
dustry, especially in coal mining, have shown a marked 
increase during the past year, due principally to the fact 
that its use is an important element in the solution of 
the problem of high mining costs. These adverse 
economic conditions have forcibly brought to the 
attention of mine managers the necessity of replacing 
expensive labor by electrically operated mechanical 
devices. ’ 

Coal loading machinery operated by electricity has 
demonstrated its entire practicability and has shown a 
saving of 25 to 35 cents per ton in mining costs. Much 
study still remains to be made concerning the question 
of coordinating machine loading and mining methods. 
This new and concentrated use of power in a certain 
section of a mine means a complete reconstruction of 
the power system, in order to obtain a good voltage 
regulation for not only the new equipment but for the 
old as well. 

An armoured cable capable of delivering 3000 kw. 
of power at 4000 volts and 80 per cent power factor 
has been recently installed in a metal mine shaft 5000 
ft. deep. The lowering of a cable of this size into a 
vertical shaft and its proper clamping to the supporting 
timbers were problems solved in delivering a big block 
of power to the bottom of a deep shaft. 

In gaseous coal mines where ventilating fans are 
electrically operated by power obtained from extensive 
high-tension systems, it is necessary to provide an 
emergency source of power to operate the fan in case of 
the failure of the normal power supply. A successful 
installation of this type was placed in service during the 
past year, and it consists of a gasoline-engine-driven 
generator set which will supply power to the emergency 
motor connected to the double extending fan shaft. 
After a failure of the normal source of power, 30 sec. 
are required to automatically start the gas engine set 
and restore normal fan service. 

The use of storage battery power trucks with a capac¬ 
ity of about 150 kw-hr. for operating coal cutting 
machinery is increasing. Installations of this type 
result in an increase in the number of places cut and 
an improved load factor of the power system, providing 
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which the battery is charged. In gaseous mines, the 
use of battery power not only for cutting, but for 
pumping and hauling as well, introduces an element of 
safety heretofore unobtainable. 

Automatic starting equipment has been successfully 
applied to pumping plants, converting apparatus and 
fans, and lately, air compressors have been operated 
without attendants. Successful applications of auto¬ 
matic starting .equipment have been made to two- 
and three-speed induction motors, notwithstanding 
the complicated electrical layout which an installation 
of this type involves. 

Improvements in the haulage systems are being 
effected by the use of gathering locomotives designed to 
operate at a slower speed than during the past. The 
. converting equipment required for haulage locomotives 
is being placed nearer to the load centers, thereby 
improving the voltage regulation. In mines where a 
very large tonnage must be transported through a 
single outlet, belt conveyors have been installed which 
have demonstrated their value under the above men¬ 
tioned special conditions. 

Many installations of electrical • shovels have been 
made in the metal mining industry, and more recently, 
the coal mining industry is using this type of shovel. 
The Ward Leonard control on the large shovels and a 
motor-generator set with d-c. motors on the smaller 
shovels show the trend in the electrical apparatus used 
on shovels. 

The work of the United States Bureau of Mines in 
listing the permissible electrical equipment for use in 
gaseous mines is one which deserves the commendation 
and support of all those interested in the safe operation 
of coal mines. The list is growing rapidly and at the 
present time it is so complete that a mine manager may 
select permissible equipment for practically every 
application in mining. The equipment shows good 
design and a low maintenance cost. The fact that the 
Bureau of Mines has approved as much equipment 
during the past two years as was approved during the 
previous 10 years is proof sufficient that its work is 
being valued by the mining industry. 

That electricity is being applied in the development 
of mine safety appliances is shown in the recently 
developed methane detecting device. Briefly, it con¬ 
sists of a platinum filament mounted on the end of a 
stick, a battery, and an indicator carried on the in¬ 
spector’s belt. Current from the battery is passed 
through the filament and it is heated to a constant 
temperature. The presence of methane or other hydro¬ 
carbon gas around the filament increases its temperature 

















802 


ELECTRICITY MINING WORK 


Transactions A. I. E. E. 


and this is indicated on a dial graduated to show the 
amount of methane in the air. Indicators may be 
permanently located in an airway and can be wired to 
a device in the mine office which will ring a bell when the 
methane rises above the point which is considered safe. 
Explosions are prevented by protecting the coil by 
gauze bonnets such as are used in the Davy safety lamp. 
The results obtained from this apparatus are very 
satisfactory. 

Further development of the miner’s cap lamp has 
doubled the light available. Judging from the in¬ 
creased efficiency obtained from factory workers when 
the illumination is increased, there is no doubt that the 
increase in light furnished to the workers in the “darkest 
factory” in the world will result in an increase in safety, 
and efficiency as well. 

When one considers that 80 per cent of the American 
mines are electrified, it seems reasonable to conclude 
that this accomplishment has been helpful in reducing 
operating costs. 

Such a general adoption of electrical power by mines 
where the equipment is subjected to damp and gaseous 
mine air shows that the manufacturers have done their 
part in designing equipment to meet the conditions. 
The commercial power companies have also helped in 
that they are usually in a position to serve a mine with 
power even if it is located in an isolated section. 

W. H. Lesser, Chairman. 


Discussion 

A. M. MacCutcheon: I should like to ask the committee 
if they can give us any more detail on the progress in getting 
apparatus approved with an unqualified approval of the Bureau 
of Mines. As I understand it, they give limited approval to 
certain types of apparatus. I have not yet learned that they 
give unqualified approval of types for use in gaseous mines. In 
talking to the people of the Bureau of Mines at Pittsburgh about 
two years ago, my conception was that they are approving 
apparatus because it is the best there is, but it is not thoroughly 
satisfactory. They said that if they used tests that they would 
be satisfied with, there was nothing on the market that would 
stand them. They said, “We are not giving unqualified ap¬ 
proval. When we get the right kind of apparatus, we will give 
unqualified approval.” I was wondering if apparatus now gets 
unqualified approval. 

E. J. Gealy: Under the subject of permissible equipment, 
the industry is today getting much equipment which it has needed 
for a long time. Every piece of permissible equipment is given 
what the Bureau calls a “permissible approval plate.” That is, 
it is approved only as long as.it is kept in the condition in which 
the Bureau had it vdien it was inspected, so it is what you might 
call “limited.” 

Aside from that, there is being developed other equipment 
Avhich is not strictly permissible, but is of a better type for 
mining service. That will probably result in what we might 
call “a semi-permissible type of apparatus.” 

W. H. Lesser: The only question to be answered was Mr. 
MacCutcheon’s question, and Mr. Gealy answered that. I 
don’t know now whether the Bureau of Mines will issue a plate 
showing unqualified approval. 



Marine Work 

Annual Report of Committee on Applications to Marine Work 


To the Board of Directors: 

I he committee in making its report this year does so 
with a feeling Unit its efforts to raise the standards of 
marine electrical installations and increase the utiliza¬ 
tion ol this most efficient, flexible, and safe form of 
energy, appear more assured than at any time before. 

The untiring efforts of the committee as a whole, 
and individually ol the members, with the section of the 
industry they represent, have, by the dissemination of 
information, removed to a large extent the opposition 
and indifference to electric drives, which has been due 
to a lack of information, and experience in the past, 
on the part of the owners and operators. 

An equally deciding factor, and one for which the 
committee hereby desires to acknowledge its apprecia¬ 
tion, has been the recognition accorded by various 
bodies covering inspection, classification, and insurance; 
viz., United States Government Departments, American 
Bureau of Shipping, National Board of Fire Under¬ 
writers, National Fire Protection Association, and 
similar associations, thus establishing complete 
harmony in the endeavor to increase the usefulness of 
'electricity, surrounded by the necessary safeguards. 

Fleetrie drive is not only gaining headway in its 
application to deck machinery, engine room auxiliaries, 
and cargo pumps, but; also as a means of propulsion 
for tugboats, ferryboats, and all classes of vessels where 
frequent starting and stopping is necessary, and where 
large torques are required at minimum speeds. This 
headway has been due to a careful study of the par¬ 
ticular application by the designing and operating 
engineers and to the hearty cooperation of the electrical 
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manufacturers to build special apparatus, where 
standards were not the most suitable and advantageous, 
and there is every evidence of' a continuance of this 
spirit. 

It will be recalled that in 1920, the Institute issued a 
volume,- Recommended Practise for Electrical Installations 
on Shipboard, which was accepted and used by a great 
majority of the naval architects, marine engineers, ship 
owners and shipbuilders, and recognized by the Insur¬ 
ance and Classification Societies as having filled a 
long-felt want. The committee takes pleasure in 
announcing that after three years of close application 
to the study of revision, the Institute will at an early 
date issue the revised edition which represents the 
combined efforts of representatives from United States 
Navy Department, Classification and Insurance 
Societies, electrical manufacturers, and shipbuilders, 
for which sincere appreciation, by the Institute and the 
committee, is hereby acknowledged. 

Arrangements are being made to give this edition 
wide circulation; first, that it may add to the simplifica¬ 
tion and standardization movement which is being so 
urgently advocated by the United States Government 
Department of Commerce, and secondly, that the 
Institute’s standards may be universally adopted, 
which ultimately will result in better products of 
uniform manufacture at lower first costs and 
maintenance. 

The economic feature of shipbuilding is at a low ebb 
and has not materially changed since the war; further¬ 
more, there is little hope of any relief until some 
changes are made in our shipping laws. 

Shipbuilders and owners of the United States cannot 
hope to compete with those of any other country, 
owing to material and labor prices. Our shipping laws 
provide protection only in the coastwise trade, and 
necessarily the advantages of electric drives which 
originated, and have been highly developed in this 
country, have opportunity for demonstration only in 
that class of vessels. 

G. A. Pierce, Chairman , 



Electrical Transportation 

Ann ual Report of Committee on Transportation* 


To the Board of Directors: 

During the past year the application of electrical 
means to the various branches of transportation con¬ 
tinued at an accelerated pace. The major division of 
the transportation industry, namely, steam railroads, 
added to its electrified lines and, although the mileage 
electrified is still a small percentage of the total, it is 
steadily increasing and is rapidly becoming an im¬ 
portant factor in railroad operation. Into the field of 
city and suburban railways, improvements are con¬ 
stantly being introduced. On the water, electric 
drives are being adopted more and more, with either 
steam turbines or oil engines as prime movers. Bus 
transportation is adopting, extensively, gas-electric 
propulsion. The oil-electric locomotive and the gas- 
electric motor rail car are being introduced in certain 
phases of railroad operation. 

Steam Railroad Electrification 

The year 1926 has seen the completion of two major 
electrification projects, that of the suburban lines of the 
Illinois Central Railroad out of Chicago and the line of 
the Virginian Railway between Mullens, West Virginia, 
and Roanoke, Virginia. The Detroit & Ironton 
Railroad completed 17 mi. of electrification between 
Fordson and Flat Rock, Michigan. 

The New York Central opened a new electrified 
section between High Bridge and Yonkers, New York. 

Of the principal uncompleted projects, the Great 
Northern Railway is electrifying 80 continuous mi. of 
its line between Wenatchee and Skykomish, Washing¬ 
ton. The Pennsylvania Railroad is extending electric 
suburban operation on its main line between Phila¬ 
delphia and Wilmington, and also from Philadelphia to 
West Chester. The New York, Westchester, & Boston 
Railway is continuing its extension of electrified line 
between Larchmont and Port Chester, New York. 
The Long Island Railroad is installing freight electrifica¬ 
tion on its Bay Ridge division. 

Illinois Central Railroad. The first step in the elec¬ 
trification of the Illinois Central out of Chicago was 
completed during July of last year when the suburban 
service was placed in electric operation over 28 mi. 
of the main line and 8.9 mi. on two branch lines. The 
ordinance under which this project was carried out 
calls for electrification of freight service within the city 
limits by 1935 and electrification of‘through-passenger 
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service on both the Illinois Central and Michigan 
Central by 1940, provided a certain portion of the 
tenant roads then using the passenger -station on East 
Roosevelt Boulevard are electrically operated at the 
time. 

The 1500-volt, d-c. system with overhead contact 
wire was chosen since there is no immediate prospect 
for extension over main line divisions. 

Power supply is secured at the railroad’s right-of-way 
from substations owned and operated by outside power 
companies. The conversion from 60-cycle power to 
1500-volt direct current is accomplished by means of 
synchronous converters and mercury arc rectifiers. 
One of the reasons for purchasing power rather than 
building a generating plant was the fact that the power 
companies can supply power from several plants over 
various routes and thus aid in securing continuity of 
service. 

The distribution system of the railroad is so laid out 
that the wires over each track are separate electrically 
and can be sectionalized at substations and inter¬ 
locking plants by automatic high-speed circuit breakers. 
Normally, the wires are tied together over all tracks.. 
No feeders are required external to the catenary 
system. Trolley feeder switches in all substations and 
tie stations are operated from the railroad company’s 
power supervisor’s office by supervisory control. The 
power supervisor has electrical indication from each 
substation and tie station and, in case of trouble, he 
can cooperate with the train dispatcher who occupies 
a joint office. 

The catenary system, which provides the entire 
current-carrying capacity, has an average conductivity 
over each track of about 790,000 cir. mils, copper equi¬ 
valent. This figure takes into consideration average 
wear on the contact wire. The catenary system is 
completely non-ferrous, with a double contact wire. 
Chord construction is used on curves with the aid of 
shortened pole spacing. The rail bond, adopted as a 
final standard, is a U-type gas-weld bond consisting of 
two No. 1 A. w. g. flexible conductors-. 

The 260 multiple-unit cars for this service are built 
in two-car units. Two pantographs and four 250-hp. 
nominal-rating, self-ventilated, series railway motors 
are located on each motor car to which a trailer car is 
semi-permanently attached. Normally, only one pan¬ 
tograph on each motor car is in operation. Each 
pantograph exerts a pressure of about 20 lb. against 
the contact wires. Automatic couplers couple the cars 
together mechanically, electrically, and pneumatically 
with full automatic operation between the two-car 
units. 

Virginian Railway. Heavy electric freight operation 
over the entire electrified zone of the Virginian Railway 
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started in September, 1926. The electrification is 
now complete from Mullens, West Virginia, to Roanoke, 
Virginia, a route of 133 mi. 

An 11,000-volt, 25-cycle, single-phase, a-c. system is 
installed. The problem of taking a heavy tonnage 
train down a long grade was a large factor in deciding 
upon the a-c. system in order to use split-phase locomo¬ 
tives for regenerative braking. 

The power plant, owned and operated by the railway, 
contains lour 12,500-kv-a., 25-cycle, single-phase turbo 
generators and five water tube boilers each rated at 
1521 b. hp. Pulverized fuel is used and has been 
found to be peculiarly well adapted to the rapidly 
fluctuating power load. 

Electric power is transmitted from the plant at 88,000 
volts over twin transmission lines. There are seven 
transformer substations along the right-of-way. They 
contain three-coil transformers in which the low-voltage 
winding is divided into two parts. One part of the 
winding supplies 11,000 volts between the trolley and 
rail, while the other part supplies 22,000 volts between 

feeder and the rail. This gives a potential between 
trolley and feeder of 33,000 volts. Transformer wind¬ 
ings are so constructed that reconnection for 22,000 
volts from trolley to ground can be made when traffic 
demands require this to be done. Balancer stations 
containing auto-transformers are located between the 
main transformer stations in order to connect the feeder 
circuit to the trolley and rail. 

The catenary system is completely non-ferrous with a 
copper and bronze composite messenger and a bronze 
contact wire. Inclined catenary is used in general, 
but on account of the great number and high degree 
of curves, pull-offs have also been employed. 

The 12 road locomotives are each built in three units 
which are electrically identical/ They receive power 
from the single-phase trolley through a transformer and 
phase converter, and are driven by three-phase traction 
motors at running speeds of 14 and 28 mi. per hr. Each 
complete locomotive weighs 637 tons. 

Detroit & Ironton Railway. During 1926, the 
Detroit and Ironton Railway started electric operation 
on 17 mi. of line from Fordson to Flat Rock, Michigan. 

Power is supplied at 44,000 volts, 25-cycle, single¬ 
phase, between feeder and contact wire, with 22,000 
volts between contact wire and ground. 

The catenary system is non-ferrous, composed of 
4/0 bronze contact wire and a %-in., seven-stand bronze 
messenger wire. The supports for the catenary are 
unique in that they are pre-cast reinforced concrete 
arches bolted together and placed on concrete founda¬ 
tions. Inclined catenary is used on curves. A 14-in. 
stranded copper feeder, together with auto-trans- 
formers, is used to secure three-wire feed. 

The locomotives, two in number, are of the motor- 
generator type. In these locomotives, alternating 
current is stepped down to 1240 volts to drive a syn¬ 


chronous motor which, in turn, drives a 600-volt d-c. 
generator. Eight traction motors, of the d-c. type, 
rated at 225 hp., are mounted on each power unit 
which is articulated into two wheel bases of four axles 
each. The complete locomotive consists of the two 
power units. It has 32 driving wheels on which the 
total weight of 372 tons is carried. 

Great Northern Railway. The line of the Great 
Northern Railway between Wenatchee and Skykomish, 
Washington, involving about 80 mi. of route, is be¬ 
ing electrified with 11,000-volt, single-phase, alter¬ 
nating current. Twenty-six miles of the old line 
(from Cascade to Skykomish) is now in operation. 
A new tunnel 1% mi. long is being constructed to im¬ 
prove the route and to replace the old Cascade tunnel 
which was electrified in 1909 with 6600 volts, three- 
phase. 

Two motor-generator type locomotives with two cabs 
each have been placed in service, which convert the 
25-cycle power into 600-volt direct current to operate 
the traction motors. These two locomotives have a 
continuous rating of 3660 hp. at 15) 4 mi. per hr. with 
a tractive force of 88,500 lb. 

Two single cab motor-generator type locomotives 
are now being built. They will convert the 25-cycle 
power to 1500-volt direct current to operate the motors 
with two motors in series. These locomotives will 
have a continuous rating of 3000 hp. at 18.6 mi. per hr. 
with a tractive force of 60,500 11). 

Pennsylvania Railroad. The Pennsylvania Railroad 
has under way the electrification of its main line for 
suburban service between Philadelphia and Wilmington, 
a distance of 27 mi. After this is completed, the 
suburban line between Philadelphia and West Chester 
will also be electrified. The design is laid out with due 
regard to the possibility of future extensions. 

Electric power will be purchased, stepped up, and 
transmitted along the right-of-way at 132,000 volts, 
25-cycle, single-phase, 66,000 volts to ground, over 
duplicate transmission lines to the transformer sub¬ 
stations where it will be converted to 11,000 volts for 
the trolleys. 

The catenary system will be completely non-ferrous. 
A bronze messenger wire with copper auxiliary wire and 
a single bronze contact wire will be used. The inclined 
type of catenary is to be installed on curves. The 
catenary supports are principally back guyed tubular 
poles with cross-span catenary to support the main 
catenary. 

Multiple-unit cars of the type in the existing suburban 
electrification to Paoli and Chestnut Hill will be used. 

New York, Westchester, <fe Boston Railway. The 
New York, Westchester, and Boston Railway lias built 
an extension of its line to Harrison, New York, and will 
continue on to Port Chester. Much of this extension 
adjoins the trackage of the New York, New Haven, and 
Hartford Railroad. Multiple-unit suburban service is 
operated with an 11,000-volt, single-phase system. 
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Long Island Railroad. The Long Island Railroad is 
electrifying its freight line to Bay Ridge for 11,000 volts, 
single-phase, with overhead catenary construction. 
This involves about 100 mi. of trackage. Seven 150-ton 
locomotives for operation on this line have been 
delivered. 

The extension of the third rail d-c. electrification 
over the West Hempstead passenger branch was 
completed last October. 

New York Central Railroad . * During 1926, the 
New York Central opened electric operation for multi¬ 
ple-unit service on the Putnam division, extending 
from Sedgwick Avenue Station, New York City, to 
Yonkers, New York, a distance of seven mi. 

City and Suburban Railways 

New car equipment being placed in service on electric 
railways is now confined, in most cases, to the light¬ 
weight type of car, in order to secure reduced operating 
costs. 

Articulated train units are now in operation in 
street-car and subway service. Three-car articulated 
units for heavy subway and elevated service have been 
installed by the Brooklyn-Manhattan Transit Corpora¬ 
tion. These units consist of three-car-bodies mounted 
on four trucks. 

The most radical development is a car on which 
high-speed motors, entirely spring-supported, drive 
the axles through worm gears and a differential. Light 
weight and absence of noise are the outstanding charac¬ 
teristics of this car. 

Marine Propulsion 

Diesel-electric drive has been introduced on large 
tankers, suction and dipper dredges, ferries, and tug¬ 
boats. Double-end operation has been successfully 
introduced on tug-boats as well as on ferries. 

Turbo-electric drive has been used on ferries in ad¬ 
dition to its past application to large boats. 

Bus Transportation 

Simplicity, ease of control, and durability are among 
the advantages which are causing the rapid introduction 
of gas-electric drive on buses. 

Recent Developments 

Diesel Electric Locomotive. The Diesel engine prime 
mover with electric drive is finding an increasing field 
in moderate sized locomotives up to 1000 hp., on 
account of its high efficiency, ease and flexibility of 
operation, and the absence of stand-by losses. 

Gas-Electric Cars. Many of the gasoline-propelled 
rail cars now being placed in operation are equipped 
with electric drive. 

Automatic Substations and Supervisory Control. The 
automatic substation is now finding its way into the 
electric railway field. The New York Central Railroad 
is installing three such substations to supply additional 
power for its New York Terminal electrification. 


Supervisory control has been introduced by several of 
the recently completed railway electrifications, notably 
the suburban electrification of the Illinois Central, out 
of Chicago. 

High-Speed D-C. Circuit Breaker. The high-speed 
d-c. circuit breaker, on account of the fact that it is 
opened by the rate of increase of the current rather than 
by the current value, has two distinct advantages in 
railroad, electrification. First, the breaker will open 
before the current has reached a damaging value in 
any abnormal condition, such as motor flashovers, severe 
wheel sliping, or slight grounds. Second, the rapid rate 
of rise of current in a short circuit of any value makes the 
breaker more susceptible to short circuits than to heavy 
power loads and thus aids in securing selectivity be¬ 
tween these two conditions. 

Mercury Arc Rectifiers. The installation of mercury 
arc rectifiers for the Illinois Central is one of the first 
instances in which these rectifiers have been used in this 
country for a steam railroad electrification. 

Motor-Generator Locomotives. Motor-generator loco¬ 
motives are being placed in service by the Detroit and 
Ironton, Great Northern, and New York, New Haven, & 
Hartford Railroads. This type of locomotive can be 
built to give regenerative braking down to a very low 
speed. Speed control is flexible and the a-c. synchro¬ 
nous motor operates at a high power factor while the 
d-c. traction motors are developed to a high degree of 
efficiency. 

Test Plant for Single-Phase Locomotives and Cars. 
In order to test electric locomotives and multiple-unit 
cars, the Pennsylvania Railroad, during 1925, equipped 
its Locomotive Test Plant at Altoona with a motor- 
generator set to convert 11,000-volt, three-phase, 60- 
cycle power into 11,000-volt, 25-cycle, single-phase 
power. A 204-ton freight and passenger locomotive 
was tested in 1925. During the year 1926, a complete 
test was made with a multiple-unit car. 

New Single-Phase Induction Motor. A single-phase 
traction motor without a commutator 'has been built 
in Germany. It consists of two rotors on the same 
axis, one inside the other. The outer rotor is synchro¬ 
nous, excited by direct current. The inner rotor is a 
slip-ring motor which drives the shaft. According to 
the builders, power factor can be maintained at unity 
with this motor, and it is their hope that the motor will 
compete successfully with the a-c. commutator motor. 

Technical Papers 

The committee has been fortunate in securing some 
excellent papers for presentation at the Summer 
Convention in Detroit. They are as follows: 

Current Collection from an Overhead Contact System 
Applied to Railroad Operation, S. M. Viele, Pennsyl¬ 
vania Railroad. 

Catenary Design for Overhead Contact Systems, H. F. 
Brown, N. Y., N. H. & H. R. R. 
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( alaiarj / Construction for Chicago Terminal Electrifi- R. E. Wade and J. J. Linebaugh, General Electric Co. 
cation oj Illinois Central Railroad, J. S. Thorp, Illinois Railway Inclined-Catenary Standardized Design, O.M. 

Central Railroad Co. Jorstad, Westinghouse Electric & Manufacturing Co. 

Collection of Current from Overhead Contact Wires, J. V. B. Duer, Chairman. 

Electric Welding 

Report of the Committee on Electric Welding* 


To the Board of Directors: 

11 is the object of this report to give to the members 
of the Institute an idea of the commercial importance of 
Electric Arc Welding. 

In such a report as this, the subject falls into two 
main divisions: Electric Arc Welding, in which the heat 
for doing the work comes from an arc drawn between the 
work and an electrode; and Resistance Welding, in 
which the heat comes from the electric resistance to the 
passage of a large alternating current across the abutting 
edges of the parts to be joined. 

Elect ric. Arc. Welding is done by the carbon arc process 
and the metallic arc process. In the carbon arc process 
direct current; is used and the arc is drawn from the work 
to a carbon electrode. In the metallic arc process either 
direct or alternating current may be used, but direct 
current is generally preferred and the arc is drawn 
between the work and a metallic rod, which melts 
into the work. 

The carbon arc process was first used, on a commercial 
scale, fifteen or twenty years ago for the repair of steel 
castings. It has come to be accepted as the standard 
method of repair for minor defects in such castings. 
Practically all the steel foundries use this process and 
most of the (500,000 tons of steel castings made in this 
country each year have minor defects repaired by the 
carbon, arc welding process. 

I a x !<)motive Boiler Repairs 

The metallic arc first came into commercial impor¬ 
tance in 1914 in the repair of marine engine parts on 
some interned German ships. Since that time, this 
process has been used by the railroads to an increasing 
extent for the repair of machinery of all sorts. 

At the present time, it is safe to say that the locomo¬ 
tive which drew the train that brought you to this 
Convention had all the flues welded in the works that 
built the locomotive in the first place, and that the 
boiler has had some repairs by the" metallic welding 
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process made on it in the repair shops of the road 
owning the engine. The fact that locomotive boiler 
repairs are so frequently made is very striking evidence 
of just what the process can do, for electric welds will 
stand up in a boiler of a locomotive carrying 200 to 250 
lb. of steam and traveling over the rails at 60 mi. or 
more per hour. Electric welding is used for the repair 
of many parts of the locomotive beside the boiler. It 
is used for building up worn treads on driving wheels, 
worn guide bars, repairing broken frames, and for the 
repair of many other parts of the locomotive. 

Mr. Wanamaker, one of the members of your Electric 
Welding Committee and Director of Welding for the 
Rock Island Systems has stated that the use of welding 
has enabled them to make repairs so much more 
promptly that they are able to get the same service 
with 20 locomotives less than would have been neces¬ 
sary with the old methods of repair. 

To put it another way, welding has enabled the Rock 
Island System to reduce the investment in locomotives 
by over $.1,000,000 without decreasing the number 
of engines available for service. This is in addition to 
the savings effected by the use of welding over the 
older methods of making the same repairs. 

I quote from a letter from Mr. Wanamaker; 

“The latest estimate states that the railroads of 
this country now have invested approximately 
.$4,000,000 in arc welding equipment, covering 
some 3500 welding equipments which ate saving 
the railroads approximately $1,000,000 per month, 
or $12,000,000 per year. It is possible that the 
indirect savings will be greatly in excess of this 
figure. However, it is not the policy of railroads 
to assign a value to the indirect savings. 

“The use of electric arc welders for battered 
rail ends and special work rail is just now be¬ 
ginning to take strong root. I, personally, feel 
that the intelligent use of the electric arc welder 
has paid probably the greatest net return ever 
secured from any investment made in railway 
equipment, and I am somewhat at a loss as to why 
its use has not been more strongly furthered and 
fostered by the A. I. E. E.” 

Mr. Churchward, another member of your Com¬ 
mittee, has a number of photographs showing the 
repair of an 8000-lb. bronze propeller by the addition 
of about 1000 lb. of bronze at a great saving in cost; he 
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also has some photographs of the building up of the 
copper collector rings of a 1000-kw. rotary. 

As important in repair and replacement work as is 
the use of electric welding, recent experience shows that 
its greatest field is as a new method of manufacture of 
new products. 

It is clear that if a welded joint in steel can be 
made equal in strength to the plates to be joined, 
great economies in production can be obtained. 

Following will be found a number of examples of 
construction on a large scale, in which welding has 
replaced riveting and the older methods of joining 
steel plates. 

Shipbuilding 

So far as we know, the first all-welded vessel was 
built in Ashtabula, Ohio, about 1914, for use on the 
Lakes. This was a boat 40 or 50 ft. long, used as a 
fishing boat. It has been in satisfactory service ever 
since it was built. On one occasion, a year or so after 
it was built, the plates near the waterline were bent by 
smashing through ice on the Lake, but no joint opened 
up. 

Mr. James W. Owens, one of the members of your 
Committee and who, until his association with the 
Newport News shipbuilding & Dry Dock Company 
as its Director of Welding, was in charge of Welding 
Research and development for the U. S. Navy, says: 

“The Navy’s investigations of welding at the 
Norfolk Yard have resulted in increased confi¬ 
dence of the Department ip welding, with 
the result that it is now being used ex¬ 
tensively in new construction and repair of 
naval ships. Its battle towing targets, which are 
45-ton structures and of ^g-in., 14-in. and 1-in. 
plate material, are now completely metal arc 
welded, 15 such targets being constructed to date. 
The shell deck and two water-tight bulk-heads 

. of a pontoon for a 100-ton derrick have been 
completely welded. It is being extensively used 
in the construction of the light cruisers recently 
authorized by Congress, and an estimated saving 
of $250,000 is being secured by its use in the 
modernization of its capital ships. 

“The Coast Guard Cutter Northern which was 
recently launched at the Newport News shipyard, 
has its deck and superstructure very largely metal 
arc welded. Its rudder is completely welded and 
four seams at the waterline are welded in addition 
to being riveted in the usual manner, so as to 
enable the hull to more effectively resist ice pres¬ 
sure in Arctic service. Practically all oil, gas, and 
fresh and salt water tanks of ships being built at 
this yard, together with their piping systems, are 
being welded, and steps have been taken to com¬ 
pletely weld all of the ventilating system ducts. 
During 1926 a total of 165 welded tanks was built 


and it is becoming standard practise to weld deck 
beams directly to bulkheads with or without the 
use of plate collars. Two completely welded 
condenser shells for merchant ships have recently 
been completed, together with the exhaust pipes 
for several ships.” 

Welding Structural Steel for Buildings 
The steel frames for a number of buildings have 
been made by the arc welding process. In 1925 a 
three-story garage building, having a ground area of 
about 75 by 150 ft., was erected by the Wellman- 
Seaver-Morgan Company of Cleveland in Canton, Ohio. 
Although this was the first building arc welded by this 
firm, no difficulty was experienced in the erection, and 
they report a saving of 25 per cent in cost of erection, as 
compared with the cost of the same building riveted. 

The largest building erected by arc welding to date 
has been that erected by the Westinghouse Electric & 
Manufacturing Company of Sharon, Pa. Mr. A. M. 
Candy, a member of your Welding Committee, was in 
general charge of the work and has written a very com¬ 
plete and valuable paper describing the work. 

The building at the Sharon, Pa., Works of the 
Westinghouse Electric & Manufacturing Company is 70 
by 220 ft., by 80 ft. high and required 790 tons of metal. 
The following are some extracts from his paper: 

“That arc welded joints can be constructed in 
such manner as to develop fully the ultimate 
strength of the structural members connected. 

“That a steel I-beam of given section and length 
will sustain a far greater load if fixed at its ends by 
a suitably designed arc welded joint than if sup¬ 
ported by standard riveted connections consisting 
of top and bottom angles. A 9-in. standard 
I-beam framed between rigid upright columns 8 ft. 
apart by means of specially designed welded con¬ 
nections sustained a load 25 per cent greater than 
a beam of the same size and length framed between 
columns by means of riveted top and bottom 
angles Fz in. thick. 

“A plate girder, assembled by welding and con¬ 
sisting of nothing but sheared plates has a far 
greater strength than a riveted plate and angle 
girder of the same weight, due to the better distri¬ 
bution of the steel in the cross section. A 15-in. 
plate girder, assembled by welding and simply 
supported on a 14-ft. span, developed more than 
50 per cent greater strength than a riveted plate and 
angle girder of the same depth and the same weight. 

“The prevailing impression among the witnesses 
was that these tests demonstrated the superiority of 
welded connections to riveted connections in every 
case where direct comparisons were made, and 
brought out two general facts: 

“1. That complete continuity of lines of beams 
can be obtained in welded construction, whereas 
it is well known that this cannot be done in riveted 
construction. 
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“2. That in a welded building it will be possible 
to make every joint develop full strength of the 
main members, whereas in a riveted building many 
joints are weaker than the members due to the 
weakening effects of the rivet holes and the weak¬ 
ness of steel angles which have to be used for 
transmitting tension between two members at 
right angles to each other. 

“It was proved that a welded plate girder was 
50 per cent stronger than the riveted girder of 
relative depth, length, and weight. 

“An Olsen testing machine, capable of applying 
40,000 lb., was used.” 

In 1924 near Toronto, Canada, a highway bridge 
nearly 700 ft. long was erected by arc welding. 

The American Welding Society has an active com¬ 
mittee on Structural Steel Welding, the chairman of 
which is Mr. James B. Edwards, of the American 
Bridge Company. This committee is collecting data 
and making extensive tests to provide structural 
engineers with the fundamental information necessary 
to properly design an arc welded structure. The work 
of this committee is to provide the structural engineers 
with the information as to how long a weld and how 
thick a weld to use to give a strength of joint equal to 
the strength of the members being joined. 

Pipe Lines 

The carbon arc has been used for the manufacture of 
almost 90 mi. of pipe nearly six feet in diameter, for 
supplying water to Oakland, California, and the other 
Bay Cities in the vicinity. 

Following are some quotations from a paper read by 
J. F. Lincoln, March 17th, 1927: 

“As an illustration, The Mokelumne River pipe 
line which was made arc welded, is 90 mi. long and 
contains 78,000 tons of steel. If this same pipe 
line with the same strength of joint and the same 
ability to carry water had been made riveted, it 
would have required 128,000 tons of steel to accom¬ 
plish the purpose, and the cost would be at least 
$3,000,000 more. 

“The best illustration of the economic advan¬ 
tages of the above ideas are shown in the Moke¬ 
lumne River Pipe Line, which brings the water 
supply a distance of 90 mi. to the East Bay Munici¬ 
pal Utility District in California. This line runs 
from the Mokelumne River to Oakland and supplies 
the water for all of the Bay Cities, with the excep¬ 
tion of San Francisco. This job required, for the 
manufacture of the pipe, 78,000 tons of steel, 
the thickness of this steel being % in., % in., 
y 2 in., % in., and % in., depending upon the 
part of the line in which the pipe was to be placed. 
It was manufactured in two lines—the first running 
from the San Juaquin River to Oakland and the 
second, from the Mokelumne River to the San 
Juaquin River. 

“The first section of this, running from the 


San Juaquin River to Oakland, is at the present 
time completed and has been under pressure now 
for a considerable period. Because of the newness 
of arc welding, the engineers determined not to 
proceed with the second section of this pipe line 
until after the first section had been completed. 
They have, within the last sixty days, let the 
contracts for the second section, the specifications 
remaining identical in every particular with those 
of the first, thus showing the complete success of 
this method of construction. 

“It is also interesting to note that, in spite of the 
fact that no such work as this had ever before been 
attempted, in so far as thickness of plate, diameter 
of pipe, etc., were concerned, the first 40 mi. were 
completed more than one month ahead of time, 
and this in the face of the fact that the building 
for the manufacture of this pipe had to be con¬ 
structed, machines designed and built, and the 
whole plant put into operation. 

“The second section of this line, which is to be 
done in the same time as the first, will undoubtedly 
beat its schedule by many months. 

“The description of this line and of the problems 
involved, as concerns welding, can probably best 
be explained from the specifications which were 
drawn for it and under which the pipe was manu¬ 
factured. The specifications covering the welding 
machines provided that the welding shall be done 
with an automatic electric welding machine, 
designed specifically for the work covered by those 
specifications. This machine comprised among 
other necessary parts, a traveling carriage for 
carrying the carbon electrode, arranged to move, 
at a controlled rate, along a tract located inside 
of the pipe above the bottom seam, and water- 
cooled mandrels located on the outside and inside 
of the pipe and extending along this seam through¬ 
out its length. 

“Next, the method of testing was specified as 
follows: 

“Hydrostatic Test of Pipe Specimens. After 
each section of the pipe has been welded, it shall be 
subjected to a hydrostatic test under internal 
pressure sufficient to develop a tensile stress of 
20,250 lb. per sq. in. of plate, and while under this 
stress, shall be hammered vigorously on both sides 
of the weld with a 10-lb. hammer not more than 
once in every foot of pipe section. The pressure 
shall then be increased sufficiently to produce a 
tensile stress of 23,000 lb. per sq. in. of plate and 
so held until the efficiency of the seams can be 
determined by inspection. In the event of failure 
of the pipe section under this test, the contractor 
shall have the right to re-weld the pipe if prac¬ 
ticable and re'-submit it for test. 

“ Rejection . Any section of pipe that does not 
conform to these specifications may be rejected. 
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“It is claimed, in connection with this, that it is 
probably the most severe test that was ever put 
on any pipe made by any process, and it is only 
necessary to say that possibly no other method 
of manufacturing large pipe now known could pass 
the specifications for test as outlined in these 
specifications. As a matter of fact, there are a 
number of cases where the test pressures were 
carried up so high and so far beyond the statement 
in the specifications, that a permanent set was 
actually put in the steel of the pipe. In one case 
that came to the author’s attention the diameter 
was increased by more than three inches because 
the pressure that was used in testing went con¬ 
siderably beyond the elastic limit of the steel.” 

Use of Welding to Replace Castings 

. Due to the fact that rolled steel has three or four 
times the tensile strength of cast iron, and at the same 
time costs from one-third to one-fourth as much per 
pound, it is possible to make many structures from 
rolled steel shapes by arc welding to replace cast iron 
at a very great saving in cost. 

For instance, a certain cast iron bed plate weighed 
560 lb., and at 5.5 cents per lb., cost $30.80. The 
cost of machining this was 90 cents, making a total 
cost of $31.70. 

The corresponding base of angle iron welded up 
(with bosses welded in) weighed 233 lb., cost $6.38 
for material and $1.07 for cutting off, welding, and 
drilling, or a total of $7.45. In addition, the welded 
base will stand any abuse that can be given to it, while 
cast iron bases break if not carefully handled 

One of the first welded products we happened to 
know about was a compensator can. This can was 
formerly made of cast iron, very heavy, very expensive, 
and liable to leaks which made it necessary to reject 
part of those the foundry delivered. The arc welded 
can, for the same purpose, looked better, weighed less 
than 20 per cent of the old cast iron can, and cost less 
than 10 per cent. 

The General Electric and Westinghouse' Companies 
are using arc welding to an increasing extent in the 
manufacture of their product, though the process can 
be and no doubt will be used to a much greater extent 
in the future. 

A paper by Mr. Warner, in the March issue of the 
American Welding Society Journal, gives an account 
of some of the work being done by the General Electric 
Company at the present time. 

The Company with which your Chairman is con¬ 
nected has brought out a book “Arc-Welding, the New 
Age in Iron and Steel,” in which there are hundreds of 
illustrations of structure of all kinds built by Electric 
Arc Welding. 

This process makes possible the manufacture of 
many structures that are both better and cheaper than 
the same structures were when made of cast iron. 


Resistance Welding 

This process was invented by Elihu Thompson, in 
the early days of electric development, and at the 
present time is used for the production of some millions 
of feet of tubing every month. Practically all of the 
tubing used in automobiles and in the construction of 
bedsteads, is made by this process. 

As you all known, a million dollars is a small sum 
when talking about automobile products, and as this 
process is used to a greater or less extent in the con¬ 
struction of all cars, we can be sure that the cost of the 
car you drive would be noticeably greater if it were not 
for the saving in cost of construction made possible by 
this process. The all-steel automobile body is coming 
into use and thousands of these bodies are made every 
year in which the seams are welded by this process. 

The following is quoted from a letter from Mr. H. W. 
Tobey, one of the members of your Committee and in 
charge of work of this kind at the Pittsfield Works of the 
General Electric Company: 

“Our large spot welders are used in regular pro¬ 
duction for thicknesses of steel ranging from two 
pieces of in., two pieces of % in., up to two 
pieces of p 2 in., making a maximum total thickness 
of 1 in. This method has replaced to a very large 
degree the former practise of riveting. 

“Spot welding is also used throughout the plant 
for a variety of purposes where it is desired to. join 
various parts of equipment together in a strong 
and effective manner at a reasonable cost. 

“Resistance line welding has been found to be of 
especial value wherever it can be applied in mass 
production to structures composed of sheet material 
of suitable shape and in thicknesses up to and in¬ 
cluding two pieces of hs in. stock. 

“All factors entering into the several types of 
resistance welding, including butt welding, spot 
welding, and line welding, are under perfect control 
so that after correct settings have been obtained for 
current, pressure, speed, etc., the results can be 
duplicated with unerring regularity as long as the 
characteristics of metal remain the same. The 
material is brought to precisely the right tempera¬ 
ture and strong, reliable welds uniform in character 
and appearance are assumed. The fact that no 
hood or eye protection through the use of colored 
glass is required, is also a distinct advantage.” 

J. C. Lincoln, Chairman . 


Discussion 

J. D. Noyes: I should like to ask Mr. Lincoln if the committee 
has come to a conclusion as to the comparison or disadvantages 1 
between alternating current and direct current. 

E. C. Crittenden: Recently there has come to my attention 
a field in which it appears that some companies are finding 
other methods better than electric welding. Mr. Wanamaker 
in the report, says, with regard to railroad practise, “The use 
of electric arc welders for battered rail ends and special work 
rail is just now beginning to take strong root.” I understand 
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also tlmt tho street railways arc using arc welders in putting 
up crossings and other special work, hut for the regular rails, 
the straight-away welding, they are finding other methods 
hotter. 

It appears to mo that probably the difficulty arises from the 
fact that they are using the old method of connecting rails 
with only a slight modification for Avoiding. Two rails abutting, 
end to end, are hold together by two fish-plates. The two 
plates are clamped on the sides of the rails and then welded 
around the edges.. This method has the effect of stiffening 
that part of the rail and in service, the rails often break at the 
end of the welded and stiffened portion, presumably because 
the stresses are localized there. I believe some companies have 
abandoned arc welding of rails because they get such breakage. 
Is there available any electrical welding method which will 
avoid this difficulty? 

F. W* Funk: Mention has been made in the report of 
several buildings that have been electrically welded. We have 
in Youngstown a welding company which erected a steel-frame 
building which was entirely welded; that is, there were no holes 
punched or drilled no bolts used in temporary construction. 
It was a 100 per (sent welded building. I think that is quite 
an advance because if we have to puneh structural shapes, it 
offsets the saving. 

Electric welding is eotuing into use for very heavy plate work 
and tank work. One concern which, manufactures very large 
nil tanks for use in the oil fields is going into the electrical 
welding of heavy plate tanks. It is pro liable that the process 
will be an automatic, welding process. 

Another company is producing thousands of tons of complicated 
rolled shapes each year which are either seam- or lamp-welded, 
used principally, I think, in Hour beams and roof members. 
1 mention this concern particularly because it has done a great 
deal in the development of automatic welding machines. 

1 think Mr. Lincoln is entirely correct in saying that in new 
construction lies the greatest Held for electric Avoiding. 

>1* J. .Shoemaker* 1 should like to ask Mr. Lincoln if this 
method of welding is approved by the insurance companies for 
boiler repairs? 

«L V. ft. Duert I think some of these questions that have 
boon discussed are important. The question of Avorkmanship 
enters into electric welding more than most of us realize. I 
think if we could he assured that the workmanship on an electric 
weld was perfect, it would be a more generally accepted practise 
than it is at the present, time. 

I am also much interested in the question of the relative 
values of a-e. versus d-c. welding. I made a rather superficial 
investigation of the subject a few years ago and came to tho 
general conclusion at that time that the principal objection to 
a-e. welding was that it involved a low power factor on the 
circuits to which the welders were connected. That was espe¬ 
cially true of 00 cycles rather than 20 cycles. In a place where 
the welding load amounted to a large proportion of the total, 
such as it might in a roundhouse on a railroad or some place of 
that kind, the use of an a-e. welder might he objectionable 
whereas if a <l-o, welder were used the high power factor due to 
the use of the welding might be obtained and some correction 
made for low power factor on the other circuits. 

•L C* Lincoln* 1 may ho prejudiced in favor of the direct 
current. It; happens that the concern with which I am con¬ 
nected, manufactures d-c. apparatus. That fact has to be 
taken into consideration in weighing my reply. I believe rnysolf 
that experience will show that it is easier to make a good weld 
with a good d-c. machine than it is with an a-e. machine. We 
fool this way about it; that the art would be advanced more 
rapidly by doing only good work. Therefore, only the best 
apparatus should be used. I believe, on the average, for me¬ 
tallic arc welding better work can be done with the direct cur¬ 
rent than with alternating current. 


I think it is true that in some cases railroads Avliieh have 
formerly used the electric-arc method for joining their rails are 
using other methods at the present time. I have been very 
much interested in. that particular part of tho electric-welding 
art for a good many years. Notwithstanding tho fact that 
there have been a number of failures, the amount of success with 
electric-welded joints has boon sufficiently great so that they are 
used commercially to a groat extent. In my opinion, tho failures 
have boon due partly to tho cause as pointed out by Mr. Crit¬ 
tenden, but more largely to the fact that tho Avoiding methods 
themselves haven’t been as good as wo hope they will lie some 
time. 

In the electric welding of rails, in some cases at the bottom 
of the crater when tho Avoid is finished there are hair cracks 
due to the contraction of tho hot metal. Now, it is a fact, 
of course, that hot metal occupies a larger volume than the 
same metal when cold. Metal, when melted, occupies 107 per 
cent of the volume it does when cold. When the metal cools, 
one of two things happens either the metal must stretch 
according to the amount of decrease in volume or hair,cracks 
appear. If tho metal is brittle enough, hair cracks appear. 
If the metal is of tlie proper quality, it will stretch and take up 
this decrease in volume. 

It is my belief that most of the difficulty in the welding of 
rails has boon due to the fact; that tho methods in use at the 
present time produce welds which are brittle so that these hair 
cracks appear. 

Now, a hair crack at. the end of the rail will start an incipient 
break. Take, for instance, a piece of glass. You know that if 
you start a crack in a piece of glass, the wind strains will finally 
work that crack further and further through the glass. If you 
will drill a hole at the end of the crack, you won’t find any further 
trouble. The incipient crack doesn’t progress. .Something 
of the same nature occurs in the electric Avoiding where the hair 
cracks appear. The remedy for that condition is to improve 
the quality of metal in the weld. 

It is a fact that in welding of rails, processes are in use at the 
present time where these hair cracks are easily eliminated. If 
the work is properly done, satisfactory results are obtained. 
If it is not done properly, trouble results. 

I believe experience will show that although, as pointed out, 
you have a weak spot at tho welded point in the rail, when tho 
Avoiding is properly done, the weakness is not so great as to 
develop {‘.rouble. 

Tho American Society of Mechanical Engineers has prepared 
a Boiler Code and this Boiler Code does not permit the use of 
electric welding to ho great an extent as wo who are interested 
in pushing electric Avoiding would like. Electric welding is per¬ 
mitted on some typos of pressure vessels hut at (.lie present time 
electric welding is not used on pressure vessels used in boilers. 

The American Welding Society has a committee making 
extensive preparations to test a large number of pressure vessels 
at the Bureau of Standards to get complete information so that 
the Boiler Code Committee can feel justified In giving more 
liberal allowances for electric Avoiding. 

A t the present time steam boilers are not allowed to be welded 
by the electric welding process. The queer part of it is that the 
railroads have been repairing locomotive boilers for years and 
these boiler repairs made on locomotives are on pressures of 
200 to 250 lb. Years of experience in locomotive boilers have 
shown, that method must be used. If you please, from a com¬ 
mercial standpoint, the railroads can’t get along without it. 

While there has been some trouble from improperly made 
welds on electric locomotives, the process is in use quite generally 
and I don’t think there is any doubt that it will be used more 
generally in the future. But to answer the question specifically 
at the present time, pressure vessels--*-fired pressure vessels- are 
not allowed to be electrically welded. 


Electrochemistry and Electrometallurgy 

Annual Report of the Committee on Electrochemistry and 

Electrometallurgy* 


To the Board of Directors: 

The Committee on Electrochemistry and Electro¬ 
metallurgy makes its annual report as follows: 

About two years ago, this committee brought to the 
attention of the Standards Committee the desirability 
of revising the Institute Standards for storage batteries. 
A special working committee was then appointed to 
undertake this task and a tentative standard has been 
formulated defining the terms and conditions which 
characterize the rating and behavior of storage batteries. 
This report is now in the hands of the Standards 
Committee. It is believed that the work accomplished 
at the suggestion of this committee will be of value to 
the storage battery industry, which is an important 
unit in the electrochemical field. 

Standards for the international electrical units are 
again receiving much attention at the various national 
standardizing laboratories. These fundamental stand¬ 
ards which furnish a basis of measurement for 
both the physicist and the electrical engineer fall within 
the field of electrochemistry. Seventeen years have 
elapsed since the International Technical Committee 
met in Washington to carry out a joint investigation 
■on the silver voltammeter and the standard cell. At the 
conclusion of its work the value 1.0183 international 
volts at 20 deg. cent, was adopted for the Weston 
Normal cell, and by international agreement, this value 
became effective on January 1, 1911. The various 
countries, therefore, started out on this date with identi¬ 
cal values for the international volt, which, together with 
standards of resistance, served to fix the measurement 
of current, also. Since that time, the basis of reference 
has been carried forward by means of groups of standard 
cells and resistances. It is a matter of importance, 
therefore, that we should determine how accurately 
these standards have been maintained. Several new- 
groups of standard cells have recently been prepared 
at the Bureau of Standards, which indicate a very close 
agreement with the Bureau’s existing basis of reference. 
The results obtained, so far, cannot be considered' as 
conclusive but indicate that our standard for voltage 
has been maintained over a long period "within a few 
millionths of a volt. Comparisons have also been made 
with the standards of several other countries and reason¬ 
ably close agreement has been found in most cases. 

*CoHunittee on Electro chemistry and Electrometallurgy: 
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The necessity still remains, however, for checking the 
standard for the international volt by means of the 
silver voltammeter and by the absolute current balance 
for the measurement of current. Progress is being made 
in absolute measurement of resistance. As pointed out 
in last year’s report, it is apparent that a considerable 
difference exists between the international ohm and 
the absolute ohm. 

In reviewing the progress during any particular year, 
it is always difficult to evaluate the definite advances 
within so limited a period. New methods, when first 
tried, are experimental and it is impossible to say 
whether or not they constitute an advance. Develop¬ 
ment in electrochemistry and electrometallurgy as well 
as in other lines is necessarily gradual. It is possible, 
however, to mention certain developments which appear 
to distinguish the past year as one of considerable 
progress in this field. 

The introduction of the high-frequency furnace into 
electric steel foundries is a notable step. The' high- 
frequency furnace has been regarded in the past as a 
laboratory instrument but now it is rapidly finding favor 
in the industry as a whole. 

Arc furnaces have increased in size and power input 
largely as a result of the development of three-voltage 
switching. The principle of this development is based 
upon the fact that the cold charge within the furnace is 
capable of absorbing heat at a higher rate than after 
the charge has become molten. It is possible, .therefore, 
to supply energy very rapidly at the beginning and 
decrease this as the charge is melted. In the final step, 
only, enough energy is supplied to meet the furnace 
losses and whatever may be required for chemical 
reactions during the slagging period. It has been stated 
that nearly all of the large electric steel-melting instal¬ 
lations made during the past year have utilized this 
principle. 

The trend of electric furnace development, however, 
differs somewhat from that during the period of the 
World War. The economic limitations to its applica¬ 
tion are recognized, and the electric furnace is being 
used now in processes where quality of product is of 
importance. In this respect, it has been largely respon¬ 
sible for the rapid development in high grade alloys and 
tool steels. American manufacturers are still import¬ 
ing special steels and pure iron that should be produced 
here. According to recent reports, a great research 
campaign on steel, is being instituted by one of the 
large manufacturers. 

The advance in the application of electric furnaces in 
the steel and brass industries has been pointed out in 
papers presented at the 25th Anniversary Meeting of 
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the Electrochemical Society. The electric steel in¬ 
dustry began in this country about 1909, with a half- 
dozen furnaces producing 13,000 tons. Since then the 
number of furnaces has increased to over 500 and the 
product for 1925 was in excess of 600,000 tons. The 
proportion of electrically melted metal is much greater 
in the brass industry than in the steel industry. About 
625 electric furnaces for brass melting are in use in the 
United States and Canada. It has been estimated that 
they used $3,000,000 worth of electrical energy in 1926. 
A notable saving of fuel compared with that which 
would have been used in fuel-fired furnaces was accom¬ 
plished. A still greater economy was achieved by 
saving over 13,000 tons of metal valued at $2,500,000, 
which would have been lost in the fuel-fired furnaces. 

Comprehensive studies of electric heating are being 
made by some power companies with a view to analyz¬ 
ing the load possibilities within surrounding territory. 
In connection with one of these surveys it is interesting 
to note that a rather definite line of demarcation be¬ 
tween ovens and furnaces is made at the temperature 
of 1000 deg. fa.hr. Immersion types of electrical heating 
units are being utilized in existing fuel-fired, stereotype 
pots having capacities up to six tons. 

The use of chromium, both as an electrodeposit and in 
certain alloys, again occupies a prominent part in the 
development of electrochemical industry. The pre¬ 
vious predictions regarding the usefulness of chromium 
plating have been largely verified. At present, chro¬ 
mium plating is being applied successfully in the auto¬ 
mobile industry, especially on such parts as radiator 
shells, where its hardness, high luster, and freedom 
from tarnish are advantageous. It is being used on 
gages because of its extreme hardness and resistance 
to abrasion. It is also being applied to plumbing 
supplies and to a great variety of metal products where 
good appearance and durability are desirable. The 
chief obstacle to the more general adoption of chromium 
plating is the poor “throwing power” that renders 
difficult the plating of recessed articles. Experience 
and mechanical ingenuity have frequently led, however, 
to the successful plating of rather irregular shapes. 

A chromium surface affords a valuable protection to 
steel against corrosion as well as furnishing a high 
lustrous finish. It is unique in being particularly 
resistant to the action of sulphur compounds such as 
seriously impair silvered and other polished metal 
articles. Large molds for automobile tires, stills used 
in oil refining, and plates for engraving bank notes are 
all examples of articles whose life has been greatly 
extended by the use of chromium plating. 

A method has been worked out for producing an 
exceedingly smooth chromium plating on mirror sur¬ 
faces. The reflecting power of chromium is not as high 
as that of silver, but may perhaps be improved by 
plating with other metals. It is probable that a high 
average reflecting power of a chromium surface can be 
maintained over a long period of time, since the chro¬ 


mium surface is not subject to tarnish, discoloration, or 
scratching from cleaning operations. From the military 
standpoint, there is considerable advantage in a 
chromium plated mirror for search lights since such a 
mirror is free from shattering, if struck by a bullet, and 
it is better adapted to withstand the high temperature 
of the arc. 

The use of chromium in iron and steel alloys has 
created widespread interest. There is a variety of these 
alloys and the properties depend upon the composition, 
as might readily be supposed. Up to 5 per cent of 
chromium, high strength, ductility, and hardness are 
obtained in the presence of at least one other element 
as, for example, nickel. Higher percentages, of chro¬ 
mium impart notable resistance to oxidation, even at 
high temperatures. Above 20 per cent of chromium, 
the steels have in addition to oxidation resistance a 
marked resistance to the action of nitric acid and 
nitrates. 

There have been few marked developments in the 
process of electrodepositing other metals than chro¬ 
mium, but there has been an increased interest in the 
theory and mechanism of making such deposits. 
Commercial processes are being conducted more and 
more on a scientific basis and it is interesting to find that 
the application of the'hydrogen electrode to the control 
of refining and plating solutions is teaching the workers 
to understand the significance of the pH values of 
their solutions and how these may be used as a guide 
in the control of their product. 

An industrial achievement during the past year has 
been the commercial development of the electro¬ 
deposition of rubber. Rubber is deposited anodically. 
Rubber deposits can be made quickly in forms corre¬ 
sponding to the shape of the anode. It is reported that 
wire can be insulated by passing it through the latex 
solution, the wire serving as the anode and the rubber 
being deposited on the wire as it passes through. The 
rubber on the wire then passes through a vulcanizer 
for the completion of the process. 

The development of power devices for use with radio 
sets has been a matter of interest and concern to battery 
manufacturers. It seems probable that the inroads of 
such devices have been more in the field of storage 
batteries than in the field of dry cells. From the 
standpoint of the power company, it is interesting to 
estimate the electrical energy consumed by the use of 
some of these devices. Recent calculations have shown 
that a device operating a radio set of five tubes and 
charging a small storage battery when the set was not 
in use for a period of approximately 18 hr. per day, 
required one kilowatt-hour in each 24 hr. Charges for 
power in this particular case were estimated at $1.80 
per month which, in view of the possible use of a large 
number of such devices, indicate a considerable revenue 
to be derived from them. 

The development of small rectifiers has been stimu¬ 
lated by the growth of the radio industry. The life 
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and efficiency of the aluminum rectifier has been 
materially increased. The use of tantalum has been 
extended not only to the radio field but to other im¬ 
portant uses, as in railway signalling. So-called 
electronic rectifiers, including those having elements of 
copper oxide and copper sulphide, have become avail¬ 
able commercially during the past few months. Such 
rectifiers are, however, subject to the limitation of a 
relatively low voltage across each element. They have 
not been in use for a sufficiently long time to obtain 
definite data as to their life but it seems likely that 
they will become of increasing importance. Alloys 
high in silicon are also being used as valve metals in 
electrolytic rectifiers. 

The development of the Hoopes process for the pre¬ 
paration of a very pure aluminum, was described two 
years ago. This aluminum, which possesses somewhat 
different physical and chemical properties from those 
associated with the ordinary aluminum, is finding com¬ 
mercial use in collapsible tubes and also in metallurgical 
work where the aluminum may be studied unhampered 
by the presence of detrimental impurities. Remarkable 
results in heat-treated castings of the pure metal have 
been reported. New uses for this material are still 
being sought. There has been a large increase in the 
consumption of aluminum alloys, particularly that 
known as duralumin. Among the novel uses for these 
alloys may be mentioned the manufacture of aluminum 
furniture. The attractive finishes in browns, reds, and 
greens, together with the light weight, have been im¬ 
portant factors in promoting the sale of this material. 

In the field of rare metals the electrolytic production 
of pure beryllium may be noted. Some investigation 
has been made of alloys of aluminum and beryllium 
but as yet there is no definite information to show 
whether these will be commercially valuable. Pure 
thorium is also being made by electrolytic methods. 
The use of thorium has arisen from its exceptional 
thermionic properties. Amounts of vanadium suffi¬ 
ciently large for careful experimental investigation have 
also been produced. 


The highly sensitive potassium photoelectric cell has 
largely displaced the selenium cell. The potassium cell 
possesses extreme sensitivity and responds instantly 
to a beam of light. Among the many possible appli¬ 
cations for such a cell may be mentioned a recently 
developed method for television. 

At the Anniversary Meeting of the American Electro¬ 
chemical Society, held in Philadelphia at the close of the 
month of April, a number of interesting papers was 
presented reviewing the progress of electrochemistry 
during the 25 years since the society was founded. 
One session at this meeting was devoted to the electro¬ 
chemistry of concentrated solutions. A new theory is 
rapidly setting aside the old theory of Arrhenius, and 
Professor Peter Debye, of the University of Zurich, one 
of the chief exponents of this new theory, was pretent to 
present his views. The interest in this matter is shown 
by the fact that a similar symposium was held at almost 
the same time by the Faraday Society in England. 
Industrial engineers found papers of interest in the 
session devoted to gaseous reduction of ores. Gaseous 
reduction of iron ores, followed by electric melting of 
sponge iron, may open up a further field for 
electrothermics. 

The fall meeting of the Electrochemical Society is 
expected to take the form of a trip through the north¬ 
western part of the United States with stops at numer¬ 
ous points of electrochemical and electrometallurgical 
interest. Such a trip should result in a better under¬ 
standing of the work that is being done in this important 
region and at the same time focus the attention of 
electrochemists and electrical engineers on the power 
requirements and possibilities of this region. 

The committee wishes to acknowledge with thanks 
the cooperation of Dr. William Blum, Dr. Colin G. 
Fink, and Dr. H. W. Gillett, members of the Electro¬ 
chemical Society, who have furnished valuable infor¬ 
mation used in preparing this report. 

George W. Vinal, Chairman 






The Holtwood Steam Plant 

Design and Operation in Coordination With Water Power 
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Synopsis. I hr IIoilLvoml Hi,caul Plant, in located in Lancaster 
(aunty, Pa,, on the, Susquehanna River, about 84 miles above, tide- 
iralrr, adjacent to and closely coordinated with the.1 11,000-kw. hydro¬ 
electric plant, of the Pennsylvania Water A Power Company, and 
throutfit the latter company « customers,it. is a part of a hydro-steam 
system including RaUintorc, Md., and Lancaster, York , and Coates- 
ville, Pa., with a total installed generator capacity of about 870,000 
kit', and with high-tension connections to two other large systems. 
It is a pulverised fuel hunt my station, containing at present two 
to,Otuidem, (generators and three 1/,00-hp. boilers. The plant is 
laid oat for an ultimate capacity of at. least, 180,000 lean. 

I he station incut, into operation in duly 198ft. The paper {lives 
the reasons jar bin hit ny a steam plant at Hailwood, some of them 
Ini mg general advantages in such a location for a plant, which is 
supplementary to a ruu-of-river hydroelectric plant, and others 
In nag the particular advantage, in this instance. In general, daring 
the late-Jlotr period, the steam plant, clinics the base laud or bell 
generation., and during high flow, when, the hydroelectric plant is 
operated ot maximum capacity whenever the load permits, the steam 
plant carries the pinks. This station was especially planned to 
suit such conditions of operation and was designed for media ideal 
sturdiness, reliability of service, guide starling , ability to float in at 
no load, and, for maximum coordination with the. hydroelectric 
plant rather than for maximum economy or minimum first cost. 
.1 number of special features incorporated to carry out this aim is 
described in. the paper, among them being arrangements to facilitate 
quirk starting and limiting in, and a, special governor so constructed 


that the speed regulation. may he changed by remote control while the 
unit, is running. A comparative analysis of starting times of hydro¬ 
electric and steam units at Holtwood is (given, showing that in spile 
of special design, the. steam unit requires a -much longer time than the 
hydroelectric unit. 

The pulverised fuel process was adopted in order to secure belter 
sustained efficiency over a wide range of boiler rating, to reduce 
bunking losses, and because it was desired, to burn bituminous coal 
of various grades in the same furnaces with river bottom anthracite 
coal avhich is dredged from the upper end of the pond, formed by the 
IIdll-wood dam. This has been, successfully accomplished, approxi¬ 
mately one-third of all the coni burned, so far, having been river an¬ 
thracite. During short periods, anthracite, alone has been burned, 
but most of the time the two kiwis of coal are mixed before being dried 
and pulverized. Maintenance costs ot. the pulverizing plant when 
burning 100 percent anthracite are very high. 

Data are presented showing the first cost, of the plant, fuel rates, 
costs of preparing river anthracite., outage time of the generating 
units, and other operating results. A brief summary is given also of 
minor difficulties. 

On account of the unusual operating requirements as to loading, 
fuel supply, He., the design and operation of this plant involved, a 
number of interesting problems in design and operation, for the 
solution of which only a Untiled amount of experience was available. 
It is believed ! that nearly nil of the major problems have been solved 
satisfactorily, but there ‘is still tired for further experimentation to 
secure the best passible results from the equipment installed.. 


Brief Description of System 

rpiFIhJ Pennsylvania Water & Power Company is a 

I generating and transmission company, selling 
power at wholesale to public utilities. Its system 
consists of a combined hydroelectric and steam power 
development at Holtwood, Pa., on the Susquehanna 
River about 10 miles (16.1 km) above the Pennsyl¬ 
vania-Mary land state line, with high-tension steel 
tower lines radiating like the spokes of a wheel 
(Fig. 1) to Baltimore, Md, 40 mil. (64.4 km.) distant; 
Lancaster, Pa., 14 mi. (22.5 km.); York, Pa., 23 mi. 
(37.0 km.); and Coatesville, Pa., 30 mi. (48.3 

km.). 

The Holtwood (formerly called the McCalls Ferry) 
hydroelectric, development (Fig. 2) is a low-head 
run-of-river plant with a weighted average head under 
present conditions of about 52 ft. (15.8 m,). The first 
unit went into operation in October 1910 and after the 
initial live unit installation the plant was extended in 
several successive steps, reaching its present rated 
generator capacity of 111,000 kw. early in 1924. The 
rated capacity of the waterwheels varies from 13,500 

1. Clmttral Superintendent, Pennsylvania Water & Power Co,, 
Baltimore, Md. 

Presented at the Summer Convention of the A. I . E. E., 
Detroit . Mich., June 80-84, 1087. 


hp. for the older type of double-runner turbines to 
20,000 hp. for the latest single-runner type. The first 
eight units are 25-cycle, this frequency having been 
adopted to meet the requirements of Baltimore and 
Lancaster. The last two units installed in 1923-1924 
are 60-cycle to meet the needs of York and Coatesville 
and what is now the larger and rapidly growing part of 
the Lancaster load, which is supplied over a 60-cycle 
line built in 1924. The 25- and 60-cycle systems can 
be tied together by a total capacity of 25,000 kw. in 
seven synchronous frequency changers, of which two 
5000-kw. sets are located at the hydroelectric plant, 
and the balance of 15,000 kw. at Lancaster. The 
latter equipment was formerly used for supplying the 
60-cycle load in that city when only two 25-cycle 
circuits were available from Holtwood. 

The normal full-load discharge of the hydroelectric 
plant is now about 30,000 cubic ft. (850 cu. m.) 
per see, with a maximum under favorable hy¬ 
draulic conditions of 31,500 (892 cu. m. per sec.). 
The former flow is available in the average year 41 
per cent of the time. The flow of the Susquehanna is 
unusually variable. The lowest 24 hr. flow recorded 
at Holtwood since the plant went into operation in 1910 
(from which time more reliable flow measurements 
are available than had theretofore existed) was 3200 
cu. ft. per sec. (90.7 cu, m. per sec.), and the lowest 
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seven day average was 8600 cu. ft. per see. (102 cu. 
m. per sec.); the maximum 24-hr. flow was 441,000 
cu. ft. per sec. (12,470 cu. m. per sec.). 

The pond or reservoir formed by the Holtwood dam 
has an area of about four sq. mi. and a draw¬ 
down capacity of approximately 800,000,000 cu. 
ft. (22,700,000 cu. m.). Under present conditions 
of system load demands this drawdown gives complete 
weekly pondage to effectually equalize differences in 
daily flow and shape of load curve up to an average 
weekly river stage of 4200 cu. ft. per sec. (119 cu. m. 



Fig. 1—Map of Holtwood Transmission System 


per sec.). The term “complete” pondage means that if 
the hydroelectric plant carries the entire system load 
above a certain base steam line, and the forebay on 
Friday evening is brought to a point not below the 
desired minimum level, the pond will just fill up 
again by Monday morning without spilling. In other 
words, the inflow of the river between Friday evening 
and Monday morning, minus whatever is used for a 
small amount of generation during that period, will be 
discharged during the period from Monday morning to 
Friday evening, in addition to the inflow of the river 
on these five days. 

With an average weekly flow of 4200 cu. ft. per sec. 
(119 cu. m. per sec.) the average five day draft can be 
increased by 1800 cu. ft. per sec. (51 cu. m. per sec.), 
to approximately 6000 cu. ft. per sec. (170 cu. m. per 
sec.); but with an average weekly flow of only 3600 
cu. ft. per sec. (102 cu. m. per sec.), the effective five 
day average draft can be raised to only about 5200 
cu. ft. per sec. (147 cu. m. per sec.), because the inflow 
at the rate of 3600 cu. ft. per sec. is not sufficient to 
completely refill the pond after maximum draw down 
as in the case of 4200 cu. ft per sec. inflow. For 
average weekly flows in excess of 4200 cu. ft. per sec. 
the increase in the daily discharge on the five week days 
will be limited to approximately 1800 cu. ft. per sec. 


on account of the minimum desired forebay level at 
the time of maximum drawdown, and the inflow over 
the weekend will be more than sufficient to completely 
refill the pond before Monday morning. 

The installed capacity of the Baltimore steam plants 
of the Consolidated Gas, Electric Light & Power Com¬ 
pany is about 220,000 kw. At Lancaster the Edison 
Electric Company has a standby steam plant with rated 
generator capacity of 7000 kw. At York, the Edison 
Light & Power Company has a steam generating station 
of 8500 kw. capacity and a tie-in connection of 7500 
kw. with the large hydro-steam system of the Metro¬ 
politan Edison Company, from which it receives 
approximately one-half of its load requirements. At 
Coatesville, the Chester Valley Electric Company has a 
steam plant of a rated capacity slightly in excess of 
3000 kw. and also a 5000-kw. tie-in connection with 
the Philadelphia Suburban Gas & Electric Company. 

General System Operation 

The method of operating the system for maximum 
coordination of waterpower and steam has been ex¬ 
plained in a previous paper 2 and will not be discussed 
in detail here. Generally speaking, during high or 
excess flow the aim is to deliver the maximum amount of 
energy from the river. As long as there is water wasted 
over the dam, hydraulic efficiency is of no importance. 
The hydroelectric units are operated at full load as 



Fig. 2 View of Holtwood Water Power Plant and 
Steam Station 


long as possible and carry as much of the system load 
as is practicable when this is less than the hydroelectric 
capacity. The steam plants then operate “on the 
peaks” and carry all swings. In low or deficient flow, 
conditions are reversed. The steam plants are given the 
base load or belt generation and the hydroelectric plant 
operates “on the peaks,” and takes care of load fluc¬ 
tuations during the hour, even though such operation 
under average low-flow conditions causes an energy loss 
of about 7 per cent, and at very low river stages as much 
as 15 per cent, compared with 100 per cent load factor, 

2. A. S. M. E. Transactions, 1925, p. 379. 
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belt load generation. These differences are due more 
to the large hydraulic gradient of the tailrace than to 
the carrying of swings and the uneconomical loading of 
individual units. 

Under normal conditions the pond is drawn upon only 
to the extent of compensating for daily and week-end 
fluctuations in inflow and load demand and restoration 
of maximum pond level is aimed at on the morning of 
every week day. Thus the maximum practical amount 
of pondage is held in reserve to meet major emergency 
conditions or temporary outages at the steam plants. 

Reasons for Building tiie Holtwood Steam Plant 

Until recently the Power Company depended entirely 
upon its customers' steam plants for makeup steam 
generation. The company's contracts give it the right 
to c.all on any of the steam plants previously listed for 
generation under certain conditions. In 1925, however, 
the company, through a subsidiary, the Holtwood 
Power Company, built a steam plant at Holtwood. 
Additional steam capacity was required for the system. 
The Consolidated Gas, Electric Light & Power Company 
of Baltimore was ready to proceed with its new Gould 
Street plant, but after careful joint study it was de¬ 
cided that Holtwood was the logical place for the next 
step in steam station construction and arrangements 
were made with the Baltimore company to temporarily 
postpone the Gould Street project. The principal 
reasons for this decision were as follows: 

1. The (>()-<•,yulo load in Pennsylvania was increasing rapidly 
and additional capacity was essential. None of the Pennsylvania 
customers’ steam plants is modern and well adapted for economi¬ 
cal extension, and existing power agreements did not provide 
for the use of more than the capacity available at the time when 
Holtwood supply had started. 

2. 'The transmission of primary power from Baltimore to the 
Pennsylvania flO-eyele system to take care of the growth of the 
Power Company's load commitments, would have required 
additional frequency ('.hangers at Holtwood, with consequent 
conversion losses in addition to increased transmission losses. 
A direct connection of the Baltimore 02Bj-eyel« system with 
the UO-cyelo system in Pennsylvania was not possible without 
extensive changes in Baltimore. 

3. A plant at Holtwood, being at the hub of the wheel, ho to 
speak, could offer the maximum protection to all of the radial 
lines. The transmission of power from any customer city to 
Holtwood and thence to another city requires a reversal of flow, 
with consequent, complication of voltage regulation. From this 
point of view the logical place for a steam plant supplementary 
to hydro is at the water-power site. 

4. Wince the Lancaster dual frequency supply had grown to 
about, 25,000 kw. it was desired to always maintain two sources 
of supply, which during very low river stages required an appre¬ 
ciable amount of 00~eyelo hydroelectric generation during off- 
peak hours. Sixty-cycle supply from the Holtwood steam plant 
enabled, the system to conserve the entire hydroelectric energy 
exclusively for peak service, thus indirectly gaining ineffective 
peak supply for the system appreciably more than the steam 
capacity proper. 

5. There are large deposits of river bottom anthracite coal 
in the Holtwood pond. ' The location of a steam plant at Holt¬ 
wood made it possible to use some of this coal and store same 
eventually in very large quantities, thus providing a more 


economical and effective emergency insurance of fuel supply than 
is practical with bituminous coal at the city stations. 

G. The installation of a steam plant adjacent to a variable 
flow run-of-river hydroelectric plant makes it possible to effect 
considerable savings in operating expense through the coordina¬ 
tion of operation and maintenance work. In sue.]) a system so far 
as possible, all maintenance work at the hydroelectric plant is 
done during low flow, whereas repairs at the steam plant are 
concentrated in the high-flow period. This makes it possible 
for the same force, at least in part, to be used at both plants. 

Brief Description of Steam Plant (Figs. 3 & 4) 

It is not the purpose of this paper to give a detailed 
description of the entire plant and an itemized list of 
equipment. However, the principal physical character¬ 
istics will be mentioned as a ground work for a discussion 
of special features and of the reasons for making certain 
decisions. 

The generating equipment proper consists of two 
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10,000-kw., 80 per cent power factor, 1800-rev. per min., 
three-phase, 60-cycle, 13,200-volt generators driven 
by nine-stage turbines designed for 350 lb. (23.8 atm.) 
gage at the throttle. Initial operation is at 550 deg. 
fahr. (287,7 deg. cent.), but the turbines are guaranteed 
to operate successfully at 700 deg. fahr. (371.7 deg. 
cent.) if the superheat should be increased later. Each 
unit has a 75-kw., 250-volt shaft-end exciter. Steam is 

bled from the turbines at three stages-.the third, 

fifth, and seventh. Each turbo generator is equipped 
with a 13,000 sq. ft. (1208 sq. m.) single pass condenser. 

The boiler installation consists of three cross drum 
vertically baffled three-pass B. & W. boilers, each with a 
heating surface of 14,056 sq. ft., (1305.7 sq. m.), ex¬ 
clusive of the water screen at the bottom and back of 
the furnace which has an additional surface of 775 
sq. ft. (72.0 sq. m.). The working pressure is 385 lb. 
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(26.2 atm.) gage. Each boiler is equipped with a 
convection type superheater above the top row of water 
tubes, designed to give a steam temperature of 560 
deg. fahr. (293.3 deg. cent.) at 250 per cent rating. 
Each boiler has its own stack with a height of 126 
ft. (38.4 m.) above the burners. There are two 
induced draft fans above each boiler. Neither econo¬ 
mizers nor air preheaters are installed, although provi¬ 
sion is made to add such equipment later on, if found 
advisable. Makeup water is furnished by two horizon¬ 
tal single effect evaporators which are supplied with 
filtered river water. 

The furnaces have air-cooled side and front walls. 
Each furnace has a volume of 11,500 cu. ft. (325 cu. m.) 
above the water screen. The vertical burners, of which 
there are eight to a boiler, are set under the high end 
of the boiler. Pulverized coal feeders are arranged in 
four motor-driven pairs per boiler. There are three 
primary air fans. The boilers are arranged in a single 
row parallel to the turbine hall, in which the turbines are 
placed lengthwise. The boilers and furnaces are 
guaranteed to give 300 per cent rating for twenty-four 



Fig. 4—Longitudinal Section Through Coal Preparation 

Plant 


hr. or 400 per cent for twelve hr. when using 
bituminous coal, and 250 per cent for 24 hr. or 325 
per cent for 12 hr. using river anthracite. 

All auxiliaries are motor-driven with the exception of 
one steam turbine driven boiler feed pump. Each of 
the two circulating water pumps has a dual drive con¬ 
sisting of one 25-cycle and one 60-cycle motor. All 
other a-c. motors are 60-cycle. The 60-cycle hydro¬ 
electric units provide an independent source of power, 
which is considered of greater reliability than shaft-end 
auxiliary generators or house turbines. The boilers 
and furnaces are equipped with Bailey automatic 
combustion controls which operate the coal feeders, the 
induced draft fans, and the stack dampers. 

The coal preparation plant occupies a separate build¬ 
ing located upstream from the boiler house. At the 


top of the building there are two raw coal bins with a 
total capacity of 1000 tons to which coal is elevated by 
a skip hoist. From the raw coal bunkers coal is fed 
by a drag conveyer to a 63^-ft. by 50-ft. (1.98 m. by 
15.2 m.) rotary dryer with a capacity of 25 net tons of 
bituminous or 24 net tons of river anthracite coal per 
hr. There are three dry coal bins each with a capac¬ 
ity of 20 net tons. The pulverizing equipment consists 
of three Fuller 57 in. (1.45 m.) screen type mills, each 
with a guaranteed capacity of 114 net tons per hr. of 
bituminous or A44 net tons of river coal when grinding 
to a fineness of 83 to 87 per cent through a 200 mesh 
screen. Pulverized coal is pumped to the boiler house 
by two Fuller-Kinyon pumps through two five-in. pipe 
lines with a horizontal length of about 350 ft. (106.7 m.) 
and a vertical rise of 85 ft. (25.9 m.). 

Bituminous coal is received by railroad car and 
dumped into a track hopper mounted over a crusher. 
River coal is for the most part scowed to the forebay 
ramp where it is transferred to a railroad car and hauled 
to the track hopper. 

At present the coal storage facilities consist of a 
drag scraper storage yard with a capacity of about 
10,000 tons. Coal is also stocked out and reclaimed by 
locomotive crane from several areas adjacent to rail¬ 
road sidings. With the increase in plant capacity the 
main storage will be gradually extended by filling in a 
large shallow area of the forebay. 

Controlling Factors and Special Features of 
Design 

The Holtwood plant was designed not so much for 
maximum economy or minimum first cost, but pri¬ 
marily for mechanical sturdiness, reliability of service, 
quick starting, ability to float in at no-load, and for 
facilitating the proper division of load between hydro¬ 
electric and steam plants. In carrying out these aims 
a number of interesting questions arose and several 
special features were incorporated which will be dis¬ 
cussed below. ■ 

Choice of Site. The .forebay of the hydroelectric 
plant, which is protected from floating ice and debris by 
a rock fill ramp, skimmer wall, and floating booms, 
offered an ideal source for circulating water. The 
exact location of the steam plant, however, presented 
an interesting problem. The site finally selected for 
the initial section of the power house was immediately 
below ( i . e., on the downstream side) and abutting on 
the wing wall from the river shore to the hydroelectric 
plant. Circulating water for the condensers is taken 
from the forebay and returned to the gate house of the 
hydroelectric plant, the tunnels having been cut 
through the wing wall. 

Serious consideration was given to a site along the 
tailrace below the hydroelectric plant. The natural 
head from forebay. to tailrace would then have been 
used for discharging water through the condensers, 
thus doing away with pumping equipment. This 
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scheme looked particularly attractive from the point of 
view ol saving a few minutes in the starting operation. 
The head, however, is considerably greater than that 
required to overcome the frictional resistance of the 
condensers and water conduits. Supplementary to 
this scheme, a plan was also considered of using the 
excess head to drive auxiliary hydraulic turbines, but 
this was an added complication. 

As the heaviest steam generation and maximum draft 
of circulating water would be at times of very low flow, 
the use of water in this manner would reduce the hydro¬ 
electric plant output during these low river stages. 
1 luring the high-flow period there would be a gain in the 
combined net output of the hydro and steam plants. 
If arrangements were made to utilize the excess head 
beyond the condensers, and if the hydroelectric plant 
operated 24 hr. a day as during moderate low flow, 
the reduction in hydroelectric plant output would be 
less than the equivalent amount of electrical energy 
consumed in the motors. However, in very low flow 
the hydroelectric plant shuts down at night and all 
the available hydroelectric energy is thrown in on the 
peaks. The diversion of water through the condensers 
during the 24 hr. of steam operation would still show 
a net gain in energy output, but would cause an appre¬ 
ciable reduction in the peak service rendered by the 
hydroelectric plant on account of the concentration 
of all the hydroelectric energy during the short 
period of peak generation. Maximum peak service 
in very low flow is of prime importance, particularly 
as there is a tendency for the peak service corresponding 
to a certain amount of hydroelectric energy to increase 
from year to year with the growth of the system load. 

Perhaps the greatest advantage of the site selected 
was the greater amount of space available. The plant 
is laid out for six turbine bays and its ultimate capacity 
will be approximately 120,000 kw. The future exten¬ 
sions will be made to the north of the wing wall into a 
shallow portion of the forebay area where little coffer- 
damming will be required. The initial two-bay section 
of the power house was built entirely in the dry, the wing 
wall acting as a bulkhead. 

Another advantage of the layout adopted is that the 
injection of warm condenser discharge into the end of 
the gate house is of value in reducing the chances of 
capacity reductions caused by frazil ice on the hydro¬ 
electric units at that end of the power house. It has 
been calculated that for the completed plant, enough 
heat would be discharged in the condenser water to 
raise the temperature of all the water entering the hydro 
units, if perfectly mixed with it, by nearly 0.2 deg. fahr. 
(0.11 deg. cent.) exclusive of the heat required to melt 
the ice. Experts on ice have declared that a rise of less 
than 0.01 deg. fahr. (0.0055 deg. cent.) may be enough 
tojremove the “stickiness” of frazil ice. 

Centralized Control. Electrically speaking, the steam 
plant is essentially a part of the 60-cycle section of the 


hydroelectric plant. The steam generator leads are 
carried through a cable duct to oil switches located in 
the hydroelectric plant switchroom. The control 
panels for the steam units are a part of the 60-cycle 
switchboard in the hydroelectric plant. The Tirrill 
element and the controls for the Keilholtz-Ricketts 
booster regulator used on the steam units are located 
on this switchboard. 

Size and Type of Generating Units. From the point 
of view of low first cost and of economy of operation, 
under base load conditions, larger generating units 
would have been desirable. However, as previously 
stated, these considerations were subordinated to 
sturdiness, reliability of service, quick starting, and 
maximum coordination with the hydroelectric plant. 
Furthermore, under the existing conditions, these 
initial steam units must often operate at a compara¬ 
tively small load, either when separated from the rest 
of the generating system or in high flow when operating 
on the peaks so as to “skim off” the top of the load and 
give the hydroelectric units maximum load. All of 
these considerations pointed toward relatively small 
sturdy units for the initial installation, approximating 
in capacity the hydroelectric units. 

Auxiliary Power System. The number of oil circuit 
breakers on the auxiliary power system has been kept 
to a minimum. Magnetic contactors have been em¬ 
ployed for all switching purposes, except on main 
feeders between distribution boards. Tests were made 
on different types of contactors to determine their 
ability to rupture the maximum expected short circuits. 
The control for contactors on essential auxiliaries is so 
arranged that either a contactor will not open on low- 
voltage, or will immediately reclose on restoration of 
voltage. 

Special precautions to avoid explosion hazard have 
been taken in the installation of the electrical system; 
in the coal preparation plant, distribution switchboard 
and contactors for the main auxiliaries are located in a 
special switchroom, isolated from the main building by 
concrete fire walls. All push buttons, and such manual 
controllers as are necessary in the mill and dryer rooms, 
are of the Navy standard vaporproof type. All light¬ 
ing fixtures are dust proof and vaporproof. 

Quick Starting of Hydroelectric and Steam Units . 
In a hydroelectric system in high flow, when the sys¬ 
tem load is less than the hydroelectric capacity the 
steam plant should be shut down at night and theoreti¬ 
cally should not operate in the morning until the load 
becomes equal to the hydroelectric capacity, when it 
should pick up that portion of the load over and above 
the hydroelectric capacity. Modem steam turbines 
designed with small clearances and operating at high 
temperatures require normally approximately one 
hour for starting. This, of course, entails the use of 
steam before it is really required. If it is desired always 
to have spare steam capacity available for immediate 
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use in the event of breakdowns, it is necessary to oper¬ 
ate normally a larger number of units than would be 
required for most economical generation. 

Hydraulic turbines operating at low or medium heads 
or having only short penstocks are inherently quick 
starting machines. Temperature differences are practi¬ 
cally nil, clearances are relatively large, and construction 
is sturdy. The starting time can be further reduced by 
special arrangement of control valves and instruments, 
by automatic starting of pumps supplying the pressure 
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Fig. 5 —Analysis op Time Consumed in Starting a 10,000- 
Kw. Hydro Unit 


Fig. 6 gives an analysis of the operation. A total 
of four men are engaged in this operation and the time 
consumed and the number of steps required are still in 
striking contrast to hydroelectric starting. 

The desire to facilitate quick starting was the chief 
reason for limiting the superheat in the initial installa¬ 
tion to a total temperature of 550 degrees at the throttle. 
In future extensions it is planned to install larger units, 
using the first two for quick starting purposes. At 
that time radiant type superheaters may be installed, 
giving a total steam temperature of 725 deg. 
Various schemes have been proposed for maintaining 
the quick starting feature on the first units, if and when 
this step is taken, such as omitting the radiant super¬ 
heater in one boiler, use of a Ruths accumulator, etc. 

Floating In. As a practical matter, in a case such as 
the above mentioned building up of load, and whenever 
the load is at or near the hydroelectric capacity, it is 
necessary to have spare capacity on the bus. At such 
a time in high flow any load carried by a steam unit 
causes a net loss of the equivalent amount of water 
power. It is therefore highly desirable to have steam 
units able to float in or motor at no load. On the 
Holtwood units a by-pass is provided around the 


fluid of servo motors, etc., and by training the operators. 
At the Holtwood hydroelectric plant any of the 10 
units, ranging in capacity from 13,500 to 20,000 hp. 
is commonly started from standstill without preliminary 
preparation and synchronized in less than one minute, 
and frequently in less than half a minute. Fig 5. 
gives an analysis of the few steps involved in this opera¬ 
tion, requiring only two men—the governor man and the 
switchboard operator. The low-flow standby service 
of a low-head hydroelectric plant equipped with 
pondage has well been called “a-c. storage battery 
service,” i. e., its ability to synchronize the entire 
capacity in a few minutes and maintain full output 
for several hours or days, and thus tide over temporary 
emergencies at the steam plants. During the high-flow 
period this emergency service is not available at the 
hydroelectric plant, because all hydroelectric units 
are operating at maximum gate ope nin g. 

When going into the field of steam generation at 
Holtwood, the power company desired to extend so far 
as practicable this quick starting ability to its steam 
plant, thus giving to the hydroelectric steam combina¬ 
tion a certain amount of quick emergency service also 
during the high-flow period. This was one of the 
reasons for selecting a particularly sturdy type of tur¬ 
bine of relatively small size. The specifications provide 
that “every effort is to be made in the construction 
of these machines to make them suitable for starting up 
in the minimum time.” Under normal conditions a 
Holtwood steam unit is paralleled in 25 min. 
and in emergency the time can be reduced to 
15 min. from the time the start signal is given. 



Unit up to speed and synchronized 24.5 minutes- 


Time consumed between signalling and unit turning over 
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6 —Analysis of Time Consumed in Starting a 10,000- 
Kw. Steam Unit 


main steam control valves to admit enough steam to the 
turbine to keep it cool. The manufacturers’ guarantee 
provides that with this by-pass connection open “it 
will be possible to motor the turbine by means of its 
generator with the control valves shut off a period of 
one hour without overheating any parts of the turbine.” 

A in. (1.9 cm.) orifice is at present installed in 
the by-pass. It has been found that this discharges 
enough steam to drive the unit at slightly more than 
synchronous speed under excitation. This is more than 
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is necessary lor cooling and prevents lowering of speed 
for synchronizing unless the speed is reduced by manual 
manipulation of the vacuum or the throttle. Tests 
are not yet completed to determine the safe minimum 
size of orifice. 

Fig. 7 illustrates the division of load between a 12,000- 
kw. hydroelectric unit and one of the steam units over 
the noon hour drop when operating in parallel on the 
Lancaster 60-cycle load separated from the rest of the 
system. Until about 11:55 a. m. the hydroelectric unit 
is “wide open/’ with the steam turbine taking the 
momentary swings and the more gradual load changes. 
When the customer’s load drops below the hydro¬ 
electric capacity, the hydroelectric governor begins to 
function or to “maintain the frequency” as the operators 
say, and the steam unit “floats in” or motors. Oc¬ 
casionally small amounts of power are momentarily 
supplied by the steam turbine, due to slight decreases in 
frequency which draw on the kinetic energy stored in the 
rotor and also in a few cases probably cause the steam 



C) v jo it thk Noon Hour 

governor to open a control valve momentarily. The 
graphic chart of steam turbine output does not show 
input when momentarily motoring because of a zero 
stop on the meter. 

When the load has increased to the capacity of the 
hydroelectric unit the conditions prevailing before the 
noon hour are restored. The boiler operation is ap¬ 
proximately as follows: a short time before noon the 
rate of coal feed is reduced so as to lower the steam 
sufficiently to avoid “blowing-off” as the load drops. 
The burner flames are extinguished just before the 
beginning of the motoring period, but are relighted 
occasionally as required to maintain the pressure within 
the desired range. 

Special Governors. In order to change the per cent 
speed regulation on the standard type of governor it is 
usually necessary to shut down the steam turbine. 
In a hydroelectric steam system such as has been 
described, when the steam unit is carrying the base 
load it is desirable that its regulation should be rela¬ 
tively large, whereas when it is carrying the load fiuctua- 
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tions or peaks and the hydroelectric units are carrying 
the base load, the steam unit regulation should be 
relatively small. The Holtwood steam units operate 
also in parallel with a number of other steam units, 
where regulation cannot be adjusted while running. 
In order to control Holtwood steam generation in 
respect to these other steam stations, either towards 
assigning to the Holtwood units a steady load or a fluctu¬ 
ating load, it was thought desirable to be able to change 
from one condition to the other without shutting down 
the unit. Hence a special motor driven device was 
installed for changing the governor regulation. This 
device is controlled from the switchboard in the hydro¬ 
electric plant. The specifications provide for an ad¬ 
justment range from 1 per cent to 5 per cent, although 
the guaranteed range is only 2 per cent to 5 per cent. 
Tests made on the governors at the factory showed a 
range from 1.6 per cent to 7.4 per cent. 

The manufacturer’s guarantees provide that the 
characteristics of the governors are such that there will 
not be any hunting between the steam turbines and the 
hydro units or between the two steam turbines under 
either of the two following operating conditions: 

1. Steady continuous load carried on waterwheel generators, 
and fluctuating load carried on the steam turbines. 

2. Steady continuous load carried on steam turbines and fluc¬ 
tuating load carried on waterwheel-driven generators. 

The guarantees also provide that the speed regulation 
and the speed of operation of the governor and control 
mechanism of the turbine will be'such that with full 
load thrown off the generator and the field circuit 
breaker opened simultaneously, the speed will not ex¬ 
ceed that for which the emergency trip is set (the latter 
is to be not over 11.0 per cent). 

In order to make it possible to restore normal fre¬ 
quency in case of a sudden overload due to the break¬ 
down of a generating unit or other cause, by paralleling 
a steam unit without cutting off customers’ load, a 
particularly wide range is provided in the governor 
control of the Holtwood units. The speed can be 
changed by remote control from 107 per cent or 64- 
cycles to 85 per cent or 51 cycles, but in the latter case 
the by-pass around the control valves must be throttled 
which, as stated previously, is at present too large. 

Condensers. The heaviest duty on the steam units 
falls in the period of very low flow, which usually is also 
a warm weather period. Also in cold weather, as for 
example, in case of a frazil ice run, it may be desired to 
throw the maximum possible overload on a steam, unit 
for a short time. This was the cause of conservatism 
in condenser design. For ordinary conditions probably 
a 9000-sq. ft. (836-sq. m.) single-pass condenser would 
have sufficed, but in line with the policy of insuring a 
safe margin of capacity and maximum coordination 
with the hydroelectric plant, even at the expense of 
first cost, a 13,000-sq. ft. (1208-sq. m.) single pass con¬ 
denser was installed on each unit. Sustained gross 
generating capacity for highest water temperature in 
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December, 38 deg. fahr. (3.3 deg. cent.), was found to be 
15,200 kw. limited by the turbine, and for highest 
water temperatures in September, 75 deg. fahr. (23.9 
deg. cent.), 13,200 kw. at 100 per cent power factor, 
limited by the heating of the generator field. 

Pulverized Fuel. The principal reasons for installing 
a pulverized coal burning plant were as follows: 

1. It was believed that during the low-flow period when the 
steam units would carry heavy base loads as well as during the 
high-flow period with its fluctuating loads, the pulverized system 
would have an advantage over stokers in being able to maintain 
good efficiencies over a wider range of load with varying grades 
of fuel. 

2. It was desired to reduce the starting and banking losses to 
a minimum. With a stoker-bred plant these would have been 
particularly great during the high-flow period when the steam 
plant carries peaks and fluctuations as outlined above. 

3. Any known and tried stokers suitable for burning fine 
sizes of anthracite coal would not have been adapted to the use 
of eastern bituminous coal. It was believed that it would be 
possible by adopting the pulverized coal process to prepare and 
burn either or both types of coal with the same equipment. 
It will be shown later under operating results that this hope has 
been fulfilled. The high speed ball type of pulverizing mill was 
adopted because it is best suited for the preparation of anthracite 
as w T ell as bituminous coal. 

4. Economies could be effected in preparation of coal by 
utilizing surplus off-peak hydroelectric energy in high flow' for 
operating the pulverizing plant. 

Construction and Cost Data . 

Decision to build the steam plant was made April 2, 
1924. The turbo generators were ordered May 23, 
and excavation began June 24,1924. The first generat- 



Pig. 8—Analysis of Construction Costs 


ing unit went into regular commercial operation 
July 20,1925, and the second on August 4,1925. 

The design work was carried out by the Consolidated 
Gas, Electric Light & Power Company of Baltimore. 
The field engineering and construction work was 
handled by the power company’s own forces. 

Pig. 8 is a summary of the cost of the plant, ex¬ 
clusive of property, legal and corporate expenses, hous¬ 


ing for employees, interest during construction, and 
exclusive of any contractors’ fees. There are several 
factors which should be borne in mind in comparing 
these costs with those of other plants. The present 
boiler installation is larger than needed for the first 
two turbines, and surplus pulverizing capacity on a 
bituminous rating was installed to off-set partially the 
reduction in capacity when milling river coal. Switch¬ 
ing equipment is installed for two more units and the 
cable tunnel to the hydroelectric plant will take care of 
the ultimate station. The intake and discharge tunnels 
are built for two more units of a capacity up to 35,000 
kw. each. The width of the power house is sufficient to 
acqommodate units up to 35,000-kw. capacity and 
larger boilers. 

It may be of interest to note that the cost of the prep¬ 
aration plant per net ton of pulverized output per 
hour on a bituminous rating was $8,720 for structures 
and $10,830 for equipment, or a total of $19,550. 

Operating Results and Experience 

General Results. In the calendar year 1926, the gross 
output of the steam plant was 60,870,000 kw-hr. The 
station uses, including coal handling and preparation, 
amounted to 4,200,000 kw-hr., or 6.9 per cent, giving a 
net generation of 56,670,000 kw-hr. The one-hour 
peak load was 26,600 kw. or 33 per cent more than 
the nominal rating of the two units. The annual 
load factor was 26.1 per cent and the annual capacity 
factor based on gross generation was 34.8 per cent. The 
variable character of the plant load is shown by the 
fact that the highest net output was a little over 
10,000,000 kw-hr. in the month of July, whereas the 
lowest output was only about 2,500,000 kw-hr. in the 
month of October. The year 1926 was of better than 
average river flow, which accounts for the relatively 
low output of the steam plant. 

The average economy for the year was 21,160 B. t. u. 
(5331 kg-cal.) per net kw-hr. The best weekly economy 
reported was 18,350 B. t. u. (4623 kg-cal.) per net 
kw-hr. burning 100 per cent bituminous, the best weekly 
economy burning 100 per cent anthracite was 19,800 
B. t. u. (5010 kg-cal.) per net kw-hr. The average 
boiler and furnace efficiency for the year was 79,6 
per cent without allowance for dryer fuel or for energy 
requirements of the boiler auxiliaries. 

The boilers have operated up to 385 per cent rating for 
a few hours at a time. The average rating for the total 
steaming period was 201 per cent. 

Of the total coal used, 35.4 per cent was river anthra¬ 
cite and 64.6 per cent bituminous. 

Of the total coal used, 35.4 per cent was river'anthra¬ 
cite and 64.6 per cent bituminous. The average quality 
of the two fuels was approximately as follows: 

Anthracite Bituminous 

Moisture...... 13 ,0 per- cent 3.8 per cent 

Ash, dry basis. 16.7 per cent 11.1 per cent 

B. t. u. wet basis (kg-cal.),. 10,880 (6,044) 13,210 (7,339) 





Juno 1027 


ALLNER: THE HOLTWOOD STEAM PLANT 


823 


A great deal of the bituminous coal burned was of an 
interior quality with an ash content as high as 20 
per cent. Of the total dry ash in river anthracite, 
about 6} *j per cent is intrinsic ash and the rest is foreign 
matter. Attempts have been made to evaluate various 
reductions in the latter item but the findings are not yet 
conclusive. Such reduction in ash means not only 
higher heating value per pound, decreased power con¬ 
sumption in grinding, and increase in effective plant 
output, but also a very appreciable reduction in main¬ 
tenance cost of mills. Mill maintenance is affected 
particularly by sand, small pebbles, and stones. Several 
schemes of reducing the ash have been tried in the re¬ 
covery process of river coal, but they are still in the 
experimental stage. 

(Aw of River Anthracite . A detailed discussion of 
the use of river coal does not come within the scope of 
this paper, but a few outstanding phases of the subject 
will be mentioned. 

I Jp to date roughly one-third of all the coal burned has 
been river anthracite. In a few periods aggregating 
about ten weeks 100 per cent anthracite has been 
burned. At certain other times the fuel was all bitu¬ 
minous. Between these two extremes various mixtures 
were tried out. The volatile in river anthracite is so 
low (averaging a little over 8 per cent) that it is some¬ 
what. difficult to ignite and the flame is not as stable as 
with bituminous. The anthracite coal is ignited by 
means of flexible hose oil torches of which there are two 
per boiler connected through pipes to an outside 
pressure.* tank. There has not been sufficient experience 
in starting up with river coal to train the operators 
thoroughly or to determine the best procedure and 
minimum amount of oil required, but experience to date 
has been as follows: When starting up after a weekday 
bank of approximately six hr. the' torches were 
burned for 10 to 15 min. and consumed an average 
of about 20 gal. (75.7 1.) of oil per boiler. On 
individual days the consumption was as low as 10 gal. 
(87.8 1.). After a weekend bank of approximately 
80 hr. the torches were used for 20 to 80 min. 
consuming about 80 gal. (808 1.) of oil. In starting 
up a cold boiler with straight river coal it is necessary 
to burn the torches for 85 to 45 min. A single 
measurement showed a consumption of about 125 
gal. (4781.). 

One hundred per cent anthracite coal is not well 
adapted to high flow operation with many starts and 
stops and fluctuating loads. A scheme is under 
consideration to preheat the combustion air electrically 
during the high-flow period just before the morning 
peak, using otherwise wasted hydroelectric energy to 
shorten the starting period, to replace in part the large 
quantity of kerosene or fuel oil, and to save a con¬ 
siderable amount of now unburned fuel. Straight 
anthracite is also not suitable at Holtwood in very low 
flow when the steam plant is carrying the base load 
because of the reduced output of the mills. The latter 


objection could of course be overcome by installing 
more pulverizing capacity. 

The river coal is abrasive and contains a varying 
amount of sand and small pebbles causing a large in¬ 
crease in the cost of maintenance of the preparation 
plant. Even small amounts of bituminous coal seem 
to act as a cushion or lubricant and reduce the wear on 
the mills. 

The pulverizing mill balls are normally used until 
they have lost about 28.5 per cent of their initial weight, 
the latter being about 525 lb. (238 kg.) per ball. In 
milling straight anthracite, the average output is 
about 220 net tons per ball or 880 net tons for a set of 
balls. At rated capacity this would give an average 
life of about 195 hr. The material cost of balls is 
about 16.2 cents per net ton of coal ground. 

The largest item in maintenance when using river coal 
is renewal of grinding rings. The life of a ring in tons is 
about 2060, and the cost of rings without labor is about 
38 cents per net ton of coal. Operating and main¬ 
tenance costs at the preparation plant, exclusive of 
power, during a five weeks run with anthracite, 
generating 3,284,000 kw-hr. under high-flow loading 
conditions, were as follows: 

Opc'mlinK labor. ifi.MlMf) pur not, km 

Supplies.(H7f> “ “ “ 

Miiinlmianeo malum!.8077 “ “ “ 

“ labor.OS77 “ “ “ 

To I,al.81 .Ml 01 “ “ “ 

During the above run the average ash content was 18.7 
per cent dry basis, i. e., 2.0 per cent higher than the 
average per cent for the year (16.7 per cent). 

It is believed that due to a better understanding of 
the cause of yoke breakage, the cost; of which amounted 
to 14 cents per net ton during the test period, this 
item could be greatly reduced. 

A mixture of two kinds of coal is obtained by drawing 
bituminous and anthracite respectively from the two 
raw coal bunkers simultaneously upon the drag con¬ 
veyor which discharges the coal into the dryer where it 
becomes thoroughly mixed. There has been no trouble 
due to separation of the two kinds of coal in the dryer, 
conveyor, mills, or transport system. A 50-50 mixture 
has been found entirely satisfactory for high flow 
fluctuating load operation. 

The river coal dredging season lasts for only seven 
to nine months, depending on weather and river con¬ 
ditions. Fortunately this coal is particularly well 
adapted for storage purposes. The price of the raw 
coal is low, resulting in a minimum investment tied up 
in storage. The coal can be piled to any depth and 
does not deteriorate. In fact there is a certain improve¬ 
ment in that some of the moisture in the freshly de¬ 
livered coal will drain off. For these reasons the fuel 
is particularly suited for use in a steam plant which 
is supplementary to a variable flow hydroelectric 
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development, as it is not possible to make accurate 
forecasts of the coal requirements. 

Much study has been devoted to the combustion 
problem when using anthracite and to the proper con¬ 
struction and adjustment of the burners, air ports, 
primary and secondary air combinations, etc., but 
there is still need for further investigation along these 
lines. The Holtwood plant has proved that this low 
grade fuel can be burned successfully in pulverized 
form. The proportionate amount of anthracite 
actually used has so far been controlled more by 
practical considerations of supply then by conditions 
of operation and it is hoped that in the future a still 
greater amount can be used. 

In actual practise it has been found that the guaran¬ 
teed degree of fineness of pulverizing quoted above is 
not necessary. The present operating standard is 70 
per cent for bituminous and for mixtures and 75 per cent 
for anthracite alone. 

Results of tests on the dryer when treating river 
anthracite were as follows: 

Maximum 

Output of Average 

dryer operation 

Moisture entering dryer.. 11.30 per cent 11.30 percent 

Moisture at dryer outlet. 4.15 per cent 2.0 per cent 

Moisture at mill inlet. 2.41 per cent 1.0 per cent 

Pulverized anthracite could not be burned success¬ 
fully in the dryer and untreated river coal is now burned 
on hand-fired grates under the dryer. The coal fired 
per net ton of anthracite input to the dryer was 55.7 lb. 
(25.3 kg.). The heat units fired per pound of water 
evaporated in the dryer was 4100 B. t. u. (2277 kg-cal. 
per kg. of water). 

Outage of Units. The excellent outage record of the 
Holtwood steam units shows that to a great extent the 
desire for maximum service reliability has been met. 
In about 21 months of operation of two units the total 
outage, due to breakdowns or repairs of mechanical or 
electrical trouble has been 390 hr. or 1.26 per cent of 
the total unit hours in the period. This time could have 
been considerably reduced if necessary. 

The only case of mechanical breakdown in the gener¬ 
ating units and their auxiliaries was a shearing of two 
blades on the eighth stage wheel of one unit. In passing 
through the ninth or last stage these broken blades 
slightly damaged the ninth stage blading and then 
punctured four condenser tubes. As this trouble was 
not observed at the time it occurred, the unit was 
operated for several days until the damage to the tubes 
was discovered in the course of periodic tests on con¬ 
ductivity of condensate. It was then taken out at 
first for temporary repairs and a few weeks later for 
permanent replacement of the two damaged stages, 
but at the time the trouble was discovered the unit 
could have remained in service for a longer period if 
necessary. 


The only major damage to the electrical equipment 
occurred during a severe local lightning storm, which 
caused a spillover between the high-tension and low- 
tension bushings on one of the 70-kv. step-up trans¬ 
formers, the low-tension side of which was connected to 
the same bus as the turbo-generator. The high voltage 
to which the generator in this way was exposed caused a 
puncture in the winding (2nd coil from the high voltage 
end out of 20), the flash taking place from winding to a 
projecting part of the supporting iron ring. The 
balanced relays tripped the oil circuit breaker and 
generator field immediately. The generator was ener¬ 
gized 114 minutes later and operated satisfactorily for 
six months, the puncture not being discovered until at 
the time of the annually scheduled routine inspection 
and disassembly of the unit. Only two armature 
coils had to be replaced requiring a total of 10 days of 
single shift work, the material being taken from stock. 
The fact that the unit could operate satisfactorily so 
long with a puncture in the armature winding is prob¬ 
ably due to the fact that the system is operated with 
its neutral ungrounded. 

The experience of other companies in respect to the 
capacity reducing effect of breakdowns may not have 
been as favorable with similar types of unit as the above 
described two accidents may indicate. But even if 
these two occurrences might have caused an immediate 
though temporary capacity outage at the Holtwood 
plant, the liberal provisions for spare equipment as 
practised for a number of years by the operating 
companies connected to the Holtwood system, would 
have permitted the bringing in of spare capacity, so that 
service should not have been affected by these break¬ 
downs. Particularly on a system that does not depend 
wholly on steam power but draws a good portion of its 
requirements from a variable-flow hydroelectric plant 
equipped with pondage, such outages of a few hours or 
days can be readily taken care of during the low-flow 
period by the a-c. storage capacity, i. e., the quick 
starting ability of the hydroelectric units referred to in 
the general description of the Holtwood system. 

Minor Difficulties 

As might be expected when building a plant in which 
so many different requirements have to be met deviating 
from usual practise, a great many minor difficulties 
have been experienced before satisfactory performance 
could be obtained from every piece of equipment. A 
few brief statements on these experiences may be of 
interest. 

Drag Conveyer. The coupling between motor and 
conveyer broke several times on account of overload 
and jamming, caused by the type of slide gates em¬ 
ployed at the outlets of the raw coal bunkers. When 
the slide gates opened wide the coal flooded and clogged 
the conveyer, and when only partly opened the wet 
river coal had a tendency to arch. After skirt plates 
were installed between bunker outlets and conveyer 
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and a shear pin was inserted in coupling, quite satisfac¬ 
tory operation was obtained. 

Dryer. Attaching angles to the lifting blades of the 
drum greatly improved the performance of the dryer, 
although it has not yet fully met the guarantee, partic¬ 
ularly in respect to river coal. The original plan of 
burning pulverized anthracite in the dryer had to be 
abandoned and hand-firing on pin hole grates, under 
forced draft, was finally adopted as the most satis¬ 
factory solution. The magnet in the discharge spout 
of the dryer did not remove all the tramp iron from 
the dried fuel before passing through the mills; this 
trouble was largely eliminated by placing three addi¬ 
tional magnets along the spouts leading to the mills. 

Explosions. So far only two explosions have been 
experienced, both of which can be traced back to exces¬ 
sive temperature in the dryer shell at high rating, aided 
by the presence of combustible foreign material. 
Damage was slight in one case but in the other the 
original explosion in the boot of the bucket elevator 
was followed by several smaller explosions, damaging 
the casing of the elevator. The vent stack at the top 
of the elevator casing was enlarged, steam lines were 
provided in the dryer, and an inspection window was 
cut in at the outlet end of the dryer. It is believed that 
these arrangements will greatly help to prevent ex¬ 
plosions or to minimize their severity. 

As a safe guard against explosions, dust is not allowed 
to accumulate in the mill house or in the dryer. The 
labor and expense of preventing such accumulations in 
the dryer have been reduced by installing soot blowers 
at points where dust might collect. 

Mill Foundations. Regrouting of base rings and 
replacement of broken anchor bolts have been necessary 
at intervals, usually after a prolonged run of 100 per 
cent anthracite. The motor foundations as originally 
constructed developed serious cracks, but after they 
were enlarged no further trouble was experienced. 

Mill House Lighting. Considerable difficulty was 
experienced at first with lighting in the mill house, due 
to breakage of filament from mill vibration. The 
lighting system was changed from 220 to 110 volts in 
order to take advantage of the greater mechanical 
strength of the lower-voltage filament. This only 
partially solved the problem. Special anti-vibration 
fixtures were then developed in conjunction with a 
fixture manufacturer. These now make possible 
normal lamp life. 

Coal Transport Pumps. The pumps require a slightly 
larger amount of air than anticipated. They operate 
satisfactorily for either kind of fuel and for mixtures. 
The wear when pumping anthracite, though not ex¬ 
cessive, is expected to be reduced by stelliting the pe¬ 
riphery of the screw. 

Fire in the Pulverized Coal Bunkers. On two 
occasions small smoldering fires started in the pulverized 
fuel bunkers. These were easily smothered by closing 
all vent openings and by slowly drawing down the stored 


fuel through the burners. These fires were probably 
started by some abnormal or temporary condition or 
quality of coal, as during a number of months two idle 
pulverized coal bins were normally kept full and coal 
has lain occasionally in a bin for several weeks without 
trouble. 

Coal Feeders. Considerable wear was experienced on 
the coal feeders with anthracite. Hard metal studs 
were placed on the periphery of the screws, which com¬ 
pensated for the reduced diameter and maintained more 
equal coal feed to the burners. • 

Adjustment of Burners. In an effort to prevent 
secondary combustion within the boiler tubes, experi¬ 
ments were conducted with several devices for pro¬ 
ducing turbulency, a longer flame, and more thorough 
mixing of coal and air as discharged from the burners. 
One of these devices consisted of an aspirator discharg¬ 
ing into the coal stream at the top of each burner. This 
caused the flames to impinge on the front wall and 
eroded them badly. The whirling type mixer now in 
use has proved fairly satisfactory for average ratings on 
both kinds of fuel. No experience has been obtained as 
yet over full range of rating. 

Slagging of Bottom Tubes. In the early stages of 
operation with bituminous coal slagging of the two 
bottom rows of boiler tubes seriously interfered with 
ratings above 300 per cent. This difficulty was over¬ 
come by placing one soot blower at the front end be¬ 
tween the two bottom rows of tubes, and a second one 
below the bottom tube at the rear entrance to the first 
pass, and by providing two additional lancing doors on 
each side of the boiler opposite the bottom tubes. 

Dusting. Initially dusting was a problem of concern. 
The plates opposite the superheater and mud drum were 
replaced by an improved design. The dusting between 
side walls and end tube headers became serious due to 
the continuous motion between boiler casing and 
tubes, loosening the packing; this was largely overcome 
by installing holding plates of homemade design. 

Secondary Air Dampers. . This equipment does not 
function satisfactorily over the full range of rating for 
bituminous coal, anthracite, and various mixtures. 
Because of the wide variation in combustion conditions 
it is doubtful if these dampers can be made fully 
automatic. 

Automatic Combustion Control. Control equipment 
of the furnace (coal feeders, stack dampers, induced 
draft fans) required considerable experimentation. 
Since the range of fan speed was extended automatic 
operation can now be relied upon over a range of load¬ 
ing sufficient for practical operation, but necessitating 
adjustment by hand for changes in the character of 
fuel. 

Superheater. At the outset the superheat steam 
temperature was somewhat lower than specified; 
an exploration of the superheat space showed that a 
considerable part of the hot gases was short circuited 
around the end of the first pass baffle; the baffle was 
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extended to the tubes with some increase in tempera- 
ture; by further extending the baffle all the way through 
the superheater tubes the gases were forced to pass 
thoroughly through the superheat tubes before entering 
the second pass and the desired superheat was obtained 
at the expense of a slight increase in draft, loss. 
Conclusion 

The relatively wide range of operating conditions at 
the Holtwood steam plant in respect to character of 


fuel, amount of general ion, shape **f load curve, coordi¬ 
nation with hydroelectric plan!, eh’., involved a num¬ 
ber of interesting problems in design and operation for 
which only a limited amount of experience was avail¬ 
able from other installations, it is felt that nearly nil 
these major problems have been solved satisfactorily, 
hut, there is still need for further experimentation to 
secure the best possible results from the equipment 
now installed. 
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I T is the purpose of this paper to describe the auxiliary 
power system of the Richmond Generating Station 
of The Philadelphia Electric Company, mentioning 
briefly some of the factors which influenced the design 
of the system, and to discuss particularly a most im¬ 
portant feature of this system; namely, the starting of 
large motors at full voltage from an auxiliary turbine 
generator. At; the time this system was designed 
practically no data were available on this subject, 
and as there seems to be a general trend in power station 
design toward the use of auxiliary turbine generators or 
auxiliary generators direct-connected to main units, it 
is believed that a discussion of some of the factors 
involved and the results of tests made at Richmond 
Station after installation will he of value. 

1. Description op Auxiliary Power System 

General Richmond Station is located in the north¬ 
eastern section of Philadelphia along the Delaware 
River, about live miles from the central part of the city. 

At the present time, the capacity of the station is 
120,000 lew., made up of two turbine generators, each 
rated 60,000 kw., 0.85 power factor, 13,800-14,400 
volts, three-phase, GO cycles, 1800 rev. per min. Ulti¬ 
mately the plant will have a rating of at least 720,000 
kw., and will consist of three separate building sections, 
each housing four turbo generators of at least 60,000 kw. 
capacity. 

The first building section, which was completely 
constructed in the initial development, comprises three 
main parts; namely, boiler room, turbine hall, and 
switch house, with the boiler room nearest the river. 
Ultimately the boiler room will house 24 boilers. 
Twelve boilers have been installed initially, each rated 
at 1570 hp. and equipped with a superheater, an 
economizer, and an air preheater. Two induced-draft 
and one forced-draft fans are provided per boiler. 
Included in the turbine hall and its mezzanine galleries 
and basement are the main generating units (Fig. 1), 
condensers with their auxiliaries, heaters, evaporators, 
deaerators, boiler feed pumps, river and city water 
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pumps, air compressors, auxiliary power generator and 
buses, generator and exciter field rheostats, main 
generator ventilating equipment, etc. In the switch 
house are installed duplicate 13,200-volt buses, oil 
circuit breakers, disconnecting switches, reactors, etc.,* 
all arranged for vertical phase isolation. A connecting 
building between the turbine hall and the switch, house 
contains the d-c. power room, battery room, pipe room, 
and operating room. Transformers supplying all 2300- 
volt auxiliary power load and induction regulators for 
the three tie lines to Delaware Station are located out¬ 
doors between the turbine hall and the switch house. 



Era. 1. -Main Gen what in a Units 


Auxiliary Power Supply. The auxiliary power 
system at Richmond Station is radically different from 
the systems at Delaware and Chester Stations, other 
major plants of the Philadelphia Electric system, 
due principally to differences in methods used for 
maintaining heat balance. 

At Delaware and Chester, although electric drive is 
used extensively for auxiliaries, a number of the 
auxiliaries have steam drive; all boiler feed pumps are 
steam driven; one of the duplicate circulating water 
pumps provided for each unit has a dual drive by 
turbine and motor, the other circulating water pump 
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being motor-driven and used only in emergencies; one 
of the two air pumps and one of the two condensate 
pumps of each unit are steam driven, the other air and 
condensate pumps being motor driven. Exhaust steam 
for feed water heating is obtained by running the proper 
number of steam-driven air and condensate pumps with 
the boiler feed pumps and dual drive circulating water 
pumps. Small adjustments to maintain the proper 
amount of exhaust steam are made automatically by 
varying the governor setting on the turbine of dual 
drive circulating water pumps. In view of the fact 
that steam drive is provided for those auxiliaries which 
are most essential to the continuous operation of these 
plants, a supply from the main buses of the station is 
entirely satisfactory for service to the electrically driven 
auxiliaries; consequently a layout wherein the entire 
alternating current auxiliary power supply is obtained 
from transformers connected to the main 13,200-volt 
buses was adopted for Delaware and Chester stations. 

For Richmond station, investigations made sub¬ 
sequent to a study of many of the most modern plants in 
this country and abroad, indicated that for the condi¬ 
tions under which Richmond would operate, three- 
stage heating would be most economical. Accordingly, 
bleeding of the main turbines was adopted. Bleeder 
connections are provided at the tenth, twelfth, fifteenth, 
and eighteenth stages (the turbines are 20-stage, 
Curtis type). Tenth stage bleeder steam is used only 
to heat the building and to increase the capacity of 
evaporators in case of any excessive demands for make¬ 
up water. The three other stages are used in the normal 
operation of the heater system. 

The adoption of stage bleeding for Richmond not* 
only eliminated, any need for steam driven auxiliaries as 
regularly operating units, but made such drive un¬ 
desirable from the standpoint of operating economy. 
Electric drive was therefore a necessity for all auxiliaries 
except those installed for standby service only. 

The requirement of electrically-driven auxiliaries 
carried with it the further requirement of a source of 
electrical power having the highest degree of reliability 
for service to motors driving the most essential auxil¬ 
iaries, such as boiler feed pumps, circulating water 
pumps, air and condensate pumps, generator ventilating 
fans, etc. Consequently, a supply from the main buses 
of the station could not be used for these auxiliaries, 
since in case of bus trouble or severe system distur¬ 
bances, this source might be so seriously affected as to 
cause the loss of these most important auxiliaries. 
However, a supply from the main buses was adopted for 
the less essential auxiliaries and for those auxiliaries, 
such as boiler fans, which it might be desirable to have 
shut down in case of a sudden loss of station load. 

Three alternatives were considered in deciding on a 
source of power for the essential auxiliaries; namely, 
auxiliary turbine generators, auxiliary generators on 
main unit shafts, and transformers connected to main 
generator leads between the generator terminals and the 


main oil circuit breaker. Both first cost and operating 
cost of turbine generators eliminated them from con¬ 
sideration as regularly operating units, although an 
emergency non-condensing unit, suitable for starting 
large motors at full voltage as discussed elsewhere in this 
paper, is provided. Generators on the main unit shaft, 
although providing auxiliary power at low cost, added 
undesirable mechanical complications to the main unit, 
and as it was desired to have shaft-end exciters on the 
Richmond units because of their successful operation at 
other plants, this alternative was also eliminated from 
consideration. Accordingly, the use of transformers 
connected to main generator leads was adopted. 
This scheme has the advantages of high reliability, low 
first cost, and low operating cost, and although it intro¬ 
duces an electrical complication, the great reliability of 
modern transformers made this complication of but 
slight importance. The scheme is also open to the ob¬ 
jection that should the unit be disconnected automati¬ 
cally while carrying a heavy load, either the overspeed 
device on the main turbine may operate causing the 
loss of auxiliaries, or, if the overspeed device does not 
operate, the auxiliary system will be subjected to a high 
overvoltage until the voltage regulator functions to 
bring the voltage back to normal. This objection can 
be overcome by careful adjustment of the overspeed 
device and by installing equipment designed to with¬ 
stand the overvoltage. Equipment so designed has the 
advantage of high factor of safety under normal operat¬ 
ing conditions. 

As installed, the auxiliary power system at Richmond 
Station consists of five principal parts as follows: 

1. A 2300-volt, three-phase, 60-cycle supply for 
boiler fan motors and large less essential auxiliaries. 

2. A 2300-volt, three-phase, 60-cycle supply for 
essential auxiliaries. 

3. A 230/115-volt, two-phase, 60-cycle supply for 
small auxiliaries, lighting, etc. 

4. A 250-volt, direct-current supply for stoker 
motors, emergency excitation, etc. 

5. A 250-volt, direct-current supply for control of 
oil circuit breakers, etc. 

The 2300-volt supply for boiler fan motors and large 
less essential auxiliaries such as motor generator sets, 
fire and water pumps, is obtained from three (ultimately 
four) 3750-kv-a. oil-immersed, self-cooled transformer 
banks located between the switchhouse and turbine 
hall and supplied from the main 13,200-volt buses in the 
same manner as outgoing lines. These banks feed 
duplicate sectionalized 2300-yolt buses located between 
turbine hall and the boiler room so that cable runs are 
of minimum length. 

The 2300-volt supply for essential auxiliaries is laid 
out on the unit principle. A 2500-kv-a., oil-immersed, 
self-cooled transformer bank, also located outdoors 
between the switchhouse and turbine hall, is connected 
directly to the terminals of each generator and supplies 
a short bus installed on a gallery under the turbine hall 
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floor. All essential auxiliaries associated with the 
generating unit are connected to this bus. To supply 
these auxiliaries while starting the unit, and also to act 
as reserve sources, each of these unit auxiliary buses is 
provided with two ties, one to the general 2300-volt 
system and one to another 2300-volt bus to which the 
auxiliary turbine generator may be connected. Thus 
each unit auxiliary bus has three separate sources of 
power. The breakers controlling these sources are inter¬ 
locked so that normally no two of them can be 
paralleled, although provision is made to alter the 
interlocking by a synchronizing plug in case it is 
desired to parallel the auxiliary generator with the 
general 2300-volt system. In starting up a generator, 
the unit bus is usually supplied from the general 2300 
volt system, and after the machine has been syn¬ 
chronized and connected to the station bus, the unit 
bus is connected to the transformer bank on the genera¬ 
tor terminals. Suitable relays give an audible alarm 
in event of failure of voltage on the unit bus. 

The 230/1.15-volt, two-phase supply is obtained from 
two (ultimately three) 1000-kv-a., oil-immersed, self- 
cooled, Scott-connected transformer banks supplied 
from the general 2300-volt system and located outdoors 
under the 230-volt power room at one end of the turbine 
hall. Adjacent to the 230-volt power room is an 
emergency valve control room from which all main 
electrically-operated valves can be closed. 

The 250-volt direct-current system provided for the 
supply of stoker motors, emergency excitation, emer¬ 


gency lighting (automatic on failure of the alternating 
current supply), miscellaneous power, etc., is fed by 
three 200-kw. motor-generator sets and a 156 cell 
storage battery. The other 250-volt direct-current 
system supplies power for operating oil circuit breakers, 
valve motors, indicating lamps, etc., and is fed by two 
20-kw. motor-generator sets and two 120 cell storage 
batteries. This system is entirely separate from the 
stoker and emergency excitation system, although an 
emergency tie is provided between the two. Control 
circuits of main and selector oil circuit breakers are 
operated on separate parts of the control system. 

A diagram of the auxiliary power system at Richmond 
is shown in Fig. 2, which also indicates a typical normal 
method of operation. It will be noted that the system 
is so sectionalized that failure of any transformer bank, 
bus section, etc., will result in interruption toaminimum 
number of auxiliaries, and that such auxiliaries as may 
be affected can be either switched quickly to another 
source or replaced by duplicate units. 

A list of the steam driven auxiliaries is also included 
in Fig. 2. All of these auxiliaries are intended for 
stand-by service only. 

Motors . Table I lists the major auxiliary motors at 
Richmond, with their rating, type, method of starting, 
method of speed control, etc. 

In general, all alternating-current motors above 
approximately 50 hp. are supplied at 2200 volts, 
three-phase, while those below are operated from the 
220-volt, two-phase system. However, for special 


TABLE L 

MAJOR AUXILIARY MOTORS 
RICHMOND STATION 


Auxiliary 

M otor rating 

Typo of motor 

Starting 

Speed control 

Automatic 

restarting 

Holier feud pumps. 

550 hp. 

Wound-rotor 

Secondary resistance 

10 per cent, range 





Push button 

IS points automatic 

Yos 

Circulating pumps. 

500 lip. 

Squirrol-eago 

Full voltage— 


■ Yos 




Push button 



Air pumps. 

50 hp. 

Squirrel-cage 

Full voltage— 


Yos 




Push button 



Condensate pumps. 

100 lip. 

Squirrel-cago 

Full voltage— 






Push button 


Yes 

Generator von (.Hating fans. 

150 hp. 

Squirrel-cage 

Full voltage— 






Push button 


Yos 

Forced draft fans. 

125 Up. 

Wound-rotor 

Secondary resistance 

50 per cent range 





Controller 

5 points 

Yes 

Induced draft fans. 

60 hp. 

Wound-rotor 

Secondary resistance 

50 per cent range 



i 


Controller 

5 points 

Yos 

Stokers... 

1 

15 lip. 

D-c. shunt 

Resistance— 

80 per cent range 

No 




Controller 

22 points 


Fire pump. 

200 lip. 

Squirrel-cage 

Compensator 


No 

River water pumps. 

275 Up. 

Squirrel-cage 

Full voltage automatic from 






float switch 


Yes 

Air compressors. 

190 hp. 

Synchronous 

Full voltage— 






Push button 

— 

No 

Stoker supply motor generator sots. > . 

290 hp. 

Synchronous 

Full voltage— 






Push button 


No 


No 
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services such as those required for cranes or in the 
screen house, motors as large as 80 hp. are supplied 
at 220 volts. 

In the design of the auxiliary power system, careful 
investigations were made as to the proper types of 
motors to be installed for the various auxiliaries. In 
the case of boiler fans, several types were considered 
including brush shifting a-c. motors, d-c. motors with 
variable field and armature control, as well as the 
standard wound-rotor motor which was finally adopted. 
For stoker service, both a-e. and d-c. motors of various 
types were considered before a decision was reached to 
install the variable-speed d-c. shunt motor. 



Fig. 2—Station Auxiliary Systems and Typical Normal 
Method of Operation 

Motor Controls. Boiler feed pump motors are started 
and stopped from push button stations near them. 
In starting, a block of resistance is inserted in the rotor 
circuit and is short-circuited automatically when the 
motor is up to speed. Speed control may be obtained 
either manually from a push button station or auto¬ 
matically from a pressure regulator set to maintain the 
proper differential between feed water and steam 
pressures. A pilot motor controlled by the push 
button station or by the pressure regulator operates a 
drum controller which varies the amount of resistance 
in the rotor circuit of the motor,. In case of loss of 
voltage, the starting resistance, is automatically con¬ 


nected in the circuit, and upon restoration of voltage, 
the motor again comes up to the proper operating point. 

Wound-rotor motors driving draft fans are controlled 
from manually operated controllers located at the boiler 
control panels. Control equipment is so arranged that 
the controller may be set at the desired operating point, 
and the motors will come up to this speed without 
additional manipulation of the controller. In event of 
loss of voltage, contactors operate to connect all 
resistance in the rotor circuit, and when voltage is 
restored, the motor comes back to the operating point 
for which the controller is set. 

In connection with the control of constant speed 
motors, careful consideration was given to the various 
methods of starting that - were applicable; namely, 
compensator starting, reactor starting, and starting at 
full voltage. 

When the older stations were placed in service com¬ 
pensator starting was used extensively. However, as 
is well known, this type of starting has several serious 
objections, when used in large power stations, the 
outstanding one of which is the danger to life that may 
result from failure of the compensator. Other less 
important objections are the fact that the motor 
is subjected to two heavy current inrushes, one at 
the time of starting and one at the time of throw- 
over from partial to full voltage, and the fact that 
automatic control with compensators is relatively 
complicated. As a result, reactors with shunt oil 
circuit breakers rather than compensators were used in 
several new installations, and on a number of existing 
installations compensator starting was replaced by 
reactor starting. However, although reactor starting 
greatly lessens danger to life, results in only one shock 
of current inrush to the motor, and is easily adapted to 
automatic control, it has the disadvantages of relatively 
high cost and large space requirements. In considering 
the type of starting to be used at Richmond Station, 
all of these features of compensator and reactor starting 
were taken into account and compared with starting at 
full voltage, with the result that full-voltage starting 
was adopted for all of the most important constant- 
speed auxiliaries except the fire pump, which had to be 
installed for construction purposes prior to the final 
design of the auxiliary system. Full-voltage starting 
not only eliminates the explosion hazard, but results in 
installations of minimum cost and control systems of 
the utmost simplicity wherein automatic restarting 
after an interruption is easily obtained. . This last 
feature is particularly important, since the station 
operators can concentrate their attention elsewhere 
at times of trouble. This type of starting has, of course, 
the disadvantages of high current inrush during starting, 
possible damage to the motor because of the heavy 
mechanical forces to which the windings are subjected, 
and possible damage to the driven equipment because of 
the high starting torque developed. However, with 
the usual large amount of generating capacity in 
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operation, the voltage dip resulting from the current 
inrush is negligible, and by proper mechanical design, 
the possibility of damage to the motor or to the driven 
equipment is very remote. 

As installed, the synchronous motors at Richmond are 
controlled from push button stations. Pressing the 
starting button closes an oil-immersed contactor which 
connects the motor to the line. The field contactor 
(doses automatically at the proper time. Protective 
equipment includes relays which open the field circuit 
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in event of loss of a-c. voltage and which disconnect 
the motor from the line in case of loss of field, and also 
a time-delay low-voltage relay which on failure of a-c. 
voltage opens the oil-immersed contactor but which in 
case of short circuit in the armature winding, permits 
the clearing of the line oil circuit breaker before the 
contactor opens. 

Control equipment, for squirrel-cage motors consists 
merely of an oil circuit breaker in the motor leads con¬ 
trolled from a twin pull button switch of the usual type 
located near the motor. 

As shown in Table I, the largest constant speed 
motors started at full voltage are those driving cir¬ 
culating water pumps. These motors (Fig. 3) are 
rated at 500 hp., 2200 volts, three-phase, 60 cycles, 
226 rev. per min. Full-load current is approximately 
140 amperes, and starting current is around five times 
this value. Although these motors can be easily 
started under normal conditions, when they are sup¬ 
plied either from the main station busses or directly 
from the main generating units, the question of starting 
them from the auxiliary turbine generator was a 
problem of paramount importance, and was given very 
careful study both by the engineers of the Philadelphia 
Electric Company and by those of the Westinghouse 
Electric and Manufacturing Company, which furnished 
the auxiliary turbine generator. 

As the auxiliary unit was for stand-by service only, 
it was desired, of course, to provide as small a unit 
as possible in order to keep investment costs at a 
minimum. However, in case of a complete inter¬ 


ruption to the station, the unit must be able to start 
and carry sufficient auxiliaries to permit resumption of 
service. Since the circulating water pumps were the 
largest auxiliaries to he considered, the ability to 
start three such pumps in succession with valves closed 
was fixed as the duty to be met by the auxiliary unit. 
As a result of the study of this question, a unit of 
special design with a standard vibrating type voltage 
regulator was installed. The unit is rated 2000 kw., 
3333 kv-a., 0.6 power factor, 2300 volts, three-phase, 
60 cycles, 3600 rev. per min. (Fig. 4) and can be brought 
up to speed ready for load in fifteen seconds. Starting 
is accomplished by operating a motor-driven bearing 
oil pump; when the bearing oil has reached the proper 
pressure, a contact-making pressure gage opens an 
electrically-operated valve in the steam line to the 
turbine. 

It. Full Voltage Starting of Large Motors 

General. On account of the greater simplicity and 
reliability of the control equipment, and the ease with 
which automatic restarting can be obtained, the 
decided tendency has been towards the use of full- 
voltage starting on as many of the auxiliary motors as 
possible. A careful study of the problem of properly 
insulating motors for this class of service has been made, 
and the results of this study have been presented to the 
Instituted As a result of these and subsequent tests, 
there seems to be no question that all squirrel-cage 
induction motor windings can be braced to withstand 
the mechanical effect due to full-voltage starting. A 
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large number of the motors designed for low-voltage 
starting can be used when full-voltage starting is 
desired. The large high-speed motors, which have 
comparatively high starting currents and long coil 
extensions, require some additional bracing. 

In power stations, where the motors are started on 
the main auxiliary bus fed from' the main unit, the 

3. J. L. Ry lander, Effect, of Full Voltage Starling on the 
Winding* of Squirrel-Cage Induction Motora, A. I. Tfl. E. Trans. 
Vol, 44,1925,]). AT 
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starting of the motors on full voltage is usually a matter 
of mechanical considerations of the load. The drop 
in voltage at the motor terminals is due to the leakage 
reactive drop of the transformers and the drop in the 
cable and bus connecting the motor to the trans¬ 
formers. This is small as the transformer capacity is 
much greater than the largest motor to be started. 

When the auxiliaries are started from a small auxiliary 
unit not only the voltage drop due to the reactance of 
the generator and the drop in the leads, but also the 
effect of armature reaction must be considered. This 
may appear serious, when it is desired to start large 
motors, but there are several inherent properties in this 
particular application which make it possible to start 
such motors, provided good voltage regulation is not 
essential during the starting period.. 

Effect of Generator Characteristics. If calculations of 
the voltage drop are made assuming that both the 
generator reactance and armature reaction become 
effective instantly, and that the impedance of the load 
remains constant, a low value of voltage is arrived at. 
These are probably questionable assumptions but they 
are commonly used in making calculations. Since it 
takes time for the armature reaction to become fully 
effective, and also the effective motor impedance 
increases with speed, smaller voltage drops are actually 
obtained on test. When a three-phase short circuit 
is placed on a generator of this type, the flux will have 
reached a constant value in about 1.5 seconds. • This is 
an average value for several machines. Increasing the 
external reactance considerably increases the time for 
the flux to become constant. 

Low internal reactance is desirable as it reduces the 
instantaneous drop in voltage when a load is applied to 
the generator. Low reactance is inherent in the 
comparatively low-capacity high-speed turbine genera¬ 
tors used for auxiliary units. 

When hand regulation is used, high short-circuit 
ratio or good inherent voltage regulation is desirable, as 
the starting currents of squirrel-cage induction motors 
are of low power factor. This can be obtained either by 
using a generator of special design or a larger generator 
than necessary for the load or a combination of the two. 

Voltage Regulation. A voltage regulator is essential 
when severe duty is placed on the auxiliary unit. It 
will not only keep the voltage constant on the auxiliary 
bus during normal operation but will maintain better 
voltage conditions when a motor is being started. High 
short-circuit ratio is not as essential when a voltage 
regulator is used. With the voltage regulator in opera¬ 
tion the speed of response of the exciter has a decided 
bearing on the voltage drop obtained when a large 
motor is started. The higher the speed of response the 
nearer the effect of armature reaction is eliminated. 
A high speed of response is inherent in small high-speed 
exciters. 

Effect of Load Characteristics. The characteristics 
of the load have a decided bearing on the size of motors 


that can be started with a given voltage drop. The 
motors driven from the auxiliary generator are usually 
the condensate, circulating water and boiler feed water 
pumps. All of these have torque characteristics 
which vary with speed. The torque on the circulating 
water pump motor varies approximately as the square 
of the speed. The others are nearly up to speed before 
the pump takes on load. The condensate pump motor 
is comparatively small, while-the boiler feed pump is 
usually driven by a wound-rotor motor. The circu¬ 
lating water pump motor is in most cases the largest to 
be considered. At zero speed, the torque is only that 
necessary to overcome the static friction of the bearings. 
This allows considerable torque for acceleration, so 
that the motor will come up to speed very quickly and 
the low power factor starting current will decrease to 
normal full-load current of comparatively high power 
factor before the armature reaction has become fully 
effective. The voltage drop will, therefore, be less 
than if it took longer for the motor to reach full speed. 

From the above it is seen that, if all factors are con¬ 
sidered, it is difficult to calculate the voltage drop with 
any degree of accuracy. When Richmond station was 
being designed, calculations, using a step-by-step 
method, were made for several combinations of starting 
the circulating water pump motors. When the equip¬ 
ment was installed, tests which were made to determine 
the voltage drop, indicated better voltage conditions 
than calculated because pessimistic assumptions were 
used. 

Tests at Richmond Station. The following is a brief 
description of the generator and the circulating water 
pump motors installed in the Richmond Station and the 
tests run. 

The auxiliary generator is rated at 3333 kv-a., 0.6 
power factor, three-phase, 60-cycle, 2300 volts at 3600 
rev. per min. The leakage reactance is 5.6 per cent and 
the short-circuit ratio is about 1.7. No-load field 
current for 2300 volts is 68 amperes. The direct-con¬ 
nected self-excited exciter is rated at 33 kw., 250 volts 
and is a four-pole unit. 

The 32-pole motors driving the circulating water 
pumps are rated at 500 hp., three-phase, 60 cycles and 
2200 volts. These motors have a starting torque equal 
to full-load torque, and a pull-out torque of 2.8 times 
full-load torque. The slip at full load is 3.3 per cent of 
synchronous speed. The pump has a calculated torque 
characteristic which varies approximately as the square 
of the speed down to 70 rev. per min. Below 50 rev. 
per min. the torque increases with decrease of speed. 
The calculated torque with the valve closed is 65 per 
cent of full-load torque at full speed. 

Since the auxiliary generator was required to start 
three circulating pumps in succession and only two were 
available for the test, an equivalent load, consisting of 
two generator ventilating fans driven by 150-hp., 
squirrel-cage motors and two boiler draft fans driven by 
125-hp. wound-rotor motors, was used. The two 
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pumps used were duplicate units on one condenser. 
In making the tests the generator and the above men¬ 
tioned motors were isolated from the remainder of the 
station, so that complete tests could be made without 
affecting the operation of the station. Two six- 
element oscillographs with eight-foot films were used 
in obtaining records of the tests. Besides taking 
records of the auxiliary generator and exciter voltages 



Group III. With the equivalent of two motors 
running, and with the voltage adjusted to normal, 
a third motor was started with the generator under the 
control of the automatic, voltage regulator and also with 
fixed excitation. 

Group IV . With no-load excitation on the generator, 
the two ventilating fans, the two boiler draft fans, and 
one circulating pump motor were started together, and, 
after an interval, a second circulating pump motor was 
started. These tests were made with the generator 
under control of the automatic voltage regulator and 
with fixed excitation. 

Several other miscellaneous tests which were made 
will be referred to when the results of the above tests are 
reviewed. 

Tests Results. Sections of two of the oscillograms 
taken are shown. Fig. 5 shows the starting of a 
motor with fixed excitation on the generator. Fig.6 
shows the starting of a motor with the generator under 
control of the automatic voltage regulator. Oscillo¬ 
grams taken simultaneously with those shown give the 
generator currents, exciter terminal voltage, and a 
timing wave. For the oscillograms shown the generator 
and motor currents were the same. In order to make 


and currents, one oscillograph element was connected 
to a special magneto, giving an indication of the speed 
ol one pump at all times. The tests fall in four distinct 
groups. 

Group I. One circulating water pump motor was 
started with no-load excitation on the auxiliary genera¬ 
tor. With the pump valve in the open and closed 
position tests were made with the generator under 


the test results easier to interpret, the various values 
have been scaled off the oscillograms and plotted. 
The curves with broken lines indicate the results when 
the automatic voltage regulator was in operation, while 
those with solid lines indicate the results of the tests 
when fixed excitation was used on the generator. This 
same notation will be used throughout. 

The results of the tests under Group I are shown in 
Fig. 7. With fixed excitation, the voltage dropped from 
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control of the vibrating type of regulator and also with 
fixed excitation. 

Group II. With the equivalent of one motor running 
and with the voltage adjusted to normal, a second 
motor was started with the generator under the control 
of the automatic voltage regulator and also with fixed 
excitation The pump valves were open for these and 
subsequent tests. 


2350 volts to 1850 volts in about one second and the 
motor accelerated to 67 per cent of synchronous speed. 
From this point up to full-load speed the impedance of 
the motor increased rapidly, so that the current de¬ 
creased. Assuming that the motor impedance is 
constant and that the effect of reactance and armature 
reaction becomes effective instantly, a value of 1400 volts 
is obtained with no-load excitation on the generator. 


Fin. (i ~ St arti no One Motor with Voi/taoh Reottrator in Operation 
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• Whether the pump valves are open or closed makes 
very little difference on the time to accelerate the motor 
to full speed. For either condition the current de¬ 
creased to approximately 110 amperes, gradually in¬ 
creasing to 140 amperes when the valve was open. 
The motor came up to full speed in both cases in 1.8 
seconds with fixed excitation on the generator. 

With the regulator in operation, a minimum of 2060 
volts was reached in 0.4 seconds. The regulator 
became effective very quickly, bringing the voltage 
back to normal in 1.1 seconds. In this case it took 1.4 



seconds for the motor to come up to speed. The 
voltage was, therefore, normal before the motor reached 
full speed. The exciter terminal voltage built up from 
110 to 220 volts in 1.1 seconds. 

The results of the tests under Group II are shown in 
Fig. 8. Without the voltage regulator in operation, the 
voltage dropped to 1920 volts in one second, and the 
motor reached full speed in 1.6 seconds. With the 
regulator in operation, the voltage dropped to 2080 
volts in 0.4 seconds, and the motor was up to full speed 
in 1.4 seconds. 



The results of the tests under Group III are shown 
in Fig. 9. Without the voltage regulator in operation, 
the voltage was adjusted to 2540 volts on the generator 
with one motor running. The voltage dropped from 
2540 to 2140 volts when the second motor was started, 
recovered to 2350 volts, and finally reached a minimum 
of 1600 volts when the third motor was started. 

A record of the speed of the second motor was taken 
when the third motor was started. Although the 
voltage dropped considerably, the speed dropped 
gradually from 216 to 204 rev. per min. This drop in 
speed counteracted the voltage drop, so that the current 
taken by the motor only increased from 140 to 160 


amperes. The inertia of the load already on the 
generator undoubtedly helped the conditions when the 
third motor was started. The tests show that the 
current taken by a motor actually decreases for a time. 
The effect of the inertia may be judged from two 
tests run. With the valve open and the condenser 
full of water, a test was made to see how long it would 
take the motor to stop. In four seconds the motor 
reversed, and at the end of nine seconds the motor had 
reached a maximum speed of 160 rev. per min. in this 



Fig. 9 


direction, due to the water flowing out of the condenser. 
With the valve closed, it took about 40 seconds for the 
pump to stop. 

With the voltage regulator in operation, the voltage 
dropped to 2080 when the second motor was started. 
The voltage had been restored to 2350 volts at the time 
of starting the third motor and dropped to 2070 in 0.4 
seconds but was restored to normal in 1.7 seconds. 
In this case it took longer to bring the motor up to speed 
because it was running at 75 rev. per min. in a reverse 
direction when the voltage was applied. It took 0.6 
second to stop the motor and a total of two seconds for 
the motor to reach full speed. 

The results of the tests under Group IV are shown in 
Fig. 10. Without the voltage regulator in operation 



the voltage dropped to 1300 volts in 13 seconds, and 
when the last circulating pump motor was started, the 
voltage dropped to 900 volts and remained there. 
The second pump was rotating in a reverse direction and 
the voltage was not high enough to produce sufficient 
torque to stop the pump before the test was 
discontinued. 

Under regulator control the application of the first 
load caused the voltage to drop to 1920 volts in 0.6 
second and it was restored to 2330 volts in two seconds. 
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When the second load was applied, the voltage dropped 
to 2000 volts in about one second and was restored to 
normal in 2.8 seconds. Again the pump was running 
at 70 rev. per min. in a reverse direction and it took 
a total of two seconds to start the motor. 

the current, when the second load was applied, 
decreased rapidly to 600 amperes and remained at that 
value for a time, again falling to 315 amperes. The 
second drop no doubt indicates where some of the high 
inertia fans, started with the first load, approached full 
speed. 

In no case did the average speed of the turbine fall 
more than 3 per cent. Although the currents were 
comparatively large the actual load was not excessive 
and came on gradually. 

A test was made to determine the torque necessary 


to start the motor revolving. This was done by lower¬ 
ing the generator voltage and connecting the motor to 
the generator by closing the oil circuit breaker. It was 
found that with 750 volts on the generator, the motor 
revolved slowly. Considering that the starting torque 
varies as the square of the applied voltage, this indicates 
that it took approximately 11 per cent of full-load 
torque to start the motor revolving. This test was 
made after the motor had been run for a time. 

It is seen from these tests that the actual voltage 
conditions are much better than calculated, such 
calculations being based on steady state conditions, 
assuming an instantaneous decrease of generator flux 
and constant motor impedance. The tests also show 
conclusively that an automatic voltage regulator has a 
decided stabilizing effect. 


Recent Investigation of Transmission Line 

Operation 

BY J. G. HEMSTREET 1 

Aasoolato, A. 1. B. IS. 


Synopsis.— -This paper discusses transmission line operating 
experience on the 140,000-wrfi isolated neutral system of the Con¬ 
sumers Power Company, Michigan. 

Careful inspections and tests have been made to determine the 
conditions existing relative to insulator flashover and the findings 
and results are shown by tables and curves. 


Ground resistance or soil conditions appear to have a very decided 
effect on the number of flashover s on the various lines. The necessity 
of providing suitable arc protection to the line conductors is shown, 
as is also the soundness oj certain theories and recommendations for 
increasing the reliability of transmission lines, based upon laboratory 
experiments. 


Introduction 

HE design of an insulation system for high-voltage 
transmission lines that will be immune from failure 
during lightning storms or other abnormal con¬ 
ditions, is one of the most important problems con¬ 
fronting the transmission engineer at the present time. 
This is becoming increasingly so with the intercon¬ 
nection of large systems and the more exacting require¬ 
ments of the consumers. 

The experience of those who have been operating 
some of the larger systems should be of assistance in 
designing, in so far as possible, to guard against the 
difficulties that have been encountered, and it is with 
this thought in mind that the data in this paper are 
presented, as well as to add to the information on 
operating experience already available; also as a further 
check on certain theories and designs that have been 
and are proposed for the greater reliability of high- 
voltage transmission lines. This paper relates some 
experiences and the results of investigation of trans¬ 
mission line operation with particular reference to* 

1. Supt, of Operation, Consumers Power Co., Jackson, Mich. 

Presented at the Summer Convention of the A. I. E. E., Detroit, 
Mich., June 20-24, 1927. 


insulator flashover on the 140,000-volt system of the 
Consumers Power Company in Michigan. A map 
of this system is shown in Fig. 1. 

History 

The matter of insulator flashover became of some 
concern a few years ago as the system increased in 
size. The flashovers in some cases caused voltage 
disturbances or circuit breaker operation and in a 
few instances failure of the line due to burning of the 
conductor or hardware at the lower end of the insulator 
string. The earlier lines were not equipped with any 
form of arc protection but in 1920, standard 15-in. 
arcing horns, (shown in Fig. 2), were installed on the 
Argenta-Battle Creek section which at that time was 
added to the system. Later in the year, the Jackson- 
Battle Creek section was added and was also equipped 
with the standard arcing horn. The Edenville- 
Saginaw-Flint sections were added in 1924. At the 
time these last two sections were being designed, 
there was considerable discussion as to the nature of 
the transients, set up in high-voltage systems, that 
caused flashover, and based upon the theory that the 
trouble was due to rather sustained high frequency 
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conditions'", started by the original lightning discharge 
or some other cause, the insulator dux control was 
ottered as a means of raising the llashover voltage of the 
insulator, as well as providing a horn as protection to 
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thought to be more likely at (he* time than would he the 
cast* on other systems operating with the neutral 
grounded, and this was thought possibly to be the cause 
of some of the* trouble. These las! two sect ions of line 
were equipped with f he flux eontrol, as shown in Mg. 3, 
All of t he arcing horns and flux eontruls were installed 
on the lower end of I he insulator strings only. 

The development of the klydonograph' ottered a 
means of determining the nature of the transients and 
four of these inst ruments were in service during Itt25. 

' At, the close of the tl»2f> lightning season, it was 


Pm. 2 Tyrii of Akcinu IIoun Uhkd 

the conductor, ’ The Consumers Power system being- 
delta-connected throughout, the possibility of the 
existence of severe high-frequency disturbances was 

2. A. 0. Austin, “Insulation Systems,“ paper, Second Inter- 
H 
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decided to make a careful inspect ion of the two sections 
of the transmission line added to the system during 
11)24, Then* had been no failures direelly traceable 
to these sections but it was thought desirable to 
determine the exact conditions. The inspection was 
carried on with considerable can*, an especially trained 
crew of men climbing each tower and carefully in - 
sporting the insulators, conductors, and all parts of the 
tower tops, to locate* any burns or evidence of insulator 
flashovers. Later, the inspection was extended to 
other parts of the system to obtain the comparative 
data, and also to locate and eliminate any weaknesses 
due to damaged conductors or other equipment, to 
only a very few eases could the damage be detected 
from the ground, nor had it been found by the regular 
patrol service. 


3. J. P. Pctorn, 


Klydonoicraph,” Electrical World, 
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Description of System 

The system as shown on the map, Fig. 1, consisted of 
431 mi. of line operated at 60 cycles in the eastern part 
of the state and 186 mi. operated at 30 cycles in the 
western part of the state. All 60-cycle lines are elec¬ 
trically connected through the busses at the station 
except the Jackson-Battle Creek section, this being 
isolated from the remainder of the system by trans¬ 
formers at Battle Creek. The 30-cycle lines are all 
connected. The two systems are interconnected 
through a 15,000-kv-a. frequency changer at Battle 
Creek. Sections shown by solid lines are those that 
were closely inspected and are referred to in the data 
in this paper. Those sections shown by broken line 
were put into operation prior to 1915 and were originally 


.i-1 Ax <□> zm 



Fib. 4 — Types or Towers Showing Dimensions 
AND CLEARANCES 


equipped with the older type cap and pin insulators, 
quite a large number of which have since been replaced. 
The shuffling of the insulators in replacing the defective 
ones made it impossible to obtain satisfactory compara¬ 
tive data on these sections. Capacities of generating 
equipment totaled approximately 225,000 kv-a. feeding 
into the 60-cycle system and 100,000 kv-a. into the 30- 
cycle system in 1925. 

Fig. 4 shows the types of construction conductor 
clearance and separation, height of tower, and other 
details of construction. There were no ground wires 
installed on any part of the system at that time, and 
one circuit was in place on the towers in all cases. 
The lines are equipped with Ohio Brass No. 25622 
insulators. 

Results of Inspection and Investigation 

The inspection data cover a total of 305 mi. of line 
scattered throughout the state. The period of opera¬ 
tion of the different sections varies from two to ten 
years. The country over which the lines are built is 
very flat, the maximum variation in height over any 
section being less than 200 ft. Therefore, the lines 
follow closely the contour of the ground. 

Laboratory measurements by Peek 4 indicate that the 
voltage due to lightning storms in the delta-connected 
system such as this would be slightly less than in 

4. F. W. Peek, Jr,, Lightning and Other Transients on Trans¬ 
mission Lines, A. I. E. E. Tuans., VoL XLIII, p. 1212. 


systems operating with the neutral grounded, all other 
factors, of course, being equal, and this is also borne 
out by comparison with the experiences on systems of 
the other type, so it would seem that these data should 
be fairly representative of results that might be ob¬ 
tained in other locations under similar conditions in so 
far as the number of flash overs are concerned. 

Table I gives some additional construction details 
and a summary of the number of cases found where 
flashovers had occurred, their location on the tower, 
extent of damage to the line conductor, and other 
information. A study of this table shows some rather 
interesting conditions. 

Rather wide variations in the results on different 
sections will be noted. The Junction-Grand Rapids, 
Mio-Loud and Loud-Emery Junction lines of very 
similar construction and not equipped with arc* protec¬ 
tion show a variation from 0.17 to 0.65 flashover per 
mile of line per year after 8, 10, and 9 years operation 
respectively. 

The popular reason for this would be the variation 
in the severity and frequency of storms in the two 
localities. It is a fact that the Junction-Grand Rapids 
line runs north and south directly across the path of a 
great many storms as they pass inland off: Lake Michi¬ 
gan, but on the other hand the Mio-Loud line follows 
very closely the bed of the Au Sable River, nearly east 
and west and lies parallel to the course of a great many 
storms which it is said by many have a tendency to 
follow the water courses. Possibly these factors may 
influence the results one way or another, but other 
conditions peculiar to the different lines may perhaps 
have a very decided influence on the operating results 
that have been obtained. 

Height of Line Above Ground Soil Conditions, 
Ground Wire, and Other Factors 

Measurements and tests made by Peek 5 , have shown 
(a) that the voltage gradient between cloud and earth 
in the air under a storm cloud is approximately 100 kv. 
per ft. under severe conditions, and (b) that the voltage 
induced in the transmission line will vary with the 
height of the line above the ground, amounting to 30 
to 50 kv. per ft. depending upon the closeness of the 
storm to the line and other factors. Also that placing 
a ground wire above the line reduces the lightning 
disturbances from 30 per cent to 50 per cent. The 
induced voltage, where the wires are placed in a vertical 
plane, should therefore be lowest in the conductor 
nearest the ground and correspondingly high in the 
other conductors. 

The data showing the number and per cent of flash¬ 
overs occurring on the top, middle, and lower conductors 
in Table I check quite closely with this law. There are 
some slight discrepancies, as on the Mio-Loud and 
Loud-Emery Junction lines, and in some cases flashovers 

5. F. W. Peek, Jr., Lightning and Other Transients on Trans¬ 
mission Lines, A. I. E. E. Trans., Vol. XLIII, p. 1212. 
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TABLE I 

SUMMARY OP FLASHOVER DATA 


Section of line 

Junction- 
Grand Rapids 

Edenville- 

Saginaw 

Saginaw- 

Flint 

Argenta- 
Battle Creek 

Battle Creek- 
Jackson 

Mio- 

Loud 

Loud- 
Emery Jet. 

Frequency of current, cycles. 

30 

60 

60 

30 

60 

60 

60 

Length of line—miles. 

101 

40 

44 

26 

43 

32 

19 

Conductor. 

110,000 

2/0 

3/0 

4/0 

2/0 

110,000 

110,000 

Number of years in operation. 

cm. Copper 

Copper 

Copper 

A. C. S. R. 

Copper 

cm. Copper 

cm. Copper • 

S 

2 

2 

5 

5 

10 

9 

Total number towers. 

1,057 

34S 

352 

270 

438 

301 

188 

Nominal length of span—feet. 

Average height lowest conductor— 

530 

660 

660 

530 

530 

530 

530 

feet. 

Number disks in insulator string— 

31 

34 

34 

32 

32 

28 

28 

susp. 

10 

9 

9 

10 

10 

10 

10 

strain. 

12 

12 

12 

12 

12, 

12 

12 

Are protection. 

None 

Flux control 

Flux control 

15 in. horns 

15 in. horns 

None 

None 

Number suspension strings. 

2,811 

1020 

1047 

843 

1345 

738 

509 

Number strain strings. 

744 

98 

210 

132 

173 

330 

110 

Total number strings, insulators... 

3,555 

1118 

1257 

975 

1518 

1,068 

619 

Reference Fig. 4. 

A 

B 

B 

C 

D 

D 

C 

Number suspension strings flashed 

No. Per cent 

No. Per cent 

No. Per cent 

No. Per cent 

No. Per cent 

No. Per cent 

No. Per cent 

over. 

486 17.3 

34 3.3 

56 5.3 

73 8.7 

75 5.6 

43 5.8 

27 5.3 

Number strain strings flashed over. 

39 5.2 

3 3.1 

5 2.4 

1 0.8 

11 6.4 

18 5.5 

2 1.8 

Total number strings flashed over.. 

525 14.7 

37 3.3 

61 4.9 

74 7.6 

86 5.7 

61 5.7 

29 4.7 

Number flashovers, top conductor.. 
Number flashovqrs, middle con- 

217 41 

31 84 

39 64 

40 54 

45 51 

35 57 

16 55 

duct or. 

161 31 

5 13 

13 21 

20 27 

25 29 

11 18 

6 21 

Number flashover, lower conductor. 

147 28 

1 3 

9 15 

14 19 

16 20 

15 25 

7 24 

Number cases of damaged conductor 
Number flashovers per mile of line 

345 66 

2 5.3 

7 11.5 

2 3 

4 5 

23 38 

7 24 

per year. 

Failure of line due to burned wire 

0.650 

0.461 

0.691 

0.570 

0.405 

0.180 

0.170 

or hardware.. 

3 

None 

None 

None 

None 

T 

None 


occur on the middle and lower conductors and not on 
the top wire, but in general, agreement is noted. There 
is, however, quite a wide variation in the results in 
this respect between the individual lines. On the 
Edenville-Saginaw and Saginaw-Flint lines, equipped 
with flux controls, the percentages of flashovers on 
the middle and lower conductors are lower than on 



Fig. 5—Number Flashovers Compared to Ground Resis¬ 
tance, Junction-Grand Rapids Line 

other sections of the line. This would tend to indicate 
that the flux control has raised the flashover voltage of 
the string to some extent, but not sufficiently to keep 
the lower conductor entirely free of flashovers. On the 
Edenville-Saginaw line, there was but one case of flash- 
over on the lower conductor over the two-year period. 
The sphere-gap effect of the tubular horn used with 
the flux control may perhaps have some effect, to¬ 


gether with the shielding effect of the control insulator. 

A comparison of the Edenville-Saginaw line with 
the Junction-Grand Rapids line shows a wide variation 
in this respect. The Junction-Grand Rapids line shows 
the smallest percentage of flashovers on the top phase, 
while the Edenville-Saginaw line shows the greatest 
with a wide variation over the three wires in spite of the 
higher nominal elevation of the conductors. In looking 
for other reasonable explanations for this difference, 
the possibility of soil conditions being somewhat 
responsible is suggested. The curves in Figs. 5 and 6 
show a comparison of ground resistance measurements 
with the number of flashovers on the Junction-Grand 
Rapids and the Battle-Creek-Jackson lines. 

The ground resistance was measured between the 
tower anchors (which are of the basket type) and 
ground rods driven into the ground approximately 
24 ft. from the base of the tower. Complete resistance 
measurements of all the towers on the line were not 
available but at points approximately every five miles 
along the line, the ground resistance of several towers 
was measured. An average was calculated from each 
group, and from this data, the ground resistance curve 
was plotted. The broken line shows the number of 
flashovers occurring within one mile in each direction 
from the group of towers whose resistance was mea¬ 
sured. That there is some relation between ground 
resistance and the number of flashovers seems apparent 
in the fact that both increase and decrease correspond¬ 
ingly with one or two exceptions which might be 
because of abnormal local conditions. 
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Peek 6 has called attention to the “water level” 
below the surface of the ground as being the effective 
ground level, and has stated that under equal con¬ 
ditions, an induced voltage is higher in dry sections 
because of the fact that the flux extends from cloud to 
water level, the effect being that of increasing the height 
of the line. 

Referring to Fig. 5, it is noted that the ground resist¬ 
ance along the Junction-Grand Rapids line is very high, 
reaching a maximum of 1200 ohms. The soil along this 
line is very dry and sandy and in some small sections, 
it is almost devoid of vegetation. The country along 
this line is slightly more rolling in places than along some 
of the other lines, but not enough, apparently, to affect 
conditions to any extent. The high-resistance measure¬ 
ments were not confined to the higher points, but were 
found in all locations. The soil on the Edenville- 
Saginaw line represents perhaps the other extreme, 
being low and marshy with a considerable amount of 
heavy clay soil, and the water throughout this district 
is very salty; in fact, there are several chemical manu- 
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Fig. 6—Number Flashoyers Compared to Ground Resis¬ 
tance, Battle Creek-Jackson Line 


facturing plants obtaining their products from the brine 
pumped from the ground. A sufficient number of 
ground resistance measurements along the Edenville- 
Saginaw line were not available to plot a curve, but 
those taken indicate a resistance of not over four ohms. 

The conditions along the Battle Creek-Jackson line 
show lower ground resistance than the Junction-Grand 
Rapids line, varying between 10 and 100 ohms. The 
conductors being lower probably helped, but this was 
offset to some extent by the small arcing horns which 
probably increased the number of flashovers. The 
percentage of flashovers on the top conductor on this 
line is smaller than any other except Junction-Grand 
Rapids, and the other lines follow this trend, varying 
in proportion to the ground resistance. The location 
of the Mio-Loud line along the river probably helped 
to keep down the number of flashovers on account of 
the moist soil close under the line, also the triangular 
construction lowering the two top wires, undoubtedly 
helped to some extent. 

With the increased effective height of the lines with 

6 . F. W. Peek, Jr., Lightning and Other Transients on Trans¬ 
mission Lines, A. I. E. E. Trans., Vol. XLIII, p. 1213. 


higher ground resistance, all three of the conductors are 
well within the flashover voltage range and the effect 
of the difference in the height of each of the three 
conductors is proportionately smaller. On the Eden- 
ville-Saginaw line'apparently the closer proximity of 
the lower wire to the effective ground level makes it 
almost immune to flashovers in spite of the higher 
nominal span. It also lowers the number of flashovers 
on the middle wire, but the height of the top wire raises 
it to within the range of the flashover voltage. The 
shorter strings of insulators on this line undoubtedly 
had some detrimental effect. Results of this kind 
suggest that the lines should be so constructed that all 
three conductors will be a minimum distance from 
ground or in a horizontal plane. 

Comparison of the Junction-Grand Rapids and 
Edenville-Saginaw lines is of interest from the stand¬ 
point of the type of construction and possible effect of a 
ground wire. It is probable that if the Edenville- 
Saginaw line had been constructed with the horizontal 
configuration instead of its present form, this line would 
be very free from lightning trouble even without ground 
wires. On the other hand, the Junction-Grand Rapids 
line, with the same construction, would probably 
require one or more ground wires to produce equal 
results, and care would have to be taken that the 
ground wires were provided with a connection to water 
level or a good ground. 

It has been supposed that flashovers might increase 
with the mileage of line, but the results on the Jackson- 
Battle Creek line, which is separated from the remainder 
of the system, does not bear out this theory and inas¬ 
much as the lightning surges travel but a short dis¬ 
tance, it is reasonable to believe that there would be no 
great difference. 

Reports of operating results on lines in different 
sections of the country indicate quite a wide variation 
in results from the standpoint of trouble during light¬ 
ning storms. In some cases, excellent results are 
obtained with but moderately insulated lines, and in 
other places, considerable trouble is experienced on 
much more highly insulated lines. It is apparent, 
however, that at least some of the conditions that cause 
these discrepancies are being cleared up, and before 
constructing lines in the future, the soil conditions and 
other factors not heretofore taken into consideration 
will be studied before the design is completed and more- 
definite information obtained concerning the amount 
of insulation, number of ground wires, and other factors 
necessary to produce a line that will be as free as possi¬ 
ble from these troubles. 

Effectiveness of Arc Protection 

Comparing the lines equipped with the flux controls 
and arcing horns with the others, the rather remarkable 
efficiency of the arc protection in reducing the damage 
to the conductor is noted. A decrease from 66 per cent, 
38 per cent, and 24 per cent on the lines not equipped to 
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3 per cent and 5 per cent on those equipped with arcing 
horns and 5.3 per cent and 11.5 per cent on those with 
flux controls is shown, the arcing horns being somewhat 
more effective than the flux controls. It will also be 
noted that there have been no failures due to burning 
of the conductor or insulator hardware on any line 
equipped with either type of horn which also empha¬ 
sizes the advisability of providing some form of arc 
protection. 

The conditions that were found on the Junction- 
Grand Rapids line with its 66 per cent of burns offer an 
excellent, example of what may be expected of a line 
constructed in a locality of this kind without arc pro¬ 
tection to the conductor or some means of holding down 
the lightning potentials. 

It will be noted that the number of failures of the 
line due to the arc burning off the conductor, or some 
part of the insulator string at the time of the flashover, 
is rather small. There have been a total of only three 
in the eight years of operation on the Junction-Grand 
Rapids line and one on the Mio-Loud line. This, of 
course, is an excellent service record. However, of the 
345 cases of damage found on the Junction-Grand 
Rapids line, a great many were so serious as to necessi¬ 
tate immediate repairs. Where the damage is not so 
great, there is, of course, some weakening of the con¬ 
ductor. This creates the hazard of failure at some 
future time when abnormal mechanical stresses are 
imposed upon the conductor, such as during severe 
sleet storms, and some failures of conductors on this 
line during sleet storms that have occurred in the past 
are now suspected of having been at least partly due to 
this weakened condition of the wire. 

Aside from the damage to the conductor, the arcs do 
not seriously damage the other equipment. In some 
instances the top or lower disk is broken, but there has 
not been a sufficient amount of this to warrant the 
installation of protective equipment at the top of the 
string. In most cases there is no damage apparent 
from the ground. The current in the arc on the isolated 
system is smaller than if the neutral were grounded, 
which undoubtedly helps to a considerable extent. 

The arcs shift around to a considerable degree over 
the surfaces upon which they are playing. The theory 
has been advanced that the arc causes a separate burn 
with each half cycle. The appearance of the spots 
tends to bear this out. The small round burns are 
found to be deeper and more severe on the 30-cycle 
than on the 60-cycle system due apparently to the 
greater duration in each location at the lower frequency. 
Using the number of spots found as an indication of the 
length of time the flash over exists it is thought that a 
great many of the flashovers are of very short duration, 
considerably less than one second, others, however, 
hold longer and evidently are the ones that cause the 
more serious damage. 

The data also.show that there are quite a number of 
flashovers on towers where the insulators are in the 


strain position. In most cases, however, the breakdown 
occurs between the jumper loop and the tower and it is 
believed in some instances that the loop is not always 
at a maximum distance from the tower due to wind 
conditions or distortion of the conductor due to other 
causes. Consideration in this case is being given to 
the use of methods of holding the loop away from the 
tower at the maximum distance under all conditions. 

In Fig. 7 an effort has been made to show the con¬ 
ditions found relative to the travel of the arc and the 
cascading of the insulator strings. A typical tower top 
with the location of the burns that were found on lines 
with and without arc protection is shown. The figures 
opposite the insulator string and tower show the per¬ 
centage of burns found on the different pieces of equip- 



Fig. 7 Relative Location op Burns Caused 
by Flashovers 


ment with reference to the total number of flashovers. 
It is noted that in practically 50 per cent of the cases 
where no arc protection is used, the various caps of the 
insulators are burned. The number burned in each 
flashover varies, but the percentage of each is quite 
uniform over the total number of flashovers. The 
amount of cascading is not so great where horns are 
used varying from 19 per cent to 37 per cent on disks 
below the top one, but tlje amount of flashing to the 
tower basket is greater. This is particularly so with the 
flux controls and might indicate an effort on the part 
of the control to perform its duty of keeping the flash- 
over away from the string. On the Junction-Grand 
Rapids line, about 15 per cent of the strings, where 
flashover had occurred, were found with all of the caps 
burned. On the other lines, however, this was of rare 
occurrence. 

Fig. 7 shows again the very marked decrease in the 
amount of damage to the line conductor and clamp 
where arcing horns are used. These data are also of 
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interest in showing that a very high percentage of the 
flash overs occur over the insulator string and does not 
take place between the conductor and tower indepen¬ 
dent of the insulator string as has been thought. 

The cascading and burning of the caps, except at the 
end of the strings, apparently takes place at the time of 
the initial flashover, as tests that have been made on 
various types of arcing horns show that there is a strong 
tendency for the power arc tp blow away from the 
string in almost all cases, regardless of the type of arc 
protection in use. During part of the 1926 lightning 
season, there was a new line between Argenta and 



DISC NUMULIi 

Pit;, <S—(’ahoadinu of Insulators with and without 
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Battle Creek on the opposite side of the tower from the 
old one which had not been put in service and had both 
ends grounded. An inspection showed that several 
flashover* had occurred on this dead line and the caps 
show burns similar to those on the live lines. 

The curve* in Fig. 8 also show the amount of cas¬ 
cading quite clearly on the lines with and without arc 
protection. The curves show the effectiveness of these 
particular types of arc protection in reducing the 
amount of cascading. 

Measurement of Surges 

Four klydonographs were in service on the system 
during the year 1925 and as indicated in Fig. 1, instru¬ 
ments were placed at Cooke, Shaftsburg, and Battle 
Creek on the 60-cycle system and at Grand Rapids on 
the 60-cycle system. These instruments were in ser¬ 


vice for a period of about eight months, which in¬ 
cluded the lightning season. 

In Table No. II is a summary of the record of the 
four installations and shows that a total of 567 surges 
of between 1.5 and 10 times normal voltage to ground 
were recorded. It is noted that only the lightning 
surges reach values in excess of five times normal and 
are undoubtedly the cause of the insulator flashover. 
This checks closely with operating records inasmuch 
as flash overs occur during lightning storms and in 
localities where the storms are known to be present. 
With the klydonographs so widely scattered, these 
registrations can only be taken as a partial record of the 
number and magnitude of the surges due to lightning, 
as this type of surge is of steep wave front and is 
quickly attenuated. In one case the klydonograph at 
Grand Rapids registered 10 times normal voltage on 
one phase and nine times on the other two. . The 
maximum surge recorded was during a severe lightning 
storm directly over the Cooke station. At this time the 
potentiometer, which was of the ring type, supported 
on post type insulators, flashed over from the top ring 
to the bottom of the insulator column. The klydono¬ 
graph flashed over between all three terminals and to 
ground and produced a very large image across the film. 
It is thought that about 15 times normal voltage would 
be required to flash over the potentiometer so it is 
evident that voltages in excess of this were present in 
the transmission line. 

The insulator strings themselves are perhaps the best 
indicator of the magnitude of the surges. Peek 7 has 
shown that the lightning sparkover of a string of sus¬ 
pension units such as used on these lines is between 
1,200,000 to 1,400,000 volts. The results indicate that 
voltages of this magnitude or greater are present on the 
lines and also show the correctness of the use of a 
potential gradient of from 30 to 50 lev. volts per ft. in 
calculating the voltage that may be present in lines 
close to lightning storms. 

The surges due to switching and arcing grounds are 
much less severe than those caused by lightning and 
in so far as the line insulators are concerned, are not of 


TABLE II 


NUMBER AND VOLTAGE OF VARIOUS KINDS OF SURGES ON TOTAL SYSTEM AS RECORDED BY KLYDONOGRAMI 


Number tinii'H normal mint 
volt ago to ground 

1.5 

2 

2.5 

3 

3,5 

4 

4.5 

.. 

5 

5.5 

0 

0.5 

7 

8 

9 

10 

Total 

+ 

125 

30 

8 

10 

(1 

1 

3 

1 

2 
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Switching MirgoH. - 

1 
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1 

2 

1 

8 
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2 
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1 

8 

2 

1 

3 
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25 

35 

25 

8 

8 

4 
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53 

11 

5 
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107 

67 

54 

19 

10 

10 

8 

2 
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great concern. Undoubtedly the registrations made by 
them are nearer to their true value than is the ease 
with lightning surges, as they travel greater distances 
along the line. . 

The records covering the klydonograph installations 
at the different locations did not vary to any great 
extent although the instrument at Grand Rapids 
recorded a greater number of more severe lightning 
surges than the other instruments which undoubtedly 
is consistent with the other flashover data, as this 
instrument was connected to one end of the Junction- 
Grand Rapids line where the most severe conditions are 
thought to exist. 

Relay Protection 

The relay scheme in use has not been shown. This 
has been developed along with other parts of the system 
over the period of years covered by these data, but in 
general it consisted of the usual standard relays. 

In 1926 a system of ground relays operated by the 
unbalanced residual current in the line when a ground 
occurs was installed on the 60-cycle system and very 
good results have been obtained 8 . 

We have been unable to connect up all of the flash- 
overs with surges or disturbances on the system, and 
it is thought that in many cases the arc extinguishes 
itself without starting a disturbance that would cause 
surging in voltage or circuit breaker operation. This 
is perhaps another peculiarity of the isolated system. 

Insulating and Arcing Devices 

Assuming that the lightning sparkover voltage of the 
insulator string varies with its length, it is apparent 
that there is an advantage in increasing the length of 
the string provided sufficient clearance is maintained 
from other parts of the structure. Insulators of 
rather close spacing are in use in a great many instances. 
One object is to reduce cascading as much as possible; 
also to reduce the stress across the individual units. 
The data on this system, however, indicate that even 
with a very.closely spaced unit the cascading takes 
place. With the improvements that have been made 
in insulators during the past few years, the danger of 
puncture is much less than heretofore, so that it would 
appear that there is considerable gain inprotection to the 
line from lightning flashovers as well as from the cost 
standpoint in using the wider spaced unit in obtaining a 
longer string. 

In sections of the country removed from the sea coast 
and where trouble from fog or dust is not experienced, 
the use of wooden pole structures in the place of steel 
towers appears from the insulation standpoint to have 
some merit. Advantage is taken of the insulation of 
the wooden structure which apparently is considerable, 
and in certain locations like in the vicinity of the Eden- 

8 . Directional Ground Relay Protection of High-Tension 
Isolated Neutral Systems, Breisky, North, and King , Summer 
Convention, A. I. E. E., Detroit, Mich., June 20-24, 1927. 


ville-Saginaw line, wood pole lines with the conductors 
carried in a horizontal plane at the minimum distance 
from the ground might provide a line that would be 
very free from lightning trouble, without the use of 
ground wires. 

The choice of an arcing attachment for the insulator 
string is somewhat of a problem. Various kinds of 
horns and rings are offered. Some are said to be more 
efficient than others in not only protecting the conductor 
and insulators from the arc, but bettering conditions 
around the insulator string so that the flashover is not 
so apt to occur. Experience on this system has been 
confined to the types of horns shown in Figs. 2 and 3 
and has demonstrated the high efficiency of the small 
arcing horn as protection to the conductor, but which, 
like all plain horns, undoubtedly lowers the flashover 
of the string. Systems where more severe arc con¬ 
ditions exist might not obtain as good protection and 
would have to consider their own local conditions. 
There does not appear to be any marked difference in 
protective value between the various kinds of plain 
horns. The power arc has a strong tendency to blow 
out away from the insulators in most cases, but devices 
that will prevent the cascading of the string at the time 
of the initial flashover might be of considerable value. 

Remedial Measures 

Ground wires are being installed on all tower lines now 
under construction on this system and are either being 
installed or contemplated for at least part of the older 
sections of the system. 

On the Saginaw-Flint line, which has been completed 
for two years, a ground wire will be in place during the 
1927 lightning season, and it is planned to secure data 
showing the effectiveness of this ground wire in reducing 
flashovers. There is a second line between these two 
places, shown on the map with a separation from two to 
eight miles, which has also been carefully inspected to 
determine its present condition in regard to flashovers. 
A number of surge recorders of the klydonograph type 
will be placed at frequent intervals along both of these 
lines and it is hoped to get a good comparison between 
the two lines with and without ground wire. 

Ground resistance measurements are being made over 
a number of other lines with the idea of determining 
more definitely the effect of soil conditions and the 
location of the effective ground level and to determine 
the necessary protective equipment for future and also 
some of the present lines. It is planned to install arc 
protection of some type on all of the lines whether or 
not ground wires are installed, as it is evident there will 
still be a number of flashovers in spite of the equipment 
installed to reduce the disturbance caused by 
lightning. 

Consideration is also being given in some locations to 
use of the wooden pole “H”-frame construction as a 
means of increasing the insulation of the line and placing 
the conductors in a horizontal plane as close as possible 
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to the ground. It would seem that this type of con¬ 
struction would give the maximum protection in so far 
as the lightning storms were concerned, provided 
some method is worked out to prevent the shattering 
of the poles and crossarms and the possible burning of 
the poles or crossarms in some localities due to leakage 
over the insulators. 

Conductor clearance and separations have been 
increased on all new lines, and provisions made for the 
installation of longer insulator strings, if this seems 
desirable after the effectiveness of the ground wire lias 
been determined. 

On the strain type construction some means of 
holding the loop or jumper will be installed so that there 
will be no possibility of its coming close enough to the 
tower to cause flash overs. 

Conclusions 

1. Transmission lines in sections where lightning 
storms are prevalent are subjected to extremely high 
voltages, which will cause quite frequent flashovers of 
the insulators unless constructed in such a manner, or 
protected so as to hold down this voltage. 

2. The severity of the conditions affecting the line 
varies considerably in different sections due to local 
surroundings and perhaps the severity of storms. 

d. Unless equipped with some type of arc protection, 
damage is very apt to result to the line conductors, 
which, if it, does not cause failure at the time, weakens 
the wire and creates the hazard of failure at some future 
time. 

4. Cascading of the arc over the insulator strings will 
take place to some extent i n nearly all flashovers unless the 
string is provided with suitable preventative equipment. 

5. Surges due to switching or groundsill so far as the 
line insulators are concerned do not appear to lie of 
serious c< mscq uenee. 

(). Careful inspection of lines is warranted on account 
of the defects found that are not apparent from the 
ground, particularly on a system operating with isolated 
neutral. 

7. It seems desirable that a thorough study, including 
conditions affecting the height of line, as well as the 
frequency and severity of storms, be made before a 
line is constructed to determine the necessary protective 
features. 


Discussion 

G, If, Doom The top wiro of our 120-lcv. linos is vor.v 
muoh more susceptible to flashover and damage than any of the 
others. Wo had concrete evidence of that last year when a 
lightning stroke hit directly on a radio tower which was very 
close to the high-voltage lines. A. klydonograph about a quarter 
of a mile away showed that there was about 5 times normal 
potential on the top wire, 3.3 on the middle, and 2.7 on the 
bottom. That, however, did not cause flashover, and did not, 
of course, cause opening of the oil circuit breaker. 

This is further borne out by the position of broken insulators. 
The record for last year shows that 77 per cent of the insulator 
flashovers were on the top wire, 19.4 per cent on the middle, and 
only 2.8 per cent on. the bottom wire. 


We have also some very interesting data as to the good of 
ground wires. We started our 120-kv. system, and ran it during 
the season of 1925 without a ground wiro on that portion which 
was working. During that season, we had 114 automatic switch 
openings. During the winter it was equipped with a ground 
wiro, and the following year (in 1926) we had 7 openings, 
which is a reduction in switch openings of practically 91 per cent. 
The storms which passed over that area decreased 47 per cent, 
so that there is a possibility that the storms which we had wore 
not so severe, and wo certainly know wo didn’t have as many of 
them; hut it scorns that the ground wire had afforded quite a 
little protection. . 

Mr. Ilemstreot points out that in dry sandy country lie has 
experienced many more flashovers than in the lower districts. 
We also find that is true. In one particular section, where the 
land is rather high, rolling, and sandy, and the ground resistanco 
rather high, wo have experienced, I think, about 50 per cent of the 
flashovers of which 1 spoke. 

R. L. Md loys Air. Keiustreet has pointed out the ad vantage 
of the longer-spaced suspension insulator. It has always boon 
the policy of the Locke Insulator (Corporation to recommend the 
use of a relatively long-spaced suspension unit. 

A l'ew years ago the major insulator problem was that of pre¬ 
venting puncture of the units by the voltages impressed upon 
them. That problem is now well in hand and the major problem 
is to prevent lightning flashovers as much as is possible and 
feasibly economical and to prevent the attending damage. 

Researches which have been made by Mr. I* 1 . W. Peelc have 
shown us the nature of the voltage impressed upon line insulators 
by lightning. 

It is desirable that we study the action and characteristics of 
line insulators under these voltages. The lightning generator 
has given us an opportunity to make these studies. A very 
careful investigation has been made with lightning. We find 
that with all types of suspension insulators regardless of the 
spacing, cascading occurs. This fact is borne out by Mr. Ilom- 
street’s experience. 

The reason for this is found in the fact that the distribution 
of the voltage impressed on the various units of the insulator 
string is net uniform. The line unit hearing the brunt of the 
surge flashes over before the remaining insulators flash over. 
This, then, makes the second unit from the line at the same 
potential as the line and it Hashes over. The flashover therefore 
is progressive, one unit at a time, with the are striking to each 
insulator cap. The power arc follows the path, of the lightning 
are and starts as a pure cascade. This accounts for a large 
number of cases where we find cascading on all of the units of an 
insulator string when it was flashed over by lightning. Inciden¬ 
tally, we find, this on insulators of all spacings. 

Our problem then is to find a way of using the insulation in the 
insulator to the best advantage to produce high flashover values 
which will reduce number of flashovers, and prevent cascading of 
the lightning arc. Recent studies with lightning show no appre¬ 
ciable difference in cascading between insulators of minimum 
spacing and insulators of approximately (5-in. spacing For a 
10 -in. disk. 

Flashover values are directly in proportion to the string length. 
The longer spacing is obviously advantageous from this point of 
view. 

Mr. Ilomstroot states further that the power arc has a strong 
tendency to blew away from the insulator if the initial cascade 
caused by lightning can he prevented. The grading shield 
offers a moans of doing exactly this. The reason for this is that 
the grading shield reduces the voltage across the line unit and 
makes the voltage duty upon each unit more nearly uniform 
and when the flashover occurs it is a complete flashover from 
ring to ring, or, ring to horn, and the arc is started, several inches 
away from the insulator. The chances of its doing damage there¬ 
fore are much reduced. 
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Recent investigations show that the grading shield can be 
designed to prevent cascading of the lightning are, and also 
because of better field conditions established, give an increase of 
from 15 to 20 per cent in the flashover value over that of the un¬ 
protected string. This is interesting, because on 132,000 volts or 
above we are near the point where the insulators have a flashover 
value equal to the voltage imposed upon them. An increase, 
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Flashovers on transmission lines are reduced by raising the 
effective flashover voltage of the insulator between conductor and 
ground, or by reducing the abnormal potential on the conductor. 
In addition to these two methods or factors, a new method 
has been developed which I have called the counterpotential 
method. 

In this discussion I wish to call particular attention to the 
last two methods. 

The new method eliminates the danger of burning and permits 
taking advantage of the very high flashover values for lightning 
possessed by wood structures, to which Mr. Hemstreet called 
attention. 

Reduction in the effective height of the conductor and the 
installation of ground wires are two factors which can be used to 
advantage for increasing the ratio of flashover voltage to surge 
potential for steel tower lines. Recent improvement in the 
theory of the ground wire gives a working knowledge of the 
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therefore, of a few per cent in the flashover value may reduce 
very materially the number of flashovers. 

A. O. Austin: In view of some of the points raised by Mr. 
Hemstreet’s paper, it would seem that some recent theory and 
investigation should be of interest. 
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various factors governing its functioning so that it can be 
evaluated for any installation. In applying the ground wire, 
to obtain best results, it is necessary that we have a knowledge of 
just how it functions. 

A charged cloud over the power conductor will induce a charge 
on the conductor. This charge is a bound charge and will be the 
same for a conductor or a ground wire in the same position. 
Following the discharge of the cloud, the bound charge will be 
released and cause the potential of the conductor, if insulated, to 
rise. This rise in potential is of great importance and a study of 
the factors has been made. Before the cloud discharges, the 
conductor may be regarded as forming a condenser with the 
cloud. Following the discharge the conductor forms a condenser 
with ground or objects of lower potential such as a ground wire. 
In general, the potential on a conductor may be said to vary as 
Q/C where Q is the charge and C the effective capacitance of the 
conductor to ground. It therefore follows that factors which 
affect Q and C must be given consideration in determining the 
rise in potential for a given gradient. 
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The* charge Q will increase directly with the height in a field 
of uniform gradient while the value of C is reduced with the 
height of the conductor. It therefore follows that the induced 
potential Q/C will increase at a more rapid rate for greater 
heights of conductor. This is shown in Fig. 1 herewith. 

Bringing the power conductors nearer together reduces Q, 
hut this advantage is partially offset since it also reduces C. 
Where a ground wire is used to increase C, it is evident, however, 
that close spacing reduces Q and increases C. Since the ground 
wire functions by increasing C rather than by reducing Q, its 
location and number should take this into account rather than 
its location for screening. 

By the use of a cathode ray oscillograph of the Braun-tube 
type it is possible to measure induced voltages on model lines 
with ooho. 

Big. 2 shows a study based on string length. In this study the 
induced voltage on the conductors of a two-circuit lino is shown 
as measured by this method. It will he seen that the induced 
potential rises very rapidly with the increase in string length. 
Increasing the length of a string 2 ft. not only spreads the eon- 


the tower top is raised by the counter-potential or charging wire. 

By properly spacing the height of the counter-potential wire 
it is possible to control the potential of the support adjacent to 
tho insulator so that the flash over voltage of the insulating zone 
of the tower can be added to that of tho insulator, giving 
exceedingly high flashover values for what would otherwise be a 
low or moderate flashover voltage system. In addition to giving 
exceedingly high flashover values it makes it possible to effect 
very material economies due to the closer spacing of conductors. 

Since the danger of burning of the insulated section is removed 
by the counter-potential wire and relay operation is insured, 
this now method of line construction has material possibilities 
which may bo applied for improving old linos as well as being 
adapted for new construction where it is desired to reduce or 
eliminate flashovers. 

It is also possible to use the construction in conjunction with a 
ground wire. It is, howovor, necessary to place the ground wire 
below tho insulated zone or to insulate it from the upper section 
of the structure. 

Mr. Hornstreot raises the question as to tho effect of ground 



due tors but raises the top conductor at least 10 ft. Whore tho 
electrical gradient set up by the cloud is steep, it is soon that 
increasing the string length may result in more flashovers unless 
tho height of the conductors is kept down or the factor C in¬ 
creased by placing ground wires at other points than at tho peak 
of the tower. 

In wood-polo structures tho problom is different. The 
installation of a ground wire may eliminate insulation sev¬ 
eral times that of the insulator. It therefore follows that whore 
a ground wire is usually an advantage on a steel-tower line, it 
almost invariably increases lino trouble when applied to a wood- 
polo line which has effective insulation. The reasons for this 
are dearly shown in Figs. 8 and 4. It will also be noted that 
the insulated ground wire and the counter-potential wire have 
groat advantages over tho ground wire for preventing flashovers 
induced by lightning. While tho insulated ground wire cannot 
be used where unbalanced leakage is likely to burn the pole, the 
counter-potential wire takes care of this and also facilitates 
the operation of relays. 

The counter-potential wire may be very effective when applied 
to a steel tower having an insulating zone. In operation, the 
release of a bound charge raisos the potential of the counter- 
potential wire and connected tower top or cross arm coincident 
with the rise in potential on the power conductor. Since tho 
potential of the insulator support is raised, the stress tending to 
that flash tho insulator or conductor will bo reduced by the amount 


resistance on flashovers. From a consideration of tho counter- 
potential wire it is apparent that if the effective height of tho 
conductor has not been increased, a high ground resistance may 
permit the structure to be charged momentarily. This will 
tend to reduce tho stress tonding to flash the insulator so that the 
danger of arcing would really be loss. If the nature of the ground, 
however, is such that tho conductors have a very high effective 
height, this may more than offset the high ground resistance and 
result in increased flashovers. 

Impact tests made recently on long strings with much larger 
amounts of energy than have heretofore been available, show that 
many insulator strings or arrangements which it lias been as¬ 
sumed (from, tests on short strings), would arc free, frequently 
cascade. These tests apparently give results similar to those 
Bliown in tho examination carried out by Mir. Homstroet. It is 
hoped that an oscillograph record of tho flashovers on test will 
throw much light on tho nature of some of the various types of 
flashovers noted on the system. 

While tho path of an are may be determined at the expense of 
flashover voltage, once formed further control of the arc is lost, 
hence operation can best be improved by increasing the effective 
ratio of flashover voltage to the surge voltage. With a better 
understanding of tho various factors it is now possible to con¬ 
sider the cost of the line per mile on a flashover basis as well as 
on a mechanical basis. When this is carried out, great improve¬ 
ment in tho elimination of flashovers will result. 
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W. L. Lloyd: I am glad to note that the operating results 
have checked so well Mr. Peek’s laboratory tests, in that the 
lightning voltage is directly dependent upon the height of the 
phase wire above conducting soil. 

With wet soils, the greatest number of flashovers should occur 
on the upper conductor. I understood Mr. Hemstreet to say 
that actually 85 per cent of the flashovers occurred on the upper 
conductor under such conditions, whereas the lower conductor 
was practically immune from lightning. 

With dry soils, where the conducting level is perhaps far below 
the ground level, and the percentage difference between the 
effective heights of the three vertically spaced conductors is 
greatly diminished, there should be more flashovers; but a more 
even distribution in the number of flashovers should be expected. 
This is in accordance with the operating results reported by Mr. 
Hemstreet. 

On important lines, we recommend the ground wire to re¬ 
duce the number of flashovers and the grading shield to elimi¬ 
nate damage to the insulator string or line conductor in the case 
of those fewer number of flashovers which remain. 

I am particularly interested in the klydonograph surge- 
recorder measurements on this system, and am glad to note that 
these measurements check so well with our estimates based upon 


tests in the laboratory with Mr. Peek’s 2,000,000-volt artificial- 
lightning generator. 

J. G. Hemstreet: It is gratifying and encouraging to know 
that the representatives of operating and manufacturing com¬ 
panies and those working in the laboratories on this same problem 
are in agreement*on practically all of the various points that 
have been brought out. 

It is evident that a great deal of the mystery surrounding the 
transient conditions existing in transmission systems is being 
cleared away and the knowledge that has been gained of these 
conditions from experience in the field and laboratory tests and 
investigations may enable us to provide high-voltage transmission 
lines that will be very free from trouble due to lightning. 

Mr. Austin has introduced somewhat of an innovation in 
the counter-potential method of preventing insulator flashovers. 
Results of experience in the field will be awaited with interest to 
determine if this method is as effective as a ground wire. One 
of the benefits obtained from the use of ground wire is the pro¬ 
tection to the station equipment by holding down the transient 
voltages in the transmission line. The counter-potential 
method evidently does not accomplish this purpose, but possibly 
a combination of the two using ground wire near the stations 
might accomplish the desired results. 



Ground Relay Protection for Transmission 

Systems 

BYB. M. JONES' and, G. B. DODDS' 

Member, A. I. E. E. Non-Member 


Synopsis. The relay problems of an electric power system 
are most important , and are very vital to the successful opera¬ 
tion of the system. More and more consideration is being given to 
the relay engineers' point of view with resultant improvement 
in system operation. Several large, successful companies undertake 
no project having any bearing on the primary electric system without 
due regard to the relay engineer's recommendation. 

With the transmission networks becoming more and more inter¬ 
connected, and with the injection into the problem the interconnections 


with other power companies, the absolute necessity of isolating a 
faulty line, (or a faulty -piece of equipment), is essential and is be¬ 
coming more clearly recognized by all large companies. 

Since this article was written, other 66-kv., ground relay tests have 
been made with a resistor grounded neutral and with a solidly 
grounded neutral, and some very interesting and unexpected points 
were discovered. It is hoped these points ivill be brought out 
during the discussion of this paper. 

***** 


T HE question of ground protection has always been 
a serious one and also a very troublesome one. 
In the days when transmission systems were 
operated with a free or floating neutral and one leg of a 
line became grounded, this would throw a high potential 
on the other two legs and thus subject the lines and 
equipment to an unusual strain and possible damage. 
It would also endanger the lives and safety of people 
who might come in contact with the grounded line. 
To locate such a ground in a network was a very hard 
thing to do and often resulted in outages to a great many 
customers in the process of finding the line with the 
fault on it. 

The subject of ground relaying is becoming more 
important, and is attracting more attention in the opera¬ 
tion of light and power systems. It is considered 
absolutely necessary to isolate a grounded line imme¬ 
diately, for several reasons: 

1. To reduce chance of injury to people who may 
come in contact with or approach a grounded line, 
thereby encountering dangerously high ground 
potentials, 

2. To reduce the resultant damage to apparatus 
and lines by removing a ground as quickly as possible 
from the system. 

On systems using overhead construction on wooden 
cross-arms, the ground currents encountered are rela¬ 
tively small and very sensitive ground relays are 
required to recognize these small currents. 

As a result of the troubles encountered with an un¬ 
grounded system, a great many companies now make a 
practise of grounding their transmission system. The 
grounding of a system may be done in a number of ways, 
which are shown in Fig. 1. Where the star point of 
transformers or generators is brought out, this point 
can be grounded, either solidly or through a resistance. 
When there is no neutral point available, a grounding 

1. Duquesne Light Company, Pittsburgh, Pa. 

Presented at the Summer Convention of the A. I. E. E., Detroit, 
Mich., June 80-24,1927. 


transformer may be installed. Grounding transformers 
are usually connected either star-delta, with the star 
point grounded, or zigzag, with the star point grounded, 
both methods having their particular advantages de¬ 
pending upon the particular application. 

When the star-delta grounding transformer is used. 



Fig. 1—Methods op Grounding Transmission Systems 

a. Early ungrounded systems 

b. Solidly grounded systems 

c. Resistor grounded systems 

. d. Star-delta grounding transformer banks systems 

e. Zigzag grounding transformer banks systems 

the star point may be grounded either solidly or ■ 
through a resistor. If desired, a load may be taken 
from the delta-connected secondary of the transformer 
bank.. The advantage of the zigzag-connected ground¬ 
ing transformer bank is the relative cheapness of it, 
since with it no secondary winding is required and thus 
it is somewhat cheaper than the star-delta bank. 
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Where the system is solidly grounded, the relaying 
for ground faults is comparatively simple if the fault 
current obtained is greater than the load current. 
In some cases, however, the current for ground faults is 
comparatively small, due either to long transmission 
lines or to contact resistance at the point of the fault. 
Where this condition exists, the phase relays will not 
protect the line for ground faults, and other means of 
protecting the lines for grounds must be used. It is 
nteresting to note in this connection that some com¬ 
panies with very long high-voltage transmission lines 
protect these lines against ground faults only. 

On systems which are grounded through a resistor 
in the transformer bank neutral, the relaying for ground 
faults is somewhat involved, due to the small ground 
currents obtained and, in the case of a network, to the 
distribution of t his current through several sets of lines 
and relays. 
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( i HOUND PltOTEeTtON 

Many different schemes for ground protection have 
been devised, some of which are indicated below: 

1. Overcurrent non-direetional relay in neutral of 
current transformer circuit, 

2. Overcurrent non-direetional relay interlocked with 
directional elements of phase relays, 

3. Power relay with instantaneous time but inter¬ 
locked with overcurrent non-direetional relay for timing, 

4. Power relay with self-contained timing element, 

5. Impedance ground relay, 


<5. Power directional relay using inside d»*lt:i voltage, 

7. Balanced current ground relays for parn!h*l lines. 

The overrurrenf non-directioual ground relay is 
satisfactory for use on radial feeders or other locations 
where directional protection is not. required, such us 
bus or transformer differential protection, or on radial 
lines. In connection with such uses, a relay with a low 
operating range and one w hich puts a small volt-ampere 
burden on the current transformer;; is ven desirable 
and lias been developed, 'this type ot ivia> is very 
sensitive to small ground fault currents and, due to its 
low volt-ampere 1 burden, does not overburden current 
transformers which have other apparatus, than relays 
connected to them. 

The overeuiTcnt non-direetional relay with its trip 
circuit interlocked with the directional element u[ |,ho 
phase relays was used quite extensively and proved 
fairly satisfactory in some cases. This type of protec¬ 
tion. however, has one main inherent defer! which is 
impossible to overcome. This defect is that on a single- 
line loop having more than one looped station and 
having a feed from both ends of the loop, a fault may 
occur which, while providing enough current to operate 
the ground relay, will not be of sttfbeienf magnitude to 
overbalance tin* load current, with the result that the 
directional contacts on the wrong set of relays will be 
held closed and the wrong breaker tripped out. 

The power relay has not proved satisfactory for 
ground protection, due primarily to the fart that; a 
HuOieiently low range relay has j mi been used. With 
this scheme, tin* power relay obtained current, from 
the neutral of the current transformers and voltage 
from the inside delta voltage of an auxiliary set of 
star-delta connected potential transformers. With 
this scheme of ground protection ami with a fault 
occurring some distance out on a line away from the 
substation at. which the relays are located, the resultant 
voltage distortion at. the substation may lie rela 
small, even though the fault currents be compara 
large, tinder these conditions of fairly largo 
currents and small voltage impressed on the power 
relay, in conjunction with the poor power factor which 
sometimes exists during ground faults, the resultant 
watts in the power relay may be so low that the relay 
will not. operate at all or will operate very slowly. 
Due to this condition, the possibility of clearing ground 
faults in a minimum time is decreased. 

The low energy power directional ground relay 
using inside delta potential is one of the most satis¬ 
factory schemes. A diagram of connec t ions is shown in 
Fig. 2. In this scheme the same potential is used as 
was used in the power relay, but it is used only to 
operate the directional contacts of the relay, the 
having a separate overeurrent element similar to 
the overcummt relay. The overeurrent and directions! 
contacts are connected in series as in other power 
directional relays. In this type of relay, the timing 
is obtained from the overeurrent. element* By using 
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this scheme, the directional elements may be made to 
operate on a very small number of watts, thereby 
making it sensitive to very small ground currents. 
An installation of this type of protection is shown in 
Figs. 3 and 4, which views were taken in a small sub¬ 
station on a consumer’s property, there being one 22-kv. 
line looped through this station. Fig. 3 shows the front 



Fia. 8-. Front View of Consumer's Relay Installation 

view of the relay panel and Fig. 4 shows the rear view 
of the panel with the auxiliary star-delta connected 
potential transformers, and also shows the individual 
relay test switches for each relay. 

The impedance type of relay has been used with 
reasonable satisfaction on systems which are solidly 



grounded. These relays may be self-contained, in 
which ease one per phase, or three for a three-phase 
line, will be required, or the double-element phase and 
ground relay combined in one case may be used. These 
relays may obtain their potential direct from the line 
potential transformers or may use low-tension potential 
through compensators. The ground impedance relays 


have the same time characteristics as the phase impe¬ 
dance relays, thereby clearing faults close to the station'in 
a short time and increasing the time for faults farther away 
from the station. These relays are not so satisfactory, 
however, for use on a system which is grounded through 
a resistor, since the voltage drop is usually not large 
enough to cause the impedance type ground relays 
to operate in a reasonably short time. 

The balanced current type of protection is limited in 
its application to parallel lines. It furnishes a simple 
and fast method of clearing all ground faults and is an 
inexpensive method, for no potential transformers are 
required. The station must have two sources of feed, 
however, and when one of the pair of lines is out of 
service, an extra set of relays is sometimes required in 
order to permit increased time of operation to obtain 
selective action with other stations. This type of 
protection has been described in detail by Mr. H. P. 
Sleeper. 2 

There are several methods of checking the current 
and potential phase relations on the ground relays in 
order to determine whether the relay will operate 
correctly under fault conditions. Among these 
methods may be mentioned the following: 

1. By using phantom load, 

2. By using actual load,* 

. 3. By actually placing a ground upon the line. 

The Duquesne Light Company, along with several 
other companies, is strongly in favor of the latter method 
of checking the direction of the ground relays, having- 
found by sad experience, when using the first two 
methods mentioned, that mistakes and errors are very 
liable to occur, with the result that under actual fault 
conditions, improper relay and breaker operations 
result. 

In connection with the checking of ground relays 
by actually placing a ground on the line, some very 
interesting results have been obtained, among which is 
the relation of ground current to phase voltage with 
different amounts of resistance in the high tension trans¬ 
former bank neutral. 

This point was brought out very forcibly during 
some tests conducted by the Public Service Electric 
and Gas Company of New Jersey which were made in 
July 1926. A tabulation of their test data is shown in 
Table I. An analysis of this data shows that with no 
resistance in the transformer bank neutral, a phase 
angle of around 90-deg. lag is obtained, and with a 
resistance of 76 ohms in the transformer bank neutral, 
the phase angle varies from 5-deg. lag to 15-deg. lag, 
while with a resistance of 300 ohms in the transformer 
bank neutral, the power factor ranges from unity to 18- 
deg. lead. As a result of the poor power factor obtained 
under conditions of the transformer bank neutral being 
solidly grounded, the resultant torque on the relay 

2. H. P. Sleeper, A. I. E. E. Transactions, Vol. 42,1923, 
p. 513. 

Discussion, A. I. E. E. Journal, February, 1925, p. 182. 
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TABLE I 

DIRECTIONAL GROUND RELAY TESTS 
of Iligli-Tuntsion Lino Ground Tests Made by tli« Public Service 


Electric and Gas Company 


Test number.. 

Date. 

Time.... 

Voltage of line tested. 

Bank lcv-a. 

Neutral resistance... 

Lino grounded.,. 


Location or ground. 


7/11/20 
Otr.r. a.m. 
20 kv. 
25,000 
0 

Phase 1 of 
N-102 
1 ini. from 
Essex 


7/11/20 
10:30 a.m. 
20 kv. 
25,000 
300 

Phase 1 of 
N-102 
1 ml. from 
.Essex 


3 

7/11/20 
10:37 p.m. 
20 kv. 
25.000 
300 

Phase l of 
X-1.02 
L ml. from 
Essex 


Wo. of ground relays In series on 

O.T. 

Ground relay current setting.,.. 
High-tension ground amperes..,. 
Ground relay 

Volts. 


Amperes. 

Phase angle... 

L«t. star volts before test 

1- N. 

2- N. 

3- N. 

L-t. star veils (luring test 

1- N. 

2- N. 

3- N. 

L-t. delta volts before test 

1- N. 

2- N. 

3- N. 

!/•(,. delta volts during test 

1- N. 

2- N. 

3- N. 


7/11/20 
12:15 a.m. 
20 kv. 
25,000 
300 

Phase 3 of 
H-357 

H ml. from 
Metudien 


10 150 1- 100 

(E. H.) 

Metis' 120 OH 

reversed 

3.0 0.H 0.0 

03-tleg. lag. 7-cleg, lead l()-deg. lead 


7/11/20 
12:55 a.m. 
20 kv. 
25.000 
300 

Phase 3 of 
H-357 
ml. from 
Metudien 


7/11/20 
2:15 p.m. 
20 lev. 
25,000 
75 

Phase 3 of 
H-357 

' i' ml. from 
Mctuchen 


1.7 

I H-deg. lead 


2,07 

10-dcg. lag 


7/11/20 
3:15 p.m. 
20 kv. 
25.000 
75 

Phase 1 of 
U-350 


8 

7/11/20 
4.00 p.m. 
20 kv. 
25.000 

Phase 2 of 
N-100 


1 ml. from 1 /K ml. from 
Essex Meluehen 


l.05 2.0 

5-cleg, lag 15-cleg, lag 


7/t1/20 
4:30 p.m. 
20 kv. 
25,000 
0 

Phase 2 of 
N-100 

1/S ml. from 
Metuehen 


0,1 

00 -deg. lag 


(Jink is very small, even though the fault current be 
relatively large, and if the phase angle is greater than 
})()-(leg. lag, the direction of operation of the relay will 
be reversed. 

Similar tests were conducted by the Duquesne 
Light Company during May of 102(5, in order to de¬ 
termine the following points: 

1. To determine the minimum amount of ground 
current on which the 50-watt power relays would 
operate, 

2. To make an actual check on the direction of opera¬ 
tion of the power ground relays, 

8. To determine the effects of putting more than one 
potential element of the ground relays in parallel on 
the same set of auxiliary potential transformers, 

4. To determine the sensitivity of the low-energy 
power directional ground relays as compared with the 
50-watt power relay. 

The test data are shown in Table II and the conclu¬ 
sions arrived at are as follows: 

1, The power relays set on a 50-watt tap would not 
operate satisfactorily with less than a 300-ampere 
ground, the ground being located at the substation at 
which the relays were installed. As the ground 
location would become farther away from the substa¬ 
tion, the ground current necessary to operate the relay 
would become higher, due to less voltage being im¬ 
pressed on the power relay. 

2. The direction of all ground relays tested was found 
to be correct. 


3. The addition of an increased number of potential 
elements of ground relays to one set of auxiliary po¬ 
tential' transformers did not result in any noticeable 
drop in voltage on the secondary of the auxiliary po¬ 
tential transformers. This indicated that the auxiliary 
potential transformers could be loaded up to their 
volt-ampere capaci ty. 

4. It was found that the low-energy power directional 
ground relays would operate satisfactorily cm a much 
lower ground current than the power relays. 

Since the above tests were made, low energy power 
directional ground relays have been installed on the 
majority of the lines of the Duquesne light Company 
22-kv, system, and a large number of these relays has 
been tested by actually putting grounds on the lines 
which these relays protect. 

The equipment used in making the line ground tests 
is shown in Fig. 5, Fig. 5a shows a two-ton trailer 
on which the necessary equipment for making high- 
tension line ground tests is mounted. Fig. 5 b shows the 
water rheostat set up and connected to the line. Fig. 
6c shows the water barrel emitting flame during line 
ground tests made at night. Night testing is sometimes 
necessary due to being unable to obtain the necessary 
outages during the day. The grounding is done by 
connecting a water rheostat between the line and a 
ground connection. The rheostat consists of a barrel 
inside of which is one fixed and one moveable brass 
plate. The ground current obtained can be varied by 
changing the distance between two brass plates im- 
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mersed in the water. The ground lead is connected to 
the fixed brass plate and brought out through the side 
of the barrel. A current transformer is connected 
in this ground lead and is used for measuring the 
ground current. 

This equipment is all mounted on the two-ton 
trailer which is hauled from place to place by a truck. 
The equipment consists of the following: 

1 37-kv. single-pole oil circuit breaker, 

1 30-cell, 60-volt battery, 

1 Portable control panel with flexible leads 50 ft. 
in length, 

2 Water barrels to be used as rheostats, 

1 Water barrel for water supply, 




B c 

Fig. 5—Equipment Used foe Making High-Tension Line 
Geound Tests 

a. Trailer and equipment 

b. Water rheostat set up for test 

c. High-tension line ground tests made at night 


2 Insulated stands on which to place the water 
barrel rheostats, 

2 220-volt regulators, 

3 Tool boxes for equipment, 

3 Current transformers having the following ratios, 
500 to 5,400 to 5,200 to 5, 

3 12-volt flood lights, 

Assorted leads of “00” flexible Tyrex single-con¬ 
ductor cable, 

Assorted clamps of different types, 

A number of pillar type insulators, 

First aid box, 
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Fire fighting equipment, 

Blocks and tackle. 

The above equipment is all carried on the trailer 
and provides all of the equipment necessary for con¬ 
ducting grounding tests with the exception of portable 
meters which are not transported on the trailer but are 
obtained as required. An ammeter is mounted, 
however, on the portable control panel and is connected 
in the current transformer circuit of the grounding lead. 

In connection with the testing of relay installations 
by actually placing faults on the lines, it may be 
remembered that a paper was presented at the 
A. I. E. E. Spring Convention held at Pittsburgh 
during April, 1928.* In this paper was described in 
detail the testing of the relay installations by putting 
faults on the 66-kv. line. 

As a result of the experiences of this and other 
companies, it is believed that the inside delta power 
directional ground relaying is the most reliable and 

3. H. P. ►Slocpor, A. I. N. K. Transactions, Vol.42, H>23, 
p. 513. 


satisfactory type of ground protection that can be used 
on a system having a resistance in its neutral circuit. 
On systems which are solidly grounded, oilier types of 
ground protection are used, among which arc the im¬ 
pedance ground relay and the same type of power 
directional relay which is used for phase protection, 
except in the case of extremely long lines when*, if the 
fault current is less than load current, other means of 
protecting the lines must ho found. 

It has also been the experience of this and other 
companies that the most satisfactory method of check¬ 
ing the connections of ground relays has been by 
actually placing grounds upon the lines in question, 
since there is less chance of error in this method than 
in any other. It is further felt that the increased cost 
of this method of testing is entirely justified from the 
standpoint of the better relay operation obtained, and 
from the standpoint, of reduction in number of interrup¬ 
tions, which is very important,. 

i )isetissioi» 

For discussion of this paper >'ee pace sfi l. 



Directional Ground Relay Protection of 

High-Tension Isolated Neutral Systems 

BY J. V. BREISKY 1 , J. R. NORTH 2 3 , and G. W. KING’ 

Assotriuto, A. I. TO. E. Associate, A. I. E. E. Associate, A. I. E. E. 

Synopsis. —This paper discusses the problem of obtaining cheaper, making use of low-tension potential transformers, 
selective relay protection in case of accidental grounds on high-tension Tests were undertaken on the lfO-kv. system of the Consumers 
isolated neutral systems. A relay urns developed •whose overcurrent Power Co. to determine the effectiveness of this relay system under 
clement operates on the residual charging current winch exists when a conditions of arcing and solid grounds. These tests were successful 
ground occurs on such, a system, and whose directional dement is and it was therefore decided to make general use of such relay equip- 
operated by residual charging current and residual voltage. merit for the high-voltage isolated neutral system. The relay scheme 
'Two schemes can he employed: One 'using high-tension was put into operation during March, 1926, and the operating 
potential transformers for energising the voltage coil of the records available adequately substantiate the test results, 
directional element: the other, which is more complicated hut * * * * * 


Introduction 


Theory and Design 


S ELKOTIVE protection in case of accidental grounds 
on systems either solidly grounded or grounded 
through a resistance is a problem which lias been 
solved for some time in a satisfactory manner. The 
paper which is being presented at this same convention 
by Mr. B. M. Jones and Mr. G. B. Dodds gives an out¬ 
line covering the different relay systems which are 
commonly in use today. It was only for ungrounded 
systems, however, as well as systems grounded through 
an extremely high resistance, that no satisfactory 
solution had been found, it is true that a residual 
voltage relay has been used to indicate the presence of 
a ground on an ungrounded system, see scheme in Fig. 



I-’),;, l l{ HsmuAi. Voi.tauk l tun ay rou Indication or 
Accidkn’I’ar (1 rounds 


General Theory. As is well known, . the charging 
current obtaining on a three-phase system under normal 
conditions is caused by the capacity between wires as 
well as from each wire to ground. Since the capacity 
currents are equal in all three phases, the current in the 
neutral of three current transformers connected to the 
three phases of the system is normally zero. If a 
ground occurs on one of the phases, the balance is dis¬ 
turbed, however. While the charging current due to 
the capacity between wires is still the same, assuming 
that the ground current is not large enough to influence 
the potential between conductors considerably, the 
capacity from each wire to ground has changed. One of 
the phases is at ground potential, resulting in no charg¬ 
ing current to ground, and the other two are now 1.73 
times normal line to neutral voltage above ground. 
Therefore, a residual charging current results. This is 
shown schematically in Fig. 2, Fig. 2a showing normal 
conditions and Fig. 2 b showing vector relations in case 
of a ground on phase A; charging currents due to the 
capacity between wires are not shown, as they stay 
balanced and do not contribute to the residual current. 
The vectors for residual voltage are also shown in Fig. 2. 
Under normal conditions, the secondary delta of the 
star-delta potential transformer is dosed, giving zero 
residual voltage. The star side of the potential trans- 


1, but such a relay can be used for indication only, as 
it will operate no matter at which point of the system 
the ground occurs. 

In this paper a relay protective scheme is described 
which offers a solution of this problem. It makes use 
of the residual charging current for timing and of the 
residual charging current and residual voltage for 
directional discrimination. It can be used successfully 
on ungrounded systems operating at high voltages 
and having lines of considerable length. 

1. WcstinghoiiHO Kino. & Mfg. Co., Kasli Pittsburgh, Pa. 

2. Commonwealth Power Oorp., Jackson, Mich. 

3. Consumers Power Co., .Jackson, Midi. 

Presented at the Summer Convention of the A. I. E. E„, 
Detroit, Mich., June 20-24, LOST. 


former must be grounded. In case of a ground on one 
of the phases, e. g., phase A close to the station, E a 
becomes zero, while E b and E a increase 1.73 times and 
also change in phase position. It is seen that the 
secondary delta is not closed any more and a residual 
voltage equal to three times the normal secondary delta 
voltage appears. 

Studying the phase relations between currents and 
voltages, it will be noted that the normal charging 
current to ground in each phase leads the voltage be¬ 
tween that phase and ground by 90 deg. and that 
under ground fault condition, the residual charging 
current also leads the residual voltage by 90 deg. 

Graphic Representation of Residual Charging Current. 
In order to gain a clear conception of the operation of 


8fi3 
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this relay system, the distribution of the residual 
charging current over the line must be studied. An 
excellent equivalent method of arriving at the residual 
currents has been published, 4 the gist of which is given 
here. With a solid ground at a certain point of the 
system, the potential between the grounded conductor 
and the ground is reduced to zero at that point, the 
normal potential between line and ground being indi¬ 
cated by E n) Fig. 3. Instead of studying this problem 
now as a three-phase unbalance, let us assume that all 
constants of the system remain unchanged and that a 
single-phase potential whose value is — E n is super- 



fa) Normal Phase Relations 




Pig. 2—Vector Relations on High- and Low-Voltage 
Side under Normal Conditions and in Case of Accidental 
Ground. Relay Scheme Employs High-Voltage Potential 
Transformers. 


imposed over the normal potential at the point of 
accidental ground. The sum of these two potentials, 
E n and — E n , is zero, corresponding to a solid ground. 
The only difference between the system under normal 
conditions and in case of an accidental ground is now 
caused by this superimposed potential — E n . Due to 
the effect of this superimposed potential, a ground 
current I g is established which flows into the ground 
and divides itself up through the three parallel branches 

4. See R. Rudenberg, “Eleetriscke Schaltvorgange”, pp. 
150-152, Julius Springer, Berlin, 1923. 


of the capacity to ground, C, of the polyphase system. 
It flows through these back to the ground connection, 
on the grounded phase directly and on the two un¬ 
grounded phases through the windings of the trans¬ 
formers; see Fig. 3b. In the grounded conductor, the 
ground current due to — E n neutralizes the normal 
capacity current. The latter is not shown. In the 
ungrounded conductors, it adds to the normal capacity 
current. 

The charging currents enter the system equally dis¬ 
tributed over the entire length so that the current in 
all three conductors increases lineally from the far end. 
An interruption of the linear relation exists in the 
grounded conductor at the point of ground. To the 
right of the ground point, the current flows in the same 
direction as in the ungrounded conductors; to the left, 
that part of the ground current which is caused by the 
grounded line itself flows through its own circuit to the 
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Fig. 3—Graphic Representation of Residual Charging 

Current 

point of ground, increasing in the opposite direction. 
Also, the two currents of the ungrounded conductors 
combine and return over this conductor to the ground 
point. 

The distribution of the ground or residual current is 
obtained by adding the charging currents in each phase. 
This current is also shown in Fig. 3b. In the earth, 
one part of the current spreads out along the conductor 
path to the right and the other to the left. Both have a 
linear increase. 

This current distribution, due to the accidental 
ground connection, superimposes itself over the normal 
current of the system, both the normal capacity and 
normal load currents, and produces a single-phase 
load and therefore dissymmetry in the potential and 
current of the system. 
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The total residual charging current depends on the 
constants of the line and can be calculated rather 
accurately. 

Calculation of Residual Charging Current. The 
capacity to ground is given by the formula: 

0.03882 

C = —:-2/T ^ f ‘ per mile ) 5 > • 

log io - 

To 

where 

k = height above ground in inches, 

To — equivalent radius of line conductors in inches. 
The value of r 0 for different circuits may be computed 
as follows: 

One circuit on pole: 

To = {/ r d 2 

Two circuits on same pole: 

r 0 = i/ r d 5 

r = average physical radius of conductor in inches, 
d = effective spacing of conductors in inches. 
Capacity per mile, in farads: 



0.03882 


log 


Sio 


2 h 
To 


X 10- 6 


Admittance per mile, in mhos: 

7 = 2 t rjC 

The residual charging current in amperes per mile, in 
case of ground on one phase: 


Q |i 25 sa 5fi 25 ^ . 
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1 100 Amp. 
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Fig. 4—Distribution of Residual Charge Current 


I = E n Y (E n = line to neutral voltage) 

The series impedance, the impedance which the con¬ 
ductors offer to the flow of charging current, is negli¬ 
gible in comparison with the impedance to ground 
through capacity, and therefore has been neglected in 
the above calculations. 

The residual charging current in a grounded poly¬ 
phase system is three times as great as the normal 
capacity current to ground of each ungrounded 
conductor. 

5. Refer to Standard Handbook for Elec. Engrs., 5th edition, 
P-82. 


. Behavior of Residual Charging Current. Referring 
back to the distribution of the residual charging current 
as shown in Fig. 3b, bottom, let us now note certain 
important facts in regard to the behavior of this current 
under different conditions of system connections and 
grounds. 

a. The residual charging current is a maximum at 
the point of fault, and is zero at the far ends of the line. 

b. The total value of residual charging current is 
practically constant for a given length of line, voltage, 
etc., no matter at which point of the line the ground 
occurs, neglecting the series impedance. This is 
illustrated in Fig. 4. 

c. The value of the residual charging current is 


ot 


_0 Mlg 50 0^ 

At 200 

J jp]50 100,100 50 

^i200 bfl 


to 


Fig. 5 

Fig. 5—Distribution of Residual Charging Current 


constant, regardless of the location of generating 
capacity, since no residual current can flow through 
ungrounded apparatus. The three line currents must 
add to zero in the apparatus; see Fig. 5. 

d. In the case of single lines, the value of residual 
current at a given distance from the end of a line, and 
for a given direction of current flow, is constant no 
matter at which point of the system the ground fault 
occurs; see Fig. 4. 

Relay Protection. In order to utilize properly the 
characteristics of the residual charging current, a relay 
is used which has both a current and a directional ele¬ 
ment; see Fig. 2. The directional element utilizes the 
residual current and residual voltage and closes its 
contacts only if power flows in a given direction. 
The current element is energized by the residual current 
and can be used either on the definite minimum or 
inverse part of the time curve, since the relay can be 
set to close contacts in a given time with a certain 
current flowing. As mentioned before, the current 
through the relay is constant for a ground at any point 
on the system, for a given system connection and given 
direction of power flow. 

Fig. 6 shows a typical radial single line system. 
The time settings of the relays for given currents are 
indicated, as well as the tripping direction of the 
directional element. Grounds are assumed at several 
points to illustrate the operation of the relay system. 

Since there is no residual current at the extreme end 
of the line, charging current ground relays cannot be 
made to operate at that point. . However, a residual 
voltage relay, as shown in Fig. 1, can be used at the far 
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end of the line, set for a long time delay, so that it will 
not interfere with the time selectivity at other points. 

Protection of Parallel Lines. The protection of 
parallel lines can be accomplished in two ways. The 
simplest solution is the use of differential current 
ground relays, operating on the unbalance of the 
residual currents in the parallel lines, with a ground 
on one of them. Another solution is the use of di¬ 
rectional current; relays as employed on single lines, 
except that here they must be used on the inverse 
portion of the time curve to obtain proper selectivity. 

This problem is discussed in more detail in connection 
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300*"‘S 200" 200 

Relay!opens first 


lorfoo 


Era. 0.Am/KJA'rioN or DninoTtoNAi, Ivki.ay—Ophuatinu 

on Rwhimjal (hiAitmNU Oitiuimnt.to a Radial Sinolm Link 

Syhtkm 

with the relay system used by the Consumers Power 
Company. 

Desitjn of Rainy. The design of this relay was a 
simple problem, after the behavior of the residual 
charging current and voltage had been studied. A 
standard low energy directional relay is used, except 
for the current phase-angle relations in the potential 
coil. As is evident from Fig. 2, the residual charge- 
current leads the residual voltage by 90 deg., neglecting 
a shift due to the series impedance of the line, which 
may shift the current 10 deg. to 15 deg. 

The standard directional relay as used for short- 
circuit protection is designed to give maximum torque 


if the current in the currenl coil and flu* voltage in the 
voltage coil are in phase. This is achieved by lagging 
the current in (he potential coil by almost <)() cleg., 
since maximum torque in an induction element, is 
obtained with the two (luxes, or two currenls, 90 deg. 
out of phase. 

Now, in the residual charging current relay, the 
current normally leads the residual voltage by almost 
90 deg. Therefore, to obtain good torque conditions, 
the current in the potential coil is brought practically 
in phase with the potential, by adding a resistor R, 
Fig. 2, in series with the potential coil. The vector 
relations in the relay are shown in Fig. V. it should 
be pointed out that the currenl and voltage in the 
relay are zero except in ease of a ground, thus per¬ 
mitting the use of a sensitive device, 

Relic me ushuj Loir-Tension Potential Transformers, 
The relay scheme discussed so far neces.sit.ates t he use of 
high-tension potential transformers, since tin* imbalance 
of the neutral voltages on the high-tension side is not 
transmitted to the low-tension side through a power 
transformer bank if the high-tension side of the bank is 
ungrounded. 

Naturally, high-tension potential transformers in- 
I k,,; (Current Coil) 


F Coil) 

I Rk (Potential Coil) 

Em. 7 -V Kerim Rki.ation of CVimevr am* Pom viim. at 
U i:!,ay t 'mi.-i 

volvo a great expense on high-voltage systems. For 
this reason, another relay scheme was worked out 
which can hi* used in connection with low-tension 
potential transformers.*' It necessitates complication 
of connections and great cure in checking polarities, hut; 
it will bring about material savings in cost, 

The connections are shown schematically in Fig. 8, 
Three directional relays are required. All three use 
the residual charging current but the potential element 
of each is connected ton different delta, voltage, 'The 
wiring sketch shows 1 he method of connect ions, When 
any two of the main relays close, either of the two 
auxiliary relays will pick up. If only one main relay 
closes contacts, neither of the auxiliary relays operates. 
The auxiliary relays are so connected that either will 
trip the breaker. 

Vector diagram I shows the normal vector relations 
of a three-phase system. Vector 11 shows conditions 
with line A grounded, !*» being the residual charging 
current. Diagram 111 is intended to show t he currents 


a. T 

TriLvnrH 


Thin Hehome wan developed in etmjieration with Mr. II* 
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in the relay current coils with grounds on the different 
phases. / a u, Jhk, and Lu are the residual charging 
currents lor conditions of lines A, />, and C respectively 
grounded. Of course only one of these currents exists 
at a time. The currents in the potential coils are made 
to lag d() deg. behind their respective voltages. 

II we now consider the condition of a ground on line 
A, we will have the current / ak flowing in the current 
coil of each relay, if the relays are adjusted so that 
with the current, in the potential coil leading the 
charging current between 0 deg. and 1.80 deg., the 
contacts will close, while if the current in the potential 
coil is lagging 0 to 180 deg., the contacts will be held 
open, ft, is evident from an inspection of the diagram 
that relays carrying potential coil currents Inc and 
L a will close their contacts, while the relay carrying 
potential coil current /ah will remain open. Since two 


Power Current 

Transformers Transformers 



Pm. 8 Relay Suiibmw Employing Low-Tension Potential 
Thanh fo iim e uh 


of the relay contacts dose, the auxiliary relay will close 
and the breaker will be tripped. If, without changing 
anything else, the current I ah flows in the opposite 
direction, it is clear that the reverse action would 
occur; i. two relays would remain open and one 
would close, thus not operating the auxiliary relays and 
not tripping the breaker. With a ground on phase 
B or C, similar action takes place. Taking advantage 


of this fact, directional protection can be secured. 

As mentioned before, the currents in the potential 
coils are made to lag 30 deg. behind their respective 
voltages. This scheme will function correctly if the 
position of Jar, I iiu, and I c* does not shift more than 30 
deg. in the lead or lag direction, from the position 
shown in diagram III, which assumes that the residual 
charging currents lead their respective neutral voltages 
by 90 deg. In practical applications, it will be found 
that the residual charging current leads by somewhat 


Mio Alcona Loud Five Channels Cooke Foofe 



Load 

Pick 9— Sybtkm Connections of 140- Tvv., 60-Gyole, H-S 

System 

less than 90 deg., on account of the series impedance of 
the line, making it more advantageous to somewhat 
increase the lag of the current in the potential coils,by 
changing the series resistors. 

Application 

System Connections. The Consumers Power Com¬ 
pany has a 140-kv., 60-cycle isolated neutral trans¬ 
mission system having a total connected length of 
approximately 380 mi. and extending from hydroelectric 
generating plants in the northern part of the state 
down along the eastern side through Saginaw, Flint, 
and across to Battle Creek. This is known as the 
“H-8” system and is shown in a simplified manner in 
Fig. 9. Power is supplied from hydroelectric generating 
stations on the Ausable River and the steam generating 
stations at Saginaw, Flint, and Battle Creek. Important 
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loads are served from this transmission system at 
Saginaw, Edenville, Flint, Owosso, Lansing, Charlotte, 
and the Battle Creek stations. 

Protective Requirements. The usual transmission¬ 
line faults may be classified as phase-to-phase short 
circuits or line-to-ground failures and any system of 
relay protection installed should effectively isolate the 
particular section of transmission line in trouble from 
the rest of the system with the least possible disturbance 
and under all operating conditions. An additional 
requirement of this particular system is that the relays 



Pig. 10 —System Connections used for Ground Tests— 
August 16, 1925 


Test 

No. 

Line 1 

ength 

G 

enerating cap; 

icity 

Total 

*Eff. 

Station 

Generators 

Reactors 

1 

2, 3 

4. 5. 6 

128.9 

188.9 

149.2 

89.2 

149.2 

149.2 

Cooke 

Foote 

Cooke 

Foote 

Alcona 

Alcona 

3-3333 kv-a. 

2- 3333 kv-a. 

3- 3333 kv-a. 
2-3333 kv-a. 
2-4444 kv-a. 
2-4444 kv-a. 

6000 kv-a. 

6000 kv-a. 

6000 kv-a. 
6000 kv-a. 


♦Effective line length is the length of the connected line on opposite 
side of ground relays from ground fault. (Effective in producing residual 
charging current through relay.) 


must allow large amounts of power to be fed in either 
direction under normal conditions, since generating 
capacities and large loads are located at various points. 

After studying the problem, type C Z directional 
impedance relays were recommended to take care of 
phase-to-phase short circuits since they would satis¬ 
factorily fulfill the requirements. Directional over¬ 
current relays could not be used as they would not 
allow large blocks of power to be fed in either direction 
and at the same time take care of minimum short- 
circuit conditions; Also, they would not give positive 
selective action for faults occurring on the Saginaw- 
Flint tie lines. Current balance relays could not be 


used on the tie lines because of the possibility of not 
operating them in parallel. 

Protection in case of line-to-ground faults could not 
be obtained with the ordinary schemes of ground 
relaying since this is an isolated neutral system and the 
unbalance of the charging current to ground is the 
only definite indication of ground fault conditions; 
therefore the relaying scheme described in the first part 
of this paper was developed to take care of such fault 
conditions. 

Field Tests. In connection with the application of 
this ground relaying scheme, it was decided that a field 
test should be made to check the theoretical calcula¬ 
tions of the amount and distribution of residual charg- 




Pig. 11—Relay Schemes used for Ground Tests 

A. High-voltage potential transformer scheme 

B. Low-voltage potential transformer scheme 


ing current under ground fault conditions and also 
to observe the actual operation of the special directional 
ground relays which had been developed. Fig. 10 
shows the system connections, generating capacity, 
test connections, and fault conditions during the tests. 
Power was supplied by hydroelectric generating 
stations on the Ausable River feeding through the 
140-kv. lines to the Saginaw River Steam Plant and on 
to Edenville. The connected length of line and the 
generating capacity used during the tests are indicated. 
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Both solid and arcing ground tests were made, the 
latter conditions being obtained by connecting a line 
wire to approximately 300 ft. of wire lying on the 
ground. 

Two different schemes of ground protection had been 
developed, one using high-tension potential trans¬ 
formers and the other using low-tension potential 
transformers. Both schemes were tested out at this 
time and the detailed test connections used are shown 
in Fig. 11, A and B. The regular high-tension potential 
transformers were not available for these tests and 
therefore a large bank of 7-Y-connected, 140/22-kv. 
power transformers was used to step the voltage down 
from 140 kv. to 22 kv. The neutrals of this Y-Y 
transformer bank were grounded when testing scheme 
No. 1, but not when testing scheme No. 2. In each 
case, 24,000/120-volt potential transformers were used 
to supply potential for the relays and they were con¬ 
nected Y-Y for testing scheme No. 1 and 7-delta for 
scheme No. 2. 

Four special type C R directional ground relays were 
provided, one for scheme No. 1 and three for scheme 
No. 2, together with various indicating meters at the 
Saginaw River Station. A standard 100/5-ampere, 
15-kv. instrument current transformer was connected 
in the ground lead at the point of fault and a high 
speed graphic ammeter, having a roll speed of approxi¬ 
mately nine in. per min., was used to give an indication 
of the actual amount of ground fault current obtained. 
The various tests were made as follows: 


Test no, 

Relay scheme 

Ground 

Location 

Nature 

1 

Low tension (No. 2) 

Edenville 

Solid 

2 

Low tension (No. 2) 

Edonville 

Arcing 

3 

High tension (No. 1) 

Edenville 

Arcing 

4 

I-Iigh tension (No. 1) 

Saginaw River 

Solid 

5 

Low tension (No. 2) 

Saginaw River 

Solid 

6 

Low tension (No. 2) 

Saginaw River 

Arcing 


The results of the above tests were satisfactory and 
a summary of them is given in Table I. 

Some line trouble in the nature of high-resistance 
intermittent grounds was experienced before and during 
the tests, which trouble was later found to be due to 
the line arcing into trees north of Saginaw. This 
somewhat affected the results, especially the accurate 
observation of current and voltage readings. It should 
be noted here that, judging from subsequent data on 
relay operations, during fault conditions, the actual 
ground currents obtained must have been within 10 
to 20 per cent of the calculated values since the actual 
tripping time of the relays was very close to the calcu¬ 
lated time. The test demonstrated that scheme No. 1, 
using high-tension potential transformers, will work 
satisfactorily with either a solid or with an arcing 
ground. 

Because of the line trouble experienced, the test of the 
scheme using low-tension potential did not give con¬ 
clusive evidence of satisfactory operation, although 
correct indications- were observed. Therefore a further 
test of this scheme was made extending over a period of 
several weeks, this being in the nature of an operating 
test with the relays connected so that their operation 
under actual system conditions would be recorded. 

Fig. 12 shows the connections used in making this 
operating test and it will be noted that the current 
elements of the three special C R relays were connected 
in series with a graphic ammeter in the neutral circuit 
of the bushing current transformers on one of the 140- 
kv. line breakers. The relays received their potential 
from delta-delta-connected potential transformers 
located on the 22-kv. side of 140/22-kv., delta-delta- 
connected power transformers. ■ Graphic voltmeters 
and indicating lamps were connected in series with the 
relay contacts across a 125-volt storage battery so that 
in case any of the relays operated, a definite indication 
and record was obtained. These relays were intended 


TABLE i 

SUMMARY OF RESULTS OF GROUND TESTS 


Test 

no. 

Relay 

scheme 





Currents at 

relay 

Total 

P. F. 

% 

Test 

ground 


Leng 

;th M. 


Line 


Residual 

Res. 

Cur. 

Location 

Nature 


Total 

Eff.* 

X 

Y 

Z 

Test 




1 

No. 2 

Edenville 

Solid 

Y 

128.9 

89.2 

80 

190 


45 




62 









Re-\ 

'-ersed rc 

jlay cur 

rent coi 

1 connei 

jtions 


2 

No. 2 

U 

Arcing 

Y 

188.9 

149.2 

90 

240 

96 

50 

82 

120 

I 

122 

80 

3 

No. 1 

« 

« 

Y 

188.9 

149.2 

112 

200 

78 

56 

97 

92 

122 

45 









Rev 

■ersed re 

ilay cun 

rent coil 

l connec 

tions 


4 

No. 1 

Saginaw 

Solid 

Y 

149.2 

149.2 

120 

200 

140 

40 

97 

101 

97 

30 

5 

No. 2 

“ 

Solid 

Y 

149.2 

149.2 

80 

112 

85 



62 

97 

95 

6 

No. 2 

« 

Arcing 

Y 

149.2 

149.2 

75 

112 

85 



Indef. 

97 

100 


Sec. 

Volts 


X-Y 


116 

98 

121 

Relay- 


Relay 


Operation 


212 

X-Z 


110 

103 


Open Closed Closed 

Closed Open Open 

Open Closed Closed 

Opened strong 
Closed strong 

Closed strong 

Open Closed Closed 

Indef. Indef. Indef. 


♦Note: Effective line length is the length of the connected line on opposite side of ground relays from ground fault. (Effective in producing residual 
charging current through relay.) 
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to operate as follows: When a line-to-ground fault 
occurred on the 140-kv. system, either one relay alone 
should operate, or two should operate and the other 
one not operate, depending on which side of the 140-kv. 
oil circuit breaker the fault occurred. 

This test installation gave good results; for example, 
a ground fault occurred on the 7-phase of the 140-kv. 
line, approximately 80 mi. out on the Hattie Creek line, 
and during this case of trouble, No. 2 indicating lain]) 
flashed for approximately 15 sec. and No. 0 indicating 
lamp flashed for approximately 00 sec. This relay 
operation was checked and the vector diagrams shown 
in Fig. 12 indicate that the operation was correct. 

Bunking Type Current Transformer Tents. At the 
time the application of these ground relays was being 


140 Kv. Bus 


M.O. Disc. 
Switches 


ularly for the low-tension relay scheme. 4 lie direc¬ 
tional ground relays impose a considerable burden on 
the current transformers, if being in the nut uro <>l eight 
ohms or one volt-ampere per relay at the minimum 
tripping current. For these reasons, special ratio and 
phase-angle tests were made on several bushing type 
current transformers under conditions of primary cur- 

140 Kv. Bus 


PT’s. 83.200 - 70V. 
x J v Tv . 


—i— r™ 

IT . 83.200 ■ 70V. 
! v 1 / 

AA/ SAAA./ \AAA 



rii 



xt vf / 1 

To Battle Creek 


P.T's. |X 
24,000-120 V.jJ 


4 Cond, Cable Tie 
Red, Black and While 
Together in Basement 


No.l 

C. ft Relays 


m Ho 3a J10-22 


3-5000 Kv-ad 



Aux. PT’s. 70 - 120V. 



a- D.C. Control Bus 
■Hr,'aTAux, Sw. 

Trip Coil 


Aim hr, /() 120V. 

4? v-*T T 
wv ww vw\ 
aa/\ |VWV |Vvy 
u 4 tri ( 

t AOn W 


MC An* Relay 


3 • 10,000 Kv a. 
*| P.T's,l x 1 Y 


22 Kv. Bus 



CR Ground Relay 

t 

j 



rj 

“t 


nrr" 

HTtf 

No.l 


• * 

No.2 

No.3 

w o J 

Gr.Vm. 


_ Gr. Vrn 

LZX . . * 

Gr. Vm, 

Gr. Am.j 


iqg 


Indicating Lamps 
in Operator’s Room 


Normal Condition ^ At* t« e , a Residual Charging Current 

A, Eyr djf Ground on Y Phase |, „ Current in Pot. Element Relay No.l 
j /Q\ Y Irm i* \f k - Current in Pot. Element Relay No.2 

3 XY l 3 « Current In Pot Element Re.ay. No.3 

Fl(l. X2“-*0()NNK0TlONH TTHKI) FOlt OBOUND R13 DAY Ol’KJIA 
tion Tkbth at Flint, (Taiifihdd Avmnuh Httbhtation (Low 
Tknhion Potmntiai, Tuanhcoumkh Hchkmk) 


studied, there was little information available regarding 
the actual ratio and phase-angle characteristics of bush¬ 
ing type current transformers, especially under eon* 


Yy * Fid. 14 1 )lUK(!TiuNAt. t i ltd UNI) HkI.AV PltHTM IIi»N UHtNH 

IIhhi-Tknhion 1’otkntiai, TuANhroMMMc* 

1 10 W. I‘ T. Lamps 

p'oSStoml rents and secondary burdens approximating those which 

—.~T~7' were expected in service with the ground relays. The* 

. tamplg results of these and subsequent tests may he sum- 

Tg marixed as follows: 

g— 1.7 M 1. The true effective ratio of bushing eurrent trans¬ 
iting Umps formers of a given design depends on t he primary cur- 
U,;,ur ' 5 rent, and the secondary burden. Under balanced 

rren t conditions and with a constant secondary burden, the 

nt Relay No.l true ratio improves as the primary current is increased 
nt Relay No.2 U p (, 0 tlio saturation point, of the core ami then in- 
1,1 RlJ,ay * No ’ 3 creases. At low values of primary current, such as the 
4 reH ^ ua ^ charging current, practically all the current is 

ion 4t>vr- t p|]« lze q p )r e x.«il 4 i 1 f ion and very small currents are 

obtained in the secondary circuit. 

regarding 2. Under unbalanced conditions, such as linedo- 
s of bush- ground faults, and with a heavy neutral burden, the 
ruler con- current in the neutral circuit of such transformers is 


ujr * yuu vj, ***** * w *** —— 

difions of low or unbalanced primary currents and high considerably less than the ordinary ratio characteristics 
secondary burdens. The amount of residual charging would indicate. This is due to the other two current 
current available is small even under the best conditions tranformers and their secondary circuits forming a 
and its phase relation is such that the phase-angle errors shunt across the transformer in the grounded phase and 
of the current transformers should be known, partie- part of the fault current flowing through them rather 
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than through the neutral circuit, thus giving a higher 
elTeel ive ratio for the neutral circuit. 

-1. Tiie phase-angle error of bushing current trans¬ 
formers is quite large, varying in some cases from one- 
deg. lag to 15-deg. lead over a range of 50 to 200 per 
cent of rated primary current and at moderate 
burdens. 

In view of their variable ratio characteristics, all 
bushing current transformers are tested after installa¬ 
tion under conditions approximating actual operating 
conditions. In the case of transformers used with 
ground relays, they are now tested under both balanced 
and unbalanced conditions and the relay settings are 
based on the true ratio characteristics. Bushing 
current transformers cannot be used with the type of 
ground relays as applied here unless the minimum 
residual charging current is 80 amperes or more. In 
some insinuations it has been found desirable to use 
two transformers per phase, connected in series, where 
the available residual current is low. Such an arrange¬ 
ment mat erially improves the true ratio at low values of 
primary current. 

InxtallaMom. One type C H directional ground cur¬ 
rent relay is used for ground protection on each of the 
140-kv. lines at the Saginaw River Steam Plant and 
connected as shown in Fig. Id. The oil circuit breakers 
are equipped with three bushing type current trans¬ 
formers and the current coil of the ground relay is 
connected in the neutral circuit of the bushing current 
transformers. Two banks of high-tension potential 


TABUM II 

TOTAL It 1C HI I.) UAL QUARUIN U 


OU 


lilt K NT 


TrauMinlHHltm Him Nir.timi 

I .ongl.h 

l 

AiiNiUiln 1, 

> Saginaw,... 

ND .2 

1(7 

Kdonvillo 

to Saginaw. 

;iu. 7 

2(1 

Saginaw l 

o Flint (11-H) . 

41 (Av.) 

27 

Saginaw 

o Flint (K-l 1). 

41 (Av.) 

27 

FI In 1. to 1) 

attlo (Ironic. .. 

I U 

72 


transformers rated 83200/69.2 volts and connected 
Y-Y grounded are used, together with 70/120-volt 
auxiliary potential transformers connected 7-delta 
to furnish the potential for the ground relays. The 
auxiliary potential transformers are necessary because 
t he high-tension potential transformers must be con¬ 
nected 7-7 and used for other relaying and synchroniz¬ 
ing purposes. The potential coils of the ground relays 
are connected inside the delta circuit of the auxiliary 
potential transformers. One set of potential trans¬ 
formers is connected to each 140-kv. bus and auxiliary 
relays are provided to automatically transfer the poten¬ 
tial circuits of the relays from one set to the other in 
case either one is de-energized. 

A similar installation of directional ground relays 
and potential transformers is provided for the various 
140-kv. lines at the Flint-Garfield Avenue Substation. 
The directional ground relays cannot be used at the end 
of a single line and therefore they are not installed at 


the present time at Edenville or Battle Creek. Also, 
no residual voltage relay is used at these stations since 
no high-tension potential transformers are available. 

Ground Current Calculations . The amount and divi¬ 
sion of ground current flowing under various conditions 
of line-to-ground faults was calculated in order to 
determine the proper relay settings. These calculations 
were based on the line capacity and residual charging 
current formulas previously given. All the necessary 
circuit data are given in Fig. 9, except for the average 
height above ground, which is 50 ft. Therefore, for the 


A-26 f t A-1521 
277 D U7I 
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248 


188 Cl 
A-63 ! 


288 u 

A-63 t 
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A-152 
B-2.0 
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A-36 | □ 177 A-36 |q] 277 

A-72 F] 188 Flint 



A-221 

B-3.2 

C-6.4 

D-0.95 



Era. 14 —Division or Residual Charging Current 
Underground Fault Conditions 


lines on this particular system, h = 600 and r 0 (average) 
= 18.2. Substituting these values in the formulas: 

0.03882 


Capacity (C) = 


log 


10 


2 h 

To 


X 10~° = 0.0214 X 10”® 


farads per mi. 

Admittance (7) » 2/C = 8.06 X 10' ® mhos per mi. 
Residual charging current (I) = E n 7 = 0.65 amperes 
per mi. 

The total residual charging currents for the various 
sections of transmission lines are given in Table II. 
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As previously mentioned, the division of residual 
charging current depends on the transmission line 
lengths and connections. The calculated division of 
residual charging current and the relay operation for 
several assumed conditions of line-to-ground faults are 
given in Fig. 16, A, B, and C. In Fig. 14a, a line-to- 
ground fault is assumed on the H -8 north line at Sagi¬ 
naw and the total residual charging current at the fault 
is 248 amperes; of this, 152 amperes pass through 
breaker No. 177 and the rest flow in the opposite direc¬ 
tion. The current through breaker No. 177 further 
subdivides as indicated. The 152 primary amperes 
give 2.0 secondary amperes and with the relays set 
on current tap 0.5 and lever No. 1, they will operate 
in 0.6 sec. as shown by their time-current character¬ 
istic curve, Fig. 14d. Figs. 14b and 16c show the divi¬ 
sion of residual currents in case of a line-to-ground 
fault on one of the Saginaw-Flint tie lines at Saginaw. 
Under such conditions and with the tie line relays set 
on current tap 0.5 and lever No. 3, the relays on breaker 
No. 288 at Saginaw will operate in 1.2 sec. and those on 
breaker No. 277 at Flint will operate in 2.15 sec., total 
time from occurrence of fault. The current and time 
settings used on all the relays are given in Table III. 

The values of residual ground current obtainable 


transformers gives a potential across the ground relay 
terminals which will have the same relative phase 
relation as the residual potential across the relay 
terminals when the X-phase of the line is grounded. 
The relay should thus operate properly with this poten¬ 
tial and with a current leading it by 90 deg. If actual 
load currents are used, the direction of power flow must 
be ascertained in order to determine whether the direc¬ 
tional contacts of the relay should open or close under 
the test conditions. 

The actual procedure used in testing the directional 
setting of these ground relays is as follows: (refer to 
Fig. 13) . 

The fuse in the secondary circuit of the X-phase 
potential transformer is removed and the primary of the 
X-phase auxiliary potential transformer short-circuited. 



TABLE III 


B 

LINE TO GROUND FAULT ON PHASE X 


RELAY CURRENT AND TIME SETTINGS 


Circuit breaker 

Relay settings 

Station 

Number 

Current 

Time 

Saginaw 

177 

0.5 Amp. 

Lever No. 1 

U 

277 

0.5 “ 

“ No. 1 

tt 

188 

0.5 “ 

“ No. 3 

« 

288 

0.5 

“ No. 3 

Flint 

177 

0.5 

“ No. 3 

« 

277 

0.5 “ 

“ No. 3 

“ 

188 

0.5 “ 

“ No. 1 


are small and the relay current settings were therefore 
made as low as possible. The relays on each end of the 
Saginaw-Flint tie lines were set to operate on the in¬ 
verse part of the time-current curve so as to operate 
selectively under all conditions. The time settings 
selected were such as will give a rather long time delay 
in order to allow minor flashovers to clear themselves 
before the relays operate. This helps to prevent dis¬ 
connecting the lines unless serious trouble develops. 


Voltages - Pot. Transformer Voltages -Aux. Pot. Transformer Residual charging current 

E°z" T 

a e«' v E r E «- A„« >i.„ v 


Eoz E oy V 

H.T. L.T. H.T. 


Ioy , bz' 

Ioz Res w 

Line C.T. Secondary 


SPECIAL TEST CONNECTION- FUSE OUT IN X PHASE 
Voltages - Pot Transformer Voltages - Aux. Pot Transformer toad current - P.F.= 1.0 

jt y h* E v J* % -n. h" 


Eox' 

L.T. H.T. 


Vo Vo 


L.T. I Line C.T. Secondary 


Fig. 15—Vector Diagrams, Method of Testing 
Directional Settings 


Testing Directional Connections. Each directional 

ground relay must be connected so that it will operate Fig. 15 a shows the vector diagrams of voltage and 
in the proper direction when a ground fault occurs on line-to-ground charging current under normal balanced 
its particular line. The residual charging current has a conditions. Fig. 15 b shows the vector relations between 
90-deg. phase relation with the residual voltage and it voltage and residual charging current with the X-phase 
would be desirable to be able to test these relays by grounded, and Fig. 15c shows the vector relations 
actually putting a ground on the line but this cannot between the voltage and load currents with the fuse in 
be conveniently done on this system and therefore the the X-phase of potential transformers removed and 
proper conditions have to be approximated by an with a load of unity power factor. It will be noted that 
artificial similation of grounded conditions using the potential across the relay terminals with the 
normal voltage and load currents. fuse removed has the same relative polarity and is of 

De-energizing one phase of the auxiliary potential ^ the value of the potential with the X-phase grounded. 
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The phase relation of the normal voltage between X 
and neutral, low-tension side of high-tension potential 
transformers, and the load currents in phases X, Y, and 
Z are next determined by means of a phasemeter. 
The potential across the relay terminals is then com¬ 
pared with the normal voltage between. X and neutral 
by checking with any one of the load currents pre¬ 
viously used. These tests definitely fix the phase 
relation between the load currents, the normal poten¬ 
tial between X and neutral and the test potential 
on the relay. 

The actual direction of power flow in the line is next 
determined and the relays set to operate as follows: 

a. With power flowing from the line into the bus, 
the relay should close its contacts with the current 
leading the voltage by 90 deg. 

b. With power flowing from the bus out to the line, 
the relay should open its contacts with the current 
leading the voltage by 90 deg. 

Operation and Results 

Potential Transformer Secondary Fuses. In cheeking 
some relay operations soon after they were placed in 
service, it was discovered that trouble was being 
experienced due to the blowing of the fuses in the 
potential transformer secondary circuits. No par¬ 
ticular attention was paid to this feature at the time 
of installation, it being felt that it could be treated the 
same as any other potential transformer installation 
and secondary fuses of three-ampere capacity were 
used. The blowing of these secondary fuses consti¬ 
tuted a very serious condition for several reasons. 
These potential transformers are used for relaying, 
metering, and synchronizing; thus, with these fuses 
blown, the relays were helpless; there was no indication 
of potential and it was impossible to synchronize the 
lines. 

The three-ampere fuses were replaced by ten-ampere 
ones and tests arranged to determine the cause of the 
high current flow. One feature of the situation was 
that the abnormal current did not depend upon line 
trouble in all cases but occurred very often during 
switching operations. The tests were made with one 
set of potential transformers connected to a long 
section of line and entirely isolated from the rest of the 
system. Various switching operations were performed 
with this section of line and the voltage and currents 
of the potential transformer circuits noted. The 
results of these tests were very interesting. It was 
discovered that the heavy current flowed in the trans¬ 
former circuits when de-energizing the line rather than 
when energizing it, the current flow being of very short 
duration, less than one sec. Also, there was no notice¬ 
able voltage surge. The current observed at this time 
was of the order of 20 amperes but the duration was so 
short that the 10-ampere fuses were not blown. It was 
* felt, therefore, that ten-ampere fuses were of ample 
capacity. These fuses, however, were later blown 


during line trouble and a graphic ammeter left in* the 
circuit indicated a current of nearly 40 amperes on one 
occasion. Fuses of higher rating were installed, 
finally reaching 30 amperes, but still some trouble was 
experienced. In the meantime, the problem had been 
investigated more thoroughly and it was suggested 
to install a 50-ohm resistor in parallel with the ground 
relay potential coil. This suggestion was based on 
the following consideration. The potential trans¬ 
formers in question are the only pieces of apparatus on 
the system whose neutrals are grounded. When 
the transmission line is de-energized, the static charge 
on the line tries to dissipate itself through the primary 
windings of these transformers going to ground. 
In so doing, a high-frequency current of varying value 
is produced for a short time in the secondary circuit. 
It was felt that increasing the resistance of the circuit 
would cause the amplitude of the oscillations to decrease 
faster and, therefore, dampen out the disturbance more 
rapidly. 

These resistors were installed the latter part of 1926 
and since that time several cases of serious line trouble 
have occurred, as well as the usual switching operations, 
but no fuses have been blown. 

Relay Operation. Approximately 75 per cent of the 
operations of these ground relays during 1926 have 
been found to be definitely correct. The remaining 
25 per cent of the operations were questionable, as no 
indication of trouble was found. In connection with 
the questionable cases of operation, it should be under¬ 
stood that with the isolated neutral system, a great 
many cases of insulator flashovers have occurred and 
cleared themselves before any serious system dis¬ 
turbance developed. With the trouble which was 
experienced with potential transformer fuses blowing, 
there was always a question as to whether these fuses 
did not blow before the relays had a chance to operate 
in case of line trouble. Also, while these flashovers 
constitute a ground fault, the relays may operate before 
the damage to insulators or conductors is of sufficient 
magnitude to be noticeable on casual inspection. 

Since the resistors were installed to prevent the fuses 
in the potential transformer secondary circuits from 
blowing, there has been no questionable operation. 
Several definite cases of ground faults have been 
isolated by these relays, and we feel confident that they 
will continue to operate in this satisfactory manner. 

A point to be particularly mentioned in connection 
with these relays is the necessity of keeping the system 
connected at all times in order to obtain as much 
residual charging current as possible. Formerly, during 
times of storm, the system was split up in order to 
isolate any possible cases of trouble. With this method 
of relaying, however, it is essential to keep the system 
all connected together, and this is favorable to the 
present load conditions, as it is frequently impossible 
to split the system due to need for all of the generating 
equipment on the line. 
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Future Installations. Due to the very favorable 
operation of the relays which are installed at the 
Saginaw River Steam Plant and Garfield Avenue 
Substation, it is planned to increase the number of 
installations on the system. At large substations 
where it is planned to use high-tension potential 
transformers, the present relay scheme will be used. 
At the smaller stations having no high-tension potential 
transformer, the relay scheme utilizing the low-tension 
potential transformers will be used. With this second 
scheme, it is much more difficult to obtain the correct 
directional setting, but after the relays are installed 
and adjusted, they should work satisfactorily. Within 
the next year, these ground relays will probably be 
installed on the 140-kv. lines at our Owosso, Charlotte, 
and Blackstone substations. 


Discussion 

GROUND-RELAY PROTECTION FOR TRANSMISSION 
SYSTEMS 

(Jones and Dodds) 

DIRECTIONAL GROUND-RELAY PROTECTION 

(Breisky, King, and North) 

Detroit, Mich. June 21, 1927 

H. P. Sleeper: I was not aware that we had progressed to the 
extent indicated by Mr. Breisky’s paper, where -we can actually 
place ground protection on a system where there is no ground 
current. 

However, the method described by Mr. Jones in his paper is one 
which I believe indicates a distinct advance in the art. Perhaps 
five or six years ago it was a hard proposition to sell to operating 
engineers the idea of ground protection. At that time short- 
circuit protection was pretty much standardized, and they saw 
no necessity for complicating the situation. 

However, today that is not the ease, and I believe that ground 
protection is fully justified for two reasons in particular. In 
the first place, ground-relay protection will tend to minimize the 
damage at the point of fault. On the system with which I am 
identified, that of the Public Service Electric and Gas Company 
of New Jersey, we have several hundred installations of the type 
of ground-relay protection described by Mr. Jones. We are 
operating a 26-kv. system with 75 ohms in the neutral. This 
l imi ts the current to ground to 200 amperes, high voltage. We 
find that its operation is extremely successful. 

To illustrate the limiting of the damage at the point of fault, 
an example is a case which occurred recently when a ground was 
found at the joint of a 2Q-kv. cable. The line tripped out at 
both ends, and finally, by tests, the fault was located in the joint. 
The joint presented no external appearance of any abnormal 
condition within. The sheath was not enlarged nor blown apart, 
and there was no hole through it. The joint was opened, and 
there was a little hole through the compound, possibly as large 
as the end of one’s little finger, showing where the current had 
gone to the sheath without burning through. On the conductor 
there was an extremely small amount of burning; so little that 
the joint was very easily re-made and re-insulated without the 
necessity of any additional line conductor being added. 

The second effect, which really is an indirect one of the first 
result, is that of reducing the distress on the system. Prior to 
the installation of the 75-ohm resistor, we used the solid neutral 
on this system. A wire falling to the ground would give a 
severe voltage disturbance to the system, a 10 or 20 per cent dip 
being not uncommon during the trouble. 

Now, a successful operation of the ground relays gives from 
2 to 4 per cent voltage dip at the ends of the line which is not 


discernible on lights. I believe that this is very essential to 
the satisfaction of customers. 

Another point that I should like to mention in connection 
with ground protection, is what I believe to be the necessity of 
making research faults on the system. I have made quite a 
few of such high-voltage grounds on the lines while investigating 
the efficiency of ground-relay protection, and in most eases to 
sav the least I have found that the executives of the company 
were not heartily enthusiastic about the idea of making these 
faults. I believe that a certain amount of such testing is neces¬ 
sary as a research proposition. 

That brings me to the third point which I should like to 
mention; namely, the methods of testing ground relays, to be 
certain they are properly connected and will operate correctly. 

Mr. Jones has described the use of a phantom load, the use 
of the line load, and the actually making of faults on the high- 
voltage system, to check the ground relays. I have never been 
able to find a successful system of using phantom loads to do this. 
However, I find that the use of line load and line voltage can be 
used very successfully to cheek these relays. 

We have devised a method of short-circuiting one current 
transformer while the line is carrying the load, and of opening 
one high-voltage disconnect switch without in any way dis¬ 
turbing the connections to the high-voltage system. With this 
method it is possible to obtain a set of phasing results on direc¬ 
tional ground relays, which, to date, has given us no incorrect 
operations. I do not believe that the actual grounding of the 
high-voltage system is necessary. 

I should like to say a word regarding Mr. Breisky’s paper on 
the ground protection of isolated-neutral systems. As I under¬ 
stand the situation, the relay which has been developed to do this 
job is essentially the same relay that Mr. Jones has described 
wherein the system is actually grounded, the difference being 
that the relay on the isolated-neutral system uses charging cur¬ 
rent to operate it, and hence, different voltage relations result on 
the relay protection. 

I should like to ask Mr. Breisky if it is not possible to use the 
same relay for both applications, thereby greatly simplifying a 
problem which is a difficult one for us right now. We have a 
system which has a neutral resistor at one station. If for any 
reason that one resistor must be removed from service, it becomes 
necessary or desirable to ground the system at some other point. 

We have one system which has no duplicate resistor; therefore, 
the problem arose, shall we dead-ground the system or leave it 
ungrounded during the time the resistor is out? We tried dead¬ 
grounding the system but it was an unsatisfactory experience, 
for we found our ground-relay system worked backwards. I 
am referring to the ground relays which were tested to operate 
correctly with the 75-ohm resistor in the neutral. Hence our 
running orders are to leave the resistors isolated while the resistor 
is out. This we do not consider satisfactory. It occurs to me 
that possibly some method of external use of resistors and re¬ 
actors would make it possible to use the same relay under all 
these conditions. 

H. M- Trueblood: I have been interested in the two papers 
on ground relaying from a standpoint of which I think no mention 
has been made by the authors of either paper: I refer to the ques¬ 
tion of the control of inductive disturbances in exposed communi¬ 
cation circuits at times of faults to ground in power systems. 
This in my judgment is one of the most important questions that 
we have in the field of inductive coordination. 

Without desiring to enter upon any discussion of the relative 
merits and disadvantages of the various means that have been 
used or proposed for establishing and maintaining a relationship 
between a power system and the ground, I should like merely to 
say that it is an interesting thing that in the paper by Mr. Jones 
and Mr. Dodds, a reason is given for which a certain amount of 
resistance in the neutral ground connection is beneficial from the 
power operating standpoint. In the subsequent discussion of 
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that papal*, wo have hoard sta1.omon.ts to the effect that from the 
standpoint ol power operation, such resistance is advantageous 
for two other reasons, limitation of damage at the point of fault 
and lowering of stresses on equipment. 

\\ o can take it lor granted, 1 think, that so far as inductive 
coordination is concerned, the limitation of ground-fault current 
is desirable, and it is very agreeable and satisfactory to note that 
good reasons also exist for which such limitation is desirable from 
the standpoint of power system operation. 

It would be interesting to know whether data exist, and if so, 
what they show regarding the optimum value of resistance from 
the standpoint of ground-relay operation. It would seem from 
the paper hy Mr. .Jones and Mr. Dodds that beginning with zero 
neutral resistance, a rapid increase in the wattage available for 
relay operation will at first he realized as the neutral resistance is 
increased, and that as further increases are made in resistance, 
the benefit will accrue loss rapidly. This has been pointed, out 
to me hy Mr. A. Ik Bowen, who has also noted that if the resis¬ 
tance is increased beyond a. certain value, the wattage for relay¬ 
ing would probably decrease. Jt seems probablo that there will 
generally ho a considerable range of magnitude of neutral re¬ 
sistance over which the wafts available for relay operation would 
he favorable, and not greatly dependent upon, the magnitude of 
the resistance. 

I'k E, (jleorrfe* Our operating experiences on the Tennessee 
Electric Power Company system confirm a good many of the 
recommendations suggested hy the Duquesno Light Engineers, 

hut there are several points of difference,.some of which are 

undoubtedly due to different operating conditions. 

Our system operates with solidly grounded neutrals at all 
generating stations, all substations which can supply power 
outward, and at a few receiving stations. The size of grounding 
transformers on the 120,000-volt system ranges from 71)00 kv-a. 
to 1)0,000 kv-a. and from 200 kv-a. to 25,000 kv-a. on the 44,000- 
volt system. 

We are certain that directional ground relays are abso¬ 
lutely necessary on our high-voltage transmission system, more 
especially since our parallel balanced lines are very few, and since 
trunk tie lines with other companies without isolating trans¬ 
formers are becoming more common. 

However, our scheme of directional ground relaying is different 
from the scheme outlined this morning, and is, we think, simpler, 
and more reliable, at least for systems which have transformers 
suitable for grounded-neutral operation at practically all switch¬ 
ing points. We are using directional ground relays operated hy 
two currents instead of hy a current and potential. One current 
element of the relay is supplied from the neutral or residual of the 
hushing current transformers in the line to he protected, and the 
other element is supplied from a current transformer ill the 
neutral ground lead of the grounding hank. Wo formerly used 
relays which had separate over-current and directional elements 
with the directional disk operated by the two currents and the 
overload disk operated hy one current. Wo are now using relays 
'which have the over-current and directional elements combined 
in one disk. 

Very probably all reverse power or directional ground relays 
on our system installed hereafter will have only one common disk, 
as wo have found that relays with separate over-current and 
directional (dements are likely to trip incorrectly due to surges 
which will close the instantaneous directional element regardless 
of fault location after the overload element lias closed, 

We have no objection to the system of protection outlined by 
Mr. Jones and Mr. Dodds and expect to use it at any point where 
wo are unable to secure grounding transformers, since the instal¬ 
lation of star-delta high-voltage transformers well undoubtedly 
be cheaper than buying a grounding bank in most eases. 

We have had very poor success with ground relays interlocked 
with reverse power relays. We have only one such installation 
and it will he removed this year. We have had some sad ex¬ 


periences with this scheme on tie lines where there is a possibility 
of surging of power or reactive kv-a. during trouble. We have 
had reverse power relays on both sides of a large load center set 
to trip outward, drop the load during trouble that should have 
operated neither relay. We have also had a large number of 
eases where the power load was heavier than the ground current 
and the reverse power relays could not operate. Even with 
heavy grounding transformers wo find that ground currents are 
often less than load currents and ground protection independent 
of load protection is absolutely essential. 

The application of reverse power relays on large transmission 
systems is apparently very limited. We find that the reversal 
of power is an infrequent indication of trouble and often occurs 
during abnormal operating conditions, and we have eliminated 
all reverse power relays on this system, except at two stations. 

Wo have had very satisfactory operation with balanced ground 
relays after wo learned to interlock them through “A” switches 
on. the breakers so that the second line could not trip immediately 
after the first line, except hy back-up over-current ground relay. 

Wo are absolutely in accord with the Duquosne Light Company 
on the necessity of placing grounds on the system to test out 
important relay installations. Wo have not standardized the 
equipment or procedure of this as wo have only made five such 
tests to date, but on four eases we have solidly grounded the line 
with reduced generation on the system and read the ground 
current at a station distant from the point of grounding. On a 
long line between the grounding transformer and the artificial. 
ground, the ground current is limited so that it can be left on 
long enough to take motor readings without damaging power 
equipment or interfering with the public telephone and telegraph 
circuits. 

II. A. P. Langs faff: One advantage of the ground relay 
which has not as yet boon mentioned is the reduction in duty on 
oil circuit breakers. The West Penn System, like all others, 
had breakers which wore unable to withstand tho duty to which 
they would he subjected unless some modifications wore made, 
and the ground relay along with the neutral resistor was of con¬ 
siderable advantage. When relays wore originally applied, we 
used overhead ground wires on all 26-lcv. circuits, and the 
majority of lino failures wore to ground, moaning a large per¬ 
centage to ground-relay operation. The installation of higher 
capacity breakers and the removal of overhead ground wires has 
shifted the percentage of failures to phase relays rather than 
ground relays. 

Tho clearing of faults by moans of the ground relay materially 
reduced system voltage disturbance. Wo have replaced the 
watt-relay hy the directional relay, having two separate 
elements,“-namely, the current element and directional 

element,-.thereby allowing all ground relays to have the same 

characteristics and simplified settings. 

Another point which has not been mentioned is the protection 
supplied for reserve bus breakers. All operating companies 
experience line failures when lines are operating on reserve bus 
breakers, thereby removing from service the balanced relaying 
schemes. This, of course, subjects the system to greater dis¬ 
turbances due to higher settings, and 1 believe that this should 
receive serious consideration hy all operating companies. 

As to the chocking of ground relays, we used originally a 
phantom load for the watt-relay. Then wo started to apply 
grounds to the system to check tho selectivity of tho watt-relay 
against current relays. After changing to relays of similar char¬ 
acteristics, wo continued the ground application scheme of 
checking, hut found that the phantom-load scheme was satis¬ 
factory, especially when wo use the scheme mentioned hy Mr. 
Sleeper, namely, diverting phase currents having known, direction 
through the ground relay, and opening one log of the potential 
transformers. Our field testing crews are obtaining very reliable 
results from this scheme of testing and the only time we apply 
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the ground is after an occasional faulty operation to chock not 
only tho ground relays but phase relays as well, in some eases. 

G. II. Doan: I realize that thorn is a vast difference between 
the protection of a resistance-grounded system and that ol a 
solidly grounded one. I should like to point out tho scheme, 
however, that tho Detroit Edison Company is using. I n general, 
wo have used for a number of years on all transmission lines - 
120-kv. and 2-1-kv.—a mechanically balanced differential relay. 
The operating experience with this for the past year has boon 
in results, somewhere in the neighborhood of 98 and 99 per cent 
perfect. 

This system is very advantageous, we think, in that it is almost 
instantaneous. Objection has boon raised to the reduction ol 
voltage at the time of fault. We realize that we do get voltage 
reduction at the time of fault, but we have found that il we can 
clear a fault quickly, wo don’t need to worry about the reduction. 
This relay has been doing i t for some time. 

Mention was made of low-energy relays. Again, we are dil~ 
forent in that we believe that most of the relays I nrnished are not 
nearly sturdy enough and don’t take nearly power enough, nor 
have sufficient force always to operate when you want them. 

Manifestly, with a largo system which is rather compact, it 
is rather difficult, for us to sun how we could go out and ground 
our lines Tor cheeking relays. As a matter of fact, I believe that 
our present cheek, made through the use ol portable tost trans¬ 
formers, (putting primary current through the current trans¬ 
formers as a emmon I,-transformer check and carefully fracing t he 
potential-transformer circuits to the relays, added to a check on 
the relays as they are pul. into service to make sure that, they are 
going in the rigid, direction), has, so far, resulted in practically 
perfect, connections. I cannot recall a single case ol error ol 
relay connections in the last two years. Unfortunately, we have 
had one or two cases of incorrect, relay settings. 

L. N. Crichtons The question has been raised as to the 
operation of ground relays on a system having its neutral dead- 
grounded. 

The relay connection under consideration is the conventional 
one using a wattmeter type of relay, connected in tho delta 
circuit of a hank of star-delta potential transformers. It. happens 
that the voltage actually applied to the relay is the drop between 
the relay and the source of power, ami consequently the phase 
relation between the current and voltage depends upon the char¬ 
acteristics of the power supply rather than the characteristics ol 
tho trouble. 

When you take the resistance out of the neutral, the current 
lags ('ar behind the voltage, and in addition, you got distorted 
phase relations due to unha,lance in tho voltage triangle, resulting 
in the current lagging more than 90 dog.; actual tests on a system 
showed 92 deg. Then, if you take into account other errors that 

are likely to creep in.unbalancing of potential transformers, 

and so on, you will see that the relay has a poor chance of 
working correctly, if it is a true wattmeter. The trouble can 
lie taken care of by making a relay which will work more effi¬ 
ciently on lagging current, and such a relay has recently been 
developed. 

The question of removing tho resistance from a number of 
systems is now under consideration and on these installations, 
the present relays can he kept in service by putting small phase- 
shifting devices on them. 

Tho type of relay having its greatest torque with lagging 
current should be used, in general, on all systems, even those 
having a high resistance in the neutral, so that the installation 
will not require change if it should later be decided to remove (lie 
resistance, 

3. Allen Johnson: (communicated after adjournment) I do 
not think that Messrs, .Jones and Dodds intended to convey the 
impression that the use of “power relays with self-contained 
timing element” may not bo entirely successful and satisfactory 
under some conditions, but such an impression may be created 


by their statement in tin-Iasi ) unignq Imf tlm firs! column on the 
second page of their | apor. 

The Niagara Kails Power Company has had m successful 
operation for several yours mi ils dll kv. circmls a ».v*«em of 
ground protection using a specially designed low -energy power 
relay. The conditions here are very ditlieult as I he neutral 
ground resistance may be as high as <o9 ohms ami the eurrottt 
transformers which supply current to the relays have a fit)0 "> 
ratio. Thus the ground-fault current mitv be as lor. a about 
HO amperes, which may be divided over two parallel circuits, 
giving only about. 2b amperes primary current in the current 
transformer or slight ly ov er 9.2 ampere r« lay eu 11 . ut 

'|’| u . relays were designed to operate w ith 9. lb ampere « itli full 
Vo I tago oil tilt 1 potential coil. V ol I age tor the I ela v ■ 1 ob t a iiied 
from a potential transformer having; a ratio of b-bbtiti I lb con- 
nocled directly across the TbOohm neutral iv: i; lor. Du account 
of I,lio high neutral resistance, a very large ! report ion of the fault, 
voltage always appears across the neutral re.l.tauee ami poWntial 
transformer, and this resistance being practically mm-inductive, 
the voltage is always nearly in place with the fault eunvut, This 
results in very posit iv e relay act ion. 

Tim excellent operating record of itii in tullntimi •luring tlu; 
M 1 years of ils service is shown by the following ivenrd of 
opera) iom. 

j lirtmnil n liiv <m. i,ni<*o <»u not.*. « n m 

; j f I 

I < ‘novel j ! i, .ii . fi } 1 in m r. i't t 11<t*• ii t il 


w it h full 
obtained 


t *.»:• t . 

!!>-.!.,. 

mini . 

m:.!7 uo.Iiiim 


V. I*. Brodsky: frommuiiieah d after adjournment i should 
like to ask a question regarding the use and interpretation 
of tlu- vector diagrams illustrating thin paper, .Subtractive- 
polarity current and potential transformers are used in tiie cute* 
miction diagrams given in the paper. This may be een from the 
polarity marks on these diagrams, and i also in aceordauee with 
tho present standards. 

In a subtractive-polarity trauaformer the primary timpressed) 
voltage is opposed in the internal circuit, by the secondary 
(induced) o. m. f. This also applies to the current:. 

However, in tho external circuit, a subtractive polarity trails- 
former does not introduce a change in polarity, which remains 
the same as if the t ransformers were nut existing. If i therefore 
1,ho reversed secondary voltage or reversed secondary currreut 
delivereil to the relays which should be made use of in these 
applications. 

I notice that in the vector diagrams given in the paper, the 
primary current is opposed by the secondary current, and the 
primary voltage by the secondary voltage, 

I should like to ask whether the writers have considered the 
interim! circuit of the trauaformera or the external eireuib 

XV. M. Jones: Mr. sleeper asked about the use of the same 
relay for solidly grounded or resistor' grounded sy terns, I 
understand Mud. one nuuutfaefurer has actually developed inter¬ 
na! additions to present ground relays to cover in I that Held, 
This worried us considerably, too, as we contemplated grounding 
solid. 

We very strongly favor actually grounding the system* fur 
testing the directional ground relays. We have ju t thighed the 
program of applying liOn grounds on our 224. v, system to cheek 
'181 relays and found 17 Held errors which our best inspector* 
couldn’t liud by any phantom method. 

We have also finished a program of grounding our (ib-kv. 
system to test the ground relays and found six incorrectly con¬ 
nected. We start about midnight and Ihiisli about four nr 
live in the morning; we make lib or -10 grounds a night. We have 
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the relay testers scattered over the system. It isn’t very ex¬ 
pensive and we feel that the expense is justified. 

Mr. Johnson is right in assuming that the authors did not 
intend to conv ey the impression that the use of power relays with 
self-contained timing elements might not be entirely successful 
and satisfactory under some conditions. The statement made 
was that “the power relays have not proved satisfactory for 
ground protection due, primarily, to the fact that a sufficiently 
low-range relay has not been used.” 

The relay described by Mr. Johnson and used on the Niagara 
Palls Power Company System, operates on a very small number 
of watts and, as Mr. Johnson points out, the conditions on their 
system and their source of voltage for the relay are such that the 
voltage impressed on the relay under fault conditions is of a 
fairly high value; also, this voltage must be very nearly in phase 
with the fault current, thus insuring positive action of the relay. 

The Niagara Palls Power Company’s solution of its problem 
was very good, but this solution is not open to a great many 
power companies since many companies do not have ground 
connections at a large number of then stations. 

As Mr. George of the Tennessee Electric Power Company 
points out, a great many of the points of difference are due to 
different operating conditions of various power companies. 
The scheme used by the Tennessee Company of getting its 
directional ground protection by the relative directions of two 
currents in the relay, one current being obtained from the line 
protected by the relay and the other from the grounded neutral 
of the power transformer bank, is a very cheap method of ob¬ 
taining directional ground protection. 

Again, however, this method is limited to those companies 
having their transmission systems grounded at their substations. 

In regard to Mr. Brodsky's question as to whether the vector 
diagrams shown in the paper had reference to the internal circuit 
of the transformers or the external circuit, the vector diagrams, 
themselves, show only the phase relation existing between the 
current and potential on the relays, while the arrows in the 
relays indicate the instantaneous directions of the currents and 
voltages at a given time. Por example, suppose we take the 
instant of time when a phase voltage is at a maximum, and 
assume that current is flowing out on the high-voltage line in the 
direction indicated by the arrows from the oil circuit breaker. 
Then, due to the subtractive polarity of the current transformer, 
the direction of current in the A-phase relay woidd be as indicated 
by the arrow. However, the voltage applied to tin's relay is 
the voltage from A-phase to C-phase, and since the instant of 
time was assumed when a phase voltage was at a maximum,, 
then the C voltage would be at about half maximum value, 
and A-phase, being at a higher potential than C-phase, the 
direction of potential would be from A to C in the external circuit. 

The arrows and direction in the other two relays are also taken 
at the instant of time when that particular phase voltage is at its 
maximum value. 

J* V. Breisky: Mr. Sleeper has asked whether the same 
relays could be used on systems grounded through resistance 
as on ungrounded systems? This can be done by somewhat 
changing the phase relations in the present design of relay, 
either by making changes internally or by means of external 
resistors and reactors as suggested by Mr. Sleeper. A relay 
could probably be developed which could be used interchangeably 
on these two types of systems since the limits of the phase 
position of the ground currents on both kinds of systems are 
quite well fixed. Of course this relay can be used on the un¬ 
grounded system only if the residual charging current is of 
sufficient magnitude to operate the relays as designed at present. 
It would be more satisfactory probably to dead-ground the system 
when it is necessary to remove the resistor and use a phase 
shifter to give‘correct operation (as mentioned by Mr. Crichton) 
with the present relay, which is designed to operate on systems 
grounded through resistance. 
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As pointed out by Mr. George, it is possible on systems 
grounded at every substation, through power or grounding trans- 
foimers, to secure good ground protection by using relays operat¬ 
ing on the product of the current through the transformer neutral 
and the line residual current. In this ease, most of the ground 
current is supplied by the transformers adjacent to the grounded 
section and the relays may be operated on the inverse part of 
their curve to get good discrimination between the various 
sections. Such a relay is also directional, since the current 
through the transformer neutral always has the same direction, 
and it takes the place of voltage in serving as the reference 
quantity. Relays of this type have been used on the Pacific 
Coast with good success for several years and are being installed 
on several new jobs. 

Certain types of over-current relays have slow-opening con¬ 
tacts. If, however, the fast-opening type is used with the 
directional contacts correctly spaced, I feel that the trouble 
mentioned by Mr. George, that of improper operations caused by 
closing of directional contact after over-current contacts have 
closed, will not be experienced. This could happen only after a 
breaker had opened, clearing a fault, and the flow of power had 
changed due to the distribution of load. If the over-current 
contacts are of the quick-opening type, they will be open by the 
time the directional elements close and the breaker will not 
operate. If for any reason the direction of power flow should 
change after a fault has occurred on a system and before it is 
removed, relays with a single element as well as those with 
separate over-current and directional elements would operate. 

1 he trouble mentioned by Mr. George, of a load current of 
greater magnitude than the ground current preventing the re¬ 
verse-power relay from operating correctly, can occur only when 
a non-directional ground relay is interlocked with directional 
elements operated by line current and voltage. The scheme 
outlined by Messrs. Jones and Dodds used when the system is 
solidly grounded with a suitable phase-shifting device as men¬ 
tioned by Mr. Crichton, in which the relay is operated by residual 
current and voltage, is entirely independent of load currents. 

Mr. George’s statements that “the application of reverse- 
power relays on large transmission systems is apparently very 
limited and that reversal of power is an infrequent indication of 
trouble ’ are not quite clear to me. The reversal of power 
accompanied by an abnormal current is certainly an indication 
of trouble, and reversals unaccompanied by over-current will not 
cause operation of relays. There are thousands of relays of this- 
type giving satisfactory service and in many eases it is the only 
type which will give the necessary protection. 

The scheme of using mechanically balanced relays, as men¬ 
tioned by Mr. Doan, is, in general, very satisfactory except that 
its use is limited to cases where there are enough lines in parallel 
so that there will always be at least two left under any operating 
condition. Such cases are not common except in large urban 
cable systems. Undoubtedly, as Mr. Doan points out, it 
would be desirable to use relays which would take more power 
to operate but which would be more positive in their operation. 
Unfortunately, however, the demand seems to be for a relay that 
will require less and less power to operate it except possibly on 
large cable systems where a large amount of power is concentrated 
into a relatively small area. So far as sturdiness is concerned, 
however, we seldom hear of the mechanical failure of a relay. 

In answer to Mr. Brodsky’s question regarding the vector 
diagrams, I should like to mention that it does not matter 
whether the secondary quantities are shown reversed or not, 
since this will affect both current and voltage similarly and the 
phase relations will remain unchanged. Although vector diagrams 
are not entirely standardized, I believe the fine quantities and the 
relay quantities are usually drawn in the same direction when 
subtractive polarity transformers are used since this is in line 
with the idea that the transformers may be considered as straight- 
through connections. 
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Synopsis. DSSI Nl TION OF A R.C. A n arc is u discharge of 

electricity, between electrodes in a gas or vapor, winch has a voltage 
drop at the cathode of the order of the minimum ionizing or 
minimum exciting potential of the gas or vapor. 

ARC CIIA RACTERIRTICR. The relation of ares to glow dis¬ 

charges and coronas is illustrated try discussion of “generalised 
curve of the gas discharge characteristic. Em pineal equations Jor 
arc characteristics are interpreted, and a dependence on the boding 
temperature of the anode is shown. Seeliger’s experiments on 
the transition from glow to are, accompanied, by the development 
of a cathode spot., show that the mechanism of the current at the 
cathode is fundamentally different in the two types of discharge. 

CATIIODE SPOT. An analysis based on loud, conduction m 
the cnlhotlc. shows that, the cathode spot has no sharp thermal defi¬ 
nition , but does have a sharp boundary if defined by visual hri.gld.ness 
or by thermionic, emission. The phenomenon of moving cathode 
spots presents the problem of accounting for ' the observed 
temperatures. 


Til FORI FA OF CATHODE FALL. Compton's theory is 
bused on space charge considerations and the iissiun plum that 
the thickness of the fall space is equal to th< , bet conic menu free 
path. Langmuir's theory differs from Compton's in assuming 
this thickness to be considerably less than a fro path. Considera¬ 
tions of energy balance at the cathode defh.it, Iy support Langmuir's 
rather than < 'amplan's theory. 

FN FllC V HALASVF AT CATHODE < olort in. trie mea¬ 
sure at cuts permit an estimate of the fraction of th. current at the. 
cathode which is cirri, d by .Letnot: i. Though uncertain, the 
data are accurate eimagli definitely to support Langmuir's tin ary 
and to indicate that, in many earns , thermionic emission of 
electrons from the eathod. is :;applcin. nlcil by a "pulling nut" 
of electrons by the electric field which is. conn ulrat, d at the cathode 
surface. 

Factors which determine the anode drop and the pat, atial full 
and ionization in the negative glow and the point it; column are. 
briefly discussed. 


I N the brief space at the writer’s disposal, it is im¬ 
possible to treat the subject in a comprehensive 
manner and there will therefore be discussed princi¬ 
pally certain recent developments which have added 
much to our understanding of the processes involved 
in arc discharges. 

Definition of Electric Arc 

One is struck, in reading the literature of this subject, 
at finding no precise definition of an arc. This is due 
to the fact that, although, we readily distinguish com¬ 
mon forms of arcs from sparks, glow discharges, and 
■coronas, yet there are gradations from one form to 
another so that the distinction is sometimes difficult to 
make. Child 1 describes an arc as “a continuous current 
of several amperes or more, passing through a gas and 
having a cathode drop which is comparatively small.” 
Hagen bach"- says, “In order to he able to def ine the arc, 
the cathode fall must be taken to be characteristic. As 
compared with the glow discharge, it is small . . . 

The arc is characterized by a larger current and a 
lower voltage than any other type of gas discharge. 
It is generally obtained in gases or vapors whose 
density, at the cathode, corresponds to a pressure of the 
order of a millimeter of mercury, or more. Every arc 
has a region of luminous gas near the cathode. 
Whether or not there is another region of luminosity, 
the positive column, depends on the gas pressure, the 
distance from the cathode to the anode, the current, and 
the shape of the containing vessel if the arc is enclosed. 
High pressure, large distance, and constricted container 
favor the appearance of the positive column in an arc. 

‘M’rofoHKor of PhysinH, Princeton. University, Prineotog, N. ,i. 
i. .For all numbered referenees, see Bibliography. 

Presented at the, Rummer Convention of the. A. 1. E. E., 
Detroit, Mich., June 20-24, 1027. 


The total voltage across the are is the sum ol il) the 
cathode drop, which has a value characteristic of the 
gas; (2) the anode drop, which depends on flic size and 
shape of the anode as well as the nal tire of the gas and 
its degree of ionization, and which may be positive or 
negative in sign; (2) the drop along I he positive column, 
which is generally proportional to Hu* length of the 
positive column and depends on the current and the 
nature and density of the gas; El) a voltage drop, 
generally negative but usually small, between the region 
of the cathode fall and the beginning of the positive 
column. Of these parts if is only the cathode drop 
which appears to have a definite characteristic value; 
the other three may he altered by altering the current, 
the pressure, or the geometry of tin* are path, lienee 
the total are voltage is not particularly significant, 
although it, may he considered as a characteristic 
parameter if the are conditions are specified as, for 
example, an are between plane parallel electrodes o! 
large extent,, wit h more t han a minimal separation, and 
placed in ft gas at a given pressure. The volt-ampere 
characteristics of an arc is generally negative, /. c., the 
voltage across the are falls as the current, is increased, 
it may, however, be zero (voltage drop independent of 
current) as would be the ease if the eat bode drop con¬ 
stituted the ent ire volt,age drop in I In* are. Probably a 
slight positive characteristic could be obt ained in an are 
whose anode is of very small dimensions and is located 
within the, region of negative glow just beyond the 
boundary of the eathode fall space. 

in view of these considerations, which will be ampli¬ 
fied later, the following definition of an are is proposed: 
An arc is a diachirtjti of dir trial id between dirtrodm in a 
<jas or vapor, which turn a mlintje drop at, the ml hoik of 
the order of the minimum iomzim j or minimum mxiiinfl 
potential of the tjan or vapor. 
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^ ^membered, however, that there are 
-v^ between typical arcs and typical glow 
cannot be defined as either. These 
are generally extremely unstable, so 
encountered in practise. Unless 
,y%Ti series resistance and a correspond- 
of e. m. f. are used, the transition from 
v ^Orn arc to nothing is abrupt and these 
are not obtained. 3 

^ Characteristics and Types 
of Discharge 

the arc to other types of gas discharge 
by the generalized discharge character- 
ablest gas discharge circuit consists of a 
E, a discharge between electrodes, D, 
distance, R, together with an ammeter 
to measure the current i and the 



across the discharge. The external 
03 ~istic is obviously 


E = V + R i. 


(1) 


jaO discharge apparatus itself is given by 
eristic 


V = f (i) . ( 2 ) 


^eirnal characteristic is represented by a 
£ ^lope. — 1/R and voltage intercept E. 
^^racteristic is represented by the curve 
f The possible values of current and 
'by the intersection points of these 

c&>- 

constant, E is gradually increased from 


l 


O’. 


the current is first small and the volt- 
fistic is positive. This is the region of 
^U^isend currents 0 0'. Beyond O' the 
^ increases, the volt-ampere character- 


t 0 


istic is negative and we have the region of the glow 
discharge G O'. The current jumps discontinuously 
from point -B to point C on the curve. Obviously, the 
entire glow discharge may be skipped over if the 
resistance R is small, i. e., the slope of the line E B C 
large. In this case the discharge passes abruptly from 
the corona to the arc type. On the other hand, if the 
resistance R is very large and the line E B C almost 
horizontal, the entire change from corona through 
glow to arc may be passed through continuously. 

At G'A there is a transition from glow to arc. 
Sometimes this transition is gradual and sometimes 
abrupt, in which cases the curve is rounded or sharp 
at the • transition region G'A. If the transition is 
abrupt, there is evidence that the glow and arc charac¬ 
teristics intersect and may be prolonged as G‘ G" and 
A 0 A, and it is then possible to have either an arc or a 
glow discharge at the same voltage, or at the same 
current, and we have, within a small range, the anoma¬ 
lous situation of a glow discharge carrying larger cur¬ 
rents than the arc at the same voltage. 

In general, it is possible to determine the entire dis¬ 
charge characteristic of any given type of discharge 
apparatus by using sufficiently large ballast resistance, 
R, and correspondingly large e. m. f., E. Once this 
characteristic is known, the various changes in the 
discharge, which will be found when any variations of 
E or R are made in the circuit, may be predicted. 

In this connection, mention only may be made of a 
very complete discussion of the question of stability of 
gas discharges given by Dallenbaeh 5 and summarized 
by Bar 5 . The fundamental condition for stability 7 is 

dV 

that — ; ; • - < R, i. e., that the slope of the internal 

CL % 

characteristic curve (2) be greater than that of the 
external characteristic curve (1). In addition to this, 
inductance and capacity and inertia of ions must be 
taken into consideration. 

Equations of the Arc Characteristic 
Several empirical equations have been proposed to 


describe the current-voltage characteristics of 
The best known of these are 

arcs. 

Frolich 8 

V = a + bl 

(3) 

Ayrton 9 

c + dl 

V = a + bl + -:- 

% 

(4) 

Steinmetz 10 

Tr , c (l -f~ d) 

V — a + 

Vi 

(5) 


These may be interpreted as follows. The constant 
term a is the sum of the cathode and anode drops. 
The term b l is the voltage drop in the positive column, 
whose length is taken to be equal to the total arc length 
1. The terms involving current i in the denominators 
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of (4) and (5) take care of the negative characteristic 
feature of the arc. In (4) the term cji involves the 
negative characteristic of the negative glow and per¬ 
haps of the anode drop, while the term <1 l/i gives the 
negative characteristic of the positive column. These 
same features are described somewhat differently in (5). 
In any case, these equations are known to be only 
empirical approximations. 

Recently Nottingham 11 lias shown that a new equation 
y - A -|- B/i» (6) 

is very accurate for all the large number of arcs tried, 



provided one of the electrodes, usually the anode, 
reaches a definite temperature which is usually fixed 
by its boiling point. In this case, n is found to depend 
on the boiling temperature T of the metal through the 
relation 

n = 2.(12 (10) ■« V (7) 

and A and B are constants for a given metal and arc*, 
length. The experimental determination of n is 
illustrated by the case of copper, Fig. 2. Here V and i 
are plotted logarithmically, so that n is given by the 
slope, which is seen to be the same for all arc lengths. 
The accuracy of relation (7) over the entire range of arc 
temperatures is shown by Fig. 8. Recent unpublished 
work has extended this curve to cadmium at T —1051 
deg. K. The significance of this dependence of n on the 
maximum electrode temperature is not yet understood, 
but the fact cannot be doubted. 

Fundamental Importance of Phenomena 
at Cathode 

All lines of evidence indicate that the essential feature 
of an arc is the emission of electrons from the cathode 
which produces sufficient ionization of the surrounding 
gas to give a positive space charge just outside the 
cathode, thus facilitating ionization and permitting a 
large, generally saturation, electron emission at rela¬ 
tively low voltage. All other characteristics of arcs 
appear to be either consequences of this emission or 
prerequisites to it under the particular physical con¬ 


ditions in which the arc is produced. Tims il is possible 
to produce arcs in which (lie anode drop in potenfial is 
practically eliminated, in which the pol.enl.ial .gradient 
in the gas is nearly zero or is reversed, in which there is 
no chemical action or consumption of the electrodes, 
or in which the gas or anode temporal tire is low. The 
cathode drop and its emission of electrons are indis¬ 
pensable, however. Theoretically any mechanism or 
process for supplying electrons from a cathode in suffi¬ 
cient; numbers to produce, at low voltages of t he order 
of the minimum critical potentials of the gas, enough 
ionization to give a posit ive space charge should sulliee 
to maintain an arc. Actually, however, only two 
emission processes seem capable of supplying electron 
emission in sufficient amount: thermionic emission and 
the pulling of electrons from tile cat hode by t he large 
field in the cathode fall space, or a combination of these 
two. ,J. ,1. Thomson 1 - and Stark 1,1 first suggested the 
former theory and Langmuir" the latter one. The 
present, evidence, some of which we shall now review, 
points to the truth of each in part ieular cases, and gener¬ 
ally to a combinat ion of both. We shall proceed, there¬ 
fore, to an examinat ion of the conditions at the cathode. 

Cathode Spot: Area, Temperature, Current 
1 JENHtTY 

In all arcs, except, those in which tie* cathode has 
small area and cannot lose heat rapidly by metallic 
conduction (as in arcs with hot filament cathodes as 
used in Tungar rectifier's) the current, at t he cathode is 
concentrates! in a small area which is generally called 
the “cathode spot.” To study the physical condition 
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of the cathode, we must therefore examine this cathode 
spot,. This is extremely didieull, however, owing to 
its small size, its frequent rapid motion, and the diffi¬ 
culty in defining it. Until very recently there were no 
measurements of the area of the cathode spot except in 
the case ol carbon arcs, but recently measurements also 
have been made on several metallic, ares. These 
results are shown in Table 1, 

In the case of carbon, the spot is stationary and the 
duel source of error is probably in the measurement of 
the photographic plate, owing to photographic broaden¬ 
ing with overexposure and to failure to use reliable 
methods in correlating distribution of photographic 
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density with intensity of light. It should be remarked, 
moreover, that different grades of carbon give different 
results, presumably due to the effect of alkaline im¬ 
purities on the amount of thermionic emission. In the 
metal arcs, the spot usually wanders rapidly, so that 
Giintherschulze photographed it as a band after reflec¬ 
tion from a revolving mirror. Seeliger 15 was unable to 
repeat Giintherschulze’s work. Nottingham has used 


TABLE i 


Arc 

1 Current 
density 
amp. 
per cm. 2 

Observer 

Reference 

Carbon in air. 

210 

Reich 

Phys. Zeits. 7, 73, 1906. 


318 

Granquist 

Phys. Zeits. 7, 79, 1906. 


470 

Guntherschulze 

Zeits. f. Phys. 11, 71, 1922. 

Mercury vacuum. 

4000 

“ 

Zeits. f. Phys. 11, 74, 1922. 

Iron in air. 

7200 

“ 

Zeits. f. Phys. 11, 74, 1922. 

Tungsten in air... 

3200 

Brauer 

Ann. d. Phys. 60, 95, 1919. 


700 

Nottingham 

To be published. 

Cadmium in air... 

5000 


To be published. 


an accurate photometric method of measuring his 
photographic plates, but did not use a revolving mirror; 
the internal evidence in his work, however, justifies 
considerable confidence in its correctness. 

Similarly, the- temperature of the cathode spot is not 
very accurately known. The best determination for 
carbon arcs is probably that of Reich 16 , who gives 3413 
deg. K, although other observers give values from 
2903 deg. K. to 3593 deg. K 11 . Hagenbach and Lang- 
bein ls give for iron 2430 deg. K., nickel 2365 deg. K\, 
tungsten 3000 deg. K., silver and copper below 1800 
deg. K. Nottingham, however, has found 'fusion of 
tungsten in the cathode spot, which would prove its 
temperature to be at least 3643 deg. K. It is quite 
possible that the small size of cathode spots has led to an 
underestimate of their maximum temperature. 

The cathode spot of a mercury arc .has been estimated 
as between 2000 and 3000 deg. K. on account of a con¬ 
tinuous spectrum emitted from it and ascribed by 
Stark 13 to local high temperature, in spite of the much 
lower boiling temperature of mercury, thus supporting 
his theory of the thermionic origin of the electron emis¬ 
sion from the cathode. This spectrum, however, is not 
characteristic of so high a temperature and may be 
otherwise accounted for, and there is no certain evi¬ 
dence that the temperature is so high. Seeliger 16 
applied Knudsen’s equation to rate of evaporation as a 
function of temperature, using Gfintherschulze’s mea¬ 
surements of rate of evaporation 18 , and calculated a lower 
limit of 673 deg. K. We shall present evidence below, 
however, indicating that the mercury loss measured by 
Giintherschulze was partly in the form of a spray 
rather than true evaporation, so that Seeliger’s lower 
limit should be considerably less than 673 deg. K. 
Thus we really know very little regarding the tempera¬ 
ture of the cathode spot in mercury arcs. 

A very illuminating study of the theory of the cathode 
spot has been made by Seeliger 15 . Consider first a case 
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where heat is liberated at a rate Q per cm. 2 at a fixed 
circular area A on the plane surface of a metal block of 
indefinite extent. This corresponds roughly to the 
heated region of a cathode surface. Because of heat 
conduction in the metal, a temperature gradient is set 
up radially outward on the surface of the block as well 
as into its depth. The final steady surface tempera¬ 
ture distribution is calculated by the known theory of 
heat conduction and is found to be of the form shown 
by the curve T, Fig. 4a. It is quite obvious that there 
is nothing in the nature of a sharply defined “hot” spot. 

The spot is observed, however, by means of the light 
radiation from it, and it is well known that visual 
brightess L increases as a high power of the tempera¬ 
ture T, being given approximately by the relation 

11230 

1 T = 5.367- log L (8) 

in the temperature range involved here. From this. 




Fig. 4 


and assuming that the maximum temperature in curve 
T, Fig. 4a, is 3300 deg. K., the visual brightness curve 
L is found to be as shown. This does limit quite a 
sharply defined region, which does not differ much in 
area from A. Thus, as seen by the eye, the cathode 
spot is sharply defined. 

Electrically, however, it is neither the temperature 
nor the brightness, but the thermionic emission which is 
important, and this may be calculated as a function of 
temperature by Richardson’s equation 

I = A T 1/2 e b/T (9) 

Taking b = 6 (10) 4 for carbon, this leads to curve I for 
the current density of thermionic emission from various 
regions of the spot. Here again the spot is quite sharply 
defined and has approximately the dimensions of A, 
although it is somewhat smaller than the “visual” spot. 
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It is certain that considerations such as these are 
involved in stationary cathode spots, especially if the 
electron emission is primarily of thermionic origin. 
The problem is further complicated, however, in cases 
where evaporation or sublimation tends to cool the 
cathode, and of course electron emission is itself a cool¬ 
ing process. Thus these cooling agencies, acting in 
addition to conduction through the body of the cathode, 
must tend to limit the temperature in the hottest 
regions of the spot, and thus to alter the distributions 
of Pig. 4a to something like the form of Fig. 4b, which 
helps to explain the fact that the area of the spot is so 
nearly directly proportional to the current. 

In the case of metallic arcs whose spot wanders 
rapidly over the cathode surface, there is areal difficulty 
in explaining the high temperature of the spot, since the 
time available for heating is very short. In a mercury 
arc, for instance, the spot frequently wanders at a rate 
of at least 300 cm. per sec. 19,2 " and may move 30 times 
this fast. Gtmthersehulze 21 , Stoll, 211 , and Seeliger 16 have 
attempted to calculate the maximum possible rise in 
temperature if all the energy i V liberated at the 
cathode goes into the metal and is carried away by heat 
conduction into the body of the cathode. Both calcu¬ 
lations are rough approximations and they lead to 
opposing conclusions; i. Guntherschiilze concludes 
that the cathode spot even in mercury arcs rises to 
temperatures above 2000 deg. cent., while Seeliger and 
Stott conclude that the temperature rises to only a few 
hundred degrees in mercury and copper arcs. The 
evidence is that Guntherschulzets conclusion is right, 
for at least in copper the metal is found to be fused 
where the hot spot passes, although both Seeliger and 
Stolt criticize his computations. It is difficult to 
estimate the value of these computations, not only 
because of uncertainty regarding the data and the 
constants (such as heat conductivity at elevated tem¬ 
peratures) but also because the spot may not wander 
continuously, but jump from point to point, remaining 
at each point long enough to heat it. 

It is evident from this brief survey that, in spite of 
the attention which has been focussed on the cathode 
spot since its crucial importance in the theory of the are 
has been realized, there is as yet no agreement as to 
whether the cathode spot always reaches such tempera* 
l ures as to warrant a purely thermionic explanation of 
the electron emission from it. 

Thermionic Emission from the Cathode 

Table I I gives thermionic emission values calculated 
from Richardson’s equation (9). In comparing these 
values with current densities at the cathode spot in 
arcs, certain facts should be kept in mind. The emis¬ 
sion values for carbon were given by Langmuir 22 for 
carbon as pure as could be obtained and with great care 
to avoid contamination. Such purity is utterly im¬ 
possible in arc carbons, and the impurities which are 
known to he present are such as to increase the emission 


very considerably. An upper limit for arc carbons 
would be the values given for lime-impregnated carbon"' 1 . 
The actual thermionic emission from an arc carbon 
must lie between the values 2(5.7 and 1400 amperes per 
cm. 2 Further than this we cannot say at present 
But this makes it evident that much, and possibly 
practically all, of the arc current see 'ruble 1. is simply 
thermionic emission of electrons troin the cathode. 
Similarly, in the cast* of I he tungsten are in air, the 
thermionic emission at the temperature ol the cathode 
spot is adequate to account for the are current, if 
Nottingham’s values arc correct. 
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The most accurate identification of are current with 
thermionic emission from I he cathode is obt ained in ares 
from a small non-vaporizing cathode, such as in Tungar 
rectifiers or Pointilite lamps in which there is no "hot.” 
spot, but the entire cathode is at practically undo m 
temperature. In these eases, the temperature may he 
measured with an opt ical pyrometer and the thermionic 
emission current rather accurately estimated. In such 
cases, the arc current is generally found to be accounted 
for by thermionic emission’ 1 , although in very intense 
arcs in gas at, high pressure the are current is somewhat 
larger than the calculated thermionic emission. 

In the ease of ares from more easily volatilized cath¬ 
odes the data, as we saw above, are too uncertain In 
support any very positive statement, regarding the 
adequacy or inadequacy of thermionic emission in 
accounting for the arc currents. On the whole, the 
writer is inclined to the opinion that in these eases, as 
well as in the intense high pressure ares above, the 
ordinary thermionic emission is increased by an eilect 
of the intense electric field at the cathode in actually 
pullvruj (ikH'trmis away Jr mu the cutlmrir which would not 
otherwise be emitted. This theory, due principally to 
1 jangmuir, is discussed later. 11 is significant t hat some 
agency in addition to thermionic emission appears to be 
needed to account for arc currents in just those cases in 
which conditions for such a "pulling out ” efFeG would 
be most anticipated. 

Development of an Are 

Seeliger 28 has recently made an instructive* ex¬ 
periment, on the development of an are from a glow 
discharge, and the relation of this to the formation of 
the cathode spot. He used a very high resistance 
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to sbthilizc il»' and very p ure e i ec t ro des, 

and followed thmu'di Iho variations in current density 
as (lu 1 total di.a haire < tit ten! was increased, beginning 
with a normal alow discharge covering only part of the 
cathode. The results are shown dia,grammatically in 
Id if. 

In interval, a /», I lit* cun eat. density was constant, the 
cathode fall of potential was constant at about 300 volts, 
and tin* glow did not completely cover the cathode. 
At It, the glow completely covered the cathode. Fur¬ 
ther increase in eunent was aeeumpanied by increase 
in current density and large inereaso in the cathode 
drop, which may rise to several thousand volts. At c 
there was first observed a tendency lor the cathode glow 
to concent rat e inf«» a hot spot, which tendency increased 
with further merease in current.. Simultaneously the 
current density increased at an accelerated rate, while 
the cathode drop began again to diminish. At the 
point i /. the cathode drop had fallen to a, valueless than 
the original normal cathode drop, and it was falling so 
fast, and the current density was rising- so fast that the 
series resistance was mstillicienf to stabilize the dis¬ 
charge and it passed abruptly to condition e, from which 


A . . . >! ■ >» 
*■** 

S.W It'* 


Em, U 

point on the discharge was a true arc, the glow was 
replaced entirely by the hot spot, and the cathode drop 
was in the neighborhood of It) volts. 

This illustrates the fact that the mechanism ot current 
transfer in tin* glow and are discharges is quite different. 
In t lu* glow discharge the current at the cathode is 
carried principally by positive ions, and the electron 
emission from the cathode is "secondary” emission due 
to positive ion bombardment and photoelectric action. 
In the are discharge t he current, at t he cathode is carried 
principally by electrons, which are probably liberated 
therniionieally, assisted by the “pulling out action of 
the field, '‘flu* t hickness of < he cathode space in the 
are is certainly thousands of times smaller than that m 
the normal glow discharge. 

Qualitatively, the progressive stages in the develop¬ 
ment of an are may he "explained” by the principle that 
the potential distribution in a gas discharge adjusts Use J 
so as ta nice maximum current , subject to the limitations 
imposed hg Poisson's equation. This principle appears 


to be new in the theory of gas discharges and has 
recently been applied with success to the theory of the 
normal glow discharge 26 . Further applications of it 
should be attempted. 

Compton’s Theory of Current at Cathode 27 

• The existence of the cathode fall of potential is proof 
that the space charge near the cathode is positive, i. e., 
that the concentration of positive ions exceeds that of 
electrons. Let i be the electron current density and 
J + y be the positive ion current density, j is that part 
of the positive ion current which just neutralizes the 
space charge of the electrons, and J is the excess, which 
accounts for the positive space charge, whose density 
we shall call p. By Poisson’s equation, 

( p V J 

-7 ~ = — 4 7T p = — 4 7T > (10) 

d x- v 


where v is the average velocity of advance of the posi¬ 
tive ions in the field — d V/d x. If this field were uni¬ 
form, and if the ion made numerous collisions with 
atoms, and if these collisions were either “head on” or 
inelastic, v would be given in terms of ionic charge e, 
mass M and mean free path L by 28 


v 




d V 
d x 


(ID 


If we consider the impacts to be elastic, not all “head 
on,” but rather as if made by a sphere moving under 
constant force among similar spheres distributed at 
random, the factor Vl r/2 changes to very nearly 
.96 V2~\ which is a little larger. If, however, the field 
is not constant, but is increasing toward the cathode, 
as is almost certainly the case, this factor is less, but 
cannot be less than .96 V 2/ V 2 and is certainly much 
nearer the higher value if the positive ions make at 
least two or three collisions while traversing the cathode 
fall space. With these uncertainties in mind, we cannot 
be far wrong if we take equation (11), as was done in the 
original publication of the theory. 

Substituting for v in equation (10) from equation 
( 11 ), and integrating, we obtain 


(--) 
\ d x / 


3/2 


B J x + Ci, where B — 4 it/ 


v 


7 r e 
2 1 


L. 


( 12 ) 

The integration constant CVis determined by the con¬ 
dition that dV/dx = 0 at the outer boundary of the 
cathode fall space. Taking x — 0 at the cathode 
surface and x — e at the boundary of the fall space, we 
have 


dV 
d x 




Integrating again, and putting V = 0 when x = 0, 
V = V e when x = c, and solving for the cathode fall of 
potential, we have 
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gives 

(13) 


We are entirely without experimental evidence regard¬ 
ing the thickness of the cathode fall space in arcs, except 
for the knowledge that it is extremely small. It seems 
certain that it does not exceed the electronic mean free 
path l, since the electrons have their best chance to 


ionize at their first impact owing to the fact that electric 
intensity diminishes with distance from the cathode. 
In the present theory it is assumed that c = l, though 
it may be that this is an upper limit. Now the ionic 
free path L is s/ 2 times the molecular free path X, 
since the ions have a higher order of speed than do the 
molecules. Also, the electron free path l is 4 \/~2 
times X, and hence 4 times L, owing to the negligibly 
small dimensions of an electron. Thus, writing c - l 
and L = 1/4, and solving equation (13) for J, we find 

in c. g. s. units. 



0.76 (10). 7 


V W 2 

Wl-lr 


in amperes per cm. 2 , with 
M in ordinary molecular 
weight units. (14) 


If c in equation (13) should have been taken to be less 
than l, then J would be larger than calculated by 
equation (14). 

Consider now that part of the positive ion current 
density j required to neutralize the electron space 
charge. An exact calculation of the relative times 
required for an electron and a positive ion to pass 
through the fall space appears impossible, but the fol¬ 
lowing approximation is probably accurate enough for 
the present purpose. Assume first that the field in the 
fall space is uniform am l hence eq ual (o V Jl, The time 
t required for an electron, starting from rest at the 
cathode, to traverse the fall space is given by 


1 a }ij ( > v,. 

I « a- al 2 , where a = -.. = -.-y~, whence 

4 m m l 

. » I ' 2 m ., „ 

' N—g;- ' ,5 -' 

The positive ions, on the other hand, move forward 
with average.velocity given approximately by equation 
( 11 ). Putting dV/dx = V e /l, and L « 1/4, and tak¬ 
ing the time t + as distance l divided by mean velocity 
v, we have 


t' 


f8. M * 

V.7r. eV ~7 ‘ 


(16) 


Since j = w 1 c v ] and i )> c r . and since u' r 
for exact compensation of space charge, we Imve 

i j// /' 14 M 

j > yl t> > ;r m 


h e 


ill) 


In the actual case, howc*vt»r, the held is not constant 
but varies from a maximum value at j* 0 to zero al 
x - l. Thus the electrons always move faster and the 
positive ions slower than we have assumed, and the 
ratio i/j is larger than the value given by equation (17). 
A graphical integration, using the actual field distribu¬ 
tion as given by equation ( 12 ) to find / and /‘, led to a 
value of i/j not much different from 

% . f M 

~ : - 4 v 2 J . 118) 

J > m 

which was the relaf ion t aken in I he original si at emenf of 
the theory"- 7 , but derived there in a manner quite incon¬ 
sistent with the actual physical conditions in the fall 
space. We shall use equation (18), therefore, in the 
belief that it is at least a fair approximation to the 
requirements of the* theory. 

Expressing currents in amperes, potential drop in 
volts and ionic mass M in ordinary atomic units, we 
have the results of this theory expressed by the 
equations: 

Total current density I t \ j l J 
Neutralizing current density i 242 \ M i 

r < • ' 

Space charge current, density./ 0.76 ilth 7 

*»/ l 

(19) 

Applications: ('arlum Arc, At atmospheric pressure 
and 3300 deg. K. f which is close to the cathode tem¬ 
perature / 0.66 (10) cm., V, is given as about H.6 

volts" 11 , although no determination by a reliable method 
has ever been made, and the true value is probably 
several volts higher. Substitution in (‘qua!ion (19) 
gives ,J 1.6 amperes per cm." Since the total cur¬ 
rent, density / is of the order of 320 amperes per em.'v" 
J/I « 0.005. Similarly,/ / 0.001. Thus altogether 

about 0.006 of the total current, is carried by positive 
ions. 

Mercurn Arc. The vapor density at t he cathode is of 
the order of an atmosphere' 11 and its temperature is at 
least400 deg. K., and may reach 2000 deg. K,, although 
reasons are given later which weigh against this high 
value. We shall not, be far wrong as to order of magni¬ 
tude if we take 600 deg. /\., which gives / 0.000040 

cm. V c lies between 5.5 and 10,3, and is probably 
about 8.6. This leads to ./ 1(52 amperes per cm." 

(runthersehulze finds the current, density / at the 
cathode to he 4000 amperes per cm.% whence ,/ / 
0.040. Similarly. j/l 0.0003. Tims about 0.04 uf 
the total current, is carried by positive ions, 

‘Other cases agree in indicating that only a small 
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fraction of the total currentjat the cathode is carried 
by positive ions. 

A test of this theory is afforded by comparing these 
calculated values for the fraction of current carried by 
positive ions with the values calculated from considera¬ 
tions of thermal equilibrium at the cathode. Before 
doing this, however, we shall consider an alternative 
theory of the cathode fall space which has been pro¬ 
posed by Langmuir. 

Langmuir’s Theory of Current at Cathode 14 

On this theory, the cathode fall space is simply the 
positive ion sheath produced around the cathode by the 
incoming positive ions. If it is assumed that the posi¬ 
tive ions traverse this fall space without colliding with 
gas molecules, i. e., if d < l, the space charge equation 
bf Child 32 and Langmuir 33 may be applied in the form, 

7 V2 (T v , 3 ' 2 . 

J = TV \ ~W m c - g - s - umts 

V c m 

= 0.543 (10)~ 7 in ordinary electrical and 

molecular units. (20) 
This does not appear to differ much from equation (19) of 
Compton’s theory, but in reality it maybe quite different 
since it does not assume d to be equal to the electron 
free path l, but leaves d undetermined. In order to 
use this equation, information from some other source 
must be obtained regarding either J or d. 

Two courses are open for finding independently the 
positive ion current density, J + j, in order to test 
Compton’s theory or to complete the information 
necessary for Langmuir’s theory. J + j may perhaps 
be measured directly by Langmuir’s exploring electrode 
method 34 , although this has never been done near the 
cathode and presents experimental difficulties, or 
J -j- jfl may be calculated from considerations of 
thermal equilibrium at the cathode, as follows: 

Energy Balance at Cathode 35 

Let / be the fraction of the current at the cathode 
which is carried by electrons and 1 — / that carried by 
positive ions. Then, per ampere of current, we have 
the following rates of heat development, in watts: 

A. Heating of Cathode. (1) By incoming positive 
ions, which fall through the cathode drop V c , (1 — /) 
(V e + <p+), where <p + is the heat of neutralization of 
positive ions at the surface of the cathode; (2) by out¬ 
going electrons, some of whose energy may be returned 
to the cathode, [f(V c — (1 — f) Vi] F; here fV c is the 
energy gained by the electrons in the cathode fall space, 
(1 — /) Vi is the energy of these electrons which is used 
in ionizing the gas whose ionizing potential is V i, and F 
is the fraction of the remaining energy which returns 
to the cathode in the form of radiation, etc.; (3) by heat 
supplied by an external heating source, if there be 
one, H. 


B. Cooling of Cathode. (1) By escape of electrons, 
f <p~, where <p_ is the electron “work function,” or heat 
of evaporation; (2) by conduction through the body of 
the cathode, C ; (3) by gaseous conduction and convec¬ 
tion, C (4) by radiation, R; (5) by evaporation of 
cathode material, E. 

Grouping all these items, we find the equilibrium 
condition to be given by 

_ y c + y + - F Vi + H — C - C — R — E 
} ~ V.+ <p i .+ F (V. + V,) (21) 

An experimental determination of the factors in this 
equation should therefore permit a calculation of the 
fraction / of the current at the cathode which is carried 
by electrons. Let us consider the various terms in 
this equation: 

The cathode fall of potential V c in various arcs has 
been measured with the following typical results: 

TABLE III 


Arc 

V c (volts) 

Reference 

Carbon in air (current I) . 

7.6 + 13.6/1 

(24) 

Carbon (impregnated) in air. 

S. 5 

(31) 

Magnetite in air. 

13.9 

(32) 

Copper in air at reduced pressure. 

13.7 

(32 j 

Mercury in vacuum. 

5.27 

(33) 

♦Argon gas and heated non-vaporizing cathode. 

11.6 

(34) 

♦Helium gas and heated non-vaporizing cathode 
♦Mercury vapor and heated non-vaporizing 

20.0 

(35) 

cathode.: 

5.5 

(35) 


As all.values except those marked * were obtained by 
the old probe method which is known to give incorrect 
results 34 , they are only approximate and are probably 
several volts too low. More accurate values are 
greatly needed. 

The heat of neutralization, or condensation, of posi¬ 
tive ions cp + was formerly calculated from a theoretical 
relation (p + = Vi + L— <p_ derived by Schottky and 
von Issendorff 41 and by Compton 35 . Recent experi¬ 
mental measurements 42 have shown that the true value 
is much less than this, and nearly zero. The discrep¬ 
ancy must be due to the fact that some of the energy 
liberated at the electrode surface during neutralization 
of an ion is radiated away and hence does not contribute 
to the heating of the electrode. Compton and Van 
Voorhis 43 give reasons for modifying the above equa¬ 
tion to the form 

cp= t Vi + ( L ) — cp (22) 

where r is a “radiation factor” a little less than 0.5, 
and L is the latent heat of condensation of the neu¬ 
tralized ion on the electrode, in case the ion remains 
there deposited. If the material of the ion does not 
remain on the electrode after neutralization, L is to be 
omitted from equation (22). 

In this connection, the writer would suggest that the 
luminosity of the cathode in mercury arcs, which has 
been taken to indicate high local temperatures exceed¬ 
ing 2000 deg. K., may be simply this radiation ac¬ 
companying ion neutralization at the cathode surface, 
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and showing as a continuous spectrum because of the 
intense field at the surface. Evidence that electron 
emission in this case is not of ordinary thermionic 
origin will be presented below. 

The ionizing potential V, is accurately known for 
most gases and vapors. In the case of arcs in air be¬ 
tween vaporizing electrodes, there is uncertainty re¬ 
garding the type of gas which is being ionized. 

The fraction F of the excess energy of the electrons 
which is returned to the cathode is unknown. It 
cannot exceed 0.5. It is probably, much nearer 0.0, 
expeeially in the case of a rapidly vaporizing cathode, 
where a blast of atoms would tend to carry away any 
high speed atoms which might have been indirectly 
accelerated by the electrons. Radiation of energy 
back to the electrode from the gas would he a small 
positive factor. 

II, C, (■', R, and F may all be measured or computed. 
In considering the cooling F by evaporation of cathode 
material, one must be cautious, however*, since there 
is evidence in cases like the mercury arc that not all 
material lost is by true evaporation, but part of it is by 
mechanical loss as a “spray” which does not contribute 
to the cooling. Also, the radiation loss R may be 
partially compensated by radiation gain from the 
anode, which must be taken into account;. 

Evidently our present knowledge and our experi¬ 
mental technique are too limited to permit us to use 
equation. (21) for accurate results. It may he used, 
however, to show orders of magnitude and to set cer¬ 
tain upper and lower limits which permit us to draw 
some important conclusions. 

Applications Carbon Arc. Take, for a 10-ampere 
arc, V r . ~ 9.0 volts, <p = 8.9 volts, ’ <p y ~ 0, V,- ~~ 1(5 
volts. A rough estimate of conductivity loss based on 
a hot spot area of 0.04 cm.", temperature gradient 2500 
deg. per cm. and conductivity 0.01, gave C 0.04 volt, 
though the data are uncertain and the writer is inclined 
to believe that the result is too low. Net loss by 
radiation, calculated as if cathode and anode hot spots 
were black body radiators at 8140 deg. K., and 8700 
deg. K., respectively, gave R = 0.75 volt F is rela¬ 
tively small, and so is O', provided the arc is not cooled 
by an air blast. With these values we find 

/ — 0.64, assuming F — 0; 

/ « 0.68, assuming F — 0.25. 

/ could be raised as high as 0.70 by neglecting all heat 
losses, C -f C -f R ~\~ E, which is clearly an upper 
limit. No reasonable value of <p differing from 0 
would produce much change in /. The assumed value 
of Vo is probably several volts too small, but no reason¬ 
able increase would increase / greatly, <p... could only 
be given a smaller value if the electrons were pulled out 
of the cathode by the field, rather than spontaneously 
emitted thermionieally, and we have previously seen 
that the evidence proves certainly that no large effect of 
this kind can be important in the carbon arc. We thus 
seem forced from energy considerations to conclude that 


the fraction of current carried by electrons at the 
cathode is of the order of 60 to 70 per cent, rather than 
99.4 per cent as predicted hv Compton’s theory. The 
fact that an earlier calculation-'' appeared to support 
Compton's theory was due, first., t o t ho use of a value of 
gp. now known to he inadmissible 1 ' and second, to the 
use of an impossibly high value lor* F. 

Mercury Arc . In this case, recent experiments by 
Giinthersehulze 11 give apparently accurate data for 
most; of the quantities involved, except for minor cor¬ 
rections pointed out by Seeliger 1 -’ and included here. 
The data are, in waits (volts) per ampere of are current, 
C ^ 2.6S; F 2.8 to 8.9, depending on the assumed 
temperature of the cathode spot; R 0.04. Taking 
<P .... = 8.9, Vi 10.1, ip I 0. r, s.6 volts (as a 
reasonable value owing to the fact that it, must, lie 
between lower* and upper limits of 5.8 and 10,8 and 
probably nearer the upper value 11 ) knowing C” to he 
negligible and II zero, and assuming F 0, we find 
/ 0.25 to 0.16. If F is taken to be greater than zero, 

/ becomes still smaller. 

Even if cooling by radiation R and evaporation F is 
entirely neglected, which could only Ire justified if all 
mercury were lost from t he cat bode mechanically ra ther 
than by evaporation, and even if tin* cooling tr by 
electron emission were neglected, which would be 
justified if the emission were due entirely to t he “pull¬ 
ing out” effect, of the field, still equation (21) gives only 
/ = 0.70. In any case, therefore, the fraction of cur¬ 
rent, carried by electrons must he less than 70 per cent, 
whereas Compton's {.henry predicted 96 per cent. 

(k inclusions 

From this consideration of energy balance at the 
cathode, therefore, if would appear that Compton's 
assumption that, (lie thickness of the cathode fall space 
is equal to (he electron mean free path is incorrect, and 
that this thickness is much smaller. If if is much smal¬ 
ler, the positive ions must, move through it generally 
without, colliding, and we have exact ly the span* charge 
condition leading to equation (20) of Langmuir's theory. 
We must, therefore consider the evidence as strongly 
support ing 1 .angmidr’s theory. 

Further than this, these energy considerations lead 
us to some conclusions regarding the mechanism of 
electron emission from the cathode of a mercury arc. 
Since almost certainly the cat hode drop does not exceed 
the ionizing potential V, 10.4 volts, it is obvious that 
no electron can ionize more than once near (he cathode. 
The fraction / cannot, therefore, he less than 0.5 and 
could only he'that small in ease the probability of 
ionization were unity, which cannot be so. From flu* 
consideration, / must e,treed 0,5. An examination of 
equation (21) in connection with (liiiithemhulze's 
data shows that a value of f ... 0,5 can only he obtained 
if <p ... < 8.9 and F iuri $ t * by large margins. In other 
words, the field at the cathode surface acts to pull 
out electrons which would not otherwise Ire liberated, 
and some of the mercury is lost from the cathode 
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mechanically, rather than by evaporation. The former 
of these possibilities was suggested by Langmuir, whose 
measurements of positive ion current densities led him 
to estimate the field at the cathode of a mercury arc 
to be of the order of 10 G volts per cm. Such fields are 
known to pull electrons from metal surfaces 'in the 
presence of gases or vapors, and would probably be 
especially effective if the metal surface is heated, as 
in an arc, so that many electrons need only the addi¬ 
tional assistance of the field to permit their escape 45 . 
Conditions Just Beyond the Cathode Fall Space 
This region, generally called the negative glow, is a 
region in which the concentration of ions is maximum. 
The electric field is of minimum strength and is often 
reversed in direction, the current being by diffusion of 
electrons in the direction of decreasing concentration 39 - 46 . 
Probably much of the radiation from this part of the arc 
is the result of recombination of ions and electrons 47 . 
Conditions in the Positive Column 
Here ionization occurs to just a sufficient extent to 
balance the loss of ions by recombination or diffusion 
to the walls, if the arc be enclosed. This ionization may 
be produced thermally, by electron impact, photo- 
electrically, or by a combination of these. There are 
reasons for ascribing much of it to high temperature in 
the carbon arc 35 , while this certainly plays no role in the 
mercury arc, where the ionization is due to electron 
impacts, probably of a cumulative nature. The light 
from the positive column is almost certainly due to 
excitation rather than to recombination 47 . 

Conditions at the Anode 
The anode drop in potential may be positive or 
negative according to conditions first explained by 
Langmuir and Mott-Smith 34 as follows: Surrounding 
the anode is an atmosphere of ions and electrons moving 
with more or less random motion. If, 'in this random 
motion, the excess of electrons over positive ions striking 
the anode would be greater than the total current in the 
circuit, then a negative, or reverse, anode drop is set up 
so as to hold back enough electrons to keep the current 
to the value demanded by the constants of the circuit. 
On the other hand, if the number naturally striking the 
anode is insufficient to carry the current, then a positive 
anode drop is set up so as to draw in more electrons. 
From these considerations, it is evident that anode drop 
decreases with increasing anode area and with increased 
ion concentration, as can be obtained by using a hollow 
anode or by promoting ionization near the anode. 

The heating of the anode depends on three factors: 

(1) the heat of condensation of electrons <£> _; (2) the 
average energy V _ of the electrons in their initial ran¬ 
dom motion; (3) the anode drop V a , if this be positive. 
Although this subject has been studied calorimetrically 48 
and the order of magnitude of these predictions always 
verified, thus far only Van Voorhis 42 has measured all 
the quantities necessary to make an accurate quantita¬ 
tive test, which has exactly verified the above state¬ 
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ments. A. W. Hull 49 reports that calorimetric work 
on highrpower mercury arcs at the General Electric 
laboratory is also in quantitative agreement with these 
ideas. 

From the preceding discussion it will be seen that 
much progress in the understanding of arc phenomena 
has been made during the past few years, and that 
there are at present numerous possibilities for 
further experimental research, guided by theoretical 
considerations. 

Addenda 

(1.) Complete discussions of earlier work on arcs, 
with bibliographies, may be found in 

“The Electric Arc,” Mrs. Ayrton (The Electrician 
1902) 

“The Electric Arc,” Child (Van Nostrand 1913) 

Lichtbogen, “Handbuch der Radiologie,” Vol. IV, 
pp. 211-444, Hagenbach (Akademische Verlagsgesell- 
sehaft, Leipzig, 1917) 

L’Arc Electrique, Leblanc Fils (Journal de Physique 
1922) 

Lichtbogen, “Handbuch der Physik,” Vol. XIV, 
Hagenbach (Springer 1927) 

(2) In terms of mechanism, the' arc may be defined 
as a gas discharge in which the ionization. near the 
cathode is produced by electrons which have fallen 
through the cathode fall of potential and thereby gained 
the energy necessary for ionization, whereas in the glow 
discharge the ionization is produced while the electrons 
are falling through the cathode fall space. In the glow 
discharge the ionization increases exponentially with 
distance from the cathode: in the arc there is no ex¬ 
ponential building up of ionization. This definition is 
equivalent to the one already given. 

(3) Different arc types are sometimes found under 
conditions in which transitions from one form to another 
may occur. It is suggested that the primarily “ther¬ 
mionic” arc and the primarily “pulling out of electrons” 
arc may be two such types. In Table I those arcs 
whose current densities are thousands of amperes are 
probably of the latter type and those with smaller 
current densities of the former type. Both types are 
shown for tungsten in Table I. There is some evidence 
of* still another arc mechanism (Dr; Slepian, 
unpublished). 

Bibliography 

1. Child, “The Electric Arc,” p. 2 et seq. 

2. - Hagenbach, “Handbuch der Physik,” XIV, p. 324, 
Springer. 

3. Seeliger, Phys. Zeits, 27, 730, 1926. 

4. Hagenbach, “Handbuch der Radiologie,” IV, pp. 257-262. 

5. Dallenbaeh, Phys. Zeits, 27, 101, 448, 1926. 

6. Bar, “Handbuch der Physik,” XIV, pp. 175-182, Springer. 

7. Kaufmann, Ann. d. Phys., 2, 158, 1900. 

8. Erolich, Elektrotechn, Zeits., 4, 190, 1883. 

9. Ayrton, “The Electric Arc.” 

10. Steinmetz, Trans. A. I. E. E., 1906, p. 802. 

11. Nottingham, Jotjr. A. I. E. E., 42, 12, 1923; Phys. Rev., 
28, 764, 1926. 






878 


COMPTON: TILE ELECTRIC ARC 


Tran-.aiMunis ,\. I. E. E, 


12. ,1. ,T. Thomson, “Conduction of Electricity through 
Gases,” 2 od., p. (»04. 

13. Stark, 'Phys. Zells., 5, 51, 750, 1904. 

14. Langmuir, (1. li. Hen., 26, 735, 1923; Science, 58, 290, 1923. 

15. Sceliger, Phys. Zell 27, 22, 1920. 

10. Reich, Phys. Zells., 7, 73, 1900. 

17. Hagoubaeh, “Handbucli dor 'Radiologic,” I V., p. 387. 

IS. (Ifmthorse.hul/.o, Zielx.f. Phyx., 11, 74, 1922. 

19. I.)ulour, Jour. de Phyx., 1, 109, 1911. 

20. Stoll., “Inaugural-1 )issort.,” Upsala, 1925; Zells. f. Phys., 
26, 95, 1924; ibid. 31, 210, 1925. 

21. (lun thorsolml/.o, Zells. /. Plrys., 28, 325, 1924. 

22. Langmuir, Trans. Am. JUeelroehem., Sou. 29, 125, 1910. 

23. Richardson, “Emission of Electricity from Hot Bodies,” 
]>. 09. 

24. Compton, Phyx. Ren., 21, 270-273, 1923; W. do Croot, 
Phyxica, 5, 121,234, 1925; also unpublished work at the Research 
Laboratory of Conoral Electric Co., Schenectady, N. Y. 

25. Seeligor, 1‘hyx. Zells, 27, 730, 1.920. 

20. Compton and Morse, ('to appear in Phys. Rev.) 

27. This discussion is based on a paper by Compton, Phyx. 
Rev., 21, 200, 1923, but includes some corrections and extensions. 

28. Compton, Phyx. Rev., 7, 489, 1910. 

29. Ayrton, “The Electric Arc,” p. 222. 

30. 11 agon bach, “llandbuch dor I’hysik,” .XIV, p. 349, 
Springer. 

31. (lunfhorschul/, 0 , Zells. J. Phyx., 11, 74, 1922; Langmuir, 
Science, 58, 290, 1923. 

32. Child, Phyx. Rev., 32, 492, 1911. 

33. Langmuir, Phyx. Rev., 2, 457, 1913. 

34. Langmuir and Moft-Hmith, (!. J'J. Rev., 27, 449, 538, 010, 
702, 810, 1924. 

35. The use of tin’s method was (irst pointed out by .1. .1. 
Thomson, “Cond. Elec, through Cases,” 2 od., p. OI L The 
details were lirst worked out and applied by Compton, Phyx. Rev., 
21, 281, 1923. Ctinthorsehul'/.e, Zells, f. Phyx., 11,74, 1922; 31, 
509, 1925, used lirst an incomplete analysis of the problem and 
later partially corrected it. W. de Croot, Phyxica, 5, 121, 231, 
1925, has made a partial application to arcs of the Poiufililo type 
in neon, argon, mercury. 

30. Child, “The Electric. Arc,” p. 01. 

37. llngonbnch, “llandbuch dor Physik,” XIV. p. 335. 
Springer. 

38. Stark', Retschinsky, and ►Schaposchiukoff, Ann. d. Phyx., 
18, 243, 1905. 

39. Compton and Eckart, Phyx. Rev., 25, 139, 1925. 

40. Compton, (unpublished), by tins method of (39). 

41. Sclmttky and von lssomlorlT, Zells. /. Phyx., 26, 85, 1924. 

42. Van Voorhis (to bo published in Phyx. Rev.) 

43. Compton and Van Voorhis, Proe. NHL Acad. Sc., 13, 
XXX, 1927. 

44. CiinthorscItuRo, Zeilx.f. Phyx., II, 74, 1922;31,509, .1925. 

45. Sclmttky, Phyx. Zells., 15, 827, 191.4; 20, 220, 1919; 
Zells. /. Rhys,,hi, 03, 1923. 

40. Emulous, Proe. Cainh. Phil. Soe., 23, 531,1927; McCurdy, 
Phil. May., 48, 898, 1924; McCurdy and Dalton, Phys. Rem, 27, 
103, 1920. This work dealt will) glow discharges, but there is 
even more reason for expecting the same phenomenon in arcs. 

47. (’ompton, Turner, and McCurdy, Phyx. Rev., 24, 014, 
1924. The dismission given here of the relation, of glow to arc, 
discharge is not in general correct. The authors at that time had 
in mind only the “low voltage” arcs with hot cathodes with 
which they had been working. 

48. Schottky and von issendorff, Zeilx.f. Phys., 26, 85, 1924; 
Penning, Phyxica, 5, 217, 1925. 

49. Hull, in discussion of paper by Van Voorhis and Compton, 
at Washington meeting of the Am. Phys. Soe. in April, 1927. 


Discussion 

Joseph Slcpiam There is hardly a scientist, on whose work 
I loan more than Professor Compton s. 

1 remember as one of the best of Professor < omplon’s papers 
the one on the theory of the arc which he gave in the Physical 
Review in 1923, in which he so ably defended (be thermionic 
theory which he has discussed tonight. Today, however. Pro¬ 
fessor (’ompton apparently feels that perhaps this theory may 
not always hold after all. 

Remarkable also have been bis papers on abnormally low- 
voltage arcs. The first deals with the theoretical difficulties, 
almost proving that an arc with a voltage less than the ionizing 
voltage of the gas is impossible. A later paper, however, demon¬ 
strates the existence of arcs with voltage less than the ionizing 
potential but greater than the resonance potential. Then 
followed a paper showing that where arcs with voltages lower 
than the resonance potential had apparently been obtained, 
oscillations had been present, which momentarily would raise 
the voltage above the resonance potential. Then came still 
another paper showing that arcs with total vollage Icmm than the 
resonance potential were possible under suitable conditions. 

Another paper which I found exceedingly valuable, stimulating, 
and instructive, is t hat, one on the Mobility of Ions in Discharges 
in which he very boldly sets out to calculate the ways in which 
ions will move in gases of considerable density under Urn action 
of the electrical Helds, taking account of various kinds of col¬ 
lisions which electrons can have with molecules. This was an 
exceedingly difficult problem, and I marveled that anyone had 
the temerity to tackle it. Yet with a few skillful mmiipulatiuUH 
and ideas, Professor Compton derived equations which are 
quite easy to understand mid exceedingly valuable. 

There are some experiences which I have lmd in connection with 
my engineering work which I think will be interesting in relation 
to the theory of the arc. The various theories of the cathode of 
tlni arc mentioned by Professor (‘ompton require that a eon- 
sidoruhle portion of flat current be carried by electrons leaving 
the cathode. The question then arises as to how these electrons 
got out of the cathode, us ordinarily electrons will not, pass from 
a metal into an adjoining gas. One agency which will assist, 
electrons in escaping from a metal is heat. When its temperature 
is sufficiently high electrons can pass freely out of a cathode. 
This is essentially the thermionic theory of the cathode of the 
arc, which Professor (’ompton advocated a number of years ago. 

Another possibility which Professor Compton has mentioned 
is that a very high electric gradient, may develop at the cathode 
surface in the arc a, gradient so high that the electrons are pulled 
out of the cathode even t hough it i: : s not hot enough for thermionic 
emission. 

At the time of the experiments which 1 am going to describe, 
1, along with almost everybody else, believed in Hie thermionic 
theory of the cathode; that, is, that in tut are it was necessary to 
have a cathode hot enough for thermionic emission. If the 
cathode was not hot enough for this, an arc discharge would bti 
impossible, and if any discharge was obtained it would have to he 
a glow or other high-voltage form. 1 tried to apph (hew- ideas 
to the development of the arc which follows the breakdown of a 
spark-gap by application of high voltage. 

Since the electrodes of the spark-gap are initially cold, it 
seemed necessary that, the discharge should dart as a glow and 
only after some point of the cathode reached a miflieieittly high 
temperature should the discharge change into an arc. 1 tried 
to calculate the time for the heating up of the cathode spot, anti 
therefore the time for the (low to change into an are, using data 
for the watts input at the cathode of a glow on copper obtained 
from other experiments. I found if would take seconds before 
the copper would get to the melting point, let. alone u temperature 
sufficient for thermionic emission. But the experiment showed 
that the arc struck almost at once. Immediately after the gap 
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broke down, the voltage dropped to 20 volts, which is too low 
for a glow. 

I had been of the opinion that the cathode had to be hot in 
order to maintain an are; yet here, where the electrodes did not 
have time to get hot, I was getting a discharge with only 20 volts. 
More recently, this experiment has been repeated, using the 
DuFour Oscillograph, and it has been found that the time for the 
discharge to change from glow to arc is of the order of a micro¬ 
second. 

Since the cathode couldn’t have become hot in so short a time, 
this experiment made me feel that the thermionic theory of the 
cathode couldn’t be correct; at least not all of the time. 

Another experience in connection with my engineering work 
which made me believe that probably the cathode didn’t have to 
be hot was in studying the operation of switches. I have seen 
switches in which the arc was blown rapidly along the arcing 
horns operate, and examined the horns afterward, finding 
stretches on the arcing horn absolutely free of burning. There 
might be some oxidation but no evidence of a very high 
temperature. 

This seemed strange and would be hard to explain if the cathode 
had to be hot enough for thermionic emission. I looked into this 
a little more closely, and considered the hypothesis that perhaps 
the are hopped from point to point, without passing over the 
intervening stretch, so that this stretch might not appear burned 
because the arc had not actually played on it. 



Fig, 

I eliminated this possibility by bringing the electrodes very 
close together, and also took photographs with a high-speed 
camera. I found that even at those spots where the are had 
played, as indicated by the photographs, there was no burning. 

A German, H. Stolt, has also carried out similar experiments, 
published in the Annalen der Physik. Stolt caused an arc to 
move over a cathode so rapidly that apparently there was no 
heating of the cathode. The claims of Stolt were criticized by 
Guntherschulze, who is mentioned frequently in this paper of 
Professor Compton’s; but Stolt replied quite well to the criticism 
of Guntherschulze, and I believe that Stolt’s conclusions are 
fairly well established. Stolt did get a low-voltage discharge 
from copper and other metals, which moved so rapidly over the 
copper surface that no spot of the copper surface became'hot 
enough to melt, let alone have thermionic emission. This 
seemed to me to disprove definitely the theory of the necessity for 
thermionic emission. I have carried experiments similar to 
Stolt’s somewhat further, and have used currents as high as 


20,000 amperes; that is, I have moved a 20,000-ampere arc, over 
a cathode surface so rapidly that there was no melting of the 
copper but merely a trace of oxidation. Incidentally, the current 
density in these experiments was of the order of 30,000 amperes 
per cm. 2 

The application of the method of energy balance at the 
cathode which Professor Compton has used in his paper for esti¬ 
mating the fraction of the current carried by electrons is cer¬ 
tainly very interesting, and the values / = 0.25 to f — 0.16 
obtained for the mercury arc seem significant. If the ionization 
of the gas next to the cathode is primarily due to collisions from 
electrons coming from the cathode, / could not be less than 0.50. 

Some time ago, I suggested in the Physical Review that per¬ 
haps no part of the current at the cathode was carried by elec¬ 
trons, but that all of the current was carried by positive ions 
coming from the highly ionized gas next to the cathode. The 
cause of the high state of ionization in the gas was to be sought 
in the very intense energy concentration there. The values of / 
which Compton finds indicate that this suggestion may be near 
the truth. Indeed, if a necessary correction to the energy balance 
equation is applied, the value of / comes even closer to zero in 
accordance with my suggestion. The correction is as follows. 
As item (1) under A, “Heating of the Cathode,” Professor 
Compton has “By incoming positive ions, which fall through the 
cathode drop B c , (1 — /) ( B c + 0+).” But all the positive 
ions do not fall through the cathode drop unimpeded. Some 



1 

will collide with molecules and lose energy to the gas. Also, 
many positive ions will be reflected from the cathode thus in¬ 
creasing the chances of collision with molecules. Let OL be the 
fraction of the energy acquired by falling through the cathode 
drop, which a positive ion, on the average gives up to the cathode, 
Then item (1), under A, becomes (1 —/) (<X B 0 + <fi +). 
Equation (21) then becomes 

a B c + (pjf — F Bj H — C — C' R E 
OL B c + <p+ + — F ( B c B{) 

If we substitute the numerical values used by Compton we get 
8.6 a — 5.5 8.6 ol — 6.6 

f= 8.6 (£ +3.9~° r/ ~ 8.6 9+3.9 * 

If we take a = I we get, of course, the values of Compton, 
/ = 0.25 and / = 0.16. If, however, a is as low as 0.64 by the 
first formula, or 0.77 by the second formula, we get / = 0. 

Now what is a reasonable estimate of the value of a? We 
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may obtain some idea by determining: the number of positive ions 
which cross the cathode space without colliding with a molecule. 
The electronic mean free path as given by Compton in this paper 
for the mercury-arc cathode is 4 X l() _B em. and therefore the 
ionic mean free path is 1.0 X 10~ 6 cm. On the other hand from 
equation (20) taking - J - 4000 as given by Clunthorschulsso, 
we find, for d, the cathode-fall space d — 4.05 X 10“". The 
fraction of the positive ions which will have free paths greater 
than the eatho<lo-fall space will therefore be 
4.!>nxm- c 

/ 1.0X10A _ e .0.4115 = 0.61. 

That is only 01 per cent of the positive ions crossing the cathode- 
fall space fail to collide with a gas molecule. Hence a value of 

equal to 0.77 does not look altogether unreasonable. 

,1. C. Lincoln: At the plant of The Lincoln Electric Com¬ 
pany, we have run across a new phenomenon which has to do 
with the nature of the arc and which has changed my notion of 
what happens in the arc. This phenomenon occurs in a device 
which wo call an ‘‘electric torch.” 

The illustration herewith, shows the arrangement of the parts 
making up the torch. Thoeopporoloelrode holder for the negative 
terminal is water-cooled as well as the copper positive terminal 
whore the path of the cooling water is indicated. Thu copper 
anode lias a, tapered hole of the dimensions indicated on the 
sketch cut in it. The opening in the anode is round and the 
dimensions are those of a suction through the center of the 
opening in the anode. 

After the parts are set up an are is started between the carbon 
cathode and copper a,node by short circuiting them with a 
carbon pencil. While the arc is maintained, a Maine projects 
from the anode as shown in the illustration. 

Observation of the are shows that the si/.o of the (lame pro¬ 
jecting from the anode is roughly proportional to the amperes 
across the arc, as might he expected. 

Furthermore, with a given current, the llamo is larger when the 
distance /> is smaller, the si/e of the llamo decreasing as the 
distance I) is increased. 

A change of current causes a much greater difference in the 
si/.e of the llamo than is caused by a proportionate change in 
the distance J). 

Tito llamo is apparently due to very hot carbon particles. 

If the llamo is cooled, carbon is deposited on the cooling sur¬ 
face just as it would be if the flame from a wick were cooled. 

A series of tests was made varying the current and the spacing 
/). The current was furnished by one of the company’s 200- 
ampere, d-c. welders and was adjusted to 50, 75, 100, and 150 
amperes across the arc. The distance I) was adjusted to 3/1(5, 
3/8, and 9/10 in. For the results shown in the accompanying 
table, the llamo was above the torch, as shown in the illustration. 

To determine the amount of heat in the llamo, the amount of 
cooling wafer passing through the torch and its rise in tempera¬ 
ture were measured. In flu* tests the initial temperature of the 
cooling water was 19.1 dog. cent, and 5.875 lb. per minute was 
used. From those measurements, the heat absorbed by the 
water was calculated. The rate at which this heat was absorbed 
was then expressed in watts. It was assumed that the watts 
input, minus the watts carried off by the wafer, equals the heat 
energy in the llamo, and the table shows the percentages of heat 
in the water and the llamo respectively. 

The results indicate in general that the greater the current, 
the greater is the energy in the flame; also, that the smaller /) is, 
the greater is the energy in the flame. 

The table shows that from Vs to V:i of the heat appears in the 
flame, and 1 believe that if none of the heat developed in the flame 
was radiated and absorbed by the copper and water, an oven 
larger proportion of the total heat in the arc would appear in 
the flame. 

Tins direction of the llarno can bo affected by a magnet. By 
presenting the south-seeking pole of a bar magnet to the arc, the 
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flame is pushed to one side. So far as I could judge t he Maine 
itself is not affected by the magnet. The direction of tlm Maine 
is a function of the current from the carbon cathode b» t lie anode. 
To put it another way, the magnet had no effect on tin* diivefiou 
of the flame except when dose to the arc between the earbon and 
copper anode. 

The current between the carbon find copper anode is effected 
in just the way one would expect from the laws governing 
electromagnetic action. 

When (here is no external magnetic field at the are, the current 
(lows radially between the carbon and the copper anode. Whim 
the arc. is subjected to an external magnetic field, the currant is 
forced to only a part of t he radial path between earbon a nd eupper 
and at the same time the Maine is deflected so dial it is more at 
right angles to the current. 

What bearing do these results have on our conception of 
what takes place in the are? 

The present view is that the voltage across the arc is made up 
of three portions: (1) the drop at the negative terminal, which 
must he great enough to heat the terminal to the point where if. 
will throw off ions readily, (2) the I-H drop due to the resistance 
of the gas stream between anode and cathode, and (8i the drop 
at the positive terminal which is fixed by the nature of the 
material ami in the carbon arc is much greater than the drop at 
the negative'terminal. The results of the measurement .s would 
indicate that in the carbon arc there is a drop at the positive 
terminal that may he fixed by the nature of the material, but 
that this drop is not nearly ho great as has been supposed. The 
heat at the positive terminal in the ordinary earbon are is the 
sum of tlie heat due to the inherent drop and the heat of the Marne 
or blast from the negative terminal. The heat due to the Maine 
or blast has been separated largely from the inheren t anode drop 
in the electric torch and measured. The measurements indicate 
that the heat in the Maine or blast is greater on the average I lian 
the sum of the anode drop, the cathode drop, and the /- U drop 
due to the resistance of the gaseous part of the arc. 

1 do not think it is far from the truth to say that two-thirds 
of the energy in the carbon arc appear as heat in tin* Maine or 
blast from the cathode. The question naturally occurs What 
is the nature of the Maine? Two things can he said of it. First, 
particles of very hot carbon are shot off the end of the cathode 
and these draw the air with them so that the Marne from u match 
is sucked downward through the opening in the anode when the 
apparatus is set up so that the Maine is below the torch. The 
current of air was doubtless much stronger when the apparatus 
was turned over, for it was not possible to get the 0/ 10-in. read¬ 
ing with 50 amperes, for the arc would not persist long enough 
to permit of measurement of the heat. 







•June 1927 


881 


COMPTON: THE ELECTRIC ARC 


I assumed that this was due to the stronger current of air 
through the opening in the anode when the apparatus was set 
up to take the measurements contained in the table. 

The second thing is that the actinic value of the flame near the 
opening in the anode is very much greater than the value in most 
of the flame. When the flame was focused on the ground glass 
the image of the flame covered nearly the whole plate, but a 
short-time photograph showed a very small figure on the plate. 
The pictures were taken in 1/500 to 1/1000 see. and at this 
speed, not more than 10 per cent of the flame that showed on the 
ground glass plate appeared on the photograph; 

A picture of the flame was taken with the camera behind a 
piece of Vs-in. thick pasteboard to see if the active part of the 
flame contained X-rays. The results were negative. 

When the current was reversed in direction, the apparatus 
refused to work as a torch and the arc apparently tried to run up 
the carbon when it was made the positive terminal of the arc. 
This is a most noteworthy fact, for it depends on something be¬ 
side the electromagnetic forces. In any piece of apparatus with 
which I am acquainted, the direction of motion is independent of 
the direction of current, for the reversal of current reverses the 
flux and with both flux and current reversed, the direction of 
motion is unchanged. 

What is this blast or flame from the cathode? Apparently 
it is not a stream of electrons, for if it were, it would be affected 
by a magnetic field. At the same time it must be remembered 
that approximately two-thirds of the total energy in the arc 
appears in this flame. It is my opinion that the blast from the 
cathode in the carbon arc is due to vaporized carbon from the 
carbon pencil. 

We do not know much about the latent heat of carbon, but it 
is possible and even probable that it is very high. If I am correct 
in the opinion that most of the energy of the carbon arc is 
expanded in vaporizing carbon from the carbon cathode and 
that most of the heat that appears at the positive anode is due to 
the solidification of the vaporized carbon at the anode, this 
would be evidence of a large amount of energy required as latent 
heat to vaporize carbon. 

It is my belief that to get a more accurate conception of what 
occurs in the arc, we shall have to substitute the idea of the blast 
from the negative terminal as being the central and important 
thing which occurs in the arc, for the idea that there are inherent 
anode and cathode drops. 

The tests described in this paper show that the flame is a 
phenomenon associated with the negative terminal. 

The old way of looking at it would be to say that the inherent 
drop at the positive terminal was great enough to produce the 
heat that actually appears there. This old conception has, 
I think, been shown to be wrong by these tests. 

The old idea was that the current passed across the are in a 
solid stream and that a cross-section of the current in the are 
would be a circle. 

The experiment with the torch, as well as some others not 
described, indicate that the core of the arc is the blast from the 
negative terminal and that the current flows outside of the 
blast and that the section of the current across the are would be 
an annulus and not a circle. In such a cross-section, the inner 
circle would be the cross-section of the blast from the negative 
terminal and the annulus outside of this inner circle would be the 
cross section of the current. There is no doubt that this is 
the true picture of the cross-section of the current in the case of 
the torch, and I believe.it is the true picture in any carbon arc. 

P. P. Alexander: I should like to ask Professor Compton 
to say a few words about the ionizing potentials of different gases. 
These are well known at ordinary temperatures, but at the 
temperature of the arc core, apparently, they are entirely 
different. For instance, the ionizing potential of nitrogen at 
ordinary temperature is something like 11 volts; at the tempera¬ 
ture of the are core, it appears to be several hundred times less. 


I should like to ask Professor Compton if experiments have 
been made to determine the various ionizing potentials at high 
temperatures, because knowledge of these potentials is quite 
essential to the correct interpretation of are phenomena. 

V. Karapetoff: Dr. Compton’s paper is mainly concerned 
with simple, steady ares, and it is only right that an involved 
phenomenon should first be studied in its simplest form. In 
practical applications, we have mostly variable arcs, and our 
problem is two-fold: (1) To make an arc as steady as possible; 
for example, in arc furnaces, in electric welding, in arc lamps, 
rectifiers, etc.; or else, (2) to make an are as unstable as possible 
so as to extinguish it quickly; for example, in switches, spark- 
gaps, relay contacts, flashovers, etc. 

In either group of problems, it is of importance to know the 
factors which contribute both to the stability and instability of 
an are, so as to intensify the desirable factors at will. This 
means that engineers will have to pay more and more attention 
to the physical nature of the arc, and Dr. Compton’s paper, with 
its references to literature, should prove a valuable introduction 
to the subject as well as a guide to future investigators. 

Dr. Compton quotes several empirical equations for the ob¬ 
served relationship between the voltage and the current in a 
steady arc. In a transient arc, or spark-over, both the current 
and the voltage are functions of time, and the apparent total 
resistance of the arc is variable. Dr. Max Toepler 1 has proposed 
the following function for this resistance: 

Rt = kF/ At (a) 

Here k is an empirical constant, F, the length of the are, and 
A t the total quantity of electricity which has passed through the 
arc from the instant t - 0, when it was struck, to the instant t 
under consideration. 

For a transient arc, there is some reason for Toepler’s formula, 
in that the ionized state of the gas is established only gradually, 
and may be considered a function of the quantity of electricity 
which has passed through the arc, the conductance increasing 
with this quantity. 

On the other hand, Toepler’s formula has some serious defects; 
namely, 

1. The resistance, according to formula (a), being infinite 
at the instant of striking, no finite voltage should be able to start 
an are; 

2. Should the arc continue over an indefinite period of 
time, its resistance, according to Toepler, should drop to zero; 

3. The ratio of the voltage to the current is assumed to be 
proportional to the length of the arc; in reality there is a con¬ 
siderable and concentrated fall of potential at the cathode, and 
some drop at the anode. 

It is proposed, therefore, to generalize Toepler’s formula as 
follows: . 

Rt = {k F + ft 1 )/{At + q) + r (b) 

In this expression, k 1 , q, and r are additional constants, intro¬ 
duced for the purpose of correcting the above-mentioned defects 
of the original formula. When Q t = 0, i. e. s at the beginning 
of the discharge, R t is no more infinitely large, but has a high 
finite value, Rq = (ft F + k l )/q -j- r. With a steady arc, when 
Qt = °°, the resistance is no more equal to zero, but has the 
limiting low value of R r. Furthermore, the resistance is 
assumed to increase more slowly than the length F of the arc, 
there being a correction term ft 1 . 

Dr. Otto Mayr has given a general theory of condenser dis¬ 
charge through a resistance and a sphere-gap, using Toepler’s 
formula for the resistance of a transient arc 2 . He has also 
determined some values of ft from the available experimental 
data. The next step should be to extend his theory on the basis 
of generalized formula (b), and to determine the numerical values 
of the constants which it contains. 

1. Archiu fur Elek., 1925, Vol. 14, p. 306. 

2. Archwfur Elek., 1926, Vol. 17, p. 53. 
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E- C. Starr: I should like to ask Dr. Compton and the 
gentlemen who have discussed his paper if they have any data on 
the order of magnitude of the transient resistance of an arc. 
I have reference to the type of are that is initiated by a potential 
of several thousand volts between electrodes in air at normal 
pressure and temperature. 

The size and shape of the electrodes, as well as the spacing, 
no doubt affect the resistance considerably. For example, the 
ionized path between the points of a needle-gap is not uniform 
in intensity of ionization and the effective cross-sectional area 
of the path is relatively small compared to the area of the path 
between large spheres or parallel disks. Hence it is to be ex¬ 
pected that the resistance of an are between the latter type of 
electrodes should have a lower value throughout the entire period 
of the transient than in the case of a needle-gap of the same 
spacing. 

Dr. Slepian spoke of measuring the voltage transient of an arc. 
Perhaps he also recorded the current transient and could there¬ 
fore readily determine the resistance characteristic. 

The transient resistance equation suggested by Prof. Karapet off 
should be of considerable value in the calculation of transients in 
circuits containing spark-gaps if the values of the constants can 
be determined. 

R. W. Sorensen: (communicated after adjournment) I 
should like to supplement what has been said by telling some of 
the interesting things relating to arcs that Dr. Millikan and I 
have found, as we have endeavored to produce a non-arcing 
switch for use on electric circuits. At California Institute of 
Technology we have been interrupting high-voltage, high-power 
electric circuits by means of switches enclosed in a vacuum 
chamber. To date, we have been very successful in our at¬ 
tempts to do this, largely because the are at the opening of the 
switch is very small, and apparently removes a negligible amount 
of material from the switch terminal when the arc is struck. 
We have some switches showing practically no burning or pitting 
of contacts after 4000 operations. Also, by means of relatively 
small contacts, currents of several thousand amperes at approxi¬ 
mately 50,000 volts, have been successfully interrupted. In 
performing these interruptions, the switch terminals have not 
been unduly pitted and since there is no pitting of the metal, 
it is rather difficult to account for the energy dissipation at the 
switch during the time of opening. 

Dr. Compton has defined an arc “as a discharge of electricity 
between electrodes in a gas or vapor, which has a negative or 
practically zero volt-ampere characteristic and a voltage drop 
at the cathodes of the order of the minimum ionizing or minimum 
exciting potential of the gas or vapor,” all of which may be true 
but we have found from our many experiences that if gas or vapor 
is required to maintain an are, the amount required is indeed 
very small. Perhaps if we could hypothecate a liquid or gas, 
which will not vaporize at arc temperature, it would still be possi¬ 
ble, though it may appear improbable, to start an arc in such a 
liquid. I should like to ask Dr. Compton how it would affect 
his definition to leave out the words “gas or vapor” and have his 
definition read “an arc is a discharge of electricity between 
electrodes, -which has a negative or practically zero volt-ampere 
characteristic and a voltage drop at the cathode of the minimum 
ionizing or minimum exciting potential of the material stripped 
from an electrode at the temperature of the arc.” In other 
words, is it essential that there be a surrounding medium of gas 
or vapor in order that an arc may be struck by the electrodes. 

If for the moment we assume a medium of gas or vapor not 
essential to the establishment of an arc, we must, of course, look 
for some other means of explaining the process by which an are 
between electrodes is sustained even for a very short period of 
time. This presents a difficulty, which, however, may not be 
insurmountable. Contrary to public opinion, the best known, 
vacuum is not a perfect insulator, in the sense that no electric 
current can be made to pass across such a vacuum, because we 


no-w know that electrons can be shot across vacuous spaces. 
When an arc is struck by the two separating electrodes, there 
must be present a host of ions or ionized particles, as well as free 
electrons which serve as the carrier for the arc. Is it not possible 
to picture a condition under which these carriers may be provided 
entirely from the electrodes, and not by a surrounding gas? 

K. T. Compton: The work to which Dr. Slepian calls 
attention is, I think, some of the most interesting in connection 
with the theory of the arc. I made a reference to it in the paper, 
but I should like to call attention to just one thing for fear of 
being misunderstood. 

There were two theories of Langmuir that have been discussed. 
One theory has no reference to the origin of the electrons. It 
would apply independently whether the electrons have ther¬ 
mionic or any other origin. It is merely a space-charge theory. 

As to the other theory, 4. e., that electrons may be pulled out 
of the cathode by high electric fields, I think that we have there a 
possibility of two types of electric arcs. Of course there are often 
two or even more types of arcs. The character may change 
from one to the other, but both are recognized as arcs. It seems 
to me we have brought out in this discussion opportunity at least 
for two of these. 

Dr. Slepian mentioned the case of a copper arc in which the 
cathode xvas not melted, and obviously didn’t get to the melting 
temperature. On the other hand, we certainly do have copper 
arcs in which the copper does melt. , 

In Table I we notice two tungsten arcs, one with a current 
density of 3200 amperes per sq. cm., and the other with 700. In 
the latter ease the thermionic emission can be calculated from the 
temperature that the arc reached. The tungsten melted, and at 
least reached the melting point of tungsten. In that case (see 
Table II) the thermionic emission, calculated from the constants 
of tungsten, comes as near 700 amperes per sq. cm. as the purity 
of the tungsten would justify. On the other hand, 3200 is 
clearly too high to be accounted for by thermionic emission. In 
tungsten we have these two different types, one evidently of 
thermionic origin and the other of different origin,—perhaps with 
electrons pulled out (Langmuir) or perhaps arising from intense 
ionization in front of the cathode (Slepian). 

Nottingham used a special type of arc, especially designed to 
reduce heat conduction so that cathode temperature could rise. 
He got a large cathode spot. In the case of carbon also we have 
pretty good evidence of the large proportion of the emission 
thermionically, and in the case of Pointilite lamps and Tungar 
rectifiers where we can use a pyrometer to determine the tempera¬ 
ture of the various parts of the cathodes, one gets pretty good 
agreement with the theory of thermionic emission. 

In Table I, in the eases where we have current densities running 
into thousands of amperes per sq. cm. I think, with Dr. Slepian, 
that thermionic emission is not adequate to account for currents 
of that order. Another agency must be operative in such cases. 

There are two ways in which the temperature may affect the 
ionizing potential. In the first place, the gas to be ionized may 
be dissociated from its molecular state into an atomic state as a 
result of high temperature. That such action is possible has 
been shown in experimental eases where it is possible to produce 
this dissociation under conditions that can be controlled, namely, 
in hydrogen, iodine, etc. In those cases the effect is always to 
reduce the ionizing potential. This action of temperature is 
indirect. 

As regards any direct effect of temperature on the ionizing 
potential of the gas, this effect will probably be rather small 
because translating degrees centigrade into volts, about 8000 deg. 
cent, correspond to only one volt. ' There are no laboratory 
experiments that reach a temperature as high as 8000 deg. So 
the average energy imparted to electrons as the result of high 
temperature or to the molecules by high temperature would in 
general be only a fraction of a volt. 
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I don t know whether or not there are other ways in which the 
ionizing potential of the gas might be affected than these. The 
only ones I know that have been directly investigated have been 
dissociation of molecular gases into their constituents, and the 
direct thermal ionization of alkaline vapors in electric furnaces, 
as done at the Mt. Wilson Observatory. 

With regard to the question by Mr. Starr, I am sorry that I 
cannot give the desired information because I have made no 
study of transient arc phenomena. 

Professor Sorensen’s suggestion that the ionization of materials 
stripped from the electrodes at the temperature of the are be 
substituted for that of a surrounding gas or vapor appears to me 
to be quite permissible as including the interesting discharges 
which he described as true arcs. In fact such material is in¬ 
cluded in the term “vapor” in the sense that I have used. The 
important thing, as I see it, is the presence of some ionizable 
material in the space between the electrodes. 

The great success of this current interrupter seems to be due to 
the fact that, at such low gas or vapor pressures, the mobility of 


the ions is so great that they effectively disappear from the arc 
space during the time of low voltage between voltage reversals. 
In high-pressure ares as in oil-immersed circuit breakers, on the 
other hand, the ion mobility is so small that ions remain in 
in sufficient concentration to re-strike the arc after the voltage 
reversal. 

In answer to Prof. Karapetoff I wish to say that I never dis¬ 
cuss the question of an electric are with anyone who has had any 
real practical experience with an electric are without feeling how 
limited is the experience which we have in the laboratory. As I 
said, we physicists work with ares on a small scale, and the atten¬ 
tion of physicists has been devoted to ares under the simplest 
conditions in order to find out something about the things going 
on in the are. Unfortunately those aren’t the arcs met with in 
engineering practise, -where simplicity and even understanding 
of the phenomena are not the prime considerations. It may be, 
I am afraid, another generation of physicists which will be able 
to answer some of the questions which are uppermost in the 
minds of engineers. 
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History 

INGE the laying of the first successful ocean cable 
between Heart’s Content, Newfoundland and 
Valentin, Ireland, cable engineers have worked to 
increase the output or speed by improving the terminal 
apparatus and by the use of more efficient operating 
methods. 

The first cables were operated by the manipulation 
of two keys at the sending terminal of the cable, one 
used for a dot and the other for a dash of the cable 
Morse code. At the receiving end these signals were 
received on the well-known mirror galvanometer. The 
moving vane of this galvanometer carried a small 
mirror by means of which a beam of light was projected 
on a screen and deflected momentarily to the left or 
right, corresponding to the dot or dash of the Morse 
(•ode, the center representing a space. 

This form of reception was obviously a slow one and 
was later superseded by Lord Kelvin’s siphon recorder. 
This was a great advance over the former method in 
that it gave a legible and permanent record of the 
Morse characters and increased the speed of reception 
and, therefore, the output of the cable. The next 
important improvement was the duplexing of the cables 
permitting simultaneous transmission in each direction 
which practically doubled the speed of operation. 

Further increase in output was obtained by the de¬ 
velopment of au tomatic transmitting devices by which a 
cable could be operated at its maximum signaling speed, 
another step in advance over the original manual 
method. Still later came the introduction of magni¬ 
fiers which so increased the visibility of the received 
signals that a further increase in the speed of operation 
was possible. The development of the cable printer 
permitted a further substantial increase of speed and in 
addition made the operation entirely automatic. 

The progress made in cable operation since the early 
cables were laid will be more readily appreciated if we 
note the various steps of increased output of a given 

1. Tnhigraph Wngiiwur, Western Union Telegraph Co., IUf> 
Broadway, Now York, N. Y. 
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cable, laid approximately f»0 years aim and which is 
still in service. 

The original speed or output of this type cable when 
operated with (he mirror galvanometer was about, TO 
letters per minute. By the use of the siphon recorder 
this speed was increased to NO letters per minute or 
12.2 words per minute. With the application of the 
duplex principle, by which two messages are sent at the 
same time, one in each direction, the output was practi¬ 
cally doubled to Kit) letters per minute, Then followed 
the introduction of the automatic transmitter raising it 
to about 220 letters per minute. The addition of the 
magnifier further increased the output to about, 1100 
letters per minute. With printer operation tie* output 
of this cable has been increased to something like 27a 
let ters per minute. 

From this review, if will be seen that the original 
output, of this cable of 70 letters per minute has been 
increased over 500 per cent, all of whieh has been 
brought about by the development of transmitting and 
receiving apparatus. 

OnJI'JUT UK PlUNTBR OPNUATION UN HUMAN C'AHhWS 

There were at least t wo objects in view in applying a 
printing telegraph system to ocean cables, one being 
to further increase the out,put of f he cable and the other 
to make the operation wholly automatic. 

Up to the time of introduction of the cable printer, 
cable operation might he considered as HemMiutomaf ie, 
that is, while the transmission was automatic the re¬ 
ception was not, as it was necessary that the siphon 
recorder signals he manually translated by skilled opera¬ 
tors, whereas with printer operation the signals are 
translated mechanically and printed on a page or tape 
as may be desired. 

Prom, km ok Transmission 

Before discussing the actual work of the printing 
system it may be well to consider first the problem of 
transmission. This being fundamental it should be 
clearly understood in order to more fully appreciate 
what follows, In all systems of wire communication 
a necessary element is the code of signals or telegraphic 
alphabet to be used for transmitting the message. 
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I n this discussion the term coda may be interpreted 
as a series of predetermined combinations of one or 
more electrical impulses or time units. These code 
combinations must be transmitted over the cable and 
translated into the letters of the alphabet at the 
receiving end. The selection of the code, for 
there are several kinds, determines the number of 
letters or words per minute which can be transmitted 
over a cable. The reason for this is that different 
codes have different time unit lengths. Not only do 
different codes vary in time unit length, but a particular 
code may in itself have combinations of variable time 
unit lengths. 

For example, the international Morse code has an 
average length of about eight and one-half time units per 
combination or character, some of the combinations 
containing only four units and some twenty units. In 
the cable Morse code, which also has combinations of 
variable length, the average time unit length is 3.7 
units. Such codes may be classed as non-uniform 
codes. Then there are the uniform codes in which each 
combination is of equal length such as the Baudot 
code of five time units and the Cook code of three 
units, so that we have at least four kinds of codes 
available for transmitting intelligence over the cable. 

The next logical step is to determine the best code to 
use for the work to be undertaken. For this purpose 
reference will be made to the code used on the cable 
selected for this comparison and the speed at which the 
cable is operated. The speed of a cable is, usually 
referred to in terms of the number of letters that can 
be transmitted and recorded in one minute. This is 
determined in practise by finding the highest rate of 
speed or frequency at which alternating current, or as 
termed in cable practise, reversals of current, can be 
transmitted over the cable and that will arrive at the 
receiving end with sufficient amplitude to properly 
operate or deflect the deli (‘ate recording instrument. 
This rate of speed is termed the working fundamental 
frequency. It does not, however, mean it to he the 
maximum frequency of the cable which is probably 
much greater. 

With the code originally used on this particular cable 
as a basis, it can be determined which code should be 
used for printer operation, bearing in mind that the 
printer must necessarily yield an output as good as, or 
preferably better than the cable Morse code. 

Codes 

This particular cable was, previous to the installation 
of the printer, being operated at the rate of 150 letters 
per minute using the cable Morse code of 3.7 units. 
This means that the maximum number of time units 
that can in practise be transmitted over this cable is 
160 X 3.7 * 555 units, which reduced to terms of 

. 5 55 

fundamental frequency is —— or 4.6 cycles per 

60 X 2 


second. The output in letters per minute for any given 
code is found by dividing the known speed of a given 
cable in time units per minute, by the figure represent¬ 
ing the average number of units of the code under 
consideration. 

Applying this formula to the particular cable just 
mentioned, the speed of which was 555 time units per 
minute, the output in letters per minute for the different 
codes would be: 


International 
(Two-current 
non-uniform code) 
Cable Morse 
(Three-current 
non-uniform code) 
Baudot 

(Two-current 
uniform code) 
Cooke 

(Three-current 
uniform code) 


= 65.3 letters per minute 
555 

—— = 150 letters per minute 
555 

—; — 111 letters per minute 
555 

—-—- = 185 letters per minute 


Of the four codes available for printer operation, it 
is obvious that the International code gives too low an 
output and may therefore be eliminated for this reason, 
and also because a non-uniform code requires a more 
complex printer mechanism than does a uniform code. 
The Cable Morse or three-current code may also be 
eliminated because of its non-uniformity. 

This leaves two codes for consideration, the Baudot 
five-unit and the Cooke three-unit. The five-unit 
code was chosen for the first experiment. 

The question may arise as to why the longer code of 
the two was selected if increased output is to be a 
factor in the development of a printing system. The 
answer is that while both the Baudot five-unit code 
and the Cooke three-unit code are uniform, so far as 
their unit lengths are concerned, there is still another 
important difference. The Baudot is a two-current 
code while the Cooke is a three-current code. The 
two-current code is made up of positive and negative 
impulses and the three-current code of positive, negative, 
and zero impulses. The two-current code is more 
desirable for printer operation than the three-current 
code because it makes for greater simplicity of 
mechanism. 

A further and important reason for selecting the two- 
current Baudot code of five units is that it is adaptable 
to a method of transmission, discussed later in the 
paper, which permits the actual doubling of the number 
of letters per minute shown in the above table of 
speeds. In this case we have the apparent paradox 
of the longer code giving a higher output than the 
shorter code. The three-current code is not adaptable 
to this method of transmission. 

Notwithstanding these differences, however, both the 
Baudot and Cooke codes were tried out in actual service 
for purposes of comparison. 

The first cable printer experiment with the five-unit 
code was tried over an ocean cable previous to the 
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outbreak of the World War. The results of this ex¬ 
periment were considered satisfactory but a continua¬ 
tion of the test was interrupted due to the war’s out¬ 
break and the investigation was then confined to the 
laboratory. The second ocean cable experiment was 
tried out in 1916; this was with the three-unit code. 
The results of this experiment were also considered 
satisfactory and this system was operated under regular 
traffic conditions between Ireland and Newfoundland 
during 1919 and 1920. Later the investigation led 
back to the five-unit code which was also operated 
between Ireland and Newfoundland and has been in 
continuous operation for several years. 

Principle of Ocean Gable Printing Telegrapi-i 

System 

A printing telegraph system applied to an ocean cable 
does not necessarily introduce new features with respect 
to the actual operation of the cable itself. It merely 
provides an organization of apparatus for transmitting 
the signals representing the letters of the alphabet and 
for causing them to be automatically translated into 
printed characters at the receiving end of the cable. 
Heretofore, this translation has been the work of the 
skilled operator. 

Basis of the System 

The basis of the cable printing telegraph system is a 
selective sending and receiving apparatus synchronously 
operated. 

■ The sending apparatus includes a perforating machine 
resembling a typewriter keyboard which is used by Hie 
operator 1'or preparing the message on a strip of paper 
tape, a constant-speed distributor or transmitter, 
driven by a tuning or driving fork, combined so as to 
select and transmit in proper sequence Hie code or 


The receiving apparatus includes a constant-speed 
distributor, also driven by a fork, and an automatic 
typewriter or printer, combined to select, automatically 
the received signals or letters and cause them to operate 
the type bars of the automatic printer. 

In Figure 1 is shown schematically a single channel 
printing system. In the transmitter at, the upper left 
of Hie figure, T is the perforated strip of tape which 
feeds continuously through the transmitter at a con¬ 
stant speed. 

The five reciprocating pins or rods 11 P of the trans¬ 
mitter are operated seriatem by the five cams on the 
cam shaft C S. When a pin finds a hole in the tape it 
rises through the tape and rocks the pole-changer P (' 
to its marking contact M 0. The absence of a hole 
causes it to be rocked to its spacing contact S C. The 
pins U P which rise one after another are slightly 
staggered to compensate for the moving tape. The 
pole-changer operates a transmitting relay A, through 
circuit 0 T, which in turn operates the regular cable 
sending-on relays B that transmit into the cable through 
the sending condenser K. At the receiving end of the 


cable in the cross circuit of Hie duplex bridge arc located 
the magnifier and cable relay. These instruments are 
comparatively sensitive to small currents, the magnifier 
requiring only live or six microamperes io operate it 
and the relay something in (he order of 50 to HO micro¬ 
amperes to give a good working signal. The cent,nets 
of the relay are shown connected to t wo local relays f 
which operate into the printer circuit. 

From here the circuit extends through (’ .V and r W 
into the two control relays (’ A’ 1 and (’ A ' and I he printer 
relay P R of the printer circuit, returning to the battery 
source at C Z. 

The two control relays ('A 1 , (' A control the fork 
through magnet A 1 and keep it vibrat ing in synchronism 
and in phase with the distant, t ransmit ter. The driving 
fork in turn operates a step-by-step distributor through 
its contacts F T x and F A/' and the distributor magnet. 
The magnet rotates a cam shaft containing a series of 
cams, C, which raise the levers ,41 to A 6 in sequence. 
These in turn close the selecting contacts 1 to a of t he 
printer selecting magnets. 

This arrangement of sending and receiving apparatus, 
operating synchronously, causes the live selecting con¬ 
tacts of the receiving apparatus to function in step with 
the live reciprocating pins of the transmitter, so that, 
an impulse transmitted through the medium of any one 
pin of the transmitter will be received on the corre¬ 
sponding selecting contact of the receiving distributor, 
Mounted on (he shaft with the five earns referred to is 
a sixth cam, the purpose of which is to cause the 
printer to function after the five selecting cams have 
completed their cycle. 

To illustrate the actual transmission and reception 
of a signal the letter O, which we may assume has been 
prepared on the tape by the operator, will he followed 
through the transmitter. If we keep in mind the fact 
that the transmitter and receiving distributor are run¬ 
ning in exact, step, it, will he quite simple to follow the 
train of events which occur to bring about the printing 
of any given character. We will assume that the tape 
is being fed into Hie transmitter anti that the holes for 
the letter O are just passing over the transmitter pins. 
In this case the fourth and fifth pins become operative 
and rook the pole-changer to its marking contact M ( ' 
for a two-unit time length. The marking sending-on 
relay then operates and transmits negative or selecting 
current, to the cable which in turn defied* the magnifier 
at the receiving end and correspondingly the cable 
relay to its marking contact for two units of time. 

In this case the local marking relay, the control relay 
(■ R 1 and printer relay P A are operated by the cable 
relay and therefore move their tongues to their marking 
contacts M. The control relay C IP moves its tongue 
to its spacing contact because its winding is in opposite 
direction to that of relay (' A'. Neglecting the opera¬ 
tion of the intermediate control relays we puss on to the 
printer relay P A which as stated was operated to its 
marking contact by the cable relay. From here the 
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current path is through the selecting contacts 4 and 5 of 
the distributor, which correspondingly closed in step 
with the pins of the transmitter, causing the operation 
of selecting magnets 4 and 5 of the printer which control 
the 0 type bar. 

The current which operates the selecting magnets has 


and fifth selecting contacts to their associated printer 
selector magnets 4 and 5. 

While the above description discloses in simple form 
the operation of a one-channel printer system as applied 
to ocean cables, it does not attempt to describe the 
operation in its entirety. 



Fig. 1—Schematic Diagram of Cable Printer Circuits 


its source from the middle point of the potentiometer There are at least two features in connection with this 
R 1 R 2 , condenser K l fork tine F and contact F M cable printing system which may be considered as out- 
(when closed), resistance R S 2 , tongue T of printer relay standing, to which reference should be made. 

P R, contact M, resistance R S, to the common connec- One feature is the relatively low fundamental line 
tion of the upper distributor contacts C C, thence frequency required for a given output in words per 
through the corresponding lower springs of the fourth minute as compared with so-called five-unit single 
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channel printing systems used in land line operation. 
The reason for this is what may be called “continuous 
transmission,” that is, the five code impulses of the 
cable printing system are transmitted successively with¬ 
out any additional intervening impulses being sent 
between the fifth and first impulse. Up to the time 
that the cable printer was developed, the land line single 
channel systems transmitted seven impulses per 
revolution of the distributor. This lengthened the code 
to seven time units, five units being used for the code 
and two units for synchronizing and overlapping time 
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between the fifth and first impulses. The difference 
between 5 and 7 units gives the cable printing system 
about 1.5 times more letters at any given frequency. 

The other feature was earlier referred to in this paper 
as a method of transmission by which if becomes pos¬ 
sible to double the output of a five-unit code printer 
system. That, is to say the live-unit code is made to 
yield an output better than the shorter cable Morse 
code. This is brought about in the following maimer: 

Referring to the paragraph under Codes, if was shown 
that the practical fundamental frequency of the cable 
in question was 4.6 cycles per sec. or 555 half waves 
per min. Also that these waves or signals in cable 
Morse operation must be of sufficient amplitude to 
properly operate the delicate cable relay. Further it. 
was shown that at the above frequency the cable Morse 
yielded 150 letters per minute and the five-unit code til 
letters per minute. 

Heretofore, in cable work, it has been the practise 
only to increase the speed of transmission to such a point 
that the attenuation of the arrival signals does not 
decrease the amplitude below that required to properly 
operate the delicate receiving relay. In this method of 
transmission when applying printer operation to long 
.cables, increased speed is brought about by taking 
advantage of the attenuation." 

This is accomplished by increasing the rate of trans¬ 
mission to practically twice the rate of the cable Morse 
speed. In this case the fundamental waves or alterna¬ 
tions are attenuated to such an extent that they are 
practically undiseernable at the receiving end of the 
cable and, of course, cease to deflect the cable relay. 

2. Thin principle was llrut HuggoHled by K. (Uilntad in 1808, 
and wan applied to the operation of comparatively short unctions 
of cable. 


To all intents and purposes I hose waves arrive as zero 
impulses similar to zero impulses as employed in cable 
Morse code operation. A wave of two-unil length, 
however, will now arrive with (lie saint* amplitude and 
duration as a single wave in cubic Morse operation. 

ft w ill he understood from this then that a single 
wave or a series ol alternating \va\es will anive at. the 
distant end of the cable as zero waves and that the 
cable relay will now he deflected only hi a wave two or 
more units in length. In the ease of the non arrival of 
the single waves, a local impulse or wave producer is 
employed to fill in the missing impulses and to recon¬ 
struct or regenerate (ho received signals so that Ihe.v 
resemble the original transmit led signal. 

This wave producer forms a part of the printer 
regenerative circuit. It is shown theoretically in 
Fig. 1 at I'\ F T, F IF F S, and F I* f.o potentiometer 
IF IF. This circuit, is through an auxiliary winding 
of the printer relay which reverses the relay tongue to 
its opposite contact when the cable relay is deflected to 
the no-mans-land or zero position and automatically tills 
in locally the reversal waves which fail to arrive. 

The transmitted, received, and regenerated signals are 
shown in Fig. 2 in which are depicted the combinations 
of impulses or waves for the characters S 0(1, 

A the signals from the contacts of the transmitter. 

H the signals from the contacts of the cable local 
relays showing a st raight zero line where the 
single waves are missing. 

(■ the signals from t he cable local relays t./#signals.) 
picked off by the regenerating action of the 
printer apparatus anti the missing impulses 
tilled in. 

I) the F and (' signals reassembled and re¬ 
generated int o their original shape as at A . 
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A cable printing system has now been shown, employ¬ 
ing a five-unit two-current code, by which can he trans¬ 
mitted over this particular cable practically twice as 

a. 1 ii lt)l:t Walter <ludd and benjamin I>it\»•* of Iditglu-tul 
invented a method for doing Huh and wen* the tint to apply fIds 
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cab] ^xxipulses as can .be sent with the three-current 
per ^Corse system; namely, 555 X 2 or 1110 impulses 
■Minute. Correspondingly a greater number of 


Ictt^y-^, . 1110 

^ X>er minute are transmitted viz, - or 222 

5 

l„j.p 

' :r!3 » as compared with 150 letters obtained with the 

( - -^VCorsecode. 

-tie Cooke three-current code and the cable Morse 
, e 7 G Lirrent code cannot be used in the manner just 
. bed because a zero current element forms part of 
„ iese _<^odes. Hence, there would be no way to dif- 
u eriLi^-^e between the zero forming part of the code 
<ina Z ero resulting from the suppression of the single 

waves. 


A-s already stated in the earlier part of this paper, 
the 31 rim ting system was successfully operated over an 
ocean cable between Ireland and Newfoundland. This 
was not:, however, the final solution of printer applica- 


ing offices at St. John, Canada, and Boston. Under 
these conditions the overall time consumed in passing 
messages between London and New York, or vice versa, 
was in some cases excessive. It is fair to state, how¬ 
ever, that under certain conditions messages were 
regularly exchanged between these two telegraph 
centers within a minute. It is quite obvious that a 
semi-automatic system such as this could not be 
expected to meet the requirements of the ever increas¬ 
ing volume of traffic passing between Europe and 
America. The ultimate system must be wholly auto¬ 
matic, requiring no manual translation or retransmis¬ 
sion between any two terminals of a long cable circuit. 
This problem was met, and the solution provided, by 
the development of the regenerative repeater. A 
regenerative repeater consists of apparatus which to all 
intents and purposes functions similarly to the printing 
system which we have just discussed. 

It must be capable of mending, as it were, or recon- 



tion. to ocean cables. The next problem was to extend 
the system so that it would operate directly between the 
j WO Loriminals of a cable circuit, as between London and 
New or k- In connection with this particular phase of 
the xx ia cl er taking, we will revert for a moment to a brief 
history the prevailing practise in cable operation 
betwooXA the terminal offices. 

^ is an outline of a cable circuit extending from 
I on do 33 - t° New York or beyond. Up to about the time 
tint fclA e cable printer was conceived, practically all 
Wblo circuits were operated sectionally. For instance, 
in tlx <3 case of a message whose destination was New 
Yorfc JLondon transmitted the message to Valentia, 
f 1 'xXA d* through the repeating offices at Bristol and 
P v ^gLXxoe. The operators at Valentia translated the 
Cirl _ _ and re-sent it to Heart’s Content, Newfound- 
, , . ]n-Cre the message was again translated and re-sent 

,‘ in >AorLb Sydney, Canada, where it was once more 
and resent to New York through the repeat- 


structing the more or less distorted signals received at 
the end of a land line or cable and retransmitting them 
into the next section, as new or regenerated signals. 
Distortion of signals is due to various causes, such as 
unbalanced duplex conditions, earth currents, char¬ 
acteristic cable effects, and other extraneous disturb¬ 
ances. Without the regenerative repeater it would be 
almost impossible to satisfactorily operate a long 
cable circuit. 

There'are at least two kinds of regenerative repeaters, 
one known as the rotary and the other as the fork 
repeater. These repeaters are arranged to repeat any 
of the codes which may be used in telegraph operation. 
Such a repeater consists of synchronous apparatus 
arranged to pick out the best portion of the arrival 
signal and reconstruct it so that it is identical with its 
original shape. Fig. 2 illustrates the progression of the 
operation of the repeater, the progression being in the 
order of B, C, D. 
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B — the received signals from the cable local relay 
contacts. 

G = the picking out and filling in process. 

D = the reconstructed signals to be transmitted into 
the next section. 

This type of repeater permits direct operation be¬ 
tween terminals separated by great distances. As an 
example of its efficiency, a direct circuit with printer 
operation was successfully worked between London and 
San Francisco. This circuit was about 7400 mi. in 
length including 2000 mi. of submarine cable and 
4800 mi. of open line. There were twenty-one 
repeaters in the circuit, five being regenerators between 
New York and London and the remainder being stand¬ 
ard land line repeaters. The occasion for this circuit 
was the Diamond Jubilee of the Birthday of San 
Francisco, September 5, 1025. As part of the program 
London and San Francisco exchanged greetings and 
other messages, while London had the honor of starting 
the grand march in the ballroom of the Civic Audi¬ 
torium by transmitting signals which operated the bell 
signal in the printer at San Francisco. The mechanism 
of the printer was arranged to control at a remote point, 
the hammer of a huge bell borrowed from one of the San 
Francisco ferry boats. 

These signals transmitted by London were synchro¬ 
nized with the strokes of “Big Ben” which chimed af. 
7:00 a. m. London daylight time, equivalent to 10:00 
p. m. standard time at San Francisco. The printed 
characters as received on the printer in San Francisco 
were projected on a large screen so that the exchange of 
greetings could be seen and read by the vast audience. 
Fig. 3 shows the magnitude of the London-San Fran¬ 
cisco circuit. We might say here that this circuit 
worked perfectly in duplex operation and messages 
were sent and acknowledged in one minute. 

Regenerative Repeaters 

Regenerative repeaters have been in use on the 
Western Union cable circuits for a number of years and 
practically all of its old type ocean cables are operated 
as direct through circuits between London and New 
York. 

As before stated the repeaters are arranged to handle 
any of the telegraph codes which may be used. Some 
repeat the non-uniform cable code, others the straight 
uniform two-current code, and others the modified 
uniform two-current code. In some cases many of the 
signals arriving at the end of a circuit, whether it be 
cable or land line, are so distorted as to be unintelligible 
for sight reading to the skilled operator, yet the re¬ 
peater through the medium of its regenerative action 
will neglect the bad portions of the signal and pick 
out enough of the good portion to reconstruct a whole 
new signal. 

In addition to the type of regenerator disclosed in 
Fig. I in connection with the printer, another type of 
regenerator is shown in Fig. 2a. Here the regenerator 
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is shown as adapted lor cable code. I he segments C 
pick up a portion of the received signal from I he relays 
R and R' and transmit it. into the biased pick-up 
relays via brush /> R and ring S. These relays in turn 
operate the biased regenerating relays via A, B, <\ I), 
R, segments C\ ring S and flu* windings of I lie pick-up 
relays. The regenerative relays transmil (he new 
signal into line L. 

Reception ok Signals Oyer Ocean ( miles 
T he quality or definition of the received signals has 
such a direct bearing on the operation of printing 
telegraphs over ocean cables that, if necessarily becomes 
of primary importance. Much has been wrif.fen about 
this particular subject and cable engineers have 
devoted considerable time towards hupioviug the defi¬ 
nition of cable signals. The recent new type of per¬ 
malloy loaded cable developed by the Westcin Islet t,lie 
Company is a radical depart ure in cable design and bus 
considerably increased the cable output, above tli.it. of 
the best cables of the standard type. 

Reception of cable signals in its final analysis sin unci s 
down to “signal shape/ for then' is a great difleience 
between the sent and received signals, the laf fei ,uliv¬ 
ing with a non-uniformity of shape which must he 
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corrected to produce the best result s. 1 he cause lor 
the non-permanent condition at the end of f he cable is 
due in some measure to the characteristic eileets o! the 
cable itself and their relation to the delicate receiving 
apparatus which it becomes necessary to use. II the 
receiving instrument, be a siphon recorder, these effects 
are not so detrimental, hut. for automatic or printer 
operation in which a cable relay is required, they must 
he counteracted so as to produce signals in order to 
function automatic apparatus. 

As an illustration of the relative difference between 
the shape of the transmitted and received signals, a 
group of signals is shown in Fig, *1, in which A equals 
the transmitted signals recorded from the contacts of 
the transmitter and B the received signals t raced by the 
siphon recorder. It is this difference between the sent 
and received signals which must be corrected for auto¬ 
matic working. 

In the discussion of the reception of cable signals, at 
least four characteristic, effects met with in every day 
working are referred to, namely: 

1. The “swaying effect” caused by earth currents, 

2 . The “falling away effect” of certain signals due 
to the charging up process of the cable and its associated 
condensers. 

3. The “wandering zero effect..” 

4. The “variable lag effect.” 
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t}^2~ latter two effects are the result of a condition in 
^ >rou ^ 1 ^ a bout by the transmission of impulses 
variable lengths. 

° illustrate the means for counteracting these differ- 
^fFects, a schematic diagram of a cable circuit as 


for printer operation is represented in Fig. 5. In 


etit 
u sed 

j^j^v^^ure, M is the magnifier and C R the cable relay. 4 
k ^I'ent types of magnifiers are used in cable operation 
Reference will be made to the magnifier' used in 



connection with the printer experiments. This is 
known as the Heurtley hot wire magnifier. It has a 
moving coil to which is attached a pointer, the move¬ 
ment of the pointer functioning to unbalance the arms 
of a, local Wheatstone bridge circuit. The insert 
in Fi^. 5 shows, theoretically, this type of magnifier. 

TTie pointer P R moves the two wires A, B so that A 
approaches a fixed wire C, while B recedes from a fixed 
wire D and vice versa. The four wires are heated with 
th.e local current in the bridge circuit and connected to 
form arms of the Wheatstone bridge. As the wire A 
approaches C, it is subjected to a greater amount of 
heat and B to a lesser amount; correspondingly the 
resistance of the wires change and unbalance the 
bridj= e - The output of the magnifier is taken from the 
cross "wire of the bridge circuit. 

Xxx the figure it is shown that the cable is operated 
with nnshunted sending and receiving condensers. The 
receiving end shows duplex connections, the sending 
end t>oing shown in simplex for simplicity. The con- 
deiasors serve the purpose of preventing to a certain ex¬ 
tent "the flow of the relatively low-frequency earth 
currents which are more or less prevalent in trans¬ 
atlantic cables. In some cases, however, earth currents 
c fi considerable magnitude and may change 


ren — - — 

flu.otna.te so rapidly as to interfere with the operation 

. /-IQ hi Cv 


or 


of the 


cable. 
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'There are at least three types of cable relays; the Drum 
of S. G. Brown, England, Gold Wire Relay of A. Muirhead, 
Antenna Relay of Eastern Telegraph Company, 
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The inductance shunt in Fig. 5 serves a two-fold 
purpose. It helps to improve the definition of the 
received signal and to counteract the effect of “wander¬ 
ing zero.” Its action on the received signal is such that 
it offers a comparatively high impedance to the begin¬ 
ning of a signal, allowing the major portion of the re¬ 
ceived current to flow through the magnifier coil, then 
as the signal gradually falls away, the low ohmic 
resistance of the shunt comes into action and shunts the 
current from the magnifier coil, producing a signal with 
well defined slopes. The low ohmic resistance of the 
shunt also serves the purpose of a bypass for all low- 
frequency currents and within certain limits counter¬ 
acts the effect of “wandering zero.” The correction or 
shaping circuit in Fig. 5 is for counteracting the “falling 
away effect” of the arrival signals as they are passed into 
the cable relay and for transforming the curved waves 
into square topped signals. 5 

. In Fig. 6 is shown a group of signals in which A 
represents the original transmitted signals recorded 
from the transmitter contacts which it is desired to 
reproduce at the distant end. B represents the re¬ 
ceived signals as they pass into the cable relay from the 
magnifier. For the purpose of illustrating the “wander¬ 
ing zero effect” and the “falling away effect” upon these 
signals, a zero line has been drawn through the curves 
to show how the zero portions of the curves have 
wandered from true zero at X, XK 

Record C shows the signals from the contacts of the 
cable local relays before the correction has been ap¬ 
plied. Record D shows the signals with the correction 
circuit applied and illustrates how it has held up the 
current waves and straightened out the zero waves. 

The correction shown at D was brought about by 
applying a local current to the correction winding of the 
cable relay coil at a suitable moment when the signals 
began to fall away. This correction winding is shown 



Fig. 6—Showing Uncorrbcted and Corrected Signals 

in Fig. 5. The local current in this winding is regulated 
by the resistances R 1 R 2 in the shaping network and is 
timed by the inductances L l , L 2 to take hold, as it were, 
at the proper moment.' Actually what happens is 
this: The relay, pointer, for instance, is deflected to a 
contact presumably to record a wave of several units in 
length, say, any one of the current waves shown in 
record B, Fig. 6. At some moment during the charging 

5. This method of signal shaping was invented by S. G. 
Brown of England. 
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process of the cable and condensers the current wave Z 
begins to fall away and eventually the slope of the wave 
drifts over to the opposite side of zero as at Q in Fig. (h 

The local correction circuit comes into action at the 
moment the pointer touches its contact at which time a 
local circuit is formed through the correction coil via 
the network, A, B, (■, Fig. 5. Through the medium of 
the slow time constant of these inductances a minute 
current flows and gradually increases in strength in 
opposite direction to the falling signal and automati¬ 
cally counteracts the gradual “falling away effect” 
and holds the signal up for its full length as illustrated in 
record I). In the case of printer operation these signals 
shown at D are in turn regenerated by means of the 
regenerative feature of the printer apparatus in which 
case the single unit impulses arriving as zero waves are 
filled in and reconstructed to their original shape as 
shown at A. 

Variable Lag 

Variable lag is only troublesome in connection with 
the reception of cable signals in their relation to syn¬ 
chronous automatic operation. In ordinary siphon 
recorder operation it is not; apparent. Its effect is to 
shift or displace the arrived signal so that it does not 
arrive in the exact location assigned to it on the re¬ 
ceiving distributor. That is to say, the synchronous 
receiving distributor, the face plate of which is cut 
into equal receiving segments, assumes the successive 
impulses or waves of each code combination will arrive 
so that a definite portion of each wave will fall upon a 
definite point on the distributor. As a matter of fact 
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this is not the ease and in extreme cases it has been 
found that the signals are displaced about 85 per cent 
of their unit length. 

Methods for (Iounteraoting the Effect of 
Variable Lag 

Variable lag is the result of irregular or non-uniform 
transmission. A regular or uniform transmission is 
one in which continuous alternations or reversals of 
current of equal amplitude and duration are sent into 
the cable, and if the alternate half waves be free from 
bias or other defects the electrical condition of the cable 
remains constant and the waves arrive in exact phase 
with the corresponding segments of the receiving dis¬ 
tributor. Any deviation from this kind of transmission 
produces a variable condition in the cable and the effects 
of shifting lag become evident, resulting in the wave 
crests appearing at indefinite points on the receiving 
distributor. 


The difference between arrival signals com 
alternating or equal length signals and unequ; 
signals, is shown in tin* groups of signals in 
which A and /> represent the stmt and receiv 
nating or equal length signals and (' and /I tin* 
received signals of unequal length. For t his lit 
the shaping circuits in the cross-circuit of th 
bridge were disconnected in order to rerun 
unshaped signals for the purpose of port ray i 
clearly the action of the cable upon these two 
transmission. It is obvious that, tin* unequ; 
signals arrive in a somewhat disorderly sliaj 
dicated in l) at .V, when* some of the waves hr 
to cross the zero line and others failed to r 
zero line. 

To counteract or correct tin* shifting effect 
signals, several methods arc employed. One 
used in all synchronous telegraph systems is t< 
the length of t he receiving segments with respi 
sending segments. In general practise this 
care of any shifting up to f»u per cent of t 
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unit length. In addition to thin the receiving 
for is arranged so that the segments can be ml 
suitable* position to compensate for the avem 
of shifting which may In* encountered. To 
this method of lag correction, two developed d 
rings are shown in Fig. 8. In this ease u sin 
miffed time unit or half wave occupies a so 
72 degrees of the sending distributor face plan 
shown cut into five equal segments. Front \ 
it. is obvious that on account of the receiving 
being shortened, which in this cane are onc e 
length of the sending segments, the wave A t 
forwards or backwards approximately 50 per i 
length before if will encroach upon the reeej 
merits B S' A or H AT Such an amount of h 
abnormal and is rarely met with in every day 
All the lesser degrees of shifting occur wit hin 
zones and are less harmful. While t bin count 
effect of the variable lag, if does not elimina 
must, he dealt with at f lu* transmission end of t 
With this in mind there have been devise 
ways for transmitting cable signals, the olijec 
approach as nearly as possible an idfernafit! 
form of transmission. For practical purpoi 
not yet been possible to transmit telegraph 
used for ocean cable operat ion in the form of e 
alternating waves, A modification of this i 
transmission was developed, however, knov 
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“suppressed transmission,” whereby the code characters 
are transmitted in the form of broken alternating 
waves or reversals. 

This is by far the best form of cable transmission yet 
presented and keeps the cable in an even state and 
counteracts or reduces as far as possible the variable, 
lag. 11 was developed during the early stages of the 
printer experiments, and some outstanding results were 
obtained with it. It is not being used at present on 
account of its apparent limitations as to speed of opera¬ 
tion. Further investigations, however, are being made 
with it because by taking into > account its simplified 
receiving circuit and the fact that the duplex balancing 
of the cable is made easier as compared with other forms 
of transmission, it may be possible to increase the 
magnification, at present limited on account of cable 
unbalance, so that the suppressed transmission might be 
worked up to a relatively high rate of speed. 

Operation of Suppressed Transmission—Earthing 

Method 

In Fig. 9 is shown a schematic diagram of one of 
several methods used for this kind of transmission. 
The transmitting circuit is arranged so that if two or 
any greater number of unit impulses of like polarity 




come in succession, the first unit only is sent into the 
cable and the cable is then earthed for the remainder 
of the successive units. For example, if two code com¬ 
binations are to be transmitted,, one containing five 
negative units and the other five positive units, the order 
of transmission will be one negative unit, four earthing 
units, one positive unit, and four earthing units. In 
the figure it is assumed that the tape is feeding towards 
the left until hole 1 is presented to oscillating pin A. 

As pin A rises through the tape, contacts 0, C are 
closed energizing relay R via E, G, C, F, G, Ii, I, R, K, 
in a right direction. The closing of contacts C, C 
causes the latch magnet M to be deenergized through 
the contacts of relay R. This causes the latch DO 
of latch magnet M to fall into the path of the oscillating 
lever 0 A connected to pin A. As oscillating pin A is 
withdrawn from the hole number 1, it is prevented from 
further rising by the engagement of the oscillating lever 
0 A with the latch D G as shown. 

At the moment contacts, C, C closed, transmitting 
relay T R closed via E, C, C, F, L, M and transmitted 


one time unit of negative current to the cable, then 
when contacts C, C opened, transmitting relay T R 
returned to its upper contact and earthed the cable for 
the remaining units, 2, 3, 4, 5. The action of oscillating 
pin B is identically the same as that of A ; in this case, 
however, one positive unit is transmitted by trans¬ 
mitting relay T R l via F\ G\ C\ 0, P, Q and the 
cable earthed for the remaining units 7, 8, 9, 10. 

Fig. 10 illustrates the suppressed earthing method 
of transmission in which A represents signals trans¬ 
mitted as blocks and B the signals with all but the first 
unit suppressed and the cable earthed during the time 
of suppression. While this kind of transmission greatly 
reduces the cause of variable lag, some lag still exists, 
for as already stated the cable can only be kept in an 
even electrical state when continuous or unbroken 
alternating current waves are transmitted, whereas 
in this case the alternate waves are transmitted in a 
non-eontinuous or broken form separated by variable 
length zero or earthing waves which still displace the 
signals to some extent. 1 

The results obtained at the receiving end of the cable 
with this kind of transmission are really outstanding. 
The received signals being in the form of alternate 
current waves of unit length, arrive with extremely clear 
definition requiring the simplest form of shaping circuit. 
An important feature regarding the operation of 
a cable circuit with this kind of transmission, which 
will be appreciated by cable engineers, is the relatively 
small amount of time required to get the circuit going. 
At cable stations it is not uncommon when starting up 
a new cable circuit to spend one or more days adjusting 
the shape of the variable length cable signals, whereas 
with the suppressed transmission the shaping can be 
accomplished in a few minutes. 

As an example of this we may refer to the first trial 
or experiment made with the “suppressed transmission” 
over an actual cable circuit. This cable was about 
1400 nautical miles long having a total resistance of 
4200 ohms and a total capacity of 476 microfarads. 
The time consumed in getting working results was well 
within an hour, which, in the opinion of cable engineers, 
is a very good performance. This included setting the 
termihal transmitting apparatus at a suitable speed for 
operating this particular cable, adjusting or shaping 
the signals at the other end of the cable, and repeating 
the signals, without the aid of a regenerator, back over 
the same cable to the terminal station where they were 
again reshaped and turned into the printer apparatus. 
It is fair to add that the attendants at the cable station 
had no previous experience in shaping this type of 
signal. 

Suppressed Transmission-Insulating Method 

Another form of transmission tried out to counteract 
the variable lag effect is a “suppressed transmission” 
in which the cable is insulated instead of being earthed 0 , 

(>. First tried by Mr. Pierre Picard in 1898. 
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all else remaining the same as in the other method. 
Considerable time was devoted to this method of work¬ 
ing and trials were made over one of the Ion,a Atlantic 
cables for a period of several months. It was found 
that the characteristic effects of the cable using the 
circuit arrangement shown in Fig. 5 were just as < lorn in¬ 
ant with this kind of transmission as with the standard 
method. 

Fig. 11 depicts a simplified form of the transmitting 
circuit used for this kind of transmission. In the figure 
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Transmission. Kautiiino Mmtiioo 

K represents a key which may be the contacts of a 
transmitter. Depressing X operates relay A M and rais¬ 
ing J{ ojHTal.es relay A*". The eondeuser C is adjusted 
to hold either relay closed for the duration of one l ime 
unit only, then when the relay tongue returns to its 
contact S tlie cable is insulated for the remaining 
length of the signal. Switching arrangements were 
provided for changing from this kind of transmission 
to the regular type and as far as could be delermined 
the regular method gave the more permanent results. 
The method, however, is used on shorter lengths of 
cable of approximately 400 miles or so and apparently 
gives satisfactory results. Not having; the constants 
of these cables and the speeds at which they arc worked 
it is not possible to state here just how ellieienl ly t hey 
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are operated. As far as is known, they are operated 
under simplex conditions, which operation is hardly 
comparable with that of long duplexed cables. 

Fig. 12 illustrates the suppressed insulating method 
of transmission in which A represents the standard block 
signals and B tin* suppressed signals with all but the 
first unit suppressed and the cable insulated during the 
time of suppression. At first glance the signals shown 
at A and B appear to be almost alike but if a zero line be 
drawn through the curves from X to X\ it will be ap¬ 
parent that tlie prolongation of the current in B is 
less than in A. 

Another form of transmission suggested is the 
unbroken or continuous alternating current trans¬ 


mission 7 employing three nmpliltides, a large amplitude 
being used for a dash signal, a medium amplitude for 
the dot signal, and the smallest amplitude lor ihe aero 
signal. Much consideration was given to the study of 
this type of cable transmission and experiments were 
carried out. to determine its characteristics. 

(’t'liiiKD Transmission 

Curbed transmission is old and ha been in operation 


I'Tu. 12 Siiowixii I la Feta Sri, lii nvi i *; sta-.c aku and 
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since anfomal ic transmission wa iir f developed. If is 
a method whereby the sending battery is impressed 
upon the cable for only a portion of a lime unit, the 
cable being earthed for the remainder of the time unit, 
()l her methods of curbing have been einploved u hereby 
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a transmission time unit i divided into three elements 
instead of two as above mentioned, ht some cases, 
perhaps VO per cent of the time unit i transmitted 
with the maximum voltage, 20 percent with a reversed 
lower voltage, and 10 percent with earthing. I>y vary¬ 
ing the curbing voltage and changing the degrees of 
curbing, various simper, of signals ran be prod need at- 
the receiving end, Curbed transmission improves 
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the shape of the received signals and correspondingly 
counteracts the ell'ecf of (he variable lag. An illustra¬ 
tion ol curbed transmission is shown in Fig. Id in which 
three-element, block signals shown at 4 are transmitted 
as at B, The zero portion of the waves represents the 
time the cable is earthed between each element. 

7. This mHlto.1 of iraiHiimmuii wn-s suggr-Si'il t *y- General 
(1. 0. Kijuier. 
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Up to this point we have investigated four methods of 
transmission suggested for improving the reception of 
cable signals, namely: 

1. Suppressed transmission earthing method. 

2 . Suppressed transmission insulating method. 

3. Three amplitude transmission. 

4. Curbed transmission. 

To illustrate the characteristic cable effects on the 
received signals produced by some of the transmitting 
methods four groups of received signals are shown in 
Fig. 14, in which A represents received signals from 
block transmission, B curbed transmission, C suppressed 
transmission earthing method, and D suppressed 
transmission insulating method. The zero line running 
through the signals shows in the cases of A, B, and D 
that some of the wave crests which should have arrived 
on a negative contact have actually drifted to a positive 
contact and vice versa as indicated at X. In the case 
of C, all of the wave crests arrived on their respective 
contacts. 

Shunted Condensers 

In discussing the various methods of transmission 
and the reception of cable signals, the cable circuit 
represented in Fig. 5 shows the cable to be operated 
with unshunted sending and receiving condensers. 
Until recently this has been the standard method em¬ 
ployed by the Western Union Telegraph Company for 
operating transatlantic cables, and the major part 
of the printer experiments were carried out under these 
conditions. Experiments were made with shunted 
condensers and further investigation is being made 
along these lines. The reason, as already stated, for 
using unshunted condensers is to prevent the flow of the 
low-frequency earth currents, more or less prevalent 
in transatlantic cables. So far as signal shape is con¬ 
cerned, it seems to be generally accepted that signal 
shape is better when the condensers are shunted. 

Discussion 

A. F. Connery: The method of cable signaling, suggested 
by Gulstad in 1898 and which is used in the operation of the 
printing telegraph system described by Mr. Angel, appears to 
be the only method available if the 5-unit 2-element code is to 
attempt to compete with the widely used 3-element unequal 
letter cable code on long cables. The application of this signal¬ 
ing method to the old-style duplex cables which span the 
Atlantic is no mean achievement, and many difficult and trying 
problems, of which little mention is made in the paper, must have 
been solved. 

I note Mr. Angel states that the speed of a certain cable was 
increased from 300 to 375 letters per minute. I wonder whether 
net increase is meant. My impression has been that the signal¬ 
ing described in this paper, whereby the single-element impulses 
are attenuated in the cable and are generated locally in the 
receiver, requires a high grade of duplex balance which is difficult 
to secure and maintain. It would seem that the time lost in 
adjusting and regulating would be greater than for the older 
methods of transmission. 


A large proportion of the cable traffic at the present time is in 
code, and each word usually has the same number of letters. 
In a number of codes, each group consists of ten letters. One 
advantage of the well-known 3-element cable code is the ease 
in which errors may be detected by the transcribing operator. 
A loss or gain of an impulse due to a change in balance, lightning 
kick, improper adjustment of apparatus, etc., at some relay 
station, will either make an unintelligible signal combination or 
will eause a 10-letter word, for example, to become a 9- or 11- 
letter word. In any case, the error is usually apparent to the 
transcribing operator who can have the doubtful part of the 
message repeated. 

The 5-unit code does not possess this advantage, and the loss 
or gain of a pulse will cause a wrong letter to be printed in place 
of the proper letter. Each word wall have the proper number of 
letters and the receiving operator will be unable to detect any. 
irregularity. 

For plain English traffic the printer on slow-speed cables is 
attractive, but for code traffic it appeal's to be at a disadvantage 
as compared to the widely used cable code. 

The foregoing remarks do not apply to the new high-speed 
inductively loaded cables which must be multiplexed to secure 
satisfactory traffic distribution and have no duplex balances 
with which to contend. 

W. A. Hougjhtalin^: Mr. Angel’s paper describes printer 
operation on ocean cables in its simple form, that is, single-chan¬ 
nel operation or one printer and transmitter at each terminal of 
the cable. It may hot be clearly understood, however, that 
the printer operation is not limited to a single-channel, as by the 
use of a rotary distributor, several channels are possible" In 
fact, two other cables are being operated with four and five 
channels respectively, and still another is operating with two 
channels. 

The cable which is operating as a two-channel circuit is of the 
same type as that referred to in the paper, while the two which 
provide four and five channels are the loaded type. 

One of the points brought out in Mr. Angel’s paper that seems 
to me to be quite interesting is the way he has shown the various 
steps of increased output of a type of cable laid fifty years ago, 
obtained by the use of improved terminal apparatus and im¬ 
proved operating methods. It would seem that the cable engi¬ 
neers and cable manufacturers of half a century ago built better 
than they realized. This type of cable has been able to meet the 
ever increasing traffic requirements through all these years by 
means of the terminal improvements mentioned until it is now 
carrying more than five times the amount of traffic it could 
handle originally. 

W. C. Peterman: The securing of the maximum message- 
carrying capacity of a cable which is the primary object 
of the cable engineer depends both on sending as many cycles 
per second of signaling current as possible over the cable 
and getting the greatest amount of intelligence out of every 
cycle of current. It was pointed out in the paper that as the 
transmitting frequency is increased, the attenuation of the signals 
becomes greater, and at the receiving end of the cable more and 
more amplification of the signals must be used in order to get 
current strong enough to operate the mechanical relays. Of 
course with vacuum-tube amplifiers the amount of amplifi¬ 
cation possible has been increased vastly over what w r as pre¬ 
viously obtainable, but unfortunately it has been found that all 
of the amplification thus possible cannot be used in practise 
because of the presence of electrical disturbances. These dis¬ 
turbances may be either man-made, such as interference from 
nearby powder lines or other cable circuits, or from the duplex 
balance of the cable itself; or they may be electrical disturbances 
from apparently natural sources of unknown origin. 

The difficulty of receiving weak signals from distant radio 
broadcasting stations when any considerable amount of static 
is present, no matter how much amplification is available, is 
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familiar.to everyone. In fact, greater amplification does not 
help at all after a certain point is reached; it only adds to the 
confusion. We have just about the same problem with receiving 
weak signals over a long cable. It thus becomes necessary to 
secure the greatest possible amount of information, as it were, 
from each received impulse, since wo cannot increase without 
limit the number of impulses transmitted per second. 

I just wish to emphasize, therefore, in the system described 
by Mr. Angel, and shown in Iiis Fig. I, that only the impulses 
of one-luilf the fundamental frequency must be received with 
sufficient strength to be well above the interference level, al¬ 
though wo are getting the full amount of information out of the 
impulses transmitted at the fundamental frequency which 
impulses, by their very absence, because of greater attenuation, 
are caused to be filled in automatically at the receiving end. 
Thus wo get the benefit of having to receive through the inter¬ 
ference only, the comparatively sirongor signals of one-lmlf the 
working frequency while getting the full message-carrying 
advantage of the highest frequency impulses. 

Herbert Attach 1 should like to say, in reply to the comments 
by Mr. ( ’onnery, that the excellent method for increasing the 
speed of cables suggested by Mr. (lulstad in 1.898, while quite 


successful for operating oomparutiwlv short lengths of gable, 
had never been found practicable to npph to long cables. This 
was pointed out by .Messrs, .buhl and Ibivie of iMigluud, in their 
British patent of HUM, in which, for the first time, a method was 
described for filling in attenuated impulses for a synchronous 
system on long cables The Western I niou printing system 
does not list* the (lulstad vibrating method for lilting in Urn 
impulses. 

Replying to Mr. (’nailery's query about the increased ,speed 
with printer operation, the output of M7.» h fter, mentioned iu 
the paper is a net output. 

In reply to Mr. (’omen V, comment about the high-grade 
balance required for cable-printer operation, 1 should like to 
point out that in getting the ."W. letter output which is an in¬ 
crease over the output obtained with cable Morse code, Uni 
frequency of the double received impulses is even then less than 
the maximum fundamental frequency when using cable Murso 
code. Therefore the received signaling impulse-; an* larger and 
are better tilde to stand any slightly greater balance disturbance. 
Further, it has been found h,v repeated cheek, that under theno 
conditions the (‘able printer i us accurate as the cable Morno 
code. 






































A Non-Rotary Regenerative Telegraph Repeater 

BY A. F. CONNERY* 

Associate, A. I. E. E. 

Synopsis.— Rotary regenerative repeaters have made multiplex brief description of some types of rotary repeaters and then proceeds 
printing telegraphy possible over long distances. This paper gives a to describe in more detail a non-rotary regenerative repeater. 


Introduction 

T HE use of multiple-channel printing telegraph 
systems m the United States and Canada has 
resulted in many problems in connection with their 
operation over long circuits. 

Practically all circuits are duplexed and the usual 
practise is to repeater them at intervals of 250 to 350 
mi. A printer circuit operated between New York and 
San Francisco may have as many as 12 repeaters. 

An ordinary relay telegraph repeater can never repeat 
signals as perfectly formed as those sent out by the 
originating transmitter since the signals always arrive 
somewhat out of shape and the repeating apparatus 
itself contributes a further modification. 

Most overhead telegraph circuits use a ground return 
and some distortion of the signals is inevitable in ad¬ 
dition to the distortion caused by the repeaters and 
imperfections in the duplex balance. 

To operate a transcontinental multiplex printing 
telegraph circuit equipped throughout with ordinary 
relay repeaters, a very high grade of line and repeater 
maintenance is required. Accurate duplex balances are 
essential at repeater and terminal stations. The most 
direct routes must be used and line conductors chosen 
which have a favored location on the pole line so as to 
reduce the cross-fire from other conductors. 

Even with high grade maintenance, the signal re¬ 
ceived at the terminal station is somewhat distorted 
and much time is consumed in balancing and adjusting. 
It is apparent that even a slight distortion of the signal 
in each line section results, in the aggregate, in an ex¬ 
tremely distorted signal being received at the terminal 
station. The speed of operation is very slow as com¬ 
pared with the shorter circuits and the traffic capacity 
is low. 

By the use of a regenerative type of repeater, the 
received distorted signal in passing through the re¬ 
peater is regenerated and sent on to the next line section 
in perfect shape. The invention of the regenerative 
repeater is old and is attributed to Baudot of France. 

A regenerative repeater for duplex working usually 
consists of electrically driven tuning forks controlling 
synchronous motors, rotary distributors driven by the 
synchronous motors, a plurality of storing relays 

1. Telegraph Engineer, Postal Telegraph Cable Co., 253 
Broadway, New York, N. Y. 

Presented at the Summer Convention of the A. I. E. E., 
Detroit, Mich., June 20-24,1927. 


together with the line relays and relays used in the 
synchronizing circuit. The synchronizing circuit main¬ 
tains the distributor in step with the received signals. 

Fig. 1 indicates a simple form of regenerative repeater. 
The sent, received, and regenerated signals are shown in 
addition to the two rings, El and E2, of the rotary 
distributor. The received signals operate line relay 
L R. Transmitting relay T R can only be operated 
by LR during the period that brush BR has 
joined El to a segment of E2. The only part of 
the received signal utilized for retransmission is 
that marked S. Any distortion occurring outside 



Fig. l 


of S will have no effect on the retransmitted signal. 
With this type of repeater, a slight distortion may be 
present in the retransmitted signals if the received 
signals are so badly distorted that they infringe upon S. 
Reducing the length of the segments E2 increases the 
ability of the repeater to regenerate badly distorted 
signals, but, if the segments are too short, the operating 
impulse to transmitting relay TR may become too 
short to properly actuate the relay. The brushes B R 
must be driven at such a speed that the time required 
for the brush to pass from the start of one segment to 
the start of the next segment is the same as the time 
occupied by the shortest signal element. 

Fig. 2 indicates a form of regenerative repeater which 
was invented by P. M. Rainey. Only a portion of the 
distributor face is shown. Line relay L R is actuated by 
signals received over line 1. Brush BR1 connects 
successively the receiving segments of E2 to El. The 
storing relays, S El to S E5, are operated whenever the 
line relay tongue is touching its marking contact at 
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the same instant that the brush makes contact with the 
respective segments of R2. Each storing relay, when 
operated, locks up through the left contact and tongue 
and the right contact applies the proper polarity of 
battery to the transmitting segments AM, Transmit¬ 
ting brush B 112, which is angularly displaced with 
respect to B AT, connects line 2 to the successive 
transmitting segments. When the transmission is 
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completed, the restoring relay A* R is actuated by /> AM. 
This unlocks the storing relays and they are ready for 
the next revolution of the brushes. 

Fig, 2 illustrates still another form of regenerative 
repeater. The polarized storing relays S AT and S A‘2 
are connected to alternate segments on the sending and 
receiving rings. While a signal from line 1 is being 
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stored in one relay, the stored signal in the other relay 
is being transmitted to line 2, 

There are two main types of synchronizing systems 
used to maintain phase relation between the distributor 
brush arms and the received signals. One type, 
which has been termed "shift the hands” correction, 
shifts the brush arms to maintain synchronism while the 
other type maintains synchronism by altering the 
natural period of the driving fork. 

In one example of the "shift the hands” correction, 
the rotary distributor is arranged to run slightly faster 
and a mechanism controlled by the received* signals 
steps back or "corrects” the distributor brushes when 
they gain a certain amount over the brushes of the 


sending distributor. Several opportunities Ibr cor- 
reel/on are available during each revolution 
this eorroefing scheme has been used to a eoitsid 
extent, on rotary regenerative repeaters, it is open to 
some object ions. The many opportunities for rorms 
tion in each revolution make if possible fora few badly 
distorted signals to considerably alter the phase rela¬ 
tions and several seconds are required for the dig ributor 
to work around to the proper phase. When several 
repeaters of this type are used in tandem on a ], m g 
circuit, difficulty may he experienced in holding 
synchronism. 

In the writers opinion, it is preferable to use, in a 
regenerative repeater, a correction which alters the 
natural period of the driving fork because the eorreetinjf 
action is gradual and an occasional badly distorted 
signal will not seriously alter the phase relation ,. 

XuN-HuTAUV IJgtiKNFrUA J t\ Jl RKPIvUitU 

The main object, of this paper is to describe a new pvjic 
at regenerative repeater which has no rotating parts, 
It should he realized in this connect ton that the rotating 
feature of the repealer, previously described in this 
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paper has for its object the control of electrical rout arts 
at, uniform time intervals which agree with the rate at 
which signals are being sent over the line circuit, 
An electrically operated tuning fork adjusted to vibrate 
tit a uniform rate and controlling electrical contacts, 
can he used, therefore, for timing purposes for regenem- 
tive telegraph repeaters and rotating member., elim¬ 
inated* A repeater for one-way repetition consists 
essentially, therefore, of an electrically operated tuning 
fork, a line relay, a locking relay, a transmitting relay 
and a correcting or synchronizing circuit with relays. 
It has been found possible in practise to make use of the 
same type of tuning fork us is now used with multiplex 
printing telegraph terminal sets. 

SKLRCTtNtf Cmrnrr 

Fig. 4 shows the selecting and locking circuits. The 
locking relay is normally under the influence of the main 
line relay which controls the direction of the current 
through the operating winding. The current through 
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the locking winding of the locking relay is stronger 
than the current in the operating winding and as long 
as the fork is touching its selecting contact the armature 
of the locking relay is prevented from moving. During 
the period that the fork is not touching the selecting 
contact, no current flows through the locking winding 
of the locking relay, and it therefore is under the influ¬ 
ence of the tongue of the main line relay. The polarity 
of the signal transmitted by the transmitting relay 
depends upon the position of the tongue of the locking 
relay at the moment the fork engages its selecting 
contact. A long duration of engagement of the fork 
with the selecting contact does not injure the repeated 


Main Line Relay 



signals. The locking up of the locking relay while the 
transmitting relay is operated prevents any clipping 
of the signals sent out from the transmitting relay. 
•The shunted condenser permits a quick rise and fall 
of current in the locking winding. A leak current 
through one of the windings of the transmitting relay 
tends to hold the relay tongue to whichever contact it 
may be touching. The current in the leak winding is 
small and does not interfere with the operation of the 
relay. The local meter is used as a guide in checking 
speed and detecting breakups. 

Correction Circuit 

The means used to hold the fork in synchronism with 
received signals is an adaptation of the Picard system. 

Fig. 5 shows the correction circuit. 

By means of the weights W and the adjusting rheo¬ 
stat, the rate of vibration of the fork is set so that, with 
no current flowing through the corrector magnet C M, 
it makes slightly less than a complete cycle of vibration 
for each unit length of line signal. With current 
flowing through the corrector magnet, the fork speed 
increases so that it makes slightly more than a complete 
cycle of vibration for each unit length of line signal. 
In actual operation, the current through the corrector 
magnet occurs at irregular intervals due to the action 


of the correction circuit and the fork is held in step with 
the received signals. When the fork falls behind the 
signals, current flows through the corrector magnet 
and causes the fork speed to increase. When the fork 
gains on the signals, the current is cut off the corrector 
magnet and the fork speed is reduced. 

Assume, for example, that the speed has been 
matched and the repeater is in operation. If the 
tongue of the main line relay moves from one of its 
contacts to the other at the instant the fork is touching 
contact A, Fig. 5, the tongue of the switch relay 3 R 
is moved to correspond with the position of the tongue 
of relay MLR. When the fork makes contact with B, 
a short impulse of current flows through condenser C 
and one winding of the corrector relay and the tongue of 
relay C R is moved to the marking contact and current 
flows through the corrector magnet and increases the 
speed of the fork. As long as the movements of the 
tongue of the main line relay MLR occur at the instant 
that the fork is touching contact A, the relay C R re¬ 
mains in the marking position. If, for example, the 
movement of the tongue of relay MLR is from S to M, 
the tongue of relay SR is moved to contact M and the 
current impulse through the condenser and the windings 
of relay C R which occurs when the fork touches con¬ 
tact B goes through one winding of relay C R from 
right to left and the tongue is thrown to the right. 
If, however, the movement of the tongue of relay 
MLR is from M to S, the tongue of relay S R is 
moved to contact S and the current impulse which 
occurs when the fork touches contact B is in a reverse 
direction, but goes through the other winding of the 
relay C R from right to left and the tongue still tends to 
be thrown to the right. 

The tongue of relay C R being on contact M, a current 
flows, through the corrector magnet which increases the 
speed of the fork. In a short time the movements of the 
tongue of relay MLR occur when the fork is on contact 
B. The impulse through the condenser occurs just as 
soon as the tongue of relay MLR moves and as the 
relay S R is not affected since the fork is on contact B, 
the impulse through the condenser moves the tongue of 
relay C R to the left and the current is cut off the 
corrector magnet. 

In reviewing the action of the correction circuit, it is 
apparent that if the operation of the tongue of relay 
MLR occurs when the fork is touching contact A, 
the switch relay tongue is moved and the impulse 
through the condenser which takes place when the 
fork moves to contact B throws the tongue of relay 
C R to the right and the fork speed increases. If the 
operation of the tongue of relay MLR occurs when 
the fork is touching contact B, the impulse through the 
condenser occurs immediately and since relay 5 R 
has not been operated, the impulse moves the tongue of 
the relay C R to the spacing or left-hand position. 
This breaks the current through the corrector magnet 
and the fork speed will reduce again. In actual 
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operation, the fork corrector contact is moving from 
A to B or about to move when the tongue of relay 
M L R operates. 

Regenerative Action 

The correction circuit, as explained, holds the tuning 
fork in step with the line signals. The fork makes a 
complete cycle of vibration during the time of the 
shortest signal element. If, for example, the signals 
over the line are the equivalent of alternating current 
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at a frequency of 25 cycles or 50 signal units per sec., 
the fork vibrates at 50 cycles. 

The received signals operate the main line relay which 
in turn operates the locking relay. The fork engages 
the selecting contact once for each unit length of 
received signal. The instant that the signal reverses on 
the transmitting relay is defined by the vibration of the 
fork into a contact with the selecting contact. The 
timing fork maintains a constant rate of vibration and 
the repeated signals reverse at properly timed intervals. 

Tig. 6 shows in a graphic form the transmitted, re¬ 
ceived, and regenerated signals. The comparatively 


IFtft'iimtwl, 
Signal I 


Signal ' 


long time during which the fork engages the selecting 
contact insures that the transmitting relay will be 
reliably operated and will tend to minimize chatter. 
Fig. 7 is a tracing from an oscillogram of some distorted 
received signals and their reconstruction by the re¬ 
peater. The received signals were in the form of con¬ 
tinuous reversals or alternating current. The variation 
in the distance between the points marked X would be 
the amount of distortion retransmitted by an ordinary 
relay repeater. The initial part of each regenerated 
signal shows a slight bounce or chatter of the trans¬ 
mitting relay contacts. Improved relays are now avail¬ 
able, the use of which will reduce the chatter effect. 

The range of speed of the repeater using a standard 
tuning fork is from 15 to 30 cycles line frequency or 30 
to 60 words per min. per channel of a two-channel, 
five-unit code printer circuit. 

In the early development of this regenerative 


repeater, means were provided lor varying I ho selecting 
or pickup point, thus giving the equivalent of orienting 
the contact segments of a rotary distributor. The 
correcting system which was adopted, however, proved 
to be very stable and it was found that I he orienting 
feature could bo dispensed with. Within the 15- to 
30-cycle line frequency range, the point of selecting 
under all conditions is as close to the central portion of 
the signal as could bo desired. In this connection it 
should he pointed out that an orient ing Fut ure is of less 
value at a regenerative repeater station where no 
printer record is available than on a printer terminal 
set. Valuable time is often lost in making futile 
adjustments of the orientation when another remedy is 
required. 

Alternating (Vukknt fur P.alanging 
One advantage of regenerative repeaters is the pos¬ 
sibility of reducing the time required for balancing. 
If, for example, a long line circuit is equipped with a 
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regenerative repeater at a cent ral point, a readjustment 
or lineup of the balances of Uu» relay repeaters on one 
side of the regenerative station may be conducted at- the 
same time as the lineup on the other side. The 
regenerative repeater, however, must, be equipped with 
a means of transmit ting alternating current to either 
line, and if should preferably be of nearly the same 
frequency as that; at, which the working signals arc 
transmitted. 

Fig. (S shows how this is accomplished on the non¬ 
rotary repeater without the need for additional equip¬ 
ment with the exception of t he a-c. switch. 

In the normal right-hand position of t he a-c. switch, 
the operating winding of the locking relay is connected 
to the tongue of the main line relay and the leak winding 
of the transmitting relay goes to ground through 15,000 
ohms. When the levers of the a-e. switch are thrown to 
the left, the operating winding of the locking relay is 
connected through the leak winding of t he t ransmitting 
relay to the tongue of the same relay, through a 7500- 
ohm resistance. This leak current through t he operat¬ 
ing winding of the locking relay normally holds the 
tongue of the locking relay in a position opposite to 
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that of the transmitting relay. When the fork engages 
the selecting contact, the tongue of the transmitting 
relay moves in the usual manner to a position cor¬ 
responding with that of the locking relay. When the 
tongue of the transmitting relay operates, the current 
through the operating winding of the locking relay 
reverses but the locking relay is not operated im¬ 
mediately because the stronger current in its locking 
winding prevents its operation. When the fork moves 
away from the selecting contact, the locking current 
ceases to flow and the locking relay tongue, under the 
influence of the leak current from the transmitting 
relay, moves to the opposite contact. 

From the foregoing, it is apparent that when the fork 
engages its selecting contact, the transmitting relay 
tongue moves to a similar position to that of the locking 
relay and when the fork disengages the selecting con¬ 
tact, the locking relay tongue moves to a dissimilar 
position to that of the transmitting relay. The alter¬ 
nating current generated in this manner is practically 
the same frequency as the alternating current from the 
terminal multiplex distributor. 

Conversion to Plain Repeater 

The repeater is equipped with cords and jacks by the 
use of which the regenerative action can be cut out and 
the set will function as a non-regenerative repeater. 



Fig. 9 


Floor Space and Power Requirements 
The complete duplex repeater is shown in Fig. 9. 
The repeater table is shipped completely wired for 
duplex operation. It is merely necessary to connect 
to power, lines, and ground and attach the forks and 
relays, etc., to the table. The floor space required is 
43 in. by 27 in. The height of the table is 42 in. 

The tuning fork, which is similar to those used on the* 
terminal multiplex sets, is shown in Fig. 10. 

The local power may be either 110 or 160 volts. The 
local current required for the duplex table is approxi¬ 
mately one-half ampere and it has been found possible 


to install these repeaters in most telegraph offices 
without adding to the generator plant. 

Operating Experience in Postal Telegraph-Cable 
System 

More than 50 of these repeaters are in use. 

No difficulty has been experienced in operating 
several repeaters in one printer circuit. 



Fig. 10 


Before regenerative repeaters were used, it was neces¬ 
sary to assign the best line wires to the overland circuits 
so that the overall distortion of the signal would be 
kept at a minimum. The present practise is to use a 
sufficient number of regenerative repeaters so that 
almost any line wire, provided it is electrically intact 
and free from swings, may be used in the overland circuits. 

In several instances, wire routes which were un¬ 
suitable for use in overland circuits because of the 
long distances between repeater stations and which had 
insufficient wires to justify opening up additional 
repeater stations, have been made suitable for printer 
operation by the installation of regenerative repeaters 
adjacent to or near the long sections. 

Fig. 11 shows the layout of two typical overland 
circuits. The speed of operation is approximately 
50 words per min. per channel and the spacing between 
the regenerative repeaters is short enough to reduce 
lineups to minimum. 

One or more regenerative repeaters are used in practi¬ 
cally every printer circuit over 800 mi. in length with 
consequent reduction in lost circuit time and increase 
in speed of operation. 

Conclusion 

This regenerative repeater was developed to provide 
a simple and compact form of repeater which would 
give equivalent results to those obtained from the rotary 
regenerator without the expense of the rotary distribu¬ 
tors and their synchronous motors. 

The design eliminated the necessity for special types 
of distributors which otherwise would have had to be 
built to regenerate the multiplex circuits in use on the 
lines of the Postal Telegraph Cable Company. 

The completed non-rotary regenerative repeaters 
have certain economies and improvements over the 
rotary forms considered and among these were: 
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The first cost is less because the expensive dis¬ 
tributors and synchronous motors with accessories are 
eliminated. 

The maintenance cost is lower because there are no 
distributor parts to require attention and renewal 
and less local current is needed. 

The required amount of floor space is reduced. 

The regeneration of the signals being accomplished 
directly by the fork eliminates the loss in margin caused 
by the tendency of the distributors to hunt. 

A short interruption of the local power supply does 
not necessitate the attention of a repeater attendant. 
The tuning forks are self-starting and when the power 
supply is resumed the repeater starts up automatically. 


In lliis rt*spft*L it is the equiv nlent <>f I hi* rotary repeater shown 
in Mr. (’omiery's Fur. M, although il uses hut mu* segmented 
ring and two unbiased relays when regenerating twn-eurmit; 
signals, whieh tends for simplification. The repeater as shown 
in Fig. 2, however, is wired tor cable Morse three-eurmit 
signals and, therefore, uses four biased relays. 

Herbert A illicit < ’uusideruhle wort lias been done by the 
Western Union Telegraph Company with regenerative repeaters 
of hoth the rotary and non-rotary types, the latter being known 
as the fork regenerative repeater. Opinions differ ns to which 
is the more advantageous type to use; each probably has its 
special field. 

In a great many cases it has been found more desirable lo use 
the rotary type with segmented rings for leaking off printers. 
Aside from Ibis there is the quest ion of brush transmission hi 
one ease and relay couplet transmission in fbe other. It is 
the more general opinion that brush (ratimi dun i superior to 
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Discussion 

W. C, IVtcrmam I should like to point out that a typo of 
rotary repeater differing from those shown in Figs, i, 2, and 2 
in Mr. (’omiery’s paper is shown in Fig. 2 of the paper by 
Herbert Angel 1 . 

In the type of rotary shown by Mr. Angel, which lias been 
used very successfully by the Western Union on their long 
ocean cable circuits, the pick-up circuit is separate from the 
locking and sending-on relay circuit although they are both 
connected to segments on the same segmented rings. This 
regenerator gives complete regeneration; that is to say, if an 
impulse is received of sufficient duration to be locked up, the 
regenerated signal is of a definite duration. 

1. Printing Telegraphs on Non-Landed Omni Cables, A.T.M.E, Summer 
Convention, Detroit., Mich., June 22, 1027. 


relay contact transmission. For higher speed* the rotary 
type should be more reliable than the fork type ns now developed. 

A. I 1 # Connery* Answering Mr, Peterman"* comments, 
the diagrams of the rotary repealers shown were of course made 
ns simple as possible, and on some of them it would be necessary 
lu add accessories to make practical repealers such for ex¬ 
ample, as locking up the polarized transmitting relays to make 
them less subject to vibration and tilings like that, 

V\ e do not make claim for the non-mi ary repeater that it 
will send out a boiler signal limn a rotary repeater, but the 
advantage is that it is simpler and easier to maintain, and we 
think that in the hands of the average at fondant*, the net results 
will he better, 

h lien! are some purposes for whieh lbe rotary repeater is 
better; lor instance, where we want drop-elinumd and others air 
ctiils like them. \\ hen we watt I to get into complicated circuits it is 
better simply to add segmented rings on the rotary mechanism, 
but on a straightforward regenerative repealer I think there are 
some, advantages for t he non-rotary repealer. 

.Mr, Angel’s comments upon the advantage* of brush traits- 
mission over relay transmission are well founded. In fact 
until recently there was a, very decided advantage of brush 
transmission over relay, but relay* have recently been developed 
with very low transit time; that is, the relays travel from otic 
contact to the other at very high speed and means of reducing 
chatter have been developed ho that now 1 think brush triune 
mission has very little if any advantage over relay fransmissinu 
and of course there is lews maintenance of the relay con I acts. 



Electrical Reproduction from Phonograph 

Records 

BY EDWARD W. KELLOGG 1 
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Synopsis. —A new and improved tool generally means new or 
nproved accomplishments. Great improvements in sound record- 
ig and reproduction have been made possible by the thermionic 
mplifier. 

Electrical reproduction may be considered in three steps, ( 1 ) 
meration of a voltage by the vibrations of the needle, (2) amplifica- 
on, (3) conversion of electrical power into sound. The first 
f these steps involves some interesting mechanical and electrical 
roblems, and it is with these that the paper primarily deals, the 
roblems of amplification and loud speaker design having been 
iscussed in earlier publications to ivhich references are given. 


ANY interesting improvements have been made 
recently in methods for recording and reproduc¬ 
ing sound, which have.resulted in truer and more 
teasing reproduction. These have involved the use of 
lectrical means in recording, while both electrical and 
[irec-t or mechanical systems are being used with good 
esults for reproduction. A discussion of some of the 
iroblems arising in an electrical system of reproduction, 
eems warranted in view of the widespread interest in 
uch questions and of the fundamental nature of some 
if the mechanical problems involved. 

Mechanical and Electrical Systems Compared. The in- 
Lerent advantage of the electrical method of phono- 
iraphic recording and reproduction, as compared with the 
ilder direct methods, lies in the fact that the electrical 
nethods can make use of' amplifiers. In the old 
ystem of recording, the cutting tool was mechani- 
:ally connected to a diaphragm which was actuated 
>y sound waves. The power available to give the 
lecessary vibrations to the tool was thus limited to 
vhat could be collected from the original sound. In 
he case of electrical recording the power for vibrating 
he tool may be made as great as needed. This does 
lot necessarily mean louder records or greater ampli- 
;ude of vibrations. In acoustic apparatus extreme 
lensitivity is generally purchased at the expense of 
quality. In order to get sufficient amplitudes of cutting 
;ool vibration, a horn was used to concentrate the sound 
vaves, and a resonant diaphragm was employed. Both 
)f these introduce distortion. In electrical recording, 
l sound pick up or transmitter without a horn is used. 
!ts electrical output is small, but can be amplified with- 
>ut appreciable distortion, and relatively large forces 
an be applied magnetically to the cutting tool, which 
nay now be heavily damped, thereby reducing its 

1. Electrical Engineer, Research Laboratory, General Electric 
Do., Schenectady, N. Y. 

Presented at the Summer Convention of the A. I. E. E., 
Detroit, Mich., June 20-24,1927. 


Several types of phonograph “pick up" are possible; electrostatic, 
piezoelectric, electromagnetic,.and variable resistance or micro.phonic. 
The' electromagnetic principle is used in the device now manu¬ 
factured. Since the moving armature cannot be actually at the 
needle tip, the little generator must function by transmitting the 
vibrations from the needle tip,through a more or less flexible structure 
to the armature. Vibrations are inevitably transmitted, but when 
the requirements of freedom from appreciable distortion and maxi¬ 
mum possible output are added, extreme care in design becomes 
necessary. An analysis is given of the mechanical behavior of the 
present model of reproducer. 


tendency to respond more to certain frequencies in the 
musical scale than to others. 

When we come to the problem of reproduction from 
the record, the possibility of amplification does not give 
so great an advantage to the electrical system, as in 
the recording, because the reproducing needle, unlike 
the sound waves with which we started, can deliver 
considerable power, or apply large forces to the object 
which it is required to vibrate. This power at the re¬ 
producing needle is, of course, derived from the rotation 
of the record. In fact, cutting a record and then play¬ 
ing it may be regarded as a method of power amplifica¬ 
tion. In the old method of cutting and reproduction 
the power output in sound from the phonograph is 
normally many times the power collected by the horn 
used in recording. 

Both the mechanical and electrical systems can be so 
designed as to give a very high order of quality in re¬ 
production. The advantage of the mechanical system 
is its simplicity. The advantages of the • electrical 
system are its flexibility, ease of adjusting loudness, 
and the possibility of obtaining greater volume of sound, 
where this is desired and the apparatus is designed 
accordingly. 

Electrical reproduction may be considered in three 
steps, (1) the vibration of the needle must be made to 
generate a voltage whose wave form corresponds to the 
wave in the groove, (2) this voltage is amplified, and 
(3) an electrical loud speaker converts electrical power 
back into sound. The design of amplifiers and loud 
speakers has been discussed in earlier papers 2 . The 
present paper will, therefore, deal principally with the 
device in which the vibration of the needle generates 
the voltage which is to be supplied to the amplifier. 

2. Design of Non-Distorting Power Amplifiers, Edward W. 
Kellogg, A. I. E. E. Trans., Vol. 44, 1925, p. 302. 

A New Type of Hornless Loud Speaker, by Chester W. Rice 
and Edward W. Kellogg, A. I.E.E., Trans. Vol. 44,1925, p. 461. 

See also bibliography on amplifiers and loud speakers at end 
of paper. 
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Possible Types of Reproducer 
.Hie same principles by which diaphragm vibrations 
in a transmitter are made to produce voice currents, 
may be applied to the case of the phonograph repro¬ 
ducer. Many types of transmitters have been used, 
among which are the magnetophone (Bell’s first, trans¬ 
mitter as well as receiver) the variable resistance 
transmitter such as in general use in telephony, the 
condenser transmitter 3 which is used in broadcasting 
stations, and a transmitter making use of a piezo¬ 
electric 4 crystal. These transmitters may be classified 
as of two types: (1) those in which the output voltage 
is proportional to the deflection, and (2) those in which 
the output voltage depends on the velocity of diaphragm 
movement. The carbon microphone, condenser, and 
piezoelectric transmitters as generally used are of the 
first type, while the magnetophone belongs to the 
second or velocity type. The condenser transmitter, 
for example, is kept charged through a very high 
resistance so that the charge upon the plates cannot 
change appreciably during an audio cycle. The voltage 
across the condenser then varies inversely as the 
capacity, or directly as the plate spacing. The voltage 
thus obtained which is applied to the grid of an amplifier 
tube is proportional to diaphragm deflection, indepen¬ 
dent of frequency except for frequencies so low 
that the condenser reactance is considerable compared 
with the leak resistance (for practical purposes we may 
say equal to the leak resistance). The same con¬ 
siderations apply to the piezoelectric crystal which may 
he regarded as a condenser of constant capacity hut 
variable charge, the charge depending on the mechanical 
force applied to the crystal. On the other hand, both 
the condenser transmitter and the piezoelectric crystal 
may he made to act as velocity devices by using leaks 
whose resistance is low compared with the capacity 
reactance of the condenser throughout, the essential 
frequency range. In this case the charge flows freely 
back and forth through the resistance, and the current, 
(or voltage across the leak resistance) is proportional 
to the rate of change of charge which in turn is pro¬ 
portional to the diaphragm velocity. The magnetic 
transmitter works on the principle of changing the mag¬ 
netic flux through a coil. Its open circuit voltage' is 
proportional to the rate of change of the flux, and this 
again depends on velocity of movement. In terms of 
sine waves, the deflection devices (type No. 1) give a 
voltage proportional to amplitude independent of 
frequency, while the velocity devices (type No. 2) 
give a voltage proportional to amplitude multiplied by 
frequency. 

,i Son papers on Urn ComltuiHer TraiiMiniUer by M. <\ Wontn, 
Phyx. Rev,, X-i, p. Hi) XI, p. -IHO XIX. 

4. IT. and P. Turin, Compt. Rend., 91, pa,gas 294 ami 318:1, 1880. 
•J. Valusok “Tim Piezo-electric Activity of Rochelle Salt,” 
PhyH. Rev,, Vol. 19, p. <178, 1922. 

A. Me L. NicoIkoii, J lie iResuvlvelrtc Jdffvet %n the (Jout/ionite, 
Rochelle Halt Crynlnl , A . I. K. 1*3., Thanh., Vol. 87, 1919, p. KM 5. 
W. (J. Cady, I, R, A',, Apr. 1922. 


Which of these types of device should we choose fora 
phonograph reproducer? If the system by which the 
record is cut is so designed that the deflection of the 
cutting point is proportional to the original sound wave 
pressure, then a deflection type reproducer is required. 
If tiie record is cut by a tool whose instantaneous 
velocity is proportional to (he sound wave pressure, we 
shall require a velocity type reproducer. Both systems 
are equally correct from the standpoint that if their 
conditions are complied with, distortionless repro¬ 
duction will result. The choice can, therefore, rest on 
such considerations as scratch noise ratio, wearing 
qualities of record, interchangeability of records, and 
designing a practical device which performs in ac¬ 
cordance with tiie theoretical requirements. By inter¬ 
changeability of records is meant that if is desirable 
that the electrical reproducing system shall not only 
give good results with records that are especially cut for 
it, but so far as possible give pleasing results with 
records cut. by the old process, and the records which are 
correctly cut. for electrical reproduction should sound 
well when played on a horn type machine. This 
requirement is most nearly met by the velocit y system 
of cutting and reproducing. When a diaphragm is 
placed at the end of a long pipe if produces sound wave 
pressures in the pipe proportional to the diaphragm 
velocity. If, instead of a pipe, the diaphragm works 
into a horn of the usual (approximately exponential) 
shape, the same relation holds, very nearly, over most, 
of the frequency range, the difference being that below 
a certain frequency the sound radiation from the horn 
drops to almost nothing 1 . If the needle motion is 
properly imparted to the diaphragm, a phonograph of 
the horn type may be regarded as u device giving out put 
sound pressure proportional to needle velocity, except 
that it s response is limited to frequencies above a certain 
value. In some of the new designs employing long 
slowly expanding horns, the range of response has been 
great ly extended in the direction of response to lower 
tones, this change plus the reduction of resonances in 
the system makes of the horn phonograph a machine 
which holds very closely to the relation out put sound 
pressure proportional to needle velocity, It is, there¬ 
fore, dear that if the electrical reproducing system 
is to be such that records may be satisfactorily inter* 
changed, it must work on the velocity principle. It 
is not apparent that in respect, to wear of records and 
scratch ratio a system in which output, depended on 
deflection rather than velocity would have any ad¬ 
vantages to offset the disadvantage of not having the 
records interchangeable. 


01 the possible devices giving voltage proportional 
to needle velocity, the magnetic and the piezoelectric 


.). function and Dvniyn of 11 nr an fat Loud SpenhtH, hv < *. It. 
fauna unit -J. Hlepian, A. 1. 1*3. 1*3., Thanh. Vol. 43, J921, p 315)8. 

I!i<> I erlornianee ami Theory of Imml Hpeahet* Horn#, by 
A. N. GnlilKmiMi ami John P. Minton, /, R, R, Rm-mHnp 
Aug. 1925. 
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have both been proved practicable, and the condenser 
is unquestionably a possibility. A very satisfactory 
design employing a piezoelectric crystal was worked out 
by Mr. Chester W. Rice of the General Electric Com¬ 
pany. The magnetic reproducer gave substantially 
the same results, and was chosen on account of manu¬ 
facturing considerations. It is the mechanical problems 
involved in the design of this device which are of especial 
interest. 

The Magnetic Reproducing Device or Phonograph 
Pick-Up 

Fig. 1 shows in outline several possible forms of 
magnetic reproducer for use with records having later¬ 
ally cut grooves (as distinguished from grooves of 



Fig. 1—Several Possible Types of Magnetic Phonograph 
Pick-Up 

varying depth). In each of these a .movement of the 
needle causes a change in the flux through the coil or 
coils, and the voltage induced depends on the rate at 
which this flux changes, or on the velocity of movement 
of the iron armature. If there are no short-circuited 
turns, if the winding is electrically unloaded, and if the 
iron parts are of low reluctance at all frequencies 
compared with the air-gaps, the faithfulness of repro¬ 
duction depends entirely on the similarity of motion 
of the armature and needle point. If the structures 
were rigid this similarity would be perfect and distortion 
would be nil. 

Very little power is absorbed by the moving iron 
armature, for the winding is virtually unloaded, and 
even if the winding were loaded through a resistance, 
the power absorption would not be sufficient to produce 
much damping. There is, however, considerable stiff¬ 
ness in the mounting of the armature, necessary to 
resist the magnetic pull. 
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The mechanical problem may then be stated as 
follows: Given a certain movement of the needle tip, a 
motion of identical form must be imparted to a small 
magnetic element at an appreciable distance from the 
needle tip, displacement of the magnetic element from 
its main position being resisted by a spring or its equiv¬ 
alent. There are three types of structure by which 


SPRING 



Fif. 2—Essential Features of a Magnetic Pick-Up 

the vibratory motion might be transmitted and the 
requirement of identical wave form be fulfilled: (1) 
a rigid structure, (2) a spring potentiometer, (3) a filter 
type or wave transmission structure. Fig. 2 shows a 
magnetic reproducing device or pick-up in schematic 
form. The only way in which the motion of the end T 
can differ in wave form from that-at N is by bending of 
the lever or give at the pivot. In other words, making 
the system rigid will prevent distortion. But freedom 
from distortion is also compatible with flexibility in the 
lever and needle. If the needle point is pushed to one 
side of its normal position the yield is partly in the lever 
and partly in the spring S, the amount of motion at T 
depending on the relative stiffness of the two. I have 
called this a “spring potentiometer,” by analogy with 
the electrical potentiometer. If two springs are con¬ 
nected in series as indicated in Fig. 3 the motion of the 
junction point T is a certain fraction of the motion at N. 
The ratio is only constant, however, if mass plays no 
appreciable part. If a mass is located at T the motion 

APPLIED 


SMALL LARGE 
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Fig. 3—Spring Potentiometer 


of the point T will be practically the same as though 
there were no mass present, provided the natural 
frequency determined by the mass in conjunction with 
the two springs is well above the highest frequency 
applied at N. The third type of structure by which the 
motion at N can be accurately reproduced at T is one 
in which both flexibility and mass are distributed. 
The distribution need not necessarily be uniform but 
the masses and flexible elements must have certain 
relations which depend on the range of frequencies to 
be transmitted. In this case there is definite wave motion 
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and progressive phase differences between the motions 
of the successive parts of the structure. Because the 
masses and flexible elements are lumped rather than 
uniformly distributed, the wave motion structure has 
the properties of a filter, and has been called the “filter 
type structure” by Messrs. Maxfield and Harrison in 
their discussion of recording and direct or mechanical 
phonograph reproduction 0 . If the distance through 
which it is desired to transmit acoustic vibrations is of 
the order of several inches it becomes practically im¬ 
possible to construct a rigid mechanical transmission, 
or one in which mass plays negligible part. Wave 
motion becomes inevitable, and to secure distortionless 
transmission it is necessary to so design the system that 
the waves will not be reflected. This means a proper 
proportioning of the mass and flexibility of each part, 
and the final absorption of the wave energy in a mechan¬ 
ical resistance of the correct value. If these conditions 


on the pole. Hence we may limit «>ur choice to column 
III. 

Next is the question of single acting vs. double acting 
or “push pull” arrangements, Comparing k with j 
of Fig. 4, for example, we may say that adding the 
two poles on the left hand side of the armature has 
doubled the magnetic effect which results from a given 
motion of the armature, for there arc just, twice as 
many air-gaps whose reluctance is varied. Moreover, 
by placing opposite poles on the two sides we have 
reduced the steady flux which the armature haGocarry, 
leaving only the residual or alternating flux. Hence 
the armature may actually he lighter in k than in j. 
Again, the rocker type armat ure has an advantage over 
the translation type armature in which both ends move 
in the same direction. It is only the motion of the ends 
of the armature opposite the poles which is effective to 


are met; there is practically no limit to the distance to 
which the vibrations may be accurately transmitted. 

In the case of mechanical reproduction from a laterally 
cut phonograph record the necessary distance from 
needle point to diaphragm is too great for a truly rigid 
connection, while the mechanical resistance necessary 
for proper wave transmission is obtainable from the 
reaction of air on the diaphragm. The wave or filter 
system was, therefore, the logical choice. 

For the electromagnetic reproducer on the other hand 
there appeared to be a possibility of making the distance 
short enough and the parts light enough so that a good 
approximation to a rigid structure could be obtained. 

If this should prove possible, the design would be much 
simplified, the required exactness of duplication would 
be reduced, and the necessity of obtaining a pure 
mechanical resistance would be avoided. 

In considering the design of a magnetic reproducer 
it is necessary to choose between several possible types, 
such as moving-coil as against moving-magnetic arma- p t(J , 
ture, center-pivoted or full rocker as against end- 
pivoted or half rocker, windings on poles as against 



winding on armature. Several of these possible 
types are illustrated in Fig. 4, 

The moving coil arrangement involves a long air-gap 
and, therefore, a heavy field magnet. Moreover the 


produce flux change. In the translation type all parts 
of the armature move initially, whereas in the rocker 
type, the middle has only slight motion fur a given 
motion at the ends. 


mass of the coil is objectionably large. Devices with 
iron armatures which move toward and away from the 
poles of a magnet have better possibility of producing a 
large change of flux interlinkage with a small movement 
of a small mass. 

Again, there is decided choice between the various 
magnetic armature arrangements. In the first place 
it is better to place, the windings around the armature 
than around the poles for much of the flux change in the 
armature involves only a slight shift of the flux from the 
pole pieces and does not cut all the turns of a coil wound 


We have now reduced I he choice in t he half rocker ns 
compared with the full rocker. The* middle of the 
armature of the full rocker is a point of constant mag¬ 
netic potential. If we imagine the armaf tire cut in two 
and only the upper end moved, we should st ill get as 
much flux change through the upper end of the armature 
as we did in the full rocker, provided we could keep the 
lower end of the moving portion at constant magnetic 
potential. In other words, we might, say t hat, in the 
full rocker type the motion of the upper half gives rise 
to the flux change and that the motion of the lower end 


6. High Quality Recording and Reproducing of Munir, and 
Speech, J. P. Maxfield and II, G. Harrison, A. I. R. R., Fob. 
102(5, Bell System Tech, Jour,, July, 1026. 


is required to keep the middle at constant magnetic 
potential. In the half rocker the pivot end of t he arma¬ 
ture can be kept at nearly constant magnetic potential 
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by making the reluctance of the air-gaps at this end 
low compared with that of the gaps at the moving end. 
For example if the reluctance of the gaps at the pivot 
end is equal to that of the moving end, gaps the flux 
variation will be half as much as in the full rocker, 
while if the pivot end gaps have one-fourth the re¬ 
luctance of the moving end gaps, the flux variation in 
the armature will be eight-tenths as much as in the full 
rocker. This assumes negligible magnetic potential 
consumed in the armature and pole pieces, compared 
with that used in the gaps. It appears then that the 
half rocker is not necessarily at great disadvantage 
compared with the full rocker from the magnetic stand¬ 
point, and we shall see that it lends itself better to 
meeting the mechanical design requirements. The 
foregoing comparison of magnetic systems does not 
take into account the possible power output of the 
winding, nor is the elastic stiffness required to hold the 
armature in its mean position allowed to weigh in the 
choice. The comparison is wholly from the standpoint 
of obtaining the maximum open-circuit voltage with the 
minimum effective inertia of moving parts. 

It is desirable that the magnetic reproducer shall 
utilize needles of about the size already in use. This 
means that the needle clamping screw must be within 
about % in. of the record. The screw is a potential 
source of trouble, first because it adds mass to the mov¬ 
ing system and secondly because it has its own natural 



Fig. 5—Magnetic Phonograph Pick-Up as Manufactured 

frequency of vibration which reacts on the motion of the 
armature producing both an anti-resonance and a 
resonance. If the screw is very short and stiff, its 
natural frequency may be high enough to avoid detri¬ 
mental effect, but the problem may then be to make it 
conveniently accessible. The types of device shown 
in Fig. 1 depend on using a short stiff screw. In designs 
of the type shown in Fig. 1b the set screw was accessible 


but these devices were found to depart too far from rigid 
structures, and high-frequency resonances resulted 
with almost complete loss of the frequencies above 
the resonance. In the type of reproducer shown in 
Fig. lc the set screw is difficult to reach owing to the 
presence of the coil and pole pieces. Alternatives 
to the set screw were considered, but a more satisfactory 
solution appeared to be the location of the screw in the 
axis of rotation: In this position it can be made as long 
as desired and no effect of screw resonance has been 



Fig. 6—Magnetic Phonograph Reproducer and Parts 

observed. Placing the screw in the axis of rotation 
practically necessitates the half rocker rather than the 
full rocker construction, since the length of standard 
needles is such that the armature cannot extend far 
enough below the set screw to afford room for a coil and 
pole pieces. 

Fig. 5 and 6 show the construction of a successful 
design of magnetic reproducer of the half rocker type. 
The armature is designed to have the smallest possible 
moment of inertia consistent with an adequate magnetic 
section and moderately large amplitude of movement 
of the upper end. In order that the axis of rotation may 
coincide with the screw and pivot axis at all frequencies, 
the armature is designed to have the center of gravity 
of the armature and needle coincide approximately with 
the pivot. The method of pivoting is unusual. In order 
that rotation might take place about the screw axis a 
journal type of bearing was desired, but all rubbing 
friction must be avoided in acoustic devices if distortion 
is to be obviated. Hence instead of having the shaft 
rotate within a journal with sliding friction, a film 
of rubber is interposed. This permits small rotation 
in either direction without friction but with a slight 
energy loss, more nearly resembling viscous damping, 
which is desirable. Objection might be made that such 
a pivoting system would permit translation as well as 
rotation. The objection may be answered in two ways. 
In the first place the yield of a sheet of rubber to direct 
compression is very slight. Rubber yields very readily 
in shear, and this permits rotation. It also yields 
easily in compression when it can expand freely in a 
lateral direction, but when a thin sheet of rubber 
completely fills the space between two surfaces whose 
dimensions are large compared with the thickness of the 
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rubber, compression becomes very difficult. In the 
second place a slight translation would do no appreciable 
harm, having the effect simply of shifting the center of 
rotation by a small amount, which does not materially 
reduce the output. Experience so far with this 
method of pivoting has shown it very satisfactory. 

While the rubber packed journal provides a restoring 
force, whose magnitude depends on the shape of the post 
and thickness of the rubber, it is not sufficient to hold the 
armature in neutral position when a strong magnet is 
used. It was necessary to provide a supplementary 
elastic restoring force in the form of rubber plugs on 
either side of the "fish tail” or moving end of the arma¬ 
ture. The rubber plugs provide not only the needed 
stiffness or stabilization but a very useful degree of 
damping. 

For the purpose of making a simple analysis of the 
mechanical properties of the structure we may treat the 
arrangement as a flexible needle, a rigid rocking beam, 
with a spring tending to hold the rocker in normal 
position and an energy absorber in conjunction with the 
spring. Buell a system is illustrated in Fig. 7. A 
certain motion is assumed to be imparted to the needle 
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tip A, and we are concerned with the motion of the 
end T of the armature. 

Let / « movement of inertia of the armature 

n ~ stiffness of needle, that is the force at A 
required to defied, end of needle a given 
amount, (dynes per centimeter) 
l « distance from pivot to needle point (centi¬ 
meters) 

m distance from pivot to end T of armature 
,s* *= stiffness of restoring spring at T (dynes per 

centimeter) 

Ii « resistance factor at T, (dynes per unit 
velocity) 

/ ~ frequency 

CO =•■ 2 7T f 

A « amplitude of motion at needle tip 
a = instantaneous deflection at the needle tip 
X « amplitude of motion at end T 
x « instantaneous deflection at point T 
0 = angle of deflection of armature from mean 

direction. 

0 is always small so that 

~~~ Lm 0 = sin 0 « 0 

P = maximum force applied at‘A 
V = instantaneous force applied at A. 


The driving moment is p I 

The resisting motnenl is m us in (h I m ^ H in 

The difference between these two moments is ex¬ 
pended in accelerating the armature 

d-< 0 d (I 

1 dp pl N " h> m “ ,11 (!) 

The problem is most easily solved if we assume a 
sinusoidal motion at, '/’and find (lie force and motion at 
A required to produce it. 

Assume x X cos 2ir f i V cos to / (2) 


eos to t 


CO MU 1 0 ( 

ni 


to" COS w / 

m 


Substituting (3), (4s, and i5« in < 1 ? gives 


•/ CO 1 ' COS CO / P I N III X COS (0 / }- It III to X sin to/ 


v i .v ( .,,, i ;;;) 
A f / r u 


u ni 1 ■ J cos to/ A II ni cosin m / (6) 


cos to ( R m co sin co / 


The deflection at the needle t ip is the sum of that due 
to the tipping of the armat ure and t hat due t o t he bend¬ 
ing of the needle, 

a « / 0 | P (8) 

n 1 

or from (3) and (8) 

R . p 

« 83 ./ cos co t I (9) 


i cos CO t 


eos co / 


a « X 


R in to sin co t 


J » m / to* 1 \ 
M n l ' l n l m / 

R m to 

■“* . , sin u t 


COM £0 t 
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Or considering amplitudes only 
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Equation (12) shows the manner in which the re¬ 
sponse will vary with frequency. For uniform response 

X i n i 

-j- should be constant or independent of co. As was 

stated in an earlier paragraph this condition will be 
realized (1) if the structure is rigid or (2) if the structure 
is what we might call a spring potentiometer. A 
rigid structure would mean making the needle stiffness 
n infinite. This would make equation ( 12 ) become 

X 1 m 

-r=/-T=-V = -7" (13) 


. .. — \2 


or the motions At the two ends are proportional to the 
lever arm lengths. 

Again if the inertia and damping are zero we obtain 
X 

a constant ratio for —for equation ( 12 ) becomes 


in which all the factors are constants. 

In equation ( 12 ) we see that at a certain frequency 

, l s I o > 2 

or value of co, the factor - +. —r — —;— will 


become zero. At this frequency will have a max¬ 
imum value which is limited only by the damping. 

„ l S I CO 2 


Setting -: - 

m 

tion ( 12 ) gives 


equal to zero in equa- 


X 1 n l 

= ■= - = p- (15) 

A R m co R m co 

n l 

In genera] damping does not play an important part 
except near the resonant frequency. The inertia 
becomes a minor factor when the frequency is well 
below that at which resonance occurs, so that in the 

X 

lower part of the frequency range the ratio ap¬ 


proximates the constant value shown in equation (14). 
The construction of a reproducer in which distortion is 
reduced to a negligible quantity, therefore depends on 
making the resonance occur at a frequency so high that 
the most important part of the acoustic range is in¬ 
cluded below the resonance. It is furthermore neces¬ 
sary that there be sufficient damping so that the 
response at the resonance frequency is not excessive. 
It is to be noted that the resonance frequency is de¬ 
termined by the inertia of the armature and the restor¬ 
ing force not of the spring or cushions alone, but the 
combined stiffness of the springs and the needle. The 
natural frequency of the armature with the needle 
free has practically nothing to do with the response. 
characteristic of the reproducer. The resonance cor¬ 
responds to the natural frequency of the armature when 
the needle tip is held stationary. The action at 
resonance might be described as a whipping, such that a 
small movement at the needle tip causes large motion of 
the armature. Below resonance we may regard the 
vibrations as entirely forced by the cut in the record 
both as to amplitude and frequency. 

To obtain a high resonance' frequency, the first 
requisite is to make the moment of inertia of the 
armature small. At the same time the moving end of 
the armature must be far enough from the center of rota¬ 
tion to vibrate with considerable amplitude, and from 
the standpoint of magnetic design the cross-section 
of the armature must be sufficient to have low reluctance 
and to avoid any possibility of saturation. In practise 
it was found that the last mentioned conditions were 
met when the armature was made heavy enough for 
mechanical sturdiness and long enough to provide 
reasonable winding space. Special care has been 
taken to minimize the mass of those parts of the arma¬ 
ture which have greatest motion, metal which is close 
to the axis of rotation having little influence on the 
moment of inertia. 

The second requisite for high natural frequency is 
stiffness either in the spring or the needle or both. 
Reference to equation (14) which throughout most of 
the frequency range is a measure of the response, shows 
that if we increase the spring stiffness s, we decrease the 
sensitivity, while increasing n, the needle stiffness 
increases sensitivity up to a certain limit. It might 
seem, therefore, that the stiffest needle obtainable 
should be used, and the spring stiffness should be only 
what is required to hold the armature in neutral 
position. But the effect on sensitivity is small so 

sm l 

long as the fraction —y is small compared with-, 

nl m 

and damping is best when a “soft”' needle is used, 
for the following reason. The needle is a highly 
resilient spring, whereas the spring S which in the 
present design consists in a pair of rubber plugs, has 
a large damping factor. In fact the damping R, 
and stiffness s, go together. With a given-value of s 
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and A’, the stiffer the needle the greater the resonance 
response, as shown in equation (15). Hence we work 
with the largest ratio of cushion stiffness to needle 
stiffness which we can use without serious loss of 
sensitivity. A factor which helps make it possible to 
get the desired damping without excessive stiffness ats, 
is the presence of the magnet, which tends to pull the 
armature away from neutral position and thereby 
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reduces the net stiffness to considerably less than the 
value it has when the magnet is removed. 

Measurements on a sample magnetic, reproducer gave 
the following values of the principal constants. 

Mass of armature with Victor medium needle 1.5) 
grams. 

Moment of inertia of armature and needle I 0.28 
gin. cm. 2 

Length, center of rotation to moving end of armature, 
m - 1.1 cm. 

Length, center of rotation to tip of needle (Victor 
medium) l == 1.6 cm. 

Stiffness of armature mounting (assumed concen¬ 
trated at end) « ** 70,000,000 dynes per cm. 

Same with magnet removed. 90,000,000 dynes 
per cm. 

Stiffness of needle (Victor medium, clamped for 
% in.) n e* 80,000,000 dynes per cm. 

Damping factor as calculated from observed increase 
in response at resonance, Ji = 3720 dynes per cm. 
per sec. 

Fig. 8 shows characteristics calculated from the 
above constants. It will be noticed that the required 
driving force at the needle tip has a minimum value at 
2800 cycles. This is the natural frequency of the 
armature when the needle is free. It is also to he 
observed that the armature resonance at 5000 cycles 
is accompanied by an increase in the force reaction. 
Hence damping to keep down the resonance not only 
improves the response characteristic, but reduces the 
wear on the record. 

Fig, 9 shows response curves of several factory 
samples of reproducers,- taken by means of an oscillo¬ 
graph. The oscillograph vibrator is supplied from the 
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output stage of a resistance coupled amplifier. The 
film is run slowly and the width of the envelope of the 
vibrations is a measure of the voltage applied by the 
reproducer to the grid of the first, tube. The record 
used for this test is one cut by a special process so as to 
give an amplitude of cut varying inversely as the fre¬ 
quency. In other words a constant, velocity cut is 
used. The approximate frequencies are indicated on 
each film, A slight increase in voltage is not ieed toward 
the upper end of the frequency scale, followed by a drop 
to almost zero, for in all eases t he output falls off very 
rapidly above the resonance frequency. 

Scratch Cmitral Circuit, Any exaggeration of the 
high frequencies produces a disagreeable increase in 
“surface noise” or “scratch.” It has appeared de¬ 
sirable in fact, to partially suppress the higher fre¬ 
quencies in order to reduce .scratch. This has been 
accomplished by connecting a coil and condenser in 
series across the reproducer winding/' This shunt 
circuit times at about, 4500 cycles but has a decided 
effect at 3500 cycles and above, The width of the 
frequency hand affected may he controlled by varying 
the ratio of capacity to inductance, while the degree of 
suppression for the frequency at which tin* reactance is 
minimum, is determined by the resistance of t he coil. 
The suppression of high frequencies is at the cost, of 
some articulation in speech but on the whole gives a 
more pleasing result, particularly with musical numbers, 
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Tone Arm Vibrations. The foregoing analysis of 
the action of the reproducer is based cm the assump¬ 
tion that the device as a whole remains stationary 
with respect to the axis of the groove in the record. 
This condition, however, does not necessarily ob¬ 
tain. The net stiffness at the needle tip which is 
l/(/,ym 2 « + l/n) is sufficient to resonate with the mass 
of the entire reproducer at a frequency of the order of 
150 cycles. Since the reproducer is fairly rigidly 
moun ted on the tone arm, the inertia, flexibility, and 

7. Tim “aerateli control" circuit, which in being used witf » 
contribution of Mr. Julius Weinberger of the Technical and Tost 
Department, of the Radio Corporation of America, fin also 
built the llrnt magnetic reproducer of the bottom-pivoted half 
rocker typo. This model which showed excellent eharaeteristks, 
served as the basis for the design described in thin paper. 
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mechanical damping in the latter play a part in this 
type of resonance. Flimsy construction of the tone 
arm or its mounting gives rise to an irregularity in the 
response at low frequency, which while not an extreme 
resonance nor especially noticeable in listening is 
nevertheless a defect. Rigid construction and es¬ 
pecially some energy loss at the pivot on which the arm 
swings, appear to be a practically complete cure for low 
frequency resonance of the type just described, and with 
such a satisfactory carriage the response becomes 
practically uniform from below 100 cycles to above 
4000 cycles. 
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Discussion 

C R. Hanna: In the paper by Mr. Kellogg no mention has 
been made of factors which determine the sensitivity of the 
pickup device other than that mass has something to do with it. 

This statement is made: “The foregoing comparison of mag¬ 
netic systems does not take into account the possible power 
output of the winding, nor is the elastic stiffness required to hold 
the armature in its mean position allowed to weigh in the choice. 
The comparison is wholly from the standpoint of obtaining the 
maximum open-circuit voltage with the minimum effective 
inertia of moving parts.” 

This discussion has to do with the factors which affect the 
sensitivity. The first of these is elastic stiffness which is not 
taken into account in the paper. In Fig. 8 of the paper, the curve 
given for the reaction force on the record against frequency, 
shows that the pickup device requires greater driving force in the 
low range of frequencies for a given velocity, and therefore, may 
cause excessive wear on the record. The stiffer the restoring 
member the steeper this curve will be. The stiffness of the 
restoring member, which in the design described by Mr. Kellogg 
is principally in the upper two rubber plugs, must be sufficiently 
great to prevent the armature from being pulled over to one 
pole or the other. The presence of the magnetic poles thus 
produces an effect which is known as magnetic reduction of 
stiffness and this reduction of stiffness must never be greater 
than the mechanical stiffness of the mechanical restoring mem¬ 
ber. In manufacture, it is never possible for the magnetic 
reduction of stiffness to be greater than some 50 per cent of the 
mechanical stiffness, leaving about 50 per cent as net stiffness. 
To prevent excessive wear to the record the net stiffness must be 
small, and since the magnetic reduction of stiffness bears a 
constant ratio to the mechanical stiffness, the magnetic stiffness 
cannot be greater than a certain amount. This necessitates 
either a weak magnet, a long air-gap, or fairly small pole faces, 
all of which make for low senstivity. 

The other factor that weighs in sensitivity is the inductance. 
If more turns are wound on the coil, or a higher-ratio step-up 
transformer is used, to get greater output voltage, the inductive 
impedance of the device may become too high for the circuit into 
which it is to operate; namely, the grid of the vacuum-tube 
amplifier. Thus, the effective inductance of the device has a 
definite upper limit. 

Now, as a general proposition, it can be shown that if magnetic 
saturation and leakage are negligible, the sensitivity expressed 
in volts per unit velocity at the needle is dependent upon two 
factors only: (1) the magnetic reduction of stiffness, which is 
limited because of wear on the record at low frequencies; and 
(2) the inductance of the device, which is limited because of the 
impedance of the vacuum tube into which t he device is to operate. 
The relation 2 is Volts/(cm./sec.) =. s/ 10 -7 X Inductance 
X Magnetic Stiffness. When these two factors are held con¬ 
stant, all of the arrangements which were shown in the paper 
will have the same sensitivity characteristic, provided magnetic 
saturation or magnetic leakage do not come into play. 

2. C. R. Hanna, Design of Telephone Receivers for Loud-Speaking 
Purposes, Proceedings, I. R. E., August 1925. The relation given in this 
paper is for the force factor and must be divided by 10 7 to obtain generated 
voltage per unit velocity. While the proof of the relation is given for a 
particular structure, it can be shown that it applies to all devices in which 
the inductance varies inversely with a linear function of the displacement 
of the moving iron member. 
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And so tho advantage of one construction over another, 
magnetically, in any ease will be due to lens leakage or less 
saturation, or both. Of the various arrangements having low 
saturation and leakage, the above relation shows that the one 
winch is most suitable for mechanical considerations may be 
chosen without sacrifice of sensitivity. 

E- W. Kell odd: Mr. Hanna has called attention to the fad 
that in making my choice from the numerous possible magnetic 
arrangements, I have limited my consideration to certain 
criteria; namely, securing the maximum volts per turn for a given 
magnitude of stored energy in the inertia of the vibrating arma¬ 
ture. Ho introduces a different point of view, in which flm 
stiffness of the armature mounting is to bo limited in order not to 
cause excessive wear on the record, and ho readies tho interesting 
conclusion that if well designed, almost any of the magnetic sys¬ 
tems is as good as any other. This conclusion is itself a vindica¬ 
tion of the point of view adopted in the paper. With armature 
stillness as the controlling factor, there is no choice; but when we 
take small inertia, as the desideratum, the choice is narrowed 
down to one or two arrnugomonts. Thu reduction of inertia of 
the vibrating parts is desirable from the standpoint of wear on 
records, but is especially important for high-quality reproduc¬ 
tion. Tim lighter the moving parts, the higher will he dm fre¬ 
quency at which w hip resonance occurs, and therefore the greater 
the range of frequencies which can he reproduced. Tim fact l lia.t 
tile force on the needle tip is greater at low frequency where si iff- 
ness is the controlling factor than at high frequency where 
inertia predominates, may be taken as an indication dial dm 
effort to keep the inertia, low was successful. Tho stiffness 
is not materially greater than Hint of mechanical reproducing 
systems, and if experience shows that greater flexibility is 
important, it will have to be secured, as Mr. Hanna’s analysis 
show-s, at. the cost of lower sensitivity. In this connection 
I should like to commend Mr. Hanna’s I. It. M. paper, for it 
is instructive and interesting. But the case considered there 
is a loud-speaker design and the fueler which is of primary 
importance in one problem is not necessarily so in the other. 
The fundamental difference is that in the loud-speaker drive the 
current supplied results in a certain force being applied to the 
diaphragm and the amplitude is determined by the ease of 
movement of the diaphragm, while in the phonograph reproducer, 
the amplitude is practically fixed by the groove in the record. 

The question might he raised why voltage per turn instead 
of power output was taken as the measure of elllcieucy of Hie 
magnetic arrangement. When the reproducer was first designed, 
it was expected that it would be connected directly to the 
grid of a tube, without a transformer. In this case, the mini¬ 
mum size of wire and available winding space being practically 
fixed, tho useful output would be measured in terms of the volt¬ 
age per turn developed by a given needle, velocity. If Hie 
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reproducer is used with :t IrairHorim r, tic tbh poser uj« 
volt-ampere output appears lo he a nmiv logieni l>a i f,,r .■*,m- 
parison of different .strum ores. I hould Ida to add a brief 
discussion of this case. 

I f the I ru listen tier has a step up ratio A . and if ! In > sq.cm \ m 
ground of I he tube grid and wiring- i < the * tY.-et of the trans¬ 
former is lo load fhe reproducer Winding with an • in rig. 
capacity Bui ibis must m.l re-nimh with tin w imiing 

inductance within file wurkiog range >.f frequeium , (',,<• 
resonance would impair <ju: 1 1if . of reproduct inn. Th* loner 
the winding iudiielance the greater flu p oj. min. which 
may be employed. Hence, if we can lower the i ml net,mice by 
raising the reluctance of tin- magnetic circuit v, ule.ut reducing 
fhe ||ux change which results through the winding iicm a “Uen 
needle moveiiieiil, We make it po. lid. T.. u .«• a hiefnr m p up 
ratio and apply more milage to the grid \ consideration uf 
the several magliefic systems illustrated m my Fig I » ill how 
that we h ave no reason for revising our choice of double -acting 
or push-pull sysleniH in preference to snob uchug .-. ■ n-m.-i, up 
of rocking rat her than translation !/. pe nnimiim 

Tliepe is, however, a different It .peel to till eo!!.;..in >.|i of 
the half-rocket' and full roelo r armature-. I? •.». a ■ ... u. <1 in 
the paper that if the reluct!imu of tin magm-tc {..uit at the 
pivot of the half 1 'oeker i: kept low, the voltagi developed would 
be nearly as much as with a full -roei.er IA <r empheov. let 
us fake the ideal case in which I hit. pivot joint reluct mice t.« »-r* j. 
The volt age per turn will he the name so with n tub cocker, 
while the inductance would be (.wire that oi tin foil cnekor 
device. 'I’liis would necessitate rt iluctug tin imn .former t.jo 
up in I he ratio I y \i or 0, > (b, and the voltage at tin grid would 
be reduced in the same ratio, which correspond t. * run me i|j,< 
power in half. 

Were if not for pructicul diltimiil he Inn mg- to do with ckuiij. 
i11f!T the needle, the full-rocker annuluf'e would perhaps have 
been chosen. Bill I liesr difficult ler, were . I mu . mid He eh an 
Inge of the full I'ocker is Dot so great {pH tie two to oil. power 
ratio would make it appear In the hr j place, fin power 
ratio is based upon the umuimptmu that both . md .*f the full, 
rocker move as much as the one moving uni of the hah rocker, 
Phis would mean more umlal to he moved, and if tin wiupfrr* 
qtiericy is to be kept high, there would have i«. in a . >>nq» n ,atuig 
mind ion in amplitude. Again the full rocker, tf proportioned 
to give I.wine the power output of the half t'oeker. would require 
twice as still a mounting to staluliwe the nrimit ure »n * In- air* 
gaps, and this, as Mr. Hnuiui hte. pointed out, i objedionahlc 
from fin* standpoint of record wear, By the time tin « fad on 
urn compensated h\ changing the ratio of armature to needle 
movement, practically all (lie advantage of sin nil! rocker 
ariuaiure has disappeared. 
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Television 

BY HERBERT E. IVES* 

■ Non-Member 


Synopsis— The chief problems presented in the accomplish¬ 
ment of television are discussed. These are, the resolution of the 
scene into^ a series of electrical signals of adequate intensity for 
transmission; the provision of a transmission channel capable •of 
transmitting a wide band of frequencies without distortion; means 


Introduction 

T HIS paper is to serve as an introduction to the 
group of papers following, which describe the 
apparatus and methods used in the recent experi¬ 
mental demonstration of television over communication 
channels of the Bell System. In that demonstration 
television was shown both by wire and by radio. The 
wire demonstration consisted in the transmission of 
images from Washington, D. C. to the auditorium of 
the Bell Telephone Laboratories in New York, a 
distance of over 250 miles by wire. In the radio demon¬ 
stration, images were transmitted from the Bell Labora¬ 
tories experimental station at Whippany, New Jersey, 
to New York City, a distance of 22 miles. Reception 
was by two forms of apparatus. In one, a small image 
approximately 2 in. by in. wasproduced, suitable for 
viewing by a single person, in the other a large image, 
approximately 2 ft. by 23 /£ ft., wasproduced, for viewing 
by an audience of considerable size. The smaller form of 
apparatus was primarily intended as an adjunct to the 
telephone, and by its means individuals in New York 
were enabled to see their friends in Washington with 
whom they carried on telephone conversations. The 
larger form of receiving apparatus was designed to 
serve as a visual adjunct to a public address system. 
Images of speakers in Washington addressing remarks 
intended for an entire audience, and of singers and other 
entertainers at Whippany, were seen by its use, simul¬ 
taneously with the reproduction of their voices by loud 
speaking equipment. 

Characteristic Problems of Television 

The problem of television in its broad outlines is that 
of converting light signals into electrical signals, 
transmitting these signals to a distance, and then con¬ 
verting the electrical signals back into light signals. 
Given means for accomplishing these three essential 
tasks, the problem becomes that of developing these 
means to the requisite degree of sensitiveness, speed, 
efficiency, and accuracy, in order to re-create a changing- 
scene at a distant point, without appreciable lapse of 
time, in a form satisfactory to the eye. 

A convenient starting point for the discussion of 
television is the human eye itself. In this an image is 
formed upon the retina, a sensitive screen, consisting 

*Bell Telephone Laboratories, Incorporated, New York, N.Y. 
Presented at the Summer Convention of the A. I. E. 'E., 
Detroit, Mich., June 20-24, 1927. 


for utilizing the transmitted signals to re-create the image in a form 
suitable for viewing by one or more observers; arrangements for the 
accurate synchronization of the apparatus at the two ends of the 
transmission chan nel. 


of a multitude of individual light-sensitive elements. 
Each of these elements is the termination of a nerve 
fibre which goes directly to the brain, the entire group 
of many million fibres constituting the optic nerve. 
A theoretically possible television system could be made 
by copying the eye. Thus a large number of photo¬ 
sensitive elements could be connected each with an 
individual transmission channel leading to a distant 
point, and signals could be sent simultaneously from 
each of the sensitive elements to be simultaneously 
used for the re-creation of the image at the distant 
point. The number of wires or other communication 
channels demanded in a television system of this sort 
would be unpractically large. For practical purposes, 
reduction of the number of transmission channels is 
made possible by the fact that, while in vision all parts 
of the image on the retina are simultaneously and con¬ 
tinuously acting to send nerve impulses, the inertia of 
the visual system is such that a sensation of continuity 
is obtained from discontinuous signals, provided these 
succeed each other rapidly enough. Due to the phenom¬ 
enon of persistence of vision, it is immaterial to the 
eye whether the whole view be presented simultaneously 
or whether its various elements be viewed in succession, 
provided the entire image be traversed in a sufficiently 
brief interval, which for purposes of discussion may be 
taken as l/16th of a second or less 1 . We thus have 
available in television the same artifice which is used in 
the much less exacting problem of transmission of pic¬ 
tures over a telephone line, that is, of scanning, or 
running over the elements of the image in sequence, 
instead of endeavoring to transmit all of the elementary 
signals simultaneously. The development of a tele¬ 
vision system therefore necessitates, at an early stage, 
the design of some scanning system by which the image 
to be transmitted may be broken up into sequences of 
signals. In the simplest case, where one transmission 
channel is to be used, the whole image will be resolved 
into a single series of signals; if more than one transmis¬ 
sion channel is to be utilized, the resolution may, by 
parallel scanning schemes, or ’ their equivalent, be 
broken up into several series for simultaneous 
transmission. 

1. This figure of l/16th of a second, commonly quoted in 
discussions of this sort, is a convenient one, although the fre¬ 
quency of image repetition necessary to extinguish flicker” is 
actually proportional to the logarithm of the field brightness. 
A somewhat higher rate of image repetition was used in the final 
television apparatus. 
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Like the eye, an artificial television system must have 
some light-sensitive element or elements by means of 
which the light from the object shall produce signals of 
the sort which can be transmitted by the transmission 
system to be used. For a television system to operate 
over electrical transmission lines this means some photo¬ 
electric device. It is obvious that this photoelectric 
device must be extremely rapid in its response, since the 
number of elements of any image to be transmitted 
must be some large multiple of the fundamental image 
repetition frequency, that is 16 per second. The 
response should, of course, be proportional to the in¬ 
tensity of the light, and finally, the device must be 
sufficiently sensitive so that it will give an electrical 
signal of manageable size with the amount of light 
available through the scanning system. "Phis latter 
requirement, that of sensitiveness, is one which, it was 
realized from studies made with our earlier apparatus 
for the transmission of still pictures over wires 8 , would 
be extremely difficult to meet. In the picture trans¬ 
mission system a very intense beam of light from a small 
aperture is projected through a transparent film and 
on to a photoelectric cell. In practical television, the 
system must be arranged to handle light reflected from 
a natural object, under an illumination which would not 
be harmful or uncomfortable to a human being. Actual 
experiment showed that the greatest amount of light, 
which could be collected from an image, formed by a 
large aperture photographic lens on the small scanning 
aperture of the picture transmission apparatus was less 
by a factor of several thousand times than the light 
projected through it for still picture transmission 
purposes, Assuming the same kind of photoelectric 
cell to be used, the additional amplification required 
over that used in the picture transmission system, 
taking into account also the higher speed of response 
demanded, would bring us at once into the region where 
amplifier tube noise and other sources of interference 
would seriously affect the result. This indicated clearly 
that some more efficient method of gathering light from 
the object than the commonly assumed one of image 
formation by a lens was required, unless some much 
more sensitive type of photoelectric cell should be 
found. 

Assuming that means could be developed for produc¬ 
ing an electrical signal proportional to the intensity of 
the light, of sufficient quickness to follow a rapid 
scanning device, and of sufficient strength either as 
directly delivered from a photosensitive device or as 
amplified, the next problem is that of its transmission 
over an electrical communication system. We may 
quickly arrive at an understanding of certain of the 
transmission problems by reviewing the requirements 
for the transmission of photographs. In the system of 
still picture transmission now in use by the American 

2. “Transmission of Pictures over Telephone Lines,’' Ives, 
Horton, Parker, and Clark. Bell By atom Technical Journal, Vol. 
IV, No. 2, April, 1925. 


Telephone & Telegraph Company, a picture 5 in. by 7 in. 
in size, divided into the equivalent of 10,000 elements 
per square inch or 250,000 elements, is transmitted in 
approximately seven minutes. 'Phis requires the trans¬ 
mission of a frequency hand of about 100 cycles per 
second on each side of the carrier frequency. If we 
plan, in the transmission of television, to transmit 
images of the same fineness of grain, it would 
mean that what, is now transmitted in seven min¬ 
utes would have to be* transmitted in a HUh of a 
second, which in turn means that the transmission fre¬ 
quency range would have to be nearly 7000 times as 
great. That is, a band approximately 2,000,000 cycles 
wide would be required. Hearing in mind that, wire 
circuits are ordinarily not designed to utilize frequencies 
higher than 40,000 cycles per second, and t hat with radio 
systems uniform transmission of wide signal bands be¬ 
comes extremely ditHculf, it is seen at once that either 
an image of considerably less detail than that which we 
have been considering must suffice, or else some means 
for splitting up the image so that it may be sent, by a 
large number of channels is indicated. 

A further t heoretical requirement must also be given 
consideration. This is that the complete television 
signal will consist of all frequencies up to the highest 
above discussed, ami down to zero, that is, an essential 
part, of the signal is the direct current component., 
furnished by those parts of the scene which do not 
change. The problem of handling the very low fre¬ 
quency components, presents difficulties both in the 
vacuum tube amplifier system adjacent to the photo¬ 
sensitive device, and in ordinarily available transmis¬ 
sion channels. 

In any case certain fundamental transmission re¬ 
quirements must be met. These arc that the attenua¬ 
tion of the signals must be uniform over the whole 
frequency range and that the speed of transmission of 
all frequencies must be t he same. Also, as in t he trans¬ 
mission of sound signals, the amount of interference or 
noise must, be kept down suHieiently not to impair the 
quality of the signal or picture. 

Assuming the undistorted transmission of the signals 
to a distant point, the next, fundamental problem of 
television is the reconstruction of the image, or the 
translation of the elect rical signal hack into light of 
varying intensity, dust: as at the sending end we have 
seen that the production of a useful electrical signal 
with the amount of light available from a naturally 
illuminated object is a major problem, so at the receiv¬ 
ing end the converse problem, that, of securing an ade¬ 
quately bright light from the electrical signal, presents 
great difficulty. The nature of the problem may be 
understood by assuming that it is to be done by pro¬ 
jecting the received image on a screen similar to an 
optieal lantern projection screen. If the spot of light 
which is to build up this image scans the whole area in 
the same way that the object, is scanned, we find that 
the amount of light which can be concentrated into a 
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small elementary spot will, when distributed by the 
scanning operation over the whole screen, reduce the 
brightness of the screen in the ratio of the relative areas 
of the elementary spot and the whole screen. The 
amount of this reduction will, of course, depend upon 
the number of elements into which the picture is 
divided, but will in any event be a factor of several 
thousand times. It is doubtful whether any light 
source exists of sufficient intensity such that an image 
projected by it can be spread out by a scanning opera¬ 
tion over a large screen and give an average screen 
brightness which would be at all adequate. It is possi¬ 
ble to imagine optical systems by which such a thing as 
the crater of an arc could be projected upon the screen, 
but the motion of this image and its variation in inten¬ 
sity would involve the extremely rapid motion of 
lenses, mirrors, and apertures of a size such as to render 
the operation mechanically impracticable. It appears 
from these considerations, that the only promising 
means of reconstructing the image would be those in 
which a light source, whose intensity can be controlled 
with great rapidity, is directly viewed. 

Another element of a television system upon whose 
solution success depends as much as any other is that of 
synchronization; the reconstruction of the image, 
postulated in the last paragraph, is only possible if the 
reconstructed elements fall in exactly the right posi¬ 
tions at the right times, to correspond with the signals 
as generated at the analyzing end. The criterion for 
satisfactory synchronization will be expressed in terms 
of variation from identity of speed by figures which 
will depend on the fineness of grain of the image which 
it is planned to send. No element of the image must, 
of course, be out of place by a considerable fraction of 
the size of the element. 

General Outline of Means Employed in the 
Present Television System 

It has been pointed out above that if the goal which 
we set in television is the transmission of extended 
scenes, with a large amount of detail and hence made up 
of an exceedingly large number of elementary areas, 
we meet with the necessity for transmission channels of 
a character which are not now available. In the present 
development it was decided at the start to restrict our 
experiments to a size and grain of picture which, if the 
scanning and re-creating means were developed, would 
.be capable of transmission over practical transmis¬ 
sion channels, either wire or radio. This restriction 
fortunately leaves us with the possibility of meeting 
what was felt to be the typical problem of a Telephone 
. Company, namely the transmission of a human face 
in a television system used as an adjunct to a telephone 
system. Taking as a criterion of acceptable quality, 
reproduction by the halftone engraving process, it is 
known that the human face can be satisfactorily repro¬ 
duced by a 50 line screen. Assuming equal definition 
in both directions, 50 lines means 2500 elementary 


areas in all; 2500 elements transmitted in 1/16 second 
is 40,000 elements per second. The frequency range 
necessary to transmit this number of elements per 
second with a fidelity satisfactory for television cannot 
be calculated with assurance in advance. An approxi¬ 
mate value can however be arrived at from a study 
of the results obtained in still picture transmission. 
In pictures transmitted by the system already referred 
to, individual faces contained in a square space Y 
inch on a side are quite recognizable 3 . Taking the ratio 
of this area to the area of the whole picture, and using 
the frequency range figure already deduced, for a com¬ 
plete 5 in. by 7 in. picture, it appears that a band of 20,000 
cycles would be sufficient to transmit such an image in 
1/16 second 4 . These considerations led to the choice 
of a 50 line (2500 element) image as one which would be 
both satisfactory as to detail rendering, for our purposes, 
and as calling for frequency transmission requirements 
sufficiently low to give a good margin of safety in 
existing single communication channels. 

As • a method of scanning, the method which is 
probably mechanically simplest, namely that of rotating 
disks with spirally arranged holes, proposed by Plot- 
now 5 in 1884, was chosen. In accordance with the 
choice of grain above indicated, the disks were per¬ 
forated with 50 apertures. 

For the second element of the problem, the light- 
sensitive means, the alkali metal photoelectric cell was 
chosen as possessing the qualities of proportionality of 
response and quickness of reaction. The currents 
produced by it are at best quite small, but they lend 
themselves to the process of amplification by the three- 
electrode vacuum tube amplifier. 

The problem of securing a large enough signal, which 
is intimately associated with that of securing enough 
light from the object, was, in our development work, 
postponed in the earlier stages, our first experimental 
work having been done by concentrating light through 
photographic transparencies 6 . The solution of the 
problem of securing adequate light was subsequently 
attained by reversing the light path and projecting a 
narrow beam of light through the scanning disk upon 
the object. By this means only the element of the 
object which was being scanned was illuminated at 
any one time, thereby reducing the average illumination 
enormously, and the problem of increasing the signal 
strength could be attacked by increasing the amount 

3. c. f. Fig. 18 of the paper referred to (Reference 2). 

4. A factor which this analogy does not cover is that if the 
image is moving so that it falls on several discrete scanning 
elements in rapid succession a very material apparent increase 
in the fineness of the image structure results. This effect is similar 
to that by which the relatively coarse grained individual images 
in a motion picture film fuse to give smooth appearing pictures. 

5. Plotnow, D. R. P. 30105, 6.1, 1884. 

6. As one step in the development work moving picture film, 
.projected by a commercial projector in synchronism with the 
scanning disks, was successfully transmitted. 
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of photo-sensitive surface as well as by increasing the 
brightness of tire scanning light 7 . 

The problem of amplifying the photoelectric currents 
to sufficient value for transmission was solved by a 
practical compromise which at the same time met one 
of the transmission difficulties. This compromise 
consisted in amplifying and transmitting only the 
fluctuating or alternating current components of the 
signal, leaving the direct current component, which 
determines the general tone value of the image, for 
empirical reintroduction at the receiving end. By 
this scheme, stable amplifier constructions were made 
available, and the transmission channels, particularly 
the wire channels, could be utilized in their normal 
working form. 

At the receiving end, the problem of securing a 
sufficiently bright image was solved, as indicated earlier, 
by the use of self-luminous surfaces of much higher 
intrinsic brightness than it is possible to secure by 
illumination of a surface by any light source which can 
be rapidly controlled as to its intensity. The self- 
luminous surfaces employed were glow lamps containing 
neon gas, the brightness of which changes with suffi¬ 
cient rapidity to follow the incoming signals. 

The problem of synchronization was postponed in our 
earlier development work by mounting the scanning 
and receiving disks upon the same axle. 11 was later 
solved for the demonstration apparatus by the utiliza¬ 
tion of synchronous motors controlled by two fre¬ 
quencies, a low frequency, that of the image repetition 
period and a high frequency, chosen of such a value that 
the fraction of the cycle through which hunting occurred 
amounted in angular displacement to less than half the 
angular extent of a single disk aperture. The syn¬ 
chronization control therefore called for the trans¬ 
mission of additional currents for synchronization 
purposes over and above the picture current. 

In order to transmit and synchronize the image 
signals it is necessary to transmit three different 
frequency bands, one for the image, and two for 
the high and low frequency synchronization con¬ 
trols. In the demonstration of April 7, 1927, the 
images were sent in the wire demonstration over 
a high quality open wire line. The synchronization 
control was sent over two separate carrier channels 
of a second telephone line. In addition to these lines, 
another line was used for conveying the telephone 
conversation. 1 n the radio demonstration two different 
wavelengths were used respectively for the image 
signals and for the synchronization signals which were, 
as in the wire demonstration, carried on two different 
carrier frequencies. A third channel was used for the 

7. A Hi, ill fur(,1 1 or advantage in obtained by limiting the scan¬ 
ning light to the region of the spectrum to which the photoelectric, 
cells are sensitive (blue and violet). This is unnecessary where 
one way transmission only is used hut is of value whore in two 
way transmission a transmitted image is to bo viewed by a per¬ 
son being scanned. 


voice. In the case of both wire and radio transmission, 
it is quite possible to pul all of the different signals upon 
the same transmission channel, using different carrier 
frequencies. 

It will aid toward a dear undersf unding of the 
reasons for the success of the system of television 
described in the following papers if we summarize at 
this point the chief novel features to which that success 
is due. They may he lisled as follows: 

1. Choice of image size ami structure such that 
the resultant signals fall within I he transmission fre¬ 
quency range of available transmission channels. 1 

2. Scanning by means of a projected moving beam 
of light. 

8. Transmission only of alternating current com¬ 
ponents of image. 

4, Use of self-luminous surfaces of high intrinsic 
brilliancy for re-eonsfruclion of the image. 

5. High frequency synchronization, 

Applications and Feteuh Developments 

It is not easy at this early date to predict with any 
confidence what will be the first or the chief uses for 
television, or the exact lines that future development 
may take. If must he clearly understood that tele¬ 
vision will always hi* a more expensive service than 
telephony, for the fundamental reason that if demands 
many times t he transmission channel capacity necessary 
for voice transmission. This expense will inevitably 
increase in proportion to the size and quality of the 
transmitted image. 

The kinds of service which are naturally thought of 
upon consideration of the services now rendered in 
connection with sound transmission are: first, service 
from individual to individual, parallel in character to 
telephone service, and as an adjunct thereto; second, 
public address service, by which the face of a speaker 
at a distant point could he viewed by an audience while 
his voice was transmitted by loud speaker; third, the 
broadcasting of scenic events of public interest, such as 
athletic contests, theatrical performances, and the 
like. 

.The first two types of service just mentioned lie 
within, the range of physical practicability, with 
apparatus of the general type already developed. 
The third type, because of the uncontrolled condi¬ 
tions of illumination, and the much finer picture 
structure which would he necessary for satisfactory 
results, will require a very considerable advance in the 
sensitiveness and the efficiency of the apparatus, to say 
nothing of the greatly increased t ransmission facilities, 
For all three types of service, wire or radio transmission * 

<S, Ah the succeeding papers show, Mu* margin between the 
frequency range required by the scanning apparatus and that 
which could he made available was quite liberal. It appears in 
the light of our experience that apparatus with (HI or 70 scanning 
holes instead of f»() might be used with the transmission facilities 
which were at our disposal. 
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channels could be utilized, for while the problems hid¬ 
den! to securing distortionless transmission' over wide 
frequency bands, or multiple transmission channels, 
are different in detail in the two cases, they appear to be 
equally capable of solution by either means. However, 


the very serious degradation of image quality produced 
by the fading phenomena characteristic of radio indi¬ 
cates the practical restriction of radio television to fields 
where the much more reliable wire facilities are not 
available. 




The Production and Utilization of Television 

Signals 

BY FRANK GRAY*, J. W. MORTON*, and R. O. \1 ATI IKS* 

Nun-Member Member, A. I E. 15 . A. I. K. K 


Synopsis. . The design of a television system, once the fund a- 

mental principles are understood , involves a detailed considera¬ 
tion of the methods by which the several important functions arc 
to be performed, 

C1.) In the present, system, the initial signal wane is obtained 
by sweeping a spot of light over the subject, in parallel lines com¬ 
pletely scanning it once, every JSth of a second. The light, reflected 
is collected by large, photoelectric cells which control the trans¬ 
muted current. At the receiving station the picture current controls 
the brightness of a neon lamp from which the received image is 
built up by means of a small, aperture waving in synchronism 
until the spot, of light at the transmitting station. For presentation 
to a large audience television images may be produced, by a neon, 
lamp in the farm, of a grid having a large number of separate, elec¬ 
trodes. /i high frequency excitation controlled by the picture cur¬ 
rent, is distributed to the successive electrodes in synchronism with, 
the spot of light at the transmitting station. 


(2) Space and time variations m the reflecting power of the 
subject, are. translated into tune variation:, in myna! ■■trenglh. 
For design purposes these time variation:: are »> pee rented by non- 
pone.nl frequencies, a minimum hand of which in n ! hi properly 
transmitted to insure an adequate re production of the image, With*, 
in this band there must he maintained a certain degree of uniformity 
in the efficiency of transmission of the separate rampatient::, Mw, 
their phases must not be permitted to shift unduly in relation la 
each other. 

fit) The design of the terminal am ph tier:, is based an the quanti¬ 
tatively determined, characteristics, of the photoeh etrie cells am} of the 
neon lamps as well as an tin limits imposed by the turn mi . mu 
study anti by the characteristic;: of amitablr lean mission media, 
•whether telephone line or ratlin system. The circuits, employed at 
the transmitting station fnenis.ii an amplification .melt that the, 
power delivered to the transmission wed! tun i It**'' linos the power 
received from the photoelectric n ils. 


SECTION I 

Apparatus for the Analysis and Synthesis of the Image 


rni;IE introductory paper to this series of articles on 
television explained principles along which any 
television system must operate to transmit an 
image over a'single pair of wires or other channel of 
communication. As the first step in such a transmis¬ 
sion, the space variations in brightness from point to 
point in the view must be translated into time variations 
in an electrical current that can be sent over the channel 
of communication. This translation may be accom¬ 
plished by a scanning process that operates on the view 
to produce the same effect as if the view were cut up into 
a single long strip and passed rapidly in front of a light- 
sensitive cell to generate an electrical current varying 
with * the brightness along the strip. To eliminate 
flicker in the reconstructed image and also to follow 
moving subjects in a view, the scanning process must be 
repeated and a new picture transmitted at least every 
sixteenth of a second. 

Many purely theoretical methods could be, and have 
been, devised to accomplish such a scanning process and 
to translate a view into electrical currents or signals. 
Unfortunately, however, a practical system of television 
must operate with materials and conditions as they 
exist, and these practical limitations constitute the 
serious problems of television. 


receiving apparatus lead to the use of synchronously 
rotating machines as apparently the only praetieal 
solution of flu* scanning and receiving problems. 
Consequently, the present television system has been 



Pu!. ! Kkvkji.m, Bight Km uckn I i,m mi*, vn Tiir Situpt; 
A Lknk Ft i t< mm an hi auk which in Kcanm n my a Kibjiai, of 
A 1 'nitTii huh, Tmtmuii which tub Li out Pai.i,** hn a Mishit; 
PnoTOKBKl'Title ( *KI.I, 


The high speeds and relatively large amplitudes with designed to operate wit h emitinuously rot at mg mechuni- 
which any television scanning mechanism must move, cal parts. 

and the necessity for synchronizing the transmitting and The efficiency that, must be secured in the optical 

♦Alt or Boll Tolnplioiio LnhoratorioH, Incorporated, Now York , ! >ar( ' of Hemming method is fixed by the t llttH* follow- 
N. Y. factors - the amount of picture detail that is to be 

Presented at the ftummer Convention of the a. /. e. a. transmitted, the efficiency of the light sensitive cell, and 
Detroit, Mich., June so-24,1027. the practical limit to amplifier systems. The first of 

91K 
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these factors decides the area from which light can be 
collected at any one instant. In the present case this 
was fixed in an initial survey of the entire television 
problem when it was decided to confine the first attempt 
to the transmission of pictures as if they were made 
up of 2500 small elemental areas; that is, to scan the 
view in a series of fifty parallel lines. The second factor 
is determined by the sensitivity of the potassium 



Fig. 2—Light from a Single Source is Projected as a 
Small Moving Spot on the Subject; the Reflected Light is 
Received by Several Photoelectric Cells 

hydride photoelectric cell. This cell is, at the present 
time, the most efficient light-sensitive cell that can 
follow the rapid variations in light intensity without a 
time lag. The third factor, the limitation of amplifier 
systems, results from the extraneous currents that are 
present in metallic conductors and amplifier tubes. 
The thermal agitation of the electrons in any input 
resistance generates such currents; and rapid variations 
in the number of electrons emitted from the hot filament 
of an amplifier tube also generate disturbing voltages. 
For successful amplification, the initial photoelectric 
current must be considerably larger than these extrane¬ 
ous currents. Consequently, the optical arrangement 
must be such that at any one instant it collects enough 
light from an elemental area of the view to generate 
this minimum permissible output current from the 
photoelectric cell. 

The operation and advantages of the scanning 
method actually used in the present process for trans¬ 
mitting television images may be better understood by 
first considering a simple and analogous method illus- 
strated by Fig. 1. The subject is illuminated by lights 
placed in front of it as shown. A lens forms an image 
of the subject on the rotating disk. This disk is 
pierced with a series of small holes or apertures arranged 
in the form of a spiral; and, as the disk rotates, the 
apertures trace across the image one after the other in a 
series of parallel lines.. The frame limits the size of the 
image and prevents more than one aperture being in 


the image at one time. Light, passing through an 
aperture as it travels across the image, falls in the light- 
sensitive cell and generates a picture current propor¬ 
tional to the brightness of the image from point to point 
along strips taken one after the other across the image. 

In any system such as that outlined above, which 
depends upon scanning ah image of the view as formed 
by a lens, the efficiency of the system is ultimately 
limited, for any given size of image that can be scanned, 
by the ratio of aperture to focal length of the best lens 
that can be secured. Experiments show that, with the 
best lens available to form a one-inch-square image, 
it would be necessary to illuminate a subject with a 
16,000 candle power arc at a distance of about four feet 
in order to secure an image bright enough for a photo¬ 
electric cell to give an output current above the noise 
level in an amplifier system. * In other words, television 
would apparently be extremely inconvenient to the 
subject if it were to be carried out from an image 
formed by a lens. 

In the system actually used for television transmis¬ 
sion, this apparent limitation has been evaded by 
reversing the entire optical system of Fig. 1 and ar¬ 
ranging it as shown diagramatieally in Fig. 2. Instead 
of scanning an image of the subject, the actual subject 
is scanned directly by a rapidly moving spot of light. 
An illustrative laboratory set-up, Fig. 8, shows the 



Fig. 3—Illustrative Transmitting Apparatus 

Light from the arc lamp is condensed on the disk, which is driven .by a 
high frequency synchronous motor. The disk carries a spiral of pin hole 
apertures, each of which in turn projects a moving spot of light on the 
subject. Reflected light is collected by three large photoelectric cells 

arrangement of parts in such a transmitting station. 
A fifteen-inch disk rotating approximately eighteen 
times per second carries a series of fifty small apertures 
arranged in the form of a spiral. A. beam of light is 
condensed by a lens from a 40-ampere Sperry arc to 
intensely illuminate a limited area in the path of the 
moving apertures; and a slender, intense beam of light 
passes through each aperture as it moves across the 
illuminated area. A frame in front of the disk permits 
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light to emerge from only one aperture at a time and the 
lens in front of the disk focuses an image of this moving 
aperture on the subject. As a result of this arrange¬ 
ment the subject is completely scanned in a series of 
successive, parallel lines by a rapidly moving spot of 
light, once for each revolution of the disk; and on 
account of the transient nature of the illumination the 
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subject is scarcely aware that he is being exposed to it. 

As the spot of light traces across the subject, light 
is diffusely reflected or scattered from the subject in all 
directions, and some of the light that is reflected for¬ 
ward passes into three large photoelectric cells placed 
just in front of the person who is being viewed. The 
current outputs from the three photoelectric cells 
operate in parallel into a common amplifier system. 


As the beam of light passes, for instance, across a 
person’s eyebrow less light, is reflected t.o the photo- 
e’ectric cells, and as the beam passes across his forehead 
more light is reflected. Since the current output from 
the photoelectric cells is proportional to the received 
light, the current follows accurately the brightness of 
the various elemental areas of the subject's features 
as he is traced over by the scanning beam, This 
fluctuating current, is unidirectional. 

The act,ual operation of such an optical system, its 
influence on the lighting effects and quality of the 
reproduced image, may best, be understood by noting 
that optically the system is identically t he same as if all 
of the rays of light wore reversed in direction to give an 
optical system equivalent to Mg. 1. The television 
apparatus sees the subject exactly as if rays of light, 
came out of the photoelectric cells to illuminate the 
subject,; the lens formed an image of the subject on the 
disk; and the apparatus scanned this image and re¬ 
produced it at the receiving end. The lights and 
shadows seen in the image are the same as if the subject 
were illuminated by three large lights in the positions 
of the photoelectric cells and looked at from the position 
of the lens. It, also follows from the above considera¬ 
tions that, within its range of resolving power, this 
scanning method will not only reproduce a plane sub¬ 
ject, such as a drawing, hut that it will also faithfully 
reproduce throe-dimensional figures with sharp edges 
and elevat ions and depressions, just as well as they 
could be reproduced in a photograph, 

In addition, because the light passes in an approxi¬ 
mately parallel beam through u disk aperture, the 
slender beams of light sweeping across t in* region in front 
of the transmitter just barely overlap each other even 
at a considerable, distance from the apparatus, Con¬ 
sequently, it is not necessary that the subject be at the 
exact; positions at which the small apertures are sharply 
focussed; and within wide limits no confusion results 
as the subject moves toward or away from the 
apparatus. The brightness as well ns the size of the 
received image decreases as the subject moves away 
from the photoelectric cells; and for good transmission 
of the human features, which reflect very little blue 
light to which the photoelectric cells are sensitive, a 
person should not be more than a few feet away from 
the cells. 

This method of scanning permits two very large gains 
to be made in the amount of light available for pro¬ 
ducing photoelectric currents, The transient nature of 
the light permits a very intense illumination to be used 
without inconvenience to the subject. Furthermore, 
the optical efficiency of the system is not limited by the 
apertures of available lenses; but can be increased by 
using large photoelectric cells and more than one cell 
connected in parallel. 

1 he photoelectric cells of the potassium hydride, gas- 
filled type used in the transmitting stations, were 
specially constructed for the purpose and are probably 
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the largest photoelectric cells that have ever been made, 
Fig. 4. Three of these cells present an aperture of 120 
square inches to collect the reflected light. 

With this large collecting area and the strong light 
intensity that can be used for the transient illumination, 
the cells give an electrical output that, though still 
extremely small, is safely above the noise level of an 
amplifier system. 
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subject seated in front of it. The apparatus sees the 
person from light reflected back into the three large 
cells located just behind the screened openings in the 
case. 

The variations of the feeble picture currents delivered 
from these photoelectric cells are highly amplified and 
transmitted over a wire or radio channel of communica¬ 
tion by circuits described elsewhere in this series of 
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IT a. f> — Tkj/kvision Transmitting Apparatus 


Sweeping beams of light pass out through the tunnol-like opening In the photoelectric coll case; light reflected from the subject is collected by 
throe large photoelectric colls behind the screened openings 


A photograph, Fig. 6, shows the details of a television 
transmitting station as it is operated in the field. 
The arc, rotating disk, and photoelectric cells are con¬ 
tained in separate cabinets and alined as shown in the 
photographs. The three photoelectric cells and first 
stages of amplification are mounted in a shielded, sound¬ 
proof case. The slender, sweeping beam of light coming 
from the disk cabinet passes through the tunnel-like 
opening in the photoelectric cell case and scans the 


articles. At the receiving station this current shape 
is re-amplified, impressed on a direct current, and finally 
produces an image in the receiving apparatus. 

A photograph, Fig. 6, shows an illustrative arrange¬ 
ment of the parts in one type of television receiver. 
An essential part of this type of receiver is a disk similar 
to the one at the transmitting station and also provided 
with fifty small apertures arranged in the form of a 
spiral. The driving motor rotates the disk in exact 
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synchronism with the one at the transmitting station. 
'The observer looks at a small rectangular opening or 
frame in front of the disk. This frame is of such 
dimensions that only one aperture can appear in the 
field of view at a time. As the disk rotates, the aper¬ 
tures pass across the frame one after the other in a 
series of parallel lines, each displaced a little from the 
preceding one until in one revolution of the disk the 
entire field has been covered. Beyond the disk is a 
special form of neon glow lamp shown in detail by Fig. 7. 
In this lamp, the cathode is a flat metal plate of a shape 
and area sufficient to fill entirely the field defined by the 
frame in front of the disk. The anode of the glow lamp 
is a similar metal plate separated from the cathode by 
only a very small space (about one millimeter). At 
the proper gas pressure this space between the plates is 
within the “cathode dark space” where no discharge 
can pass. As a consequence, the glow discharge de¬ 
velops on the outer surface of the cathode, where it 
shows as a perfectly uniform, thin, brightly glowing layer. 



Fig. 10—Detailed Structure of the Grid 

The exterior electrodes are pieces of metal foil cemented to the outside 
of the tube. The interior electrode is a long spiral of wire 

As an aperture in the disk moves across the field, the 
observer, looking through at the neon lamp behind 
the disk, sees the aperture as a bright point. When the 
disk is rotating at high speed, the observer, owing to the 
persistency of vision, sees a uniformly illuminated area 
in the frame, provided that a constant current is flowing 
through the lamp. (The line structure that would 
otherwise appear in the field is largely eliminated by 
using apertures that slightly overlap in their paths 
^across the field.) 

The brightness of the neon lamp is directly propor¬ 
tional to the current flowing through it; and when a 
picture is being received, the lamp is operated directly 
from the received picture current. As a result of the 
system just described, there is at any instant, in the 
field of view at the receiving station, a small aperture 
illuminated proportionally to the brightness of a cor¬ 
responding spot on the distant subject. Consequently, 
the observer sees an image of the distant subject re¬ 
produced in the frame at the receiving station. 

Fig. 8 shows the external appearance of the disk type 


of receiver in which the images appear. The disk 
rotates inside of a rectangular cabinet and the ob¬ 
server views the image through the shielding window. 
The largest disk, three feet in diameter, gives a 2 in. 



Fig. 11—Distributor and Wiring 

Higli frequency current is distributed by 2500 wires to successive elec¬ 
trodes of the grid from 2500 bars on a high speed distributor 



Fig. 12—Details op the Distributor 

The bars~are arranged in four rows each displaced with respect to the 
other three. The sliding brush is a strip of thin sheet metal 

by 23d? in. rectangular image. Each television receiver 
is also equipped with a telephone receiver and trans¬ 
mitter; and it is possible for the observer to both see 
and converse with a distant person at the same time. 
























024 


GRAY, HORTON, AND M ATI IKS: 


Tran -in-i i>»n > A. I. K, ]<;, 


Considering the limited number of picture elements, 
a surprising amount of detail can be transmitted with 
this television system. A distant person can be seen 
and easily recognized and his motions can be plainly 
followed as he talks into a transmitter, turns the pages 
of a magazine, and goes through other similar motions. 
Large sized pictures in a magazine can be seen as the 
subject turns the pages and looks at them himself. 

An auxiliary television receiving system also accom¬ 
panies each transmitting set and enables the operator to 
see that he is sending a satisfactory picture current out 
over the channel of communication. This auxiliary or 
pilot picture is formed on the scanning disk itself. 
A small fraction of the outgoing picture current; is 
tapped off and amplified to operate a neon lamp, 
which is placed behind the disk ninety degrees 
around from the scanning beam. An image of the 
subject may thus be seen on the scanning disk just as at 
a receiving station. To correct for the ninety degree 
phase shift, the spiral of apertures on the transmitting 
diskis continued by additional apertures a quarter of a 
turn beyond the starting point. The first turn alone 
of the spiral is used for scanning; and the last (.urn 
alone, to form the pilot image; consequently, this image 
appears exactly in frame. A small mirror on the front, 
of the mol,or cabinet reflects this image to the operator 
and enables him to see the character of the picture that, 
lie is sending out over the channel of communication. 

When it is desirable to present, television images to 
a large audience a special grid type of receiver is used. 
The grid lias the appearance of an illuminated screen 
and can lie seen throughout a large auditorium. The 
image is not projected on the screen from a lantern 
like a moving picture; such optical projection would lx 1 
inefficient and demand the electrical control of an 
impractical amount of light. The picture current; it¬ 
self is distributed by a commutator to successive ele¬ 
mental areas of a large neon lamp. This lamp, as 
shown in Pig. 9, consists of a single, long, neon-filled 
tube bent back and forth to give a series of fifty parallel 


sections of tubing. The lube has one interior electrode 
and 2500 exterior electrodes cemented along the hack 
side of the glass tubing, Fig. .10. A high frequency 
voltage applied to the interior electrode and any one of 
the exterior electrodes will cause the tube to glow in 
front of that particular electrode. The glow discharge 
actually passes to t he inside wall of the glass tubing 
and the high frequency current (lows l»y a capacity 
effect; out through the glass wall to the exterior elec¬ 
trode. The high frequency voltage is commutated to 
the electrodes in succession from 2500 bars on a dis¬ 
tributor, Fig. I t, with a brush, Fig. 12, rotating; syn¬ 
chronously with the disk at a transmitting station. 
Consequently, a spot of light moves rapidly and re¬ 
peatedly across the grid in a series of parallel lines 
one after the other and in synchronism with the 
scanning beam at the transmitting; station. With a 
constant exciting voltage the grid appears as a uni¬ 
formly illuminated screen; hut, when the high frequency 
voltage is modulated by the received picture current, 
an image of I lie distant subject is produced on the screen 
and his motions can be followed just as in tin* smaller 
images formed on a disk. 

This method of presenting television imagesfoalarge 
audience permits a. very ellieient use of the available 
energy to reproduce a piet ure, The modulated current 
produces a glow discharge that exactly covers an ele¬ 
mental area of the picture on the screen and is viewed 
directly by the audience; consequently, there is abso¬ 
lutely no loss of energy after the picture current, 
has been converted into light, hi addition, each illu¬ 
minated area of tin* screen responds to t he picture cur¬ 
rent in the same manner; the exterior electrodes are 
exactly alike, and the use of a sing It* 1 uhe assures the 
same pressure and purify of neon throughout the grid. 

Fig. U shows such a pereen set up for demonstration 
in an auditorium. A loud speaker is mounted just 
below the screen and if is thus possible for a large 
audience to both second listen to a distant person at the 
same time. 


SECTION n 

The Television Signal Wave 


Bo far it has been assumed that the electrical signal 
wave is perfectly transmit,ted between the conversion 
devices which transform the light variations into 
electrical variations and back again. Perfect trans¬ 
mission is, however, impossible with practical ap¬ 
paratus. There are certain requirements placed upon 
the generated signal wave by the characteristics of 
practical communication channels, and reciprocally 
certain demands are made upon a transmission system 
by the inherent nature of an adequate television signal. 
In addition to exploring these mutual requirements 
experimentally it, is desirable to analyze them in such 
a way that, as far as possible, quantitative expression 


may be given to them. This expression in the case 
oi the signal wave is best made by tin* methods of the 
Fourier analysis; considering the signal us made up of 
many sine wave components of various frequencies. 
The requirement on the signal may ( hen he described in 
terms of these components and the requirements on 
the connecting transmission system in terms of attenu¬ 
ation and phase characteristics over a band of fre¬ 
quencies, These requirements will now he discussed as 
a basis for the subject, matter'of the succeeding section 
of this paper and of the following companion papers of 
this group on Wife Tmuxmimitm Syntemn for j'vbrimti 
and Radio Tmmmmimi Syxtenmfur Telmhittu. 
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The problems to be discussed may be conveniently 
consid ered under three headings: 

(a) The Character of the Television Signal. 

(b) Requirements upon the Signal Wave Set by the 
Characteristics of Available Transmission Channels. 

(c) Requirements which the Transmission Channels 
must meet in order to carry Television Signals, 

(a) The Character of the Television Signal. As we 
have seen, the voltage produced across the resistance 
in series with the photoelectric cell is a fluctuating uni¬ 
directional potential. The generated signal therefore 
has frequency components beginning at and including 
zero frequency. The value of the voltage at any 
instant is,roughly proportional to the average reflected 
illumination at that instant from an illuminated spot 
whose size depends upon the apertures in the scanning 
disk. At any point where there is a sudden change in 
the tone value of the subject there will also be a sharp 
change in the generated voltage. It will, therefore, 
be seen that but for the limits of speed of action of the 
photoelectric cell and its connected circuits the gen¬ 
erated signals would tend to include components over 
the whole frequency range up to infinity. Since it 
is possible to effectively transmit but a limited range 
of these components, the width and location of the 
frequency band necessary for the acceptable repro¬ 
duction of a given size and structure of image must 
be determined. It is convenient to consider first the 
low frequency end of the band. 

In the early experimental work it was soon found 
that in attempting to amplify the lower frequencies 
by the use of direct current amplifiers, unstable con¬ 
ditions of operation were reached before sufficient 
amplification was obtained to operate the receiving 
apparatus. Experiments were then made with re¬ 
sistance-condenser coupled amplifiers which, showed 
that, if the efficiency of such an amplifier at the fre¬ 
quency equal to the number of pictures sent per second, 
was not more than about two T U below its average 
efficiency for the transmitted range, acceptable repro¬ 
duction of the picture was secured together with 
stable operation of the amplifiers. When the low 
frequency cut-off of the amplifier was set much above 
this, spurious shadows were introduced into the 
picture. That there will be a critical lower frequency 
for the transmission of an unchanging scene is obvious 
since the Fourier series into which the signal may be 
analyzed starts with a constant term and the sine wave 
terms begin with the picture frequency and include 
a vast number of its harmonics. If the constant 
component (d-c.) is removed, the lowest frequency 
which remains to be transmitted is therefore the 
picture frequency. 

The effect of removing the d-c. component of the 
signal can be qualitatively traced in a simple manner. 
Imagine three types of still pictures or scenes to be 
transmitted by the system. Let the first be quite 
dark in general effect and require fluctuations in the 
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signal current of a certain average amount for its 
transmission. Such a picture would have a low direct 
current component. Let the second picture consist 
largely of medium grays and require about the same 
fluctuations in signal intensity for its delineation. 
Such a picture will have a medium direct current 
component. Let the third picture be very light in 
general effect with such difference in light and shadow 
as would require the same fluctuations in signal inten¬ 
sity as the other two pictures. Such a picture would 
have a relatively high direct current component. 
In passing through a resistance-condenser coupled 
amplifier, the signals for all three types of pictures would 
be changed from fluctuations superimposed upon 
direct current to alternating currents, all of about the 
same average value. 

At the receiving end of the circuit the direct current 
component may be reinserted by superimposing the 
alternating current fluctuations upon a fixed value of 
direct current such as the steady state current in the 
last amplifier tube. This direct current component 
would give the best average results if it corresponded to 
that suitable for the gray picture, which would, of 
course, then be most nearly correctly reproduced. 
However, most of the detail of the dark and light 
scenes would also be reproduced though the tone 
values would be distributed about a medium gray. 
Fortunately a change in character of this kind has 
proved for the most part unimportant. Where it is 
important it can.be taken care of very simply by 
providing, at the receiving end, means, either manual 
or automatic, for changing, in accordance with the 
type of scene being transmitted, the magnitude of 
the unidirectional current upon which the received 
alternating current is superposed, which amounts 
simply to the restoration of the direct current. 

In the case of scenes which are changing, however, 
frequencies lower than picture frequency will in general 
be generated and their suppression may he expected to 
affect to some degree the perfection of the picture. 
In effect, these frequencies are analogous to changes 
in tone values in the case of still pictures and their 
elimination results in fluctuations in the apparent 
brightness of the image. This effect is not disturbing 
with many types of subjects, as for example in the 
reproduction of the face. 

One remarkable result of not transmitting the direct 
current component of the signal in the case of the 
reflected beam method of scanning is that the tele¬ 
vision transmitting apparatus can be located and 
operated in a well-lighted room, for if this general 
illumination is constant it simply increases the direct 
current component of the. signal. Similarly if the 
scene itself contains a source of steady light, this will 
be visible only in so far as it reflects the scanning 
beam. 

Turning now to the upper part of the frequency 
range, experimental data on the highest necessary 
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components were obtained by the use of circuits with 
low pass instead of high pass characteristics. With 
the television terminal apparatus operating at 17.7 
pictures per second, it was found that a filter whose 
phase distortion had been, corrected over practically all 
of its pass band of 15,000 cycles produced a degradation 
in image quality which was just detectable when 
the human countenance was being transmitted. Since 
the electrical terminal apparatus without the filters 



would efficiently transmit frequencies higher than 
this, the experiment showed either that frequencies 
higher than this were not present in the generated 
signal, that they were not effectively reproduced, or 
that they contribute little to the appearance of the 
image. This upper limit to the useful frequency 
range for this apparatus is rather lower than was 
anticipated from the initial survey but because of 
psychological factors (decreased discrimination of tone 


the optical system and that introduced by frequency 
limitation in the electrical par! of the system. It j s 
convenient to consider I hem foget her as t he type of dis¬ 
tortion turns out to be similar for the two cases. This 
distortion may he considered most, simply in relat ion to 
the type of signal corresponding to a sudden unit 
change in tone value at some point in the subject. 
With an ideal television system in which the instan¬ 
taneous values of signal current are at all times pro¬ 
portional to the tone values of t he points being scanned, 
the resulting signal would be represented by the graph 
of Fig. 1,‘b Such a consideration involves no real loss 
in generality as any signal shape may be considered as 
the result of infinitesimal abrupt changes in intensity. 

if is readily seen that if a square aperture passes 
with uniform velocity over a part of the picture having 
an abrupt change from dark to light t he result is that we 
get a signal from the photoelectric cell which, instead 
of building up instantaneously, builds up linearly 
during a lime, T, Fig. M, which is the time required for 
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values for fine details, apparent, improved resolution 
when the subject is moving, etc.) if proves satisfactory 
for television purposes. 

It is of importance, however, to know where the 
limitation in frequency range occurs in the apparatus 
and how it might tie modified. Considerable informa¬ 
tion on this point is obtained by studying the nature 
of the distortion introduced by the aperture in 


the aperture to pass a given point., 1 The net ell'cef; 
is an apparent sluggishness in the response of the 
system. The doffed curve of Fig. M shows the 
integrated illumination passing through a circular 
aperture of a diameter corresponding to t he same time, 
/', for the condition of Fig, 1M, Due to the simpler 
analysis the discussion will be carried out in terms of t he 
square aperture though flic sluggishness due to the 
round one is seen to be slight ly less. 

Now this kind of sluggishness in response is quite 
similar to that introduced in the electrical part of the 
system when tins upper frequencies are cut out or not 
transmitted as efficiently as the lower ones. The 
effect of frequency limitation can be investigated 
theoretically in a fairly simple fashion if we make 
the ideal assumption that all frequencies are trans¬ 
mitted without distort ton up t o a out-off frequency, 

and extinguished beyond it. In Appendix l, it is 
shown how the signal of Fig. hi is atlected by a fre¬ 
quency limitation of this type. We cun then plot a set 
of curves as shown on Fig. 15 from which we can 

J. This effing of aperture distortion wan pointed out in iho 
paper ‘TramuniHHiim of PieluroH over Telephone Pines" by 
IvoH, Horton, Parker, anil ('lark, li. S. V. J„ April, 1020. 
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measure the total time of rise due to both the aperture 
and frequency limitation. The abscissa is the product 
of N = 2 7r f c and the time, t. Any one curve serves 
for a wide range of values of N and T as long as their 
product is the same. Call the new time of rise r. 
Then we can plot a relation as on Fig. 16 between 
JVr and N T from which we can draw conclusions as to 
the relative effects of aperture and frequency distortion. 



NT 

Tig. 16—Sluggishness Due to Distortion as a Function of 
the Aperture Width and Frequency Restriction 


in a square picture of 2500 elements sent 16 times a 
1 

second T = "jp qqq of a second, and f e = 20,000 

cycles at the knee of the curve. The point on the 
curve where the effect of frequency restriction in¬ 
troduces a sluggishness in following light changes com¬ 
parable to that introduced by a square aperture is the 
same frequency as that arrived at as the upper limit 
to useful frequencies by considerations from still pic¬ 
ture transmission, in the introductory paper by Mr. 
Ives. Its value is equal to one-half the number of pic¬ 
ture elements. 

It has furthermore been found possible to determine 
ideal electrical transmission characteristics or equivalent 
transfer admittances of circuits which produce exactly 
the same distortions as various types of apertures. 
While it appears impossible at present to construct a 
physical circuit which will produce such characteristics 
over the whole frequency range, the problem is not 
difficult if we limit ourselves to the most important 
frequency band. This is of interest as it points out 
the possibility of compensating for the effect of the 
aperture by putting in an electrical network with 
frequency transmission characteristics the inverse 
of those so determined. Within the range of important 
frequencies it turns out that the effect of the aperture 
is the same as that of a network which changes merely 
the relative amplitudes of the frequencies into which 
the picture signal may be analyzed. Neglecting 
constant multiplying factors, the relative variation 


Below the knee of this curve we have approximately 
Nt = 2 7r 

1 

r = —j— and the frequency cut-off determines the 

Jc 

whole distortion. 

Similarly above the knee 
Nr = N T +.7r 

r = T + -yr and the controlling influence is 
that of the aperture. 

Unless one effect is much more easily remedied than the 
other, the knee of the curve appears a reasonable point 
to select for operation. At the knee NT* = 2 t f c T k 
~ 7r and T k = 1/2 f c . At this point the total lag is not 
much greater than that due to the frequency restriction 

alone and is — j— or twice T k . That is, at this point, 

the additional lag in the time of rise of signal due to the 
restricted frequency range is equal to that due originally 
to the aperture, though the additional lag due to the 
aperture is not much greater than that due to the 
frequency restriction alone. For a square aperture 



Fig. 17—Equivalent Transfer Admittance of Various 
Apertures 


over the frequency range for a square aperture is given 
sin T co/2 

by the factor--— and for a round aperture by 


J i (T co/2) 

CO 


where, as before, T is the maximum time for 


the aperture to pass a given point and J i is the Bessel’s 
function of the first order. The derivation of these 
factors is given in Appendix II. On Fig. 17, Curve 1 
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gives the relative values of the equivalent transfer 
admittance for the square aperture and Curve 2 for 
an inscribed circular aperture, both in case of a 50 
line scanned picture which is square and sent 10 times 

1 

per second. T then is equal to sec * 

In the system as set up for demonstration the image 
is rectangular with the vertical and horizontal dimen¬ 
sions in about the ratio 5 to 4. The circular aperture 
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is about 1 times 1/50 of the vertical height and the 
scanning is done 17.7 times a second. T is then 
0.53 X 10 n seconds and Curve 3 gives (lie correspond¬ 
ing .frequency characteristics. Curve 4 shows that, 
a square aperture of the same area as the circular 
aperture for Curve 3 gives a fairly good approximation 
to Curve 3. Curve 5 gives the combined effect of the 
two circular apertures, sending and receiving, cor¬ 
responding to Curve 3. Curve (> is Curve 5 plotted in 
terms of T IT on the right hand scale. 

An inspection of this last curve indicates that this 
frequency attenuation characteristic, of the aperture 
introduces a considerable loss at 15,000 cycles and 
leaves little of the signal components above 20,000 
cycles. To see if an electrical circuit of characteristics 
inverse to those of the aperture would materially im¬ 
prove the resolution of the image, the circuit 2 , which, 
together with its frequency characteristics, is shown in 
Fig. 18, was inserted between the sending and receiving 
amplifiers. It was designed to compensate for most of 

2. This is ih constant romsUmco typo of corrective network 
or equalhor. Boo Chap. XVII I, “Transmission Circuits for 
Telephonic Communication,” K. S. Johnson. 


the aperture distort ion and its phase distortion was 
made small below 20,000 cycles. On the inn-shaped 
test pattern of Fig. 10 a noticeable improvement, was 
observed, the black and white angles being resolved 
closer to the tip of the pattern. In the case of faces 
the improvement; appeared to be very little hut could 
be detected in the slightly better definition of sharp 
narrow lines such as the frames of horn rimmed spec¬ 
tacles. When a system of considerable attenuation is 
employed between the sending and receiving terminals 
it would in general he preferable to split the equalizing 
between the sending and receiving ends to make the 
best use of the sending end power in riding over 
interference. 

In arriving at (he amount of electrical equalization 
which shall lu* adopted in any particular case it must of 
course he borne in mind that as the aperture is made 
narrower the amount of distortion introduced by it, 
becomes less. As we narrow t he apert ure, however, the 
available illumination becomes less and the signal 
generated by the photoelectric cell becomes smaller. 
A limit is therefore soon reached at which t lie difficulties 
of amplification become greater than the difficulties 
of equalization and a minimum pract ical aperture width 
is thereby determined. If the distortion is corrected 
by narrowing the aperture it is apparent that the 
apparatus will generate, at but little lower than the 
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correct relative efficiency, frequencies much higher than 
those thought, necessary from the more general con¬ 
siderations in Mr. Ives' introductory paper. Decision 
as to the desirable frequency transmission hand for 
the connecting communication channel would be no 
different, for either method of reducing the distortion 
due to the aperture. 

In summary then, we may say that experiment, and 
theory show that the lowest frequency essential to 
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satisfactory results is the picture frequency, and the 
highest frequency required is approximately one-half 
the number of picture elements scanned per second. 

<b) Refinements Upon the Signal Wave Set by the 
Characteristics of Available Transmission Channels: 
The limitations upon the signal wave set by present 
available communication channels are: 

!• The magnitude of the signal necessary to over¬ 
ride the interference to which such channels are subject. 

2. The frequency range, which such channels can 
transmit. 

The first of these is self-explanatory. It determines 
the required amplification and load capacity of the 
transmitting apparatus. In the companion paper on 
Wire Transmission Systems for Television are the data 
on interference and on permissible signal to noise ratio 
which were used in the design of the terminal trans¬ 
mitting amplifiers to be described in the latter part 
of this paper. 

In considering the frequency range of lines, it was 
apparent in the beginning that the wire channel might 
include sections of cable. With exsisting loading 
systems for such cables a frequency range of not over 
40,000 cycles appeared available. The terminal appara¬ 
tus was therefore designed to deliver a generated signal 
whose essential components lay well within this limit, 
and the laboratory tests mentioned in the preceding 
section showed that this requirement was met. 

A lower frequency limit was imposed by the necessity 
of a transformer for joining the transmission line to the 
terminal equipment. Fortunately it proved possible 
to design transformers as described in the final part of 
this, paper in which this limit was at or below the 
essential low frequency limit found in the preceding 
discussion of the signal wave. 

(e) Requirements Which Transmission Channels Must 
Meet in Order to Carry Television Signals. We have 
shown that a certain band width of frequency compo¬ 
nents is essential to the adequate reproduction of the 
image. This sets the frequency limits of the trans¬ 
mission channel which must be provided. It is 
essential, however, that within these transmission 
limits the channel should present a reasonably uniform 
attenuation, and that the phase relations should be 
fairly accurately maintained. The problem as pre¬ 
sented to the transmission engineers of wire, radio, and 
terminal equipment for the recent demonstration was 
to meet the following requirements: 

First, transmission must be provided for frequencies 
between about 10 cycles and 20,000 cycles. 

Second, the amplitude frequency characteristics 
within this range should be uniform to about ±2TU. 

Third, the phase shift through the range should be 
maintained so that the slope of its characteristic as a 
function of frequency is constant to d= 10 or 20 micro¬ 
seconds over all but the lowest part of the frequency 


range. There, about 50 times this limit was considered 
the maximum permissible. 

These requirements were arrived at by considera¬ 
tions based on theory and, experiments on television 
and analogy to similar requirements in telephoto¬ 
graphy. The first requirement follows directly from 
the discussion of the essential frequencies in the signal. 
The following paragraphs are intended to illustrate the 
significance of the remaining requirements. 

As we have as yet no quantitative measure of the 
goodness of reproduction of the image, the matter of the 
second and third transmission requirements on received 
amplitude and phase characteristics over the frequency 
scale is one which had to be decided largely on the basis 
of the experimental results and judgment based on 
general considerations. We have already seen that the 
removal of the very lowest frequencies simply changes 
the tone value of the whole picture. It may be similarly 
reasoned that departures from the average efficiency of 
transmission in the lower part of the frequency range 
would result in the appearance of diffuse shadows or 
high lights. Likewise, it may be concluded that broad 
deviations from the average efficiency of transmission in 
the uppermost part of the signal frequency range would 
result in the accentuation or the fading out of the 
finer detail of the scene. Steep slopes in the amplitude- 
frequency curve would result in the superposition of 
oscillations upon signals representing sudden changes 
in intensity. To reduce these effects every reasonable 
effort was made to keep the variations in the amplitude 
characteristic with frequency as slight as possible,. 
aiming to hold these characteristics for the separate 
parts of the demonstration system to within ± 2TU 
or better. 

In addition to transmitting the component frequen¬ 
cies with the same relative efficiency as regards ampli¬ 
tude, it is also particularly essential in television to 
send them through the system with small relative phase 
shifts; that is,’ with constant velocity or what is equiva¬ 
lent, a phase shift proportional to frequency. It has 
long been known in optical theory that the envelope of a. 
group of waves of nearly the same wave length and 
nearly the same frequency may travel along with a 
“group velocity" somewhat different from the phase 
velocities of the component elements. If the system has 
but small departures from a flat amplitude-frequency 
characteristic and from a linear phase shift frequency 
characteristic, it can be shown that the time of group 
transmission or “envelope delay” is given by d b/d co, 2 
the slope of the curve obtained by plotting the 
phase shift, b, for the system, against the angular 
velocity, co = 2 tt f. The time of transmission of 
a crest for any sine wave component of frequency 

co b b 

-z — is, of course, given by-. If 6 = c co,- = c 

Z 7T CO CO 
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and - 7 — = c. Then the phase and envelope times of 
a co 

transmission are equal and all frequencies as well as 
their group envelopes get over in the same time. If b 

d b . . 

is given m radians, -rj— is given m seconds. In general 

a knowledge of 6 as a function of co is necessary and 
sufficient to determine the phase distortion. A knowl¬ 
edge of - 7 — as a function of co is not sufficient to 
d co 

determine all factors in signal distortion. It is, how¬ 
ever, often easier to measure with the needed accuracy 
and in transmission systems such as have been used 
for still pictures and television has proven a useful 
index of phase characteristics. 

After a preliminary estimate from experience with 

db 

still pictures that the limit on -j~ should be ± 10 

microseconds, an electrical network consisting of five 
sections of a simple lattice structure was used for testing 
the effect of phase distortion with television apparatus. 
This network introduced negligible amplitude distortion 

db 

and a drift in the value of 3 — of 50 microseconds 

d co 

over the frequency range of 0 to 20,000 cycles. Its 
effect was perceptible in blurring the image of a face 
and it decidedly affected a sharp pattern of two parallel 
lines of such width and spacing as to be just within the 
resolving power of the apparatus. This variation of 

db 

- • was about 234 times greater than that postulated. 

Hence ± 10 microseconds was agreed on as a desirable 
db 

limit for though it was felt that this limit might 

be exceeded by a factor' of two in restricted parts of 
the frequency band. 

When this network was combined with a filter the 
slope of whose envelope delay curve was in the opposite 
direction so that over the greater part of the frequency 
range the combined delay of the two circuits was 
constant and equal to 140 microseconds, this time 
delay effect was very graphically brought out. Every 
time the combined circuit was cut in, the undistorted 
received image jumped to a new position a little over 
10 per cent of the width of the picture to one side in the 
direction of scanning. 

db 

To see why 3 — should be maintained at a cons- 
a co 

tant value, consider two sharply defined details near 


together in the picture which would produce a vari¬ 
ation in signal intensity with time as indicated in 
Fig. 20. Imagine each to be cyclically continued so 
that the small detail defines a frequency jh and the other 
defines a frequency / 2 . It is then known from Fourier 
analysis that the frequency spectra of the two details 
are chiefly concentrated around the frequencies A and 

d b 

/ 2 . If is appreciably different at the frequencies 

j ! and fo for any part of the system, the two details will 
be displaced relatively to each other along the line of 
scanning and, in most cases, if this shift is appreciable, 
some change in the shape of the signal wave defining 
each detail results with further increase in the dis¬ 
tortion. The same relative shift would occur if the 
narrow detail were located upon the broader one in 
which case, such a shift would be more apparent. 
It would seem reasonable to expect then that differences 
in the envelope time of transmission comparable to a 
whole picture element (about 28 microseconds in the 
demonstration apparatus) would be noticeable. 

In most images very few details will have signal 



Fig. 20—Signal Details of Concentrated Frequency Spec¬ 
trum for Illustrating the Effect of Envelope Delay 

shapes, as in this special case, in which the frequency 
components are concentrated in narrow frequency 
bands. An abrupt change in signal strength, for in¬ 
stance, is represented by components distributed over 
the whole frequency range. We can imagine these 
frequencies divided into any arbitrary number of 
groups, each of which determines a wave form. When 
these wave forms are added together they will reproduce 
the original abrupt change in signal strength. If, 
however, they are sent through a system in which the 
envelope delays for the different groups are unequal, 
the individual wave forms will be relatively displaced 
and will no longer combine correctly. As a result the 
image is blurred. For some types of phase distortion 
the effect appears as an oscillatory transient following 
sudden changes in intensity. 

It was furthermore found by experiment that the 
limit of dr 10 microseconds was not necessary for the 
lower frequencies. Reference to the delay character¬ 
istics of the transformers described in the latter part of 
this paper shows that in the lower part of the frequency 
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scale deviations from the nearly uniform value of delay 
at the upper frequencies appear of magnitude greater 
than 100 microseconds. When the signal was sent 
through these transformers, however, there was no 
observable distortion of the image. The requirements 
are therefore much more lenient at the low frequencies. 


In the terminal apparatus the problem of meeting 
the above outlined phase transmission requirements was 
not a very serious one. The circuits involved are 
such that when a flat amplitude-frequency character¬ 
istic had been secured the phase distortion was also 
negligible. 


SECTION III 

Terminal Circuits for Sending and Receiving Television Signals 


The preceding sections have discussed the methods 
by which an object, the image of which is to be trans¬ 
mitted, is made to control the time variations in a 
light, thus giving a luminous signal wave, and the means 
by which the image may be reconstructed with the aid 
of an electric signal wave corresponding to this initial 
luminous wave in its relative instantaneous amplitudes. 
Certain important relations between the characteristics 
of the signal wave and the resulting image have been 
pointed out.' There remains the question of obtaining 
an electric signal wave suitable for long distance trans¬ 
mission and of providing for the control of the illumina¬ 
tion at the receiving terminal by the electric signal 
wave as delivered by the transmission medium. 

In the use of wire lines for television it is fortunately 
true that a suitably prepared open-wire circuit possesses 
a frequency range sufficient for the transmission of all 
the essential components of the signal wave. Details 
regarding the characteristics of the wire circuits are 
given in a companion paper by Messrs. Gannett and 
Green, from whose work are obtained data essential to 
the design of the terminal equipment. These data 
fix the power level at which the signal should be de¬ 
livered to the line and the power level which will be 
available at the receiving end. When the transmission 
is by radio it is, of course, necessary to affect a frequency 
translation in order to secure a wave suitable for radia¬ 
tion and transmission through the ether. In this case, 
however, the radio system, which is described in a 
paper by Mr. E. L. Nelson, when considered as a whole 
may be conveniently taken as a system capable of the 
transmission of a signal wave occupying the same 
frequency range as that supplied to the wire circuits. 
In fact the design of the radio system is such that it 
may be used interchangeably with the wire line in so 
far as the remaining electrical terminal equipment is 
concerned. 

The terminal circuits, then, fall into two groups: 
first, those used at the transmitting terminal for building 
up the wave controlled by the time variations in light 
to the power level required by the line and second, 
those used at the receiving terminal to bring the wave 
delivered by the line to the proper form for controlling 
the luminous sources from which the received picture is 
built up. 

Transmitting Circuits 

Starting with the photoelectric cell in which 'the 


initial luminous signal wave is converted to an electric 
signal wave, we are interested in the magnitude of 
various pertinent constants. The cell may be con¬ 
sidered for our purposes as an impedance, the value 
of which is determined by the quantity of light reaching 
it. With no illumination at all this impedance is almost 
entirely a capacitance of the order of 10 m. m. f. When 
the cell is illuminated this capacitance becomes effec¬ 
tively shunted by a very small conductance which is 
roughly proportional to the square of the voltage be¬ 
tween the electrodes. For a fixed potential the 
magnitude of this conductance is nearly a linear function 
of the illumination. With a suitable potential in series 
with the cell, then, there is obtained a current the am¬ 
plitude of which is proportional to the quantity of light 
reaching the cell. 

In order to connect the photoelectric cell to the ampli¬ 
fier there is introduced in series with the cell and its 
polarizing battery a pure resistance the voltage drop 
across which is used to control the grid potential of the 
first tube. It is desirable, of course, to make this 
resistance high in order to have available as much 
voltage as possible. Its value is, however, limited by 
two considerations. The added series conductance 
must not be so low that it appreciably disturbs the linear 
relation between the illumination and the total conduc¬ 
tance of the circuit. The voltage drop must also be so 
small, in comparison with the total potential in the 
circuit, that the photoelectric cell operates at an 
approximately constant polarizing potential. 

In view of the extremely small voltage of the electric 
signal wave as delivered by the photoelectric cell circuit, 
it is essential that great care be taken to prevent such 
interference as may enter the initial amplifier stages 
from approaching a comparable magnitude. The most 
troublesome sources of interference are electrostatic 
induction, electromagnetic induction, .mechanical vi¬ 
bration, and acoustic vibration. By mechanical 
vibration is meant disturbances transmitted through 
the supports as the result of building vibrations and 
similar phenomena. By acoustic vibrations are meant 
impulses transmitted through the air which strike the 
several elements of the amplifier and cause motion which 
results in variations in their electrical constants. Elec¬ 
trical disturbances are reduced to a minimum by 
placing the amplifier as close as possible to the photo¬ 
electric cells, thereby keeping the leads short, which 
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avoids electrostatic pick-up and also prevents the 
formation of closed loops of any appreciable size, thus 
avoiding electromagnetic induction. The amplifier is 
provided with a very complete electrical shield and both 
the shielded amplifier and the photoelectric cells are 
placed in a carefully shielded cabinet. 

The tubes used, namely the so-called “peanut” 
tubes, are under ordinary conditions, remarkably free 
from any microphonic action. At the very low signal 
levels used, however, certain extra precautions have to 
be taken against this effect. In addition to lining the 
amplifier box with sound absorbing material the tubes 
themselves have been wrapped in felt and placed within 
a heavy lead case. This prevents such acoustic dis¬ 
turbances as reach the interior of the amplifier container 
from having any noticeable effect on the tube. The 
lead container is supported entirely by an elastic sus¬ 
pension and thus serves a dual function, as the heavy 
mass, supported in this way, is capable of little response 

o 

cr SHIELDED AMPLIFIER 



to such mechanical vibrations as may be transmitted 
through the cabinet and the walls of the amplifier shield. 
With these precautions it has been found possible to 
make the effect of all external disturbances of about the 
magnitude of the thermal disturbances referred to in the 
first part of the paper. 

A schematic diagram of the amplifier tubes directly 
associated with the photoelectric cell is given in Fig. 21. 
Attention has already been called to the fact that the 
initial signal, that is, the time variation of the light 
reflected from the scanned object, contains a direct 
current component. The amplification of this direct 
current component is, as has been stated, out of the 
question in any amplifier intended for continued opera¬ 
tion over long periods of time. The requirements as to 
the range of frequencies to be transmitted, as discussed 
in the preceding section, make it necessary to provide a 


circuit having practically uniform efficiency from 1,0 
cycles to above 20 kilocycles, 'flu* relative phase shift 
of the several components must also be kept very small. 
In view of tlu; large amplification and consequent large 
number of stages necessary, it has been thought 
impracticable to use fransformer colliding between all 
stages as the aggregate frequency and phase distortion 
might well be greater than could be tolerated. The 
so-called resistance capacitance coupling has therefore 
been used. 

The arrangement, of the several photoelectric cells 
in their cabinet, as shown in Kig. 2*. is such that one 
amplifier can he connected directly to two of the cells 
leaving the third to operate a second amplifier. The 
output,s of these two amplifiers are then connected in 
parallel to the common battery supply equipment shown 
at the bottom of Hit* two vertical cells. 

By the use two stages of amplification in t he photo¬ 
electric cell amplifier, the signal is brought to such 
a level that if may he carried by suitably shielded leads 
to other amplifiers outside f he phut oelert t ie cell cabinet. 
This permits using the convenient relay rack form of 
mounting, 'flu' signal level is, however, still low and 
may he adequately handled in amplifier units which 
differ hut. little from those used with I he photoelectric 
cell. 

The remaining requirements placed on the amplifiers 
at the transmitting terminal are those set by the 
telephone line. One of primary importance is that; 
which determines the amount of energy needed, In 
order that the signal wave shall he of such magnitude 
that any interference present in the line may he neg¬ 
ligible in comparison, if is desired that t he alternating 
current delivered by the final amplifier stage shall be 
at least 4 milliamperes into an impedance of dot) ohms, 
The energy to he supplied is, therefore, approximately 
0.01 wafts, which determines the choice of the last 
amplifier stage. To build up the signal to a value 
sufficient to operate this out put, tube it has been found 
that eight stages of the small sized tubes and one stage 
of greater load-carrying capacity must, be used, The 
total amplification given by these ten stages is approxi¬ 
mately 130 T Ik It is through this known gain of the 
amplifiers that we get. our only accurate quantitative 
data as to the magnitude of the initial signal wave. 
This comes out to he about 10 16 watts or, with a 
100,000 ohm resistance in series with the photoelectric, 
cell, the potent ial available at the first, tube is roughly 
10 microvolts. 

The characteristics of the Hue also determine the 
means by which if shall he coupled to the final amplifier 
stage. In order to secure the proper impedance match¬ 
ing and to prevent the line from being unbalanced with 
respect to ground, if, was felt desirable to use tram- 
formers if possible rather than to attempt the design of 
a _ tube circuit capable of meet ing the requirements 
directly. The problem included both output, and input 
transformers, and specified an ampliftideTrequeney 
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characteristic constant to within ± 0.5 T U from 10 
cycles to 25,000 cycles. The input coils intended for 
use at the receiving terminal had the additional require¬ 
ment that a minimum of interference current should be 
induced in the secondary due to potentials between the 
line and ground. The success with which this problem 
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has been solved is shown by the curves of Fig. 22. 
Curve 1 is the transmission characteristic of the output 
transformer which is designed to work between im~ 
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1. Output LmnHformor 

2, High ratio input transformer 
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peclanc.es of 2000 ohms and 600 ohms when connected 
between generator and load circuits having these values. 
Curves 2 and 3 show the effective transmission gain of 
transformers having voltage step-ups of 6.5 and 2.5 
respectively, when used to connect the first stage of the 


vacuum tube amplifier to a 600 ohm generator im¬ 
pedance. The envelope delay curves for the output 
transformer and for the high ratio input transformer are 
given in Fig. 23. Photographs of the coils are given in 
Fig. 24. A large factor in being able to get coils of this 
type lay in the availability of permalloy for the core 
material. The output transformer is connected to the 
amplifier through a blocking condenser in order to 
avoid possible saturation in the core due to the passage 
of direct current. 

Measurements made on the several elements of the 
amplifier system have shown that its overall frequency 
characteristic is constant to within ± 2 TU from 10 
to 20,000 cycles. 

In an amplifier having as much gain as that just 
described it is apparent that a slight change in the 
potential of the power supply will cause a considerable 
change in the overall efficiency. Moreover variations 
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in the intensity of the light source used with the 
scanning system will cause corresponding changes in the 
intensity of the initial luminous signal wave. To insure 
that the energy level supplied to the line is at all times 
of the proper magnitude a level indicator has been 
provided to permit continuous observations of the out¬ 
put of the amplifier. This consists of an amplifier- 
rectifier circuit so arranged that the space current of the 
last tube is a function of the alternating current voltage 
impressed on the first, being roughly proportional to 
the square of its amplitude. By means of a direct 
current milliammeter, therefore, it is possible to keep a 
very accurate check on the amplitude of the signal 
delivered to the line. 

Receiving Circuit 

Coming now to the receiving terminal equipment we 
find that the signal wave which was delivered to the 
line at a power level of 10 milliwatts may, under some 
conditions, be reduced to a level 50 T U below this, or 
to 0.1 microwatt. It is, therefore, necessary first of 



















934 


GRAY, HORTON, AND MATHES: 


Transactions A. I. E. E. 


all to provide amplification to bring the signal to a level 
where, it may operate the circuits controlling the 
illumination from which the image is to be recon¬ 
structed. In view of the fact that several types of 
receiving equipment are to be operated and also since 
the signal may be derived from any of several sources, 
either wire line, radio, or local transmitting station, it is 
desirable to fix some one energy level as a reference 
point and to bring all signals to this value so that they 
may be supplied interchangeably to the several receiving 
systems. A convenient reference level is that already 
set as the proper input to a telephone line, namely 10 
milliwatts. At the receiving terminal, therefore, am¬ 
plifiers have been provided which are similar to the 
final stages used at the transmitting terminal. These 
include units containing the small sized tubes and 
terminate in units identical with that supplying current 
to the line except that the output transformer is 



Fig. 25 —Current Voltage Characteristic op Typical Neon 

Lamp 


omitted. The first stage is, as mentioned in the pre¬ 
ceding section, connected to the line through an input 
transformer. The amplifiers associated with the several 
incoming signals are each provided with a level indicator 
of the type already described. These terminal ampli¬ 
fiers and the several receiving circuits are all terminated 
in jacks, exactly like telephone circuits, and it is 
possible, therefore, to connect any receiving machine to 
any desired transmitting station simply by patching the 
proper jacks together, exactly as telephone circuits are 
connected at the central office. 

Before describing the final stages of the amplifier 
circuits it is necessary first to examine the properties 
of the light source which is to be controlled. In the 
case of the disk receiving machines described in the first 
section of this paper it is recalled that a single neon lamp 
is used having a rectangular electrode the entire area 


of which glows at each instant with an intensity pro¬ 
portional to the intensity of the initial luminous signal. 
The current voltage, characteristic of a typical neon 
lamp is given in Fig. 25. It will be seen that no current 
flows until the voltage across the lamp reaches the 
breakdown potential which, in the example shown, is 
about 210 volts. From this point on the current 
increases linearly with respect to voltages in excess of a 
value somewhat below the breakdown point. It will 
also be seen from the curve that the value of current 
depends somewhat upon the direction in which the volt¬ 
age is changing. In most cases, however, the function 
comes sufficiently close to being single valued for our 
present purposes. In view of the well established linear 
correspondence between the intensity of the illumination 
resulting from the glow discharge and the current, it is 
required to so arrange the circuits that the current 
through the lamp is at all times proportional to the 
illumination at the. transmitting terminal. 

It will be recalled that the electric signal wave, 
as transmitted through the various amplifier circuits 
differs fundamentally from the initial luminous wave in 
that the direct current component has been eliminated. 
It is necessary, therefore, to restore this component be¬ 
fore the changes in light intensity at the receiving 
terminal will follow those at the transmitting terminal. 
The several factors entering at this point may perhaps 
best be examined in terms of an elementary circuit 
such as given in Fig. 26. In this case the neon lamp 
is connected in series with the plate circuit of a vacuum 
tube and its polarizing battery. The circuit may 
be considered for the present as equivalent to one in 
which the neon tube is replaced by an ohmic resistance 
and in which the potential of the polarizing battery is 
reduced by an amount corresponding to the back e. m. f. 
of the lamp. Under these conditions the relation be¬ 
tween current—and therefore illumination—and the 
voltage on the grid of the vacuum tube is as shown 
by the curve given with the figure. This curve takes 
into account the change in potential between the plate 
and filament of the vacuum tube due to the voltage 
drop in the lamp resistance. If the reactances in the 
circuit are negligible this curve may be taken as the 
dynamic characteristic of this portion of the system. 

Let us assume that to properly build up the desired 
image at the receiving terminal the light is to be 
varied between the limits set by the two horizontal lines 
a and 5. It is apparent that two. adjustments are 
necessary in the grid circuit. The amplitude of the 
impressed alternating current must be such that the 
difference between its positive and negative maxima is 
equal to the difference between the grid voltages 
corresponding to these currents. This is taken care of 
by suitable adjustments of the amplification. It is 
further necessary that the bias introduced by the grid 
polarizing battery be such that the positive and negative 
peaks coincide with these same values of grid voltage. 
Under these conditions the grid battery must be looked 
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upon as supplying two absolutely distinct biases, 
one the bias for the tube and the other the bias for the 
signal. For example, if the signal wave as delivered to 




Fig. 26—Circuit Schematic and Operating Characteristic 
of Neon Lamp Amplifier 


the grid circuit contained the original d-c. component 
properly amplified, it would be necessary to adjust the 
system so that zero current would be obtained with no 
impressed signal. To accomplish this the tube would 
require the negative grid bias E g3 . Variations in signal 
voltage would then be considered as taking place about 
this value of grid potential as the origin. Thus E aZ is 
the operating bias of the tube. To properly locate the 
signal wave, however, it is necessary to add the positive 
bias Eat. It will be seen from the curve that this bias 
corresponds exactly to the direct current component 
which is to be restored to the signal. The sum of these 
two biases, obviously, gives the actual bias, E g i, with 
which the tube is operated. 

In the circuit as shown the well-known curvature of 
the vacuum tube prevents us from obtaining a linear 
relation between the current through the neon lamp 
and the signal voltage. This condition may be over¬ 
come by a number of circuit modifications of which 
that shown in Fig. 27 is typical. Instead of connecting 
the neon lamp and the vacuum tube directly in series 
a resistance is provided across which is set up a poten¬ 
tial, E x , proportional to the current through it. Across 
this resistance is shunted the neon lamp and a biasing 
battery, E B . The adjustment of this circuit is indi¬ 
cated by the curves shown. Curve A expresses the 
relation between the grid potential of the vacuum 
tube and its plate current. Curve B shows the relation 
between this same plate current and the voltage across 
the external resistance. When no current is flowing 
through the vacuum tube the potential of the biasing 
battery is insufficient to break down the neon lamp 
and no current flows through the circuit containing the 
neon lamp and the plate circuit resistance. As the 
current through the vacuum tube is increased from 
zero the total current flowing is that through the 
resistance branch. When, however, the potential 
drop across this resistance reaches such a magnitude 
that, together with the potential of the biasing battery, 
it is sufficient to break down the neon lamp, the latter 
will begin to draw current which thereafter increases 
linearly with further increases in the voltage, E x , 
across the external resistance.' The voltage across 
the neon lamp itself differs from that across the re¬ 
sistance by the amount of the battery E B . The 
relation between the neon lamp current and the volt¬ 
age across it, as given by Curve C, may therefore be 
plotted directly above the characteristic just discussed 
by displacing the vertical axis an amount corresponding 
to E b . This amount is shown as E hi . Here again 
we have two separate biases controlled by a single 
adjustment. The potential E l i is fixed by the mini¬ 
mum plate current which can be taken from the tube 
without departing too seriously from the linear portion 
of the tube characteristic. It is, therefore, an operating 
bias of the circuit which is unaffected by any charac¬ 
teristic of the neon lamp. The latter, however, must 
be operated with a bias E hZ corresponding to its 






93 G 


(31 RAY, HORTON, AN D MATI I KS: 


'I'niusaciiuif: ja 


effective back e. m. f. As in the case of the grid 
circuit bias just considered, the bias E lA actually 
introduced into the circuit is the difference between 
these two independently determined biases. 

. " By projecting values of lamp current horizontally 
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Lamp 

and^ plotting their intersections with vertical pro¬ 
jections through the corresponding grid potentials 
on the vacuum tube characteristic we obtain Curve l), 
which expresses the relation between the instantaneous 
value of the signal and of the current in the neon lamp 
as derived from the characteristics of the several 


elements of the circuit. Inasmuch as the intensity 
of the illumination is proportional to the lamp current 
it will he seen that we have approached the desired 
linear correspondence between the instantaneous values 
of the signal and of the light. 

It will he noted that; care has to he exercised to 
insure that, the alternating current as impressed on 
the last vacuum tube is of the proper polarity. If if, 
is not, the received image will he a negative instead 
of a positive. This may be controlled either by the 
connections to any one of the transformers or by the 
number of vacuum tube stages. Wit h an even number 
of stages the polarity will he reversed from that, given 
by an odd number. This is because an increase in 
negative potential on the grid of a vacuum t ube causes 
a decrease in the space current and hence a decrease 
in the negative potential .applied to the grid of tin* 
next, tube. 

In the ease of the grid type of lamp with the in¬ 
dividual external electrodes, the impedance to which 
energy must he supplied differs materially from that 
presented by the rectangular electrode lamp already 
described. For low voltages the impedance between 
tiny electrode and the centra! helix is effectively a, 
capacitance of the order til (I m. m. f. W hen, however, 
the voltage gradient in the interior of the lube becomes 
sufficient; to break down (he gas and cause a discharge 
to hike place, the eapueitatiee is increased to about 
15 in. m. I. In lad;, the lube may be looked upon as 
consisting of two capacitances connected in series, 
Whim the applied potential is sufficient to break 
down the gas and cause aglow discharge, that ca.pt.ic- 
itanee corresponding to the portion of the path 
inside I,he tube is effectively shunted by an ohmic 
resistance. The minimum discharge potential has 
been lound to he independent of frequency over 
a wide range, but the current between electrodes 
is inversely proportional to the frequency 1 m’ cause of 
I,he presence of the capacitance between the electrode 
and the glowing gas. Now, the brightness of the 
discharge is a function of the current sustaining it so 
that, it becomes desirable to use high frequencies in 
order to get, sufficient, light without going to pro¬ 
hibitively high potentials. It is also desirable to 
operate at, such a portion of the frequency scale that 
the percentage difference between the limits of the 
range shall be small, thus avoiding signal distortion 
due to the died, referred to above. There is, however, 
a definite upper limit to the frequency beyond which 
it, would he impossible to operate because of the stray 
capacitances in the cable connecting the grid to the 
distributor, it has been found feasible to operate at a 
frequency oUhe order of a half million cycles, 

Ihe circuit problem, therefore, involves the pro¬ 
duction of a high frequency wave which varies in 
amplitude in accordance with t he amplitude of the 
received picture signal, The solution has been con¬ 
veniently obtained by using a radio broad* •ast trails- 
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mitter the voice frequency circuits of which have been 
so modified that the exteneded range of frequencies 
required might be handled with minimum distortion. 

The envelope of the 500 kilocycle wave modulated 
by the picture signal, as shown in Fig. 28, is proportional 
to the signal amplitude plus a direct current biasing 
component of such magnitude that when the envelope 
reaches 160 volts the tube fails to light. This cor¬ 
responds to a black area in the picture. When no 
picture signal is being received the amplitude of the 
unmodulated carrier wave causes the tube to light at 
average brightness, corresponding to the locally intro¬ 
duced d-c. component of the signal. It follows, then, 
that the amplitude of the unmodulated carrier is fixed, 
as in a previous example, by the joint requirements of 



tube. The coupling to the lamp is made by connecting 
the central helix and the distributor brush across a 
portion of the condenser of the oscillating circuit. 

The frequency-amplitude relation of the envelope 
has been made practically constant by employing re¬ 
sistance capacitance coupling in the signal input ampli¬ 
fiers, by providing extremely high inductance retard 
coils for the modulator—which is of the Heising type— 
and by inserting resistance in the oscillating circuit to 
provide sufficient damping. The relations between 
the original picture signal and the envelope of the high 
frequency wave, with respect to both amplitude and 
phase shift, were observed over the signal frequency 
range by means of a Braun tube and found to be 
satisfactory. The impedance of the connecting leads 
to the commutator was also measured and found to 
have a negligible effect on the frequency and damping 
of the oscillating circuit. 

It has been found that there may be a lag between 
the time when the potential is applied to an electrode 
and the time when the gas breaks down. This is 
especially true following an interval during which there 
has been no discharge within 'the tube. Because of 
this those electrodes which are the first to be connected 
in any one of the parallel portions of the tube may fail 
to light. To overcome this effect a small pilot electrode 
is kept glowing at the left-hand end of each tube, thus 
irradiating the branch in such a way that the illumina¬ 
tion of all electrodes follows immediately upon the 
application of potential. These pilot electrodes, which 
are obscured from view of the audience by the frame of 
the grid, are supplied by means of an auxiliary con¬ 
nection to the oscillator with a potential somewhat 
lower than that ordinarily impressed upon the picture 
segments. 

Appendix I 

The signal of Fig. 13 in the body of the paper may be 


Phi. 23 • Dr a rut am m att o Empjimsmntation of Relation 
Between Modulated High Fmwtknoy Wave Impressed on 
G rid Type Nmon Lamp and Lamp Ohauactmribticb. Inten¬ 
sity of Glow is Proportional to Shaded Area 

two biases, that of the lamp and that of the signal bias. 

There is a slight distortion inherent in this method 
due to the fact that the light, which is proportional 
to the shaded area of the curve of Fig. 28, is not strictly 
proportional to the amplitude of the envelope with 
respect to the 160 volt limit. This is, of course, because 
these peaks are portions of a sine wave and hence the 
time variation of the glow resulting from any given 
carrier cycle is a function of its amplitude. • The effect 
is small, however, being most noticeable at low values 
of illumination. 

In the case of the grid-lamp receiver the signal 
amplitude is adjusted, as for the disk receiver, by a 
potentiometer in the low frequency portion of the 
circuit. The carrier amplitude, however, is adjusted 
by varying the plate potential applied to the oscillating 


represented as follows: 

/(<)== 0 for t < 0 

= —~T for 0 < t < T 

= 1 for £ > T 
or by a Fourier integral in the form 
1 °2 

fit) = —— J d co J / (X) cos co (t - X) d X, (2) 

0 -ao 



where X is an auxiliary variable of integration and co is 
2 t r times the frequency. To get the effect of sending 
this signal through a system which transmits all fre- 
frequencies without phase or amplitude distortion up 
to a cut-off frequency f D it is only necessary to replace 
the upper limit of the first integral sign by N where 
N = 2 7r/ c . Thus: 


F(t) 



oo 

/(A) cos co {t — X) d X. 
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Then from (1): 

1 n t ^ 

r«-- rJ d “/■ -jT cos co (Z — X) d X 

W Q 0 1 

1 iv 00 

+ -d co J" cos a) (Z — X) d X 

f o r 

1 , 

= - rr-=, { COS iV Z - COS N (t — T) 

7T JM 1 

+ N t[S i (N t) - S i (N[t- N T)]} 

+ ~ir [ T + Si (iv t ~ N T) ] • 

If we write N t = x, N T = z, and tt F (t)=y (x), 

then 

1 

y (x) = { cos x — cos (x — z) + x [S i (x) 

— S i (x — z) ] } 


The instantaneous amount of light passing through 
the aperture is 

t+T/2 

F (t) = f ip (Zj) / (Zi) d ti 

t-T/2 

*+T /2 oo 

= J" (p (Zi) d Zi J" A (co) cos [Zi co + $ (oo)] d co 
/ -r /2 o 

co . *+272 

= J"* A (co) d co ip (Zi) cos [Zi co -j- $ (co)] d t\. 

0 ' t-T/2 

( 2 ) 

In the case of the rectangular aperture 

<p (Zi) = a constant (3) 

and, except for a negligible constant factor, 


+ + Si (x- z) , 


Co t -T-l/Z 

F (t) = J' A (oo) d 0) cos [Zi co + <t> (co) ] d Zi 

0 t-T/2 

- J A (co) | s * n i 11 + y / 2 ) ^ ^ (g) 3 


where 


rc 

5 1 (a:) = f 


sin [ (Z - T/ 2 ) co + ^ (co) j 
co 


A series of graphs of y (x) for different values of the 
product N T is given in Fig. 15 in the body of the paper. 
These are generalized curves, the time scale depending 
on the particular value of cut-off frequency used. 
From these curves we can get the additional lag in the 
time, r, in the rise of these curves over the original 
time T in Fig. 14. 

Appendix II 

Let / (Z) be the instantaneous intensity of the picture, 
and let it be represented by a Fourier integral; 

00 

/ (Z) = J A (co) cos [ Z co + <f> (co) ] d co. (1) 


r—i—-5 


00 

= 2 /A (co) 


sin T 03 12 


cos [ Z co + (co)] d oo. ( 4 ) 
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Fig 29 


Fig 30 


Analysis op the Aperture 


Let T = time required for the aperture to pass a 
given point, Fig. 29. 

Let cp (Zi) be height of aperture at distance t x from its 
center. 


The transformation from / (Z) to F (Z) amounts merely 
to changing the relative amplitude of the Fourier com- 

, „ , /Jt . . „ , . sin Too 12 

ponents of f it) by a iactor proportional to-. 

co 

In the case of the circular aperture we can divide the 
aperture up into narrow elements parallel to the direc¬ 
tion of motion, as shown in Fig. 30. Elements at a 
distance h from the middle line of the strip have lengths 

2 Zi = 2 V T 2 /4 - h\ (5) 

Each element considered as an independent rectangu¬ 
lar aperture has the frequency characteristic 

sin Zi co sin co V T 2 / 4 - h 2 

CO _ CO 

The mean of all of these elementary frequency charac¬ 
teristics is 

1 772 1 

-7jT f sin f co V T 2 /4 - h 2 1 d h 

± -T/2 w L -I 

2 T/2 

= f sin £ co V T 2 /4 - h 2 J d h 

1 7 . r I ift 2 ” 12 dh 

= —J sm co T/2 yj 1- - 55 -J 
= f sin [ T co /2 V 1 - a : 2 J d % . 
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J i (:T a/2). 


( 6 ) for the square aperture, we have 


J i (Too/2) 


as such a 


t T • , -D , P , factor. From the very nature of the physical processes 

where Ji indicates a Bessel function of the first order. , ., .f , u , 

under consideration it follows that this average value 


In. place of the amplitude variation function 


sin (T go /2) e ^ emen f ar y frequency characteristics is effec- 

-—, tively the frequency characteristic of the aperture as a 

u whole. 




Synchronization af Television 


BY II. M. STO'LLEH* 

Moiulier, A. f. li. E. 

Synopsis. —Synchronization of Television is Ike problem of 
holding l wo s cunning disks so Unit their phase. dis pities me nt is ulioays 
less than Jam and one third win tiles of tire. ;1 \2Jfi pole si/ nchronous 
motor of the variable, reluctance type is used as a basis, ( hut,pint to 
it a direct cAire.nl motor carries the steadg component of the toad. 
If anting is eliminated hi/ a condenser in series with the two si/ncdi rati¬ 
ons motors whose capacitance is slightly less Ilian that required In 
tunc the circuit. 

. I .s the motor might lock 'into step in, tiny of Trio possible angular 
positions, only one of which mould, gi.nc the proper phase, relations, a 
two-pole motor, with only one, locking position., teas priwideil by 
dipping the armature oj the direct current motor at two points and 
In vngiug out tin' lends to sli p rings. Tins was used for synchronizing 

T his problem of synchronization involved in tele¬ 
vision transmitting and receiving equipment is 
similar in principle to any synchronous motor 
problem but the requirements are of such a special 
nature that it is necessary to employ unusual features 
of motor design and control circuits to secure the 
required results. 

General Requirements 

At the transmitting end a scanning disk is employed 
containing 50 holes spirally spaced around the periphery 
of the disk rotating at a speed of 1000 rev. per min. 1 I t 
is desired to rotate a similar scanning disk at the receiv¬ 
ing end so that the hole through which the observer is 
looking at a neon lamp will he in a position correspond¬ 
ing to the hole which is transmitting light at the same 
instant at the transmitting end. Since there are 50 
holes in each disk the holes will he spaced apart 7.2 
degrees, thus 7.2 degrees of are correspond at the 
receiving end to the width of the picture. Since the 
horizontal resolving power is approximately the same as 
the vertical (0.02 of the picture dimension) the arc 
occupied by a picture element is 0.02 X 7.2 or 0.144 
degree. In order not to appreciably impair the quality 
of the picture, it is necessary to hold the synchroniza¬ 
tion within approximately H of the width of one 
element. This gives 0.144 degree divided by 2 or 0.07 
degree as the requirement within which synchronization 
should be held. By way of comparison if might be 
mentioned that the angular twist in a length of 6 ft. 
of 1-in. steel shafting operated at rated load is of about 
the same order of magnitude. 

An ordinary four-pole synchronous motor when 

Botli of I, lie Boll I rlopliotio LftboraUorios, I iK'orporii/Ld, Now 
York, N. Y. 

I. Hits spend wits dofcoriiiinod by trtuiHiuisHion ooiiHidoruiIiioti.s 
and is dismiSKod in the companion paper by Messrs. (Ian nn(,f, arid 
(freon. 

Presented at the Summer Convention of the A. /. /<?., 

Detroit, Mich., dune 30-34, 1937. 
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while the pole motor, ran met, d <d< , ,pt, htlg, hold (f tt . c f m , 

synchronism required. Tin disks iotat, id tin: n r. per min 

which gives 17.7 cycles oil the two,pot, and ’! \‘> curies on the *>(). 
pole motor. 

For transmission tin synchronizing cure, at er alt* nanted to a 
level of 0.0 milliwatt and nmplijbd at th, e, c, icing end. 
cycle current is an undesirably hue f, , gu> ney for trait ■:mission over 
telephone rubles and so is its, d to modulnt > n V rtii-ryrle current 
through a polarized, relay. This is. ,b modal at, ,1 at the n co ining end 
■where a polarized relay by int, minting a fond battery current rives 
a rectangular ware which acts thru ugh menu m tub, > on the field 
of the direct-current, motor. 


operating af full load, unify power factor, ha* an angular 
phase displacement of about 20 electrical degrees 
between the impressed and back e. m. f. This corre¬ 
sponds to 10 mechanical degrees since the motor has two 
pairs of poles. It this motor is operated at constant 
load and the line voltage is varied the phase angle will 
decrease with increasing voltage or when the voltage is 
held constant and (he load is varied, the phuseangle will 
increase with increasing load. It is at once apparent 
therefore that the ordinary type of synchronous motor 
will not (wen approach the degree of precision required 
lor the reason that any minut e change in line voltage or 
load will cause variations in its phase angle of lag with 
respect to the impressed frequency of a far greater 
amount than 0.07 degree. Consider, however, a motor 
having 120 pairs u! poles. Allowing 20 electrical 
degrees as the normal full load phase displacement this 
would be equivalent to 20 divided by 120 or 10 degree 
mechanical phase displacement. Keen this amount is 
over twice the required permissible displacement of 
0.07 degree. Since the variation of the phase dis¬ 
placement. is the important factor and not t he absolute 
amount of displacement, it. is evident that if the line 
voltage and load are held reasonably constant a syn¬ 
chronous motor with 120 pairs of* poles should be 
sudieiently precise. 

Another requirement in addition to dose phase syn¬ 
chronization is regulation of flieaccelerat ion or decelera¬ 
tion ol the generator at the transmitting end. Such 
regulation is required due to the fact that an appreciable 
time is taken for flu* transmission of the synchronizing 
current a distance ol 220 miles (circuit, length} between 
New York and Washington. The velocity of propaga¬ 
tion over the cable was approximately 19,000 miles per 
second while that, of the picture on the open 
wire of 285 miles circuit length was about 175,000 
miles per second, the corresponding times of 
transmission being 0.0110 second and 0.0010 second 
leaving a difference of 0.01 second approximately, 
Since the total permissible error in synchronization is 
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0.07 degree it is reasonable to allow 0.02 degree as error 
due to acceleration regulation. Let a be the accelera¬ 
tion in degrees per second per second. Substituting 
in the formula s = y 2 a gives 0.02 = y 2 a (-01) 2 or 
■a = 400 degrees per second per second or a little over 
one revolution per second per second. For comparison 



Kiel. 1 . -ArtHWMBTiMi) Motor 


consider a H hp. unregulated shunt motor. If the 
line voltage increases 10 per cent it will cause an increase 
in speed from 4 per cent to 8 per cent depending on the 
magnetic saturation in its field circuit. This increase 
in speed will take place in a half second or more de¬ 
pending upon the moment of inertia of the load. Thus 
the acceleration in the case of a 1060 rev. per min. 
speed would be much greater than one revolution per 
second per second. 

Since this problem of speed regulation is a separate 
one from that of the synchronization the description of 
the regulating circuit is taken up later on. 

Motor Design 

In accordance with the phase displacement require¬ 
ment as explained previously it was decided to build the 
synchronous motors with 120 pairs of poles, thus giving 
a frequency of 2125 cycles at 1062.5 rev. per min. which 
was the exact speed finally employed. For the sake 
of mechanical simplicity these machines were made 
of the variable reluctance type which gives one cycle 
per rotor tooth thus requiring 120 teeth. The variable 
reluctance construction also simplifies the coil arrange¬ 
ment, the machine having only eight armature coils 
instead of a separate coil for each tooth. Fig. 1 shows 
a photograph of the assembled motor and Fig. 2 an in¬ 
side view of the stator and rotor. 


In the preliminary experimental work’ two of these 
machines were directly connected (Fig. 3) permitting 
either machine to act as a synchronous motor loading 
down the other machine. Each machine was driven 
by a shunt d-c. motor having inherently poor regu¬ 
lation, the d-c. motors furnishing the power and the 
a-c. machines transferring the variations from one 
d-c. machine to the other to hold synchronism in a 
completely two-way system. As was to be expected, it 
was found that the motors hunted badly at a frequency 
of about four cycles per second. In other words, 
instead of holding within a fixed electrical phase angle 
of 20 degrees the receiving motor oscillated throughout 
a phase angle of about ± 20 electrical degrees. This, 
of course, made the picture wabble back and forth across 
the aperture and was therefore unsatisfactory. 

The ordinary method of preventing hunting by means 
of copper bars embedded in the pole faces was not 
practical on account of the large number of poles and 
limited space. The hunting trouble was cured by em¬ 
ploying a series condenser between the motors using a 
value of capacity somewhat less than that required to 
tune the circuit. A rigid analytical treatment of this 
anti-hunting circuit is beyond the scope of this paper 
but its operation depends in general upon the curva¬ 
ture of the tuning curve due to the variation of the 
inductance of the machine with phase displacement. 
Since the condenser operates on the total inductance of 
the circuit, it is desirable to make the natural periods of 
oscillation of the two motors different. Otherwise 



Fig. 2—Motor Disassembled 


a decrease in the inductance of one machine may be 
accompanied by a simultaneous and equal increase in 
the inductance of the other thus leaving the total 
inductance unchanged and preventing the condenser 
from functioning. This was cl one .by making one disk 
substantially heavier than the other. 

The series condenser also neutralizes the greater 
part of the internal reactance of the motors thereby 
increasing the steady state torque. 
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Framing of Picture 

There was still one unsatisfactory feature in this 
system in that the motor at the receiving end could 
interlock in any one of 120 different angular positions 
whereas in order to get proper framing of the picture it 
must be synchronized at a particular angular position. 
For example, if the disk at the receiving end is exactly 
180 degrees out with respect to the disk at the trans¬ 
mitting end the observer will see the lower half of the 
picture on top; a dark space representing the dividing- 
line between pictures and the upper half of the picture 
at the bottom. Similarly, if the disk is 90 degrees 
out at the receiving end the lower quarter of the picture 
will appear on the top and the upper three-quarters of 
the picture on the bottom. The disk at the receiving 
end may be brought into correct angular position by 
providing means for turning the entire motor through 
the necessary angle. It was found, however, that the 



rate at which the motor can be turned was limited by the 
fact that if it were rapidly turned it would throw the 
motor out of step. 

As an aid to framing, therefore, a second two-pole 
low frequency interlock was added to the system by 
providing the d-c. motors on each end with a pair of 
slip rings tapped to two opposite commutator bars. 
The d-c. shunt motors thus acted as converters furnish¬ 
ing 17.7 cycles at 1062.5 rev. per min. With this added 
feature on both the transmitting and receiving motors 
the process of synchronization was first to close the 
17.7 cycle circuit and adjust the field rheostat of the 
receiving motor until it came into step. Since this was 
a two-pole circuit there was only one angular position 
at which synchronization could occur. The high fre¬ 
quency synchronous machines were then connected 
together, thereby limiting the phase displacement to 
within 0.07 degree, as previously described. The high 
frequency motors in this system take the variation in 
load while the low frequency motor takes care of the 


Transactions A |. r jjj 

steady constant component of load. Incidentally the 
addition of the low frequency synchronous motors 
greatly facilitated the synchronization of the high fre¬ 
quency motors inasmuch as it insured the proper initial 
speed. When the high frequency switch was closed 
there was merely a slight shill in phase angle to bring 
the receiving motor into step. '‘I'lie schematic 
circuit of the system t hus far described is shown in 
Fig. 3. 

Synchronization Over Fong Lines 

The above description explains the action of the 
synchronization system over lines of negligible im¬ 
pedance. In order, however, to secure similar results 
over a long distance telephone line or radio channel it is 
necessary to first at tenuate the high and low frequencies 
to a power which can hesafely applied to the transmitting 
end of the line and then amplify the power at the 
receiving end to restore it to the proper level. Fig, 4 
shows the complete system employed. 

While the high and low frequency maehinrs on the 
transmitting end could have been designed so as it) 
produce exactly the right, power level it was desirable, for 
the sake of interchangeabilit y, to build the transmitting 
and receiving motor equipment of the same size. The 
output from the transmitting high frequency generator 
(shown in Fig. 2) when untuned was approximately 
17 volts at 2125 cycles. By means of a network this 
output was cut. down to a level of 1 milliampere into 
690 ohms impedance, the output impedance also being 
600 ohms. This is a satisfactory level at which to 
transmit, the high frequency, without inducing noise 
in adjacent, wires in the telephone cables. 

In the case of the low frequency interlock it was 
undesirable to attempt, to transmit 17.7 cycles over a 
long distance line. The 17.7 cycles was t herefore used 
to operate a polarized relay, the contacts of which 
modulated the ouput of a TOtbeyele elect ro-mechunieul 
oscillator" as shown in Fig. 6. In other words, the 
relay short-circuit,ed the output of the oscillator alter¬ 
nate half cycles before applicat ion to the telephone line. 
Instead of using separate telephone pairs for t he 2125- 
cycle and the modulated 760-cycle current,, t he two were 
combined by passing them through the line tiller 
(shown in Fig. 7) thereby requiring only one pair for 
transmission of both frequencies. An identical net¬ 
work was employed for the radio channel. The 
problem oi transmission of the synchronizing current is 
covered in the paper by Messrs. Cimmett and < keen 
and in the ease of radio transmission in tin* paper by 
Mr. Nelson. 

Receiving and Amplifying Circuits 

Passing over this part of the problem, therefore, 
assume that the synchronizing currents have been 

2. Described m the 19*11 Laboratories Hmml % March 1927. 
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Pig. 5—Large Scanning Disk Motor 


obtained at the receiving end of the line. This power 
was delivered at a very low level being about 0.3 of a 
milliampere into 600 ohms impedance, or 50 microwatts. 
It was then given a preliminary stage of amplification 
(Amplifier No. 1 Fig. 4), passed through the line filter 
No. 3 (Fig. 7) and separated into 2125 cycles and 760 
cycles modulated at 17.7 cycles. The 2125 cycle" 
component was then amplified by two stages of ampli¬ 
fication . (amplifier No. 2) ending in push-pull 50 watt 
tubes and applied to the high frequency motor. These 
amplifiers being of the standard type are not described. 
The terminal voltage on the output coil of the amplifier 
was made greater than that of the high frequency 
motor so that the power flow was normally from the 
amplifier to the motor. The anti-hunting condenser 
was retained between the amplifier and the motor. 

In the case of the low frequency circuit the output 
from line filter No". 3 was received in the form of 760 
cycles modulated at 17.7 cycles. This was passed 
through the demodulator (Fig. 8) which operated a 
polarized relay whose armature opened and closed its 
contacts at 17.7 cycles per second. The contacts of the 
relay provided square-wave low frequency current by 
interrupting power from a local battery source. On 
account of the limited power output which the vibrating 


























contacts could safely handle without sparking it became 
necessary to amplify this low frequency output. While 
this would have been possible by the use of ordinary 
amplifier circuits it was found preferable from the 
standpoint of economy of apparatus to apply the low 
frequency regulation through a field circuit of the 
receiving motor. Referring to Fig. 9 it will be noted 
that the plate circuit of the regulating tubes is supplied 
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from the secondary of the transformer which is con¬ 
nected to the slip rings of the motor, while the grid 
circuit of these tubes is supplied with low frequency, low 
power 17.7 cycles from the contacts of the relay. 
As the motor is started up from rest the shunt field is 
weakened until the motor falls in step. At this point 
the frequency of the plate supply to the regulator tubes 
is identical with that supplied to the grids. If the 
phase relationship is such that the plates go positive 
at the same time that the grids are positive then 
the space current of the tubes is increased and the 
regulating field (which is an aiding auxiliary field) is 
strengthened, thereby preventing a further rise in the 
speed of the motor. In other words, for each combina¬ 
tion of load and line voltage there is an equilibrium 
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phase position between the plate and grid voltages at 
which the corresponding regulating field current main¬ 
tains the speed at the desired value. 

Motor Operation 

In actual operation the procedure was to first syn¬ 
chronize on the low frequency, and then on the high 
frequency circuit. The precise framing of the picture 
was then adjusted by rotating the motor by means of 


worm gearing through the necessary angle to renter the 
image properly in the aperture. The high tn*i giency 
current was of the order of l.u amperes at 2l2u cycles 
with a terminal voltage of 1 tic 1 volts at the hic.h fre¬ 
quency motor. The power taken by tie* o r, motor 
was approximately 0.8 ampere at 110 volt s, The current 
through the regulating; field controlled by the 17.7 cycle 
circuit was of the order of 20 to 10 milliatnpere* at 100 


<* i* flr 
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volts depending upon the phase position at which 
interlock occurred. If was found preferable to cut off 
the low frequency interlock feature after .ymOmmira¬ 
tion and framing had been obtained in order that irregu¬ 
larities in flu* time of contact closure of the relay might 
not product* changes in licit! strength of the d <\ motor 
which in turn would cause irregularities in power output;. 
Much irregularities would give rise to phase shifts in the 
high frequency machine thereby producing unsteadiness 
of the picture. 



I77-V. r«OM 

oe.Nooui.Atow 


Kin. u bow Fui.ui r.Nev lima much 

Operation on Radio Channki. 

In the case of transmission of the synchronizing 
current by radio instead of by wire the same apparatus is 
employed except that it was found necessary to use a 
much higher value of high frequency current In order to 
hold the high frequency motor in step, the current being 
approximately 4 amperes as compared to l.o amperes 
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in the case of the other motors. This greater current 
was found to be necessary in order to hold the motor 
in step within the necessary phase angle of displacement, 
in spite of various types of interference picked up by 
the radio receiver, and associated circuits. This was 
mainly inductive interference from the picture and 
speech transmission sets arising from the fact that the 
synchronizing current was transmitted from New York 
to Whippany and picked up on a receiving set there 
whereas the picture and voice current was transmitted 
from Whippany to New York. A certain amount of 
interference was also encountered from ship spark sets 
and static. 

Speed Regulation of Transmitting 
Motor-Generator 

As previously explained under “General Require¬ 
ments” the essential requirement of the speed regulator 
at the transmitting end is to limit the acceleration to 
about one revolution per second per second, over 
intervals as small as 0.01 second. The ordinary 
type of centrifugally operated vibrating contact 
regulator keeps the motor continually accelerating 
and decelerating between an upper and lower 
speed limit and while such a system could theoreti¬ 
cally be employed if the flywheel were made large enough, 
it was obviously preferable to employ a type of regulator 
in which the speed was inherently held constant without 
such acceleration and deceleration. 

The regulating circuit employed is shown in Fig. 10. 
The complete theory of this regulating circuit is to be 
covered in another paper to be presented before the 
Institute. Briefly the principle consists in employing a 
sharply tuned circuit as the primary speed controlling 
element resonating at a frequency slightly less than the 
frequency at which the machine is operated. A 
voltage from the high frequency generator is applied to 
this tuned circuit and thence to a detector tube which 
in turn operates on the grids of a pair of push-pull 


regulator tubes; these tubes controlling an auxiliary 
regulating field winding on the motor. The circuit also 
contains anti-hunting means, the theory of which will 
be given in the later paper. Instead of applying this 
regulating circuit to the small 15 in. scanning disk 
motor shown in Fig. 3, it was decided on account of its 
greater flywheel effect to use the large 36 in. disk shown 
in Fig. 5 which was used for receiving the picture at 
New York. It therefore became the transmitter from 
the synchronizing standpoint for all of the other units 
although from the picture standpoint the big disk acted 
as a receiver. 



Fig.' 10 —Speed Regulator 


Local Stations 

In addition to the stations at Washington and Whip¬ 
pany there were three local stations in New York em¬ 
ploying similar high and low frequency synchronous 
motors with 15 in. disks. These were controlled in the 
same manner except that first stage of amplification 
and the line filters were omitted. One station was 
employed for monitoring purposes, another operated a 
local transmitter, while the third operated the big 
grid receiver seen by the entire audience. 











Wire Transmission System for Television 

BY D. K. GANNETT* and E. I. GREEN* 

Associate, A. I. E. E. Associate, A. I. E. E. 

Synopsis. —This paper deals with the transmission problems combining the frequency ranges usually assigned to telegraph, 
which were met and solved in connection with providing wire circuits telephone , an dcertain carrier channels. The special line re- 
from Washington to New York for thet derision demonstrations which quirements were met so successfully that the television images 
took place on April 7, 1927 and following. For transmission of transmitted from Washington were indistinguishable from those 
the television images a single transmission channel was set up transmitted locally. 


Introduction 

SYSTEM of television, to be worthy of the real 
meaning of the name, must be capable of opera¬ 
tion over a considerable distance. Spanning this 
distance, there must he a connecting medium suitable 
for faithfully transmitting the television currents. 
This paper describes how the connecting medium was 
provided between Washington and New York for the 
recent television demonstrations, 1 by adapting to this 
purpose existing wire facilities of the Bell System. 

Fortunately, wire facilities of the type which were 
available between Washington and New York had 
been utilized for some time to transmit simultaneously 
many telephone and telegraph messages, involving a 
frequency range more than ample for the television 
requirements, so that the transmission characteristics 
of the lines throughout the necessary range of fre¬ 
quencies were well known. The matter of providing 
a suitable channel to carry the television currents 
consisted, therefore, in throwing together the fre¬ 
quency .ranges which had heretofore been utilized for 
providing a number of separate telephone and telegraph 
channels. In addition to providing this very wide 
band communication channel it was necessary to 
apply special distortion-correcting networks so that the 
overall channel would possess proper characteristics 
and also to take care to avoid introducing disturbances 
due to such things as line irregularities, noise*, etc. 

Due to the perfection of the transmission methods 
which were utilized, it was found that when the circuit 
was first established, in accordance with the require¬ 
ments which had been deduced, the television images 
transmitted from Washington were indistinguishable 
in- quality from those transmitted locally, this result 
being secured without any deviation from the adjust¬ 
ments which had been worked out in the original 
design. 

Requirements 

General. The ideal requirement for a transmission 
line for television, or for that matter any other purpose, 

*Both. of the American Telephone and Telegraph Company, 
New York, N. Y. 

1. Television, H. E. Ives; The Production and Utilization of 
Television Signals, F. Gray, J. W. Horton, and R. C. Mathes; 
Synchronization in Television, H. M. Stoller and E. R. Morton. 

Presented at the Summer Convention of the A. I. E. 
at Detroit, Mich., June 20-24,1927. 


is, of course, that it introduce no distortion whatsoever, 
in which case there could he no question but that the 
television images obtained in the receiving apparatus 
after transmission over the long distance line would be 
identical with the image obtained with the trans¬ 
mission only over a distance of a few feet. Practical 
transmission lines, however, tend to introduce a certain 
amount of distortion and the less the allowable dis¬ 
tortion which is specified the greater will be the cost of 
providing a proper line. Before going ahead with the 
matter of engineering the line required to transmit the 
television currents from Washington to New York it 
was, therefore, first necessary that the requirements be 
set. The requirements were made more severe than 
strictly necessary in cases where they were easy to 
meet. 

Frequency Range. In any system for the electrical 
transmission of intelligence, the required frequency 
range is, in general, proportional to the speed of trans¬ 
mission. In the case of picture transmission or tele¬ 
vision, the speed of transmission may be expressed in 
terms of the number of picture elements which must 
be transmitted per second, where a picture element is 
the smallest unit area which it is intended to be able to 
distinguish in the received picture from its neighboring 
unit areas. 

When the picture currents are transmitted in the 
most efficient manner the frequency range necessary is 
approximately equal to half the number of picture 
elements which must be transmitted per second. A 
simple way of seeing this is to realize that as the picture 
elements are transmitted in sequence, the greatest 
possible rate of variation of detail is obtained when 
alternate picture elements are black and white. A 
complete cycle corresponds in this case, therefore, to the 
time interval required to transmit two picture elements. 

According to this relationship this particular tele¬ 
vision system in which about 40,000 picture elements 
per second are transmitted should require a frequency 
range of approximately 20,000 cycles. As a matter of 
fact it was found by a laboratory test that due to certain 
characteristics of the apparatus a frequency range as 
great as this was ample, just detectable distortion 
being introduced in the reproduction of the human face 
when the range was narrowed to about 14,000 cycles. 
In providing the line circuit, however, extending the 
frequency range to 20.000 cycles involved so little 
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difficulty that it was decided to provide this very 
liberal frequency range. 

In the particular television system which has been 
described the very low frequencies (below about 10 
cycles) are suppressed. It was, therefore, not necessary 
that the line transmit these very low frequencies. The 
frequency range which the line should transmit was 
accordingly set as 10 cycles to 20,000 cycles. 

Attenuation. Referring to still picture transmission, 
it has been found that variations of attenuation with 
frequency of several transmission units do not appre¬ 
ciably impair the quality of the picture. Since no 
great difficulty was anticipated in meeting closer limits, 
however, it was decided to set the limits for the varia¬ 
tion of attenuation with frequency at ± 2 T U within 
the frequency range of 10 to 20,000 cycles. 

Phase Characteristics. A characteristic of wire lines, 
whose importance has been increasingly realized in 
recent years, is their phase characteristic. In speech 
transmission, transients due to unequal velocity of the 
different frequency components have been found to be 
an important consideration on some types of lines. 
In picture transmission and television, also, it is 
important that this phase distortion be controlled, as 
otherwise the image might be blurred due to the arrival 
of the various frequency components at different times. 
The type of transient which has been found to impair 
the quality of pictures is the type which is relatively 
rapid and the aim has been to make the phase charac¬ 
teristics such that those transients would be small. 

The requirement with respect to phase for distortion- 

8 

less transmission is that-be a constant where /3 is 

£0 

the phase change in radians for the entire circuit, and co 

8 . , 

is equal to 2t times the frequency. —— is known as 
the "phase delay” or the steady-state time of trans¬ 
mission. 4 1 is the time required for the transmission 
a co 

of the envelope of a wave whose components center 

co 

closely about the frequency y— and it will be referred 

7T 

to as the "envelope delay.” Since it is more convenient 
to measure the envelope deffiy the requirements were 

0 

set up in terms of this quantity. When is constant 

d iQ _ 

it is evident that — is also constant. While the 
a co 

converse of this is not in general true, the conditions 
as actually encountered' were such as to permit its use as 
a measure of the small variations involved. 


The envelope delay characteristics of a number of 
circuits, which have been found to give varying degrees 
of transient on still pictures, have been measured. Also 
data were available from tests of picture transmission 
through filters and other networks whose delay 
characteristics were known. From these various data, 
the permissible deviations of the delay characteristic 
for still picture transmission were determined, and 
dividing these figures by 50, the ratio of the rate of 
transmission in picture elements per second in the two 
cases, the limits for the television circuits were obtained. 
In this way it was decided to attempt to keep within 
± 10 microseconds, if possible, with outside limits of 
± 20 microseconds. Check tests of these limits were 
made with the television apparatus in the laboratory 
by transmitting the currents through various known 
networks, and noting the effect on the received image. 

Unlike the attenuation requirements, the delay 
requirements for television are not the same over the 
entire frequency range, but are much more lenient in 
the lower frequency range, as was shown by experiments 
in the laboratory. A physical picture of the reason for 
this may be obtained by reference to Fig. 1. 



Arrows Show Direction of Motion of Light Spot 

A B 

Fig. 1 

Fig. 1a shows a picture placed in position before 
the sending machine, consisting of a piece of cardboard 
the same size as the image-area which can be trans¬ 
mitted, the upper half of the cardboard being colored 
black, while the lower half is white. As has been ex¬ 
plained in the paper by Messrs. Gray, Horton, and 
Mathes, the picture is scanned by a spot of light which 
moves from left to right in successive lines, tracing 
50 horizontal lines across the picture in one-sixteenth 
of a second. The first 25 of the lines lie on the black 
and the remaining 25 on the light part of the picture. 
The process is repeated 16 times per second, each repeti¬ 
tion of 50 lines giving one complete cycle of black and 
white. The frequency components in this case are 
multiples of 16 cycles. A transient which blurs the 
picture outline over a given number, n, of picture 
elements (downwards) corresponds to a time interval 

92- 

equal to the time of tracing n lines, i. e., second. 

Now consider Fig. 1b. Here the picture has been 
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rotated 90 degrees. In this position, a complete cycle 
of black and white is obtained with each line instead of 
with each 50 lines. The frequency components in this 
ease are multiples of 800 cycles and bear the same 
relations to 800 cycles as the components spoken of 
above bear to 16 cycles. A transient which blurs the 
picture outline n picture elements (horizontally, this 
time) corresponds to a time interval of n forty-thou¬ 
sandths of a second. Evidently the delay requirements 
are 50 times more lenient in the former case than in the 
latter so that the delay requirement at the highest 
frequencies, which determine the fine detail in the 
direction of scanning, is 50 times as severe as at low 
frequencies, which determine the fine detail in a direc¬ 
tion perpendicular to the direction of scanning. 

In the still pictures referred to, the transient,s ex¬ 
tended in the direction of travel of the light spot and 
there were no transients analogous to those discussed 
here in connection with Fig. 1 a. For this reason the 
delay limits determined from still picture transmission 
are the ones which apply to the higher frequencies. 
For the lower frequencies the requirements are ob¬ 
tained by multiplying the high-frequency requirements 
by 50. For these reasons, together with the result of a 
Fourier analysis of the picture current, the limits were 
set at ± 10 or ± 20 microseconds from 400 to 20,000 
cycles. Below 400 cycles, the departures from the 
constant delay were permitted to be Hs 500 or J 1000 
microseconds. 

Noise. Another important requirement is that 
relating to the ratio of the picture currents to the ex¬ 
traneous interfering currents which may arise in the 
line from power induction and other sources. Early 
experience with the television apparatus showed that 
considerably more noise was permissible in the case of 
television than in the case of still picture transmission 
so that in this ease comparison with the still picture 
transmission would result in an unduly severe require¬ 
ment. This is thought to be explained by the fact 
that in the case of television the pictures are flashed 
before the eye 16 times per second and the effects of the 
extraneous currents occur on successive flashes in 
different positions, so that defects of one flash are 
corrected on the next. 

A set of experiments was performed from which it 
was determined that if the ratio of average picture 
currents to average noise currents exceeded about 10 
the results were satisfactory. In order to assure 
considerable margin above this figure, it was decided 
to make the average television current to be trans¬ 
mitted into the line 4 milliamperes. 

Echoes. If two paths exist by which the currents 
may travel from the sending point to *the receiving 
point, the length of the two paths being different, a 
double image will be produced on the received picture, 
forming what may be termed visual echo. In the case 
of telephone lines, the echoes may exist on account of 


reflections between impedance irregularities in i| H . 
circuit so that the currcnis arrive ai i he* receiving point 
both by way of the direct transmission path and by way 
of a transmission path which includes an extra loop 
between two irregularities. If the echo is not greatly 
attenuated with respect to the main transmission, die 
result may he quilt* disturbing on the received picture. 
It has been found by experiment that the echo is too 
weak to be seen if it is more than 25 T 1' weaker than 
the main current, and, accordingly, care was taken in 
setting up the New York-Washington circuit to avoid 
introducing echo paths of lower equivalent than this. 

General Choice <>p Method 

Two general methods are possible for t ran.and l ing the 
currents over the line circuits. One method is to 
transmit the currents directly without change of 
frequency. This method involves the transmission of 
the currents of the frequency range determined upon 
above, namely, from about. 10 cycles to about 20,000 
cycles per second. 

The other general method is the carrier method, in 
which the television currents modulate a earner current 
of suitable frequency and are thereby moved to another 
portion of the frequency spectrum prior to transmission 
over the line. At the receiving end of tin* hue the 
carrier currents art* then restored to the original fre¬ 
quencies of the television currents. 

Several different schemes of carrier transmission arc 
possible. The simplest is to modulate a carrier with 
the television currents and to transmit both side 
bands. This has the disadvantage of requiring the 
transmission of twice as wide a frequency range as that, 
occupied by the original television currents. Another 
scheme is to transmit, a single side band. A third 
possible scheme is to transmit both sale bands for the 
lower frequencies and only one side baud for the 
higher frequencies. 

One advantage to ho secured by the carrier method 
is that it lessens the severity of some of the line problems 
through avoiding the transmission of very low frequen¬ 
cies over the line circuit. At these frequencies the 
amount of noise found on lines is usually considerably 
greater than at the higher frequencies. 

After weighing the relative merits of the carrier 
and direct transmission methods it was decided to make 
use of the latter because of its simplicity. An im¬ 
portant factor in this decision was the successful 
development, for use in connecting the apparai us to the 
lines, of transformers providing adequate transmission 
of the entire frequency range from til cycles to 20,000 
cycles. 

Arrangements for Television cihopits 

XAne Layout Between New York urn! Washimjlon. 
The layout of the wires between New York and Wash¬ 
ington is shown in Fig, 2. The circuit, ewer which the 
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waves actually carrying the pictures were transmitted 
(marked Picture Circuit) consisted principally of a pair 
of copper wires 165 mils in diameter. At a number of 
places on the route the circuits were carried in cable as 
indicated in the figure. The total length of the tele¬ 
vision circuits was about 285 miles, of which 8 miles 
consisted of cables and the remainder of open wire. 

Transpositions. As the circuits employed were 
originally designed for voice-frequency operation only, 
except lor a section at the New York end, it was neces¬ 
sary to add transpositions to them to prevent inter¬ 
action with adjacent circuits at the high frequencies 
involved in the television transmission. The high- 


carrier telephone and carrier telegraphy operation 2 
were employed to reduce these effects to a minimum. 
This carrier loading is designed so that when used on 
No. 13 A. W. G. cable circuits it provides an impedance 
which approximates very closely that of the open wire. 
With a spacing of about 930 feet between loading coils, 
this loading has a nominal cutoff of about 45,000 cycles, 
which corresponds to an effective transmission range 
extending up to about 36,000 cycles. In order to obtain 
a close match between the impedances of the open-wire 
and the cable pairs, thereby avoiding impedance ir¬ 
regularities, 13-gage pairs were selected for the tele¬ 
vision circuits in all of the cables. 


NEW YORK 

(RECEIVING STATION) 


Large Grid Receiving Machine 



frequency currents were thus prevented from passing 
over into the adjacent circuits which would have re¬ 
sulted in irregularities in the attenuation, line im¬ 
pedance, and phase shift characteristics of the circuit. 

Incidental Cables—Loading. Any appreciable length 
of non-loaded cable included in an open-wire tele¬ 
vision circuit has certain very objectionable effects. 
The impedance irregularities introduced by the cable 
destroy the uniformity of the line attenuation, im¬ 
pedance, and phase shift characteristics as a function 
of frequency, and tend to produce echoes as described 
above. Types of loading developed for use on in¬ 
cidental cables occurring in circuits employed for 


The length of the submarine cable under the Hacken¬ 
sack River (about 1100 feet) was too great to permit 
the use of regular carrier loading, and a special loading 
arrangement having a slightly lower cutoff was, there¬ 
fore, designed for this cable. 

Equalization 

Requirements. The requirements for the lines were 
stated earlier. In order to meet these overall require¬ 
ments it was necessary to apply special forms of dis¬ 
tortion-correcting networks. 

2. Development and Application of Loading for Telephone 
Circuits, T. Shaw and W. Fondiller, Journal A. I. E. E., Vol. 
XLV, pages 253-263, March, 1926. 
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Weather Changes. The above requirements applied, 
of course, to all. of the various weather conditions 
to which an open-wire circuit is subject. Due to the 
changes in the leakage conductance occurring at the 
insulators, the attenuation of an open-wire circuit 
varies with changing weather conditions. This change 
is particularly important at the higher frequencies. 
At 20,000 cycles, for example, the attenuation of a 



Fig. 3—Computed Phase Delay Q3/w) op Television Circuit 

WITH AND WITHOUT EQUALIZERS 


165-mil open-wire pair may vary as much as 40 per cent 
for a change from dry weather to extra wet weather. 
For the circuit between Washington and New York 
this represents a possible attenuation change of about 
10 T U, or a change of 10 to 1 in the magnitude of the 
received power. At 1000 cycles, the effect of wet 
weather is comparatively small, so that the net effect 
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Fig. 4—Computed Attenuation Characteristics of Tele¬ 
vision Circuit with and without Equalizers 


of the weather variations is to change the requirements 
for the attenuation equalizers. The phase shift intro¬ 
duced by an open-wire pair likewise varies to some 
extent with changes of weather, although the percentage 
variation is much smaller than in the case of the 
attenuation. In view of these variations in the line 
characteristics it was decided to provide basic networks 


which would equalize for dry weather conditions, and 
to make available, in addition, several steps of equali¬ 
zation which would compensate for changes in the 
direction of wet weather. 

Low-Frequency Network. Computed curves of at¬ 
tenuation and phase delay for the overall Wash¬ 
ington-New York circuit without correcting networks 
are shown in Figs. 3 and 4, respectively. The 
form of the dry weather attenuation curve suggested 
the use of two correcting networks, one for low fre¬ 
quencies, the other for high frequencies. The net¬ 
work which was designed to equalize the attenuation 
at the lower frequencies is illustrated in Fig. 5. This 
network, in addition to equalizing the low-frequency 
attenuation, was made to provide sufficient correction 
for the low-frequency phase characteristic. It also 
proved satisfactory for all weather conditions. 

High-Frequency Network for Dry Weather. The 
complete network for the correction at high frequencies 



R a =64.36 ohm R*= 1334 ohm 

C 3 =6.-HZmf: l 4 =t-100 h. 

Fig. 5—Low Frequency Equalizing Network (Dry and Wet 
Weather) 

under dry weather conditions was designed in two 
parts, an attenuation equalizer and a phase corrector. 
These two structures are illustrated in Fig. 6. The 
computed dry weather attenuation and. phase delay 
resulting with the use of the combined low-frequency 
and high-frequency networks are illustrated in the 
curves of Figs. 3 and 4. It will be noted that the 
corrected attenuation curve is constant to within 
approximately ± 0.3 T U, while the corrected time of 
transmission falls well within the prescribed limits. 

Weather Change Networks. Correction for the addi¬ 
tional distortion introduced by changes from dry to wet 
weather was provided by three additional networks 
which were, for convenience, of identical design. 
The results obtained by using one, two, or three of these 
networks were made to correspond, respectively, to 
three assumed weather conditions which may be 
designated semi-wet, wet, an'd extra-wet. These three 
conditions were determined upon the basis of the range 
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of leakage conditions which exist on open-wire lines 
under different weather conditions. 

The attenuation equalizing and phase correcting 
networks for one of these steps are illustrated in Fig. 7, 
while the computed attenuation and time of transmis¬ 
sion obtained by the use of the three different steps of 
weather correction are shown in Figs. 3 and 4. 

The networks described above are of the “constant- 
resistance” type, whose characteristic impedance is a 

Phase Correcbor 

l! C J> 



c. 


U-35.99 wh. Ci- .04999 mE 

1.3-17.51 mh. Cv.0Z432.mP 

Cj- -02138 mR L e * 15.40 mh. 


Attenuation Equalizer 



FV256.6 ohm R 2 = 94.20 ohm 

R 3 =lH.9ohm R 4 = 1609 ohm 

1> 9.G68 mh L e = 1.829 mh. 

C,= omiGZ mP Cs= .02G8G mf! 

Fig. 6—High Frequency Equalizing Networks (Dry 
Weather) 

pure resistance at all frequencies. 3 These networks 
are designed to be connected in series. The methods 
used in the design of the networks involve a large 
amount of mathematical theory, a discussion of which 
is not necessary for the purposes of this paper. 

Synchronizing and Voice Circuits 
So far the discussion has dealt only with the problem 
of transmitting the television currents. In addition to 
this, there is required the transmission of voice currents 

3. Partially described in U. S. Patent No. 1,603,305 to 
O. J. Zobel. 


and of synchronizing currents. It is entirely feasible 
to transmit these currents together with the television 
currents over a single circuit. However, for the pur¬ 
pose of simplification, separate facilities were employed 
in the television experiments for picture, voice, and 
synchronizing currents. 

The diagram in Fig. 2 shows the circuits which were 
actually provided for the demonstrations. It will be 
seen that in addition to the two picture or television 
circuits, there were provided a synchronizing circuit, a 
four-wire “program”, circuit, and an order circuit. 

The method of synchronizing the sending and the 
receiving machines has already been described in the 
paper by Mr. Stoller. It requires two currents, one 
having a frequency of about 18 cycles and the other 


Phase Corrector 



L, = 8.533 mh. C 2 »0985m£ 


Atbenuabion Equalizer 



C 3 


Ri* 68.65 ohm ' R 2 =1242 ohm 
C 3 =.08240 mf) La =14.83 mh. 

Fig. 7—Weather Change Equalizing Networks 

about 2125 cycles. In order that an ordinary telephone 
circuit might be used for this purpose, the lower 
frequency was made to modulate by means of a tele¬ 
graph relay, a carrier current having a frequency of 
about 750 cycles per second. An amplifier-detector 
at the receiving end of the synchronizing system de¬ 
modulated the 750-cycle current, delivering 18 cycles 
to the television apparatus. 

The requirements for the synchronizing circuit were 
that it must transmit a narrow range near 750 cycles, 
and the single frequency of 2125 cycles. These syn¬ 
chronizing frequencies are determined by the speed of 
the motors, which was chosen so that the frequencies 
would be suitable for transmission over two channels of 
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a voice-frequency carrier telegraph system, 4 but later it 
was found more convenient to use a separate telephone 
circuit. 

The circuits labeled “program” provided telephonic 
communication between the observer at New York 
and the person being viewed at Washington. A loud: 
speaker was also connected to this circuit at New York 
to transmit the voice to the audience when the large 
grid receiving arrangement was employed. A special 
by-passing connection was provided between the.am¬ 
plifiers at the terminals of the circuit so that speech from 
the local microphone could be heard as well as speech 
from the distant city. 

The order circuit was for the purpose of providing- 


special apparatus. Fig. 8 shows in schematic form 
the circuits of the apparatus designed for this purpose. 
The apparatus measures not the absolute envelope delay 
of a circuit, but the relative delay of one circuit at any 
frequency from about 600 cycles to 20,000 cycles' or 
more with'respect to the delay on the other circuit at a 
fixed frequency. ‘ ■ 

“The functioning of the apparatus may be briefly 
described as follows: Simultaneously into ' each line 
there was transmitted a carrier current, each carrier 
being modulated by 250-cycle current from the same 
oscillator. The modulation was accomplished in push- 
pull vacuum tube circuits so that the undesired products 
of modulation were eliminated by balance. The carrier 
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Fig. 8—Arrangements for Measuring Envelope Delay of Television Circuits 


communication between the engineers operating the 
television apparatus. 

Line Measurements 

In order to determine that the circuits set up as out¬ 
lined above were satisfactory, their overall character¬ 
istics were measured. Certain matters of interest in 
this work are noted below. 

Measurements of Envelope Delay . In order to measure 
the envelope delay to an accuracy comparable to the 
requirements for the lines, it was necessary to develop 

4. Voice-Frequency Carrier Telegraph System for Cables, 
B. P. Hamilton, H. Nyquist, M. B. Long, and W. A. Phelps, 
Journal A. I. E. E., Vol. XLIV, pages 213-218, March, 1925. 


on the line under measurement was adjusted to the 
frequency at which a measurement was. desired, and 
the carrier on the other circuit, used for reference, was 
kept at a fixed frequency of 5100 cycles. 

At the receiving point identical circuits were provided 
for amplifying and demodulating the received currents 
from the two circuits. The 250-cycle outputs from the 
two sets of receiving apparatus were connected in 
opposition to a pair of telephone receivers through a 
low-pass filter. Potentiometers Pi and P 2 were pro¬ 
vided for adjusting the relative intensities of the two 
250-cycle output voltages and a condenser C 2 was 
arranged so that it could be used to change the phase of 
e ther of the 250-cycle voltages. It is evident, then, 
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that by making suitable adjustments the two voltages 
could be adjusted to exactly the same intensity and 
opposite phase so that no sound is heard in the telephone 
receivers. As long as the value of Co is small, the 
envelope delay of one line at the carrier frequency with 
respect to the delay of the other line at 5100 cycles is 
proportional to the value of C 2 . 

The condenser C x shown at the sending station is for 
the purpose of introducing a phase shift in the 250-cycle 
current of either channel relative to the other in order to 
compensate for the differences in delay of the apparatus 


+2 TU 
‘ o 
-2 TU 


Line No. 1 with Dry Weather Equalizers 



o 2 4 6 8 10 12 14 16 18 20 

Kilocycles 


Line No. 2 with Dry Weather Equalizers 


2 4- 6 8 10 12 14- 16 18 20 

Kilocycles 

Line No.2 after 3 Days Rain with Dry and 
Wet Weather Equalizers 


O 2 4 6 8 10 12 14 16 18 20 

Kilocycles 

Fig. 9—Measured Attenuation Characteristics of Line 
Circuits Plus Equalizers 


side-band currents situated 250 cycles either side of the 

A jS 

carrier. The envelope delay is equal to-where A to 

AOO 

equals 27r times 500, and A /3 equals the measured differ¬ 
ence in phase of the two side bands in radians. 

Measurements and Performance. How well the re¬ 
quirements which were set up earlier were met by the 
lines and the distortion-correcting networks is shown in 
Figs. 9 and 10. The attenuation characteristics are 
well within the established limits, and the phase 
characteristics show only a single slight departure for 
one circuit in a very narrow range of frequency. It is 
of interest, in view of the fact that the distortion-eor- 



Fig. 10—Measured Envelope Delay of Line Circuits Plus 
Equalizers 


itself at the two frequencies. The value"of C x was 
determined by experiment before moving the sending 
apparatus to Washington and was adjusted to its 
calibrated value for each frequency when the oscillator 
frequency was adjusted. 

The measurement of the phase shift of the 250-cycle 
current, which is transmitted by means of a carrier over 
a circuit as described above, is actually a measurement 
of the difference between the phases of the two received 


recting networks were designed and built before any 
measurements were made on the lines they were to fit, 
that no changes or adjustments were found to be 
necessary in the networks, in order to obtain these char¬ 
acteristics. ■ 

Comparison of the television images obtained from 
transmission over the line with those obtained from 
transmission from one side of the room to the other, 
showed that no difference in quality could be observed. 





Radio Transmission System for Television 

BY EDWARD L. NELSON* 

Member, A. I. E. E. 

Synopsis. —Starting from the general requirements, imposed characteristics are shown. An interesting phenomena due to multi- 
on the transmitting medium, this paper discusses the engineering path transmission, the production of positive and negative secondary 
of a radio system for television purposes avid describes the radio linages, is reported. A brief series of experiments concerned with 
facilities actually employed for the recent Bell System demonstra- the transmission of both voice and image on a single wavelength 
lion. The tests to which the system was submitted to determine its is also described. 

suitability are outlined and the measured frequency-response ***** 


I N other papers of this symposium, the general nature 
of the television problem has been discussed, the 
scope of the recent Bell System demonstration has 
been outlined, terminal apparatus for television has 
been described, and the general requirements to be met 
by the transmitting agency have been formulated. 
This paper is concerned with the problem of engineering 
a suitable radio system for television purposes and with 
a description of the radio facilities actually employed 
for the demonstration. 

Requirements Imposed on the Radio System 
The radio experiments were conducted from the Bell 
Telephone Laboratories’ Experimental Station 3XN 
at Whippany, New Jersey. Between this point and 
the main laboratories’ building at 463 West Street, 
New York City, some 22 miles distant, three separate 
communication channels were required—one for the 
picture, a second for synchronizing, and a third for 
speech and music. The demonstration being of a three- 
cornered nature involving New York, Washington, and 
Whippany, it was deemed to he highly advantageous to 
transmit the necessary synchronising currents for both 
the wire and radio systems from a master generating 
set located in the auditorium of the West Street build¬ 
ing. Hence the synchronizing channel was required to 
operate from New York to Whippany, while the picture 
and speech channels necessarily transmitted in the 
reverse direction. 

. From the radio standpoint, the problem presented 
for solution may be described as follows: 

1. There is given television transmitting and re¬ 
ceiving apparatus designed to work into and • out of 
specified impedances at stated signal energy levels. 
'Signal components ranging in frequency from 10 to 
20,000 cycles must be transmitted with as little dis¬ 
crimination with respect to either amplitude or phase as 
reasonable design practises will permit. It is required 
that a suitable radio system be designed to afford 
satisfactory transmission between terminals when 
operated under prevailing conditions with respect to 
static, other radio traffic, and local electrical distur¬ 
bances. The maximum allowable “noise” level is 
probably somewhat arbitrary but it has been found that 

*Bell Telephone Laboratories Incorporated, New York, N. Y. 
Presented at the Summer Convention of the A. I. E. E., 
Detroit, Michigan, June 20-24,1927. 


if the ratio of signal to interference current is 10:1 the 
results are satisfactory. The variation of amplitude 
with frequency should probably not exceed d= 2 T U 1 at 
any point in the required signal band. The equivalent 
of the circuit must be substantially constant; in other 
words, no fading effects can be tolerated. In this respect 
a variation of perhaps 3 T U is the maximum allowable. 1 

2. For synchronizing purposes, a second channel 
must be provided to transmit 17.7 and 2125 cycles, 
the impedances and the signal energy levels at both 
ends of the circuit being known. The grade of trans¬ 
mission required in this case is probably considerably 
lower than that needed for the picture circuit but 
stable operation must be assured. 

3. Arrangements must also be made for a high quality 
telephone channel to transmit speech and music for 
loud speaker reproduction. 

4. All of these channels must, of course, be capable 
of operating simultaneously without mutual inter¬ 
ference and without effect on established radio services, 

Preliminary Survey 

In the vicinity of New York, an assignment of this 
type is surrounded with unusual difficulty due to the 
serious congestion which exists in the ether. Opera¬ 
tions were started, therefore, by undertaking a survey 
of available frequency bands at periods of the day 
during which transmission might be required. 

The'pioneering nature of the project and the charac¬ 
ter of the apparatus available led to an early decision 
to base the system on the transmission of the carrier 
and both sidebands. Since the upper limit for the 
signal was specified as 20,000 cycles, an interference 
free band somewhat greater than 40,000 cycles in 
width was, therefore, required. The unusual width of 
this band indicated the desirability of fixing upon a 
relatively high carrier frequency. No readily avail¬ 
able substitute for the ordinary type of tuned circuit 
was at hand and such circuits discriminate seriously 
against side frequencies differing by more than a few 
per cent from the frequency to which they are adjusted. 

The results of the survey disclosed two bands some¬ 
what wider than that required centering approxi- 

1. Definitely agreed on limits were essential to proper co¬ 
ordination of the various development activities and figures of 
the order mentioned were assumed for design purposes. 
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mately about 1575 and 1750 kilocycles. It was also 
conclusively demonstrated that the operation of the 
synchronizing channel at a frequency above the broad¬ 
casting band was entirely out of the question. With 
two broadcasting stations located in the immediate 
neighborhood, one producing a field strength of perhaps 
50 millivolts per meter and the other several volts per 
meter, the operation of a third transmitter on an ad¬ 
joining frequency with the maximum obtainable separa¬ 
tion between antennae, resulted in an almost continuous 



Fig. 1—General View op the Whippany Station, 3XN 


interference spectrum. It was decided, therefore, to 
transfer the synchronizing channel to a frequency of 
the order of 185 kilocycles, which would be sufficiently 
remote to remove interference from this source, and to 
make further studies in the regions about 1575 and 1750 
kilocycles based on transmission from Whippany. 
No difficulty was anticipated in making -suitable 
arrangements for the speech channel on account of the 
narrower band required and the well-known nature of 
the problem. 

The Whippany Station, 3XN 
A general view of the station site at Whippany is 
shown in Fig. 1. The property consists of some 47 


coupling apparatus was housed in small buildings 
placed under the center of each antenna, that for the 
larger structure having a copper roof which was 
securely connected to the ground network. 

This type of installation is thought to afford a number 
of advantages. By separating the building and the 
antenna it becomes a much simpler matter to control 
the electrical factors which enter into the design of 
the latter. Removing the building from the field tends 
toward reduced dielectric and eddy current losses and 
consequently toward higher antenna efficiency. The re¬ 
sulting improvement may be expected to more than 
compensate for the slight loss in the line, which should 
not exceed 3 per cent. Removing the field from the 
building is equally advantageous in that it simplifies 
the precautions which normally have to be taken to 
prevent the radio-frequency energy from affecting the 
performance of audio amplifiers and other supplemen¬ 
tary vacuum tube apparatus. The most serious dis¬ 
advantages arise from the fact that the antenna must 
be tuned and the current in it measured at a point 
remote from the transmitting apparatus proper. 

In spite of the fact that the station building was not 
directly under either antenna, some difficulty was 
anticipated from radio-frequency fields produced within 
the transmitting equipment due to the relatively high 
amplification employed with the photoelectric cells. 
In order to minimize trouble of this nature a special 
shielded studio was constructed in one of the wings of 



acres. The main laboratory building, which is located 
near its center, is a two-story structure affording ap¬ 
proximately 18,000 square feet of floor space. The 
principal antenna system involves two 250-foot steel 
towers with a suitable buried ground system, which is 
placed some 500 feet out in front of the building in 
order that the latter may be clear of the denser portion 
of the electric field. This antenna was assigned to the 
picture channel. For the voice channel, a separate 
structure located 500 feet in the rear of the laboratory 
building or approximately 1000 feet from the other was 
employed. The original supports in this second case 
were 60-foot wooden masts but subsequently metal 
topmasts were added, bringing the total height to 100 ft. 
Both antennae were energized by means of radio-fre¬ 
quency transmission lines. The antenna tuning and 


Fig. 2—Operating Room at 3 X N. Transmitter for 
Television Channel on the Right. Power Supply Unit 
and Radio Transmitter for the Speech Channel in the 
Center and on the Left, Respectively 

the building to house the television terminal apparatus. 
Walls, ceiling, and floor were completely covered with 
No. 24 gage sheet copper lapped about one inch and 
carefully soldered. The windows were covered with 
fine copper gauze. The door was covered with sheet 
copper which was carried around the edges so that in 
closing it made a firm wiping contact with the surround¬ 
ing frame. Circuits for lighting and miscellaneous 
power service were led in through two specially con¬ 
structed transformers fitted with grounded copper 
shields between the primary and secondary windings. 
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The picture circuits leading to the radio transmitter, 
the microphone circuits, and the necessary studio signal 
and control circuits were run in lead cable and in most 
cases were brought into the room through suitable 
radio-frequency filters enclosed in metal boxes attached 
to the copper sheathing. In order to avoid the possi¬ 
bility of the heavy current leads to the arc bringing in 
radio-frequency energy, and to eliminate the noise and 
heat from the arc, provision was made for mounting 
the latter in its metal cabinet outside of the room. 
The circular opening through which the light beam was 
projected into the room was protected by the lamp 
cabinet which was also grounded to the sheathing. 
Satisfactory acoustic conditions within the studio were 
obtained by applying eelotex wall board over the copper 
and by the use of suitable floor coverings. 
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Transmitting and Receiving Apparatus 

For the television channel, arrangements were 
made to install a standard Western Electric 6-B Radio 
Broadcasting Transmitter and to modify it for the 
purpose. This transmitter is a 5 kilowatt unit (carrier 
output without modulation) designed for high quality 
telephone transmission in the 500-1500 kilocycle hand. 
It will transmit signal components ranging from 50 to 
5000 cycles without noteworthy discrimination. At; 
00 cycles and at 10,000 cycles there is some loss in effi¬ 
ciency and beyond these points the characteristic curve 
falls rapidly.. The necessary changes, therefore, involved 
both the radio and audio circuits, the latter phase of 
the problem being perhaps the more difficult. 

The schematic circuit of the modified transmitter is 
shown in Fig. 4. The revised radio frequency circuits 
were very similar to the standard arrangement, the 
changes mainly affecting the magnitudes of various 
coils and condensers. The output circuits were, of 


course, redesigned (o meet the conditions imposed by 
the transmission line. The circuit was ut the muster 
oscillator-moilulid iug amplifier-power amplifier typo, 
The master oscillator employed a 50-wat f tube operating 
in a circuit designed to atford a high degree of stability, 
This was connected to the input of the modulating 
amplifier through two radio-frequency stages, also 
employing 50-waft tubes. These two stages precluded 
the possibility of the oscillator frequency being appreci¬ 
ably altered by effects due to modulation. The modu¬ 
lating amplifier employed two 250-watt tubes in parallel 
and operated on the Heising system. In the standard 
equipment, the audio stages involve one 50-wait tube 
and two 250-watt tubes in parallel. To meet the mure 
rigorous requirements of television with an ample 
factor of safety, this portion of the transmitter was 
removed from service and a specially constructed 
three-stage amplifier was substituted. Ah shown in 
the drawing, the latter consisted of two bit-watt re¬ 
sistance-coupled stages and a final power stage based 
on a 5-kilowatf water-cooled t ube which raised the signal 
currents to a power level of approximately fine-half 
kilowatt. 

In order that if might lie possible to cheek the per¬ 
formance of the radio transmitter under all operating 
conditions, a suitable monitoring rectifier was con¬ 
structed and coupled to the output circuit of the radio- 
frequency power amplifier. A circuit was run back to 
suitable switches on the television control panel so 
that, either the out put of f he phutuelecf He eell amplifiers 
or the rectified output of the radio transmitter could 
be impressed on the pilot lamp of the television trans¬ 
mitter, By comparing the two images, it thus became 
a relatively simple matter to detect any serious mal¬ 
adjustment in t he radio apparatus. 

The problem of providing a suitable transmitter 
for the speech channel was rendered quite simple by the 
fact; that, at the time there was in process of develop¬ 
ment at Whippany a 50~kilowal l equipment intended for 
broadcasting applications. The detailed description 
of this transmitter is beyond the scope of the present; 
paper. It may be said, however, that it consists of a 
piezo-elcctrically controlled master oscillator employing 
a 50-watt tube directly followed by a50 watt modulating 
amplifier. Modulation is by the 1 hTing system, em¬ 
ploying one 50-waf t and one 250-watt tube in the audio 
stages. The output of the modulating amplifier is 
amplified by three push-pull, neutralized, radio- 
frequency stages t he last, of which employs six water- 
cooled tulies at approximately 17,000 volts, This set 
is capable ol delivering; 50 kilowatts i unmodulated 
carrier) to the antenna and during modulation in¬ 
stantaneous peaks approaching 200 kilowatts are 
attained. 

The radio receiver employed at Whippany for the 
reception of the synchronizing signals at 185 kilocycles 
presents no features of unusual interest , A double- 
tuned input circuit, was used followed by I lirec stages 
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of radio-frequency amplilicalion, a. detector, and two 
audio stages of conventional design employing trans¬ 
former coupling. No serious dilliculty was encountered 
in obtaining ample selectivity to insure satisfactory 
operation in the fact* of the slump; local signals but 
care was necessary in locating I he receiver and in laying 
out the antenna in order to avoid the inductive type 
of interference which is almost always experienced in 
the immediate vicinity of a large radio station. The 
receiving antenna was located approximately 700 feet 
from the two transmitting radiating; systems. 

The receiver employed at the Now York terminus 


will be produced which may or may not pass the inter¬ 
mediate-frequency amplifier and the associated filters 
depending on their design. If the interfering compo¬ 
nent lies on the opposite side of the wanted carrier from 
the oscillator and differs from the former by the inter¬ 
mediate-frequency, it will be passed by the receiver, 
subject only to the attenuation due to the radio-fre¬ 
quency circuits (the input circuits tuned to the wanted 
carrier). This characteristic must be given careful 
consideration in the design of selective receivers of the 
superheterodyne type and has led to the introduction 
of carefully designed, loosely coupled, input circuits or 



of the television channel presented a somewhat knotty 
problem on account, of the relatively wide frequency 
hand which it, was required to pass while providing^the 
maximum discrimination against, interference. The 
width of the required hand pointed very definitely 
toward tire superheterodyne. This type, of circuit is 
also very stable, permits of all the amplification, that 
may be needed or that may he employed under ordinary 
noise conditions, and is very selective against inter¬ 
ference immediately adjacent to the desired band, 
ft is quite susceptible, however, to interference from 
components differing from the desired carrier frequency 
by an amount approximately equal to the intermediate 
frequency. If the interfering component lies m e 
neighborhood of the frequency of the oscillator, bea s 


an initial tuned radio-frequency stage for this purpose. 
Neither of these expedients were possibilities in the 
television receiver, however, because of the extra¬ 
ordinary width of the required transmission hand. 
Recourse was had, therefore, to a triple detection ar¬ 
rangement. Speaking somewhat in the vernacular, 
the desired signal was “beat up” to 5000 kilocycles 
where it was passed through sharply tuned coupled 
circuits, then “beat down” to 120 kilocycles, amplified, 
filtered, and rectified, finally passing through a suitable 
low pass filter, audio amplifier, and output transformer 
to the television reproducing apparatus. 

The circuit arrangement is shown schematically in 
Fig. 6. Two tuned circuits with capacity coupling 
were connected to the input of the first detector or 
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modulator. A relatively tight coupling was employed 
to produce the well-known double-peaked resonance 
curve capable of affording the required band width. 
The antenna was not tuned but was loosely coupled to 
the selective circuits by means of an adjustable capacity. 
The incoming radio signal was impressed upon the grid 



Fig. 5—Radio Receiving Equipment for the Television 
and Speech Channels in the Auditorium of Bell 
Telephone Laboratories, New York 


of the modulator tube along with a suitable voltage 
from an oscillator operating at 6575 kilocycles. The 
5000 kilocycle components which resulted were selected 
by means of two carefully designed tuned circuits also 
capacity coupled. The purpose of this stage in the 
process will be evident if it is appreciated that at 1575 


band-pass filter which worked into a two-stage inter¬ 
mediate-frequency amplifier. A second band-pass 
filter led to the third or final detector. A 20-kilocycle 
low-pass filter was employed in the plate circuit of the 
latter. This filter was designed for a low input im¬ 
pedance at 120-kilocycles in order to meet the necessary 
condition for efficient rectifier action and it also served 
as a coupling element for the audio stage which followed. 
A special output transformer with a permalloy core was 
provided to step down to the relatively low impedance 
of the line leading to the television apparatus proper. 

A superheterodyne receiver of more conventional 
design was employed for the speech receiver. The 
circuit arrangement involved a double-tuned input cir¬ 
cuit, one tuned radio-frequency stage, oscillator and 
modulator, two intermediate-frequency stages, detector 
and one audio stage. It was highly selective and 
afforded substantially distortionless transmission for 
signal frequencies ranging from 50 to 5500 cycles. 

The transmitting equipment for the synchronizing 
channel consisted of a Western Electric 6-A Radio 
Broadcasting Transmitter modified to operate at 185 
kilocycles. In order to avoid the necessity of trans¬ 
mitting directly the 17.7-cycle component required for 
synchronizing purposes, a 760-cycle carrier was modu¬ 
lated at 17.7 cycles by means of a relay and impressed 
upon the* input of the radio transmitter together with 
the steady 2125-cycle component. At the receiving 
end, the 2125 and modulated 760-cycle components were 
separated by means of suitable filters, and the latter 
rectified to produce the desired 17.7-cycle current. 


1575-K.C. 6575-K.C. 5000-K.C. 5120-K.C. 120-K.C. AUDIO 

INPUT CIRCUITS OSCILLATOR SELECTIVE CIRCUITS OSCILLATOR INTERMEDIATE FREQUENCY AMPLIFIER AMPLIFIER 



Fig. 6—Schematic of Triple Detection Receiver for Television Channel 


kilocycles ± 20 kilocycles requires a 2.6 per cent band 
while at 5000 kilocycles the same side frequencies 
require only a 0.8 per cent band. In the latter case, 
therefore, it is possible to employ materially sharper 
circuits without discriminating against the higher signal 
components. The 5000-kilocycle circuits connected to 
the grid of a second detector or modulator tube upon 
which suitable voltages from a 5120 kilocycle^ oscillator 
were impressed. The 120-kilocycle components in the 
output of this modulator were selected by means of a 


Tests of the System 

As soon as the various apparatus units could be 
made ready for service, a comprehensive series of trans- • 
mission tests was undertaken. In order to determine 
the relative suitability of the 1575- and 1750-kilocycle 
bands disclosed by the preliminary survey, trans¬ 
missions from Whippany at intervals throughout the 
day were arranged. Field strength measurements 
were taken at the receiving point employing apparatus 
of the type described by Messrs. Englund and Friis 
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at the Spring Convention 2 and observations on the 
relative strength of the received signals were made by- 
inserting a sensitive microammeter in the plate circuit 
of the third detector of the television receiver. These 
data indicated that the lower frequency band suffered 
considerably less attenuation and also afforded much 
more stable transmission. In spite of the compara¬ 
tively short distance (approximately 22 miles) marked 
fading was experienced beginning with the sunset 
period and increasing in amplitude as the night ad¬ 
vanced. The high frequency band proved to be 
particularly disadvantageous in this respect. It was 
decided, therefore, to fix upon the lower frequency band 
and to • confine the demonstration to the afternoon 
when reasonably stable transmission conditions pre¬ 
vailed. 

Following the choice of a definite operating fre¬ 
quency, a number of modifications was made in the 


volts per meter) which was considered to be satisfactory 
for the purpose. 

In order to insure that the reproduction of the 
picture might not suffer from serious discrimination 
against essential frequencies at some point in the radio 
system, very careful tests were made on the individual 
units and on the system as a whole. 

The frequency characteristic of the transmitter 
was determined by connecting a vacuum tube oscillator 
producing a relatively pure wave to its input terminals 
through a suitable network involving a thermal mil- 
liammeter and an adjustable artificial line. A rectifier 
of known characteristics and a second thermal meter 
protected against radio-frequency currents by means of 
a low-pass filter were coupled to the output circuit of the 
water-cooled tubes. Employing a frequency of 1000 
cycles, the input was adjusted to produce normal 
modulation and the readings of the input and output 



Fig. 7—Measured Characteristics of Television Channel 


transmitting antenna to improve its efficiency and in¬ 
crease the field strength at the receiver. This work 
finally resulted in a measured field strength of approxi¬ 
mately 2500 microvolts per meter for an antenna input 
of 5 kilowatts. 

Further consideration of the available data on 
transmission and traffic conditions and the performance 
characteristics of the apparatus units involved lead 
to a choice of 1450 kilocycles for the speech channel. 
In spite of an antenna input of approximately 30 
kilowatts, the initial tests at this frequency were very 
unsatisfactory due to inadequate field strength at the 
receiver which necessarily resulted in an abnormally 
high noise level. The height of the antenna was, 
therefore, increased from 60 to 100 feet by installing 
iron pipe topmasts. This change brought the field 
strength at the receiver to approximately the same value 
as that obtained for the television channel (2500 micro- 

2. Methods for Measurements of Radio Field Strengths. 
C. R. Englund and H. T. Friis. See p. 492. 


meters noted. The oscillator frequency was then 
changed by a convenient amount while holding the 
input reading constant and the artificial line readjusted, 
if necessary, to produce constant output current. Under 
these conditions, any change in the setting of the 
artificial line indicates an equal variation in the trans¬ 
mission efficiency of the transmitter which is evaluated 
by this method directly in Transmission Units (T U). 

The characteristic of the receiver was determined 
in a similar manner. A low power transmitter of known 
characteristics was connected to it through a suitable 
attenuating network which, in so far as the receiver 
was concerned simulated the receiving antenna. The 
radio-frequency input to the receiver was adjusted to 
approximately the normal value and a series of mea¬ 
surements taken with variable audio-frequency inputs 
as indicated above. 

The overall measurements were also based on a similar 
procedure impressing a constant input on the 600- 
ohm input terminals of the transmitter through a 
suitable artificial line and adjusting the latter to 
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give a constant current into a 600-ohm load at the 
output of the receiver, taking necessary precautions, 
of course, to preclude overloading at any point in the 
system. 

The experimental characteristic curves thus obtained 
are shown in Fig. 7, where the abscissae represent 
cycles per second and the ordinates departure from 
the 1000-cycle value in T U. As will be. noted, at the 
lower frequencies exceptionally good performance was 
obtained, the overall characteristic being only 2 T U 
down (or deficient) at 10 cycles and only 6 T U down 
at 3 cycles. The results for the higher frequencies, 
however, were not so satisfactory, a loss of approxi¬ 
mately 13 T U being observed at 20,000 cycles probably 
due to the tuned circuits in the receiver. Since modifi¬ 
cation of these circuits to obtain a flatter characteristic 
would have been difficult and would have occasioned a 
noteworthy sacrifice in selectivity, a compensation 
network was designed for use in the 600 ohm output 
circuit of the receiver which introduced a negligible loss 
at 20,000 cycles, a substantially constant loss of 13 
T U at frequencies below 2000 cycles, and for 
intermediate frequencies losses represented by the 
height of the “normal overall” curve above the horizon¬ 
tal line representing — 13 T U. With this network 
connected between the receiver and the television 
equipment, the average level throughout the band 
was, therefore, reduced some 13 T U but the resulting 
characteristic as measured beyond the network was 
that which has been designated “overall equalized.” 
Above 20,000 cycles the characteristics all fell very 
rapidly which is an indication of the degree of selec¬ 
tivity attained. This was contributed to by the radio¬ 
frequency tuned circuits, the band-pass filters in the 
. intermediate-frequency amplifier, and the 20,000-cycle 
low-pass filter between the final detector and audio 
amplifier. The individual characteristics of the various 
filters were designed to be 60 T U down 20 kilocycles 
from the specified cut-off frequency. 

Similar measurements were made upon the speech 
channel but a less thorough study was deemed suffi¬ 
cient in that case due to the existing background of 
experience. 

Effects of Fading 

With the system as outlined above, very satisfactory 
performance was obtained during the afternoon and 
early evening hours when reasonably stable transmission 
conditions were prevalent. Later at night, however, 
when marked fading became evident, some rather 
unexpected but easily explainable phenomena were 
observed which may be of sufficient interest to warrant 
brief mention. 

When marked fading occurred, the normally clear 
reproduction was accompanied by “ghosts” or. ad¬ 
ditional images which faded in and out in an erratic 
manner, sometimes appearing as positives and sometimes 
as negatives. The effect was most clearly observed when 
using one of the various types of test screens employed, 


a white card bearing a black diamond-shaped outline, 
approximately a square with its diagonals vertical and 
horizontal. With this simple type of pattern, it became 
evident that the secondary images were additional 
reproductions which were “out of frame” by a greater 
or less amount. In other words, each of these ad¬ 
ditional images consisted of a portion of two diamonds 
placed side by side with the corners just touching. 
Images “out of frame” along the vertical axis are fre¬ 
quently seen on the motion picture screen. 

The explanation is fairly obvious. The present 
more or less generally accepted view of fading is that 
it is a manifestation of transmission along two or more 





Fig. 8—Production of Positive and Negative Secondary 
Images Due to Multi-path Transmission 


paths, at least one of which is variable, producing a 
continually changing phase relationship between the 
components and a corresponding waxing and waning of 
the resultant signal. In the present case, the major 
image was probably produced by the so-called “ground 
wave.” The secondary images probably resulted from 
components which were transmitted upward at a 
relatively sharp angle and reflected back to the receiving 
station from the Heaviside layer, the difference in 
framing being due to the longer time of transmission. 

The production of negative secondary images is a 
most interesting phase of the phenomena. This 
effect may be explained quite easily by means of a 
series of signal diagrams such as is shown in Fig. 8. 
If attention is confined to the interval during which 
scanning takes place along the line AA, it is evident that 
the television signal will have the form shown. Ampli¬ 
tudes above the dotted line indicate the current through 
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the photoelectric cell. Since transformer-coupled 
amplifiers are employed in the television apparatus, 
however, the direct component is eliminated and the 
zero axis for the input to the radio transmitter is the 
solid line. Sketch II shows the modulated output of 
the radio transmitter. The received signal, shown in 
III, is assumed to consist of two components, the larger 
due to the “ground wave,” and the smaller due to re¬ 
flected energy from the Heaviside layer. The latter 
lags somewhat because of the greater length of the 
transmission path. The resultant of these two com¬ 
ponents will necessarily depend on the relative phase of 
the two carriers at the receiving point. Two cases 
are considered: when the components are exactly in 
phase, and when they are exactly out of phase. The 
effect at intermediate positions may be readily 
evaluated from these examples. With the components 
in phase, the detector output is proportional to their 
sum which is shown in IV. It is evident that this 
will result in a major image and a secondary positive 
image. If the components are out of phase, the rectified 
signal shown in V results. It is simply a matter of 
subtracting amplitudes. This resultant consists of 
the desired signal with the amplitude somewhat 
reduced which will produce a gray background. The 
secondary image will be formed by the two small peaks 
shown and will be lighter than the background, in 
other words a negative. 

A pattern frequently observed was the diamond 
with a cross through its center due to a secondary image. 
This represents a change in framing of approximately 
one half line. With 17.7 pictures per second and 50 
lines per picture, this corresponds to a difference in trans¬ 
mission time of 1/17.7 X 1/50 X 1/2 or 5.65 X 10 -4 
seconds. A rough computation of the height of the 
reflecting layer based on this figure and a distance of 
22 miles between transmitting and receiving stations 
gives 100 kilometers, which is substantially in agree¬ 
ment with determinations made by other methods. 

Transmission of Voice and Image with a Common 
Carrier Frequency 

Following the demonstration, a brief series of supple¬ 
mentary tests was arranged to obtain some apprecia¬ 
tion on experimental grounds of the problems involved 
in. transmitting both voice and image with a single 
radio transmitter. The system employed may be con¬ 
sidered as the extension of carrier current technique 
to radio, but has been described in various other terms: 
“multiplex radio,” “double modulation,” “the Ham¬ 
mond system,” etc. The output of a 30,000 cycle 
oscillator was .modulated with the speech signal. The 
resulting carrier and sidebands were selected by means 
of a suitable filter passing frequency components rang¬ 
ing between 25,000 and 35,000 cycles and impressed on 
the input terminals of the radio transmitter along with 
the 10 to 20,000 cycle signal from the television ap¬ 
paratus. A suitable low-pass filter was employed in the 


line to the latter in order to preclude “crosstalk” due 
to 25,000-35,000 cycle energy working back into the 
final amplifier stages. The input to the radio trans¬ 
mitter thus consisted of a band extending from 10 to 
20,000 cycles together with a 25,000 to 35,000 band, 
with a particularly strong component at 30,000 cycles 
representing the low-frequency carrier. 


SPEECH SIGNALS 
50-5ooo~) 


TELEVISION SIGNALS 
(I0-20000~) 


lo~ 


INPUT TO RADIO TRANSMITTER 
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1540 1550 t555 1575 j 595 1600 I6IO 


Fig. 9—Diagrammatical Representation op Frequency 
Conversions in Multiplex Radio System 


In order that it might be capable of handling this 
wider band without discrimination, further modifica¬ 
tions in the radio transmitter were required. In the 
case of some of the radio-frequency circuits, which were 
required to pass a 70,000-cycle band, it was found to be 
necessary to insert resistance to reduce the sharpness 
of resonance. On account of lack of time, it was not 
possible to obtain a complete series of characteristic 
curves for the transmitter under these conditions. 
Isolated measurements with a single-frequency input of 
35,000 cycles indicated, however, that components of 
this order could be transmitted without serious loss and 
the subsequent performance of the system as a whole 
confirmed this conclusion. 

It is well known that if a sinusoidal alternating 
current i = 7 0 sin eo t is modulated with a signal of 
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frequency f — ——- the resulting modulated current 
2tt 

may be represented by the expression: 

. T . k h . k Jo . 

i = /„ sin co /, + “ 7)~ sin (to F <!»)/ -f --- sin (co — 40/, 

where A; is a fraction indicative of the degree of modu¬ 
lation. In other words, a modulated current,, or wave, 
may be resolved into three components: (1) a steady 
component, known as the “carrier,” which has the 
amplitude and frequency of the original unmodulated 
current, (2) an “upper sideband” which is equivalent 
to the signal sped,rum with each individual frequency 
increased by an amount equal to the carrier frequency, 
and (5) a “lower sideband” which is an inverted repro¬ 
duction of the signal spectrum, that is, each individual 
signal component is laid off in the downward direction 
from the carrier frequency, or, subtracted from if. 
Hence, assuming a earlier frequency of 1575 kilocycles 
and a signal input to the radio transmitter of the type 
described above, the antenna current, or the trans¬ 
mitted wave, may be represented diagrammatically 
as shown in big. I). 

It is evident that this type of radio signal can he 
received by employing an arrangement which will 
accept the entire hand and subject it, to rectification 
in the usual manner. If this is done, the television 
signal and the 50,000 cycle supplementary carrier 
modulated with speech will appear at the out pul of t he 
detector. Branch circuits with suitable filters will 
enable t hese two components to be separated and t he 
television signal passed on to the reproducing apparal us. 
The other component, must, be rectified to derive the 
original speech signal, which may then be impressed on 
the loud speaker amplifiers. 

The recept ion scheme actually employed during the 
experiments was somewhat; dilferent. The television 
signal was received separately by means of the triple 
detection set employed for the demonstration. The 
speech signal was received in a similar manner employ¬ 
ing the set. utilized for the speech channel during the 
demonstration. This latter receiver was tuned to 1545 
kilocycles. That reception in this manner is feasible, 
is evident, from the diagram. The 1540-1550 kilocycle 
zone contains two speech sidebands and a carrier 
of 1575 — 50 or 1545 kilocycles. If is quite possible, 
therefore, to demodulate in one step, instead of 
“beating” the various components against the main 
carrier* (1575 kilocycles) to produce a 50-kilocycle 
supplementary carrier which must be rectified a second 
time to derive the speech signal. The 1000-1 (i 10 kilo¬ 
cycle band was ignored. The receivers were sufficiently 
selective that, with the 5-kilocycle interval which 


existed between the two hands, no not ewo**t liy crosstalk 
was experienced. 

The results obtained in this manner were nut as 
satisfactory as those to be had with tire of tier system 
described. This can he attributed to two lectors, Both 
concerned with the transruitting apparatus: r 1 1 hi 
order to transmit, both signals with the same trans¬ 
mitter, that is, the same vacuum tubes, the individual 
current amplitudes had to he redtteed to at least one- 
half, resulting in too weak a radio signal to dear the 
prevailing noise levels in Xew \ ork, T In spilt* nf the 
reduced amplitudes, a certain amount of inter-modula¬ 
tion was experienced in the transmitter which resulted 
in “crosstalk” between tire channels. Not with stand¬ 
ing these deficiencies, however, it war- posable to 
recognize the speaker and to understand hF> remarks; 
hut a short time ago, the performance would ha\ e been 
considered a very noteworthy achievement, 

Experiments of (his nature, although trot new, art* 
of particular* interest where television is concerned, 
since, as Dr. Ives has indicated, the log read trend of 
development is toward a liner picture structure in¬ 
volving’ (Ire transmission of much wider frequency 
hands, or what is more likely, the use of parallel scan¬ 
ning schemes and multi-channel transmission. Tire 
work, while necessarily somewhat cursory, may, there¬ 
fore, hr 1 of value in atfording an indication of i in* signifi¬ 
cance of multi-channel radio transmission in this con- 
nerfion. From a popular standpoint, these test have 
been described as lire transmission of both \oice and 
image “on a single* wavelength.” To what extent this 
statement tails short of actually represent ing the facts 
in the ease is obvious from Fig. 5. If will he ecu that. 
a wider frequency hand is actually employed with this 
system than was required for two separate channels. 
Furthermore, this wider hand is. much less effectively 
utilized. Two hands are required for the voice channel 
in place ol one. At (he receive:', one of there bands 
was disregarded. To have received both would have 
required apparatus accepting twice the band width 
and the gain in signal would have been oil. et by the 
corresponding increase in noise level. For all useful 
purposes, therefore, the energy radiated in the form of 
the second hand is wasted. 

To proceed further with a discussion of mult FehaniH'l 
radio transmission is beyond the scope of tin* present, 
paper. Whatever the system employed, however, 
one conclusion illustrated by these experiments may he 
pointed to with confidence: Television by radio requires 
a discrete and fairly wide frequency band. Hence the 
frequently predicted introduction of television as an 
adjunct to radio broadcasting without, extensive 
changes in existing channel arrangements is extremely 
unlikely. 






























Joints m High-Voltage Multiple-Conductor Cable 

BY THOS. F. PETERSON 1 

Associate, A. I E. E. ' 

Synopsis. /n this -papir the author has outlined the evolution of by specially reinforced crotches and hand-wrapped insulation, 
multi ple conductor joints and explained in detail the development To date, all tests,—short time and accelerated life, a-c. and d-c .,— 
of a three-conductor, high-voltage joint for use with belted and have produced failures in cable rather than in joints so constructed, 
metal sheathed cables or combinations of these. Many other claims of superiority over existing types are presented. 

In the final design, spreaders and harrier tubas have,.been replaced * * * * * 


L ITERATURE on high-voltage cable theory, design, 
testing, and operation is remarkably voluminous. 
This fact is especially noticeable when comparison 
is made with the meager data available on joints or 
splices and characteristics of jointed cable systems. 
Only recently have questions pertaining to the last 
mentioned been treated or emphasized in technical 
'papers and discussions. It is quite pleasing however, 
to note their appearance in papers such as Del Mar’s on 
the Elfect of Internal Vacua, and others on the use of 
reservoirs and design of joints. This paper falls in the 
same category as the latter and constitutes a presenta¬ 
tion of data on design, installation, and operation of 
joints on high-voltage systems with which the author 
has been intimately associated. 

In its final analysis a joint may be considered as a 
reconstruction of cable brought into being because it is 
physically impossible to maintain continuity of cable 
from one end of a feeder to the other. Most efficient 
design would dictate using a joint somewhat stronger 
electrically than the cable with which it is made. 
Except in a few cases, this is theoretically possible, 
although often it would appear as though “brute 
strength” tactics were used in its accomplishment. 
Single conductor joints, those in metal sheathed and 
braided cable with immense amounts of insulation and 
those in multiple-conductor cable of monstrous size, 
typify these. The evolution of joints, with improve¬ 
ments gained partly from experience and more recently 
by the application of scientific principles of design, 
constitutes an extremely interesting subject for study. 

When viewed in its entirety, one notices that the 
trend in joint design has followed rather closely that in 
cable design and quite justly so, since joint construction 
is, in a sense, cable reconstruction. When the old 
Edison Lube was in use splices were made in enlarged 
coupling boxes, these being filled with hard compound 
as was the tube. Following this, various types of taped 
and rubber covered cable were developed. However, 
joints were made as before, except for the introduction 
of barrier tubes. Increase in operating voltage then 
gave rise to changes in impregnating compounds. At 
the same time difficulties with voids in hard compounds 
which were unavoidably produced during filling and 

1. With th© Brooklyn Edison Co., Inc. 

Presented at the. Summer Convention of the A. I. E. E 
Detroit, Mich „ June W-H, mi. 


with charring of paper, necessitated the use of such 
filling compounds as petrolatum and the introduction 
of hand wrapping, still retaining the barriers, however. 
In more recent developments based on knowledge of 
cable breathing, migration of compound into cable, 
stress distribution, etc., oil and reservoirs have been 
used at joints, barriers eliminated, crotches reinforced 
and, from one point at least, it would seem that joint 
construction has overtaken that of cable inasmuch as 
very little oil filled cable has as yet been placed in 
operation. 

It is quite evident that in old designs, creepage paths 
were considered as the most important factors deter¬ 
mining dielectric; strength, this probably being derived 
from experience with joints on d-c. systems in which, 
moisture, condensation, poor workmanship, impurities; 



Fin. 1 —Metal Sheathed Cable Joint in Construction 

and the like contributed largely to failures. There 
seemed to have been no regard for stress distribution, 
dielectric constant relations of insulating materials and 
so we find barriers, tubes, porcelain, mica, paper, 
compounds, etc., in series with one another in various 
proportions and placed indiscriminately in the electric 
fields. These statements are not intended to belittle 
the importance of leakage paths but rather to encourage 
consideration of all phases of design. 

Quite general practise today consists in operating 
with alternating current and testing with direct current. 
Under alternating potentials at standard frequencies, 
the dielectric stress distribution is dependent on the 
configuration of electrodes and the constants of the 
dielectric circuits. On the other hand such distribution 
exists only at the moment of application of direct or 
steady potential differences. After this, redistribution 
takes place in the form of a slow transient with end 
conditions depending on the resistivities of paths. If 
then, total stress is sufficiently high, failure will occur 
along the path of minimum resistance. Though the 
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stress distribution under alternating current is deter¬ 
mined primarily by dielectric constant relations, a 
component may always be determined acting in the 
direction of the leakage path and tending to produce 
this type of failure. It is obvious that the direct 
potentials with total voltage applied to path, are more 
severe. However, it is felt that defects brought to light 
by the comparatively high tests based on cable require¬ 
ments are well worth removing and that the testing does 
not necessarily invite trouble. The importance of con¬ 
sideration of leakage paths as well as dielectric constant 
relations is thus brought out. 

While the company with which the author is con¬ 
nected, was contemplating operation at 27 kv., many 
tests were made on multiple-conductor joints. Inas¬ 
much as this was done under pressure of time no radical 
departures from standard types or accepted practises 
were made. Finally one, hand wrapped, petrolatum 
filled, with porcelain spreaders and-mica barrier tubes 
was adopted. Results with this type were fairly satis¬ 
factory. After several years of operation, however, a 
rather high percentage of failures was experienced on 
test which, on examination, were almost all found to 
have started at connectors, then- continuing along 
pencilling and conductor insulation or barrier tubes to 
ground. These were due to such causes as follows: 

1. Copper dust produced by filing connectors. 

2. Jagged pencilling of conductor insulation. 

3. Wrinkled conductor insulation, (2 and 3 giving 
rise to voids). 

4. Compound having been driven from mill insula¬ 
tion at pencilling by heat during sweating of connectors. 

5. Migration of compound into cable, making most 
probable location of voids on contact surface between 
mill insulation and hand wrapping. 

6. Sharp edges of solder, connectors, etc. 

It is quite obvious why, with such causes as these 
conspiring to produce trouble, direct-current tests, at 95 
kv., conductor to ground, and 135-kv., conductor to 
conductor, were so effective in weeding out defects. 

The cures for these evils were soon found. Advances 
were made in cable manufacture (wrinkles being 
practically eliminated), pencilling was improved, one 
or two layers of varnished cambric tape was used over 
connectors, etc. These, with pressure filling, gave rise 
to a fairly satisfactory joint but, like “Champions and 
Records,” this did not stand long, for tests at the 
laboratory under three-phase, alternating current re¬ 
vealed other weak places, namely, at the crotches and 
porcelain spreaders. Just about this time one company 
whose experience in this direction was very similar to 
ours began to experiment with wooden spreaders, the 
idea being that with a dielectric constant more nearly 
equal to that of impregnated paper better results would 
be obtained. Our progress was along different lines. 

For some time manufacturers and those engaged in 
testing of cable had suffered a serious handicap in not 
being able to carry tests of three-conductor cable to 


satisfactory completion because of breakdowns which 
invariably occurred at the crotches. The author was 
confronted with and quite successfully solyed this 
problem about 2, l /2 years ago. Examinations of crotch 
failures of cable tested under oil indicated that there 
were three outstanding causes for these, namely: 

1. Ruptured conductor insulation due to sharp 
bending. 

2. Breakdown of film of oil and then paper at 
crotch. 

3. Circumferential stresses on conductors. 

The first was removed by fanning out legs in stages, 
that is, removing part of belt and bending legs, using 
edge of belt as a fulcrum. 

The second did not yield so readily to the corrective 
measures applied. The attack was based on observa¬ 
tions made during two tests devised to bring out the, 
existance of this cause. 

A roll of impregnated tape was used as a spreader in 



Fih. 2— Cut-Away of Joint in Belted Cable 

Joints of this type tested; 120-lcv. three-phase, 10-65 hours. 

Failures in cable; 130 kv. 15 hr. and 276 kv. instantaneous failure 
in’cable. 

a crotch. After application of three-phase voltage, the 
roll was badly burnt due to breakdown of oil at its 
center. At another time a sample was prepared and 
the crotch placed in a glass jar of clear oil. Spark dis¬ 
charge across film of oil in crotch was very much in 
evidence. 

The dielectric constant of oil is approximately 2.5 
and that of impregnated paper 3.2 to 4.1.' When insu¬ 
lations are in series in a dielectric circuit distribution 
of stress is in inverse proportion to dielectric constant. 
It is seen, therefore, why oil or compound was stressed 
beyond its rupturing strength, broke down, and the 
resultant heating, charring, etc., finally culminated in 
breakdown of adjacent paper 2 . 

Circumferential stresses on conductors manifested 
themselves by the appearance of tree formations at 
crotches through several layers of paper on the backs of 
conductors of certain types of cable, though these very 
rarely resulted in failure. 

A rather simple solution for the above difficulties was 
arrived at after making some exhaustive tests using 
barriers, cotton, and the like jammed into crotches, 
short circuiting oil by wrapping legs with electrostatic 
shields, using wrapping of wick. Finally, after carefully 

2. See author’s discussion of paper on a 132-kv. joint, by 
D. M. Simons, presented at A. I. E. E. Winter Convention, 1927. 
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bending conductors, each leg was built up conically with 
black varnished cambric tape starting deep in the crotch 
and extending out 5 inches, the maximum thickness 
being % in., 4 inches from belt edge. (See Figs. 2 
and 4.) The conductors were drawn together and a 
varnished cambric belt was applied at crotch to the 
level of the factory belt. Then the lead sheath of cable 
was extended, using lead foil, to the point of maximum 
thickness of varnished cambric. The lead foil and var¬ 
nished cambric belt were punctured to allow oil to enter 
where normally fillers would be. With this type of con- 



Fia. 3 —Showing Stages op Constkuction 


1. Oublo butted 

2. Panning conductors 

2. Conductors covered with one layer of tape 

4. Crotch built up motal foil applied 

5. Connectors sweated 

0. Hand wrap 

7. Hand wrap 

8. Barrel slipped into place 

(). Pressure filling 

10. Caps on—completed joint 

struction, overstressed oil films at crotch were replaced 
with varnished cambric. The latter with its high dielectric 
constant (approximately 5) in comparison with im¬ 
pregnated paper (approximately 3) assumed very little 
of the total stress between conductors, but still took a 
sufficient per cent to relieve the paper at crotch and 
make the stress in it considerably lower than in the 
rest of the cable. The foil served to eliminate circum¬ 
ferential stresses by maintaining a zero potential sur¬ 
face at a distance outward from the center of the con¬ 


ductors equal to the distance inward to the actual 
neutral axis of the cable. Similar crotches were used 
in testing metal sheathed cables, except that after 
building up individual legs with varnished cambric 
the metallic tape of cable was extended and carried over 
each leg to the point of maximum thicknesses of var¬ 
nished cambric (see accompanying illustrations). 

Results with this construction were highly satis¬ 
factory, yielding failures in cable after runs of 35 to 50 
hours at 120 kv., three-phase as compared with 3 to 8 
hour crotch failures previously obtained and so it was 
recommended for use in crotches of joints on our 27 kv. 
system. In the latter role, the applied varnished cam¬ 
bric served not only as a reinforcement, but also as 
pacer, thus eliminating another objectionable features 
of existing joint, namely, the porcelain spreader. (See 
Fig. 4.) 

Before its adoption for use in connection with.metal 
sheathed cable, comparative high-voltage tests were 
made on joints in which metal foil was ended at crotch, 
i. e., cut off and tied down, carried across connectors, 
over hand-wrapped insulation, etc. In all these, the 
decided superiority of the built up construction was 
shown. Joints with metal tape carried across the hand- 
wrapped insulation failed after about twenty minutes 
at 120 kv., while those with tape ended at crotch were 
but a little better. In the first, failures occurred across 
stepped and conical penciling. This type of joint 
would seem unsatisfactory at first sight (despite the 
fact that some manufacturers stand by it because radial 
stresses are maintained throughout) since filling com¬ 
pound is of no avail in taking up stress and the total 
voltage is applied to a comparatively weak path between 
pencil and hand wrapped insulation. Joints made in 
manner described, that is, using built up crotches, have 
withstood tests at 120 kv. for 10 to 60 hours without 
failure. In all cases rupture has occurred in cable. 
This is quite favorable, when compared with the results 
obtained on standard Conducell joints which have 
averaged 3 to 10 hours at 120 kv., three-phase. 

Hand wrapping of joints with tape has always been a 
long and tedious operation in which the personal equa¬ 
tion of the worker is a most important item. 

Prior to making the aforementioned studies and tests, 
an attempt was made to reduce manual labor involved 
in joint construction by substituting barrier tubes and 
spacers made of bakelite and the like, for the hand 
wrapping. Results of voltage tests were very discourag¬ 
ing since failures occurred at 120 kv. after from one-half 
to one hour, the higher values being obtained with the 
thinner tubes. Careful examination and investigation 
indicated that such devices which had high dielectric 
constants and were of such shape as to place small 
thicknesses of compound in series- with them thus 
greatly overstressing the latter, were of no usejand 
should be avoided. Barrier tubes were accordingly 
eliminated from final design (see Figs. 4 and 5) and some 
additional paper hand wrap was applied over connectors, 
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a very reasonable change, considering the facts that the 
paper serves as the necessary barrier in compound and 
makes it possible to retain comparatively long paths 
through compound thus increasing strength of joint, 
without over-stressing component parts. 

Confirmatory test results similar to those recorded 


95-kv., direct potential differences, mnduelor fo ground, 
have been made without the slightest indication of any 
developing failure. These data, together with very 
satisfactory operating experience serve as evidence for 
claims of superiority of this joint. 

Joints installed in praet isedonot differ materially from 


DETAIL OF JOINT IN BELTED CABLE 



A. One layer, :i/-1-in., black varnished cambric oil each conductor. 

II. One layer, .*1 l-ln., black varnished cambric on each connector. 

O. Varnished cambric strips l/K in. to ,'l I in. wide to level of connector 
diameter. 

O. Paper tape 

10. .'I ■■'•1-in. black varnished cambric conical wound as shown. 

F. One layer f>/S in. loud foil around all t hree conductors. 

(!. Black varnished cambric around all three conductor. 

11. Varnished cambric fi/UI in. thick -t in, from belt. 

1. Remove v. e, tapo 2 In. from edge of pencil, also one layer of con 
doctor Insulation before' applying paper tape, 

«T. Bell to be beat Into original position after crutch Is finished. 


Eld. 1 SPKdlKIOATlONM Edit R-( A) NPIIOTOU, 27,(H)0-VobT, 


UU (Uiti.t: Joint 



Eia. 


A. < it to layer, :i/4-in. black vamlsltod cambric no each ronducUir. 

II. One layer It '1-In. black varnished cambric on each rnmmciur 
dhSjouJ rnlHl, ‘ , ‘ l <!tUnhr,< ’ Ht ' rl,w 1/8 in " U,:i/l ln - whin to level of connector 
1). Pap«r tapo. 


is. o/«t in. nuuut vaniJHucHl cambric conical wound as shown. 

I'\ One layer n/K-tn. lead foil on each conductor from highest point it* 
bottom of crotch and In contact with copper full on conductors, 

r>/8 111 . lead foil two layers around all three conductors mid in nmlart 
with mi lor metallic tape of cable. ' 

II. Varnished cambric fi/lti hi. thick 4 In. from hell, 
r. Remove v. c. tapnM I/a In. from edge of ptmell; also mm | ttvw „ r 
conductor insulation before applying paper tape, 

.r. Bell to be beat into original position after crotch Is llnlshetl 


r* ^Si-KCLKidATioNs Foil J-CoNimcTou, 27,()()(MVOI.T, 


A-Ot) <),\tti,t; J|*I\ 1 ( 


2 1 i* 


have recently been obtained by another of the metro¬ 
politan companies which has adopted this type of joint 
lor metal-sheath cable. In addition to the above 
alternating-current tests, run of five hours duration at 


utu^uesennea. conductoi^aregarofuliyfunninioul.nnt 

covered with one layer of tape to exclude foreign mailer 
crotches are built up, connectors are sweated, iiwulatior 
pencilled conically (approximately 2 in, longs mid sand* 

























PETERSON: MULTIPLE-CONDUCTOR CABLE 


papered. Then gaps between insulation and connectors 1 
are buil t up with thin strips of varnished cambric and one | 
layer is applied over connector. One layer of mill insula¬ 
tion is removed from conductors and finally each leg is built 1 
up with hand-wrapped tape. An insulating barrel is 
used inside of lead sleeve, merely for mechanical pro- i 
tectum and joint is either pressure filled with petrola¬ 
tum, or oil filled and equipped with a collapsible reservoir 
or the like. Though this joint is somewhat more diffi¬ 
cult to make than the usual type and depends quite 
largely on the ability of the splicer, little difficulty is 
experienced in the field, when men are properly 
trained. 

In the foregoing we have been concerned more partic¬ 
ularly with electrical rather than mechanical character¬ 
istics of joints. The latter, however, are of immense 
importance. Absolute cleanliness should be exercised. 
Wipes, plugs, and material must be such as to insure 
against, introduction of moisture. Though voids are 
not likely to exist at time of filling, they may develop 
in practise, hence fittings, location in manholes, etc., 
must be arranged to facilitate periodic inspection, 
refilling of joints, or installation of reservoirs. These 
can best be dealt with as individual problems.. 

Summarizing, then, it may be said that a joint has 
been developed having high leakage resistance, good 
stress distribution and .on which our test results, both 
alternating-current and direct-current, and operating 
experiences, are quite satisfactory. (Note: No studies 
have been made of dielectric loss because to date noth¬ 
ing in our experience has indicated the need, for con¬ 
sideration of same.) Furthermore, barriers and 
spreaders have been eliminated and a zero potential 
surface has been established around the crotch which 
gradually extends out toward sleeve,, thus tending to 
maintain radial stresses throughout joint. In addition, 
due to removal of tubes, phasing out of cables is more 
easily accomplished since conductors in joint do not 
have to be run parallel to cable. Instead of having 
two bends in the conductors one at each end of the 
joint, and then a straight run through cells or tubes as 
is necessary in the barrier type joint, the lay or twist 
may be continued through the joint. Last, and per¬ 
haps most important, is the universality of the joint. 
Not only can it be used with belted cable and metal 
sheathed cable, round or sector conductor, but also with 
combinations of these. 

It is not intended that these statements be con- 
Hi,rued to mean that perfection in joint design has keen 
readied. The author expects to attempt '“P^ements 
from time to time and profit by criticism which will 
undoubtedly accompany its more general adoption. 


up in essentially the same manner as the joints on each of the 
three conductors in Mr. Peterson’s three-conductor joints, are 
very successful. In Chicago we have about 750 single-conductor 
joints made up very much the same as the individual conductors 
in Mr. Peterson’s metal-sheathed cable joint; that is, they have 
the reinforcement of the insulation, the extension of the metal 
sheath to the point of maximum reinforcement, and then a 
tapering of the reinforcement as well as a tapering of the con¬ 
ductor insulation. 


Discussion 

1) w. Roper * I am not going to subscribe to the implications 
in t mun *that this type of construction is the only one that 
will result in successful high-voltage joints, hut I can subscribe to 
a„. It^nZTZi single-conductor cable joints winch arc made 


Mr. Peterson mentions the careful selection of materials, 
absolute cleanliness, and careful workmanship. In order to 
secure the latter two features in the single-conductor joints which 
we made, we started a school for the training.of our cable splicers, 
using for the purpose a full-sized cable. We had each one 
go through all of the details process of making up a joint, 
or several joints if necessary, until he became proficient in the 
mechanical execution of the several processes. 

To make sure that a man was proficient, after he had. made 
up each joint, it was cut apart, and examined, and the imper¬ 
fections in his workmanship were pointed out to him. He was 
required to repeat the process as often as was necessary,— 
generally only two or three times—until he had eliminated those 
imperfections in his workmanship. After that was done,, we 
had him make up a joint at a different location where a high- 
voltage test transformer was available, and in order to secure 
economy, we had three joints made up in series putting high- 
voltage potheads on the ends of the cable and applying, the high- . 
voltage test required by the specifications to be applied to the 
cable. In each case, the failures occurred in the cable and not ra¬ 
the joints. . ' „ „ , ,, 

Since then, we have made up 750 joints on the 66-kv. cable 

and placed them in service, and have applied the usual high- 
voltage test to the completed lines before placing them m service. 
There have been no failures whatever on any of the joints, 
either during the construction training, or on the testing of them 
after the completion of the lines or in service. We have had a 
total of about 400 joint-years of service on this type of joint. 

So I think, as Mr. Peterson said, we are rapidly approaching the 
condition where joints are stronger than, the cable. . 

E. D. Eby; In this problem of splicing high-tension cables, 
it is gratifying to note in Mr. Peterson’s, work an honest attempt 

to make use of scientific principles of design. 

His adoption of the tapered reinforcement of conductor insula¬ 
tion adjacent to the lead sheath with the reinforcement overlaid 
with, metal tape unquestionably constitutes one of the max 
factors in the success of his design. I advocated this constructio 
to the Cleveland Electric Illuminating Company m 1923, when 
the 66,000-volt single-conductor cable system was first being 
developed. I think this was the first occasion on which this 
construction was proposed and described. How eBetove it has 
proved in the solution, of cable-joint problems is evidenced by the 
fact that practically all of the higher-voltage joints Wbeea 
made in this way and with a success which has been unparalleled. 

A feature of which Mr. Peterson has not taken advantage, but 
which has worked out to complete satisfaction m Genera 
designs is that of stepped conductor insulation adjacent to the 
cSSor. Mr. Person found trouble with both stepped and 
penciled insulation in some of his designs hut this was probably 
due to the use of inflexible paper tape. With a flexible tape sue a 
bias-cut varnished cambric, there is a much better bond betwee 
the conductor insulation and the hand-wrapped insulation 
The stepped surface, however, offers decided advantage over the 
penciled surface. An exact number of tapes can be removed at 
each step so that the remaining insulation is of a known and 
uXm thickness. Accidental cutting into the 
3 insulation, as sometimes happens with a penciled surface, is thus 
b wholly eliminated. The tearing of the tapes agax^t a fine^ 

. wire looped around the conductor leaves a spongy edge which 
, Ms well with the flushing compound and forms an elastic 
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cushion under the hand applied tape. The uniformity of the 
remaining insulation is particularly evident in the case of sector- 
shaped conductors ■where uniform penciling becomes even more 
difficult than with round conductors. 

While, as Mr. Peterson remarks, it is true that the hand-wrap¬ 
ping of joints with tape has always been a long and tedious 
operation, it is also true that with the more scientific designs now 
available, the amount of taping to ho done has been so much 
reduced and the kind of tape to he applied so much improved that 
hand-taped joints are not only wholly practicable from tins 
installation standpoint, but are proving entirely reliable in 
service. Even machine wrapping of the tape does not offer 
sufficient advantage to warrant the use of machines except for 
paper tape. Furthermore, the introduction of the specially 
processed varnished-cambric tape with low dielectric losses has 
removed the one ad vantage of paper tains which formerly existed 
bo that now a hand-taped varnished-cambric joint stands second 
to none, both with regard to ease of installation and its reliability. 

While barrier tubes in three-conductor joints have proved 
disappointing in some designs, they are not an objectionable 
feature when properly shaped and located with respect to the 
conductors. The writer has developed a design for Iffi-kv. 
Hector cable in which the barriers consist of sections cut length¬ 
wise from standard Ivorkelite cylinders, two such sections sur¬ 
rounding each conductor within an outer cylinder and holding 
it rigidly in definite relation to the other conductors and to the 
outer casing. The construction prevents displacement of 
the conductors within the casing which might occur either front 
short-circuit stresses or from mechanical movement of the cable. 

In Mr. Peterson's joint for bolted cable, he has found it 
desirable to enclose ouch conductor with an individual reinforce¬ 
ment of tape where it emerges from the belt. With no barriers to 
support the (tables at the center of the joint, Ibis serves a good 
purpose, mechanically. Electrically, however, it, is not necessary, 
since a reinforcement one,losing all three conductors and overlaid 
with metal tape* will accomplish the desired results. .Sample 
joints tested by the writer have shown no weaknesses in the 
crotch. 

Throe-conductor cable of the bolted type for 20,000 volts and 
above will probably give place sooner or later to cable of the 
shielded type so that future interest in joint design for three- 
conductor cables will center largely in the lat ter. It is natural 
that with each separate conductor enclosed in a metal tape under 
the lend sheath, a similar construction should prevail at the 
joint. Apparently Mr, Peterson did not have much success wit h 
such joints in which the tape was carried all the way across the 
hand-wrapped insulation. Here again perhaps the difficulty was 
with the kind of tape and a penciled rather than a stepped surface. 
At any rate, the writer has had no difficulty in making a satis¬ 
factory joint of this kind. Much a design for ffii-kv. shielded cable 
is shown In the accompanying Fig. 1. The simplicity of this 
joint is at once apparent. The fact that each conductor is 
wholly enclosed within the grounded medal tape eliminates the 
transition made in Mr. Peterson's design from the equivalent of 
three single-conductor cables under the lead slmatli to the equiva¬ 
lent of a three-conductor unshielded cable in the center of the 
joint. 

That the totally shielded form of joint for three-conductor 
shielded cables is entirely practicable is further evidenced by the 
complete success of a dO.OOO-volt single-conductor joint of equiva¬ 
lent design. A further advantage in a totally shielded joint is 
the absence of immediate danger which results from an incom¬ 
plete lilling of the joint casing with oil or compound. lu the 
open construction with oil between the conductors under stress, 
the absence of oil would bo expected to develop trouble rapidly. 
In the totally shielded construction, providing moisture was 
excluded, an incomplete lilling of the casing would not be serious. 

•Such descriptive papers as this will do more than anything else 
toward harmonising ideas and unifying practise. There are 


certain fundamental principles in the design, installation, and 
operation of cable joints which this publicity will gradually help 
to establish. The standardization of materials and methods in 
this class of work is just as desirable as in other classes of 
equipment. 

I). M. Simons* I should like to make a few remarks, partic¬ 
ularly on the joints for Type-11 or metal-sheathed cable. We 
have been making Type-11 cable since 1914 (in commercial 
quantities since 1919), and have given the matter considerable 
thought. 1 approve of Mr. Peterson’s solut ion, but I should like 
to point out that there is anot her solution. 

1 believe everyone agrees that one of the great advantages of 
Typo-11 cable is that all the so-called “crotch” failures can be 
avoided, since the metal can be carried into the joint, until there 
is sufficient separation between the insulated conductors to avoid 
trouble. A pparently, however, there are two schools of thought 
onTypo-II joints, differing in whether or not, the metal foil should 
be carried completely across the joint. 

We li avo made both kinds of joint, ourselves, having made 
those similar to the kind Mr. Peterson has described, with one 
refinement, in addition; namely we used a large lead wire at, the 
edge of the metal in order to reduce somewhat, further the stresses 
there. The other form, which we has t! generally preferred, is 
to carry the metal shields across the joint. If this in done, 
then, theoretically, the joint has all the advantages of Typed! 
cable. Furthermore, and within the range of voltages where 
experience has not dictated the advantage (from the standpoint 
of the cable itself) of using soft or tluid joint ing compounds wit h 
collapsible reservoirs, the carrying of the metal across the joint 
removes all stress from the compound, and there is no danger 
even if voids should exist. There is also of course no necessity for 
using reservoirs or otherwise, maintaining the compound. 
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Finally, even if a soft compound or fluid oil is used for the sake of 
the cable, there is always a possibility that the joint may im¬ 
partially emptied of oil due to the improper functioning of reser¬ 
voirs or other causes; and in this case, there will be a great 
advantage if all the jointing compound has boon shielded from 
st ress by metal wrappings. 

I do not. hold a brief for either type, but wish to emphasize 
that there are two types available, both of which have been 
eminently successful in service. 1 believe in general that Mr, 
Peterson’s type of joint, in which the foil is not carried acres- 
the joint, would probably tend to give bettor laboratory tests 
than joints in which the foil is carried across, because t he stresses 
are lower. From the practical standpoint, however, ! feel sure 
that the metal foil should always be continuous through the 
joint, if hard or fairly hard joint-filling compounds are used, and 
that in case of fluid compounds with reservoirs, both types of 
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construction should be carefully considered before a decision is 
made. 

R. G. Hooke: At about the time Mr. Peterson started his 
development on high-tension cable joints, we were faced with a 
similar problem. Inasmuch as our solution of it is quite different 
from his, it seems that some of the details of the study which we 
have made and the results obtained may be of interest. 


in our work, we have developed certain methods, more or less 
empirical, for quick calculation of numerous instantaneous 
stresses in different parts of the joints and we find it very helpful 
to represent some of these by curves showing progressive changes 
in the conditions at different points in the splices, proceeding 
axially from one end toward the connector in the center. Illus¬ 
trations of two of these charts will make their use clear. 


We first procured samples of several different types of three- 
conductor splices being used by various power companies. 
These were tested in the laboratory and at the same time careful 



Fig. 2—Voltage Stresses in an Older Type of Cable Joint 

Curve 1—Maximum Stress Toward Sheath in Factory 
Insulation Along the Corners of the Sector, K ./ 
Curve 2—Maximum Stress Between Phases in Factory 
Insulation Along Apex of the Sector Kv./u . 

Curve 3—Maximum Voltage from Surface of' the 
Factory Insulation to an Instantaneous Neutral .plane 
Between Conductors —Kv. 

Curve 4—Axial Stress Along Surface of Factory Insula¬ 
tion Between Phases—Kv./Cm. 

Curve 5—Maximum Voltage on the Sur I^ j^gv 
Insulation to the Nearest Point on the Sheath Kv. 
Curve 6—Maximum Axial Stress Along THE SuRrACE 
Factory Insulation Nearest the Sheath Kv./U. 

Note- The Ordinate of Curve 4 is at all Points pro 
PORTION AL TO THE SLOPE OF CURVE 3, AND THE SAME BELA- 
tionship Exists Between Curves o and o 

analytical studies were made of the stresses which occurred m 
each: Mr. Peterson emphasizes the fact that 111 the past 
seems to have been no regard fdr stress distribution or dielectac- 
constant relations of insulating materials and this was most 
certainly true in the majority of the specimens which we 
It would be impossible to agree too emphatically with the 
author's conclusion as to the harmful effects jt 
spreaders, unreinforced crotches, and carelesd : 31 
tubes with high dielectric constants. . By analytical compariso , 
it is very easy to see the undesirability of snob features. 


The first illustration, Fig. 2, shows a joint in which conditions 
were particularly bad. The very rapid decrease in the maximum 
gradient to ground, as shown by Curve 1 at the termination of 
the cable sheath, is an undesirable feature. Also, the ‘‘bump” 
in Curve 2, caused by the presence of the porcelain spreader 
between conductors, is an obvious point of weakness. 

The next illustration, Fig. 3, indicates a very considerable 
improvement. In this case, the major irregularities are due -to 
the abrupt terminating of a static shield around the three con¬ 
ductors. Elimination of these discontinuities is obviously simple 
and curves result which are perfectly smooth except for conditions 


at the steps. 

The irregularities on stepped or penciled insulation as shown 
in these figures require some explanation. The calculations 
are made along the surface of the original factory paper and there¬ 
fore, at these points, abrupt increases of voltage necessarily 
occur due to the decrease in thickness of the factory paper and 
the. consequent nearer approach to the conductor surface. These 
changes in potential cause the gradients shown, which are really 
in a radial rather than an axial direction; hut they are plotted as 
part of the same curve as the axial stresses because they occur 
between adjacent surfaces of insulating material. Comparative 
effects of different numbers of steps or of different length pencils 
can readily he studied from these curves. 

Of course the figures indicated on these charts are qualifica- 
tive rather than quantitative, and of interest only in so far as 
they can be used for graphical indication of the differences 
between various designs of joints. However, when compared 
with the careful observations of conditions in the joints after 
the application on test of high potentials for periods of time up to 
several days, it was found that in a great majority of cases the 
weak spots were entirely determinable from analytic study made 
in advance of tests. 

I mention these studies because I think that they emphasize 
the very great value of a scientific approach to the problem of 
cable jointing. In fact, so far as the electric field is concerned, 
splices are very much more complicated and require \ ery niuc 
more careful mathematical analysis than does the cable itself 
wherein the assumptions of a homogeneous insulating medium 


in be made without appreciable error. 

As a result of these studies a joint was determined upon in 
hich the objective was to introduce as few foreign materials 
s possible. In other words, the more nearly we could make a 
ilice an exact continuation of the cable, the better were we 
itisfied. With this in view, we concentrated our work upon 
lints insulated with hand-wrapped paper, the tape being carried 
r 6 ll into the crotches at each end and cable compound being 
pplied liberally during the operation. After the conductors 
Ive been insulated, the central filler space between the three 
onductors is filled with paper fillers, compound, and jute. We 
ave found it desirable to fill completely the inside crotches of 
he joint with paper fillers saved from the outside of the cable 
,fter the belt has been removed, it even being possible oecasion- 
lly to thrust one or two fillers hack for an appreciable distance 
nto the cable itself. The outer spaces between the conductors 
,nd under the belt are also filled with jute and compound. Jute 


for this purpose. 

At first our procedure was to also fill the spaces between t e 
connectors and the factory insulation with jute. 
however, we have adopted the use of wrappings of narrow 
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.varnished-cambric tape. In this connection, I am rather sur¬ 
prised at Mr. Peterson’s practise of carrying the varnished cam¬ 
bric over the lower edge of his penciled factory insulation. He 
points out in numerous places the undesirability of having thin 
layers of low s. i. c. material in series electrically with rather 
heavier layers of high dielectric-constant insulation. It would 
seem from this consideration that he might experience an over¬ 
stressing of the edge of his penciled paper, where it is under the 
varnished cambric, this being also immediately next to the con¬ 
ductor and therefore at a point where the gradients are at a 
maximum. 



Fig. 3—Voltage Stresses in a Cable Joint op Recent 

Design 

The Explanation of the Curves in this Case is Exactly 
the Same as for Fig. 2 

We have found that our workmen were much more successful 
in mailing steps than, they were in cutting a pencil. For this 
reason, therefore, although the pencil gives the best theoretical 
stress distribution, we have adopted three steps on each con¬ 
ductor. In making the joint, the varnished cambric at the end 
of the conductor is not allowed to overlap any of the paper 
insulation. It is merely used as a filler, its superiority over jute 
being mainly that it is a higher grade material and less likely to 
contain foreign particles or moisture. 

A paper belt is applied tightly over the three conductors with 
the fillers in place and over this is used a copper screen which 
carries the ground-potential surface completely across the splice 
and is held snugly against the paper belt by a wrapping of heavy 
wicking. The joint is filled under pressure with a light oil or 
grease and expansible reservoirs are used. This splice as nearly 
as possible, is a continuation of the cable and depends entirely 
for its strength upon impregnated, homogeneous, fibrous 
insulation. 

Perhaps the most important difference between our splice and 
Mr. Peterson’s is our use of hand-wrapped insulating material 
completely across the joint, whereas in the central part of his splice 
he depends to a large extent upon the insulating value of the 
compound. The same feature is brought out in Mr. Peterson’s 
remarks about joints on conductor-sheath cable; that he does not 


believe that it is desirable to carry the metal sheath of the con¬ 
ductors across the joint. He states that if the metal tape is 
carried across, the “joint would seem at first sight un¬ 
satisfactory * * * since filling compound is of no avail in taking up 
stress and the total voltage is applied to the comparatively weak 
path between pencil and hand-wrapped insulation.” To us, 
this is by no means an obvious conclusion. In the first place, 
over the steps, the zero-potential surface in our joints, whether 
of the conductor-sheath type with the metal carried across the 
joint or of the belted type with the copper screen outside of the 
belt insulation, is very nearly identical with the lead sleeve of the 
joint. In other words, there is very small clearance between the 
lead sleeve and the built-up insulation about the splice. There¬ 
fore, unless Mr. Peterson uses a larger diameter of sleeve than 
ours, the leakage path in his joint, either from the connectors 
to the ground surface or between conductors, is practically the 
same as it is in ours. The reduction in the length of this path 
due to the use of the screen about the conductors is exceedingly 
small. Secondly, there is one very important point in dielectric 
circuits which it seems to me Mr. Peterson does not sufficiently 
emphasize. It has been proved conclusively by a number of 
authorities that the breakdown strength of oil in volts per mil 
is very much greater for a thin film than it is if the material is 
not broken up into.such films. Mr. Peterson accomplishes this 
division of the oil into films in his reinforcement of the crotch with 
varnished cambric, although he speaks of it as simply a replace¬ 
ment of the compound by a higher-strength material. It is 
actually both of these. However, the filling in of the space 
which he leaves free for compound between layers of fibrous in¬ 
sulation, in the middle of his splice between which would be dis¬ 
tributed liberal amounts of oil or grease, should result in a definite 
increase in the breakdown strength of the joint at this point. 
As a matter of fact, some rather hurried and incomplete tests 
which v r e have made indicated that a direct puncture can occur 
from the connector to the sleeve on a splice made up as nearly 
in accordance with Mr. Peterson’s design, as v r e are able to pro¬ 
duce it, vdiereas, on numerous tests, no fault of this type or any 
other has ever occurred on joints of the kind which I have 
described and which we have adopted. The failures are in¬ 
variably in the cable. 

There are one or two questions which I should like to ask the 
author. He states that the cambric belt is punctured to allow 
oil to enter the cable where the fillers would normally be. Inas¬ 
much as he does not carry the belt completely across the joint, 
we wonder that this puncture should be considered necessary. It 
would seem as if the compound would fill all of the spaces under 
the belt by entering through the empty filler spaces. Possibly 
his real objective is to provide an outlet for air bubbles which 
might eolleet under this belt insulation. Even this, however, 
would seem hardly necessary unless one end of the joint was 
appreciably higher than the other when it was being filled. The 
use of the static shield outside of the belt reduces to a safe value 
axial and circumferential stresses which might otherwise be 
harmful. We question, however, whether or not this shield 
eliminates the circumferential stresses in belted cable as is 
claimed. It certainly does maintain a zero-potential surface 
at a distance outward from conductors which is nearly equal to 
the distance from each conductor inward to the cable axis. This 
axis, however, for purposes of stress determinations, is not a 
zero-potential line. True, its average potential is zero, but at 
any instant its potential may not be zero. For example, assum¬ 
ing the three conductors to be carrying three-phase potential, if 
at a particular moment, the voltage of one conductor is zero, 
the voltages of the other two conductors will be opposite in sign 
and equal to 86 per cent of the crest value of the wave. 
Certainly,'the geometric center of the cable would not then be at 
zero potential and for the moment, circumferential stresses 
about the conductors would exist. Determination of the 
magnitude of these stresses in a joint on sector-conductor cable 
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using different types of splicing materials is exceedingly difficult. 
The fact seems to be that Mr. Peterson, by keeping his ground- 
potential surface nearer (than in the older joints) to the conduc¬ 
tors, as each conductor is gradually moved away from the other 
two, has reduced the circumferential gradients to values which do 
not cause trouble; but these stresses are reduced only by virtue 
of the gradual transition from cable diameter to splice diameter, 
which is accomplished by the shield, the rate of transition being 
determined by the rate of separation of the conductors from each 
other. 


the Brooklyn Edison Company. The results, though by no 
means final or complete, have been very gratifying as reflected 
in the marked improvement in the performance of cable in opera¬ 
tion. This improved performance is due both to better manu¬ 
facture and to refinements in handling, jointing, testing, and 
maintaining cable by the operating company. 

Mr. Peterson has discussed one of the more important contribu¬ 
tions to improved operation made by the operating company 
in describing the evolution of our joint for multiple-conductor, 
high-voltage cable. I believe it is pertinent at this time to 


We are inclined to question the author’s reference to Conducell 
joints. We believe that the design of the Conducell barrier is 
excellent, if barriers are to be used at all and we should like to 
know whether or not Mr. Peterson tried reinforcing the crotches 
of the Conducell joints in the same way that he does his standard 
splice. We should expect this to improve greatly his test results 
on these joints. 

In conclusion, I wish to say that the work which Mr. Peterson 
has done is extremely valuable. His joint is not difficult to make 
and it possesses a large number of very praiseworthy features. 
To me, one of the most interesting of these is the idea of a design 
which permits application of most of the hand-wrapped insulat¬ 
ing material before the sweating of the connectors. With the 
ends of the conductors open, it should be very much easier to 
apply the insulation and also accomplish a considerable saving 
in time. 

r. A. Brownell: We have tested a number of the author’s 
cable joints between metal-sheath cables and between metal- 
sheath cable and belted cable, and have bad one failure in the 
metal-sheath cable joint. 

In each of the metal-sheath joints tested, evidence of over- 
stressing was indicated by carbonized petrolatum at the end of 
the metal shield over the varnished-cambric cone and evidence 
of ionization at the lower edge of the cones. 

In the joints where metal-sheath cable was joined to belted 
cable we found some evidence of overstressing at the surface of 
the conductors. This type of joint appears to be the best that 
has been offered for this type of construction. 

• We have been using the idea of the varnished-cambric cones for 
the past three years in making end-bells for testing cable in the 
laboratory, the only difference being that we apply two half 
sections of load foil over the formed cone.. We find that these 
sections can be applied in less time and eliminate more voids than 
the wrapping of narrow widths of foil. 

Our test data on joints where the metal tape lias.been cairied 
entirely across the hand-wrapped insulation are not in agreement 
with the author’s. We have made numerous tests on this type 
of joint in the laboratory and have never broken down a joint nor 
opened one that has shown any indications of having been over¬ 
stressed. In one test, failure occurred in the cable after 24 hours 
of testing at 125 lev. Another test at the same potential lasted 
for 20 hrs. with the failure in the cable. These tests do not 
compare with the author’s test of 20 mm. at 120 kv. Of the 
hundreds in service we have very recently had two failures. 

To compare a joint for belted cable, we have tested and are 
now using the nearest thing to cable reconstruction that we 
believe is possible,—an all-paper joint with jute fillers, gauze 
stocking for shielding, and filled with the same oil as is used m 
the cable. This joint was designed a few years ago by Phillip 
Torchio, of the New York Edison Company, and is known as the 
Metropolitan joint. We have never broken down one of these 
joints on test. In one case we held 132 Icy. for 25 hrs. when the 
cable failed. No evidence of overstressing was found m the 

j ° Wo do not think it necessary to maintain the lay of conductors 
through the joint and we believe that another step in.the art w 11 
be accomplished when phasing-out m manholes is e ^ inate ’ 
j jr. Fairman: During the past five years an ene g . 
program of cable and insulation research has been m progress m 


mention briefly another very important feature in this progress,— 
the installation of oil reservoirs on these joints. 

In 1922 in the early stages of the redesign of the transmission 
system of the Brooklyn Edison Company, it was determined to 
make 27,000 volts the basic transmission pressure for future 
developments. Before placing tills system in operation however, 
a great deal of consideration was given to the various factors of 
cable design and method of jointing and testing cables. Three 
fundamental factors essential to good performance of a cable 
system were brought out in this analysis: (1) Thorough initial 
•impregnation; (2) a means of assuring against the formation of 
voids after installation; and (3) the prevention of entrance of 
moisture. Good cable could be had at the factory and careful 
handling gave reasonable assurance against oil leakage and the 
entrance of air and moisture, but after a cable is in operation 
with the inevitable cycles of heating and cooling, there is migra¬ 
tion and absorption of the compound which, although very 
slow, produces voids. Vacua of considerable magnitude have 
been found in cable, and any breaks in the lead sheath or im¬ 
perfections in the wipe at a joint will allow 7 air and moisture to 
be drawn into the cable or the joint. . 

As a result of this analysis, the Brooklyn Edison Company, 
at the initial installation of 27,000-volt cable in 1922, adopted the 
policy of installing oil reservoirs on the cable system in the hope 
of insuring a positive internal pressure above atmospheric 
pressure throughout the cable system at all times. It is obvious 
that with such internal pressure and a supply of oil for filling in 
voids, a break in the sheath would result in bleeding rather than 
the entrance of air or moisture. Loss of oil in this way could be 
detected by inspection of the reservoirs. 

Such reservoirs were first installed in the stations at trans¬ 
former and switch potheads. It was found that the migration 
of oil throughout the cable was so slow that these reserv oirs on 
the potheads were not sufficient to maintain a positive pressure 
throughout any great length of cable. The next step was to 
install such reservoirs on a few feeders at the cable joints in t e 
manholes, and the results obtained were so satisfactory that this 
practise is being extended gradually to the whole 27,000-volt 

cable system. ' . , 

Two examples will serve to illustrate the results obtained. 
One feeder of old cable which had had a fairly good record as to 
failures, was taken out of service during a period of rearrange¬ 
ment. On testing it before putting it back into service, a number 
of failures both in cable and in joints, as well as the dry condition 
of the paper in the sections examined after failure, led us to make 
an experiment on this feeder. Oil-filled reservoirs were 
connected to each joint and it was put through periodic heating 
and cooling cycles for one month at low voltage and 150 per cent 
rated current. During this process 27 gallons of oil were ab¬ 
sorbed, which is approximately equal to 1 per cent of the original 
compound in the cable. Then the feeder was tested. It went 
back into service without a failure m the cable, and has been 
operating steadily ever since. Another old feeder gave so much 
trouble that the operating voltage had to be reduced to 13,0 
volts Each joint was then equipped with a reservoir, filled with 
ofl and operation at 13,000 volts was continued for six months. 
Following this, it was tested for 27,000-volt operation and has 
given very satisfactory service at this voltage for over a year 
To date 72 gallons of oil, which is approximately 2.6 per cent of 
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the original compound, have boon absorbed by this foodor from 
120 reservoirs, 

W. F. Davidson: Mr. Peterson has called attention to the 
tests which wore made to determine the merits of joints in which 
metal foil was carried across the connectors and those in which 
it was cut off at some distance back from the connection. This 
suggests a point which scorns to have received too little attention 
in connection with cable and joint specifications. 

The significance of this was not appreciated until after con¬ 
siderable experimental work bad boon done. In the early stages 
it became evident that in order to secure prompt results it was 
necessary to use cable of superior quality so that the failures 
would occur in the joint rather than in the cable. However, 
when field construction work was started a new factor became 
noticoal do. 

The ideal condition in a joint or terminal, or for that matter 
in the cable itself, is to secure strictly radial stresses in the in¬ 
sulation which is under stress. But it is not always possible to 
do this in joints and terminals. ('onsoqueid ly, we are faced with 
the necessity of meeting more or loss severe longitudinal stress. 
In their ability to withstand such stress, various cables show 
extremes of performance. 1 think it quite sale to say that the 
range of values obtained under those conditions is far greater 
than the range obtained with respect to rmlial stress. As an 
example, during some recent test on several samples of cable of 
file metal-foil typo, it was found that with an end prepared in the 
maimer described by Mr, Peterson, one sample could be operated 
for barely 30 hrs. at 120 kv\ between conductors before failure 
occurred and even when if was possible to get failure of the cable 
under tlm lead, the ends almost invariably showed signs of severe 
longitudinal stress. In eonfrasl, to tin's, another sample of cable 
prepared in the same way and having the same insulation thick¬ 
ness, has operated for over (HO hrs. at 120 kv. without showing 
the slightest signs of stress. 

Mr. DelMar has called attention to surface-tension effects and 
these probably explain some of tlm differences just noted. We 
might expect therefore to reduce troubles of this nature by 
making sure that the compounds used to lill the joint or terminal 
were of exactly the same character as that used in the cable 
itself so as to make a minimum surface tension along the 
boundary between the cable insulation and the surrounding 
medium. However, there are obvious and serious practical 
objections to such a procedure and if seems absolutely necessary 
to H(id some other solution to the dilliculty. 

Summarizing, I wish to urge the need for “jointabJe" cable. 
That means not only cable which can stand up under I,lie bending 
and working essential to making a joint or attaching a terminal, 
but cable so constructed and impregnated that if has longitudinal 
as well as radial dielectric strength. 

Herman Halperim About two years ago tests were made 
in Chicago with the crotch of a 33-kv., throe-conductor (sector) 
cable placed vertically in (dear oil in a glass jar with a copper 
sereon at ground potential inside the jar. Tlm observations 
corroborate these made by Mr. Petersen in that spark discharges 
were observed across the film of oil in the crotch; but bofore this 
occurred, streamers were seen along (lie tape edges just above 
the end of the belt insulation. Some of these streamers ran 
around the conductors, i!, was found that such discharges could 
persist for about, an hour at 120 kv., three-phase, without, leaving 
visible signs of deterioration in the insulation, and before dis¬ 
charges across the oil in the crotch wore noticed. It was also 
observed that bubbles of occluded, air or oi lier gases, which were 
seen clinging to the insulation previous to the application of 
voltage, would become dislodged upon the application of the 
voltage and flow upwards. 

In Mm last page of Mr, Peterson’s paper, if is stated that tlm 
joints were filled with petrolatum or oil. Experience in (Uiicago 
with petrolatum in three-conductor, 33-kv. joints .has been 
unfavorable. About three years ago some 7b three-conductor 


33-lcv. joints filled with petrolatum at atmospheric pressure were 
installed. During the following winter several failures occurred 
in the crotch of the joints. The petrolatum was full of small 
voids or air spaces the size of a pinhead and had pulled away from 
the factory insulation of the conductors, causing void spaces 
around the conductor insulation in the crotch. Apparently 
the petrolatum contracted on cooling and pulled away from the 
mill insulation, and the maximum operating temperatures of 
about 20 deg. cent, were insufficient to melt the petrolatum 
which had a melting point of 30 deg. cent. Therefore it. appears 
that if a hard or semi-hard compound is used its properties of 
adhesion to the cable and cohesion should be carefully chosen. 

Whim these joints were rebuilt, (hey were filled with a thin 
oil (switch oil) and they gave entirely satisfactory service for the 
seven months when they operated at 33 kv., although in re¬ 
building tlm crotches were not reinforced. 

Some experiments were recently startl'd to reinforce the 
crotches oil 500,(100 and ObO.OOO-cir. mil, three-conductor, 13-kv. 
joints. These cables have 9/01-in. insulation around each con" 
dueler, which is less than half the insulation on the cable used by 
Mr. Peterson, and file conductors are considerably larger am! 
stiffer than his conductors. These joints are to be filled with an 
asphaltic compound (lint has a Say holt viscosity of about 7n0 
sec, at 100 deg. eeul , bui to eliminate the variable introduced 
by tlm differences in tilling obtained with the semi-hard emu 
pound used, oil was employed in these experiments. 

The first joints were made with varnished-cambric tape 
applied around the conductors in (lie crotch in a fashion similar 
to that, used by Mr. Peterson except that the foil was net used 
and, in addition, varnished cambric was applied around the three 
conductors. These joints were tested at *I,b times the rated 
voltage for six hours, after which 10 per cent geometric increases 
were made every hour. The test results have been evaluated 
for tlm equivalent voltage for six hours. The joint with no 
reinforce me id. failed at nine hours, which test was equivalent 
to 09 kv. for six hours, using tlm 7th-roof relation that has been 
developed for breakdown voltage lime characteristic of im¬ 
pregnated paper insulation. The corresponding voltage for 
the joint, with the reinforcement, was 7b kv., an increase of 10 
per cent, hut still failures were obtained in the joint. Tin- 
failures were found in the crutch region at the end of the belt. 

Later, insulation was applied to the eouduetors only and this 
was done either before or after the connectors lmd been sweated. 
In the few tests that have been made, the joint with the reinforce¬ 
ment applied before 1 he copper sweat ing has been found to he t he 
stronger. The equivalent voltage for this joint For six hours is 
about 90 kv., which is 30 per cent heller than that found for « 
joint with ordinary construction. 

Tlm fillers wore left extending3 or d in. into the joint, and aft « r 
insulating, a couple of turns of twine were wrapped around the 
three conductors to hold the fillers in place. Cutting fillers, 
especially the central one, close lo the end of the belt is liable to 
result in damage to the conductor insulation. 

In the dismission of Mr. Minions' paper in the Winter Conven¬ 
tion, Mr. Oesterreielier presented 1,1 some data, on the benellciid 
effects of llared-out shields applied at the cable lead; and I am 
wondering whether 'Mr. Peterson has used anything of that 
nature on three-conductor joints. 

The experience of the Commonwealth Edison Company is 
in thorough accord with the statement at the end of the paper, 
that such a joint (or any high-voltage joint) “depends quite 
largely on the ability of the splicers,’’ anil that “little difficulty 
is experienced in the field when men are properly trained.’' 

A. II. Kehoex Unanimous agreement will not he had to the 
statement that a decided improvement, has been made over 
typos of joints previously used. 

It seems desirable to emphasize that only operating results in 
service are conclusive and that high over-voltage test methods 
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may be wrongly interpreted. My experience with joint opera¬ 
tion is that failures due to poor workmanship, several’ types of 
which are mentioned by the author cannot be ignored. One of 
the most common causes of failure in operation apparently has 
been omitted; that is, “leaky wipes.” Such workmanship 
defects are now the principal cause for joint failures but, as 
stated by the author, compound-filling arrangements have 
reduced the number of these failures. 

It does not seem wise to adopt a type of joint which requires 
very superior workmanship to make it successful, as compared 
to one in which ordinary careful workmanship will eliminate 
failure in service. This is likely to take place when high-voltage 
test results are used exclusively as a criterion for successful 
joint operation. They assume that factors of safety for all 
joint elements should have the same value, which is not required, 
particularly where the factory-formed type of joint insulation 
is one of the elements. The advantages of factory-formed in¬ 
sulation (the author mentioning Conducell, a well-known 


one and might supplant the use of paper tape and conical pencil. 
However, difficulties with the latter are not so great as intimated. 
The work is rather quickly and quite accurately done, using a 
sharp knife and sand paper. The resulting surface is rough and 
when insulated presents no abrupt changes or finite discontinui¬ 
ties. Low-loss varnished cambric is a comparatively new 
development, and although it possesses many' advantages, its 
use may not become general until there is more than one source of 
supply. This is the situation which dictates certain practises 
despite technical data pointing to the contrary. 

The use of barriers for electrical reasons will be discussed 
later. At this time suffice it to say that in the joint described 
they are not needed for mechanical stiffening. Short-circuit 
tests of 20,000 amperes for several cycles have resulted in no 
appreciable movement of conductors. 

Whether the tape of metal-sheath cable should be continued 
through the joint or not is a matter of concern to many. The 
reasons for maintenance of it are variously stated; for example: 


joint of this type) are evident in statistics of operation, and test¬ 
ing methods which give stress values beyond the breakdown 
values of certain of the elements do not demonstrate what the 
operating results will be if such values are never encountered. 

Mention is made of the experiments with wooden spreaders. 

I can report on this that removal of all spreaders has resulted in a 
satisfactory mechanical joint and has eliminated an unnecessary 
element. 

The author refers to confirmatory tests for metal-sheath cable 
which appear to be those made by the company with which the 
writer is associated. For joints on the metal-sheath type of 
cable, we have used a joint similar to that described in the paper. 
At present we know of no better way to make such joints, al¬ 
though possibly some improvement will be forthcoming which 
will reduce the workmanship hazard now ever present with the 
hand wrapping of three-conductor joints. 

For the belted type of cable we doubt if operating results will 
show improvements over the factory-formed type, and so are 
continuing to use the latter. Experience has shown that both 
the time of making joints and their cost will increase by adopting 
the type suggested. 

T. F. Peterson: Although practically all features of the 
joint described, together with the bases for design, have received 
favorable mention by one or another of those contributing dis¬ 
cussion, there seems to be no general concurrence of thought or 
opinion. Possibly this is due to the fact that many have felt 
the call to defend joint designs with which they have _ had ex¬ 
perience and there has been agreement of thought- in just such 
measure as their designs are similar to the one m question. 

Mr. Roper’s report on the successful operation of single-con¬ 
ductor joints made up similar to the individual conductors of t e 
joint described is very interesting and gratifying. His descrip¬ 
tion of splicer’s schools is quite timely and should serve to impress 
the importance of systematic training of men m the art of joint 


construction. . „ 

Mr. Eby has brought to our attention his early use of reinforce¬ 
ment of the insulation at the edge of lead sheath of smgle-con- 
ductor cable, overlaid with metal tape. While this means of 
relieving stress is highly commendable, it is felt that the ^ ° 
varnished cambric (obtaining advantages of high strength and 
dielectric constant) instead of impregnated wick or’ cord, 
together with its use on three-conductor cable, is an advance 
feels that building up individual conductors of tffiee-conduetor 
belted cable is unessential electrically and ei es s ex P ’ 

This is not in accord with the results presented m the paper by 
me- or in the discussion by Mr. Halpenn. _ I dare say thathe 
use of built-up crotches of test sections m many laboratories, 
including the Electrical Testing Laboratories, is based on some 
such observation as the last mentioned. , . 

Undoubtedly the combination of low-loss varnished-cambric 
tape and stepped insulation described by Mr. Eby is a very goo 


1. Since the cable is so made—the joint should be. 

2. Abrupt discontinuities and transitions are eliminated. 

3. Voids may exist or the joint may drain without harm. 

The first has no particular justification except in so far as there 

are incidental advantages which may accrue. The second is 
accomplished fairly well in the joint offered. As for the third, 
if voids in compound are expected, by all means short-circuit 
them. However, in the case of joints which may drain,—that 
is, lose their oil,—since these will probably fail eventually due to 
water, drying out or the like, this joint offers very little in favor 
of carrying the tape through. On the other hand, if conductors 
can be satisfactorily insulated with tape only, it would seem 
quite possible to cut down on hand wrapping when oil is brought 
into use. At least, the entire burden wall not be placed on hand 
wrapping (with its uncertain personal element) but some part 
will be sustained by the oil. 

Mr. Hooke has presented some very interesting data and ideas 
on joint design, stress distribution, and dielectric circuit theory. 
The joint which he describes seems to be identical with the so- 
called Metropolitan type inasmuch as both are largely re-builds 
of cable. As such, considerable dependence is placed on the 
hand-made elements of the joint and as Mr. Kehoe pomts out, 
this is not always very desirable. In the early work in Brooklyn 
an attempt was made to eliminate hand operations entirely bj 
insulating conductors with oil and barriers. When this failed, 
joints such as described were evolved. _ In these, the human 
element or personal equation is quite important . so tar 
as the hand wrapping is concerned. However, the oil serves 
as a second line of defense and renders inconsistencies m this less 


Lportant. 

Though Mr. Hooke has found a use for the Brooklyn Edison 
ampany idea of thin strips of varnished cambric between con- 
jctor and penciled mill insulation, he criticises the over-lappmg 

the latter with the tape and quotes my statements on the 
idesirability of having short paths of low specific inductive 
ipacity material in series with long paths of high specific induc- 
ve capacity material. He has apparently overlooked the fact 
lat in determination of stress distribution or values of gradients, 
ie entire path from electrode to electrode must be considered to 
etermine flux densities. These, multiplied by 1/s.i c., give 
radients. Obviously, a little varnished cambric (high s. i. c.) 
vex a short path of mill insulation but having m series large 
mounts of oil, paper, etc. (low s. i. c.) cannot greatly alter the 
; ress in the penciled insulation. 

He also ouestions the use of a conical shield over the crotches 
f three-conductor helted cable, m eliminating cireirmferent 
bress. The basis for his argument is an attempted proof t 
fie cable axis is not at zero potential. Given homogeneity and 
ymmetry of position this must be the case when three-phase 
oCge Z applied. I am at a loss to understand the reasoning 
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in the east! cited. When one conductor is at. zero potential and 
the others at plus and minus SO per cent of maximum potential, 
the locus of the zero-potential points is a plane half-way between 
the two conductors and perpendicular to their line of centers. 
Certainly the geometric axis of the cable falls on this. 

Barriers in oil may be considered to produce beneficial results 
in two ways: 

1. Where the fret' path in oil is broken up so as to reduce the 
distance in which ionization, by collision may take place thus 
greatly increasing gradient for breakdown; for example, paper 
and impregna ting oil. 

2. Where paths are long and breakdown is due to lining up of 
ions -water, impurities, etc. -banders prevent this action and so 
increase the over-all strength. 

There remains a range from approximately ]■t in. to about 2 in. 
in which the use of barriers is questionable. Their s. i. e. is 
usually high and since their thickness may be no srna.ll part of 
the total path of electric (lux, the incidental shifting of stress in 
oil may more than overcome the advantage of barrier action. 
In view of this and since operating experience indicated that 
they were very ineffective in preventing failure where moisture or 
poor workmanship were present, barriers were eliminated entirely 
from tile joint described. The breaking up of the oil space into 
very short paths, as is done in the Public Service joint by the use of 


lilling materials, is quite permissible. although our mi;* hi question 
whether'this done under unfavorable condition , will furnish 
much of an improvement ov er t lie m r oj good oil. 

1 also doubt if many will subscribe to Mr. Brownell a idea on 
the elimination of phasing-out in uinuhoh :, although it would 
seem that this is greatly to be drain d in view of tie introduction 
of isolated-phase cons!rue!ion. installation of networks, etc. 
At any rate, does it not seem advantageous to phase-out in joints 
(rarely ever more than one in ate on. local ion rather than sub¬ 
ject om* oa,hie end at the pot head to two-ting . aeh time there is 
need for change';’ 

Mr. Davidson’s remarks are a lilting uppb m< nt to a paper on 
joints, began Hess of I he t \ pr of cab!.* ..r joint . t In- ml reduction 
of longitudinal stresses is inev itabh at the pofhead if at no other 
place. 1 join with him in a ph a for a cable better able to with¬ 
stand these si resses. 

In response to the queries of Mr. ihdpenn I might say t hut. 
due primarily to migration, eom.idera.ble ddbculty had been 
experienced with petrolultun hlh d joint ■*. hut periodic rtdii ling 
(at si.x-tuotifh intervals'! almost entirely eliminated this trouble. 
As for the use of Hared metal im Id JtJ crotches event 1 of 
these carefully made of spun brass were tro d hut the resells 
were no improvement on those obtained v.ith metal tape laid 
on the built-up cortical structure. 




The Use of High - F requeney Currents for Control 


BY C. A. BODDIE 1 

Associate, A. I. E. E. 


T HE rapid development of radio has given rise to a 
parallel development in the art of remote control. 
Remote and supervisory control is being applied 
to an ever increasing variety of problems. This control 
is now commonly effected by the use of special wires 
connecting the apparatus under control with the point 
from which control is exercised. 

Wires suitable for control purposes are often difficult 
to obtain. If they are supported for any considerable 
distance on the same towers as the power line, induction 
from the power line may seriously reduce their value 
unless special measures are adopted. If the wires are 
carried on separate poles on a separate right of way, 
the cost becomes a formidable item. The other alter¬ 
native is to lease the necessary circuits from the tele¬ 
phone company. In this case, the rentals are always 
so high as to be a serious burden on the whole project. 

The expense of obtaining and difficulty in operation 
of special wire circuits have directed attention to the 
possibilities in the use of alternating currents of moder¬ 
ate or high frequency for control purposes. The object 
has been to utilize the existing power conductors as a 
control circuit. This has been accomplished by super¬ 
imposing on the live power circuit a frequency suf¬ 
ficiently different from the power frequency to permit 
its being easily separated from the power frequency by 
suitable tuned circuits. Although this current flows 
in the power system together with the power current, 
it is independent of it, It may therefore be used for 
control purposes. 

The application of alternating current to control 
problems opens up many new fields. The develop¬ 
ment of apparatus is already quite well advanced. 
Some of the equipment has been in commercial service 
for over two and one-half years and has given goo 
account of itself. The applications already developed 
provide for the control of large main line oil circuit 
breakers, substation apparatus, and street lights. t is 
expected that this type of control will be used quite 
generally for all classes of control now requiring special 
circuits, where these circuits introduce a serious burden 
on the project as a whole. 

The development has been carried out along two 
rather distinct lines. The apparatus may be c asse 
according to the frequencies employed as 

1. Medium-frequency systems, 

2. High-frequency systems. . . 

The medium-frequency system employs frequencies 
of the order of 500 cycles. This control frequency is so 
low that it passes through transformers just like powe 

1. Westinghouse Elec. & Mfg, Co., East Pittsburgh, Pa. 
Presented at the Summer Convention of the A. L. 

Detroit, Mich, June 20-24, 


frequencies. The control frequency is generated by a 
motor-generator set and is fed into the circuit usually 
by means of condensers. The special advantage of this 
system is that the line losses are low on account of the 
moderate frequency used. It is possible to transmit 
sufficient energy to the receiving devices to directly 
actuate a relay magnet. This relay is tuned to the 
control frequency and therefore responds, only to this 
frequency. The relay is simple and sturdy and requires 
no vacuum tube amplifier. The system is very flexible 
and is well adapted to quite a variety of applications. 

The high-frequency system employs frequencies of 
the order of 50,000 cycles. Frequencies of this order 
are most readily produced by vacuum tubes. The 
energy employed in the high-frequency system is much 
less than that required in the medium-frequency 
system. Vacuum tube amplifiers are necessary to 
amplify the control frequency at the receiving point m 
order, to get sufficient energy to operate a relay satis¬ 
factorily. On account of its requiring vacuum tubes, 
the receiving equipment is much more bulky and more 
complex than the corresponding equipment of the 
medium-frequency system. Currents of this frequency 
do not pass readily through transformers. Its applica¬ 
tion is therefore limited mainly to operation over high 
voltage power lines, but it is well adapted to this class of 
service. 


High-Frequency System, Installed at 
Tipton, Indiana 

Sporadic attempts at control utilizing radio or high- 
frequency currents over wires date back over a period of 
10 or 15 years. These attempts assumed more of a 
spectacular than of a practical trend. Perhaps the first 
definite attempt to control the apparatus of a power 
system by high-frequency currents was made just 
previous to the opening of the Dresser Power Station 
of the Central Indiana Power Co. There was then 
in operation a high-frequency system controlling two 
66-kv. circuit breakers at Tipton, Indiana. The control 
point was Kokomo, Indiana, some 20 miles distant. 
The 66-kv. line loops through the substation at Tipton. 
An oil circuit breaker is installed in each branch of the 
line as it connects to the high-tension bus at Tipton. 

This is indicated in Fig. 1. , 

The local power plant which previously supplied the 
town of Tipton was shut down shortly after the trans¬ 
mission line was built between Indianapolis and 
Kokomo and power was supplied from the line. 1 e 
substation at Tipton is about a mile out of town. 
An operator is not maintained at this point, ihe 
object of installing the circuit breakers and the contro 
system was to insure continuous service to the town 
from either of two power sources, namely, Indianapolis 
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and Kokomo. In case of line trouble on either side of 
Tipton, the section in trouble could be cut clear by 
operating the proper breaker at Tipton and the town 
supplied with power from the remaining section of line. 
The absence of an operator at Tipton necessitated the 
installation of the control system. 

At the time it became apparent that supervisory con¬ 
trol of the Tipton breakers would be desirable, an 

_ r66 Kv. Line .Circuit Breakers Controlled 

O--t/V---O 

Lenore Sub. rf cp Kokomo 

Indianapolis 1 1 

/VV 

Tipton " 

Fig. 1—Schematic Diagram of Circuit Breaker Installa¬ 
tion at Tipton, Indiana 

efficient high-frequency telephone system was already 
in regular operation over the Indianapolis-Kokomo 
lines. It was decided to use the transmitter then 
installed at Kokomo and to install one of the standard 
receivers and calling selectors at Tipton for the opera¬ 
tion of the Tipton circuit breakers. A special fre- 


Heterodyne Reception 

The receiver was of the usual coupled circuit type as 
shown in Fig. 3. The receiver circuits employed were 
exactly the same as used regularly in the telephone 
calling system. This utilizes the well-known hetero¬ 
dyne method invented by Fessenden for radio telegraph 
reception. Because of its superior efficiency and a 
remarkable ability to ride through serious radio static, 
it soon displaced all other methods for radio telegraph 
reception. It was for these same reasons that it was 
selected as the basis of the calling system for 
power line telephone communication. The heterodyne 
method was of course retained for the application to 
supervisory control. 

In the heterodyne system, the incoming high-fre¬ 
quency signal is combined with a frequency generated 
locally. In this application, it is customary to adjust 
the locally generated frequency to within about 1000 
cycles of the incoming signal frequency. This differ¬ 
ence of frequency gives rise to a third frequency equal 
to the difference between the two main frequencies. 
This third frequency is commonly called the beat fre¬ 


quency was selected so that there could be no inter¬ 
ference between the telephone system and the control 
system. This special frequency could be readily 
produced since the Kokomo transmitter was already 



transmitter is rated at 250 watts and is used for both control and 
telephone communication 

provided with a wave-change switch as a regular part 
of the equipment, whereby its frequency could be 
changed from the normal frequency used in telephone 
service to any other desired frequency. The operation 
of changing frequencies was accomplished by the 
operation of the automatic calling dial. 


Power Line Grid Condenser 

- —- on/< I nol. 



Fig. 3 -Schematic of Receiver used for High Frequency 
Control 

The sector is kept in a state of continuous oscillation and heterodynes 
the incoming signal 

quency. The second or locally generated frequency is 
in this case produced by maintaining the receiving 
detector in a state of continuous oscillation. The beat 
frequency of 1000 cycles is amplified by a two-step 
amplifier, the second step of which is adjustable and the 
output used to operate a polarized relay. This is 
accomplished by connecting two vacuum tubes in 
parallel as shown in Fig. 4 and supplying their plate 
circuit through a polarized relay having a suitable 
winding. The tubes are provided with a grid leak and 
condenser just as in the case of an ordinary radio de¬ 
tector. When the amplified 1000-cycle beat frequency 
is applied to the grids of the relay tubes, a negative 
charge is built upon the grid condenser in the usual 
way which gives the grids a large negative bias. This 
greatly reduces the plate current drawn through the 
winding of the polarized relay and allows the tension 
of a spring to close the relay contacts. 

When the control frequency is put on the power line 
by the Kokomo transmitter, a beat is produced between 
the oscillating detector and the incoming frequency 
which, as described above, causes the relay contacts to 
close. When the flow of current from the Kokomo 
transmitter is interrupted, the relay contacts auto- 
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matically open. The calling dial of the sending trans¬ 
mitter is arranged to interrupt the flow of high-fre¬ 
quency current so as to produce a series of impulses. 
At each interruption, the contacts of the control relay 
close and thus give a corresponding series of impulses 
to the selector which it controls. 

Selector 

The type of selector used is that commonly employed 
in automatic telephone systems and now so widely 
used for supervisory control. It consists essentially of 


Grid Leak and Condenser^, Relay Tubes . 

■ .I / / Polarized Relay 


To Detector 



FT To Selector 


Fig. 4 —Schematic Showing Method op Operating Polar¬ 
ized Relay 

Two vacuum tubes are used in parallel to ensure ample mechanical 
pull at contacts 


an electromagnet commonly called a motor magnet 
which drives a contact arm over a bank of contacts by 
means of a ratchet and pawl, as shown in Fig. 5. At 
each impulse of the radio or control relay, the motor 
magnet advances its contact arm one step. By a 
combination of fast and slow relays associated with the 
motor magnet, the circuit through the contact arm is 
held open until the proper code sequence is received. 
After the final pause in the series of code impulses, a 
slow relay drops out and completes the circuit to per¬ 
form the desired operation if the correct code sequency 
has been received. The relay combination is such that 
during the advance of the selector contact arm a pause 
must be made at two predetermined points and there 
must be no interruption, in each group of impulses 
between the pauses. The total number of impulses 
must also add up to a predetermined total. Unless 
all of these conditions are fulfilled, the- operating circuit 
cannot be closed. This interlocking combination is 
more elaborate than that commonly used in the calling 
system of standard power line telephone equipment. 

The installation at Tipton is perhaps the oldest 
practical installation of supervisory control using high- 
frequency currents transmitted over a power line. 
In its initial stage it involved merely the application 
of a standard power line telephone system to the 
service of controlling oil service breakers. It was but 
a short step from this to the full system with answer¬ 
back applying all the well-known functions of modern 
supervisory control. 

Answer-Back With Indicating Lamps 

In order to provide for an answer-back signal, a small 
transmitting set was installed at Tipton and an ad¬ 
ditional receiver was added to the equipment at 
Kokomo. Controllers similar to those used for con¬ 
trolling oil circuit breakers replaced the automatic 
calling dial of the desk telephone set. These were 
mounted on a small panel and provided with the usual 


red and green indicating lamps. Automatic impulse 
senders were provided at Kokomo for sending the 
proper code impulses. The code sent out by the im¬ 
pulse sender was determined by the oil switch controller. 
Thus, to operate one of the Tipton breakers, the 
Kokomo operator was required to perform only the 
usual function of operating the controller of a standard 
oil circuit breaker. This started the automatic impulse 
sender which sent out a code of impulses corresponding 
to the particular controller operation performed. 

When the code impulses were received at Tipton, the 
proper control circuits were completed and the desired 
breaker operation effected. At the completion of any 
circuit breaker operation a small transmitter was 
automatically started by means of a similar automatic 
impulse sender and a code was sent back to Kokomo 
corresponding to the breaker operation which had 
occurred. These impulses being received at Kokomo 
on selectors caused the proper indicating lamps to show 
on the Kokomo control board. The equipment was 
also arranged so that in case of doubt the operator could 
always check the position of the breakers. 

Improvements in Mechanical Design 

The mechanical arrangement and form of mounting 
used in the Tipton installation has been changed in later 
designs. The receiving equipment, instead of being 
built as a number of independent units and mounted on 
a table, has been changed to the arrangement shown in 



Fig. 5—View op Selector Showing Motor Magnet and 
Bank op Contacts 


Fig. 6a-6b. The equipment is all mounted on panels 
which are accessible front and rear. The unit con¬ 
struction is still retained. The top panel carries the 
entire high-frequency equipment. A second panel 
carries all vacuum tubes and associated apparatus. 
The third panel carries the rectifier supplying the plate 
current to the vacuum tube system and the lower panel 
carries all relay and selective equipment together with 
the terminal board. 

For work over short stretches of power line or over 
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sections of badly exposed telephone line, a small unit 
has been developed. This is a complete transmitter 
and receiver and also carries with it sufficient selective 
equipment for some simple applications. The unit is 



i 


Bici. ( 5 A- Front and Rk.ar Vikw ok Pankr Tyi>k Rkokivkr 

SlIOWJNd KKIiKCTOR AND TkrmINAD BoARD 

adapted to either telephone service of supervisory 
control. The transmitter tubes are shown at the top. 
A master oscillator and four 7 Id-watt tubes are mounted 
so that they may be tied all four in parallel as oscillators 
for control work, or two may be used as oscillators and 
two for modulators for telephone service. The lower 
three tubes constitute the receiver. The unit is 
supplied with 500 volts of direct current from a dyna- 
motor running on current furnished by a 24-volt 
storage battery. 

The high-frequency system is well adapted for control 
using high voltage power conductors as a circuit. The 
system has also been applied to the control of series 
street lights fed from pole type regulating trans¬ 
formers. It is not well adapted to this class of service 
because of the bulk of the receiving equipment which 
must be hung on a pole and more or less exposed to the 
weather. It is not suitable to the control of multiple 
street lights This is again owing to the bulk and cost 
of the receiving equipment and to the fact that fre¬ 
quencies of the order of 50,000 cycles do not readily pass 
through transformers. The system is thus limited to 
service on high-tension lines. 

M EDI 1 TM-FrEQI IE NO Y SYSTEM 
As early as 1901, Mr, Rhodes of the New York Edison 
Co. proposed to turn multiple street lights on and off 
by superimposing a 600-c.ycle control current on the 
power circuits. The early work did not show much 


promise and the project was dropped lor some years. 
About four years ago the project was reopened and 
promising results obtained Innti preliminary work on 
the overhead system at Yonkers. New \ ork. Subse¬ 
quent. development was carried out on the underground 
system of the Fordlmm substation of the New York 
Edison Co. 

While the system was developed primarily for the 
control of multiple street lights, it has been found 
applicable to a wide variety of control problems. If. is 
being applied to the control of street lights both series 
and multiple and to supervisory eonfrol of all kinds. 
Its simplicity is one of its principal points of merit. 
In addition, its receiving unit is von small in bulk and 
quite inexpensive. These feature:; were essential to 
its success in the held of street light control. 

The moderate-frequency system may possibly be best 
understood by discussing its application to street light 
control. Fig. 7 is a schematic diagram of a substation 
showing the method of energizing a single feeder, 
Feeders may he energized one at a time as in the 
schematic diagram, or in groups, or the entire bus may 
be energized according to the method of operation 
preferred. The control frequency is produced by the 
generator 0. This is a rotating machine of a standard 
type, driven by a two-speed induction motor whose 
synchronous speeds are 1200 and IK00 rev. per min. 



Front and Roar Vikw ok Pam i. Tver: Ukckivkh 
Biiowjnd Ski,motor and Ti.kminw. Board 

This gives control frequencies of 440 and Ofi0 cycles at 
synchronism. The motor is especially designed for low 
slip which is approximately 1 1 4 per cent. Condensers 
of the oil-filled type similar to those regularly used fur 
power factor correct’on are employed to couple the 
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generator to the line. Inductance coils are provided to 
tune the circuit as a whole. The power circuit presents 
a low impedance when viewed from the generator 
terminals. Hence a coupling transformer of suitable 
ratio is interposed between the generator and the tuned 
circuit to enable the generator to deliver its full output 
into the power system. 

Method of Energizing Feeder 
When energizing a single feeder, it is preferable to 
connect on to the feeder just beyond the feeder regulator 
and reactor, as indicated in Fig. 7. This will-be apparent 


Station 

Transformer! 




■Fig. 7—Schematic Diagram Showing Method op Ener¬ 
gizing Feeder for Medium Frequency Control 


when it is observed that current delivered by the 
generator through the tuned circuit to the feeder has two 
paths in which to flow. It may flow out along the 
feeder through the numerous distributing transformers 
and it may also flow back into the station bus and 
through the large station transformers. If the generator 
is connected beyond the reactor and feeder regulator, 



Fig. 8— Schematic Diagram of Resonant Relay 


the impedance of these two elements is interposed in the 
path of the current flowing back through the station bus 
and less generator current is required to energize the 
feeder. 

The control currents flow along the conductor just 
as though the power currents were not present. Suf¬ 
ficient current is fed into the system to establish a 
control frequency potential of approximately 100 volts 


at the outgoing terminals of the feeder. This control 
frequency potential acts throughout the whole length 
of the feeder in the same manner as the power fre¬ 
quency but it is quite independent of it. The various' 
distribution transformers supplied by the feeder, step 
this control voltage down in the same ratio as they do 
the power voltages. Thus, with 100 volts of control 
frequency on the high side of a 2200-volt distribution 
transformer, five volts are delivered on the 110-volt 
side. It is this voltage which is available for the 
operation of the control relays. 

At any point on the system where control is desired, 
a control relay is located as indicated in Fig. 7 and 
connected to the 110-volt side of a distribution trans¬ 
former. It consists of a simple U-shaped magnet 
acting on a balanced armature as shown more clearly 
in schematic diagram, Fig. 8. A contact is mounted on 
the armature shaft and arranged to close when the 
relay is energized. A condenser is placed in series with 
the relay winding. The inductance of the winding is 
designed so that the inductive reactance of the relay is 



Fig. 9—Schematic Diagram of Street Light Control Unit 
Using Resonant Relays 

exactly equal to the capacity reactance of the condenser 
at the frequency the relay is intended to operate on. 
The total reactance of the relay circuit including its 
condenser is therefore zero, and the control current 
passing through the relay is governed by Ohm's law, 
thus: 



where E is the value of the control voltage impressed 
across the relay circuit, R is the effective resistance of 
the relay circuit, and I is the current flowing through the 
relay winding. When a circuit is adjusted so that its 
reactance is zero, it is said to be in tune or in resonance 
for this particular frequency. 

Application to Street Light Control 
In its application to street light control, it is clear 
that the lower the effective resistance of the relay cir¬ 
cuit, the more energy will be available for its operation. 
This is owing to the low impedance of the supply 
circuits; the principal difficulty encountered in the 
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development of the relay was in keeping its losses 
sufficiently low. By careful selection of materials and 
proper proportioning of the magnetic circuit, these 
losses were cut well under the values necessary for 
commercial operation. It was the successful develop¬ 
ment of these low loss relays which made it possible to 
draw sufficient energy from the power system to 
operate a pair of contacts by the direct magnetic pull of 
the control current itself. 

It will be apparent from the foregoing that when the 
feeder is excited by the control generator, all relays 
tuned to the control frequency will close their contacts. 


Insulated Ground Wires 
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Fig. 10—Series Street Lights Controlled by Medium 
Frequency System 


By interrupting the flow of current from the control 
generator, the contacts of the resonant relays can be 
made to follow. Thus code impulses from the control 
frequency generator are reproduced by the contacts of 
the resonant relays. The system may therefore be 
used for control purposes of any kind. 

In applying the system to street light control, two 
control frequencies are employed, one for turning the 
lights on and one for turning them off. Selection by 
using different frequencies is preferred in this case 
because of its simplicity. This requires two relays at 
each control point, one resonant to each control fre¬ 
quency. The contacts of the resonant relays are not 
required to carry the lamp current, but merely to throw 
a toggle switch which is provided with heavier contacts 
to carry the lamp current. Fig. 9 shows a schematic 
diagram of the two resonant relays and toggle switch 
as used in street light control. These elements are 
assembled in a weather proof case. The whole control 
unit is small enough to permit its being installed on the 
base of most ornamental street light posts. 

In its application to the control of series street lights, 
the control unit governs the position of an oil switch in 
the primary side of a pole type regulating transformer 
.as in Fig. 10. In this case, the feeder potential is 
usually 2300 volts and a potential transformer is 
necessary to supply 110 volts to the control unit. 
This transformer furnishes power frequency energy to 
operate the oil switch and control frequency energy to 
operate the resonant relays. 

Application to Supervisory Control 

Supervisory control by means of moderate-frequency 
currents and resonant relays has recently been applied 


to a rather new problem. This is to provide for the 
control of numerous sectionalizing switches and some 
oil circuit breakers on a long 110-kv. line. The circuit 
over which the control system operates is rather novel. 
This circuit is obtained by insulating the ground wires 
ordinarily provided on a long high-tension line. The 
protective feature of the ground wires is not sacrificed 
appreciably owing to the installation of spark gaps at 
frequent intervals which provide a discharge path to 
ground. The sectionalizing switches to be controlled 
are installed at 15-mile intervals. At each point where 
a sectionalizing switch is located, a drainage transformer 
is provided with its middle point grounded in addition 
to the spark-gaps. 

The control frequency is produced by a 34-kw. 
generator. This is connected to the line by a step-up 
insulating and drainage transformer. The generator 
voltage is 100 volts and the transformer is provided 
with taps to permit the use of line voltages of 300 to 
500 volts. 

The current supplied by the control generator is con¬ 
trolled by a standard system of supervisory control. 
The output of the generator is thus broken up into 
impulses and these impulses are received by resonant 
relays at the points where switches are to be controlled. 
The line voltage of 500 volts is stepped down to 10 volts 
by the insulating drainage transformer at each section¬ 
alizing switch. This voltage is used to operate the 
resonant relays. The contacts of the resonant relays 



Fig. 11—Schematic Diagram Showing System of Medium 
Frequency Control Using Circuit Consisting of Insulated 
Ground Wires 


are connected in a circuit to repeat the impulses re¬ 
received from the control generator into the selector 
system. 

The selector system employs a combination of fast 
and slow relays together with associated motor magnets 
and contact banks as ordinarily used in automatic 
telephony and now adopted as standard practise for 
supervisory control. The complete supervisory system 
and resonant control relays are mounted on a switch¬ 
board section one panel wide. The type of line con¬ 
struction and the location of the spark-gaps and drain¬ 
age transformers is shown in Fig. 11. 
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This application of medium-frequency alternating 
currents to the control of sectionalizing switches is 
likely to find wide application on long transmission 
lines where conditions will not justify a double-circuit 
line. By this means it is expected to reduce very 
greatly the interruptions to service arising from the 
use of a single-circuit line. The system may also have 
important applications on double-circuit lines and 
assist materially in the solution of control problems 
of all kinds. 


Discussion 

Chester Lichtenber^: One tiling that is disturbing to the 
designers, as well as the operators, is the high cost of the equip¬ 
ment required for carrier-current supervisory control. At 
present the cost of wires is large; however, the terminal apparatus 
required for radio supervisory equipment is also large. It is 
therefore necessary to make a quite, careful analysis of the 
situation before a reasonable conclusion can be drawn as to 
whether or not it is cheaper to use supervisory equipment em¬ 
ploying wires or supervisory equipment using carrier current. 
From some studies which we have made, the wires seem more 
economical for distances up to about 25 mi., beyond that distance 
however, the carrier-current design becomes feasible. 

The ambition of radio engineers seems to be to put super¬ 
visory equipment on high-tension transmission system. This is 
a splendid idea. It should be recollected however, that the 
supervisory equipment is most essential during times of stress, 
and such times will almost always coincide with high-tension 
transmission-circuit interruptions. Following- this idea further, 
it is gratifying to note that the Alabama Power Company instead 
of using its high-tension transmission system, uses insulated 
ground wires. This follows in general the practise of the 
Chicago, South Shore, and South Bend Railway Company 
which usos a single wire for the control and indication of eight 
antomatic substations. 

L* II. Junken: (communicated after adjournment) A sys¬ 
tem of street-light control using high frequencies superimposed 
upon the distribution feeders has been developed by the General 
Electric Company in its general development of high-frequency 
control. This system uses a vacuum-tube oscillator for the 
generation of high-frequency power. This oscillator has an 
output of approximately 100 watts and is coupled to the dis¬ 
tribution feeders on the line side of voltage regulators at the 
substation. The oscillator is built in the form of a switch¬ 
board panel and is approximately 33 in. wide, 76 in. high and 
15 in. deep. The coupling capacitors used are small due to the 
small amount of control energy required and to the high fre¬ 
quency used which is about 40 kilocycles. The coupling capaci¬ 
tors are permanently installed on each feeder over which control 
isjto be sent. The oscillator can then be switched from feeder 
to feeder on the low side of the coupling capacitors by means 
ofj low-voltage switching equipment. Since the frequency is 
high, the possibility of telephone interference is avoided and 
the presence of voltage regulators between the oscillator and the 
station bus prevents any appreciable amount of energy from 
flowing toward the bus and insures a maximum, amount of 
energy flowing toward the feeder. This is a very economical 
arrangement, because it uses very small amounts of control 
energy. 

The receivers are located along the feeders where pole-type 
constant-current transformers are to be controlled. The re¬ 
ceivers are coupled to the feeder through small coupling capaci¬ 
tors which can be mounted on the crossarm in a way similar to 
that used for mounting lightning arresters. The receivers use 
a single vacuum tube for the detection of the high-frequency con¬ 
trol current. This tube is operated at reduced rating and has a 


life of approximately One year. All of the power for the filament, 
grid, and plate potentials of the vacuum tube is taken from the 
secondary lines, no batteries or rectifier being required. The 
whole receiver is enclosed in a weather-proof sheet-steel box 
arranged for mounting on a pole. The receiving tube operates 
a d-e. relay in its plate circuit and this relay in turn operates a 
time-selector relay which controls the position of the switch in 
the primary of the constant-current transformer. The time- 
selector relay is so arranged that it closes the lighting circuit on a 
short impulse of control energy and opens the circuit on a longer 
impulse of control energy. The receivers are built to receive 
a suitable band of frequencies and require no tuning or other 
adjustments after their installation. 

This system of control has been installed in service for street 
lighting in Schenectady and Rochester, N. Y., also Bayonne, 
N. J., for about two years and has given very satisfactory per¬ 
formance. 

A. H. Kehoe: (communicated after adjournment) While 
the author mentions the control of multiple street lighting by 
high-frequency relays, the section of the paper covering applica¬ 
tions of street-lighting control deals primarily with series lighting 
circuits. This is probably due to the fact that the multiple type 
of street lamp has not been extensively used in the past except in 
a few large cities. As there are economical advantages to be 
gained by using this type, provided a satisfactory method of 
control exists, it should be emphasized that the principal dis¬ 
advantage of the multiple type of lighting in the past has been 
the difficulty of control. In the future, comparisons of the 
series vs. multiple systems for street-lighting applications should 
take this development into consideration, as it extends the 
field where multiple street lighting will prove to be the more 
economical of the two types of system. 

H.. M. Trueblood: (communicated after . adjournment) 
Mr. Boddie’s paper and other recent ones along similar lines 
serve to call our attention to the extent of the range of application 
of the carrier-frequency art. It was only about ten years ago 
when carrier-frequency telephone and telegraph circuits first 
appeared in the Bell System. Since then we have seen, first, a 
rapid development of carrier frequencies in commercial telephone 
and telegraph circuits; second, the use of carrier frequencies 
superposed on power transmission lines for the private com¬ 
munication services of power companies; and we now have the 
announcement of working applications of carrier frequencies for 
control purposes, a field which Mr. Boddie expects will be ex¬ 
tensively widened. 

In making note of these achievements we do so with the 
satisfaction any electrical engineer must feel in the furthering of 
the applications of electricity to the useful arts. We ought, 
however, to realize that the development and application of 
carrier frequencies along these three lines and others which may 
later appear, need to be carried out with proper regard to the 
possibilities of interference. In the development of com¬ 
mercial carrier-frequency telephone and telegraph circuits, 
where different systems are carried on the same pole line, engi¬ 
neers of the Bell Telephone System have been made fully aware 
of the difficulties of the interference problem, which appears here 
as a cross-induction problem more formidable than at voice 
frequencies. Methods which haVe been used to deal with it 
have included special attention to circuit balance, the suppression 
of the carrier wave itself, the use of a single side baud, the 
selection of appropriate power levels, and a system of frequency 
allocations within the frequency range employed. No other 
methods than these appear to be open to us for dealing with the 
problem of induction in commercial communication circuits 
from carrier-frequency circuits as applied for control or com¬ 
munication purposes in connection with power lines, and the 
most fundamental of these methods at present is undoubtedly 
frequency separation. In fact, unless carrier-frequency circuits 
for communication or control purposes in connection with power- 
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circuit operation can he made to approach commercial com¬ 
munication circuits as regards balance and energy levels, I 
know of no means of avoiding interference in situations of close 
exposure other than frequency separation. 

There is no serious situation at present as regards interference 
in commercial carrier-frequency communication channels from 
Power lines, or any of the carrier-frequency applications used in 
connection with power-system operation, so far as I know. I 
believe that those of us who are working in carrier-frequency 
development in its various aspects should see that this fortunate 
condition continues. It is of interest in this connection to 
refer to the work of one of the project committees organized 
under the Joint Development and Research Subcommittee of 
the N. Id. L. A. and Boll Telephone System which has been 
charged with, and is actively pursuing, a study of the pro Idem 
of interference in carrier-frequency channels. 

C. A. Boddies I fully agree with Mr. Lichtenberg when he 
states that the application of high-frequency currents for control 
purposes is at present limited considerably by the high cost of 
tins equipment. It is only on relatively long distances that 
there is a sufficient saving to justify the use of high-frequency 
currents so inr as lirst cost is concerned. A good deal of work is 
being done in an effort to reduce these costs and it is hoped that a 
considerable improvement can ho effected. But it is not the 
matter ol first cost alone which is the. chief consideration and 
stimulus to the use of high-froquency currents. It is rather the 
need of a mechanically more sturdy ami more stable circuit than 
is attainable with telephone-line construction. It is this mechan¬ 
ical strength which can withstand sleet ami storm and Hood 
conditions inherent in power-line construction that offers the 
chief inducement to the use of high frequencies on such a line for 
communication and control. 

The type of control described by Mr. Junket! using relatively 
high frequencies generated by vacuum tubes is referred to in 
the paper. This type as stated is not suited to the control of 
multiple street lights, because such high frequencies will not pass 
through transformers and because of the size and cost of the 
individual receiving devices, each of which requires a vacuum 


tube and accessories. The system has a legitimate field of 
application for the remote control of regulating transformers for 
series lighting, since for this application relatively few receiving 
de.vie.es are required and the size ami eo.-q per unit is net, a 
serious objection. The* control currents are not required to pass 
through transformers us in the ease of multiple lighting, loti, are 
taken off the high-voltage feeder by means of special coupling 
condensers. 

1 am glad 'Mr. Kehoe has emphasized the fact t hat t he develop¬ 
ment of the system of control by the use of medium frequencies 
puts a now complexion on the problem of multiple vs. series 
street lighting. As be says the principal obstacle to i| t ,« use of 
the multiple system has been the difficulty of control, hi 
largo cities the multiple system of distribution reaches every¬ 
where. To supply street lights h.v I lie series a Nun means a 
system within u system; that is, "duplication." The economic 
advantages of the multiple system which is universal for every¬ 
thing except, street, light ing ten;. now lu* secured, Tltcmedium- 
froqueitey system of control was developed with peejn! reference 
to the problem of controlling multiple street light . Although 
as brought out in the paper it can be .applied to the control of 
scries lighting, its principal field of application is to multiple 
lighting. J‘crimps litis was nut brought out in the paper .as 
clearly as it should be. 

W ith reference to Mr. Trueblood’.i discussion on the ..object, 
of interference, i might state that so far as street light control in 
concerned he will have little to fear. The development has not 
overlooked the question of interference with existing telephone 
lines. In trite lirst plane, the .system is worked out no that the 
uontrot frequency is applied to the line only t wice a day and this 
is only lor a period ol several second . ( )ite of these operating 

periods femes at a time when interference if there should lm 
iuty, would lie of little consequence, [n the second place, the 
control currents are eoiilined entirely to the metallic conductors 
ol the power s,v.stem and are not permitted to return by way of 
ground. In the several installations, which have been made 
there is no known interference with the telephone system, even 
tha t in t he substation itself being immune. 





Electromagnetic Waves Guided by Parallel Wires 

With Particular Reference to the Effect of the Earth 

BY S. A. LEVIN* 

Associate. A. I. E. E. 

Synopsis. A theory of the propagation of electromagnetic waves derived by Professor Pleijel from the elementary theory, are men- 
guided by a system of parallel wires is developed with particular Honed together with several remarks of practical importance. The 
reference to the effect of the earth, and is simplified so that it is simplified theory leads to the same conclusions and, consequently, 
identical in form with the elementary theory. to the same applications. 

Important general properties of a system of parallel conductors The simplified theory gives promise of successful application to 
and their application to problems of propagation in power or such problems of propagation in transmission systems which 
communication circuits, or in a system of both types of circuits, heretofore as a rule have not been formulated with sufficient precision. 


Introduction 

OR the propagation of electromagnetic waves along 
any number of parallel wires of any configuration, 
mainly the elementary theory 1,2 ' 3 has been em¬ 
ployed!. Usually the earth is considered as very remote 
or as a perfect conductor. Rigorous theories have been 
developed in special cases for conductors in free space, 
as well as with proper regard to the influence of the 
earth. Earlier literature is found in reference 4; some 
recent work is mentioned in references 5 to 17, inclusive. 
A theory of propagation on a system of parallel wires, 
with particular reference to the effect of the earth, is 
developed in the theoretical part of this paper. To 
make this theory practically applicable, certain assump¬ 
tions are made in the discussion. The simplified theory 
is identical in form with the elementary theory. 

In a paper based upon the elementary theory Pro¬ 
fessor Pleijel 18 has derived general properties of a system 
of parallel wires and pointed out their application to 
several problems connected with the propagation of 
electromagnetic waves along power or communication 
circuits, or systems of both. The section of the present 
paper dealing with applications of the theory shows that 
these properties and their applications follow also from 
the simplified theory mentioned above and, in addition, 
contains remarks of practical interest. 

It is believed that the simplified theory will permit 
application to many of those problems regarding 
electromagnetic wave propagation in transmission 
systems which previously were often not formulated 
with a sufficient degree of accuracy. 

Theory 

Consider v wires of circular cross-section parallel to 
the 2 -axis, (see Fig. 1). Let the x z -plane separate the 
twO media A, the air, and B, the earth. The conductors 
may be located in one or both of these media. Some 

*Engiueering Department, National Electric Light Associa¬ 
tion, New York, N. Y. 

1. See references at end of article. 

jSee reference 21. This paper, however, was not known to 
the author when the present theory was developed. 

Presented at the Summer Convention of the A. I. E. E., Detroit, 
Mich., June 21-24, 1927. 


may be of copper, some of iron, or any other material. 
All the conductors in the earth must be insulated. In 
the air, some or all of them may be covered with insu¬ 
lation. Some conductors may be arranged so as to 
correspond to a cable, but some of the following con¬ 
siderations do not strictly apply to such an arrange¬ 
ment. The conductors, the media A and B, and! the 



insulating materials are supposed to be homogeneous 
and isotropic. 

The separations between the conductors, and their 
distances from the surface of the earth, are supposed to 
be so large compared to the radii of the wires that the 
electromagnetic field inside each wire is symmetrical 
about the axis of the wire. The insulation of the wires 
is supposed to be so thin that it can be neglected. The 
fundamental assumption is that at a given frequency / 
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the electromagnetic state* of the system can be repre¬ 
sented, except at the ends, by a number of traveling 
waves. Only one of them with the propagation con¬ 
stant r will be considered, unless otherwise specified. 
The components of the corresponding electric and 
magnetic field vectors, F and H, respectively, are the 
real parts of the complex expressions, obtained by 
multiplying 

F *(%, y), F v (x, y), F,(x, '//), H x (x, //), H v {x, y), II,(x, y) 

by the exponential factor e r H jccl where l is the time, 
a> = 2 7 r/ and j — V - 1. The factors F. v , etc., are 
represented by different analytical expressions inside 
each wire, in the air, and in the earth. They satisfy 
the boundary conditions at the surfaces of the wires 
and at the surface of the earth. 

Regarding the justification of the assumption of a 
field with the components 

F * (x, y) . (A) 

the following may be noted: Considering first the 
simple case of a single conductor of circular cross-sec¬ 
tion in free space, it has been shown by Sommerfeld 88 
and Hondros 83 (see also references 24, 25, and 2(> for 
other important contributions) that there are several 
fields each of the form (A) which satisfy the physical 
requirements; i. e,, Maxwell’s equations and the 
conditions at the boundary and at, infinity. Some of 
these fields are rejected for physical reasons. The 
remaining fields may be termed physical fields. Only 
experiment can decide if one or several of the physical 
fields actually can exist since the physical requirements 
do not determine the field uniquely. Experiment 
shows the observed field is equal to one of the physical 
fields, “the main wave.” Thus, at least for the present 
purpose, it is unimportant whether or not there can 
exist the remaining physical fields, “the secondary 
waves,” or any other field satisfying the physical 
requirements but not included among the main and 
secondary waves found by Sommerfeld and Hondros. 
Hondros has shown that the secondary waves are so 
strongly damped that they cannot be detected even 
if they exist. Reverting to the general case of a system 
of parallel cylindrical conductors, it may be expected 
that there are several fields, each of the form (A), 
satisfying the physical requirements, and that some of 
these fields are physical fields. Experiment may be 
expected to show that the observed field is equal to a 
field which is the resultant of certain of the physical 
fields, “the main waves.” It may not be important to 
attempt a proof of these expectations if a number of 
fields are found which approximately satisfy the physi¬ 
cal requirements and adequately account for the 
phenomena observ ed. 

The ^-component of the electric curren t in the wire n 
equals f y n F, d s multiplied by e TV| /W/ . 

* 1)110 to sinusoidal electromotive forces, of tho frequency /, 
at the conductor terminals when the steady state is attained. 


Let 

f 7 « F: (l * S ‘ 1 « ( 1 ) 

Hereafter the exponent ial factor v 1 will be 
omitted for the purpose of simplification. The con¬ 
ductivity of the wire is y„. The integral is extended 
over the cross-section of the wire, and its value, /,„ is 
independent of the location of t he cross-sect ion along 
the wire. The electromagnetic field everywhere out¬ 
side the wires, i. c„ in t he air and in I lit* eart h, would be 
the same as the field that; would he produced there by 
currents I n concentrated at the axes of the wires, if 
each wire were removed and replaced by the medium 
surrounding it. Consider an element of the concen¬ 
trated current /„. 11 produces an elect romagnetic field 

that satisfies Maxwell's equations at all points in space 
and also satisfies the boundary condit ions at the surface 
of the earth . 111 The same is true for the resultant, field 
produced by any combination of elements. Let F ni 
II„ be the vectors of the electromagnetic held produced 
outside the wires by all the elements of t he current. I n 
alone. The components of these vectors are F ttl (x, ■//), 
etc., multiplied by the exponential factor. The com¬ 
ponent //,„ can be neglected.f This permits of the 
definition of single-valued electric voltages and magnetic 
fluxes. Maxwell’s equal ions are ( elm, e. g. s. units), 

, 0 F j 

curl II tl l ?r 7 F, 1 K ( j 

12 ) 

, „ 0 II, 

curl/',, u 

d l ; 


when* the eonsf.au(;s 

7 conductivity 
A* dielectric constant 
M permeability 

have different values in tin* air and the earth. It 
follows from these equations and IF, 0 (hat 



1‘8oo, for instance, reference 21. 
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4 irj /x ? - to 2 jx K - F 2 

4 7r 7 + j co K ^ 

portional 19 to I n . 

F *n = /*» fa, 2 /) J ?i ( 6 ) 

i satisfies equation (4) and consequently 
; is represented by different expressions 
i the earth, but it is continuous at the 
earth. For a given wire n the same 
ly for all waves. Thus, two waves on 
flth different values of r 2 give different 
ily because the r 2 values are different. 
>ressed by saying that f zn depends upon 
of fzn at the x 2 -plane vertically below 
s n and m is (/,*)», and (f zn ) m , respec- 
L. 

nent of the total electric field at the 


internal impedance of the wire and is 
pendent of r 2 . 

3 flux per unit length through the loop 
1 , due to I n , equals 

"n r 

f - f - Indy - («J. ( 8 ) 

is the distance from the surface of the 
Diane, counted positive when the wire is 
lane. The flux per unit length through 

lm iS 


& (V n ) 


n n 

J a 


I m d y 


depend upon r 2 . 
o ground of wire n equals, 

V 

-L_- 

7r y + J co K a \ 

n =1 


Inf dy 


plication of the second equation of ( 2 ) 
7 n ~ Z nn In 4" 2 Z mn I m (11) 


)n *"(“ J tO ((f)n)n Rnn T J tO Lnn j 

(12) 

-(- J CO ( f>m)n ~ Rmn H - J CO limn 

12 ) depend upon r 2 . Z nn is the self- 
flre n. Z nn is the mutual impedance 
m and n when m carries the current, 
he self-resistance (inductance). R mn 
utual resistance (inductance) when m 
nt. All impedances are per unit length. 
1) are the vector voltage and current, 
they are understood in ordinary a-c. 
's from equation ( 11 ) that 


= z„ a.) + 2 z„ (/„) = 2 z ™ ( j “) 


(13) 

Briefly, this is explained as follows. Note that all 
quantities in equation ( 11 ) are complex quantities. 
Put V n = V„i + j V n2 , etc. Multiply equation ( 11 ) by 
e- Tz + jwt , calculate the real parts of the expressions on 
both sides of the equality sign and put them equal to 
each other. The equation thus obtained will contain 
two expressions on the left side of the equality sign, 
each containing a factor one of which is the time- 
derivative of the other. A similar remark applies to 
the expression to the right of this sign. It is seen that 
the equation gives a relation between the instantaneous 
voltage and current values which are the real parts of 
V n e~ Vz+JCut , etc., so that the vector expression on 
the right in equation (13) equals the vector r (FJ. 
Finally, the derivative with respect to z of the instan¬ 
taneous voltage shows that the vector relation 


r (K) = 


a (VO 

d z 


■ is true. 


From the usual application of the fact that the 
divergence of the sum of the conduction and dis¬ 
placement current is equal to zero, it follows that 

/ j co K \ 

r *.-2 ”( T + Aw ) f ' 


where r is the radius of the conductor n and F' the 
component, normal to the surface of the conductor, of 
the total electric field immediately outside this surface. 
The total leakage current from the conductor per unit 
length is 2 r r y F f . The total electric charge on 

K 

the conductor per unit length is 2 7 r r — F'. The in- 

4 7r 

tersection between a plane z = constant, the surfaces 
of the conductors, and the surface of the earth con¬ 
sists of a number of circles and a straight line. The 
voltage on each circle is constant. If, as an approxi¬ 
mation, the voltage on the line is assumed constant, 
it follows by comparison with familiar electrostatic 
methods* that 


r In = 2 @ mn Vn 


where /3 mrt = /3„ m and both are complex coefficients 
independent of r 2 . Consequently 


5 (In) 


= 2 p™ 


Equation (14) can also be written 

~ ^ — (Ann + J U C nn ) (V n ) + 


*Neglecting 7 , in the dielectric, F F z in div. F 





2( 4 ->+i“ c "*)K v * )- (y - )! (15) 

in 9 s n 

where the coefficients A and C are the leakages and 
capacities per unit length, respectively. 


If- 

Z mn — Z n m 

(16) 

then 

R in n ~ Rnm \ 

(17) 

Since 

Lmn ~ Lnm 1 

$mn ftnm 

(18) 

thus 

Amn = A n m \ 

(19) 


Cmn C nm. J 



The general validity of equation (16) has not been 
investigated here . 15 In the following case the equation 
holds. In Fig. 1 let n = 2. The flux per unit length 
through the loop ab c d a due to the current 1 1 = 1 is 

r n a/.i 7 

»<)»-j - — ~w dv 

o 


cients in equations (13) and the corresponding coeffi¬ 
cients in equations (14) were all equal, the addition of 
equations (13) and the addition of equations (14) show 
that these equations apply to the total values of the 
voltages and currents. The coefficients in (12) are, 
however, unequal for all waves with unequal values of 
r 2 . The equations do not apply strictly to the total 
values of the voltages and currents, except in the case 
when only two waves exist with the propagation 
constants r and - r. For most practical purposes 
it will be necessary to make an approximation. 

The approximation mentioned consists in the use 
of equations (13), (14), and (15) in which the vectors 
denote total values, and equation (16), it being under¬ 
stood that it is desirable to determine experimentally 
the limitations of such a procedure. The. equations 
are then identical in form with the equations of the 
elementary theory. The present theory represents an 
advance, at least in so far as the effect of the finite 
conductivity of the earth manifests itself in the coeffi¬ 
cients. The theory gives a physical picture of the 
phenomena occuring in the conductors and in space. 


i 

\ 


| 


j 


The voltage to ground at wire 2 due to f i = 1 is 

r r l c>/,! 7 

V = I :-:- Tr — - a y 

*/ 4 tt 7 b J ^ A a d y 

Let f sl (hi) represent the value of the function at the 
surface of wire 2. The second equation of (2) gives 



Fig. 2A 



/ zl (k 0 - (/, 1)2 - ( 4 T y+j(aK)ii (< ^ l)2 3 W (< ^ 2 

If r = 0, then 

fzi (hi) — — Zn 

i. e., the 2 -component of the electric field at the wire 2 
due to Ii = 1 equals the negative value of the mutual 
impedance. The 2 -component of the electric field at 
the wire 1 due to I 2 = 1 equals 

fzi (hi) — — Zil 

But 14 when r = 0 

fzi (h() = fzi (hi), 

This relation is also true 20 when r ^ 0 . Thus, when 
r = 0 , equation (16) holds irrespective of the location 
of the wires. 

It can easily be shown that all previous considerations 
can be extended to the case where the insulation of the 
wires has finite thickness and the space below the x 2 - 
plane is occupied by layers of different homogeneous 
and isotropic materials, provided no conductor is close 
to the surface separating two such layers. For instance, 
immediately below the x 2 -plane there may be a layer 
of water followed by a layer of earth, and so forth. 

Discussion of Theory 

Consider equations (13) and (14) or (15) for a given 
wire n. Write down all equations (13), one for each r, 
also all equations (14). If the corresponding coeffi¬ 
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It also points out the approximations involved in the 
elementary theory. 

Some Applications of the Theory 

Let 1, 2, 3, 4, etc., denote the ends of wires, I, II, 
III, etc., see Fig. 2a. The total vector voltage to 
ground and the current at 1 will be denoted by Vi and 
i x , respectively, and so on. It follows 18 from equations 
(13) and (15) that 

V\ = 6n ii + 612 + b 13 i'i + & 14 h + ■ • • 

— Vi = &21 il T ba ii T &23 iz T b 24 ii T • • ■ t 

Vz = bziii T bziii + 6332*3 + 6342*4 + (20) 

— V4 = 641 2*i T 642 2*2 “(- 643 23 H - 644 2*4 -f- . . . J 

etc. 

where the coefficients b nm = b mn are composed of the 
coefficients in equations (13) and (15) in a complicated 
way. Since the line is uniform throughout its length, 
it follows 18 that 
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bn 

— &22 

bn = b.n 

b k 

~ b‘a 

bn = bn 

b x . 

= bn 

bn 3 = 644 


Let A and B be two sections, see Fig. 2b, such that 
equations (20) and (21) apply to each of them but with 
constants b differing on account of changes in the earth 
conductivity, the geometry of the system, and so forth. 
The changes in the geometry may be due to trans¬ 
positions, see Fig. 2c, different spacings, different 
distances from the ground, etc. There will be a rela¬ 
tion (20) between the quantities at 1 , 3 , 5 and at 2 ', 
4', 6 '. A similar relation will hold between the quanti¬ 
ties at 2 ', 4', 6 ' and at 2 , 4, 6 . Eliminating the quanti¬ 
ties at 2', 4', 6 ' gives equation (20) where b nm = b mn , 
but equation (21) no longer holds. If several sections 
are added in this way, the result is always equation (20) 
with b nm = b mn . 

Let A, Fig. 2d, be a system, composed of one or 
several sections. At one end of the system are im¬ 
pedances Z i and Z<z ( e . g., loading coils); they may also 
have a mutual impedance Z x2 (e. g., booster trans¬ 
former). One wire may be grounded through an 
impedance Z ( e . g., ground wire). Between the quanti¬ 
ties at 2", 4", 6 " and at 2, 4, 6 , a relation (20) holds, 
which together with 

vA — v/ ) 


U f = i\ and is - A" 
v A = v/ + Zi i A + Z 12 is 
Vq' — Z>> ia' T Zi A . 

permits the elimination of the quantities at 2 ", 4", 6". 
The result is equation (20) between the quantities at 
2', 4', 6 ' and at 2,4, 6 where now some of the coefficients 
b will contain Z x , Z 2 , Z, etc., but still remain such that 
bmn = b nm . If the system A, including its equipment of 
terminal impedances Z x , Z%, Z, etc., is connected to 
another system B, see Fig. 2 d, the result is still equation 
(20). 

If a transformer is connected as shown in Fig. 2 e, it 
is easy to show that there is not a sufficient number of 
equations to permit the elimination of the quantities 
at 2', 4'. Equation (20) does not apply in such a case. 

If necessary, divide a system into sections so that 
equation (20) applies to each section. The terminal 
conditions of such a section will now be considered. 
The wires may be interconnected at the ends, ground 
connections may also be used. For instance, the point 
3, Fig. 2 a may be grounded through an impedance Z. 
Then 

# 3 = — i 3 (Z -}- R) 


where R is the ground resistance of the grounding device. 
This resistance is included to correct, at least approxi¬ 


mately, the conditions at the ends of the system where 
the considerations of the paper do not strictly apply. 
This resistance R also should be included in Z in Fig. 
2d. If the points 4 and 6 , see Fig. 2a, are connected by 
an impedance Z h then 

i A — is, i A Zi = v A — Vq 

and so forth. In this connection the following may be 
noted, see Fig. 2a. The wires I, II, III, may continue 
to the right of the points 2 , 4, 6 . The system to the 
right is then the termination of wires I, II, III at these 
points. 

It is possible to determine the coefficients b in equa¬ 
tion ( 20 ) by experiment . 18 These equations are of 
fundamental importance and, together with their con¬ 
sequences, permit of important applications . 18 At 
first sight the great number of coefficients to be deter¬ 
mined would seem to hinder applications, except when 
the number of wires is small. Fortunately this is not 
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the case. It is possible, for instance, in a lead contain¬ 
ing a large number of wires, to study the currents and 
the voltages to ground at the ends of one wire, or the 
currents and the voltages between two wires at the 
ends of a loop of these two wires, by measuring only a 
few coefficients. This has been shown in a few cases , 18 
which correspond, for instance, to the propagation of 
voltage and current along a single telephone wire, or a 
loop of two wires, from the end A, see Fig. 2f, of an 
exposure between power and communication circuits 
to a point B, where the currents and the voltages may 
be of interest. There are also other cases when a study 
can be made by measuring relatively few coefficients, 
as can easily be shown by methods similar to those 
employed in the paper referred to . 18 Thus, for instance, 
the voltages and the currents induced in a single wire or 
a loop of two wires in a lead can be studied by com¬ 
paratively few measurements. 

In conclusion, some remarks will be made regarding 
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the application of equation (20) to problems of induc¬ 
tive coordination between power and communication 
circuits. 

It is customary and useful to distinguish between 
uniphase and balanced currents and voltages on a power 
system and consider the induction on a telephone sys¬ 
tem due to them separately. It is seen that the 
coefficients b are applicable both to uniphase and 
balanced induction. Once the uniphase and balanced 
components are known in magnitude and phase at the 
ends, the inductive effects can be found by using the 
same coefficients b. It is not necessary to use separate 
coefficients for balanced and uniphase induction. This 
facilitates experimental work and analysis considerably. 

The impedances of loading coils, booster transformers, 
etc., appear in the coefficients b, as seen above. The 
effect of the line proper can be determined, if all these 
devices are short-circuited. If the coefficients are then 
determined with these devices their influence can be 
found. 

The coefficients have to be determined at different 
frequencies. At a given frequency they will, presum¬ 
ably, depend upon the current density when iron is 
present in the circuits. 

It is possible to calculate the coefficients b for a 
simple system, assuming the earth to be a perfect con¬ 
ductor, or very remote. If the coefficients are measured 
the comparison between the measured and calculated 
coefficients gives an idea of the effect of the earth. 

The irregularities in the geometry of the system, in 
the earth’s conductivity, and so on, appear in the coeffi¬ 
cients 6, determined experimentally. This is of very 
great importance, particularly for the voltages between 
two neighbouring wires. If, as is often done, their 
voltages to ground are calculated by some method, even 
■of great accuracy, then the difference between these 
two calculated voltages which are usually fairly large is 
not equal to the actual voltage between the wires, 
usually fairly small, since even small errors due to 
irregularities of the system in the voltages to ground 
give a large error in their difference. 

Conclusions 

A theory of propagation of electromagnetic waves 
guided by parallel wires with regard to the effect of the 
earth has been developed. The theory shows how the 
finite conductivity of the earth enters into the problem 
of propagation. It also gives an idea of the physical 
phenomena involved. The approximations necessary 
for the development of a simplified theory suitable for 
engineering applications have been pointed out. Some 
applications of the simplified theory to transmission 
systems for power and communication purposes, sug¬ 
gested by Professor Pleijel, have been indicated, to¬ 
gether with remarks of practical interest. 
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Discussion 

L. C. Peterson: (communicated after adjournment) In 
connection with some tests planned to determine the inductive 
coupling at the higher frequencies between different wires of a 
system of parallel wires, a theoretical study was made in June 
and July of 1926, based on a paper by Professor Pleijel entitled 
“Current and Voltage Relations in a System of Parallel Con¬ 
ductors” and given as reference No. 18 in Mr. Levin’s paper. 
In his paper, Professor Pleijel gives a set of linear equations 
connecting the terminal currents and voltages of a multi-wire 
line. In the underlying transmission theory, the ground is 
assumed to have infinite conductivity. Mr. Levin states that 
he has demonstrated the validity of Pleijel’s equations, as re¬ 
gards their form, when the finite conductivity of the ground is 
taken into account. Such a demonstration is quite unnecessary; 
indoed, the fact that the equations maintain the same form ir¬ 
respective of any assumption regarding the ground conductivity, 
or any approximation introduced in the transmission theory, 
follows immediately from the general properties of an ^-terminal 
network. The coefficients in Pleijel’s equations (given as 
eq. (20) in Levin’s paper) uniquely specify the system and hold 
for all possible terminal connections of the line wires. They 
offer, therefore, a‘ means of determining the induction in systems 
of parallel conductors. In a limited number of eases, these 
coefficients may be calculated from the dimensions of the system. 
However, calculations being rather laborious, it is advantageous 


to resort to the experimental determinations of the coefficients. 

In a system of n conductors, n (2 n + 1) independent coeffi¬ 
cients will be necessary to define the system completely but if 
the system is- electrically symmetrical around its midpoint, this 
number of independent coefficients is reduced to n (n + 1). 
For instance, an unsymmetrieal three-phase system is determined 
by 3 (6 + 1) =21 coefficients and a symmetrical three-phase 
system by 3 (3 + 1) = 12 coefficients. It is obvious that in 
the general case the determination of n (2 n + 1) coefficients will 
be required and hence, n (2 n + 1) measurements. 

Methods for experimental determination of the coefficients 
b in eq. (20) of Mr. Levin’s paper have been worked out. It 
can readily be shown that all the coefficients are obtainable 
from open- and short-circuit impedance measurements on the 
individual wires or on combinations of these wires. 

S. A. Levin: The validity of Pleijel’s equations for any 
finite value of earth conductivity, eq. (20), can be shown as done 
in the paper of reference (18) provided eqs. (13) and (13) are 
demonstrated for finite conductivity. According to Mr. Peter¬ 
son, the validity of Pleijel’s equations for any finite value of 
earth conductivity follows from the theory of an n-terminal 
network. It seems to me that the application of this theory to a 
system of parallel conductors also requires that eqs. (13) and (13) 
are demonstrated for finite conductivity. This is the only 
demonstration attempted in my paper. I cannot see, therefore, 
that it contains any unnecessary demonstration whether Pleijel’s 
equations are obtained one way or the other. 


Present Status of the International Electrical 

Units’ 

BY E. C. CRITTENDENf 


Mtimber, 

Synopsis. . -This paper summarises the present legal standing 

and practical usage of the international electrical units, particularly 
as maintained in the United Slates. The. international agreement 
nached in 191.0 was provisional and requires some revision. Fur¬ 
ther investigations of the mlernational standards, as well as of the 
absolute units, are urgently needed to pul the system on a satisfactory 
basis for work of high precision. 

Legal authority to dead with electrical units has now been given 
the International Committee on Weights and Measures. This 
provides a permanent working organization through which inter¬ 
national agreements can be reached and can he made effective 
throughout' the world. 

When the comnnUcc lakes up the question of electrical units for 


.. I. IC. 15. 

formal international adoption, it will hare to theide whether to wain- 
tain as nearly as is practicable the values accepted at present or to 
revise them so as to accord with the fuudamt ntul c, g. «. system. 
With regard to primary standards, it will hare toe home In tween the, 
mercury ohm and silver roltameUr, on tlo out hand, an against 
direct, determination of the units leg unihods hand on mechanical 
dimensions. 

The Bureau of Slumlords has under way am ml investigations 
planned to give a better technical basin for final decisions an these 
questions, it is desirable also that they hi discussed by those 
interested in making precise and accurate electrical measurements in 
order that all the advantages and disadvantages of the changes pro¬ 
posed may be given adequate consideration. 


Introduction 

BILE many systems of electrical units have 
been proposed, the leaders in electrical science 
and engineering since the time of Weber have 
almost invariably adhered to the principle that fun¬ 
damental electrical measurements should be based 
on the mechanical effects of electricity, and thus be 
made concordant with measurements in other fields 
of science and engineering. The metric system has 
also been generally accepted as the basis for the elec¬ 
trical units. 

Even though this general principle is accepted, there 
are many sets of alternatives between which a choice 
must be made. For example, one may start with the 
mechanical forces between electric* charges at rest, or 
on the other hand, first consideration may be given to 
the magnetic effects which are of so much greater 
importance in connection with electric currents. In 
other words, the basis of the system of units may be 
either electrostatic or electromagnetic effects. 

In fact, systems of both kinds are used, and each has 
special advantages for particular cases. The greater 
importance of electromagnetic, relations in the practical 
use of electricity, and the facility with which precise 
measurements of electric; current can he made by the 
use of magnetic, effects, have combined to give the 
electromagnetic; system a predominating position. It 
is nevertheless worth noting that developments of recent 
years, especially in high voltage work and in electronics, 
have made electrostatic, effects more prominent than 
they formerly were. It has been established beyond 
reasonable doubt that all material is composed of con¬ 
ste llatio ns of electric charges. The numerical values 
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of these elementary charges have been determined with 
precision. In numerous devices they already serve us, 
and the future importance of their direct uses no one 
can foretell. In this great, and growing held of science 
and practise, essential values are naturally determined 
in absolute electrostatic units. 

It would be* beside the point to discuss hen* the 
various combinations of units which have* been proposed 
for the purpose of simplifying the numerical relations 
between quantities and thus making computations 
easier. These proposed systems are treated at some 
length in Bureau of Standards Circular No. tit), M Elec¬ 
tric Units and Standards,and Scientific Paper Mo. 
292, “International System of Electric and Magnetic 
Units.''' In brief, the* view set forth in those publica¬ 
tions is that in the “practical" electromagnetic system, 
as modified by the adoption of the present international 
units, there has been developed a set of units more 
generally satisfactory t han any of the systems proposed 
on a theoretieal basis, (hmsecpmutly, it is concluded 
that there is no good reason to incur i he confusion which 
would result from an attempt to change* the units now 
ordinarily used. 

During the last 10 years there has been no agitation 
for radical changes in the present system, and certainly 
no such proposals would now he received with favor. 
No one would seriously propose; to do away with the 
ohm, the ampere*, or any of the important units derived 
from them. It is, however, an open question whether 
the values of these units as now aecepted should not bo 
adjusted to make them accord more closely with the 
general system of measurements, Furthermore, we 
may well inquire whether the methods of determining 
these values have not reached such u stage of perfection 
that the old expedients for maintaining constancy of 
the units can be safely discarded. If any such changes 
of units or of fundamental standards are to be made, 
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they must, of course, be thoroughly considered in ad¬ 
vance in order that the advantages and disadvantages 
resulting from the change may be fully weighed. The 
purpose of this paper is therefore to set forth the present 
status of the units and to ask for discussion of the 
changes which might logically be made if found 
expedient. 

Legal Basis op ti-ie Units in the United States 

The legal basis for the electrical units used in the 
United States is still the Act of July 12, 1894. This 
acdepted the international ohm, ampere, volt, coulomb, 
farad, joule, watt, and henry, as adopted at the Inter¬ 
national Electrical Congress held at Chicago in 1893, 
and incorporated definitions paraphrasing -without 
essential changes the resolutions adopted by that Con¬ 
gress. The definitions given in the Act for the ohm, 
ampere, and volt were as follows: 

1. The unit of resistance shall be what is known 
as the international ohm, which is substantially 
equal to one thousand million units of resistance of 
the c. g. s. system of electromagnetic units, and 
is represented by the resistance offered to an 
unvarying electric current by a column of mercury 
at the temperature of melting ice, 14.4521 g. 
in mass, of a constant cross-sectional area, and 
of the length of 106.3 cm. 

2. The unit of current shall be what is known 
as the international ampere, which is one-tenth of 
the unit of current of the c. g. s. system of electro¬ 
magnetic units, and is the practical equivalent 
of the unvarying current, which, when passed 
through a solution of nitrate of silver in water in 
accordance with standard specifications, deposits 
silver at the rate of 0.001118 of a gram per second. 

3. The unit of electromotive force shall be what 
is known as the international volt, which is the 
electromotive force that, steadily applied to a con¬ 
ductor whose resistance is one international ohm, 
will produce a current of an international ampere; 

1000 „ 1 1 

and is practically equivalent to of the electro¬ 
motive force between the poles or electrodes of the 
voltaic cell known as Clark’s cell, at a temperature 
of 15 deg. cent., and prepared in the manner 
described in the standard specifications. 

It will be seen that these definitions do not draw a 
sharp distinction between the basic c. g. s. units and 
those defined in terms of concrete standards. If taken 
literally, the law is inconsistent with regard to the 
relations between the two sets of units. The exact 
value of the ohm is to be that obtained from the mercury 
column, the absolute unit being mentioned merely 
as a substantial equivalent, while in the case of the 
ampere this condition is reversed. 

Section 2 of the same act provided, 


That it shall be the duty of the National 
Academy of Sciences to prescribe and publish, as 
soon as possible after the passage of this Act, 
such specifications of detail as shall be necessary 
for the practical application of the definitions of 
the ampere and volt hereinbefore given, and such 
specifications shall be the standard specifications 
herein mentioned. 

This section has become a dead letter, since it - was 
necessary to depart from the National Academy 
specifications in order to obtain consistent results and 
to obtain international agreement. Except in this 
detail, however, it has been possible to follow the terms 
of the law literally and still to put into effect the inter¬ 
national agreements which have been reached. The 
differences between the absolute and the accepted 
international unit of current have been negligible, and 
the terms in which the Clark cell were referred to were 
not such as to require its use, so that there has been no 
legal obstacle to the adoption of the Weston normal 
cell as a substitute for the Clark. 

The Present Units 

The values of the units now accepted for practical 
use throughout the world were established, in principle, 
by the International Conference on Electrical Units 
and Standards, held in London in 1908. This con¬ 
ference made a clear distinction, so far as definitions are 
concerned, between the absolute units and those which 
were called international. The Conference used the 
term “fundamental” for the units here called absolute, 
that is, those derived from the basic units of length, 
mass, and time. With reference to these units, the 
following resolution was adopted: 

The Conference agrees that as heretofore the 
magnitudes of the fundamental electrical units 
shall be determined on the electromagnetic system 
of measurement with reference to the centimetre 
as the unit of length, the gramme as the unit of 
mass, and the second as the unit of time. 

These fundamental units are: 

1. The Ohm, the unit of electric resistance which 
has the value of 1,000,000,000 (10 9 ) in terms of the 
centimetre and second, 

2. The Ampere, the unit of electric current, 
which has the value of one-tenth (0.1) in terms of 
the centimetre, gramme-, and second, 

3. The Volt, the unit of electromotive force which 
has the value of 100,000,000 (10 8 ) in terms of the 
centimetre, gramme, and second, 

4. The Watt, the unit of power which has the 
value of 10,000,000 in terms of the centimetre, the 
gramme, and the second. • 

As a system of units representing the above and 
sufficiently near to them to be adopted for the purpose 
of electrical measurements and as a basis for legislation, 
the conference recommended the adoption of the 
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international ohm, ampere, volt, and watt, defined as 
follows: 

The International Ohm is the resistance offered 
to an unvarying electric current by a column of 
mercury at the temperature of melting ice, 14.4521 
grammes in mass, of a constant cross-sectional 
area and of a length of 106.300 centimetres. (The 
procedure to be followed in setting up mercury 
' ohms was prescribed in detail in specifications 
attached to the resolutions.) 

The International Ampere is the unvarying 
electric current which, when passed through a 
solution of nitrate of silver in water, in accordance 
with the Specification II attached to these Resolu¬ 
tions, deposits silver at the rate of 0.00111800 of 
a gramme per second. 

The International Volt is the electrical pressure 
which, when steadily applied to a conductor the 
resistance of which is one international ohm, will 
produce a current of one international ampere. 

The International Watt is the energy expended 
per second by an unvarying electric current of one 
international ampere under an electric pressure of 
one international volt. 

It is perhaps worth noting that the units of mass and 
length included in these definitions occur in the descrip¬ 
tion of the apparatus by which the units are to be estab¬ 
lished, and are not involved in the real definitions of the 
units themselves. That is, these dimensions could be 
stated in any other mechanical units desired without 
affecting the value of the electrical units; the latter are 
essentially defined in terms of the properties of mercury 
and of silver without any reference to systems of 
measurement. They therefore become independent, 
fundamental units which, joined with the centimeter 
and the second, constitute the basis of a complete 
system from which even mechanical units including the 
gram might be derived. 

While these definitions were thus made in form quite 
independent of the absolute electrical units defined in 
terms of the centimeter, gram, and second, the intention 
of the conference was to make the units adopted repre¬ 
sent very closely the value of the absolute units. In 
fact, one reason advanced for choosing the ampere, 
instead of the volt, as a fundamental unit was the 
possibility of direct determination of the absolute 
value of the ampere by several methods independently 
of any assumed value for the ohm or other electrical 
units. 

The definition adopted for the ampere carried the 
value to six significant figures although it was recognized 
that the specifications for the voltameter were in¬ 
complete and therefore 1 indefinite. An International 
Committee on Electrical Units and Standards was 
created to complete the work of the conference and to 
carry it on until another conference should be convened. 


Among other duties, this committee was to secure 
agreement on precise specifications for the voltameter 
and to establish a standard value for the electromotive 
force of the average Weston normal cell consistent with 
the international ohm and the ampere as defined by 
these specifications. The accomplishment of an im¬ 
portant part of this task was made possible by the 
generous support of four American societies, the 
American Institute of Electrical Engineers, Association 
of Edison Illuminating Companies, Illuminating Engi¬ 
neering Society, and National Electric Light Association. 
These societies contributed funds to bring representa¬ 
tives of Great Britain, France, and Germany to America 
for joint experiments with the Bureau of Standards 
upon the silver voltameter and the standard cell. 
The Technical Committee thus created worked at 
Washington for nearly two months in 1910. It did not 
agree on formal specifications for the voltameter, but 
it did bring the experimental results with different 
types of voltameters nearly enough into accord so that 
the value of 1.0183 at 20 deg. cent, for the Weston 
normal (saturated) cell was established and accepted 
internationally. 

Values of the Ohm 

When the Technical Committee met in 1910, it had at 
hand wire standards calibrated in terms of the mercury 
ohms at the German Physikalisch-Technische Reich- 
sanstalt and the British National Physical Laboratory. 
The two values for the ohm were found to differ by only 
one part in 100,000, and the mean value was accepted 
by the Technical Committee in the following resolution: 

The committee decides to choose, for the present 
and until there are other mercury ohms prepared, 
as the value of the international ohm, to be recom¬ 
mended to all countries for general use, the mean of 
the values of the units realized at the Physikalisch- 
Technische Reichsanstalt and at the National 
Physical Laboratory. Although the international 
ohm as defined by the London Conference has 
not yet been strictly realized, the committee 
believes that its value has been attained in two 
laboratories independently with a good degree 
of precision, and that future work is not likely 
to change it by more than two or three parts 
in 100,000. 

It will be seen that this acceptance of a mean value 
to be called the International Ohm was really provisional. 
The International Committee never succeeded in 
completing the full and formal establishment of the 
unit, and no machinery was provided for the distribu¬ 
tion and maintenance of a common unit. The work 
of the committee did, however, show that the resistance 
standards of the several national laboratories were 
already in fairly good agreement. Since the standards 
were thus reasonably concordant, in general each 
laboratory considered it best to maintain the continuity 
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of its own values rather than to make small changes in 
advance of a complete international acceptance of a 
precise value. 

In fact, a mercury ohm determination completed at 
the Bureau of Standards a few years later 3 gave a value 
differing from the international ohm accepted in 1910 by 
25 parts in a million. This was considered to be a 
check within the limits of certainty of the mercury ohm, 
and the values assigned to the Bureau's wire standards 
were not changed. Since 1915 no mercury ohm deter¬ 
minations have been made at the Bureau. The unit 
has been preserved by sets of wire standards whose 
relative values have been found to be very stable. The 
unit has been maintained on the assumption that the 
mean resistance of a group of 10 one-olim manganin 
wire standards remains constant. The ten standards 
included in the reference group are, however, not always 
the same. Intercomparisons with a considerably 
larger group are made from time to time, and those 
standards which have apparently been most stable are 
chosen for the reference group which is the custodian of 
the unit until the next intercomparison is made. 
Since 1910, 17 different standards have thus at various 
times been included in the reference group. 

Comparisons of the ohm as maintained in different 
countries have been made only irregularly, but the 
results have indicated that all the national laboratories 
have remained in satisfactory agreement. The dif¬ 
ferences found have seldom been greater than two 
parts in 100,000, which is about the limit of accuracy 
obtainable in the establishment of the international 
ohm. 

In recent years an entirely unexpected complication 
has arisen which makes the old definition of the inter¬ 
national ohm indefinite. This is the discovery that 
mercury is not a simple element but includes several 
isotopes. If completely separated, these would pre¬ 
sumably differ in density by as much as 8 per cent, 
although they have the same resistivity on the basis of 
volume. This difficulty is not a serious one, however, 
since mercury from many sources as ordinarily produced 
has been shown to have the same density within a few 
parts in a million. At any rate, the difficulty can be 
met by specifying the density of the mercury to be used 
in the ohm tubes or by prescribing the cross-section 
instead of the mass of the mercury column. 

Although the mercury ohm affords a means, how¬ 
ever, of checking the value of the unit to a few parts in 
100,000, determinations of the absolute value of the 
international ohm have shown that this unit differs by 
a considerable amount from the basic unit with which 
it was intended to be practically equivalent. Two 
very careful determinations have been made since 1910 
by entirely different methods, one at the National 
Physical Laboratory, 4 with an apparatus of the Lorenz 
disk type, the other at the Keichsanstalt 5 by comparison 
of resistance standards with the calculated self-induc¬ 


tance of a coil. The two results agree within one part 
in 100,000. This close agreement must be considered 
as partly accidental, since the relative values of the 
reference standards used in the two laboratories could 
not be depended upon to such a high degree of accuracy. 
Expressed in terms of the length of a column of mercury 
of the same cross-section as the international standard, 
these two determinations indicated that the absolute 
ohm would be represented by a column 106.245 or 
106.246 cm. long instead of 106.300. It appears 
certain, therefore, that the absolute ohm is smaller than 
the international ohm by about*five parts in 10,000, 
and incidentally that determinations of the absolute 
ohm can be made with the same degree of precision as 
the international ohm can be established and checked 
with mercury ohm tubes. 

Values op the Ampere 

The present international ampere represents the value 
obtained by the Technical Committee of 1910 as an 
average of the results found with several different types 
of voltameter. Since current is transitory, the average 
result was recorded and is concretely expressed by the 
value assigned to the Weston normal cell. The inter¬ 
national volt being the potential drop in the accepted 
international ohm with a current flowing which de¬ 
posited 1.11800 mg. per sec. in the average voltameter, 
the committee found that the average cell had a voltage 
of 1.0183, and this has since been used as the standard 
value. Standard cells used in conjunction with resis¬ 
tance standards calibrated in international ohms pre¬ 
sumably reproduce ampere values as then obtained. 

The voltameters operated by the Bureau of Standards 
at that time would have established an ampere larger 
than the average by three parts in 100,000. That is, 
in these voltameters the deposits of silver were smaller, 
probably because they were more nearly pure silver. 
As a result of researches carried out over a period of 
several years 6 following the London Conference, the 
precision of the voltameter as a measuring instrument 
was materially improved, but since these improvements 
in procedure reduced the deposits they would increase 
the value of the ampere as measured by the silver de¬ 
posited. Seven series of measurements made in five 
different countries since 1910 have shown an average 
deviation of only one part in 100,000 from their mean, 
but the mean is three parts in 100,000 different from the 
1910 value. That is, these voltameter measurements 
would have made the standard cell value 1.01827 
instead of 1.0183. 

As has been remarked above, the ultimate value of the 
international ampere as defined by the silver voltameter 
is as yet indefinite because no precise specifications for 
the operation of the voltameter have been adopted. 
The Bureau of Standards has proposed specifications 
which are believed to assure the highest attainable 
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degree of purity in the deposit. In voltameters used 
according to these specifications, the absolute ampere as 
measured by the Bureau’s current balance was found 
to deposit i.11804 or 11.1805 mg. per sec., of which 
about 0.004 per cent was foreign matter included with 
the silver. Consequently, according to these measure¬ 
ments, if the international ampere were based on pure 
diver deposited, it would be identical with the 
absolute unit within the limits of accuracy of these 
measurements. 

This allowance for inclusions was not made, however, 
when the accepted * value for the standard cell was 
established in 1910. Since it, has to be added to the 
difference of three parts in 100,000 mentioned above, 
the “international ampere” them set, up was smaller 
than the absolute by seven or eight parts in 100,000, 
according to the measurement,s made at the Bureau ol 
Standards. ’Faking into account also measurements at 
the British National Physical Laboratory 7 and at the 
University of Croniugen, Holland*, it has been esti¬ 
mated 1 that the best value for the international ampere 
of 1910 was 0.99991 absolute ampere, and this conver¬ 
sion factor has been commonly used. 

There are several distinctly different methods by 
which the absolute ampere 1 can he found. Since the 
1908 London Conference, good determinations have 
been made by the tangent galvanometer'*, the electro- 
dynamometer®, and several forms of current balance 
It is not possible, in most, cases, to compare the results 
exactly because there have been no common standards 
of sutlicient accuracy to preserve and express the values 
obtained by these experiments. The differences have 
hewn a few parts in 100,000, and it is a question how 
much of these ditferenc.es is due to the errors in estab¬ 
lishing the absolute ampere and how much to variations 
between the voltameters for the standard cells and 
resistance coils) used to represent, the international 
ampere. Certainly it is possible to establish the 
absolute value within two or three parts in 100,000 
with a single instrument like the current balance. If 
several laboratories were to set up different types of 
absolute instruments and systematically compare the 
results, it should be possible to establish and maintain 
the ampere to one part in 100,000. 

Values of tiie Voi/r and Other Units 

Although the ampere is the second fundamental unit 
adopted, the unit actually maintained for practical 
measurements is the volt, as represented in the standard 
cell. Since 1910 the Bureau of Standards has main¬ 
tained this unit by groups of reference cells in a manner 
closely analogous to that described above for the ohm. 
With a few substitutions of stable cells for some which 
showed a relative decrease in electromotive force, it is 
believed that these reference groups of selected cells 
have remained substantially constant for many years, 


some of them since 1900. A few new cells have been 
made recently, and these have agreed with 1 he older 
groups within one part in 100,001). liesulls of com¬ 
parisons with other laboratories in this country and 
abroad have also generally supported the belief that the 
Bureau's cells have maintained their values. During 
the last year, however, dilferenecs of several parts in 
100,000 have arisen between the Bureau's measure¬ 
ments and those ol the National i hv.-ie.d buboj; it.ory, 
andno complete explanation for t hem husyet been found. 

The absolute value of the international volt and of 
other international units is. of course, dependent on 
that of the ohm and of the ampere. On the basis of 
the estimates given above for the two fundamental 
units as established in 1910, the various international 
units have 1 the following values’: 
l international ohm LtXtUoB absolute ohm 

1 international ampere 0.99991 absolute ampere 

1 international volt 1,00018 absolute volt 

1 international watt 1.00081 absolute waft 

1 international joule 1.0008-1 absolute joule 

1 international coulomb 0.99991 absolute eoulomh 
1 international farad 0.9991S absolute farad 

1 international henry 1.00088 absolute henry 

1 international gilbert 0.99991 absolute gilbert 

1 international maxwell 1.00048 absolute maxwell 

Future Units and Stand* turn 

There are few applications in which a change of one- 
twentieth of one per cent She maximum discrepancy 
existing between the two sets, of units! would now he of 
any practical importance. 'The demand., of industry 
for precise measurements have grown with surprising 
speed, however, and if the discrepancy is ever to be 
removed, if would be well to perform I he operation 
before the change does become : igniheanf in industry. 
For those laboratories which carry on wort, of high 
precision, the changes involved in going over to the 
absolute units would undoubtedly he troublesome fur a 
time, particularly beeau.se so much apparatus is pre¬ 
cisely adjusted to value;-, in the international units, 
The easier course at present would be to retain the old 
units, making such minor adjustments as may be found 
necessary for better international agreement, and to 
establish accurately the necessary conversion factors 
for those who must, transfer from electromagnetic 
quantities to electrostatic and to beat or other mechani¬ 
cal units. When one considers, however, that this 
probably means laying up trouble in increasing amounts 
for decades to come in order to avoid some temporary 
inconvenience, if would appear that the logical course 
is to adopt flic absolute units in the near future rather 
than to make merely minor adjustments in the inter¬ 
national units. 

Before the absolute units could he thus adopted Ur 
practical use, it would be necessary to have mure 
laboratories set, up apparatus to give these units and to 
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find whether these newer determinations agreed satis¬ 
factorily with those which have been mentioned above. 
If such apparatus is set up in the several national 
laboratories and gives concordant results with a cer¬ 
tainty as great as that of the mercury ohm and silver 
voltameter, the need for these inconvenient custodians 
of the units will have vanished. This will be true even 
if the present international units should be continued in 
use. 

In the enactment of legal definitions, the concreteness 
of the standards representing the present international 
units offers some advantage, but in those countries 
having national laboratories there should be no serious 
difficulties in securing the legal recognition of units 
defined in terms of the centimeter, gram, and second, 
to be established and maintained by the national 
laboratory in cooperation with the International 
Committee on Weights and Measures. Other countries 
could define the units similarly and provide for obtain¬ 
ing copies of standards through the International 
Committee. 

Although this Committee has never heretofore dealt 
with electrical standards, it was empowered to do so by 
an amendment to the international convention on 
weights and measures which was ratified by the United 
States in 1923. In accordance with its enlarged 
authority, the Committee is now inaugurating a series 
of systematic intercomparisons between the national 
standardizing laboratories, and it will consider eventu¬ 
ally what steps shall be taken to coordinate more 
effectively electrical measurements as made in different 
countries. 

Whatever course is followed, it is obvious that there 
is urgent need for comprehensive experimental studies, 
including the reexamination and further development of 
the fundamental standards whereby the units are 
established and maintained. This, of course, is pri¬ 
marily a problem for the national standardizing lab¬ 
oratories. In general, however, such laboratories in 
recent years have been pressed with problems of more 
immediate and obvious industrial usefulness, or their 
means available for fundamental scientific work have 
been otherwise curtailed. 

Present Work at the Bureau of Standards 

In view of the long period over which the units have 
been maintained at the Bureau by means of secondary 
standards, coils, and cells, it would be desirable to check 
their values by new mercury-ohm and silver-voltameter 
determinations. It has been believed, nevertheless, 
that a revival of the researches on fundamental units is 
still more important, and that if successfully carried 
out, these researches would in effect give also as accurate 
a check on the international units as could be got by the 
use of the mercury column and the voltameter. Since 


it has not been practicable to take up work on both 
types of standards, attention has been given first to the 
development of apparatus for establishing the funda¬ 
mental units. Of these units, the ohm has been given 
priority because the Bureau has never made any 
determinations of its value, and very few accurate 
determinations have ever been made. Two inde¬ 
pendent schemes for accomplishing this purpose are 
being developed. Both will use stationary inductance 
coils designed for calculation of the inductance from 
dimensions. One method, devised some years ago by 
Dr. Frank Wenner, ‘will use mutual inductances so 
arranged that the electromotive force induced in the 
secondaries can be balanced against the potential drop 
in a resistance of which the value is to be determined. 
The other procedure is planned to make use of the 
experience of the Inductance Laboratory under the 
charge of Dr. H. L. Curtis. It will consist essentially 
of the comparison, by a-c. bridge methods, of a self¬ 
inductance of calculated value with the resistance to be 
measured. In each project, it is desired to carry the 
results to an accuracy approaching one part in 100,000, 
and this requires a theoretical and experimental study 
of many details which are neglected in ordinary mea¬ 
surements. Fair progress is being made, but it is 
impossible to predict when final results will be obtained. 

. For absolute measurements of current, the balance 
used by Dr. E. B. Rosa 10 and his associates has been 
reassembled and is being studied for possible improve¬ 
ments. It is hoped that this will soon give results 
which, in conjunction with the wire ohm standards, will 
serve to check the Bureau’s standard cell values. 

Whatever primary standards are used, the cells 
always serve as one of the essential secondary standards, 
and studies of their behavior are being made. This 
work, as well as the maintenance of the reference group 
of cells, is under the direction of Mr. G. W. Vinal. 

Conclusion 

This summary of the present situation in regard to the 
electrical units and standards has been offered because 
the Bureau of Standards has a large responsibility for 
their maintenance and improvement which in recent 
years it has not been able to meet to its own satisfaction. 
The kind of work necessary to give the accuracy de¬ 
sired in the basic standards can not be done hastily, 
and it will require several years of work on the part of 
all the national laboratories to provide a good technical 
basis for a final decision on the type of standards and 
on the units to be adopted for international use.. 
Detailed results of the several investigations mentioned 
will be published as they become available. In the light 
of these results and those of similar work abroad, the 
International Committee on Weights and Measures 
will have to reach a decision. In the meantime, it is 
desired that those whose interests will be affected by 
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this decision study the situation and make known their 
views as to the course which should be chosen. 
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Methods Used in Investigating Corona Loss 

By Means of the Cathode Ray Oscillograph 


BY W. L. LLOYD, Jr.' 

Associate, A. I. E. E. 

Synopsis .-— Methods of employing the. cathode, ray oscillograph, 
for investigation, of corona, loss arc described. By deflecting the ray 
of cathode particles (electrons) in one direction within, the tube by a 
voltage 'proportional to the applied, voltage, and in a transverse 
direction by a voltage proportional to the current, a dosed, figure 
representative of the loss, is thrown upon the screen. Methods of 
obtaining photographic records of these figures and of calculating, 
therefrom, uceiiralc values of the power expended, are given. The 
instrument used is well ada pled for this work. Power measurements 
of 0.1 watt can he measured with an accuracy of 1 per 
cent. 

From the volt-ampere cyelograms the, charnelerisU.cs of the positive 
and negative loss on the a-e. wave are readily observed. The 
instantaneous voltage at which the loss starts and the instanta¬ 
neous mines of the combined corona anti capacity currents . ran. 
be accurately determined. 

Measurements of the corona, starting point, and loss on various 
conductors cheek the laics of corona established by Mr. Peek in 1910. 

Introduction 

H IS paper describes in detail the methods used in an 
investigation of corona loss with the low-voltage 
cathode-ray oscillograph. The work, which has 
been under way for several years in the High Voltage 
Engineering Laboratory at Pittsfield, Mass., is a 
continuation of the investigation of corona started by 
Mr. F. W. Peek, Jr. in DIOS It is hoped that this 
detailed description of the methods employed in using 
the cathode ray oscillograph and making the laboratory 
measurements will be of assistance to other investiga¬ 
tors. A discussion of the results and the conclusions 
are given in Mr. Peek’s paper, Law of Corona--IV . 3 

In studying the corona discharge it is highly desirable 
to make use of an instrument having no power-factor 
limitations. It is also desirable that the instrument be 
capable of accurate indications when the current and 
power involved are small and the voltage high. The 
low-voltage cathode ray oscillograph is such an in¬ 
strument. 

The Cathode Ray Oscillograph 

This instrument depends for its operation upon a jet, 
or ray, of cathode particles (electrons) moving at 
high velocity within an evacuated tube and impinging 
upon a fluorescent screen. The electrons are dis¬ 
charged from an incandescent filament (the hot 
cathode). Under the action of a strong electric field, 
the electrons are rapidly accelerated toward the anode. 

1 . Both of the General Electric Co., Pittsfield, Mush. 

2. F. W. Book, .Jr., Law of Corona and Dielectric Strength of 
Air, I, Thanh. A. T. E. E., Vol. XXX, pp. 1889-1965. 

F. W. Peck, Jr., Law of Corona and Dielectric Strength of 
Air, t V. 

Presented at the Simmer Convention of the A. I. B . E., 
Detroit, Mich., Junc21-24, 1927. 
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The formulas of “critical disruptive gradients” and “visual dis¬ 
ruptive, gradients'’ were closely checked. The loss was found to 
follow a quadratic above the visual critical corona voltage, c v . For 
cafdcs and roughened conductors the excess loss below e v due to 
surface, irregularities approximately follows the probability law .' 
For smooth, polished conductors the loss suddenly jumps from zero to 
a definite value at c v and then follows the quadratic. 

. The practical effect of the condition of the conductor surface is 
forcibly brought out by the following data measured on a 990,/fiO-cir. 
mil. cable at 09.9 in. spacing to neutral plane: 

Voltage between I Sixty cycle loss in lew. par mile of conductor 


lines (fclireo 
phase) 

Smooth 

Rough 

Mutilated 

258 kv. (eir.) 

49 



220 “ " 

IS 

20.4 


205 “ 

0 

17.0 

88.0 

180 “ 

0 

0 


182 “ 

0 

0 

4.7 


A small hole in the anode permits certain of the elec¬ 
trons to pass along the axis of the tube in a narrow beam. 
This beam, or ray, of cathode particles, which subse¬ 
quently passes between two pairs of metallic plates 
upon which voltages can be impressed, can be deflected 
from its normal course by transverse electrostatic 
or electromagnetic fields, or by a combination of such 
fields, and thereby made to trace definite figures on the 
fluorescent screen which becomes luminous at the point 
at which the electrons strike. These figures are 
representative of the electrical phenomena taking place 
within the circuit being investigated, and can be 
accurately interpreted when the various tube and 
circuit constants are known. The figures are accurately 
traced irrespective of the frequency of voltage or current 
producing the deflections of the electron beam, for this 
beam has practically no mass and hence no natural 
period, at least within the limit of the higher radio 
frequencies. 1 

Photographic Records. Although not strongly lumi¬ 
nous, the figure traced on the screen of the tube can be 
photographed. A sharp image can be obtained by 
using a lens but the length of exposure required is very 
great (3 min. or longer). Consequently this method 
is not desirable when a large number of records is 
to be taken. 

An accurate but somewhat blurred image can be 
obtained with a comparatively short exposure by 
operating the tube in a darkened room or- box and 
placing the emulsion side, of a “super, speed” photo¬ 
graphic film directly in contact with the end of the tube. 
The exposure required is about 1 /m to V-t sec. for a 

4. For a more detailed discussion of this device, the reader 
is referred to an article by J. B. Johnson, Bell System Technical 
Journal, November, 1922, p. 142. 
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straight line image, and about }4 see. for other 
figures. The exposures are made by bringing the 
filament of the tube up to the proper temperature and 
then closing the anode circuit for the required length of 
time. 

Tube Calibration. The construction of the tube is 
such that the deflection of the cathode beam as shown 
on the screen of the tube is approximately proportional 
to the maximum voltage difference between the de¬ 
flector plates. Photographs were taken of the indi¬ 
vidual deflections, horizontal and vertical, for various 



Fig. 1a— Calibration Curves for the Cathode Ray 
Oscillograph 

1— Vertical deflection—anode potential 241.5 volts 

2 — Horizontal deflection—anode potential 241.5 volts 

3— Vertical deflection—anode potential 315.0 volts 

4— Horizontal deflection—anode potential 315.0 volts 

known sinusoidal plate voltages and different anode 
potentials. These films were measured and curves 
plotted showing the relationship between deflection, 
horizontal and vertical, and deflector-plate voltage. 
See Fig. 1. 

It was thought, that possibly the calibration might 
vary over different parts of the screen, but simultaneous 
exposures of the axes, producing straight diagonal lines 
across the screen, and photographs of the individual 
axes displaced as far from the center as practical, 
indicated that there was little or no change in the 
calibration. 

Corona Loss Measurements 
Volt-Ampere Cyclograms. The most satisfactory 
arrangement for studying corona losses by means of 
the cathode ray tube has been found in this investiga¬ 
tion to be that shown diagrammatically in Fig. 2. A 
specimen of the conductor to be studied was suspended 
vertically at a uniform spacing from a broad, vertical 
metal plate having a length of about 20 ft. This 
plate was composed of three sections of equal width. 
The end sections, each five ft. in length, were grounded 
and the middle section, which was insulated from the 
other two, was grounded through the variable non- 
inductive resistance, R s . The function of the end 
sections was to intercept the corona discharges from 


the ends of the conductor and leave a uniform section 
exposed to the active plate. 

Although this ground plate, which served as a part 
of the neutral plane, was 5 ft. wide, it was rather narrow 
relative to some of the spacings used in the tests. In 
the near vicinity of the set-up there were several other 
grounded objects (principally a metal wall) which were, 
in effect, extensions of the ground plate. Consequently 
the active section of the plate was only a part of the 
practically infinite neutral plane, and therefore inter¬ 
cepted only a fraction of the flux emanating from the 
conductor. The relative amount of flux intercepted 
became less as the spacing was increased. The object 
of this work, however, was to study the critical voltage, 
the mechanism of the discharge, and the relative rather 
than the absolute value of the losses. For this purpose 
the set-up was found to be entirely satisfactory. 

The step-up and potential transformers were iden¬ 
tical, and were rated 10 kv-a., 25-cycle, 200/100,000- 
volt. These transformers were capable of delivering 
150,000 volts intermittently without injury and, when 
operated at 60 cycles, without high flux density in the 
core. Voltage control was obtained by means of 
variable resistances in series with the low-voltage 
winding of the step-up transformer. Resistances are 
very flexible, and give practically no wave distortion 
when used in connection with a load. of constant 
impedance, as in these tests. A constant-impedance 
load, consisting of high-voltage condensers of a total 
capacity of about 0.00125 y f., was shunted across the 



ANODE POTENTIAL- VOLTS 

Fig. 1b Curve Showing The Relation Between Deflec¬ 
tor-Plate Voltage to Produce a Vertical Deflection 
of 1.8 in. (Pos. + Neg.) and Anode Potential of Tube 

high-voltage winding. This was a load several times as 
great as that imposed by the exciting kv-a. of the 
transformers plus the maximum corona loss obtained. 
The function of this capacitance was to smooth out the 
voltage wave impressed on the conductor. It ac¬ 
complished this by supplying the magnetizing current 
of. transformers and by providing a heavy sinu¬ 
soidal current to minimize the disturbing influence of the 
non-sinusoidal corona currents. 

A resistance potentiometer, consisting of two non- 
mduetive variable resistances, R 1 and R if was shunted 
across the low-voltage winding of the potential trans¬ 
former and provided a means of obtaining a voltage of 
the desired value across the deflector plates of the 
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cathode ray tube. The voltage thus obtained was 
for any particular setting of R i and R 2 proportional to 
and in phase with the voltage impressed on the corona 
conductor. 6 

The voltage drop across R* was proportional to and in 
phase with the current flowing to ground from the 
middle section of the test conductor and was impressed 
across the remaining pair of deflector plates. 

Since the corona phenomena are re-occurring, the 
figures traced on the screen of the oscillograph tube 



Fio. 2- Diagram of Connections for a Study of Corona 
by Means of the Cathode Ray Oscillograph 

under the above conditions are stationary and are 
accurately indicative of the instantaneous relationships 
between voltage and current. When no corona exists, 
both the current and voltage waves are sinusoidal and 
90 degrees out of phase as dry air is practically a perfect 
dielectric. The figure traced on the screen is then a 
pure ellipse. With the connections as shown in Fig. 2 
the abscissas of the ellipse are proportional to voltage 
and the ordinates proportional to current. The cyclo¬ 
gram in Fig. 3a illustrates this condition. The indi¬ 
vidual axes were obtained by grounding one pair of 
deflector plates at a time and thus obtaining each 
separate deflection independent of the other. When 
corona is present on the test conductor the voltage 
remains sinusoidal but the current wave is badly dis¬ 
torted. An individual discharge takes place during 
each half-cycle of voltage, near the crest of the wave if 
the impressed voltage is only a few per cent above the 
critical disruptive value. These discharges appeared 
on the screen of the tube as an irregular “hump” on 
each half of the figure. The circuit employed was such 

.5. The phase angle and ratio errors of a high-voltage trans¬ 
former when operating at low core densities on no load as a step 
down transformer are very slight and, for this investigation, 
nan be neglected. 


that the lower right hand hump represented the dis¬ 
charge during the time that the conductor was negative. 
The upper left hand hump represented the positive 
discharge. The cyclogram in Fig. 3b illustrates this 
condition for a voltage slightly in excess of the visual 
critical value. 

A permanent record of the figure traced by the 
electrons on the screen of the tube was most easily 
obtained, as noted above, by placing a “super speed” 
photographic film in contact with the end of the tube. 
The film was first placed in position in the dark box 
containing the tube. The tube was then moved ahead 
by means of an adjusting screw and forced into contact 
with the film. The filament of the tube was heated to 
the proper temperature, the required current having 
been determined previously by means of, the filament 



B 

Fig. 3—Volt-Ampere Cyclograms 
A—Below corona starting voltage 
B—Just above corona starting voltage 
Conductor; No. 00, polished 
1 Spacing; 03.5 in. to neutral 

Voltage; 91.0 lev. (oir.) to neutral 

ammeter and visual inspection of the figure on the 
screen. The desired voltage was then impressed on the 
test wire. One pair of deflector plates was grounded 
and the anode circuit closed for approximately 34 
sec. The first pair of plates was then connected in 
circuit and the other pair grounded, and another 34 - 
sec. exposure made. Both pairs of plates were then 
connected in circuit and an exposure of about 34 
sec. was made. In this way a record of the figure 
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and both axes was obtained. The film was developed 
in the usual manner. 

In order that the voltage drop across R s be pro¬ 
portional to and in phase with the current flowing to 
ground from the middle section of the ground plate, 
it was essential that there be relatively no capacitance 
or inductance in this part of the circuit. Since the 



Fig. 4—Volt-Ampere Cyclogram of Heavy Corona 

Conductor; No. 00 polished conductor 
Spacing; 21.5 in. to neutral 
Voltage; 150 kv. (off.) to neutral 

ground capacity of the active section of the ground 
plate was approximately 4.9 X 10~ 4 y f. and was, in 
effect, shunted across R h the value of this resistance, 
which was non-inductive, was kept less than 100,000 
Ohms. Consequently the maximum phase-angle error 
introduced was less than one degree. 

A grounded network was placed above the bushings 
of the transformers to shield out stray fields which 
otherwise would have reached the effective section of 
.the ground plate. 

Most of the work was done at 60 cycles but some 
measurements were made at 420 cycles. Practically 
the same test circuit was used in both cases. At normal 
frequency, even with the loading capacitance removed, 
the system drew a leading current, but at 420 cycles the 
impedance of the step-up transformer was so increased 
and the impedance of the high-side load so decreased 
that the system drew a lagging current. It was neces¬ 
sary, then, in order to reduce the current drawn from the 
supply lines to a minimum, to remove the extra capaci¬ 
tance from the high side and shunt a large, capacitance 
across the low side of the step-up transformer. 

The sources of power for all of the tests, both 60 and 
420 cycles, were sine-wave alternators of large capacity. 

Analysis of Cyclograms. Since the abscissas of the 
cyclograms, are proportional to instantaneous voltage, 
and the ordinates proportional to instantaneous current, 
if the wave shape of one of the two quantities is known 
the other can be plotted with time as abscissa and the 
unknown quantity as ordinate. Fig. 5 illustrates a case 


in which the horizontal deflection was produced by a 
known sinusoidal voltage (a voltage proportional to and 
in phase with the voltage of the test conductor) and 
hence the current wave, in both magnitude and phase, 
was readily derived, as shown, from the cyclogram. 
The original cyclogram from which Fig. 5 was taken is 
given in Fig. 4. 

As well as giving an indication of the wave form of 
the current in the corona discharge, the cyclograms 
also provide an accurate means of determining the 
instantaneous voltages, positive and negative, at which 
corona forms on the conductor. In Fig. 6, E { (pos.) 
and Ei (neg.) represent these voltages. 

Since, the discharges fade out very gradually, the 
cyclograms give no definite indications of the exact 
stopping points. It is evident, however, that the 
discharges do not persist far beyond the crests of the 
voltage waves. . As brought out later, the stroboscope 
verified this point. 

The maximum charging current of the conductor 
due merely to the normal conductor capacitance 
and the maximum rate of change of voltage for that 
particular maximum voltage is represented (approxi¬ 
mately) by I c (max). 

The maximum currents occurring during the dis¬ 
charge are represented by I max (pos.) and I max (neg.). 

The rotation of the cathode beam in generating this 
general type of cyclogram is, as. viewed normally, 
counter-clockwise. 

Stroboscopic Observations 

In- order to obtain an approximate check on some of 
the discharge characteristics disclosed by the cathode 
ray tube, a stroboscope, or synchronous shutter, was 
used to permit visual inspection, in a darkened room, 



Fig. 5 Graphical Analysis of the Volt-Ampere Cyclo¬ 
gram Shown in Fig. 4 

Cyclogram abscissas proportional to known sinusoidal voltage. Ordi¬ 
nates proportional to complex current 

E—Known voltage 
I—Derived current 

of the corona discharge from a polished conductor at 
any point on the voltage wave. These observations 
checked the instantaneous disruptive voltages very 
closely, and indicated definitely that the discharges 
terminate shortly after the passing of the voltage crests. 
The corona sparks ’ are most intense when they first 
appear. The illumination then gradually fades out and 
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disappears at a point 10 to 25 deg. beyond the 
voltage crest. 

Power Calculations 

When taken by means of the circuit shown in Fig. 2 
the cyclograms obtained are volt—ampere curves, the 
horizontal deflections being practically proportional 
to and in phase with the sinusoidal line voltage to 
ground, and the vertical deflections practically pro¬ 
portional to and in phase with the complex current 
flowing between the conductor and ground plate. 6 
The average power represented by the cyclogram can 
then be calculated by the method outlined below. 

The figure is divided into a convenient number of 
equal-time sections, and the product of the mean 
abscissa and the estimated mean effective ordinate is 
obtained for each section. The sign of each of these 
products is determined algebraically from the sign 
of the factors, the abscissas being positive to the left 
of the vertical axis and the ordinates positive above the 
horizontal axis. The algebraic mean of these products 
is then proportional to the average power expenditure, 
and when multipled by the product of average volts per 
unit horizontal deflection and average amperes per 
unit vertical deflection is expressed in watts. This 
process is rather involved but, since the current waves 
are quite complex, it is the only accurate method of 
calculating the power represented by the figures. 

The current and voltage factors are obtained from the 
constants of the test circuit, the tube calibration 
curves, and the line voltage. The voltage factor is equal 
to the maximum line voltage divided by the maximum 
horizontal deflection (positive or negative) in units. 
The current factor is equal to the deflector-plate volts 



Fm, o. Corona Discharge Characteristics as Indicated 

by the Volt-Ampere Cyclogram 

.Proportional to Instantaneous disruptive voltage 
I max Proportional to maximum current 

f c ( max ) Approximately proportional to maximum conductor charging 
current 


(maximum) per unit vertical deflection (obtained from 
the tube calibration curves) divided by the value of R s 
in ohms. The calculation of the unit current constant 
was simplified by the use of a curve plotted for a given 
set of conditions and made applicable to other condi¬ 
tions by means of a simple formula. 

It has been found that sufficient accuracy is usually 

(1 Sue tube calibration curves (Fig. 1). Deflections are not 
strict ly proportional to deflector-plate voltage. 


obtained by dividing the cyclograms into 20 equal¬ 
time sections. Each section then represents 18 degrees 
of the cycle. The instantaneous voltage at the mid 
point of each section is very nearly the average voltage 
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Fig. 7 —Method of Computing Power Expenditure Repre¬ 
sented by the Volt-Ampere Cyclogram 
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Sum = 4058,0 


Sum 4058 


Em ax 
Dm 


1 r>0 ' X 1 AM X 10 !i 
26.3 


= 80(50 volts per unit. 


It/ Fa.p. 8.090 X TO) X 12.48 X 10~* 
7t7 X A’a.p. * f,()40 X 12.9 


= 0.000173 amp. per unit. 

P = E u I n X 202,9 = 80(50. X 0.000173 X 202.9 = 282.5 watts. 


for that section, and the corresponding average instan¬ 
taneous current can be estimated with sufficient 
accuracy. Horizontal and vertical deflection readings 
are then taken at the mid point of each 18-degree 
section, or, beginning at a zero point on the voltage 
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wave, at 9 deg., 27 deg., 45 deg., 63 deg., 81 deg., 
99 deg., etc. The impressed voltage being sinusoidal, 
the instantaneous voltage corresponding to each of the 
above points is E na * sin 8, where 8 is 9 deg., 27 deg., 
45 deg., 63 deg., 81 deg., 99 deg., etc., as above. 

Since the deflections of the cathode beam are practi- 
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POLAR COORDINATE METHOD 


2 4 6 8 10 12 14 16 

RECTANGULAB COORDINATE METHOD 


-Derivation of Power from a Corona Cyclogram 

Voltage to neutral =212 kv. max. 

Spacing to neutral = 21.5 in. 

Conductor: 365 in. diam. polished 
POLAR COORDINATE METHOD 
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% difference between two methods = 1.06% 
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Average unit product = (1509.0 -f 1704.5) -e 16 = 200.8 
Volts per unit = 8050. Amperes per unit = 0.0001735 
Power = 8050 X 0.0001735 X 200.8 = 280 watts 

cally proportional to deflector-plate voltage, the 
horizontal axis of the cyclogram, Fig. 8, is then divided 
at u, — u; v, — v; w, — w; x, — x; y, — y, according to 
the equation: 

D e = D m sin 6 

where D g = Horizontal deflection, positive or nega¬ 
tive, at angle, 8, as above. 

D m = Maximum positive or negative horizontal 
deflection. 

Ordinates of the figure corresponding to the ab¬ 
scissas u, — u; v, — v; etc., are taken as the points of 
intersection of the figure with vertical lines drawn 
through these abscissas, for all sections except those 
containing an abrupt break in the rate of change of the 
ordinate, or those having such a nature that the ordi¬ 


nate obtained in this manner is obviously not the approxi¬ 
mate mean value for the section. An accurate estimate 
of the mean ordinate of a section having an irregular 
boundary is obtained by joining the limits of the 
given section by a straight line and taking the average 
ordinate of the straight line and the curve at the given 
abscissa as the value for use in the subsequent calcula¬ 
tions. In this illustrative example (Fig. 7), a is the 
ordinate taken to correspond to abscissa u (dotted 
line joins limits of section), arid c to correspond to 
abscissae. 

When obtained by means of the tube in use at present, 
the horizontal axis is not exactly a straight line, nor is 
either half of it perpendicular to the vertical axis. It is 
most convenient, therefore, when tracing the figure from 
the photographs on transparent coordinate paper, to 
place the vertical axis in coincidence with the axis of 
ordinates, and the horizontal axis in its true position, 
the origin being the intersection point of the vertical 
and horizontal axes. In measuring the ordinates it is 
necessary to take the displacement of the axis of 
abscissas into account. 

Since vertical deflections above the horizontal axis 
represent current in the positive direction, and horizontal 
deflections to the left of the vertical axis represent 
voltage in the positive direction, the first quadrant 
represents negative power, the second positive, third 
negative, and fourth positive. 

A complete example of the power loss calculations on 
a typical cyclogram is given in Fig.' 7. Space is not 
available for including the derivation of the formula 
used, but it is simple and was developed in order to 
expedite the calculation of numerous cyclograms. 

This method of calculating power expenditure is, in 
•effect, the same as that of transcribing the figyres to 
rectangular coordinates and integrating the power wave 
in the customary manner. Fig. 8 gives an example of 
the two methods of calculation as applied to the same 
cyclogram. 

To one who had little or no experience in making 
these calculations it will seem, on account of the blurred 
figure with which one has to .work, that the accuracy 
would be poor, but such is not the case. After a small 
amount of practise one can estimate the centers of the 
lines very accurately, and it has been found that dif¬ 
ferent individuals working independently and at 
different times will obtain results that check within 
one per cent. Power values as low as 0.1 watt can be 
measured with this same accuracy. 

A slight error is introduced in the results obtained 
by means of the methods illustrated in Figs. 7 and 8 by 
the deviation of the cathode-beam deflection from a 
linear function of the deflector-plate voltage. This 
error is, for all practical purposes, inappreciable and the 
error in abscissas practically compensates for that in 
ordinates. Under some circumstances, however, it may 
be desirable to make more exact calculations and a 
brief outline of this method follows: 
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w hie abscissas of the mid-point divisions on the hori- 
axis of the cyclogram are located by determining, 
the proper calibration curve, the deflector-plate 
^^.ge necessary to produce the maximum abscissa of 
■ figure; multiplying this value by the sines of the 
j "'•point angles; and determining, from the calibra- 
^ curves, the deflections corresponding to these 
^ Evicts. At these new abscissas, the average ordi- 
are read and each one is multiplied by the ratio of 
^Jage deflector-plate volts per unit required to 
^^mee that ordinate to average volts per unit to 
^^xice the maximum ordinate. The current and 



A 



B 

Fig. 9—Cyclograms op Heavy Corona 

A—Volt—coulomb cyclogram 
B—Volt—ampere cyclogram 

Conductor: 0.015 in. diam. smooth 
Spacing: 7.5 in. to neutral 
Voltage: 15.0 kv. (eff.) to neutral 


j^^ige factors are determined from the maximum 
. 0 ^ctions as before. 

should be noted that in obtaining the various 
^clucts of abscissas and ordinates the value of ab- 
.^a required is, for instance, maximum deflection 
1 abscissa) times sin 9 deg., etc., and not the 
a ^^cted abscissa from which the corresponding 
v.j-ent is obtained, and the ordinate is the corrected 
...^e as given above. 

A^Jaese corrections, the effects of which are very slight, 
^ not made in the loss data given in this paper. 

L/" olt-Coulomb Cyclograms. The corona phenomena 
1 b e studied from a somewhat different angle if the 


resistance, R s , in Fig. 2 is replaced by a capacitance C a , 
or by a parallel combination of capacitance and high 
resistance C 3 '. The ordinates of the cyclograms 
obtained are then proportional to the instantaneous 
charges induced on the ground plate by the voltage on 
the conductor. 

If pure capacitance is used, the figure will drift over 
the screen of the tube due to the accumulation of a 
negative charge on the deflector-plate connected to 
Ci. Since in the case of 60-cycle corona on conductors 
at relatively close spacings, the positive and negative 
discharges are of unequal magnitudes, Ct? will accumu¬ 
late a positive or an additional negative charge which 
will cause further drifting of the figure. In the case of a 
small conductor (0.015 in. diam.) at a fairly close 
spacing ( 7.5 in. to neutral) it was found that at about 
15.0 kv. to neutral the positive excess was just sufficient 
to compensate for the negative charge acquired from 
the electron stream within the tube. Consequently the 
figure would remain stationary near the center of the 
screen and could be photographed when the line and 
anode voltages were properly manipulated. 

When a high resistance is shunted across C :f to pro¬ 
vide a leakage path for the excess positive or negative 
component, the figure remains stationary at all voltages, 
and can be photographed in the usual manner. 

Fig. 9 a is a volt-coulomb cyclogram of the discharge 
characteristics of a 15-mil (0.015 in. diam.) conductor 
spaced 7.5 in. to neutral and operating at 15.0 kv. to 
neutral. This figure was generated in the clockwise 
direction. The approximately parallel top and bottom 
sides of the figure represent the 60-cycle charge (affected 
somewhat by the motion of the space charge surround¬ 
ing the.conductor) induced on the ground plate by the 
normal conductor capacitance. The slightly curved 
end sections represent the excess charge induced during 
a part of each half cycle by the periodically increased 

TABLE i 

Conductor:—0.365 in. diam., polished. 

Spacing:—63.5 in. to neutral. 

Length:—10.0 ft. 

Temp.: = 20 deg. cent. Bar. 2S.77 in. lag. S =» 0.077 

Tube anode potential = 200.0 volts. 

_ &c - 87.0 kv. eff. 


Kv. (eff.) 
to 

neutral 

i?a 

ohms 

o 

rH 

o 

► 

o 

s (watts) 

Meas. 

Calc.* 

87.0 

11,067 . 

3.51 

2.65 

91.0 

11,067 

7.45 

7.22 

100.0 

11,067 

11.8 

12,6 

115.0 

11,067 

25.3 

25,1 

130.0 

11,067 

43.2 

41.8 

149.5 

11,067 

69.7 

70.0 


♦Values calculated by means of Peek’s formula (largo wires) multiplied 
by 0.374 (m 0 = 1.00) 


conductor capacitance. This increased capacitance 
exists only during the discharges and hence disappears 
near the crests of the voltage waves. Consequently 
the excess charges can not be returned to the circuit and 
are lost. 
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This type of cyclogram has been employed in other 
corona investigations, notably those of Dr. Ryan, and 
provides a convenient means of studying the phenomena 
from the standpoint of the charge and discharge of 
“space condensers,” but is not so convenient as the 
first type for power calculation purposes. 7 

A volt-ampere cyclogram corresponding to Fig. 9a 
is given in Fig. 9b. 

Power Loss Data 

By means of the first method described above 
(i. e. the volt—ampere cyclograms), loss measurements 
were made on several solid conductors of various sizes 
under different conditions of spacing and surface 
regularity, and also on a large, concentric-strand cable. 
Typical data are given in Tables I and II and on the 
accompanying curves. 

Fig. 10 gives the 60-cycle loss characteristic of a 
very small, smooth wire (0.015 in. in diameter) at a rather 
close spacing (7.5 in. to “neutral”), and at voltages up to 
the arc-over value. It will be noted that the curve 
of square root of power against line voltage is very 
nearly a straight line for a considerable distance above 
the point marked e„ indicating that in this region the loss 
followed a quadratic law quite closely. Near the upper 
end this curve turns up rapidly, indicating that the loss 
increased at a higher rate just preceding arc-over. Dirt 
and oxide on this conductor had practically no effect on 
the loss above e v . The effective diameter of the con¬ 
ductor was probably sufficiently increased by the foreign 
matter to compensate for the irregular surface. 

Figs. 11 and 12 give the 60-cycle loss characteristics of 
a large, solid conductor (0.865 in. diameter), both polished 
and rough, at two spacings (63.5 in. and 21.5 in. to 
neutral). The curve for the roughened conductor in 
Fig. 11 was plotted from the data given in Table I, and 
the curve for the polished conductor in Fig. 12 was 
plotted from the data given in Table II. No loss 
whatsoever could be detected from the polished con¬ 
ductor until the visual critical voltage was reached. 
At this point it suddenly jumped to a definite value and 

TABLE II 

Conductor 0.365 in. diameter polished. 

Spacing:—21.5 in. to neutral. 

Length:—10.0 ft. 

Temp. = 18 deg. cent. Bar. = 28.47 in. hg., 8 = 0.99 

Tube anode potential = 290.0 volts. 


E c \ Increasing voltage = 77.0 kv. (eff.); Decreasing voltage = 75.0 
_kv. (e£T.). 


Kv. (elf.) 
to 

Ri 

Power loss (watts) 

1 

neutral 

(Ohms; 

Meas. 

Calc.* 

75.0 

5040 

8.57 

15.1 

85.0 

5040 

35.4 

31.5 

90.0 

* 5040 ' 

42.3 

42.0 

100.0 

5040 

70.3 

67.5 

115.0 

5040 

118.0 

117. 

130.0 

5040 

177. 

180. 

150.0 

5040 

283. 

285. 


alues calculated by means of Peek’s formula (large wires) multiplied 
by 0.73. (nid = 1.00) 


1 ■ Ryan and Henline, The Hysteresis Character of Corona 
Formation, A. I. E. E. Transactions, Vol. XLIII, p. 1118. 


then, with further increase of voltage, followed a 
quadratic law very closely. It will be noted that for 
this conductor at the closer spacing two critical 
voltages are indicated, one for increasing voltage and a 



Fig. 10 —Observed Corona Loss, Measured by Means op 
the Cathode Ray Oscillograph 

Conductor: 0.015 in. diameter smooth 
Spacing: 7.5 in. to neutral 
Length: 10.0 ft. 

Frequency—60 cycles 



KILOVOLTS TO NEUTRAL (EFF.) 

Fig. 11 —Observed Corona Loss, Measured by Means op 
the Cathode Ray Oscillograph 

Conductor: 0.365. in. diameter 
0 smooth surface 
+ rough surface 
Spacing to neutral: 63.5 in. 

Length: 10.0 ft. 

Frequency—60 cycles 

different one for decreasing voltage. This character¬ 
istic seemed quite definite in the case of large polished 
conductors at small spacings, and was probably an effect 
of the space charge created by the uniform corona 
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TABLE III 


Conductor 

(diam. in.) 

Condition 

Spacing 

to 

neutral 

(in.) 

ed (T 

[v. eff.) 

md 

(Actual) 

e v (K\ 

it. eff.) 

ec 

(kv.) 

o 

Observed 

Calc, (for 
md = 1) 

Observed 

Calc, (for 
m v = 1) 

0.015 

Smooth 

63.5 

7.2 

11.7 

0.615 

13.0 

12.4 

11.0 

0.99 

0.015 

“ 

7.5 

6.5 

9.12 

0.710 

10.0 

9.65 

9.0 

0.99 

0.064 

u 

' 7.0 

16.3 

14.8 

1.10 

21.0 

21.4 

20.0 

1.00 

0.204 

“ 

63.5 

41.5 

40.0 

1.07 

62.0 

61.5 

59.0 

0.99 

0.204 

“ 

21.5 

34.2 

33.9 

1.04 

53.0 

52.1 

51.4 

0.99 

0.365 

Polished 

63.5 

62.7 

62.7 

1.00 

89.0 

90.5 

87.0 

0.977 

0.365 

“ 

21.5 

50.5 

52.6 

0.961 

76. 

76.0 

76.0 

0.99 

0.365 

Rough 

63.5 

54.0 

62.7. 

0.86 

87.0 

90.5 

66.0 

0.975 

0.365 

“ 

21.5 

44.5 

52.6 

0.848 

77.0 

76.0 

60.8 

0.99 

336,400 










C. M. ’ 










A. C. S. R. 

Smooth 

21.5 

77.0 

90.4 

0.852 

125. 

119. 

100.5 

0.963 

“ 

“ 

63.5 

95.0 

113. 

0.842 

147. 

149. 

119. 

0.975 

U 

Mutilated 

63.5 


113. 

.... 

.... 

149. 

63. 

0.962 

“ 

“Weathered" 










(Rough) 

63.5 

.... 

113. 



149. 

105. 

0.934 


ed Disruptive critical voltage in Peek’s formula. ( = eo, practically, for conductors of diameter greater than 0.15 in.) 
ma and m v Irregularity factors. 

e v Visual critical voltage in Peek's formula. Observed value is that at which loss becomes quadratic. 
e c Actual corona starting voltage 

S Atmospheric correction factor. 


envelope. The roughened conductor gave a loss at 
much lower voltages than the polished, and a greater 
loss at the higher voltages. In this case the loss ap¬ 
parently followed no definite law, and was very sensitive 
to accidental surface conditions until well above the 
starting voltage when the curve became a quadratic. 


clean cable spaced 63.5 in. to neutral gave no loss below 
119.0 kv. to neutral and closely followed the quadratic, 
for m 0 = 0.85, above 125 kv. This value of m 0 was 
about the average obtained with this conductor at the 
21.5-in. and 63.5-in spaeings. See Table III. In the 
case of the roughened conductor the outside strands 
were scratched, as if the cable had been dragged 



Fig. 12 —Observed Corona Loss, Measured by Means of 
the Cathode Ray Oscillograph 

Conductor: 0.365 in. diameter 
0 smooth surface 
+ rough surface 
Spacing to neutral: 21.5 in. 

Length: 10.0 ft. 

Frequency—60 cycles 



Fig. 13- 


60 80 100 120 140 160 

KILOVOLTS TO NEUTRAL (EFF.) 

-Observed Corona Loss—Measured by Means op 
the Cathode Ray Oscillograph 


Comparison of losses at 420 cycles and 60 cycles 
Conductor: 0.365 in. diam., polished surface 


Spacing to neutral; 


Length: 10.0 ft. 


(-F).- 


21.5 in. 


A = 63.5 in. 


The excess loss above the quadratic due to surface 
irregularities gave a typical probability curve. 

Loss measurements were made on a 336,400-cir. mil 
A. C. S. R. (aluminum conductor steel reinforced) 
cable with the surface in three different conditions, 
namely, smooth, rough, and mutilated. A smooth, 


over rough ground, and were covered with spots of 
dirt and oxide. The loss started at a lower voltage 
(89 per cent of the former starting value) and was 
higher over the entire range. The outside strands of 
the mutilated conductor were in a condition such as 
would be produced by dragging the cable over hard 
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sharp rocks. The loss started at a very low voltage 
(53 per cent of the starting value for the smooth con¬ 
ductor) and was of greater magnitude than in the other 
two cases. 

It was found that the curve obtained by subtracting 
the quadratic from the loss curve of the mutilated con¬ 
ductor was a typical probability curve. Extrapolation 
of the curves for the three conditions beyond 150 kv. 
(up to which voltage the measurements were taken) 
showed them to come approximately together at 185 kv. 

The loss from the smooth cable had much the same 
characteristics as that from the roughened solid con¬ 
ductor (Fig. 13). The surface irregularities, in the 
former case due to stranding and in the latter case due 
to burrs and scratches, caused the loss to begin below 
the "visual critical voltage,” e v , (for a smooth conductor 
of the same diameter) but not so low as the critical 
disruptive voltage, e 0 . The quadratic seemed to apply 
when the true critical voltage, e v , was approached. As 
was mentioned in connection with the solid conductors, 
the loss from the cables at voltages below e v was very 
sensitive to changes in surface condition. When the 
strands were badly scratched the loss started at a 
relatively low voltage, far below the value of e 0 for 
the smooth cable, and was of considerable magnitude at 
voltages too low to cause any discharge from the 
undamaged conductor. 

It is of interest to study the data obtained with the 
above three specimens of cable and the following 
conclusions are of particular interest: 

1. At e v , corresponding to a three-phase line voltage 
of 258,000 volts, the loss from the smooth cable was 49 
kw. per mile of conductor. 

2. At 220,000 volts, three-phase, the loss from the 
smooth cable was 18.0 kw. per mile and from the rough 
cable was 29.4 kw. per mile. 

3. At 205,000 volts, three-phase, there was no loss 
from the smooth cable, 17.0 kw. per mile loss from the 
rough cable, and 38.0 kw. per mile loss from the muti¬ 
lated cable. 

4. At 132,000 volts, three-phase, the loss from the 
mutilated cable was 4.7 kw. per mile of conductor. 

5. At sea level and in fair weather the smooth cable 
would operate at 205,000 volts, and the rough cable at 
180,000 volts, three-phase, without corona loss. Corona 
would still be present on the mutilated cable at 130,000 
volts, three phase. 

From the above data it is evident that a great deal of 
care should be exercised in stringing the lines in order to 
keep them as free as possible from burrs and scratches. 
It is also evident that small changes in the surface 
condition of the conductor produce large changes in the 
magnitude of the loss near the critical voltage. The 
deviation of the loss curve from a quadratic below 
e v seems to follow the probability law and, since the 
loss below e v is determined by the size, projection, and 


number of irregular “spots” on the conductor, it is 
reasonable that this law should apply, at least 
approximately. 

It seems that the best general practise is not to at¬ 
tempt to design the line for a given amount of corona 
loss, but to so choose the conductor and spacing that 
the dielectric strength of air (i. e., 30 kv. per cm. max. 
under standard atmospheric conditions) multiplied by 
the irregularity factor of that conductor is not exceeded 
at the conductor surface for the highest operating 
voltages. Recent developments in the manufacture 
of cables having large diameters relative to their 
effective cross sectional areas make it economically 
possible to design and construct corona-free lines. 

The irregularity factor is determined by actual 
measurement on a specimen of the given conductor or 
a similar conductor which has been installed and well 
weathered under the particular conditions involved. 

Radio interference, and interference with successful 
carrier-current communication on the line itself are 
gaining importance as factors making the elimination 
of corona an important matter. 

Loss at Higher Frequencij. Fig. 13 gives the loss 
characteristics of a large, solid conductor, polished, at 
420 cycles in comparison with the same at 60 cycles. 
The ratio of losses at the closer spacing was about 3 
and at the greater spacing was about 3.5. The conduc¬ 
tion component of the loss was apparently considerably 
greater at the small than at the large spacing and 
probably accounted for the difference in ratios. These 
curves are quadratics with the same critical voltages 
as the 60-cycle curves on the same conductor. 

Comparison With Results of Previous 
Investigations 

The quadratic law, which was established by Mr. 
Peek in 1910, was closely checked for voltages above 
the “visual critical” value (e„). Below this voltage the 
deviation from a quadratic of the loss curves for cables 
and roughened solid conductors was found to follow 
the probability law closely. 

In order to obtain absolute values it is necessary to 
correct the loss data obtained in these tests because the 
ground plate did not intercept all the electrostatic flux 
emanating from the conductor. The correction varies 
with the spacing. For any given spacing, however, 
the percentage of flux intercepted by the plate is ap¬ 
proximately constant regardless of the voltage. 

The correction is readily obtained by comparing the 
calculated charging current of the conductor with the 
measured values. In this manner it was found that 
at a spacing of 63.5 in. to neutral about 44 per cent of 
the total current was measured, and at a spacing of 
21.5 in. to neutral about 78 per cent was measured. 
The uncorrected measured loss at the greater spacing 
was about 38 per cent of the value calculated by 
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means of Peek’s formula, and at the smaller spacing was 
about 70 per cent of the calculated value. • 

The formulas for critical disruptive gradients and 
particularly the visual critical gradients as determined 
by Mr. Peek’s early work were closely checked. 

The disruptive critical voltage, e d , which is the volt¬ 
age at which the quadratic curve starts; the visual 
critical voltage, e v , and the actual corona starting volt¬ 
age, e„ for a number of conductors are tabulated in 
Table III. Both the calculated and observed values 
of the first two quantities are recorded. The calculated 
values of e d are from Peek’s 8 disruptive critical formulae 
for m d = 1. The observed values of & d are the voltages 
at which the projected curves of square root of power 
against voltage intersects the voltage axis. The 
quantity m d (actual) is the ratio of observed e d to calcu¬ 
lated e d . 



Fig. 14 —Comparative Cyclograms Showing the Influ¬ 
ence of Conductor Surface Condition Upon Corona 
Discharge Characteristics. 

Conductor: solid, 0.365 in. diameter 
Spacing to neutral: 63.5 in. 

The observed values of are the voltages at which the 
losses began to obey a quadratic law; The calculated 
values were obtained from Peek’s visual critical for¬ 
mulae for m v = 1. 

Over the entire range of conductors tested, a remarka¬ 
bly close agreement exists between the observed and 
calculated values of e v . There is also a fairly close 
agreement between the observed and calculated values 
of e d . It will be noted that in the case of the roughened 
solid conductors the loss actually started at voltages 
well above the e d of the same conductor in a polished 
condition. The same may be said regarding the 
roughened cable. For the mutilated cable, however, 

8. See “Dielectric Phenomena in High Voltage Engineering,” 
by F. W. Peek, Jr...pages 117-152. 


e c is lower than e d ( e d = e 0 in the case of large conductors 
such as this). This condition is largely accounted 
for by the presence on the cable of numerous sharp 
projections which produced flux concentrations and 
consequently, local discharges at relatively low voltages. 

Characteristics of the Corona Discharge 

Typical cyclograms showing the discharge character¬ 
istics under different conditions are given in Figs. 3b, 
4 and 14. It will be noted that for polished conductors 
(Figs. 4, 14 left side) the individual discharges, partic¬ 
ularly the negative, form very suddenly, and the current 
waves contain abrupt distortions. In the case of rough¬ 
ened conductors (Fig. 14 right side) and cables the 
individual discharges form much more gradually and 
the current wave distortions are much less abrupt. 
Fig. 14 illustrates the influence of surface conditions 
upon the magnitude and character of the discharge. 

The decrease of instantaneous disruptive voltage 
with increasing line voltage is shown in Fig. 14. 

Summary 

The low-voltage cathode ray oscillograph is well 
adapted to investigations of phenomena involving small 
currents of complex wave shape. This instrument was 
used in a study of the volt—ampere characteristics of the 
corona discharge. The circuit employed was such that 
the figures traced on the screen of the tube were volt- 
ampere cyclograms. These cyclograms were photo¬ 
graphed by placing the film directly against the end 
of the tube and the power expenditure represented 
was calculated by a method which was in effect the 
same as that of transcribing the polar figures to 
rectangular coordinates and integrating the power 
wave in the usual manner. The results were converted 
to watts by means of the tube calibration data which 
were obtained by impressing definite voltages across 
the deflector plates and measuring the resulting 
deflections. 

The cyclograms give accurate indications of the 
structural nature and characteristics of the corona 
discharge. 

Some of these characteristics were checked visually 
by means of the stroboscope. 

The following conclusions were drawn regarding the 
power loss and starting voltage: 

1. Above the “visual critical voltage,” e v , as given 
in Mr. Peek’s early work, the loss-voltage relation is 
a quadratic. 

2. For polished solid conductors the loss suddenly 
jumps from zero to a definite value at e v and then 
follows a quadratic. 

3. For cables and roughened solid conductors the 
excess loss above or below that given by the quadratic 
law approximately follows the probability law below 
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e*. This excess loss may be either positive or negative, 
or both. 

4. The critical disruptive gradients and particularly 
the visual critical gradients as determined in Mr. 
Peek’s early work were closely checked. 

5. The loss near the starting voltage is greatly 
affected by the regularity and condition of the conductor 
surface. 

The characteristics of the discharge are briefly as 
follows: 

1. For polished solid conductors the individual 
discharges, particularly the negative, start suddenly 
and are accompanied by heavy rushes of current. 


2. For roughened solid conductors or cables the 
individual discharges start gradually and the current 
waves contain no sharp breaks. 

3. The instantaneous disruptive voltages decrease 
with increasing line voltage. 

4. The individual discharges stop near the crests of 
the voltage waves. 

Acknowledgment is made of the assistance of Mr. 
T. M. Hotchkiss, and others of the staff of the High 
Voltage Engineering Laboratory. 

Discussion 

For discussion of this paper see page 1020. 


The Law of Corona and the Dielectric Strength 

of Air—IV 

The Mechanism of Corona Formation and Loss 

BY F. W. PEEK* 


Fellow, A. 

Synopsis.—The mechanisms of corona and corona loss have been 
studied with the cathode-ray oscillograph. High voltage power of the 
order of 0.1 wait can be measured with an accuracy of 1 per cent with 
this instrument. The measurements show that the loss follows the 
quadratic law above the visual critical voltage. 

On polished wires there is no loss until the visual critical voltage is 
reached. The loss then starts quite suddenly and takes a finite value 
on the quadratic curve. On cables and imperfect conductors there is a 
loss below the visual critical voltage on brushes at local “rough” 
spots. The loss due to these irregularities can be represented by the 
probability law. This is quite in accord with former work. 

In . practise it is important riot to mutilate the conductors in 
stringing. The really important factor in design is the irregularity 
factor, m 0 , for weathered conductors. No line should be operated 
with a corona loss under fair weather conditions. It is not necessary 
from the economic standpoint since large diameters can be obtained 
with special types of conductors. 

The visual critical corona voltage can be calculated with great 


Introduction 

HIS paper records the continuation of an investiga¬ 
tion started in 1910, first reported to the Institute 
in 1911 2 and from time to time thereafter as 
seemed desirable. 

At this time the results of a study with the cathode 
ray oscillograph are given. This instrument, not avail¬ 
able in a very practical form when the investigation was 
started, has now made it possible to obtain a very good 
picture of the mechanism of corona formation and loss 
as well as to measure small losses. The instrument 
used was of the Western Electric hot cathode type. 
Probably the first work on corona with the cathode 
ray oscillograph was done by Prof. H. J. Ryan who has 
added considerably to our knowledge of this subject 3 . 

Resume and Conclusions 

The cathode ray oscillograph used in the investigation 
described in this paper offers a means of studying the 
mechanism of corona loss as well as a means of measur¬ 
ing accurately small low power factor losses. 

This investigation clearly shows the mechanism of 
corona loss. It was found that the corona loss follows 
the quadratic law above the visual critical voltage. 
Below this voltage there is no loss on polished con- 

1. Consulting Engineer, General Eleetrie Co., Pittsfield, 
Mass. 

2. Peek, Law of Corona and Dielectric Strength of Air — I, 
Transactions, A. I. E. E., 1911, Vol. 30, pp. 1889-1988. 

3. Eyan and Henline, Hysteresis Character of Corona.Forma- 
tion, Tbansactions A. I. E. E., 1924, Vol. 33, p. 1118. 

Presented at the Summer Convention of the A. I. E. E., 
Detroit, Mich., June 20-24,1927. 
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accuracy. As the applied a-c. voltage is increased above the visual 
critical value, the instantaneous critical voltage becomes lower and 
lower until finally corona starts at the zero point of the wave. This 
occurs when the applied voltage is twice the'visual critical voltage. 
At still higher voltage, corona starts below zero or on the falling wave. 
The effect is as if the instantaneous critical voltage is reduced by an 
amount approximately equal to the excess of the applied voltage 
above the visual critical voltage. Thus when the excess is equal to the 
visual critical voltage the instantaneous voltage is zero. This 
occurs when the applied voltage is twice the visual critical voltage. 
The reason for this is clearly shown as well as many other interesting 
facts. 

Artificial corona was readily produced with all of the char¬ 
acteristics of real corona after the mechanism was determined. 

The quadratic law seems to be the rational expression for the loss. 

Details of measurements are given in the supplemental paper on 
measurements by Starr and Lloyd, “Methods Used in an Investiga¬ 
tion of Corona Loss by Means of the Cathode-Ray Oscillograph.” 


ductors but loss may occur on an imperfect conductor 
due to local corona at surface irregularities caused by 
abrasions, dirt, etc. A weathered cable has the 
characteristic of a dirty wire and may approximate 
the quadratic down to the disruptive critical voltage. 
The operating voltage should be below the disruptive 
critical voltage for the weathered conductor. The 
losses due to chance irregularities near the critical 
voltage are closely approximated by the probability 
law. This quite confirms the results of the former 
investigations. 

The measured visual critical corona voltages check 
the calculated values very closely. 

The cathode ray oscillograms show quite clearly how 
the corona loss occurs. As the applied voltage is in¬ 
creased above the visual critical voltage, corona starts 
at a lower and lower instantaneous value of voltage on 
the a-c. wave. The instantaneous value of starting 
voltage on the a-c. wave is decreased by an amount 
approximately equal to the excess of the applied 
voltage above the visual critical voltage/ For 
instance, when the applied voltage is twice the 
visual critical voltage, corona starts at the zero point 
of the voltage wave on each half-cycle. Thus the excess 
of the applied voltage above e v is 

By = ~ By 

The critical voltage is then decreased by this amount 
or reduced to 

By By 1=5 0 

The reason for this is quite evident. After corona 
starts, a tube of corona surrounds the conductor and 
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is charged through the “corona arcs” up to the maxi¬ 
mum of the wave when the arcs go out or corona stops. 
This corona tube or “space” charge increases quite 
suddenly to a finite diameter at the start and then more 
gradually as the maximum of the wave is approached. 
This charge caused by the excess voltage returns 
towards the conductor with the falling wave and adds 
to the charge caused by the applied voltage on the 
next half-cycle. When the sum of these charges is 



Pig. 1—Arrangement oe Vertical Plate and Conductor 
for A Study of Corona by Means of the Cathode Ray 
Oscillograph 

sufficient to cause the breakdown gradient, corona 
starts at an instantaneous voltage less than the visual 
critical voltage. With the start of corona there is a 
sudden rush of current. When twice the visual critical 
voltage is applied, the excess voltage is equal to the 
critical voltage. The charge due to this excess voltage 
is then sufficient to cause corona without any additional 
charge. Corona thus starts on the following half-cycles 
on the zero of the wave as shown above. If the applied 
voltage is further increased, corona starts below the 
zero of the wave or on the falling voltage. 

Corona characteristics can be produced artificially 
by means of condensers. For example, take two con¬ 
densers and place a gap in series with a resistance 
across one of them. If voltage is applied and gradually 
increased, capacity current flows until the gap breaks 
down. There is a sudden rush of current. The spark, 
which represents the corona, continues to the maximum 
of the voltage wave when it stops. This leaves an 
excess charge on one condenser which adds to the charge 
caused by the line voltage on the next half-cycle. The 
gap breaks down at lower and lower instantaneous 
voltage as the applied voltage is increased and becomes 
zero when the applied voltage is twice the initial start¬ 
ing voltage as in the case of corona. 


It is shown that the loss is caused by the charging 
of the space condenser through the “resistance” of the 
corona arc or by the motion of the charge through the 
field and that the quadratic is the rational form for the 
loss to take. 

The formation of corona current is much faster on 
the negative than on the positive wave. 

The results are of practical as well as theoretical 
importance. For instance, Fig. 7 shows very decidedly 
the importance of using care in stringing conductors. 

Methods of Tests 

The cathode ray oscillograph was connected as shown 
in Fig. 1. With this arrangement the field across one 
pair of plates is proportional to the voltage while that 
across the other pair is proportional to the current. 
When voltage is applied across a capacity load, an 
ellipse is described, as shown in Fig. 2, the abscissas 
being proportional to the instantaneous .voltages and 
the ordinates to the instantaneous current. These 
figures are recorded photographically. The voltage 
deflections to the left are positive while those to the 
right are negative. Positive currents cause deflections 
above the horizontal axis and negative currents below 
the axis. If the voltage wave is known, the voltage and 
current waves can be plotted as shown in Fig. 8. 
Power is easily obtained by measurements of the 
instantaneous voltage and current and by simple 
calculations as follows: 

Each figure is divided into an integral number of 
equal-time sections and the product of the mean 
ordinate by the mean abscissa is obtained for each 



Pig. 2 —Cyclogram of Capacity Current Before the Start 
of Corona 

section. The average of all such products is then 
multiplied by the circuit calibration constants, volts 
and amperes per unit deflection of the cathode beam. 
The result is expressed in watts. This is equivalent to 
transcribing the figures to rectangular coordinates and 
then integrating the power wave in the usual manner. 
Power of the order of 0.1 watts can be measured with an 
accuracy of about 1.0 per cent. 

The general arrangement for corona measurements 
is shown in Fig. 1. The measurements were usually 
made between a single wire and a plane. Precautions 
were taken to eliminate the end effect by making the 
measurements on about 10 ft. of wire in the central 





June 1927 


PEEK: LAW OF CORONA AND THE DIELECTRIC STRENGTH OF AIR—IV 


1011 


part of the plane. Precautions were also taken to guard 
against stray fields and to prevent phase angle dis¬ 
placement errors. 

Since they are very completely covered in the 
supplemental paper, it is not necessary to go into 
further details here regarding the measurements. 4 

The assistance of Messrs. W. L. Lloyd, E. C. Starr, 
T. M. Hotchkiss, and other members of the High 
Voltage Engineering Laboratory Staff in carrying on 
this investigation, is acknowledged. Mr. Starr’s work 
in making the measurements was especially valuable. 


polished conductor, no loss would be expected below 
the visual critical voltage e v . It was further stated that 
the loss should then start quite suddenly and follow the 
quadratic law. For rough conductors the loss should 
be expected below e v due to the surface irregularities. 
This should follow because abrasions, dirt, and other 
chance irregularities cause high local stress and thus 
local corona and loss below e v . Since local corona is 
caused by chance conditions, it is difficult to predeter¬ 
mine. It was shown that this loss followed the proba¬ 
bility law. 


Early Work and Laws for Determining Loss and 
Critical or Starting Voltage 

The following brief statement of laws established 
in the first paper of the series should be of assistance 
in comparing the earlier work with the present. 

The several laws of corona are as follows: 

The visual critical voltage or the voltage at which 
corona first starts: 

s 

e v = g 0 r log e — kv. to neutral (crest) 


g v = 305(1+ -) kv. per cm. (crest) " 

' V5 r 7 

3.92 5 
8 = 273 + t 

Where 

r = radius in cm., 
s = spacing in cm., 
t - temp. deg. cent., 
b = barometric pressure cm., 

The power loss is: 

241 _ 

p = —— (/ + 25) Vr/s (e - e 0 ) 2 10~ s kw. per km. of one 

conductor 

e 0 = g Q m 0 r 5 log e ~ effective kv. to neutral 

g 0 ,= 21.1 m 0 = irregularity factor 

For small conductors: 

/ 0.30 / 1_\ \ . _s_ 

6d - go 5 (l + y 1 _|_ 230 r 2 / / ° Se r 

This has been referred to as the quadratic law and 
states that the loss increases as the square of the excess 
voltage above the disruptive critical voltage, +. The 
quadratic law obtains when a plot between V p and e 
gives a straight line. The disruptive critical voltage, 
e 0 , is lower thafi e v and, in fact, corresponds to a gradient 
of go = 30 kv. per cm. or the strength of air in a uniform 
field. In the early work it was stated that with a 

4. Lloyd and Starr, Corona Loss Measurements by Means of 
the Cathode Ray, Oscillograph, p. 997. 


Corona Loss Measurements By The Cathode Ray 
Oscillograph 

Power Loss and the Quadratic Law. In Fig. 3a, 
measurements made by the cathode-ray oscillograph 




KILOVOLTS TO NEUTRAL (EFFECTIVE) 


Fig. 3—Observed Corona Loss 


Measured by means of the cathode ray oscillograph 
Conductor: 0.0382 cm. diam. smooth 
Spacing: 161 cm. to neutral 
Length: 306. cm. 


TABLE I 

CORONA LOSS ON SMALL CONDUCTOR 
Conductor—0.0382-cm. diameter, smooth 
Spacing —161 cm. to neutral 
Length —305 cm. 

Freq. —60 ~ 


• Kv. (eff.) 
to neutral 

Effective current (milliamperes) 


Disruptive 

interval 

Entire 

cycle 

loss 

(watts) 

11.6 



0.0102 

13.0 

0.0392 

0.0405 

0.123 

14.4 



0.246 

16.4 

0.0749 

0.0630 

0.382 

19.6 

0.105 

0.0868 

0.58S 

24.0 

0.137 

0.115 

1.11 

30.0 

0.181 

0.157 

1.90 

38.0 

0.249 

0.218 

3.36 

46.4 

0.322 

0.296 

5.53 

60.5 

0.461 

0.400 

9.14 

91.0 

0.740 

0.669 

25.4 

112.0 

0.939 

0.860 

41.5 


Correction Factor—Divide current by 0.43 
Divide power by 0.40 


are plotted between loss p, and voltage e, for a small 
wire. The V~p is plotted with e in Fig. 3b where 
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the resulting straight line is the test of the quadratic. 
The loss starts suddenly at e„ and follows the straight 
line. The extension of this line cuts the axis at e 0 
or e d . Between e 0 and e v there is very little loss for this 
relatively smooth wire. This curve is a check on the 
quadratic law for voltages up to ten times the starting 
voltage. 

Fig. 4 shows that a larger polished wire also follows 
the quadratic law above e v , or that 
p = k (e — e 0 y. 

The Disruptive Critical Voltage and Visual Critical 
Voltage . The disruptive critical voltage e d or e Q is due to 



VOLTAGE TO NEUTRAL, KILOVOLTS EFFECTIVE 



VOLTAGE TO NEUTRAL KILOVOLTS EFFECTIVE 

Fig. 4—Observed Corona Loss 


Measured by means of tbe cathode ray oscillograph 
Conductor: 0.520 cm. diam. polished 
Spacing: 161. cm. to neutral 
Length: 305. cm. 

a gradient of 30 kv. per cm. at the conductor and is the 
voltage used in the quadratic, for large conductors; 
e d is used for small conductors. The gradient g 0 cor¬ 
responds to the strength of air. Quoting from the first 
paper, “With perfect conductors loss does not start 

TABLE II 

CORONA LOSS ON MEDIUM CONDUCTOR 
Conductor—0.520-cm. diameter, polished 
Spacing —161 cm. to neutral 
Length —305 cm. 

Freq. —60~ 


Kv. (eS.) 
to neutral 

| Effective current (mi.lliamperes) 


Disruptive 

interval 

Entire 

cycle 

Power loss 
(watts) 

60.0 



1.80 

65.0 



3.81 

80.0 



10.3 

100.0 



23.3 

130.0 



54.3 


Correction Factor—Divide power by 0.33 


at the voltage e Q , at which the disruptive gradient is 
reached at the conductor surface, but only after the 
disruptive strength of air has been exceeded over 
an appreciable distance from the conductor, that is, at a 
higher voltage e v . With such conductors there would 


be no loss until e v was reached. The loss would then 
suddenly take nearly the definite value calculated for 
this applied voltage by the equation.” 3 With the 
usual imperfect conductors there is loss below e v due 
to tufts of visual corona at local irregularities. Any 
appreciable corona loss is thus always accompanied by 
visual corona. For a dirty or mutilated wire, loss 
occurs at local brushes below the true e v for the wire. 
These local losses below or near the critical voltage are 
difficult to predetermine because they are caused by 



Fig. 5—Critical Disruptive Gradient 

chance conditions. This is generally not of great 
practical importance as it is desirable to operate below 
e Q . The loss on new wires decreases after operation as 
the irregularities are burned off. The local irregularity 



Fig. 6—Observed Corona Loss 

Measured by means of tbe cathode ray oscillograph 
Conductor: 0.928 cm. diam. smooth (1) 
mutilated (2) 

Spacing: 161. cm. to neutral 
Length: 305. cm. 

loss then becomes insignificant compared to those 
caused by dew, frost, rain, etc. 

Values of g v and g d or g Q determined by the cathode 
ray oscillograph are the plotted points in Fig. 5. The 
drawn curves are the calculated values. The check is 
very good. 

Loss Near the Critical Voltage and the Effect of the 
Condition of the Conductor Surface. In Fig. 6, loss 
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curves are plotted for a rough and for a highly polished 
wire both directly between p and e and between v p 
and e. The curve between the V~p and e shows that 
the loss follows the quadratic law. For the polished 
wire there is no loss until e v is reached. At that voltage 
the loss suddenly takes a definite value on the quadratic 
curve. With the rough wire there is loss below e v 

TABLE III 

CORONA LOSS ON LARGE CONDUCTOR 
Conductor—0.928-cm. diameter 
Spacing —161 cm. to neutral 
Length —305 cm. 

Freq. —60~ 


1 

Ev. (eff.) 
to neutral 

Effective current (milliamperes) 

i 

Power loss 
(watts) 

Disruptive 

interval 

Entire 

cycle 


Polished surface 


S7.0 

0.192 

0.361 

3.51 

91.0 

0.330 

0.404 

7.45 

100.0 

0.508 

0.485 

11.8 

115.0 

0.695 

0.622 

25.3 

130.0 

0.915 

0.789 

43.2 

149.5 

1.18 

1.01 

69.7 


Roughened surface 


67.3 



0.995 

74. S 



3.S6 

S2.3 



6.95 

86.7 



8.72 

90.7 



10.5 

99.4 



16.9 

114.3 



29.7 

129.0 



46.0 

149.3 ' 



74.0 


Correction Factor—Divide power by 0.35—Current by 0.44 



Fig. 7—Observed Corona Loss 

Measured by means of the cathode ray oscillograph 
Conductor: A. C. S. R. Cable 

Al uminum —30 strands, 336,400 cm. 

Steel—7 strands 
Diam. 0.741 in. 

Length: 10.0 ft. 

Spacing to neutral: 63.5 in. 

1 Clean and smooth 

2 Rough 

3 Badly mutilated 


due to local brushes at irregularities. The loss on the 
rough wire is in excess of the loss on the smooth wire 
up to about twice e v . As determined in the early work, 
this excess loss follows the probability curve 

p = q 

Fig. 7 shows loss curves near e 0 for smooth, rough, 
and mutilated conductors. The excess loss for the 
mutilated conductor is shown by the dotted line. 
The ratio between e 0 for the rough and polished wires 
gives the irregularity factor m 0 . After operation or 
weathering, the loss at e 0 becomes quite small. 

The measurements by the cathode ray oscillograph 
are thus quite in agreement with laws formulated in the 
former work as follows : 5 , 

a. At the visual critical voltage and above, corona 
loss follows the quadratic law over a wide voltagerange, 
or 

V — k (e - e 0 ) 2 

b. There is no loss below e v for polished wires. 

C. For roughened wires, there is a loss below e v at 

TABLE IV 

CORONA LOSS ON CABLE 
Conductor—A. C. S. R. cable, l.SS-cm. diameter 
Spacing —161 cm. to neutral 
Length —305 cm. 


T Zxr ( rvf¥ N 


Power loss (watts) 

i 

iAv. ten.; 

to neutral 

Smooth 

Rough 

Mutilated 

65.0 



0.648 

75.0 



2.34 

85.0 



6.53 

95.0 



11.3 

. 105.0 



16.5 

110.0 


3.69 


115.0 


7.44 


120.0 

3.06 

13.1 

27.8 

125.0 

9.20 

18.7 


130.0 

15.3 

22.5 

33.6 

135.0 

21.6 

28.5 


140.0 

25.4 

32.5 

40.6 

145.0 

28.8 

36.2 


150.0 

34.6 

41.0 

48.8 


spots due to local corona. The critical voltage, e a , is 
then decreased by a factor m 0 . This irregularity loss 
follows the probability curve. For the ordinary 
weathered cable, the loss is generally not far from the 
quadratic down to e 0 . 

d. e 0> e d , and e v check former measurements. 

The loss as affected by various factors will be more 
critically studied later in connection with the cyclo¬ 
grams. In the curves in Figs. 3,4, and 6, the loss is not 
reduced to the equivalent of parallel wires. This can 
be done by a correction factor. The. loss is somewhat 
less than that for parallel wires due to the fact that the 
ground plate from which current was taken was not of 
infinite extent. Part of the flux went to this plate and 
part to the equivalent of an infinite plane. The loss 

5. (a) Peek, Law of Corona and Dielectric Strength of Air, 

Trans, of the A. I. E. E., Vol. 30, pp. 1889-1988. (b) Peek, 

“Dielectric Phenomena in High. Voltage Engineering,” McGraw- 
Hill. 
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may be corrected so that it corresponds to one of two 
parallel wires of the given length by multiplying by 
the proper factor. 

The Mechanism of Corona or How Corona Forms 

The Critical Voltage or Breakdown. The cathode ray 
oscillograph gives a very good picture of the mechanism 
of corona formation from instant to instant during the 
a-c. wave. Some exceedingly interesting facts have 
been observed. For instance, as the applied voltage is 
increased above the visual critical voltage, e v , corona 
starts at a lower and lower instantaneous voltage on 



Fig. 8—Variation of Instantaneous Corona Starting 
Voltage with Applied Voltage 


App 

Voltage 

lied 

3 (kv.) 

Visual 
critical 
voltage (kv.) 
(Max.) 

Instantanei 
voltage ( 

a us critical 
:■) (kv.) 

Eff. 

Max. 

Pos. 

Neg. 

87.0 

123. 

122.6 

105. 

101. 

91.0 

129. 

“ 

102. 

93.3 

100.0 

141. 

“ 

90.4 

81.2 

113.5 

161. 

“ 

76.5 

66.7 

130.0 

184. 

“ 

60.4 

49.1 

149.5 

212. 

it | 

42.8 

30.1 


the wave. The instantaneous value of the starting 
voltage on the a-c. wave actually becomes zero when the 
applied voltage is approximately 2e and finally crosses 
zero at higher applied voltages. 

The visual critical corona voltage or the a-c. voltage 
at which corona starts when a low voltage is applied 
and gradually increased, is very sharp and definite 
and can be determined with accuracy. The formula 
for calculating this voltage is given above and seems 
to check well with the present tests. When the voltage 
is increased above the visual voltage and then reduced, 
the corona stops at the same voltage at which it started. 


Loss occurs when the voltage is above the critical 
voltage. A study of the instantaneous corona at volt¬ 
ages in excess of the critical voltage is thus important 
to an understanding of the mechanism of corona loss. 
Fig. 8 shows a set of cyclograms taken on a wire. The 
top figure was made just at the start of corona at e Vf 
and represents capacity current with a slight corona 
hump at the maximum of the voltage. The ordinates 
give current, while the abscissas give voltage. Follow¬ 
ing the X axis to the left, it will be noted that a sudden 
increase of current or hump starts just before the 
maximum voltage is reached, and at an instantaneous 
voltage not far from e v . At the maximum voltage, the 
corona hump disappears. The curve is then ap¬ 
proximately the capacity ellipse, altered somewhat by 



A 


(a) Applied voltage e = 65.6 lev. max. to neutral: 
Visual critical voltage e v = 18.1; 

Instantaneous critical voltage ei = - 26 kv. 



B 


(b) Applied voltage, e = 212 kv. max.; 

Visual critical voltage e v =18.1; 

Instantaneous critical voltage e* = — 142 kv. 

Fig. 9—Instantaneous Corona Starting Below Zero or 
on the Falling Wave for Applied Voltages Far in Excess 
of the Visual Critical Voltage, e v 

Spacing conductor to plane 161 cm. Diameter of conductor 0.371 cm. 
Frequency 60 cycles. Scale smaller in (b) than (a). Compare with Fig. 8 

the motion of the space charge, until corona starts 
again on the next half-cycle. The polar diagrams have 
been translated to the usual rectangular co-ordinates at 
the right. The corona hump is well shown in these 
figures. It will be noted that the corona starts at a 
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lower instantaneous voltage as the applied 
increased until in the last figure the in¬ 
ns starting voltage on the a-c. wave e* is 
mo. At a still higher voltage, e { passes 
ero or becomes negative, as in Fig. 9. Re- 
> Fig. 11 A, when the voltage is gradually 
corona starts at the maximum of the wave 
visual critical voltage e v is reached. This 
i very definite. When a higher voltage, e, 
as in Fig. 11b, corona starts during the first 
at the instantaneous voltage e v . The charge 



-Comparative Cyclograms Showing the Influence 
itor Surface Condition upon Corona Discharge 

tISTICS 

: A. C. S. R. Cable. 0.741 in. diam. 
sross-secbion. area 
» in. to neutral 


reversal of the voltage, the space charge, in effect, adds 
to the charge on the conductor. When the sum of 
these two charges becomes, in effect, equal to q v , so as to 
cause a gradient g v near the conductor surface, break¬ 
down occurs. Then, if the charge due to the voltage 
is q l} and that due to the space charge is q s , breakdown 
occurs when 

Qi + q s = q v 

or in terms of flux 

"j“ Fs Fu 

In Fig. 11b, the voltage has been increased above 
e v . It is seen that corona starts at the reduced instan¬ 
taneous voltage on the second or + half-cycle. This 
is the voltage necessary to produce the flux i pi. The 
effect is as if the charge q s produced by the excess in the 
voltage above e v on the first half-cycle were added 
directly to the charge on the conductor in the next half¬ 
cycle so that corona starts when the sum of these be¬ 
comes q v . In other words, corona starts at the in¬ 
stantaneous voltage e v on the first half-cycle that the 
voltage is applied. On the next and following half¬ 
cycle it starts on the wave at a lower instantaneous 
voltage, e* Fig. 12 shows this graphically. 

In Fig. 12a, flux just sufficient to start corona at 
voltage e v is shown leaving the conductor. Corona 
“arcs” are'about to form, suddenly increasing the volt¬ 
age across increased capacity and causing the sudden 
increase in current shown in Fig. 9. Fig. 12b shows the 
conditions at the maximum of the voltage wave. 
The outer cylinder has been charged through the 
corona “arcs.” The stress at the conductor is still 
sufficient to maintain corona and there is considerable 


nduetor is then q u or the flux is \p v . e v is the 
ecessary to produce the flux or the charge 
io cause the breakdown gradient g v . In this 
• example, assume that the wire at the start 
e. After corona begins, the positive ions are 
to it and discharged. The repelled ions 
. effect a charged cylinder, of varying, diameter, 
ng the conductor. The stress between the 
' and this charged cylinder, or “space charge,” 
ains more or less constant with increasing 
r just high enough to maintain the corona 
arcs; see Fig. 15. The stress is limited by the flux from the corona cylinder. The space charge 
n gradient of the air, g 0 . Corona continues to cylinder has been fully charged and the “arcs” die out as 
to increase the outer cylinder until the maxi- the voltage starts to fall. Fig. 12c shows the point 
tage is reached or slightly passed, when it on the decreasing wave where all the flux is on the space 
t this instant, the' stress between the wire charge and there is no voltage between the conductor 
iorona cylinder is just below the breakdown and the space charge. In Fig. 12d, corona is starting on 
Fith decreasing voltage, the stress between the second half-cycle at the reduced voltage e*. The 
ind the space charge decreases and somewhere same flux is attached to the conductor as caused by the 
scending wave becomes zero. This leaves for voltage e v , in Fig. 12a. The flux is caused partly by 
nt the total flux on the space charge. The ei and partly by the space charge. It is thus not 
- and the space charge are then at the same necessary for e* to be as great as e v to cause the break- 
This occurs at e — e v on the descending down gradient. 

: there were no drop in the corona, this con- The reduction in instantaneous critical voltages is 
aid occur at the maximum of the wave. With approximately equal to the excess of the applied 
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voltage above e t . Thus, if e is the applied voltage, 
e - e v Z e v — e* 


or 

e t = 2e v - e. 

This equation states that the instantaneous starting 
voltage, e i} is zero when the applied voltage is 2e v , 
or that when the space charge is in effect q v , no ad¬ 
ditional charge is needed to start corona. Instanta- 




It is stated above that the stress at the conductor 
after corona starts does not increase with increasing 
voltage but remains at a value just sufficient to keep the 
air broken down and to supply the outer cylinder or 



0 40 80 120 160 200 

LINE VOLTAGE KILOVOLTS TO NEUTRAL (MAX.) (e m ) 

Fig. 13—Variation of Instantaneous Voltage of Corona 
Formation with Line Voltage 

Conductor: Solid-smooth surface. 0.015 in. diameter 
Spacing to neutral: 63.5 in. 


e-e v 



space charge. This is illustrated by the test curves in 
Fig. 15. The voltage was measured between' the 
conductor and small wires placed at different points in 
space. It will be noted that the voltage between these 
points increases directly with increasing voltage until 
the critical voltage is reached, after which the voltage 
remains more or less constant. 

Artificial Corona. The mechanism of the corona 


Fig. 12—-Mechanism of Corona 

A. Just at start of corona. Flux from conductor only 

B. Just before corona stops at crest of voltage wave. Flux from 
conductor and space charge 

O. After corona stops. Flux from space charge only 
D. Just at second start of corona. Flux from space charge adding to 
conductor charge 

Center figures. Schematic diagram of corona discharge circuit 

neous voltages, e i} are plotted with applied voltages in 
Fig-. 13. Note that e* is zero at approximately 2e v . 

If the above rule held over a wide range of voltage, 
it would be found that 

e + 6i = 2e v = constant 

As a matter of fact, as would be expected, the tests 
show that e + e* is not constant, but approximately so, 
near the critical voltage. Actually, the effect is as if the 
total space charge were not effective in reducing the 
critical voltage, but that 

&i = e v — (e~ e v ) a 

where a is a leakage factor and is less than unity. Fig. 
14 shows this for several different wires. If the total 
charge were effective, the curves would be parallel to the 
x axis. At 420 cycles, as would be expected, the leakage 
is not appreciable. 
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0 40 80 120 160 200 

' 6 - KILOVOLTS MAXIMUM APPLIED 


Fig. 14—-Variation of e { -f- e with Line Voltage 


ei = Instantaneous disruptive corona voltage 
e — Maximum line voltage to neutral 
Conductor: 

1 0.464 cm. radius polished 

2 0.260 cm. radius polished 

3 0.019 cm. radius smooth 

Spacing: 161. cm. to neutral 

breakdown can be illustrated with condensers. For the 
sake of simplicity, take two condensers as in Fig. 16. 
Shunt one of these with a gap set to spark at voltage 
Ci and of such characteristics that it never short-circuits 
Ci. This gap thus has a valve action sparking when a 
voltage e x is impressed across it but not short-circuiting 
c j. On the first half-cycle, the spark, which represents 




June U)27 


PEEK: LAW OF CORONA AND THE DIELECTRIC STRENGTH OF AIR—IV 


1017 


the corona, starts at the instantaneous line voltage 
e vi because e v is the total applied voltage that causes 
the breakdown voltage e L on cAt that instant the 
voltage across c» is e v — e x . With increasing line volt¬ 
age, the voltage across does not rise above e L because 
of the arc. The excess voltage is placed across e 2 . 
When the maximum of the wave is reached, the current 
stops and the arc goes out. At a voltage e — e v on me 



LINE VOLTAGE TO NEUTRAL-KILOVOLTS EFFECTIVE 


Fiu, lf>. Exploration of Static Fikld Surrounding a 

Conductor 

A*' m Distance from conductor con tor to c<iul potential surface 
li x » Voltage across Hpacc X 
Conductor; solid copper, pollnhcd 
0.027 cm. dlnmolior 
M] tuning: 101. cm. to neutral 
Critical disruptive corona voltage -80,8 lev. 

falling quarter of the wave, the total voltage is on c». 
Finally, cm the + half of the wave, the voltage across 
the gap again becomes and the spark again starts. 
Tliis occurs at the instantaneous line voltage e { . e t is 
lower than the instantaneous voltage e v at which corona 
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Fig, 10. -O p f. ration OF Singlis-Gap, Fixed-Capacitance 

Artificial Corona Circuit 


started on the first half-wave, by the amount that e 
exceeded e„ because an excess charge, (e - e v ) c, on c t , 
adds to the charge due to the line voltage, or 
e — e„ - e v - e< 
e-i = 2e v - e 

This is the relation arrived at for corona on wires and, 
as in the case of corona, the spark starts at zero in¬ 
stantaneous line voltage when the applied voltage is 
twice the critical voltage. The above holds whatever 
the relation between the capacities of the condensers, or 
whether one gap is used or several gaps are used to 


break down successively. The actual corona loss 
relation would be more nearly approached with a suc¬ 
cessive breakdown of gaps with increasing voltage. 


H. V. Transformer Potential Transformer 



Fig. 17—Single-Gap Circuit for Producing and Studying 
Artificial Corona 


E • 
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' + . . 
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B 



C 

Fig. 18 —Artificial Corona 


A—Just above critical voltage 

B—Considerably above critical voltage 

C—Over twice critical voltage—corona starting "below zero’’ 
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A similar voltage relation holds if the gap is permitted to 
short-circuit the condenser except that the gap must 
then be set at double voltage. The voltage relations 
are followed out for several half-cycles in Fig. 16. 
The arrows on the condensers show the relation of the 
fluxes at different parts of the wave. In one instance 
it will be noted that all of the flux is attached to the . 
“space charge” or condenser c 2 . 

Compare Fig. 16 with Fig. 12, where the same relations 
are shown for actual corona and space charge. 

A condenser arrangement for artificial corona was 
made as in Fig. 17. Tests were also made with several 
gaps breaking down successively. The cyclograms in 
Fig. 18 show how closely artificial corona agrees with 
actual corona. 

The Power Loss. The mechanism has so far been 
described up to the point where the charge of the ionized 
space of the first half-cycle in effect adds to the charge 
on the conductor of the next half-cycle and breakdown 
occurs when the sum of these two charges is in effect 
equal to q v , or causes a stress g v . In this particular case, 
the start was made with the wire (—). The returning 
charge was then also (—). Following the new break, 
this was cancelled by a (+) charge while a (+) charge 
was repelled from the conductor. The space charge 
cylinder moves out with increasing voltage and is 
charged through the corona arcs until the wave reaches 
maximum. The arcs then die out or corona stops. The 
sudden increase of current at the critical voltage is 



Fig. 19—Effective Corona Current During Disruptive 
Interval 

Conductor: 0.927 cm. diameter, polished 

Spacing to neutral: 161. cm. 

Length: 305. cm. 

caused by a sudden increase of voltage across the in¬ 
creased capacity. Part of the energy in the “space 
charge” field is returned to the circuit and part of the 
energy is not returned or is returned at the wrong part 
of the wave and is lost. When the conductors are far 
apart, the main part of the loss occurs in the space 
between the conductor and corona cylinder. Where 
the conductors are close together, or the voltage is 
approaching the spark-over voltage, a conduction loss 
is also caused by ions migrating to the opposite con¬ 


ductor. The measurements show that over a very 
wide range of conditions the loss follows the quadratic 


An examination of the mechanism makes this appear 
the rational form for the loss to take. This seems so 
for the following reasons: The space charge is propor¬ 
tional to (e - e„) C. Energy is required to move this 
charge through the field or through the voltage from the 
conductor to the corona cylinder. The voltage be¬ 
tween the conductor and the space charge or corona 

TABLE V 

P = 4 / C (e - e 0 ) 2 X 10 6 watts 
f = frequency 

c = conductor, capacitance to neutral, farads 
e = max. line voltage to neutral, lev. 
e Q = max. critical voltage to neutral, kv. 


e 

| 

e — e 0 

f 

C 

P (watts)* 
Meas. | Calc. 

(Kv.) 

(Kv.) 



(F. X 10~ u 



Conductor: 0.03Sl-cm. diameter, spacing: 161 cm. to neutral 
C (corrected) = 0.747 X 10~ n farads. / = 60. e 0 = 9.90 
s/r = 16,900 _ 


16.4 

9.90 

6.5 

60 

0.747 

0.014 

0.076 

18.4 

<< 

8.5 

“ 


o.ioo 

0.130 

20.4 

“ 

10.5 

U 


0.246 

0.198 

23.2 

« 

13.3 

It 

“ 

0.382 

0.318 

27.7 

“ 

17.8 

it 

“ 

0.588 

0.570 

33.9 

“ 

24.0 

it 

“ 

1.11 

1.04 

42.5 

“ 

32.6 

tt 

“ 

1.90 

1.92 

53.8 

“ 

43.9 

tt 

“ 

3.36 

3.45 

65.7 

te 

55.8 

tt 

“ 

5.53 

5.60 

85.6 

te 

75.7 


" 

10.2 

10.3 

128.8 

te 

118.9 

tt 

“ 

25.4 

25.4 

158.0 

tt 

148.1 

It 


41.5 

39.5 


Conductor: 0.519-cm. diameter, spacing: 161 cm. to neutral 
C (corrected) = 1.06 X 10~ u farads. / = 60. e 0 = 59.0 s/r = 1240. 


85.0 

59.0 

26.0 

60 

1.06 

1.80 

1.72 

92.0 

tt 

33. 

“ 

It 

3.81 

2.78 

113. 

tt 

54. 

“ 

“ 

10.3 

7.42 

141. 

te 

. 82. 

“ 

tt 

23.3 

17.2 

184. 

tt 

125. 

“ 

“ 

54.3 

39.8 


Conductor: 0.927-cm. diameter spacing: 161 cm. to neutral 
C. (corrected) = 1.13 X 10~ u farads, f = 60. e 0 = 89.6. s/r = 695. 


123. 

89.6 

33.4 

60 

1.13 

3.51 

3.04 

129. 


39.4 

It 


7.45 

4.23 

141. 

“ 

51.4 

it 

“ 

11.S 

7.20 

160. 

it 

70.4 

tt 

“ 

25.3 

13.5 

184. 

“ 

94.4 

“ 

“ 

43.2 

24.2 

212. 

“ 

122.4 


“ 

69.7 

40.8 


« Conductor: 0.927-cm. diameter spacing: 54.6 cm. to neutral 
C (corrected) = 2.44 X IQ- 11 farads. / = 420. e 0 = 69.4. s/r = 236. 


117. 

69.4 

47.6 

420 

2.44 

84.4 

93.0 

132. 


62.6 

“ 

it 

165. 

161. 

147. 


77.6 

“ 

tt 

250. 

247. 

170. 

“ 

100.6 

“ 

tt 

415. 

415. 

191. 

“ 

121.6 

“ 

tt 

587. 

601. 

206. ' 

“ 

136.6 

“ 

tt 

764. 

767. 


*In making tlie loss calculations, tlie values of C in the formula were 
corrected to correspond to the actual capacitances of the conductor to the 
active section of the ground plate. The factors were determined by com¬ 
paring the calculated and measured charging currents. 

The measured values are the actual values computed from the 
cyclograms. 

sjs H* 

The check between the measured values of loss and the corresponding 
values calculated by the above simple formula is very good when s/r 
is large or when the frequency is high. When s/r is small or when the 
frequency is low, it is necessary to introduce a factor which is a function 
of the capacitance and also a factor to take care of ionic leakage as in 
the quadratic law. Thus in the tables above, for the lower values of S/r 
with 60 cycles, the difference between the measured and calculated watts 
is considerable. The corrective factor has not been applied to any of the 
above tables. 
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cylinder is proportional to (e — e 0 ) and, in fact, appears 
to equal (e — e 0 ) for the higher frequencies and very 
large spacings. The energy may be considered as 
being lost in the resistance of the corona arcs charging 
and discharging the corona cylinder. The loss is thus 
■w = (e — e 0 ) (e — e 0 ) k C = (e — e 0 ) 2 k C 
or the power 

p = 4fCk(e — e 0 y 

The above relation checks the measured values for 




equation and were originally determined empirically 
in the quadratic law. The part of the energy in the 
space charge that is returned, to the circuit at the 
proper part of the wave is not lost but gives the extra 
capacity effect of corona. 

There is no loss at e 0 because breakdown does not 
take place until the voltage e v is reached. There is then 
a sudden break over a finite distance from the con- 




Fig. 21 —Waves or Voltage, Current, and Power— 
Voltage Far in Excess op Critical Value as Derived from 
Corona Cyclograms 

E — Voltage I = Current P = Power 

Conductor: 0.0382 cm. diameter, smooth 

Spacing: 161. cm. to neutral 

Voltage: 112.0 kv. (off.) to neutral: e v — 12.8 kv. 

e.i = 9.5 kv. 

ductor and the loss falls on the quadratic curve with e 0 
as the disruptive critical voltage. The stress between 
the conductor and the corona cylinder is not reduced to 
zero when corona starts but has a value approximately 
equal to g () or g d at the conductor and decreases outward 
to the corona cylinder along approximately the same 
curve that obtained just before corona started. Be¬ 
yond the corona cylinder, the average stress must be 
higher or the curve flatter to maintain the voltage 
proportional to e 0 across the portion that is not ionized. 

It might be expected at first glance that the disrup¬ 
tive critical voltage should be e v rather than e 0 , since 
loss does not start on polished conductors until e v is 
reached. A more critical examination, however, shows 
that following the initial break controlled by g v , the 
strength of air becomes <r/ 0 . Thus, although g v controls 
the start of the loss, after the initial break occurs and 
corona extends out, the controlling gradient is g 0 . This 


Fig. 20— Voltage, Current, and Power Waves as Derived 
from Corona Cyclograms 

E = Voltage 1 = Current P = Power 
Conductor: 0.927 cm. diameter, polished 
Spacing: 161. cm. to neutral 
A-—87.0 kv. (eff.) to neutral 
B—113.5 kv. (eff.) to neutral 
C—149.5 kv. (eff.) to. neutral 
D —113.5 kv. (eff.) to neutral 

large spacings at 60 cycles and for all spacings at 420 
cycles. When the frequency is low or when the spacing 
is small, ions must pass from conductor to conductor; 
see Table V. This is equivalent to a leakage loss or loss 
in a resistance intermittently placed from conductor to 
conductor. Then 

p — kz (f + a) C ( e — e 0 ) 2 

wherein the factors a and k are an integral part of the 



Fig. 22 —Waves op Voltage and Current at 420 Cycles as 
Derived from a Corona Cyclogram 

Voltage to neutral: 147. kv. max. 

Spacing to neutral = 161. cm. 

Conductor: 0.927 cm. diameter, polished 

follows up to the maximum of the voltage wave when 
corona stops. g v is required to cause the next start, etc. 

It is interesting that when the applied voltage is zero, 
all of the energy is on the space charge and is 

CC, 

(& € v ) 2 g Q 
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The voltage, current, and power relations are shown 
very well for a polished conductor 0.365 in. in diameter 
at different voltages, .in Fig. 20. The relations are 
shown in rectangular coordinates transcribed from the 



KILOVOLTS TO NEUTRAL (.EFFECTIVE) 


Fig. 23 —Observed Corona Loss at 420 Cycles Measured 
by Means of the Cathode-Ray Oscillograph 

Conductor: 0.927 cm. diameter, polished surface 
Length: 305. cm. 



A 



B 


Fig. 24 —Artificial Corona 

A—Voltage and current waves 
B—Voltage, current, and power waves 
Gap G assumed to limit 
Voltage of Ci to ey 

Em 

. Ci = C 2 e,' = — 

P = Power input to circuit 


measured cyclogram at the left of each figure. Fig. 20a 
was taken near the critical voltage. The (+) and (—) 
power waves are practically equal and correspond to the 
charging kilovolt-amperes except for the excess (+) 
hump caused by the loss. In Fig. 20b, the voltage has 


been greatly increased and the instantaneous starting 
voltage Ci has decreased. There is now a considerable 
excess (+) power, hut without the decided hump. 
In Fig. 20c, the voltage has been increased to almost 
2 e v . has approached zero. The power wave is now 
smooth. 

Fig. 20d is the same as 20b with the addition of the 
charging kilovolt-ampere curve and the difference be¬ 
tween this curve and the total power curve. This is the 
approximate corona loss curve. 

An examination of the current curves in Fig. 20 
shows that for a polished wire the instantaneous, corona 
start is extremely rapid on the negative half of the wave, 
while on the positive half it is more gradual. The start 
on the negative half is so rapid that oscillations are 
readily produced. The effect of the conductor surface 
is shown very well in Fig. 10. A cable acts very much 
like a dirty wire. 

An examination of the power curves shows a dif¬ 
ference for (-) and (+) corona. There is not, however, 
any great difference in the actual loss on the different 
half-cycles. 

Figs. 13 and 14 show a slight difference in the in¬ 
stantaneous starting voltages. 

Fig. 21 is interesting. It was taken at a voltage 
considerably higher than the critical voltage, e v . The 
instantaneous e* voltage has decreased below zero or the 
corona starts on the falling wave . 

Fig. 22 shows corona at 420 cycles. The character¬ 
istics are the same as at 60 cycles except that there is 
less evidence of conduction as would be expected. 

Fig. 23 shows.that the corona at 420 cycles follows 
the quadratic law. 

Characteristic voltage, current, and loss curves for 
artificial corona are given in Fig. 24. 


Discussion 

AN INVESTIGATION OF CORONA LOSS 

(Starr and Lloyd) 

LAW OF CORONA AND DIELECTRIC STRENGTH 

(Peek) 

Detroit, Mich., June 24, 1927. 

V. Karapetoff: The diagram of connections used by the 
authors permits of obtaining an oscillogram of the total current, 
consisting of a reactive charging component and an in-phase 
energy component. In some eases it may be of interest to obtain 
a picture of the latter component alone. Perhaps this could be 
accomplished by some differential arrangement; that is, by using 
a condenser which takes the same reactive charging current as the 
conductor under test but has practically no corona loss. -The 
high-voltage side of the step-up transformer would then be wound 
for a double voltage, with the middle point grounded; the added 
condenser would he connected to the other terminal of the 
transformer, and the resistance R 3 would be connected to the 
neutral point. Only the difference of the currents taken by the 
conductor under test and the perfect condenser would flow 
through Ri. 

A Mechanical Transcriber. With an increasing use of the 
cathode ray oscillograph in practical work, the problem of rapidly 
transcribing records with a sine-law axis of abscissas to those with 
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Cartesian coordinates becomes one of considerable importance. 
When* hundreds of similar records have to be transcribed, the 
tedious point-by-point method of transfer of individual ordinates 
can hardly be considered satisfactory. A mechanical' trans- 
Hcriber is a device consisting of kinematic connections- with a 
stylus at, one end and a pencil at the other. By going with the 
stylus over the outline of an oscillogram on a photographic 
film, the pencil is made to draw on a strip of paper the correspond¬ 
ing curve in rectangular coordinates. 

In order to enable those interested to build a mechanical trans- 
Kcriber, the underlying principle is shown in Fig. 1 herewith. 
The film containing the record is fastened to the platen 2-2, 
which has a slot, it. A pin, 4,-attached to the crank, 5, can slide 
in the slot. When the crank is turned by means of the handle, 6, 
the platen and the oscillogram perform a harmonic motion along 
the A'-axis. The same crank, through the friction wheel, 7, 
drives the table 8-8, to the left. A strip of paper is fastened to 
tliis table, and the pencil, 15, draws a curve in Cartesian co¬ 
ordinates. It will be seen that by means of this mechanism the 
sine-law abscissas are wiped out, and abscissas proportional to 
time are substituted. 

To transfer ordinates of the oscillogram from the platen to 
the table, the carriage D-D, with a crossbar, 10, is used. The 
carriage can be moved up and down on the rails 12 and 13. 
The pencil, 15, is attached to the carriage by means of the bracket 
14. The stylus, 11, is fastened to the crossbar, 10. 



To operate the transcriber, the crank is turned slowly and at 
the same time the carriage is moved up and down in such a way 
that the stylus always remains on the curve. The pencil then 
traces the transformed curve, When many oscillograms are to 
be transcribed, one person should turn the crank and another 
operate the carriage. 

lhUirmmilwn of Pawn' Low by Weighing. When power 
loss is to be evaluated regularly from a large number of oscillo¬ 
grams, the point-by-point method described in the paper may 
prove to be too tedious. It is necessary to measure a large 
number of ordinates, multiply each by the sine 'of an angle, and 
add the products, keeping the positive and the negative quantities 
separate. An automatic method of weighing may prove useful 
in such cases, especially since it enables us to use a much larger 
number of ordinates with a comparatively small additional re¬ 
quired amount of time. The principle of the method is shown 
in Figs. 2 and 3. For the sake of illustration, we shall assume, 
with the authors, that it is sufficient to divide each cycle into 
20 equal intervals of time, A t, each corresponding to 18 electrical 
degrees. Replacing integration approximately by summation, 
the average power, P, per cycle may be written m the form 

t - T 

P m (1 / T) im A £ 

t ma 0 


where T is the duration of a cycle, and i m and e m are the average 
values of current and voltage during the small interval A £. In 
Fig. 2, the curve, a b c d f h, represents a loop obtained ex¬ 
perimentally, with sine-law abscissas. The circle, N is drawn 
with a radius equal to the amplitude of the voltage, E — 
0 g = 0 Jc. The circle is divided into 40 equal parts, correspond¬ 
ing- to 9 deg. each. Thus, the are p corresponds to the interval 
A £, and r U the middle point of this interval. 0 s is the mean 
voltage e m during this interval, and s v is the corresponding 



mean current, i m . Similarly, the ordinates x, y, etc., mark the 
middle points of the consecutive intervals A t. The abscissa 
Os- E sin 9 deg., the next abscissa 0 z = E sin 27 deg., etc. 
Thus, eq. (1) becomes 

P = (A t/T) E [ W1 sin 9° + i m sin 27° + etc.] , (2) 

Instead of scaling off the ordinates and multiplying them by 
the sines of the corresponding angles, the simple balance beam, 
shown in Fig. 3, may be used. It is provided with notches at 
distances from the center proportional to sin 9 deg., sin 27 deg., 
etc. The beam is supported in the usual way on a knife edge 
at the center, lias a pan P at one end and a counterweight, Q, 
at the other end, to balance the pan. Some strip or wire of 
uniform weight per unit length is provided, so that lengths can 
be measured by weighing. Let a piece of length, s v, be cut off 



and placed in the first notch to the left of A. The turning 
moment exerted upon the beam will be proportional to i mi sin 
9 deg., that is, proportional to the first term within the brackets 
ineq. (2). 

Corresponding strips are placed in the remaining notches. 
The ordinates in the quadrants I and III of the loop give positive 
values o' torque (counter-clockwise), and those in quadrants II 
and IV contribute to the negative torque. Having placed all 
the strips, the beam is balanced by putting some strip in the 
pan P. Let the length of this strip be I. If the pan were placed 
at the distance p from A, corresponding to the radius of the semi- 
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circle M, the length I would represent the value of the expression 
in the brackets. If the pan is at a distance p\ the corrected 
value of I, reduced to the arm length p, is I (p 1 /p). All the quan¬ 
tities in eq. (2) being known, the power P may be readily 
computed. 

The number of strips may be reduced to one-half by re-drawing 
the parts of the loop in the quadrants III and IV in quadrants I 
and II, as show r n by the curve b c 1 d 1 /. This can be easily done 
by folding, the film along p p l . In this ease, instead of cutting a 
piece of strip equal to s v, and later one corresponding to s a 1 , a 
piece of length v v 1 can be cut off at once, covering both positive 
quadrants I and III. Similarly, a piece of length w w 1 will 
tak 1 care of both negative quadrants. Since both strips act 
on equal lever arms, the net results on the beam is the same as 
if piece of lengths v w l and w 1 v l were placed on the positive side. 
This procedure of using different pieces on the beam may be used, 
if it appears to be preferable. 

Other Uses of Weighing. A similar method of computation by 
weighing may be used in other cases when the unknown quantity 
is of the form 

Q = a x + by-Pcz + etc. (3) 

wherein a, b, c, etc., are known constant coefficients, and x, y, z, 
etc., are some measured quantities. In a balance beam, notches 
are then made at distances a, b, c, etc. (positive or negative) 
from the knife-edge support, and strips of paper or metal, or 
wires of lengths x, y, z, etc., are placed at these lever arms, 
keeping in mind the sign of each product. The length of wire 
or strip necessary to balance the beam, multiplied by its distance 
from the center, will give the value of Q in eq. (3). The follow¬ 
ing examples may be cited: 

(a) In cost estimates, where a, b, c, are unit costs and x, y, z, 
are quantities of materials, 

(b) In computing the voltage drop along a line with branch 
loads. 

The factors a, b, c, may then represent lengths and x, y, z, 
load eurrents. 1 

(c) When analyzing an irregular wave into its harmonics, 
equidistant ordinates are multiplied by the sines of certain 
angles. 2 By providing a balance somewhat like in Fig. 2, and 
another with cosine notches, the amplitudes of harmonics can be 
quickly and accurately determined. Two balance beams are 
necessary for each harmonic, so that the arrangement would 
pay only when a large number of waves is to be analyzed. 

C. F. Harding: Referring particularly to the reference to 
the loss due to corona, it may be well to point out that these 
papers confirm the importance of attacking a problem such as 
this from many different angles, in many different sections 
of the country, and on many different transmission lines. 

Beginning about the year 1912, and extending through 
several papers before the Institute, and a number of discussions, 
results of net losses due to corona on various transmission and 
experimental lines have been presented by various authors, and 
compared with the theoretical values, i. e., the empirical equa¬ 
tions which have been developed in various laboratories. 

In most instances, those losses have compared favorably with 
the results calculated from the formulas which have been de¬ 
veloped by Mr. Peek, and which have been repeated in this paper. 
That is particularly true for the losses at relatively low voltages, 
such as those up to and slightly exceeding the critical voltage 
between wires. If the net loss due to corona calculated by Peek’s 
formula be plotted in kw. as ordinates, and the kilovolts between 
cables or between one cable and neutral be expressed as abscissas, 

1. V. Karapetoff, Engineering Mathematics (Wileys), Part Y, Chapter 
II. In the early days of electrical engineering, a German firm used to 
market a simple balance on which one could “hang amperes" at proper 
distances and balance them by a weight in the pan. The weights were 
stamped directly in square millimeters, to indicate the required cross- 
section of line conductor. 

2. V. Karapetoff, Experimental Electrical Engineering, Yol. II, Third 
Edition, p. 577. 


a parabola results as indicated in the paper. If the actual net 
loss due to corona he plotted for an experimental line or for a 
transmission line operating under the same conditions, i. e., 
the same frequency, density factor, size cables, spacing, 
etc., this curve checks very closely at low voltages with 
the quadratic curve. In many instances the test curve was 
found to be slightly higher in the lower range of voltage, 
but had considerably lower values of power loss throughout the 
higher ranges of voltage. 

In other words, if we assume that the net corona loss in kw. 
is equal to some constant multiplied by the square of the differ¬ 
ence between impressed voltage and critical voltage, the quad¬ 
ratic law of Peek's formula results. Actual tests show a curve 
of smaller loss and less slope at the higher voltages; at least on the 
lines at Purdue University'. This would seem to indicate that 
either this exponent (2) is a little high, or that the critical voltage 
E 0 varies with the voltage E impressed upon the line. Possibly 
both conditions exist simultaneously. Actual values for the 
exponent—call this N —have been of the order of 1.55 to 1.7 but 
always less than the 2 of the quadratic law of Peek. 

In the paper presented by the speaker in 1924 at the Pasadena 
convention, the result of the possible increase of this E 0 , i. 
the disruptive voltage of air, because of the formation of the 
coronal cylinder of greater capacitance, at these higher values of 
voltage, was suggested. If we consider that this relatively large 
conducting cylinder of ionized air which has been termed the 
coronal cylinder does exist about the cable at extra high voltages, 
in other words, if we take the assumption of the papers presented 
by Messrs. Peek, Lloyd, and Starr, it is probable that the critical 
voltage E 0 at this point, as the result of the larger capacitance of 
this larger coronal cylinder, does change materially with these 
very high voltages impressed between cables. We are dealing 
with the critical voltage at the surface of the coronal cylinder or 
some other intermediate point father than the voltage at the 
eable itself. 

This would seem to indicate that it may he possible, by means 
of tests on transmission lines where net losses due to corona are 
determined very accurately from wattmeter measurement in 
the high-voltage circuit itself, to bring these test relations into 
conformity with, or conversely, and more appropriately to bring 
the formula into conformity with the empirical functions estab¬ 
lished by such tests. 

The important feature of this, it seems to me, is the fact that 
in practically all these tests, made over a long series of years, 
including a large number of spacings of cables ranging from 18 
ft. to 38 ft., with sizes of cables from No. 0 up to 300,000 cir. 
mils stranded, that the Peek formula is a very conservative one, 
and that the corona loss actually is considerably less, at these 
higher voltages, than would he indicated by the calculations. 
We are on the safe side, therefore, if we design transmission lines 
in accordance with that formula. 

The statement is made, however, in the papers under dis¬ 
cussion that the line should not be operated at or above the 
critical voltage at which corona forms; i. e., under dry-weather 
conditions. Designing for that voltage means that such a line 
will operate in many eases with considerable corona formation 
upon it, as many have noted substations and lines in more or less 
continuous operation with corona formation. It is important, 
therefore, to determine both by tests in laboratory and on 
operating lines just what this difference is between the two 
curves at the voltages in excess of the critical voltage. 

W. F. Davidson: Mr. Lloyd and Mr. Starr described the 
method they have been using with the cathode ray oscillograph 
for studying corona formation. A short time ago I tried a simi¬ 
lar tube in studying the distortion of current through a cable 
sample, with the idea of determining whether there was corona 
formation. 

We used basically somewhat the ideas suggested by Professor 
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Karapetoff of eliminating the straight capacity component of 
the charging current through the samples. 

The supply transformer in this case was grounded at one end; 
the sample S connected as indicated in the accompanying Fig. 4 
and brought down through a small resistance to ground, the no¬ 
loss air condenser C connected in parallel through a correspond¬ 
ing resistance, in fact, two resistances. The cathode ray is con¬ 
nected with one plate so as to take the drop V a — V c giving a 
deflection proportional to watt-component current through the 
sample in the test, now, by controlling the total resistance R we 
had the possibility of shifting the base position of the current 
through the air condenser. That was sometimes of value and of 
help. 

The other component was obtained in two different ways, in 
the first work, much as Mr. Lloyd has described, by taking the 
potential applied to the transformer. We found considerable 
difficulty in using our particular tube, however, because neither 
axis was straight; that is, the pattern instead of being straight, 
gave two rather distorted curves. 

In order to overcome that difficulty, we made a calibration 
in the direction of abscissa, corresponding to these deflections, 
then -we arranged our time curve. These were controlled by a 
phase shifter P, that was supplied from the same primary as 
the transformer. The eyclogram would then appear in various 
forms, and we would shift the thing around, changing the phase 



around, changing the phase shifter until the particular point 
we were interested in was on the central axis and then we scaled 
this point. 

There were two.operators, one reading the phase shifts and 
the other reading the ordinates, and it took only about a minute 
to get a complete record. We were rather disappointed in some 
of the results because although they w r ere very satisfactory in a 
qualitative way, we were not successful in getting them in a 
quantitative way. Perhaps we could do better with a tube that 
did not have such a badly distorted pattern. 

J. Ryan: (communicated after adjournment) The results ob¬ 
tained by the authors of these corona papers and their corre¬ 
sponding conclusions will help greatly to establish a better under¬ 
standing of the nature of corona. During the past four years by 
independent effort we have arrived at substantially the same 
results and corresponding conclusions. Our studies during the 
past year were mostly concerned with the mobility and make-up 
of the space charge and the manner in which its portions having 
constant and alternating polarities function. 

Three methods have been used successfully for the cyclic 
study of corona by means of the cathode ray tube. In the first 


of these the ray-pointer is deflected electromagnetically. 3 ’ 4 In 
the second the deflections are produced electrostatically so as to 
yield quadrature ray-pointer deflections proportional to the 
voltage and to the rate of increase or decrease of the current in 
instantaneous relation. Thus the ray-pointer develops areas 
proportional to the time-integral of the volt-amperes or energy. 5 
The third has been used by Mr. Peek and his co-workers. In it 
the ray-pointer is also actuated electrostatically and yields 
deflections proportional to simultaneous values of voltage and 
current. The first and third methods produce volt-ampere 
eyclograms and the second energy cyelograms. 

The first avoids the necessity of using electrostatic deflectors 
mounted within the cathode ray tubes but requires a great 
variety of deflector current coils and potential-circuit resistors, 
some of which are expensive. Electrostatic deflectors mounted 
within the cathode ray tube are used in the second and third 
methods. Externally mounted electrostatic deflectors are not 
satisfactory because of the bound charges that assemble on the 
inner walls of the tube opposite the deflectors. We have used 
the three methods and recommend the use of the second and 
third. The choice depends upon the character of w r ork to be 
done. Occasionally both are required in the same undertaking. 
Because a condenser must be used in the current circuit of the 
energy cyclograph it cannot be used when more than a mere 
trace of rectified current is present. Such current when small 
enough may be successfully bypassed with a “leak” of the proper 
value. Again when the observation of sudden changes of current 
or e. m. f. are to be made the energy cyclograph being a volt- 
ampere-time integrator, is less helpful and the electrostatically 
operated voltage-current eyclograph should then be used. 

Following the recognition of the presence of the space charge 
that surrounds a conductor in corona it was found that the 
corona loss equals the energy that is dissipated -in the space- 
charge condenser at unity power factor subjected to the voltage 
in excess of the critical voltage, i. e., voltage above the lowest 
voltage that will sustain a fixed brush pattern. 6 Thereafter the 
capacitance and position of the space-charge condenser were 
studied with the energy cyclograph, using cylindrical barriers 
around the conductor to fix the radius within which the space 
charge is confined. 7 These studies were then followed by others 
to determine the central radial position of the alternating portion 
of the space charge by means of the potential exploring wire. 8 

During the past year my co-workers, J. C. Carroll and J. T. 
Lusignan, Jr., have . r tudied the cyclic character of the ion-content 
of the space charge. One of the many purposes of the study 
was to add to the background of knowledge required to improve 
interpretation of the observations made with . the potential 
exploration wire and to understand the function of the constant- 
polarity portion of the space-charge function in alternating 
corona formation. The corresponding results and conclusions 
are being embodied in a paper soon to be presented to the 
Institute. 9 

It has long since been known that the values of positive and 
negative corona-forming voltages differ. Dependent upon the 
particular conditions the difference varies from zero to a con¬ 
siderable fraction of either polarity of the critical voltage. The 
rectified portion of the space charge in alternating corona is 
caused by this difference. For example if the critical voltage is 

3. The Cathode Ray Alternating-Current Wave Indicator ► H. J. Ryan, 
A. I. E. E. Trans., Vol. XXII, 1903, p. 539. 

4. The Conductivity of the Atmosphere at High Voltages , H. J. Ryan, 
A. I. E. E. Trans., Yol. XXIII, 1904, p. 101. 

5. A Power Diagram Indicator for High-Tension Circuits, H. J. Ryan, 
A. I. E. E. Trans., Vol. XXX, 1911, p. 1089. 

6. The Hysteresis Character of Corona Formation, H. J. Ryan and 
H. H. Henline, A. I. E. E. Trans., Vol. XLIII, 1924, p. 1118. 

7. On the Nature of Corona Loss, C. T. Hesselmeyer and J. Iv. Kostko, 
A. I. E. E. Trans., Vol. XLIV, 1925. p. 1016. 

8 . The Space Charge that Surrounds a Conductor in Corona at 6o Cycles, 
J. S. Carroll and H. J. Ryan, A. I. E. E. Jl., November, 1926, p. 1136. 

9. The Space Charge That Surrounds a Conductor in Corona, 
A. I. E. E. Pacific Coast Convention, Del Monte, Calif., September 14,1927 
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greater when negative than when positive, the magnitudes of the 
corresponding space charges will have to be in reciprocal relation. 
When the conductor requires a higher negative than positive 
corona-forming voltage there will be formed and maintained the 
larger space charge from the positive to the negative voltage 
crests; and correspondingly the smaller space charge from the 
negative to the positive voltage crests. This gives rise to the 
phenomenon of ‘‘rectification” that is often witnessed in the 
study of corona. The portion of the space charge having con¬ 
stant polarity will increase the strength of the field attached to 
the conductor as the voltage approaches one crest and will 
d minish it as the voltage approaches the other crest. Thus the 
differences of the positive and negative critical fields and their 
corresponding initial voltages from their averages are compen¬ 
sated for by the presence of the constant-polarity portion of the 
space charge. It follows, therefore, that the initial value of the 
cyclic critical voltage must be as much below the value of the 
crest voltage as it is above the value of the subsequent critical 
voltage that starts corona formation in the succeeding cycles 
and that the positive and negative critical voltages must be equal. 
From the nature of tilings here set forth power-transmission con¬ 
ductors operated in corona will display constant polarity high 
potential phenomena to a limited extent and the direct currents 
thus set up in ionic mobility from the conductors through the 
air and over the insulators to earth are not likely to develop 
effects of much practical importance. 

The model of corona given by Mr. Peek is helpful for gaining 
an understanding of the essential features of corona. The 
theory of this model as developed in our studies was given by 
Messrs. Hesselmeyer and Kostko in connection with Fig. 14 
of their paper on the Nature of Corona. 8 Guided by this theory 
we made up in the summer of 1926 a model such as described by 
Mr. Peek, using a pair of Leyden jars with a spark-gap in parallel 
with one of them. It produced artificial corona cyclograms quite 
like cyc-logram No. 4 in Fig. 6 of the Hesselmever-Kostko paper. 
It gave the oblique straight sided parallelograms that theory 
called for. Of course it did not repeat the minor departures that 
are witnessed in actual corona wherein the space charges are 
mobile. See for example the group of eyclograms in Fig. 10 
of the same paper taken from a single-phase line mounted in the 
open to which corona forming voltage was applied. 

All in this group conform liberally but not exactly to the 
oblique parallelogram wherein the slopes of the sides and ends 
determine the values of the capacitances of the conductors and 
space charges, and wherein the departures from the straight sided 
oblique parallelograms are measures of the effects due to causes 
that are not included, necessarily so, in the incomplete theory, 
such as conduction (thermal dissociation) and ionic mobility 
actions that Mr. Peek properly sums up in his paper by the phrase 
“corona ares.” 

As a result of these studies we are convinced that Mr. Peek 
is right in his conclusion that the power-loss-voltage relation 
in full corona formation is a rational quadratic because of the 
space charge condenser. He is also right in recommending that 
care be used to avoid mechanical injury to the surface of the 
conductor. One should note, however, that losses due to local 
corona are greatly dependent upon the uniformity of the physical- 
chemical regularity. Greatest regularity is required to produce 
minimum local corona loss, since the maintenance of a smooth, 
polished conductor is not feasible. We have found this to be so 
for local corona loss when the mechanical irregularities or rough¬ 
ness of the surface of the transmission conductor have been 
carefully avoided. The local corona losses are likewise depen¬ 


dent to important extents upon the humidity in the^if and the 
crest and effective values of the voltages. Because of the prom¬ 
inent part that the space charge condenser takes in corona 
formation one must expect the cyclic loss to be dependent upon 
the crest value of the voltage; again because the space charge is 
mobile its containing condensers do not have fixed value, and 
one must expect the cyclic loss to be dependent also upon they 
effective value of the voltage. 

The local corona studies here referred to were made by our 
graduate students Messrs. Drodjin and Wiedeman and will be 
embodied in a paper that they will offer for publication at an 
early date. Local coronas are simply scattered brushes. In 
the local corona loss-voltage relation the numbers and positions 
of the brushes are large factors, which in turn depend upon the 
smaller factors just specified all of which in the full corona loss- 
voltage relation are of little or no importance. Local corona is 
an instability complex and much systematic study under all 
relevant conditions will have to be promulgated to know what 
high-voltage conductor diameters, and insulator hardware forms 
to adopt to meet all requirements. 

E. C. Starrs Professor Karapetoff and Mr. Davidson have 
spoken of neutralizing the charging component of the current 
wave. We considered that, inasmuch as the portion of the 
figure that is said to represent charging current is not, strictly 
speaking, only charging current as based upon the capacitance 
of the wire itself, but charging current based upon the capacitance 
of the wire as affected by the motion of the space charge, we 
thought it best to leave it all in to show the whole wave. That 
suggestion, however, would allow us to show only what the corona 
does and under certain conditions woiild be useful. 

Mr. Davidson spoke of Ms tube giving axes that were crooked. 
We found that the condition would be brought about if the source 
of the magnetic field used to neutralize the effects of the earth’s 
magnetic field was placed too near the tube. It is necessary to 
place the source at a distance of 3 or 4 ft. from the tube in order to 
obtain a uniform field throughout the tube and thus eliminate 
distortion of the axes. It is possible that tMs was the source of 
Mr. Davidson’s trouble. 

Professor Karapetoff’s mechanical devices are very clever, 
and should be useful where the work is to be done on a large scale. 

F. W. Peek, Jr.: It is very difficult to estimate corona loss 
on practical lines with great accuracy because it is very difficult 
to determine the conditions along a long line; there are so many 
variables. 

If a wire about an inch in diameter is taken and the loss is 
measured up to several million volts, it will be found that, at 
first, the quadratic law obtains up to a very high voltage. 
Finally, at some point the loss begins to fall below the original 
quadratic. It eventually follows another quadratic. The new 
curve, if extended, will be found to cut the axis at a new critical 
corona voltage. At the point where the deviation occurs, the 
appearance of the corona discharge changes. Great “cart¬ 
wheels” form around the conductors. These cartwheels sepa¬ 
rate, act as sMeids, and change the whole electrostatic field. I 
do not tMnk it is a practical condition because tMs deviation 
from the quadratic occurs at many times the operating voltage 
for the conductors. It is amazing, in fact, that any law is fol¬ 
lowed at these Mgh voltages. 

It seems to me that operation should be below the critical vol¬ 
tage for fair weather. It is practically impossible to eliminate all 
loss in wet weather. It is thus important to determine the 
irregularity factors for various types and sizes of weathered 
conductors. TMs offers a good field for investigation. 


A Precision Measurement of Puncture Voltage 

BY V. BUSH* and P. H. MOON* 


Fellow, A. I. E. E. 

Synopsis. —A description is given of an apparatus for the auto¬ 
matic determination of the dielectric strength of thin sheet insulation. 
The machine makes about 1000 breakdown tests in a day. Almost 
no attention is required, thus reducing the human element to a 
minimum. 

The results of over 100,000 punctures are. given. An investigation 
of the affect of temperature indicates that none of these punctures 


T HE pyroelectric theory of insulation breakdown, 
introduced in 1922 by K. W. Wagner 1 and in¬ 
dependently by Steinmetz and Hayden 2 , gave a 
great impetus to the study of the failure of solid di¬ 
electrics. Several investigators, particularly Dreyfus 3 , 
Karmiin 4 , ary;! Rogowski 5 , have added to the theory, 
while others such as Mtindel 17 , Rochow 18 and Gabler 19 , 
have attempted experimental verification. 

The experimental results to date are, however, meager 
and unsatisfactory, and constitute a serious barrier 
in the way of further progress. One reason is the 
difficulty of getting consistent values of puncture 
voltage. Breakdown measurements are inherently 
more erratic than either resistivity or dielectric loss 
measurements. Puncture depends evidently only on 
the strength of the weakest path through the dielectric, 
while the measurement of other quantities is more or 
less an integration process giving an average of all the 
elementary paths through the insulator. The only 
solution of the difficulty seems to be to take the average 
of a great number of readings. 

It was our purpose to build an automatic machine to 
make these breakdown tests in large numbers under 
accurately controlled conditions and with the minimum 
of manual labor.' Such an outfit was completed at the 
Massachusetts Institute of Technology in the fall of 
1925f. In the school year of 1925-26, 130 runs were 
made with a total of over 100,000 readings. 

The apparatus will test any thin sheet material ob¬ 
tainable in long strips. A piece 1 l /i in. wide and about 
80 ft. long is sufficient for a day's run of 1000 punctures. 
The outfit consists essentially of a pair of electrodes, an 
insulation feed mechanism, and suitable means of 
automatically raising the voltage and recording the 
value at which breakdown occurs. The feed mecha¬ 
nism operates after each puncture, bringing a fresh 
length of insulation between the electrodes. A 4000- 

’"Both of tlie Mans. Inst, of Tech., Cambridge, Mass. 

.1.. For all numbered references, see Bibliography. 

I The authors wish to express their appreciation of the work of 
Mr. L. M:. Dawes of the Elec.Engg. Dept., under whose direction 
most of the apparatus was constructed. Thanks are also due 
to the General Electric Co. for its help in the early stage,s of the 
work. 

Presented at the Summer Convention of the A. I. E. E., 
Detroit, Mich., June £0-84,1987. 


Associate, A. I. E.E. 

occurred according to the thermal theories of breakdown. Tests to 
determine the effect of electrode area are also described. It is 
shown that statistical theory can be applied to the results with some 
success. The standard deviation of the breakdown values is a 
measure of the inherent variability of the material, and thus gives 
promise of value in the specification of insulation. 

■*. * * * * 


volt, d-c. generator is used for the tests, the voltage 
being raised at a constant rate by a motor-driven 
rheostat in the field circuit. The value at which 
puncture occurs is recorded by an ordinary graphic 
voltmeter. 

That accurate results are obtainable is shown by the 
results of 16,000 punctures made on thin condenser 
paper, Fig. 12. The probable error of the daily average 
is 3.6 volts. Therefore, it may be said that with this 
material under the condition of the tests, the daily 
average is correct to dr 3.6 volts, or less than 1 per cent. 
An investigation of the sources of error has led us to 
believe that nearly all the variation from hour to hour 

Recording 



Fig. 1—Simplified Diagham of Connections 


and from day to day is caused by variations in the 
paper. The accuracy of the results depends, of course, 
on the number of readings averaged for each point, 
and upon the variability of the material. With a 
more uniform material than paper, still more accurate 
results could be obtained with the same number of 
readings. 

Apparatus 

Diagram of Connections. A simplified diagram of 
connections is shown in Fig. 1. All tests are made with 
direct current. furnished by a 4000-volt generator. 
The field of this machine is separately excited from the 
115-volt mains, a motor-driven rheostat being used to 
vary the voltage automatically. This rheostat is 
driven by a small synchronous motor, and twice a 
minute raises the generator voltage at a uniform rate 
from zero to a value somewhat above the breakdown 
point of the insulation. 
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This voltage is applied to the material between the 
electrodes. When puncture occurs, the rush of current 
operates the relay, R e, which trips the breaker in the 
field circuit of the generator. Across the line is also 
connected the recording voltmeter, V m. Every time 
the voltage rises, this voltmeter draws a line across its 
chart. The pointer continues to move slowly across the 



Fig. 2—Instrument Board 


chart until breakdown occurs, when it falls back to 
zero due to the opening of the circuit breaker. The 
length of line is thus a measure of the breakdown 
voltage. 

Just before the motor-driven rheostat is ready to start 




Fig. 3—Electrode Mechanism 

raising the voltage again, contacts on its rotor close and 
operate the feed mechanism. This pulls a fresh piece 
of insulation under the electrodes. At the same time, 
the circuit breaker closing coil is energized. • The volt- 


curs tripping circuit breaker, feed mechanism operates, 
circuit breaker closes, voltage starts rising again. The 
cycle is repeated indefinitely. 

Fig. 2 shows some of the apparatus. On the left of 
the board is the recording voltmeter. At the right is 
the sensitive relay. A series protective resistance of 
about 50,000 ohms is seen directly below the relay. 
The large box in the right foreground is called the con¬ 
stant humidity box. 

Electrode and Feed Mechanisms. In the constant 
humidity box are the electrodes and the feed mecha¬ 
nism. As shown in Fig. 3, the lower electrode 5 is a 
copper block 2 in. sq. The upper electrode 7 is a 
copper rod hi in. in diameter which slides up and down 
in the brass housing 6. The material to be tested, 
in the form of a long strip about 1 hi in. wide on the 



Ac / JVb 2 JV° 3 A'o 4 


Fig. 4—Electrodes 

spools 8, passes between the electrodes and is wound up 
on the drum 23 after it has been punctured. 

After puncture occurs, the solenoid 13 is energized, 
lifting the plunger 12, and thus raising arm 11. This 
raises the electrode 7 slightly from the insulation and 
allows the strip to. move. The movement of 12 also 
operates the lever 17 which moves the rolls 21 and 22 
and brings a fresh portion of insulation between the 
electrodes. The plunger 12 then falls and the electrodes 
are again pressed against the insulating material with 
considerable pressure due to the weight of 11 and 12. 

The electrodes are surrounded by the copper jacket 3. 
This is kept filled with oil which is circulated by means 
of a small motor-driven pump connected by the pipes 9 
and 10. An electric heater in the piping system allows 
the temperature of the oil to be accurately controlled. 
For low temperatures a cooling coil immersed in an 
ice bath is used. A copper-advance thermocouple 
soldered to the lower electrode makes possible the 


age is then built up as before. The cycle of operations accurate determination of the temperature. Wires 


is thus as follows: Voltage is raised slowly, puncture oc- from this thermocouple are run through the walls of 
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the constant humidity box and are connected to a 
potentiometer. 

Electrodes. The same lower electrode was used in all 
the tests. The various upper electrodes are shown in 
Fig. 4.. No. 0 was the one used in the earlier tests. 
It consists of a solid rod of copper, the end being turned 
as shown. The electrode face was ground to an 



Fig. 5—View Looking Down into Constant Humidity 
, Box 

accurate fit with the lower electrode, using fine car¬ 
borundum and oil In this way, the electrodes made 
contact with the insulation throughout the area of 
the face. 

To make absolutely sure that this was the case, the 
other electrodes were made. These electrodes were 
fitted with ball-and-socket joints so that they would 
press evenly on the insulation throughout the face. 



Fig. 6—Sample Voltmeter Chart 
Range of scale = 325-700 volts using voltmeter tap No. 8 

Electrodes 1, 2, 3, and 4 are used with the same holder. 
This is shown in the upper part of the figure. The 
faces were ground flat by using a piece of plate glass 
and some fine grinding compound. In all cases, the 
edges were rounded to a radius of about 0.001 in. • 
Control of Humidity. Fig. 5 is a view looking down 
into the constant humidity box, the cover being re¬ 
moved. The oil jacket surrounding the electrodes is 
shown in the lower part of the figure. The small fan 


in the upper part circulates the air over plates of 
phosphorus pentoxide in order to keep the humidity 
in the box at a very low figure. The sensitive hair hy¬ 
grometer in the box indicates the per cent humidity. 

Procedure 

All the tests were made on General Electric condenser 
tissue 0.0005 in. thick. This was a good grade of rag 
stock, and was not varnished, oiled, or otherwise 
treated. This material was used, not because of any 
special interest in its properties, but because it seemed 
to offer a cheap and fairly good material which could be 
obtained in long strips. All tests were made with 
paper from a single roll. 

Twenty-four hours before starting a run, the paper 
for that run was wound from the roll to a small spool. 
This was done in a special winding machine in order to 
avoid all wrinkles. This eighty feet of paper on the 
spool was then baked for eight hours in a vacuum at 
72 deg. cent, to remove moisture. The spool was then 
transferred to the constant humidity box, the cover 
bolted down, and the fan run all night to insure a con¬ 
stant low humidity during the run which was started 
the next morning. In this way, one run could be made 
every day, the paper being baked the previous day 
and transferred to the box each evening. 

From 800 to 1000 punctures were made in a day. 
The resulting voltmeter chart consisted of a large 
number of lines ruled by the voltmeter, the length of 
each line representing the voltage at which one puncture 
occurred. A portion of such a chart is shown in Fig. 6. 
The lines are ruled 40 to the inch. The daily average 
is obtained by adding all these puncture voltages on a 
calculating machine and dividing by the number of 
readings. Hourly averages are also sometimes used, 
each consisting of the average of the 100 to 120 readings 
taken in one hour. 

Results 

Preliminary Tests; Effect of Moisture. Preparatory 
to the regular tests, some runs were made to determine 
a good way of conditioning the paper. With such a 
hygroscopic material, considerable trouble was antici¬ 
pated in eliminating all traces of moisture. There 
seemed to be no practical way of obtaining the actual 
moisture content of the paper under operating con¬ 
ditions. Our aim was therefore to develop a procedure 
which would produce consistent results, and to adhere 
strictly to this procedure in all runs. 

Three runs made with the constant humidity box 
open to the air were as follows: 


Run 

No. 

readings 

Temp, 
deg. cent. 

Per cent 
humidity 

Voltage 
(corrected to 20 
deg. cent.) 

15 ■ 

239 

19 

5.8 

588.6 

16 

222 

21 

8.7 

571.0 

17 

1059 

21 

22.2 

561.3 


All values of voltage are referred to 20 deg. cent, 
by using a correction of — 1 volt per deg. cent. A 
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considerable drop in voltage will be noted, due to 
increased humidity. As has been previously noted, the 
probable error of the daily average is about 3.6 volts. 
Three significant figures are therefore permissible. 
The fractional parts of a volt are probably meaningless 
and are retained merely to conform with the other 
runs of this group, some of which varied from each other 
by less than one volt. 

The next investigation was to find how long the paper 
would have to be kept in the constant humidity box 
to reach a uniform condition of dryness. Several 
spools of paper were put in the box, phosphorus pent- 
oxide was used, and the cover was bolted down. 
Under these conditions: 


Run 

No. 

readings 

Temp, 
deg. cent. 

Per cent 
humidity 

Hours 

drying 

Voltage 
i corrected to 
20 deg. cent.) 

IS 

1007 

25 

0.2 

24 

5S9.1 

19 

S97 

22 

0.2 

48 

590.0 

20 

S69 

23 

0.2 

120 

592.6 


The results of these runs differ from one another by 
less than the probable error, and can thus be considered 
identical. Comparison of the hourly averages, how¬ 
ever, shows a decrease in puncture voltage of 30 or 40 
volts from the first readings of a run to the last. This 
indicates that the inner layers of paper on the spool 
were incompletely dried. 

The next step was to bake the paper in an electric 
oven at 103 deg. cent. The results were: 


Run 

No. 

readings 

Temp, 
deg. cent 

Per cent 
humid. 

Hrs. baked 
at 103 deg. 
cent. 

Voltage 
(cor. to 20 
deg. cent.') 

Volts 
dev. from 

aver. 

22 

1064 

23.6 

0.2 

S 

614.6 

-0.8 

23 

1040 

26.1 

0.2 

17 

616.4 

+1.0 

24 

971 

25.7 

1.2 

8 

615.2 

-0.2 






At. = 615.4 



The hourly averages in these runs showed no downward 
trend with time, indicating uniform baking throughout 
the spool. The standard deviation of the individual 
readings was 46.0 volts, which is in agreement with 
later tests. The probable error of the daily average 
predicted from the cr of the individual readings is 1.0 
volt. The agreement among the daily averages is 
thus even better than would be predicted from the a 
of the individual readings, neglecting all long-time 
variations in the paper. Therefore, the small daily 
variations in the above runs are evidently due to some 
fortuitous combination of circumstances which cannot 
be expected to obtain generally. In fact, all the later 
runs show a greater probable error of the daily average 
than predicted from the single readings, due un¬ 
doubtedly to long-time variations in the quality of the 
paper.* 

*See ‘‘Precision of Results.” 


This method of baking the paper was used in all tests 
up to Run 50. A change was then made to vacuum 
baking, which wa§ used in all subsequent runs. It 
will be noted from Fig. 15 that the tests made with 
the two methods gave the same results. That there was 
very little moisture in the paper is also indicated by the 
fact that there is no break in the E — 9 curve* near 
100 deg. Our conclusions, then, are that the effect of 
moisture on the breakdown voltage is not as great as 
might be expected, and that there seems to be no diffi¬ 
culty in getting the paper dry enough to insure uniform¬ 
ity from this aspect. 

Effect of Temperature. It seems reasonable to expect 
the thermal theories to apply in a great number of cases 
of breakdown. It seems equally likely, however, 
that the theories will fail in other cases such as sudden 
application of voltage, very low ambient temperatures, 
or extremely thin materials. In such cases there is 
little possibility of progressive heating of some path 
through the insulation, and breakdown must be of a 
different, nature. There appear to be, then, at least 
two mechanisms of breakdownf which we will call 
“thermal” breakdown and “disruptive” breakdown. 
The question then arises as to the limits of applicability 
of each theory. This is a subject for experimental 
investigation. 

If puncture voltage be plotted against temperature, 



A—Predicted by thermal theories of breakdown 
B—Probable shape for distruptive breakdown 

the thermal theories predict an exponential curve A, 
Fig. 7. Purely disruptive punctures, on the other hand, 
would probably be nearly independent of the tempera¬ 
ture, as in the curve B. It seems likely, therefore, that 
if a curve were obtained for any material over a wide 
enough range of temperatures, thermal breakdowns 

*Fig. 8. 

fHayden and Steinmetz, Bibliography No. 8, discuss several 
possible mechanisms of breakdown. In this connection, Rogow- 
ski says: ‘‘The opinion that breakdown is caused solely by 
heating must be abandoned in the case of thin plates, low 
temperatures, and sudden applications of voltage. On the other 
hand it may be correct for thick plates, high initial temperatures, 
and sufficiently long voltage applications; though a decisive 
verdict is not possible at present due to lack of suitable experi¬ 
mental material.” 
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would occur in part of the range and disruptive break¬ 
downs in the remainder. A combination of A and B 
would result. Such a curve would prove the existence 
of both kinds of punctures, and might lead to some 
criterion by which the transition point could be 
predetermined. 

The results obtained are shown in Pig. 8. The tem¬ 
perature was varied from — 2 deg. to + 180 deg. cent., 
as wide a range as could be conveniently obtained. Each 
point represents a daily average of from 800 to 1000 



Fig. 8—Breakdown Voltage As a Function or Temperature 

Buns 103-130 

Eleetirodo No. 3 

Electrode pressures =■ 210 lb. per In. 2 

.Relay protective resistance “ 30 X 10* to 50 X I0 3 ohms 

Voltage raised at 1800 volts per min. 

G. E. condenser paper baked In vacuum for 8 lit*, at 72 deg. cent, before 
each test 

ICach point represents the average of from 500-1000 readings 

readings. It will be noted that a rise in temperature of 
100 deg. cent, causes a diminution in puncture voltage 
of only 15 per cent. 

The curve appears to be of the form B rather than A.* 
Further analysis given in Appendix A leads to the same 
conclusion; namely none of the 'punctures obtained in 
these tests occurred according to the thermal theories of 
breakdown. This is probably due to the very thin 
material used and the excellent heat-transmitting 
properties of the electrodes. J Further tests are now in 
progress with thicker materials with which it is hoped to 
obtain curves of both the A and B types. 

Effect of Electrode Area. Considerable work has been 
done in the past regarding the effect of electrode size. 
In 1913, Mr. F. M. Farmer 20 presented the results of 
tests on varnished cambric and hard rubber with elec¬ 
trodes of various sizes. Mr. Milnor 44 showed that, if 
we consider the insulation to be non-homogeneous, 

*In accordance with the JoJfe theory of breakdown which has 
recently appeared, our curve is a measure of the number of 
free ions existing in the material at various temperatures. 

. JSee also Appendix B. Since our paper was written, some 
very valuable work by Inge, Semenoff, and Walther has been 
published 62 . E - 0 curves are obtained showing a decided 
break where the mechanism of breakdown changed from the 
disruptive to the thermal type. 


each elementary area between the electrodes having 
its individual value of dielectric strength, and if we 
assume further that these values are distributed 
according to the normal form of probability curve and 
that puncture occurs at the weakest point, then the 
breakdown voltage should be 

E = C 1 - C 2 log A 

A is the area of the electrodes and Ci and C 2 are con¬ 
stants. This is .known as the “weak-spot” theory. 
Farmer’s curves were of this form. The experiments 
of Geweeke and Krukowski 21 also seem to support the 
weak-spot theory. Further work by G. Y. Fong 23 and 



TIMES ORIGINAL AREA 


Fig. 9 —Breakdown Voltage As a Function op Electrode 

Area 

Electrode No. 1 

Kennelly and Wiseman, 24 however, have cast some 
doubt on the validity of the theory, and nothing really 
conclusive seems to have been decided. 

In connection with an investigation of the various 
factors which might have caused errors in the E - 6 
curve, some runs were made to determine the effect of 
electrode area. While the evidence is not conclusive, 
it seems to support the weak-spot theory. 

If the weak-spot theory is correct, the breakdown 
voltage obtained with large electrodes of area n A 
should he the same as the lowest value obtained in n 
consecutive tests made with electrodes of area A. In 
other words, puncture should occur at a certain voltage 
corresponding to the weakest spot in a given, area, 
regardless of whether this area is tested all at one time 
by the use of large electrodes, or is tested one section 
at a time with small electrodes. Thus if a large number 
of tests is available, using one size of electrodes, the 
puncture voltage for electrodes of twice this area should 
be obtainable in the following way: Consider the results 
in groups of two, discard the higher value in each case, 
and take a new average of the remaining figures. 
Similarly, the breakdown voltage for three times the 
original area should be obtainable by dividing the 
readings into groups of three and averaging the lowest 
values of each group. 
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This was done in the case of Electrode No. 1 as shown 
in Fig. 9. The area of this electrode was taken as unity 
for convenience. It will be noted that the result is 
very accurately of the form 

E = Ci- Co log A 

as was predicted by Milnor. Our tests, therefore, 
support his proof. His assumption of a normal dis¬ 
tribution of puncture voltages (an assumption which at 
that time had not experimental verification) is also 
verified by our tests. * 

Similar analyses were made with electrodes of twice 
and four times the area. The resultsf are shown in 
Fig. 10. To be a perfect check of the weak-spot theory, 
the three curves should coincide. Though all curves 
have practically the same slope, No. 2 is about 2 per 
cent higher and No. 1 about 2 per cent lower than 
No. 3. • Probability theory shows that this is too large 
a discrepancy to be due entirely to random variations 
in the paper. It is most likely caused by a “seasoning” 
action of the electrode faces, an effect which unfortu¬ 
nately was not discovered until after these runs were 
finished 4 It is also possible that some thermal or 
other effects are present which are ignored by the weak- 
spot theory. The tests, however, indicate that the 
theory is at least approximately correct. 

The Standard Deviation. Fig. 11 shows the frequency 



SIZE OF ELECTRODE 


Fig. 10 —Breakdown Voltage As a Function of Electrode 

Area 


Average of 8808 readings 
Electrodes Nos. 1,2, 3 
Electrode pressure = 2^.0 - 850 lb. per in. 2 
Relay protective resistance =56 X 10 3 ohms 
Voltage raised at 1800 volts per min. 

G. E. condenser paper baked in vacuum for 8 hrs. at 72 deg, cent, before 
each test 


distribution for a day’s run. This was obtained by 
counting the number of readings falling in each 10-volt 
interval. The smooth curve is the probability curve 
having the equation—, 

*SeeFig. 11. 

fAll tests were made at a temperature of 48 deg. cent., humid¬ 
ity of 0.4 to 4 per cent, and a voltage rise of' 1800 volts per min. 

fSee ‘ ‘Effect of Polishing Electrodes.” 
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It will be noted that the points of our frequency dis¬ 
tribution fall fairly well on this curve, showing that the 
distribution is of the normal form such as is obtained 
for the variations of any quantity governed purely by 
chance. § Distributions obtained on other runs are 
very similar to the one shown. The highest point of 
the curve is, of course, at the arithmetic average of all 



Run 108 
a =43.1 volts 

-7=- =92.6 X 10 4 


the readings, and thus is the most probable voltage of 
breakdown. 

The constant a in the above equation is called the 
standard deviation or dispersion. It is a very important 
constant in statistical work, since it completely specifies 
the distribution, and thus takes the place of a mass of 
data. The standard deviation was obtained from the 
puncture voltage readings by the'use of the equation 


a 



g ( 8y 

n 


where 2 (<5) 2 is the sum of the squares of the deviations 
from the mean and n is the number of readings. In 
this case, a = 43.1 volts. A more uniform and 
homogeneous material would have a more peaked curve 
and therefore a smaller value of sigma. A more 
variable material would have a larger sigma. Thus the 
constant cr is a measure of the inherent variability of 
the material.* 

It is believed that the standard deviation will be of 
practical importance in future insulation engineering. 
Sigma is a constant of the material, 'just as important 
in its way as puncture voltage. The puncture voltage 
indicates the average value at which breakdown'occurs; 
the standard deviation tells how much variation there 

§ See, for instance, Bibliography, 44-50. 

*It also includes of course, the accidental errors of measure¬ 
ment. 
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will be from sample to sample. By knowing both these 
constants, the insulation designer can put his work on a 
much firmer foundation than would otherwise be 
possible. The constant should also be of use in the 
specification of insulating materials. The variability 
of the material bought by large cable or condenser 
manufacturers, for instance, is of the utmost importance 
to them. By specifying <r and keeping it up to standard 
by tests made on samples from each batch received, 
the manufacturer would eliminate one of the variables 
which tend to produce a non-uniform product. 

Precision of Results. As previously noted, -Fig. 12 
shows the results of 16,000 punctures made under the 
same conditions. The tempe ature was kept at 
40 deg. cent., the humidity was between 0.2 and 0.4 
per cent, and the electrode No. 0 was used throughout. 
Each point represents an hourly average of between 100 
and 120 readings. The ordinates are the deviations of 
the hourly averages from the average of the day in 
which they occurred. The abscissas are merely con¬ 
secutive hours of run. With the exception of the first 
run, the data do not appear to have any decided trend, 
either up or down, but seem to be purely random 
variations such as would be expected from variations 
in the paper itself. 



Fig. 12—Voltage Deviations, Runs 38-60 


(Hourly averages minus daily average) 

That the variations are random and follow the normal 
law is shown by Fig. 13. The points give the frequency 
distribution of these hourly averages. The smooth 
curve is the theoretical probability curve. The points 
fit the curve about as well as could be expected with such 
a small number of data, only 150 points. The next 
curve, Fig. 14, shows the deviations of the daily averages 
from the average of the eighteen runs from No. 39 to 
59, inclusive.* 

A statistical analysis was made of all the data, 
Appendix C. The actual values of <r are as follows: 
For the individual reading, 40 volts; for the hourly 
average, 9.19 volts; for the daily average, 5.3 volts. 

*Run 38 was not used because of its low average. This is 
explained in the next section. Runs 49 and 50 were made, but 
the hourly averages were not computed. 


Comparison of the hourly and daily sigmas with the 
corresponding values predicted from the a of the individ¬ 
ual readings by probability theory, shows that in both 
cases the actual values are too high. The discrepancy 
of the daily value is, however, not much greater than 
that for the hourly sigma. This would seem to indicate 
that the unavoidable changes in humidity and baking 
(variations which did not occur from hour to hour) 
were not responsible for the variations in the daily 
average. It is thought that both hourly and daily 



Fig. 13—Probability Curve of Hourly Averages, 
Runs 39-60 

a = 9.19 volts 
1 


variations are due principally to inherent variations in 
the paper itself. 

Appendix C also shows that the probable error of the 



Fig. 14—Deviations of Daily Averages from Total 
Average of 18 Runs 

All readings corrected to 30 deg. cent. 


daily average is 3.6 volts, and thus the daily average is 
correct to less than one per cent.f Analysis of the runs 
used in obtaining the E - 9 curve, Fig. 8, shows a 
similar situation. The probable error of the daily 
average in this case is 4.7 volts, giving again an error of 
less than 1 per cent. Thus the accuracy obtained by 
the machine is evidently much greater than could have 

fThis, of course, ignores any constant errors which may have 
been present in all the tests. 
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been reached by the usual methods without an undue 
expenditure of time and labor. 

These 


included variations in the temperature and time of 
baking, variations in humidity, electrode size and pres¬ 
sure, rate of voltage rise, value of protective resistance, 
time which elapsed after polishing the electrodes, volt¬ 
meter calibration, and errors in temperature measure¬ 
ment;. Nearly all of these factors were investigated 
over a wider range than would be likely to occur 
accidentally. 


has been present in most tests, though it appears not 

to have been noticed before. Kvidently it tests are 
made on the very steep part of the curve, fhe results 
will be much more inconsistent than would otherwise 
he the case. In our tests, it was necessary to discard 
at least 1000 readings after the electrodes were polished. 

The cause of this t rouble is not known. On-rent, at 
breakdown was limited by the protective resistance to 
such a low value that there was no pitting of the elec- 
trodes nor was then* any apparent roughening of the 
surface. One possible explanation is that the puncture 
produces an insulat ing coating; on t lie elect rode surfaces. 

TVvM-tviIttMf ian 1 1T ( lw» I'futl'iW ‘-•.lit HVS f tin f CMfh num'l 



Em. lf> 1 10ti iuvy Av shacks, Runs JiS-tH) 

All mulltigH comiefcod i.o so dog. nml,. 

DoUod ciirvo IntllcaloH tho upward t.rmitl of vollagf duo to Noasonltus of 
Uio olooi.rodoM 

very considerable, as will be shown later. Too high a 
protective resistance was also found to have great effect., 
since it produced sluggish operation of the relay. 
Care was taken to eliminate both of these errors.:): 
The other factors were shown to have very little effect in 
the limited range through which they might conceivably 
have varied. I t seems unlikely that, any of them caused 
variations of more than 1 or 2 volts. This again goes to 
show that most of the variation was due to the paper 
itself. 

Effect of Polishing Electrodes. It has already been 
noted that the puncture voltage in Run 28 was very 
low. This is also shown in Fig. 15 where hourly 
averages are plotted against hours’ use of the electrodes 
after polishing.§ Here the low puncture voltages 
obtained after polishing are very evident. To make 
sure that this was not a freak happening, hourly 
averages were plotted for a number of other runs, 
and in each case the time of polishing the electrodes 
was clearly shown by a set of readings lower than those 
obtained at any other time. 

Brass and copper electrodes are commonly used for 
breakdown tests. It is probable that this phenomenon 

tExuopt in the investigation of olootrodo area, where the offoet 
of polishing the electrodes was probably of importance. 

§Tlio gap at Runs 49 and 50 is due to the fact that hourly 
averages were not computed for these runs. 


causes a small black mark on the elect miles. These 
spots distribute themselves fairly evenly ov er the entire 
electrode surface. After a day’s use, the fares reach a 
state of more or less uniform blackening, which is not 
altered much by subsequent runs. If each spot in¬ 
troduces a high resistance in series wit h I hr paper below 
it, puncture will tend to occur at places where there are 
no spots. This will have the effect of decreasing the 
elfeetive surface, and will increase the puncture voltage 
accordingly. After a large number of punctures, the 
blackening effect will reach a nearly constant value, 
with like effect on the puncture voltage. Tests are now 
being made to determine if this effect can be eliminated 
by the use of a nonoxidizing; metal for the electrodes. 

{ ‘uNCf.PSIt ms 

A curve of punct ure voltage against temperature was 
obtained for t),0(l05-in, condenser paper in the range 
from 2 deg. to | 120 deg, cent. Tie* puncture 

voltage was found to decrease uniformly at about 
0.9 volt per deg, cent, rise, Comparison of these data 
with the thermal theories of breakdown indicates that; 
none of these punctures occurred according to the 
thermal theories, but were evidently of the disruptive 
type. 

If was found that the puncture voltage measurements 
wen* distributed according to the normal law, A set of 
<8800 readings with different sized eleetrodes appears to 
support, flie weak-spot theory, though the evidence is 
hardly conclusive, 

The standard deviation of t he readings was found 
to be a constant, of the material, independent of the elec¬ 
trode area and only slightly affected by temperature and 
number of readings. It is believed that flu constant 
will be of considerable use in the speciticaf ton of in¬ 
sulation, since it is a measure of the variability of the 
material. 

rt was found that the inherent variability of the paper 
was not confined to causing variations from reading to 
reading, but, also caused long-time variation , from hour 
to hour and from day to day. This reduces the ac¬ 
curacy of the daily averages below the values predicted 
by the theory of probability. 

An analysis of the results indicates that the varia¬ 
tions from hour to hour and from day to day are largely 
due to variations in the paper if self,* An investigation 


! 
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was made of the various possible sources of error, 
and it appears that no one of them could have caused 
an error of more than one or two volts. The probable 
error of the results is shown to be less than 1 per cent. 
This precision is evidently considerably higher than 
could have been obtained in the ordinary way without 
a great expenditure of time and labor. 

Copper and brass electrodes are commonly used for 
puncture tests. Our experiments, however, indicate 
that with such electrodes there is a “seasoning” effect. 
This produces a marked change in puncture voltage 
unless the electrodes are cleaned after each puncture 
or are allowed to reach a steady state before readings 
are taken. Such a condition was obtained only after 
about 1000 -readings. 

Appendix A 

Thermal Theory op the E - 6 Curve 
According to the thermal theories of breakdown, 
puncture occurs when 

E~ 

- == C, a constant* 

P 

where A 1 = voltage gradient at breakdown, 

p = resistivity of the weakest path at the tem¬ 
perature of the surroundings, 6. 

Physically, this means that for a condition of in¬ 
stability to obtain, it is necessary that the rate of heat 
generation per unit volume ( E 2 /p ) shall reach a certain 
critical value (C). This value is a constant for a given 
material. It depends upon the thermal conductivity, 
the temperature coefficient, and also, in Rogowski’s 
theory, upon the thickness. 

If we assume that the resistivity is an exponential 
function of the temperature 

. _ -7 0 

P — p n € 

then it is evident that 

y 

E = VCjo e~ T ° 

Thus the y obtained from resistivity measurements 
will determine the change of puncture voltage with 
temperature. 

Unfortunately, no resistivity measurements have yet 
been obtained on the paper used in these experiments. 
According to the work of J. E. Shrader 30 , however, 
* According to Wagner, loe. eit., formula 2, 

12 * _ 

|0 7 e 

k = thermal conductivity, 

7 = temperature coefficient of resistivity, 

€ = 2.71828 . . . 

This is based on the assumption that heat flow is radial from a 
thread into the surrounding insulating material. 

Rogowski assumed that heat flowed only into the electrodes, 
and obtained the result, Rogowski, loe. .cit., Formula 11, 

JS*_ _ 8 k 

p 7 D 2 

where D is the thickness of the insulation. The only difference 
is in the constant C. 


untreated fish paper has a temperature coefficient of 
about 0.07. Assuming this value for y, we find that 
the puncture voltage at 100 deg. cent, should be 

- ~ ( 100 ) 

E 100 = 587.5 c 2 == 18 volts 

Instead of the 498 volts actually obtained. 

If, instead of a straight line, we use an exponential to 
approximate the data of Fig. 8 , we find 
E = 587.5 e~ a0016fl 

The value of 7 is thus 0.0032. That such a value is 
very improbable is shown by the following table: 


Authority 

Material 

T 

J. E. Shrader 30 ... 

Untreated fish paper, vacuum-dried 

0.07 

J. E. Shrader 30 ... 

Untreated fullerboard, vacuum dried 

0.07 

J. E. Shrader 30 ... 

Paraffined fish paper 

0.104 

H. H. Poole 20 ..., 

Mica 

0.051 

H. H. Poole 20 .... 

Glass 

0.109 

E. Miindel 17 . 

Glass 

0.084 

Landolt-Bornstein 6 

Glass 

0.120 

Landolt-B ornstein 5 

Hard rubber 

0.023 

Landolt-Bornstein 5 

Porcelain 

0.084 


Appendix B 

Some work of E. Miindel 17 has recently come to our 
attention, and a set of his curves has been replotted in 
Fig. 16. The material used in the tests was glass 0.4 
mm. thick. Two curves, A and B, have been added to 



Fig. — 16 Puncture oe Glass 0.4 Millimeters in Thickness 
(From Mundel— Archiv. f. El. 15, 1925, p. 338) 

Miindel’s results. Curve A is an exponential with 
(y/2 — 0.0171). The straight line B falls 15 per cent 
with 100 deg. cent, increase in temperature just as in 
Fig. 8 . 

These curves are a possible explanation of Mundel’s 
results. The part of his curves from 50 deg, upward is 
evidently caused by thermal breakdowns, while the 
lower temperature punctures were probably disruptive. 
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It will be noted that all the curves appear to approach 
the slope of B as the temperature is decreased, while at 
the higher temperatures they approximate exponentials 
about as closely as the usual curves for resistivity do. 

The value (7 = 0.034) from curve A seems to be a 
little low for glass; see table in Appendix A; but the 
discrepancy may be due to the fact that the resistivity 
of most insulating materials is a function of voltage 
as well as temperature, a fact which is neglected in the 
thermal theories. 

Miindel’s results, therefore, indicate the existence of 
both mechanisms of breakdown and show that the tran¬ 
sition point for this particular case is about 50 deg. cent. 

Thermal breakdowns are probably obtained in 
MlindeFs tests and not in ours because of the difference 
in thickness of the two materials, his glass being about 
30 times the thickness of our paper. All of our tests 
are undoubtedly on the straight line far to the left of 
his curves. 

It is evident that for practical^purposes, nothing 
could please the insulation expert more than to be sure 
that his insulation would operate on curve B rather 
than A, since its breakdown strength would then 
decrease so little with temperature. With a more 
thorough knowledge of insulation, the future engineer 
may be able to avoid thermal breakdowns altogether. 

Appendix C 

The following analysis was made: 

Total readings, Runs 39-59, inclusive, = 16,505 

Total hours.= 154 

Total days ..= 19 

Av. hrs. per day = 8.11 
Av. rdgs. per day = 869 
Av. rdgs. per hr. = 107 

From individual readings: 

a of one reading = 40 volts 

40 

or of hourly aver. ' = — =- = 3.86 volts 

V 107 

a of daily aver. = —= 1.35 volts 

V 869 


a of total = 


40 


V 16505 


From hourly averages: 
a of hourly aver. 

cr of daily aver. - 


9.19 


v8.ll 


= 0.31 volts 

= 9.19 volts 
= 3.22 volts 


a of total 


9.19 


V 164 

From daily averages: 

cr of daily aver. . 


= 0.74 volts 

= 5.30 volts 


cr of total = . . = 1.22 volts 

v!9 

Probable error of daily aver. = 5.30 X0.6745 = 3.6 volts 
Probable error of total = 1.22x0.6745 = 0.82. 
These results can be tabulated as follows: 

STANDARD DEVIATION 



Individ. 

rdg. 

Hourly 

Daily 

Total 

Daily cr 

j- 

cr by Ind. 
rdgs. 

By indiv. rdgs. 

4Qv 

3.86 

1.35 

0.31 

1.0 

By hourly aver. 


9.19 

3.22 

0.74 

2.4 

By daily aver. 



5.30 

1.22 

3.9 


Bibliography 

1. K. W. Wagner, The Physical Nature of the Electrical 
Breakdown of Solid Dielectrics, A. I. E. E. Trans., Vol. 41, 1922, 

p. 288. 

2. Hayden and ♦Steinmetz, “Insulation Failure: a Pyro¬ 
technic Effect,” Elec. World, Vol. 80,1922, p. 865. 

3. L. Dreyfus, “Mathematische Theorien fur den^Dureh- 
sehlag fester Isoliermaterialien,” Schweizerische Electrotec/lnischer 
Verein Bulletin, Vol. 15,1924, p. 321. 

Part II, Schweiz. El. Ver., 15, 1924, p. 577. 

4. Th. v. Karman, “Uber das thermish-elektrische Gleiehge- 
vieht in festen Isolatoren,” Archiv.f. El., 13,1924, p. 174. 

5. W. Rogowski, “Der Durchseklag fester Isolatoren,” 
Archiv.f. El, 13,1924, p. 2. 

6. Guntker-Sckulze, “Die neuesten Untersuchungen uber die 
dielektrisehe Festigkeit von Gasen, Fliissigkeiten und festen 
Korpern,” Helios, 29,1923, p. 85. 

7. A. Mandel, “Neure Ansickten liber den Dureksehlag 
fester Isoliermaterialien,” Elektrotechnik u. Maschinenhau, 41, 
1923, p.677. 

S. Hayden and Steinmetz, High-Voltage Insulation, 
A. I. E. E. Trans. 42,1923, p. 1029. 

9. Del Mar, “Theories of Insulation Failure,” Elec. World, 
SO, 1922, p.1273. 

10. J. B. Whitehead, “Dielectric Loss and Breakdown,” 
Elec. World, 80, 1922, p. 1049. 

11. C. J. Fechheimer, “Failure of Insulation,” Elec. World, 
80, 1922, p.1049. 

12. Seekrist, “Wagner Theory of Dielectric Breakdown,” 
M. I. T. Thesis, 1924. 

13. L. M. Dawes, “Apparatus for the Investigation of 
Breakdown of Solid Dielectrics,” M. I. T. Thesis, 1923. 

14. P. L. Hoover, Mechanism of Breakdown of Dielectrics-, 
A. I. E. E. Jour., 1926. 

15. Karl Berger, “Der Durchseklag fester Isolierstoffe als 
Folge ilmer Erwarmung,” Schweiz. El. Ver., 17, 1926, p. 37. 

16. Karl Berger, “Breakdowns in Insulating Material,” 
Brown Bovcri Rev., 13, 1926, p. 115. 

17. E. Mundel, “Zum Durchseklag fester Isolatoren, Unter¬ 
suchungen im Hochvakuum,” Archiv. f. Elek. 15, 1925, p. 320. 

18. Hans Roehow, Uber einige Fragen der elektriseken 
Festigkeitslehre, Archiv.f. El. 14,1'925, p. 361. 

19. H. Gabler, “Uber den Zusammenhang von Strom und 
Spannung in festen Dielektrizis,” Archiv.f. El. 14, 1925, p. 406. 

20. F. M. Farmer, The Dielectric Strength of Thin Insulating 
Materials, A. I. E. E. Trans. 32,1913, p. 2097. 

21. Gewecke u. Ivrukowski, “Elektrodengrosze und Durch- 
schlagsspannung bei der Prufung dunner Isolierstoffe,” Archiv. 
f. El. 3,1914, p. 63. 

22. Emerson and Webber, “Effect of Temperature and Elec¬ 
trode Area upon the Dielectric Strength of Insulating Material 
Immersed in Oh,” M. I. T. Thesis, 1914. 










June 1927 


BUSH AND MOON: PRECISION MEASUREMENT OF PUNCTURE VOLTAGE 


1035 


23. G. Y. Pong, “Breakdown Strength of Dielectric Between 
Disc Electrodes,” AT. 1. T. Thesis, 1915. 

24. Kennelly and Wiseman, “Apparent Dielectric Strength of 
Varnished Cambric,” Elec. World 70,1917, p. 1138. 

25. Bush and Connell, “Effect of Absorbed Gas on the Con¬ 
ductivity of Glass,” M. I. T. E. E. Research Bulletin, No. 31, 
Sept. 1922. 

26. W. R. Francis, “Conduction through Dielectrics,” 
M. I. T. Thesis, 1926. 

27. Gunther-Schulze, “Ionization in Glass with High Field 
Intensities,” Phys. Zeitschrift, May 15, 1923; Sci. Abs., 1923, 
No. 1955A. 

28. H. H. Poole, “On the Temperature Variation of the 
_ Electrical Conductivity of Mica,” Phil. Mag. 34, 1917, p. 195. 

29. FI. H. Poole, “Conductivity of Some Dielectrics,” Phil. 
Mag. 42,1921, p. 488. 

30. J. E. Shrader, “Vacuum and Heat Treatment of Insu¬ 
lating Materials,” Elec. Jour. 17, 1920, p. 157. 

31. J. E. Shrader, “Conductivity of Insulating Materials near 
the Breakdown Voltage,” Phys.’Rev., 1921, p. 502. 

32. T. S. Taylor, “Thermal Conductivity of Insulating and 
other Materials,” Elec. Jour. 16, 1919, p. 526. 

33. G. L. Addenbrooke, “The Properties of Dielectrics, 
Nature, 113,1924, p. 490. 

34. Burkholder and Replogle, “Impregnated Paper Cable 
Characteristics,” M. I. T. Thesis, 1925. 

35. H. L. Curtis, “Volume Resistivity and Surface Resistivity 
of Insulating Materials,” G. E. Rev. 18,1915, p. 906. 

36. L. T. IFolladay, ‘‘Resistance of Vitreous Materials,” 
Jour. Frank. Inst., Feb. 1923. 

37. W. S. Flight, “Effect of Heat on the Electric Strength of 
Some Commercial Insulating Materials,” J. I. E. E. 60, 1922, 

p. 218. 

3S. Maxwell and Monkhouse, “Recent Improvements in the 
Insulation of Electrical Machinery,” J. I. E. E. 64, 1926, p. 439. 

39. F. Grunewald, “Die Durchsehlagfestigkeit von festen, 
geschichteten Isoliermaterialien,” Archiv.f. EL, 1923. 

40. Kinnzbrunner, “Die Untersuchungen von Isolierstoffen 
mittels Hochspannung, E. T. Z., 1906, p. 388. 

41. A. Scliweiger, “Uber die Ermittlung der Durchschlag- 
festigkeit von hygroskpisclien Isoliermaterialien,” Archiv. f. El. 
3,1914, p. 332. 

42. Del Mar and Flanson, Effect of the Composite Structure of 
I mpregnated Paper Insulation on Its Electric Properties, A. I. E. E. 
Trans. 41,1922, p. 563. 

43. Hayden and Eddy, Dielectric Strength Ratio between 
Alternating and Direct Voltages, A. I. E. E. Trans. 42, 1923, 
p.503. 

44. J. W. Milnor, Discussion of Farmer’s Paper, A. I. E. E. 
Tr ins. 32,1913, p. 2128. 

45. L. L. Thurstone, “Fundamental of Statistics,” Mac¬ 
millan, 1925. 

46. Brunt, “Combination of Observations,” Cambridge 
University Press, 1917. 

47. Wright and Hayford, “Adjustment of Observations,” 
Van Nostrand, 1906. 

■18. C. H. Forsyth, “Mathematical Analysis of Statistics,” 
Wiley, 1924. 

49. E.- Czuber, “Wahrscheinhehkeitsreehnung,” Teubner, 
1903. 

50. Ii. L. Rietz,' “Handbook of Mathematical Statistics,” 
Houghton Mifflin, 1924. 

51. Arne Fisher, “Mathematical Theory of Probabilities,” 
Macmillan, 1922. 

52. Inge, Semenoff, and Walther, “Uber den Durehsehlag 
fester Isolatoren” Archiv f. Elek, 17, 1927, p. 433. 

53. Joffe, Kurchatoff, and Sinelnikoff, “The Mechanism' of 
Breakdown-of Dielectrics” Journal of Math, and Physics, Vol. 6, 
1927, p. 133. 


Discussion 

W. W. Shaver: Mr. Moon stated that his results indicated 
that the breakdown was not a pyroelectric effect. I should like 
to mention some experiments which we have been carrying out 
on Pyrex and porcelain insulators which seem to warrant a 
similar conclusion. 

These consisted in developing partial punctures; that is, 
carrying a puncture test almost to the point of breakdown, and 
then breaking the circuit and examining the partial puncture 
in the material. We have some photographs showing what 
might be described as “petrified lightning” in the breakdown in 
the Pyrex insulators. The discharge very much resembled a 
lightning flash permanently impressed in the glass. In the porce¬ 
lain insulators, of course, we could not observe this in the same 
way, but by staining the material, we have found means to show 
that breakdown occurs in a similar manner. When examined 
under the microscope, the appearance of these partial punctures 
indicated that the breakdown was not due to a pyroelectric 
effect, but more probably to ’ some type of ionization in the 
material. 

F. M. Clark: In Pittsfield, we have worked for several years 
trying to devise a theory for insulation failure. We may not 
have made any more progress than other electrical laboratories, 
but we have reached some definite conclusions with regard to 
dielectric behavior. One conclusion is that the electrical 
breakdown of air-impregnated insulation is certainly not a 
breakdown phenomenon which we can explain on the basis of the 
pyroelectric theory. That checks, I believe, with the conclusions 
drawn by the authors. Air-impregnated insulation appears to 
give a breakdown which is a function of the chemical be¬ 
havior and dielectric strength of air. 

On the fifth page of their paper, the authors discuss the effect 
of large and small electrodes. They apparently .reach the con¬ 
clusion that the difference accompanying the use of large and 
small electrodes is a weak-spot difference. From such familiarity 
as I have with the paper they are using, I do not see how they can 
reach any other conclusion. 

If the authors desire to get further evidence of the presence 
of weak spots, my suggestion would be to take a head set and 
locate those areas with low-voltage direct current. 

In our work, we have extended the investigation to cover a 
number of laminations of this same type of paper as well as thick 
material, such as pressboard. We still find that the small elec¬ 
trodes give higher values than the large ones. This and other 
related observations make it almost conclusive to us that there 
is some effect present other than that which we can attribute 
to weak spots mechanically formed during the manufacture of 
the paper. 

I was interested in the results wdth polished brass electrodes. 
We found the same thing. However, we have been led to believe 
that in all probability the low breakdown which is obtained for 
such thin materials when tested with new electrodes is due to 
the fact that the machinist has not polished the electrode sur¬ 
face sufficiently. With low-voltage direct current, w r eak-spot 
tests invariably show a larger number per sq. ft. with a new set 
of electrodes than with an old set. With frequent use, this, 
difference between the electrodes tends to disappear. We have 
about concluded that the difference is largely due to a surface 
condition of the electrode which is mechanical and not chemical 
in any way. 

Herman Halperin: In the body of the paper, the authors 
carefully point out the fact that the paper is only one-half a mil 
thick and for this reason thermal factors are favorable to dis¬ 
ruptive breakdown. 

Thermal breakdown. The equation for thermal breakdown is 
E 2 /p = C (Appendix A) 

Now, this equation does not contain a term for t (= time) 
since it is tacitly assumed that voltage is raised at a slow rate. 
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or steady-state condition. It takes a few hours to reach a steady 
condition. However, in Bush’s tests, 100 to 120 readings were 
taken per hour. This is at the rate of two per minute, and assum¬ 
ing that half of the time is consumed in relay operation, feeding 
the tape, etc., the voltage must have risen at least 600 volts in 
15 see., or 40 volts per sec. This is far from a steady-state con¬ 
dition and it may well be that a more critical study of the thermal 
theory including the time and thermal storage coefficient of the 
paper would yield results consistent with the data. 

At the end of Appendix B, they have this sentence: “With a 
more thorough knowledge of insulation, the future engineer may 
be able to avoid thermal breakdowns altogether.” 

That is, to my mind, a very nice hope, but I don’t believe the 
authors have presented enough data to warrant that possibility. 

Now, in Chicago, during the past few years, we have made over 
300 tests at various times and durations on impregnated paper 
insulation in underground cables. We have found that about 
75 per cent of the failures occurred in the region of the cable 
where the sheath temperature was higher than the adjacent 
sheath temperature. During the time the voltage was on the 
cable, our testing men went along the cable and felt it -with their 
hands, and whenever they discovered a point a little hotter than 
the normal cable temperature, they placed the thermometer on 
the sheath and in that way we got the data as to the location of 
the so-called hot spots. 

Furthermore we have found that a larger percentage of the 
failures was at hot spots when we had the thicker insulations, 
and so with real thin insulation, there may be more dissipation 
of the heat longitudinally so that it does not perhaps manifest 
itself in these hot spots. 

Variation of thickness. If the failure is “disruptive” and 
follows “weak-spot” theory then running 1 , 2, 3, . . or n 
paper layers. through together, the dielectric strength should 
increase faster than the thickness of the layers. I should expect 
the equations to be of the form 

E = Ei (n + C log n) 

where E is strength of n layers and E x is the strength of one layer 
(as already determined). In other words, the weak spots would 
not line up and two papers would be far stronger than two times 
one paper. 

However, on the other hand, if the thermal law were large or 
predominant, the strength could not be greater than 
E - N Ei 

and probably would follow the law 

E = V ~N Ei n G ~ x) 

If the failure were a complex combination of thermal and 
disruptive effects, (as is very probable), then the dielectric 
strength of several layers could follow the law 
E = (j) (n) Ei 

where <$> (n) could be greater or less than unity for n = small 
number (1, 2, or 3, etc.). This may explain why different 
investigators may have found 

E — n Ei 
E = (n)X E x 
E = V n Ei, etc, 

Now, Bush and Moon are in an excellent position to throw 
some light on this dispute by making identical tests with n — 2, 
n — 3, etc., up to the limit of the generator, 4000 volts (using 
wider strips, if necessary). Perhaps they could go as high as 
n — 5. Of course, they would have to be very careful about the 
pressure, since I am assuming thieknessd — nt x . 

Variation of material. The tests described are on dry paper, 
unimpregnated. Without great complication, I believe it en¬ 
tirely feasible to surround the electrodes with an oil bath and 


around several rolls under oil). The oil should be continuously 
renewed with degasified oil—the oil to flow in a closed cycle from 
the bath, into a vacuum chamber, pumped out and through a 
filter back into the bath. A surface float would prevent much 
gas from being absorbed at the surface during the short time the 
oil remains in the bath. Then the paper (being so thin), would 
quickly saturate with oil by capillary action, and small air 
bubbles trapped in the fibers would be quickly absorbed by 
the degasified oil. The test would then be a true test of oil- 
impregnated paper. 

Again, several thicknesses n should be tried up to the limits of 
the apparatus. They should be spaced apart during impregna¬ 
tion and combined under the electrode only at the last minute. 

Also it might be feasible and very valuable to adapt the 
apparatus to test oil films. All that is necessary is to have a 
continual flow of oil in the bath and a strip (or strips) of paper 
with perforated windows moved one at a time under the electrode. 
These “windows” would serve the double purpose of making the 
oil stagnant during test and positively sweeping it out clean for 
the next test. 

Correlation. Then, having the breakdown strength of paper, 
oil, and impregnated paper separately, all with variations of 
thickness and temperature, the probability is high that much 
more will be known regarding the dielectric strength of “solid” 
oil-impregnated paper insulation. For the effects of ionization 
a separate analysis would be necessary but much simplified by 
exact knowledge of the “solid” insulation in series and parallel 
with the ionizing voids. 

Wm. A. DelMar: Messrs. Bush and Moon have made an 
important contribution to the study of dielectrics in calling 
our attention to the importance of a large number of tests of 
dielectric strength, in order to obtain significant averages. 
Workers on dielectrics are indebted to them for developing an 
apparatus for putting this principle into effect. 

The actual results obtained in their tests, however, are of 
doubtful value, due to the nature of the dielectric which they 
have chosen. In the first place, unimpregnated paper is merely 
air baffled by a tangle of fibers, and is not at all representative of 
a solid dielectric. Secondly, the use of samples as thin as ]4 mil., 
especially in a material of this character, was bound to result in 
the way they have shown. It was not necessary to make tests 
in order to discover the relation shown in Fig. 11 of the paper. 
I therefore feel that they have contributed little or nothing 
towards settling the disputed explanation of the lowering of 
dielectric strength with increase of area. 

The idea illustrated by their Fig. 7 may prove to be an im¬ 
portant one for researchers on dielectrics if the slopes of the 
Curves A and B are really as different as shown. That such is the 
case is indicated by their analysis of the work of Mundel. 

R. H. Marvin: (communicated after adjournment) This 
paper is of great interest on account of the ingenious methods 
used and the accuracy and completeness of the data obtained. 
However, the dielectric used in these tests,—untreated paper,— 
raises some question as to their significance. 

If a piece of paper is examined with a microscope, it is seen 
to consist of great numbers of interlaced fibers. Such a struc¬ 
ture indicates air spaces between the fibers, which is in accordance 
with its well-known porosity. The question then arises whether 
a puncture test on such a material gives a true puncture of the 
paper substance, or merely a breaking down of the air in the 
interstices. This is best cheeked by a comparison with the 
breakdown value of an equal air-gap. 

Some excellent data on the strength of small air-gaps are given 
in, “The Sparking Distance Between Plates for Small Distances,” 
Robert F. Earhart. Philosophical Magazine. 6th Series. 
Vol. I. 1901. Pp. 147-159. From Fig. 4 of this article the 
following values for various gaps and pressures are obtained: 
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Direct-Current Breakdown Voltage 

Ge 

ip 

Pressure, 

centimeters oi 

' mercury 

Millimeters 

Inches 

40 

76 

152 

0.01 

0.00039 

340 

3S5 

490 

0.02 

0.00079 

400 

460 

700 

0.03 

0.00118 

460 

530 

900 


The temperature is given as room temperature, and will be 
taken as 20 deg. cent. Since we may assume that changes in 
density caused by either temperature or pressure have the 
same effect, these data permit determining the breakdown at 
different temperatures as well. 

Fig. 8 of the paper under discussion gives the breakdown 
strength of untreated paper 0.0005 in. (0.0127 mm.) thick at 
temperatures of from 0 deg. to 140 deg. cent. The curve is a 
straight line giving a puncture voltage of 586 at deg. cent., 
and 464 at 14.0 deg. cent. From the data given by Earhart let 
us determine these values on the assumption that the paper acts 
merely as a spacer for an air-gap. If the relative air density is 
taken as 1 at 20 deg. cent., then it will be 1.073 at 0 deg. cent., 
and 0.710 at 140 deg. cent. Plotting the values in the table 
and taking the values for a 0.0005-in. gap gives the following: 


Pressure, 

Relative air 

Breakdown 

centimeters 

density 

voltage 

40 

0.527 

354 

76 

1.000 

406 

152 

2.000 

547 


Plotting the breakdown voltage against relative air density, 
we obtain the breakdown voltage at 0 deg. cent, (relative air 
density 1.073) as 415 volts, and at 140 deg. cent, (relative air 
density 0.710) as 373 volts. Thus the value for air at 0 deg. cent 
is 70.8 per cent of the value for paper, and the value at 140 deg. 
cent is 80.4 per cent. Both values for air are therefore a little 
low, but by nearly the same percentage. 



Fig. 1 —Breakdown Gradient op Glass 
Thickness = 1 mm. 

From Ioffe, Kurckatoff, and Sinelnikoff, Jour, of Math, and Physics, 
April 1927 

There is also the possibility that the path of the spark among 
the paper fibers is not straight, hut winding. This would 
increase the breakdown voltage of the air path, and bring the 
calculated values for air more nearly in accordance with the 
observed values for paper. 

While it must be admitted that the data presented are not 
sufficient to prove that the untreated paper acted simply as an 
air-gap, still the relation is sufficiently striking to appear to 
deserve further study. 


P. H. Moon: I was much interested in the suggestions made 
by Mr. Halperin. There is, of course, an immense field for 
further work along these lines; and our work, so far, can hardly 
be considered as more than a preliminary. 

I agree with Mr. Del Mar that the material used w r as not just 
paper but was “air-impregnated” paper. I do not see, however, 
that this invalidates our results. If the breakdown were 
purely a breakdown of air, then—making due allowance for 
variations in the machine—I should still expect the results to 
be much more uniform than they were. The reason we used 
air-impregnated rather than oil-impregnated or varnished 



Fig. 2—Breakdown Gradient op Very Thin Specimens 
of Glass 

paper was simply to keep the number of variables as small as 
possible. In any measurement of insulation, the number of 
variables is large at best. If oiled or varnished paper had 
been used, additional “unknowns,” connected with the kind and 
condition of the impregnating substance, would have been 
introduced. 

In the paper by Del Mar, Davidson, and Marvin, 2 the conflict¬ 
ing results obtained by different investigators have been pointed 
out. These discrepancies are undoubtedly due to the use of 
different materials by the various investigators. However, I 
think that the differences are partly due to the fact that some of 
these breakdowns occurred according to the thermal theories 
and some did not; that is, two investigators might test samples, 
of the same material and might get entirely discordant results 
due to difference in thickness or temperature. One might get 
thermal breakdowns and the other might get ionization 
breakdowns. 

That thickness and temperature have a vital effect on the 
mechanism of breakdown is shown by some recent work by a 
group of Russian physicists. I am referring to Joffe, Inge, 
Semenoff, Walther, and some others. These investigators have 
obtained a very good check on Rogowski’s thermal theory with 
glass and with rock salt, provided the thicknesses were of the 
order of a millimeter or greater. In this ease, if voltage gradient 
is plotted against temperature, the curve is very low near 
the melting point of the material and rises exponentially as the 
temperature is decreased (see Fig. 1 herewith). This is just as 
we would expect from Rogowski’s theory. But the curve does 
not continue to go up indefinitely. At some temperature— 
150 deg. for glass—it makes a sudden break and becomes hori¬ 
zontal. Their tests have shown that it remains horizontal 
out to liquid-air temperatures. 

Joffe has shown that the exponential part of the curve isjdue 
to thermal breakdowns, while the horizontal part is caused by 
ionization. In the latter part, he has shown that the breakdown 
gradient is 

1. Electric Strength of Solid and Liquid Dielectrics, see p. 1049. 
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E = 


u- 


2 eP 


m 


where u is the mobility of the ions, P is the ionization potential, 
and e and m are the charge and mass of the ion. This would 
indicate that the gradient at breakdown is independent of 
the thickness and temperature, provided the mobility stays 
constant. 

It might seem that the horizontal part of the curve repre¬ 
sented the maximum gradient obtainable, but some further 
work has shown that this is not the ease. If gradient is plotted 
against thickness of the material (Fig. 2 herewith), for sheets 
less than 5 jx in thickness, the gradient goes up inversely as 
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the thickness and rises to very high values. This again is 
supposed to be due to ionization by collision, but in this case 
the thickness is so small that there are insufficient ions to cause 
breakdown at the previous value (horizontal part of curve), 
and thus the gradient is higher than it would be for thicker 
materials. 

Finally, a place is reached at about 0.2 /z, where the gradient 
is again a constant independent of thickness or temperature 
and having the immense value of 150 million volts per cm. 
Breakdown here is probably due to actual rupture of the mole¬ 
cules of the substance. 

So, to su mm arize, these investigators have shown that there 
are at least three distinct mechanisms of breakdown, and that 
these different mechanisms apply in different cases. 
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Synopsis . —A brief review is given of the literature on conduction 
through insulators. Every dielectric has a definite resistivity when 
the 'potential gradient is below a certain value, different for each 
substance. If the potential gradient is continually increased, a 
point is reached where an increase in voltage does not affect the 
current. This is called the saturation current. With still greater 
potential gradients, a point is-reached where the current increases 
rapidly and breakdown soon results. All these phenomena of con¬ 
duction are explainable as the movement of ions in an electric 
field. 

The resistivity of a dielectric depends on the number of ions in 
unit volume, on the charge on each ion, and on their mobility (velocity 
under unit potential gradient). The saturation current depends 
on the charge on each ion and on their rate of production. Break¬ 
down is preceded by ionization by collision, which is determined by 


I. Introduction 

N insulating material is defined as a material which 
either does not conduct an electric current or 
conducts it to a very limited extent only. There 
is, however, no definite lower limit of conductivity which 
sharply separates insulators from conductors. In fact, 
some substance on being subjected to a change in 
temperature will gradually and continually change from 
a state which would certainly be called conducting to 
one which, with equal certainty, would be called insu¬ 
lating. Since there is no sharp dividing line between 
insulators and conductors, it seems desirable to sum¬ 
marize, briefly, our knowledge of the process of electric 
conduction before attempting to apply it to the particu¬ 
lar case of insulators. This paper will attempt to 
correlate our knowledge of the conductivity of insulators 
with the theories which have' been put forward to 
explain the passage of electricity through conductors, 
and to point out the facts which require an extension of 
these theories in order that conduction through insu¬ 
lators may be explained. 

Electricity is always associated with matter. When¬ 
ever there is a current of electricity, there is always a 
current of material particles. Electric currents can be 
divided into three classes depending upon the mass of 
the material particle associated with each fundamental 
electric charge. These are 

1. Electronic conduction 

2. Ionic conduction 

3. Colloidal conduction. 

In electronic conduction the moving electricity is 
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the ionization potential of the substance and the length of path oj 
an ion. 

The number of ions normally present in a dielectric depends not 
only upon the rate of producing them but also upon their rate of 
recombination. The rate of recombination is a constant of the 
material, but the rate of production may depend either upon outside 
agencies or inside forces. In gases, ions are generally produced by 
outside agencies, the important ones being rays from radioactive 
materials, X-rays and ultra X-rays. In liquids and solids, ions 
may be produced not only by the external agencies of rays and 
radiation, but also by the inside forces of solution and dissociation. 

The ionic theory of conduction has been sufficiently developed to 
explain all the observed facts in the case of gases. Modifications and 
extensions are necessary, however, before all the experimental data 
on solids and liquids can be interpreted. 


associated only with the electrons. These are ex¬ 
tremely small amounts of matter to which the elemen¬ 
tary negative charge of electricity is inseparably bound. 
The most familiar example of electronic conduction is 
conduction through metals, although many interesting 
and important applications are found in vacuum tubes. 
Since electrons are all of the same mass and since the 
same current and hence the same number of electrons 
must pass every part of the circuit, there is no measur¬ 
able transfer of matter in electronic conduction. 

In ionic conduction the moving electricity is associ¬ 
ated with a subdivision of a molecule, or in some cases, 
with such a subdivision to which a few molecules are 
attached. The most familiar example is conduction 
through electrolytes, although conduction through 
gases, through fused salts, and even through a number 
of solid substances is of this type. In this case there is 
always a transfer of matter, which can be detected at 
any surface of discontinuity in the materials which 
form the electric circuit. 

In colloidal conduction, the electric current is 
carried by small masses of matter which are suspended 
in some inert medium. The electrical precipitation of 
smoke and dust by an electric current is an application 
of colloidal conduction. 

While the three kinds of conduction are quite distinct, 
yet any two or even all three may take place simul¬ 
taneously. As an example, it sometimes happens that 
when a solvent ionizes, one ion will consist of a single 
electron, while the positive ion will consist of all the rest 
of the molecule. Then when a difference of potential is 
applied, there is both electronic and ionic conduction. 
A complicated example of this is the Nernst filament at 
high temperatures, where both ions and electrons partic¬ 
ipate in carrying the electric current. 

While the fundamental distinction between electronic 
and ionic conduction is the amount of matter carried 
by the current, yet there are other properties which are 
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more or less characteristic. The most important of 
these is the temperature coefficient of resistance. In 
metals, this is generally positive, while in electrolytes it 
is negative. Hence attempts are often made to deter¬ 
mine whether a substance conducts electronically or 
.ionieally by measuring the temperature coefficient of 
resistance. At best, this is a very indirect method, and 
results so obtained require additional confirmation. 

The phenomena connected with conduction through 
insulators depends on the state of the material; that is, 
whether it is a gas, a liquid, or a solid. The process is' 
more complicated in liquids than in gases, and still more 
so in solids. Only in the case of gases has a fairly com¬ 
plete explanation of the experimental phenomena been 
deduced. Hence, in this paper there will be given a 
brief review of the facts and theories concerning conduc¬ 
tion through gases; following this, a digest of some of the 
more important facts concerning conduction through 
liquids and solids including a correlation of these facts 
with the phenomena in gases. 

II. Conduction Through Gases 

The experimental facts concerning conduction 
through gases and the theoretical explanation of these 
facts have been treated in several different books. 1 ' 2 ' 3 

In all cases the authors correlate the experimental 
facts with the ionic theory. The following is a very 
brief resume of this theory as applied to gases: 

Consider two plane electrodes which are the opposite 
sides of a cubical box having a volume of one cu. cm. 
The other sides of the box are perfect insulators. This 
box is filled with air at atmospheric pressure. If a very 
small potential difference is applied to the plates for a 
short time, the current which flows is proportional to the 
applied potential difference. Hence, under these con¬ 
ditions, the air will obey Ohm’s law. The resistance in 
the assumed case will be about 3 X 10 15 ohms. If the 
potential difference between the plates is increased, 
the current will increase more slowly than the voltage. 
When the potential difference is in the neighborhood 
of 100 volts, the current has become about 10 -18 
amperes. This is called the saturation current, since 
it does not increase with a further increase in the 
potential difference. When, however, the potential 
difference is of the order of 30,000 volts, there is a very 
rapid change of current with voltage, leading up to the 
breakdown of the dielectric. 

The facts as outlined above can readily be shown by 
the curve in Fig. 1. It is not feasible, however, to draw 
to a definite scale such a curve for air at atmospheric 
pressure, partly because there is considerable variation 
in the air and partly because if drawn to scale many of 
the interesting features would be entirely masked. 
For instance the section of the curve representing the 
saturation current would extend 300 times as far as the 
first part of the curve. When drawn to scale, the resis-. 

1-2-3. For references see Bibliography. 


tance at zero voltage can be determined from the tangent 
to the curve at the origin. 

The explanation of the above phenomena is very satis¬ 
factorily given by supposing that there is some agency 
which is continually causing molecules of air to separate 
into positive and negative ions. These ions usually con¬ 
sist of an atom of either oxygen or nitrogen having a free 
positive or negative charge equal to the elemental 
electric charge. In atmospheric air under ordinary 
conditions the rate of ionization is about four or five ions 
per cu. cm. per sec. Since in a gas the molecules 
and ions are in violent agitation, the ions are 
likely to collide with each other. Whenever there 
is a collision between two ions having opposite charges, 
they may unite to form a molecule. When the number 
of molecules which are reunited each second is equal 
to the number ionized, a stationary condition has been 
reached. In normal air, there are always present about 
700 or 800 ions per cu. cm. When a voltage is 
applied to the electrodes of the cubic box, the positive 



Fig. 1—The Current—Voltage Characteristics of a Gas 

ions are attracted towards the negative electrode 
while the negative ions are attracted towards 
the positive electrode. On account of numerous 
collisions with molecules, however, the actual velocity 
of an ion towards the electrodes is only about one cm. 
per second if the potential difference of the electrodes of 
the box is one volt. Hence, if the voltage is very small, 
the conduction current will not, in a short time, appre¬ 
ciably alter the number or distribution of the electrons 
in the box. As the voltage is increased, however, the 
velocity of the ions also is increased. A point is soon 
reached where an ion is carried from the field almost as 
soon as formed. Now as the number of ions produced 
depends solely upon some external agency, an increase 
in voltage does not increase the current, since the, 
current depends on the number of ions which reaches 
the electrodes. The saturation current is, then, the 
current which flows between two electrodes when the 
potential is sufficiently high so that practically every 
ion which is formed is carried to the electrodes without 
combining with another ion. Although the velocity 
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of the ions increases with increasing voltage, this only 
decreases the time required for the ions to travel from 
the place where they are formed to the electrodes, with¬ 
out changing the number which arrives every second. 

.When the voltage gradient becomes sufficiently high, 
the velocity of the ions becomes so great that, on collid¬ 
ing with a molecule of gas, the molecule will be broken 
into ions. Those ions, of which the negative may be a 
free electron, will then start towards the electrodes and 
may, in turn, ionize other molecules. Hence, the one 
ion which was produced by an external agency may be 
the cause of several ions reaching the electrodes. 
Therefore, as soon as the voltage applied to the termi¬ 
nals of the cubical box is so high that ions may have a 
velocity sufficient to produce ionization by collision 
with a molecule, the current increases rapidly with 
increasing voltage. This is shown in the latter part of 
the curve of Fig. 1. It leads rapidly to breakdown, a 
phenomenon not discussed in this paper. 

There are a number of external agencies which will 
cause a gas to ionize. The best known are X-rays, the 
a , j8, and y, radiations from radioactive substances, 
ultra-violet light, and the ever-present radiations of 
unknown origin which might be called ultra X-rays. 
The ultra-violet light differs from the other agents in 
that it generally produces ionization only as it is 
absorbed by one of the electrodes. In order to simplify 
the discussion, this type of ionization will not be con¬ 
sidered. The activity of the other ionizing agents can 
be determined from the number of ions produced in a 
gas, per cu. cm. per sec. As already indicated, 
the ever-present ultra X-rays produce some four 
or five ions per cu. cm. per second throughout the 
habitable volume of the earth’s atmosphere. By sink¬ 
ing a small vessel filled with air some 50 or 60 ft. below 
the surface of a lake, Millikan and his co-workers 6 were 
able to protect this air from the effect of the ultra X- 
rays. Some ions were produced in this air, however, 
which could easily be explained by supposing that the 
metal of which the containing vessel was constructed 
bore minute traces of some radioactive substance. 
While man has never had a mass of gas in which ions 
were not produced,.yet it is possible that under normal 
condition all ionization of gases is caused by some 
outside agency. 

By using X-rays or rays from radioactive materials, 
the rate of production of ions can be made as great as a 
thousand or more per cu. cm. per sec. These 
recombine rapidly, however, so that no appreciable 
part of the. 10 19 molecules in a cubic centimeter of air 
is ever ionized at one time. 

In order to develop equations from which the current 
through a gas can be determined from the applied volt¬ 
age, the following constants must be known: 

Let 

q = number of ions produced per cu. cm. per sec. by 
the ionizing agent. . 


e = elemental electric charge (1.591 X 10~ 18 cou¬ 
lombs.) 

k+ = mobility of the positive ions; i. e., the velocity in 
cm. per sec. when the potential gradient is 
one volt per cm. 

k- = mobility of the negative ions, 
a = recombination coefficient. • 

<5 = ionizing potential; i. e., the potential difference 

through which an electron must be allowed to 
accelerate in order to acquire enough energy to 
ionize a molecule. 

If n is the number of positive ions per cu. cm. pf gas 
at a time t, there will also be. n negative ions. Now the 
rate of increase of ions must equal the number of ions 
produced minus the number of recombinations. But 
since the chance of a given positive ion colliding with a 
negative ion is in direct proportion to the number of 
negative ions, the number of recombinations is pro¬ 
portional to the square of the number of ions. Hence 


d n 

Ti = 


(i) 


This equation holds when there is no applied electro¬ 
motive force. If this condition persists for some time, 


an equilibrium condition is reached, when 



Then 



( 2 ) 


It is this condition which exists in air under normal 
conditions. 

With a very low potential difference between the 
electrodes, the number of ions which reaches them 
depends on the total number of ions in the field and on 
the velocity of the ions. Hence the conductivity X is 
given by the equation 


X = n e (k+ 4- k~) 


= e (k+ -f- k~) 



( 3 ) 


The resistivity p is the reciprocal of X. Hence the 
resistivity of a gas which has been exposed to an ioniz¬ 
ing agent for a sufficiently long time for a stable con¬ 
dition to be reached depends on three constants of the 
gas; namely, the velocity of the positive ion, that of the 
negative ion, and the recombination coefficient. 

The values of these constants for a few of the common 
gases are given in Table I. While the mobilities are quite 
different in different gases, yet there is relatively little 
difference between the positive and negative ions in the 
same gas. Also the recombination coefficient varies 
but little for the more permanent gases. 

The saturation current S depends only upon the rate 
of ionization and the volume V of gas between the 
electrodes. It is represented by the equation 
S = eqV 


( 4 ) 
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TABLE I 

IONIZATION CONSTANTS OP GASES 


Gas 

Mobility of 
positive ion 
k+ 

cm. volt 
sec. / cm. 

Mobility of 
negative ion 
k_ 

cm. / volt 
sec. I cm. 

Recombination 

coefficient 

a 

Hydrogen. 

6. 

7.5 

1.4 X 10 - 6 

Helium. 

5. 

6. 


Oxygen. 

1.3 

1.8 

1.6 X 10 - 6 

Nitrogen. 

1.3 

1.8 

1.6 X 10-® 

Carbon dioxide. 

0.8 

0.9 

1.6 X 10- 5 

Carbon monoxide. 

1.1 

1.1 

0.9 X 10- 6 


This does not contain any constant of the gas, but de¬ 
pends entirely upon the activity of the ionizing agent 
and the volume of the gas from which the ions can be 
captured by the applied electromotive force. 

The ions, in their passage towards an electrode, 
collide at frequent intervals with a molecule. If, after 
a collision, the velocity of the ion should be zero, then 
at the next collision the energy which this ion has 
acquired is e V l, where V is the potential gradient and l 
the distance it has traveled. To understand what effect 
this collision will have on the molecule struck, it is 
desirable to consider the analogous case of an electron 
colliding with an atom. 

Experiments on gases at low pressures have shown 
that when an electron collides with an atom, the atom 
will be ionized only if the kinetic energy of the electron 
is greater than a certain critical value. The electron 
will normally obtain its kinetic energy by accelerating 
in an electrostatic field. Starting from rest, the kinetic 
energy of the electron at any instant is e V, where e is 
the charge upon the electron and V is the potential 
difference between the starting point and the point 
under consideration. The value of V, which is just 
sufficient to give to the electron enough energy to ionize 
an atom, is called the ionizing potential. Values of the 
ionizing potential are known for the atoms of most 
gases. 

Likewise a molecule will be ionized by collision with 
an ion or electron, only if the velocity of the latter is 
sufficiently high. Since the velocity at impact depends 
not only upon the potential gradient but also upon the 
length of path between collisions, the voltage at which 
ionization by collision will begin increases almost in 
direct ratio with the pressure. 

Our knowledge of conduction through gases at normal 
pressure, when the applied voltage approaches that 
which produces breakdown, is very incomplete. There 
. is sufficient evidence to show that the rapid increase of 
current is the result of ionization by collision. It is not 
as yet possible, however, to formulate the laws under 
which it acts. 

III. Conduction Through Liquid Dielectrics 

The current is carried through most liquid dielectrics 
by ions. Hence most investigators have attempted to 
explain conduction through such substances by applying 
to them the same laws as hold for gases. The discussion 


of conduction in liquid dielectrics, therefore, centers 
around the production of ions, their mobility, and 
recombination. 

Ions in a liquid dielectric may result from ionization 
of the dielectric itself, as is generally the case with a 
gas, or they may come from the ionization of substances 
dissolved in the liquid. The same external agencies 
that cause ionization of a gas will produce ionization in 
a liquid. In addition to these external agencies, the 
liquid may ionize spontaneously and ionization is often 
produced by some physical or chemical action between 
the liquid and a substance dissolved in it. The first is 
called ionization by dissociation; the second ionization 
by solution. As very minute amounts of a dissolved 
substance may produce a relatively large number of 
ions, impurities which can be removed only with 
difficulty often produce more ions in a liquid than is 
produced by a relatively intense external ionizing agent. 

There is some evidence that all liquids are ionized 
by ever present ultra X-rays. In hexane the number of 
ions produced per cu. cm. per sec. is nearly fifty times 
as great as in air 25 . In most liquids the effect is masked 
by the effects of other ionizing agents. 

X-rays and the rays from radioactive substances 
produce ionization in all liquids that have been exam¬ 
ined. The effectiveness of a given ray is different in 
different liquids. For example, Jaffe 34 found that for 
hexane the ratio of ionization compared to air is about 
1/1000 for a-rays but about 1/10 for (8-rays. Also 
Greinacher 27 found that the number of ions produced by 
a given beam of a-rays was twice as large in paraffin 
oil as in petroleum ether. 

The rate of recombination of ions in liquids is much 
less rapid than in gases. The few values of the recom¬ 
bination coefficient that have been determined 26 lie 
between 10~ 10 and 10~ 13 , or of the order of one millionth 
of that of gases. 

The mobility of ions in a liquid is much less than in 
a gas. Values for a few liquids are given in Table II. 

These values are of the same order of magnitude as 
the mobilities of ions in electrolytic solutions. There is 
a large increase in mobility with temperature, as is also 
the case with electrolytes. 

No values of the ionization potential of a liquid mole¬ 
cule are available. 


TABLE II 

IONIZATION CONSTANTS OF LIQUIDS 


Liquid 

Average mobility 
of positive 
and negative 
ions— k 
cm. 1 volt 

Recombi¬ 

nation 

coefficient 

Authority 

sec. j 

cm. 

Petroleum ether. 

500 

X 10 - 6 

35 X 10- 12 

26 

Vaseline oil. 

5 

X 10 - 6 

4 X 10- 12 

26 

Toluol. 

0.2 

X 10- 6 


17 

Carbon tetrachloride. 

240 

X io - 6 


33 

Paraffin (60 deg.). 

1600 

X 10- 6 


49 

Electrolytic solutions in 





•water. 

3000 \ 





to 300 / 

x io-« 

.... 

17 
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According to most investigators, the current which 
flows between two electrodes immersed in a liquid and 
maintained at a constant potential difference is deter¬ 
mined by the differential equation 

d n 

—jy = q - a n* - s ( 5 ) 

where 

n - the total number of ions at time t 
q = the rate of production of ions 
a — the coefficient of recombination 
s = the rate at which ions reach the electrode— 
proportional to the current 
If the ions are uniformly distributed through the 
liquid 

s — fin (6) 

where /3 is a constant which among other things involves 
the mobility of the ions. Substituting this in (5) and 
separating the variables 

d n 

---r = d t * (7) 

q — & n— an 2 w 


Integrating 


2 a n -f- /3 -f- \/ 4 a q —(~ /3 2 

logn- 7 == = 

2 an + j3 — V 4 a <7 + /3 2 


t V4 a q + /3 2 + C 


( 8 ) 


many liquids is less than that of gases under similar 
conditions. ^ 

As the potential gradient in a liquid is increased, the 
current approaches saturation in the same way as in a 
gas. Difficulties, however, are frequently encountered 
in the experimental determination of the saturation 
current of a liquid. As an example, when the number 
of ions is small, it is probable that most of them will be 
caused by the solution of traces of impurities. Before 
the current becomes stationary, many of the ions of the 
impurities will go to the electrodes, thus removing from 
the liquid the cause of the ionization. Hence, before the 
saturation current can be reached, the fundamental 
character of the liquid has changed. 

As a second example, when the liquid contains a large 
number of ions which have been produced by any cause 
whatever, an ion concentration occurs near the elec¬ 
trodes before the current becomes stationary. The 
potential gradient in the region of this concentration is 
reduced so that the gradient near the electrodes is less 
than at a point midway between them. On account of 
this reduced gradient, the velocity of the ions towards 
the electrodes is reduced and -the chance for recombina¬ 
tion increased. These two examples show that the 
experimental difficulties of determining the saturation 
current in a liquid are much greater than in the case of a 
gas. 


This shows that n is an exponential function of t. It 
follows that s, the current between the electrodes, de¬ 
creases as the time during which the electromotive force 
is applied increases. This same solution holds in the 
case of gases, but in them, the mobility is so great that 
equilibrium is reached in less time than that required 
for the measuring instrument to reach a steady con¬ 
dition. With liquids, however, the mobility is much 
less and the decrease of the current with time can be 
readily observed. Most observers have made readings 
one minute after the application of the electromotive 
force. During this time, the current will in most cases 
become stationary. 

The conductivity X of a liquid is given in terms of 
ionic constants by an equation similar to that for a 
gas, namely: 

X = 2 nek (9) 

where 

X = the conductivity 
e = the charge on an ion 

n = the number of ions per cubic centimeter in the 
stationary state 

k — the average mobility of the positive and negative 
ions. 

As the mobility of ions in liquids is from a thousand to 
a million times less than the mobility in gases, the 
conductivity for a given concentration of ions is pro¬ 
portionally less or the resistivity proportionally greater. 
The number of ions, however, is generally so much 
greater in liquids than in gases that the resistivity of 


Another difficulty in connection with the determina¬ 
tion of the saturation current in a liquid is that ioniza¬ 
tion by collision may start before the potential gradient 
is sufficiently high to produce saturation. When this is 
the case, no true saturation current occurs. This phase 
of conduction in liquids, however, has received very 
little systematic investigation. 

Much larger potential gradients can be applied to 
liquids without appreciably affecting the conductivity 
than can be applied to gases. Thus, in most liquids, the 
conductivity obeys Ohm’s law if the potential gradient 
is less than three or four hundred volts per cm., whereas 
in a gas it must be less than one volt per centimeter. 
Where higher potentials are applied the current does not 
increase as rapidly as the potential. For example 
Jaffe 23 found for several liquids that if the potential 
gradient were between 500 and 3000 volts per cm. 

I = a -f- c E ( 10 ) 

where a and c are experimental constants. 

The resistivity of most liquids decreases with increas¬ 
ing temperature. This is largely caused 16 by a change 
in mobility, as the number of ions is nearly independent 
of temperature. Attempts to correlate 11 the resistivity 
of a liquid with its viscosity, however, have been 
unsuccessful. 

The above explanation of the passage of electricity 
through liquid dielectrics is based on the assumption 
that the ionic laws of gases can be applied to liquids. 
Some investigators are of the opinion that these laws 
will require some modification before a complete 
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explanation can be given. Von Schweidler 17 has pro¬ 
posed two modifications; the first suggests that equation 
(5), which gives the rate of increase of ions, should be 

d n 

-jj = / (w) - s ( 11 ) 

where / (n) is an unknown function. The reason for 
this suggestion is that the solution of equation (5) 
shows the current to be proportional to the square of the 
conductivity, while experimentally the current is found 
to be proportional to the conductivity with a fractional 
exponent. The second suggestion is that, in many 
liquids, several different kinds of ions exist, each having 
a different mobility. When an electromotive force 
is applied, the kinds of ions having the higher mobili¬ 
ties reach the electrodes more rapidly than those with 
the low mobilities. As a result, the average mobility 
of the ions which are left decreases as the time of appli¬ 
cation of the electromotive force increases. This agrees 
with the results of tests on several liquids. 

IV. Conduction Through Solid Dielectrics 

Conduction in solid dielectrics is difficult to distin¬ 
guish from the phenomena of absorption and residual 
charge. In this respect, solids are entirely different 
from liquids and gases in which these phenomena are 
seldom, if ever, present. Also, electrons play a more 
important part in conduction through solids than liquids 
or gases. Ionic conduction, however, is much more 
common than electronic. Hence in the discussion it 
will be considered that conduction in solids is caused by 
ions, the electron being considered the smallest possible 
ion. 

Although the external agencies which cause ioniza¬ 
tion in solids are the same as in liquids or gases,— 
namely, electromagnetic radiations and rays from 
radioactive substances,—the effectiveness of the differ¬ 
ent agencies is quite different. The a and 0 rays from 
radioactive substances ionize some, and perhaps all, 
solid dielectrics. Also it seems probable that for any 
given wave length of electromagnetic radiation some 
solid can be found which will be ionized by it. More¬ 
over there is a number of solids which are ionized by a 
very wide range of wavelengths. Some illustrations 
of these facts are cited in the following. 

There are few data concerning the ionization of solids 
by the ever-present ultra X-rays. It may, however, 
be because of these rays that no substance is known 
which has infinite resistivity. Sulphur, paraffin, and 
quartz are ionized by both X-rays and X-rays. The 
ionization of selenium by X-rays is so definite that some 
roentgenologists have proposed using this material to 
measure dosage. Quartz is ionized by ultra-violet 
radiation. The visible part of the spectrum produces 
ionization in a number of substances, the most familiar 
being sulphur and selenium. In fact, one form of 
selenium is ionized not only by all of the visible spec¬ 
trum, but also by the infra red rays. 


In addition to the external agencies which produce 
ionization, substances dissolved in a dielectric may 
produce it. Familiar examples are water dissolved in 
rubber and alcohol dissolved in shellac. The influence 
of minute quantities of a dissolved substance is often 
very marked. Hence, there is often great difficulty in 
ascertaining the true resistivity of a substance since it is 
exceedingly difficult to remove the last traces of an 
impurity. Some dielectrics ionize spontaneously. 
There is some interaction between molecules so that 
ions are always present. With such dielectrics an 
increase in temperature frequently increases the 
number of ions in a very marked degree. Glass is an 
example of such a dielectric. 

. In general, the mobility of ions in a solid are less even 
than in a liquid. The values given in Table III how¬ 
ever, are not entirely characteristic. In case of light- 
sensitive selenium, the negative ions are single electrons, 
the mobility of which is probably quite high, while 
that of the positive ion is negligibly small in compari¬ 
son. In this case the conduction is electronic. 

TABLE III 

IONIC CONSTANTS OF SOLIDS 

Average mobility of 
ions 



cm. 

1 volts 

Recombination 


sec. 

/ cm. 

Substance 

coefficient Authority 


Paraffin. 0,14 X 10 ~ B __ 49 

On the other hand the mobility of the positive ions is 
sometimes high relative to that of the negative. This is 
the case, with some kinds of glass. In such glasses the 
positive ion can be replaced by other positive ions which 
are carried into the glass by the current. Many similar 
cases are known. These examples show that in solids, 
the difference in mobility of the positive and negative 
ions may be so great that the conductivity is entirely 
dependent on the ions having the highest mobility, and 
not, as is usually the case, in liquids and gases, on the 
average mobility of the two kinds. 

The mobility of the ions in a substance frequently 
increases rapidly with the temperature. In crystalline 
quartz 67 the mobility at 100 deg. cent, is about 200 times 
that at 0 deg., while in calcite it is more than 10,000 
times as much at the higher temperature. In rock- 
salt, on the other hand, there is little if any change in 
mobility with temperature. 

There are few quantitative data on the coefficient of 
recombination of ions in solids. There is, however, a 
considerable amount of qualitative information. For 
instance, it is known that in light-sensitive selenium, 
practically alb the ions are recombined in two or three 
seconds after removal to the dark. The recombination 
in crystalline quartz is much slower. At room tem¬ 
perature several months or even years are required 
before a piece of ionized quartz will reach an equilib¬ 
rium condition. .These examples doubtless represent 
extremes in regard to recombination. 
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There are practically no data concerning the ioniza¬ 
tion potential of the molecules of a solid. There are, 
however, sufficient data to show that ionization by 
collision occurs in solids although it is often difficult to 
separate it from other phenomena which are present 
when high voltages are applied to a solid dielectric. 

It is probable that the law of ionic equilibrium given 
in equations ( 1 ) and ( 5 ) will require modification even 
in the case of homogeneous solids. At present, however, 
it furnishes the only accepted basis from which to dis¬ 
cuss the observational data. On this basis materials 
should have a definite resistivity when the applied volt¬ 
age is low and the time of application long, and should 
reach, or at least approach, a saturation curve when the 
voltage is sufficiently increased. Both conditions have 
been observed. 

To conform with this law, conduction current in a 
solid must decrease with time according to an exponen¬ 
tial law, as has been shown to be the case for a liquid. 
The measurement of the conduction current in solids, 
however, is complicated by the fact that the absorption 
current also decreases with the time in much the same 
way. There is no known method of distinguishing 
between these currents. In some materials, however, 
the conduction current is so great that the absorption 
current can be neglected. Moreover, in all materials, 
the absorption current tends towards zero, while the 
conduction current tends towards a fixed value, pro¬ 
vided the ionization remains constant. The ionization 
in solids is generally due to conditions within the mate¬ 
rial. Often these conditions are disturbed by the passage 
of the current, so that the current at infinite time does 
not represent the true conduction current. It follows 
that no entirely satisfactory procedure can be estab¬ 
lished. The commercial practise of reading the cur¬ 
rent at the end of one minute after the potential has 
been applied appears to be as good a one as any that 
can be suggested. 

The saturation current in solids has occasionally been 
observed. An interesting case is reported by Jaffe 67 , 
who found that the current in crystalline quartz was 
independent of the applied potential if the potential 
gradient was between 10,000 and 50,000 volts per 
centimeter, and that a steady condition was reached in 
three seconds after the application of the voltage. 

The change of resistivity with temperature depends 
both on the change in the number of ions and on the 
change in their mobility. In some solids the tempera¬ 
ture coefficient is small and positive, but in most solids 
it is large and negative. Rasch and Hinrichsen 44 found 
that, in glass, the change in resistance R could be 
represented by the formula 

log R=-jr+B (12) 

where T is the absolute temperature and A and B are 
constants. This same law has been found to fit a num¬ 
ber of substances. As the dissociation of gases into 
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ions (a subject not treated in this paper) obeys the same 
law, the conclusion is often drawn that the cause of the 
negative temperature coefficient in such solids is the 
dissociation of molecules into ions caused by the in¬ 
crease in temperature. This law, however, holds with 
some solids in which the change in resistance with 
temperature is known to be caused—at least in part— 
by the increase in mobility of the ions. Hence the 
dissociation coefficient can be determined from the 
temperature coefficient only when there is no change of 
mobility with temperature. 

The above deductions concerning homogeneous 
dielectrics apply to the individual components of a 
heterogeneous dielectric. The most interesting form 
of such dielectrics is one composed of layers perpendicu¬ 
lar to the direction of current flow. A consideration 
of this type leads immediately to the question of absorp¬ 
tion, a subject which has been treated in another paper* 
of this series. 

V. Conduction over the Surface of Solid 
Insulators 

Gases or vapors are often condensed to a liquid 
form on the surface of a solid with which they are in 
contact. If the angle of contact between the 
solid and liquid is greater than 90 deg., the liquid 
collects in droplets; but if the angle is less than 90 deg., 
the liquid spreads, in a film, over the surface of the solid. 
In one case, the presence of the liquid has little effect 
on the insulation of electrodes fastened to the solid, 
but in the other, the current which flows from one 
electrode to another through the solid is often much less 
than the current which flows through the condensed 
liquid. 

The condensation of water vapor from the air on solid 
surfaces is a familiar example of surface condensation. 
With waxes, the condensed water forms into droplets, 
but with most materials, it spreads in a film over the 
surface. If the film is formed on the clean surface of an 
insoluble material, like quartz or amber, the water is 
very pure. Since pure water is a poor conductor, the 
film-may not carry an appreciable current. The 
slightest trace of a soluble salt however, will so greatly 
increase the conductivity of a film that the current 
through it may be much larger than that through the 
solid itself. Many solids, such as glass and porcelain, 
are sufficiently soluble so that films deposited on them 
are always conducting. The presence of delequiscent 
salts very greatly increases the amount of condensed 
water. In all cases, the amount of condensed water 
increases as a rather large power of the relative humidity. 

Surface films play an important part in conductivity 
through porous materials, such as unglazed porcelain, 
marble, and slate. The pores extend deep into the 
material. If a specimen is exposed to a humid atmos- 
iphere, the pores become lined with a film of water, which 

' *J. B. Whitehead: Dielectric Absorption and Theories of Dielec¬ 

tric Behavior, A. I. E. E. Trans., Yol. 45, 1926, Mar., p. 102. 
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may have a conductivity many thousands of times 
greater than that of the material itself. The result is a 
decrease in the volume resistivity of the material. 
Evershed considers that conduction phenomena in 
fibrous materials is associated with surface films in the 
pores of the material. However, he makes the further 
assumption that the thickness of the film decreases as 
the applied voltage is increased. This explains the 
increase of resistance with increasing voltage which is 
shown by such materials. 

VI, Conclusion 

This paper includes only a small part of the facts 
which are known concerning conduction through 
insulators. There is every reason to believe that all 
the known facts can be explained by the ionic theory, 
the main tenets of which are herein set forth. The 
details of this theory are sufficiently developed to 
explain practically all the experimental facts in con¬ 
nection with the passage of electricity through gases. 
The same cannot be said in regard to liquids and solids. 
Here the phenomena are more complex and the experi¬ 
mental data more meager. A complete explanation 
must await further investigation. 
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Discussion 

F. M. Clark: With regard to Dr. Curtis’ paper, I do want 
to emphasize the type of conduction which ho calls colloidal 
conduction. I think that this is a typo which wo will have to 
recognize and consider in more detail than wo have. When you 
consider that almost all of our insulations are colloidal in nature 
if not true colloids, you can see the significance of that type of 
conduction. 1 recognize that colloidal conduction is similar in 
many respects to electrolytic conduction. However, it owes 
its origin to larger charged masses and may occur in mediums 
where electrolytic conduction, would be least expected. 


Dr. ('urtis discusses tin* conduction over the suriaee of solid 
insulators. The effect of water-vapor condensation is cited 
and its importance discussed. Although the author illustrates 
the effect on inorganic materials such as quart/, and porcelain, 
it should not bo overlooked I hat conduct i\if \ in fibrous materials 
appears to lie closely related to the eases given. Our researches 
at Pittsfield have not hern entirely completed, hut we have 
already obtained considerable evidence that the quantity of 
water contained in an oil-treated paper, while important, is nut 
the sole factor determining the a e. and <1 e. conductivity. R 
appears that the effect produced depends very largely on whether 
the water vapor present is absorbed on the surface of the paper 
fibers or whether it he held within the liber wall. 
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Synopsis. —This paper was prepared by a subcommittee of the 
Committee on Electrical Insulation of the Division of Engineering 
and Industrial Research of the National Research Council. The 
general purpose of the committee is to foster research on dielectrics 
and its initial activities have been confined to the preparation of a 
series of summaries of the published literature on this subject. 

The subcommittee which presents this .paper is the second one to 
report, having been preceded by a paper on dielectric absorption and 
theories of dielectric behavior, by Chairman J. B. Whitehead, which 
was published by the A. I. E. E. in 1926. 

The second paper under the auspices of tjie committee was inspired 
by the first one, and was an original exposition of Clerk Maxwell's 
theory of the double layer dielectric, by Professor Murnaghan, 
published by the A. I. E. E. in 1927. 

The present paper, like the first, is a summary of existing literature 
which, it is hoped, will afford a starting point for original research 


in many directions. It is hoped that the discussion by the I nstitute 
will bring out obscure phenomena and new interpretations of the 
data reviewed. The report starts with a consideration of the general 
subject of instability in electrical circuits, and an explanation of 
instability in the case of dielectrics, in terms of a stress and strain 
characteristic. This is followed by a discussion of distribution of 
stress and strain in non-uniform fields, and their relation to break¬ 
down. The reversible and non-reversible phenomena of dielectric 
failure are considered, the former in relation to the electron theory 
and the latter in relation to the pyroelectric theory, and the bearing of 
both upon the time-voltage relation is indicated. 

The latter pail of the report is devoted to the relation of breakdown 
voltage to various factors, such as insulation thickness, insulation 
area, the electrode form, heterogeneity, temperature, rate of voltage, 
variation, pressure, etc. Final conclusions are given which sum¬ 
marize in a few words the present state of the art, as it may be judged 
from published data. 


. General 

ARAD AY seems to have been the first to use the 
term “dielectric” to distinguish certain classes of 
materials by their electrical properties and he 
defined dielectrics as all bodies whose insulating value 
is such that when they are placed between two con¬ 
ductors at different potentials the electromotive force 
acting on them does not immediately distribute their 
electricity so as to reduce the potential to a constant 
value. It was not until considerably later, however, 
that we find recognition of the fact that if the potential 
difference across a dielectric is sufficiently increased, 
failure will occur; or, to state the matter in another way, 
the current will increase with a decrease of voltage and 
conditions will be unstable. The stress at which this 
unstable condition begins is called the dielectric strength 
of the material, but it depends on many factors, as will 
be discussed later in this paper, and is by no means an 
exact physical constant. 

At the present time, it is proposed to discuss the 
literature in regard to the dielectric strength of solids 
and liquids. It should be recognized that liquids 
occupy a ground between solids and gases and may 
be treated, with equal reason, in connection with the 
behavior of gases or with the behavior of solids. In 
some respects they will behave more like one than the 
other but in general there is but little to choose between 
one grouping or the other. The methods for examining 
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solids and liquids are in general different and this will 
introduce several questions which will need answer 
before we can arrive at definite conclusions. 

An examination of the literature discloses the fact 
that a large number of solid dielectrics has been in¬ 
vestigated by several workers but the range of liquids 
examined is far more restricted. This is not surprising, 
however, when it is recognized that the majority of our 
commercial insulating materials are solids and comprise 
such varied materials as glass, fiber, wood, moulded 
compounds, mica, sulphur, paraffin, rubber, paper, 
and porcelain, while in the list of liquids we find only a 
few oils, chiefly distilled from petroleum crudes, and 
usually classified under the general type of transformer 
oil. Many liquids, such as benzine, kerosene, toluol, 
xylol, and carbon tetrachloride, are good dielectrics but 
seem to have found little or no commercial use and 
hence not to have gained the interest of various 
investigators. 

Instability 

It is helpful to consider dielectric failure as the phe¬ 
nomenon of instability which exists when the voltage 
across the dielectric has been increased to a certain 
critical value beyond which the current increases more 
or less in unpredictable ways while the voltage tends to 
fall. Well-known examples of such eases are associated 
with arcs without ballast resistors, overloaded reactors, 
transformers, and series wound generators. 

There is always difficulty in assigning credit for the 
first presentation of a line of thought, for when a number 
of men are working simultaneously on the same problem 
they are inevitably led into similar trains of thought. 
Perhaps the first clear statement connecting the failure 
of dielectrics with the general phenomenon of instability 
is that of Steinmetz 1 in 1923 when he said that “the 

1. For all numbered references, see Bibliography. 
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view is gaining ground that the mechanism of dielectric 
failure is a phenomenon of the instability of the so-called 
constants of the material.” 

Stress-Strain Characteristic 

It was, however, a research by K. W. Wagner 2 , 
initiated in 1914, interrupted by the war, and com¬ 
pleted in 1919, which gave the first quantitative data 
on which to base a satisfactory theory. This physicist 
was the first to ascertain the volt-ampere characteristic 
of a solid dielectric, and he showed that the characteris¬ 
tic curve consists of a straight line corresponding to 
Ohm’s Law, a curve which becomes vertical, i. e., 
parallel to the current axis, and finally slopes backward, 
corresponding to a rising current with falling voltage, 
as shown in Fig. 1. 

It is not difficult to obtain the first two parts experi¬ 
mentally, but the third part corresponds with a con¬ 
dition of unstable equilibrium and is normally passed 
at such an immense speed that it cannot be observed 
unless special precautions are taken. 

Wagner succeeded in plotting the entire curve by 



E 

Fig. 1 


using an electrode of such high resistance that the cir¬ 
cuit, as a whole, had stable characteristics, i. e., current 
rising with voltage, and thus stabilized the dielectric 
in the same way that a ballast resistance is used to 
stabilize an arc. Current and voltage readings were 
first taken with the electrodes in contact with one 
another, and then with the dielectric between. The 
difference in voltage for the same current, in the two 
cases, was the voltage across the dielectric corresponding 
to this current. The general form of these characteris¬ 
tics was verified in 1921 by J. C. Schrader 3 who used a 
hot cathode rectifier in series with the dielectric, to 
restrain the current. 

In the same year, H. H. Poole 4 , using the same 
method as Schrader, found that the conductivity of 
certain dielectrics rises with the potential gradient, the 
logarithm of the conductivity being nearly a linear 
function of the gradient. 

In 1925, H. Gabler 5 , also using a thermionic valve for 
ballast, obtained experimental curves of the same 
general form. 

In all these tests, direct current was used. Corre¬ 
sponding data for alternating current have not yet been 
obtained, indicating a fruitful field for research. 


No work appears to have been done on liquids in an 
effort to determine the volt-ampere characteristic 
although Gunther-Schulze 3 made determinations of 
dielectric conductivity over a considerable range of 
stresses and found a tendency for the current to de¬ 
crease with increase of voltage. This may be explained 
by consideration of the fact that the voltage was grad¬ 
ually increased and this gave additional time for im¬ 
purities, which apparently constitute a considerable 
number of carriers) to be swept out of the field. 

The shape of the curve for solids has been explained 
by Wagner on the basis of the negative temperature 
coefficient of resistivity characteristic of all dielectrics 
and by Peaslee as due to ionic migration. These 
theories are explained at greater length, below. 

One of the consequences of the form of volt-ampere 
characteristic is that an unequally stressed dielectric, by 
virtue of the different current densities in its parts, 
may have in one place a rising current density and 
in another a falling current density, with increase of 
voltage. This was expressed by W. D. A. Peaslee 7 , 
in 1922, by saying that a dielectric, if unequally stressed, 

dl 

may have a positive value of in one part, and a 

negative value in another, but failure will not occur 
d I 

until the total becomes infinite. An important 

part of Peaslee’s contribution is the interpretation of 
Wagner’s volt-ampere curve in terms of voltage and 
current density. 

Dielectric Overstressed Without Injury 


dl 

That part of the dielectric which has -j-jjj negative 


is overstressed, that is, it would fail but for the stabilizing 
action of the remainder of the insulation, which acts as a 
ballast resistor. 

Wagner, working simultaneously along similar lines, 
described an experiment on a dielectric which had been 
unequally stressed for a short time so that one part was 

cl/1 

stressed above the point where = <», and he 

a Hj 


showed that this over-stressed part, when subsequently 
tested alone, had lost none of its dielectric strength. 

Stresses in a Dielectric with Non-Uniform Field 

The next step toward putting the behavior of dielec¬ 
trics upon a quantitative basis was taken by P. L. 
Hoover 8 who showed that the characteristic curve 
could be expressed in terms of potential gradient and 
current density and that therefore if the current density 
be plotted for the various parts of an unequally stressed 
dielectric, the corresponding potential gradients and 
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values of can be plotted from the characteristic 

curve and the behavior of the dielectric deduced there¬ 
from. In other words, if the current densities at vari¬ 
ous points be computed from the resistivity and geo¬ 
metrical configuration, the corresponding stresses may 
be derived from the characteristic curve. 

Thus, in a dielectric between co-axial cylinders, i. e., 
a single-conductor cable, if the same current be assumed 
to flow in all parts of the circuit, the current density 
must decrease radially, and may therefore be repre¬ 
sented by an hyperbola, such as A in Fig.2. Referring 



Fig. 2 


now to the volt-ampere characteristic, Fig. 1, as each 
value of current density corresponds with a definite 
potential gradient, a curve representing the potential 
gradient at all radii may be plotted, as shown by the 
curve B in Fig. 2. 

If the current density is increased, the maximum of 
curve B moves outward. In doing so, the area to the 
left of the maximum increases, while that to the right 
decreases. The curve is not symmetrical; hence there 
is a certain current at which the area enclosed by the 
curve is a maximum. But this area is the total voltage 
between cylinders. Hence there is a value of the total 

, dl 

voltage E such that This will be the 

breakdown voltage. 

Applied to solids, this theory gives results which 
accord better with the facts than the well-known theory 
published almost simultaneously in 1901 by M. O’Gor¬ 
man 9 and E. Jona 10 , according to which the unequally 
stressed dielectric between co-axial cylinders will begin 
to fail at the inner surface, the failure spreading out¬ 
ward from that point until rupture occurs. Important 
modifications of this theory were published by W. I. 
Middleton, C. L, Dawes, and C. L. Davis 11 in 1922, and 
R. J. Wiseman 12 in 1923. 

Considering this theory in its original form, if certain 
assumptions are made, it may be shown that 

. E 

9 ~ . R 

X log e - 

r 


where 

g is the electric stress at any point distant x from the 
axis of the cylinders, 

R is the inner radius of the outer cylinder, 

r is the outer radius of the inner cylinder, 

E is the potential difference between cylinders. 

By this formula the maximum stress is always at the 
inner conductor surface, i. e., with x = r, and the mini¬ 
mum stress at the outer conductor surface, i. e., with 
x = R. 

The assumptions which are made in deriving the 
above formula are that the dielectric has uniform 
resistivity and specific capacity in all directions, and 
that the resistivity and specific capacity do not alter 
with stress. 

The first two assumptions are often unjustifiable, 
and the third is certainly 'wrong for most materials at 
stresses approaching failure. Since it is at these 
high stresses that the formula finds its principal ap¬ 
plication, it is evidently basically unsound, except for a 
few materials which may have characteristic curves 
without any maximum point. 

So flagrant were the observed departures from the 
consequences of the logarithmic formula that in 1920, 
F. Fernie 13 suggested that failure of insulation in a 
single-conductor cable occurs when a certain value of the 
minimum stress is attained. This theory was ably 
criticized in 1922 by D. M. Simons 14 who showed that 
experimental data are as consistent with failure taken 
to occur at constant average stress as at constant mini- 



Fig. 3 

mum stress. It is now fairly evident that the maximum 
stress determines failure, but that this stress cannot be 
calculated by the ordinary formulas which neglect the 
peculiar shape of the volt-ampere' characteristic at 
stresses approaching failure. 

Hendricks 15 mentions the results of tests on trans¬ 
former oil using concentric cylindrical electrodes of 
different sizes, and finds that the breakdown strength 
as calculated on the maximum stress theory is not 
constant. On the other hand, Peek 16 , as a result of 
similar tests, comes to the conclusion that there is a 
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definite maximum stress, 36 kv. per cm., which is the 
value at which an increase in conductivity results from 
ionization by collision. 

Another factor which may be of considerable impor¬ 
tance in some cases and that seems to have been generally 
overlooked in the computation of stresses, although it 
is made the basis for many explanations of the phenom¬ 
enon of absorption, is the combined influence of resis¬ 
tivity and specific inductive capacity on distribution 
of stress. That this may be an important influence is 
indicated by the different values of dielectric strength 
obtained with direct potentials and alternating poten¬ 
tials of different wave form and frequency, as discussed 
later in this report. 

Time—Voltage Relation 

Thus far we have dealt exclusively with so called 
momentary stresses, i. e., those which are not main¬ 
tained sufficiently long to produce chemical deteriora¬ 
tion of the insulation. 

The relation between the breakdown voltage of a 
dielectric and the time of application of the voltage is 
of the character shown in Fig. 3, i. e., the breakdown 
voltage for short periods is high and falls off rapidly with 
increasing time, whereas that for long periods is com¬ 
paratively low and changes little with the time. This 
was clearly shown in 1907 by H. W. Tobey 17 . 

The general form of the curve suggests two influences 
at work, one corresponding to instantaneous action' 
and the other to prolonged action, the intervening 
periods corresponding to a combination of the two. 
This idea is discussed at greater length under “Irrever¬ 
sible Deterioration.” 

It has been shown by F. W. Peek^ 6 ’ 18 and also by 
V. M. Montsinger 19 that experimentally determined 
time-voltage curves using solid insulations may be 
approximated by the following empirical formula: 

E = A + B . T~ 4 

where E is the voltage that the insulation will stand for 
a time T , and A and B are constants. No rational 
basis for this formula has been found, and recent 
work suggests that the curve may not be continuous, but 
may have a break, with a different law for each side of 
the break. 

Data presented by Farmer 20 as a result of tests on 
oil impregnated paper insulated cable may be ex¬ 
pressed by the equation derived by Montsinger, except 
that the exponent of the time term is 7 instead of 4. 
There seem to be clear limitations as to the range of 
stress over which this expression may be applied, 
however, and it evidently has but limited use; certainly 
there is no ground for assuming that it may be applied' 
to materials other than the specific ones investigated. 

Another aspect of the time-voltage relation was 
indicated by C. P. Steinmetz 1 in 1923, namely, the 
differing time-lag of various dielectrics. If two in¬ 
sulating materials are in parallel, the one which will 


fail under stress will depend upon the time of applica¬ 
tion of the voltage and upon the time-lag of electric 
strength of the two materials. Thus, under lightning- 
conditions, transformer bushings may flash over without 
injury to the oil insulation, whereas on test, the oil 
insulation may puncture far below the voltage at 
which the bushings flash over. 

Air has no appreciable time-lag, but a sphere-gap 
with high resistance in series has ah appreciable time- 
lag, due to the time required to charge the capacity of 
the spheres over the resistance. 

True liquids do not seem to be influenced by the time 
of application of the voltage although there is a time-lag 
for rapidly applied voltages and Peek 21 has found this 
lag to obey almost the same laws as he established for 
gases. Dieterle 22 , in a series of tests with, semi-fluid 
materials intended to determine the relations between 
the magnitude of continuously applied stress and the 
time to produce failure, obtained results similar to those 
already noted for solids although they are too few to 
permit establishing a mathematical expression. 

Yet another angle to the time-voltage relation has to 
do with the effect of direct and alternating potentials 
and the influence of wave form and frequency in the 
latter case. These will be discussed in more detail 
later on in this report, but it should be pointed out that 
at the present time these factors have to do with the 
short-time part of the curve. 

Pyroelectric Theory 

Miles Walker 23 , in 1912, was probably the first to call 
serious attention to the dielectric' loss-temperature 
relation as a factor in dielectric failure. He was 
followed in 1917 by A. F. Bangs and H. C. Louis, and 
W. S. Clark and G. B. Shanklin 24 , and in 1922 by D. W. 
Roper 25 , all of whom dealt with average losses in re¬ 
lation to mass heating of cable dielectrics. At about 
this time C. P. Steinmetz and J. R. Hayden contributed 
ideas as to the general application of this theory and 
coined the name “pyroelectric theory.” 

K. W. Wagner 2 in 1922 went a step further by taking 
into account the well-known unevenness of dielectrics 
and considering the effects of a filament of higher 
dielectric loss or, as he expressed it, lower resistivity 
than the surrounding mass. He laid particular stress 
on the well-known fact that dielectrics, unlike metallic 
conductors, possess a negative temperature coefficient 
of resistivity; i. e., their resistivity decreases with rising- 
temperature. Hence, if a spot or filament of com¬ 
paratively low resistivity exists in a dielectric, the extra 
I 2 R loss which occurs in it will tend to raise its tem¬ 
perature, which in turn by decreasing the resistivity will 
increase the current and temperature, and so on ac¬ 
cumulatively until failure occurs due to burning. 

This theory was ingeniously developed by Wagner 
as a general theory of dielectric failure by assigning an 
empirical equation to the temperature-resistivity rela¬ 
tion, and assuming arbitrarily a certain diameter for 
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the hot filament. The quantitative results obtained 
were later found to depend very largely upon the value 
assumed for this diameter. Morover, work by L. 
Dreyfus" 6 , H. Rochow 27 , W. Rogowski 28 , Von Karman 29 , 
H. Gabler 5 , and others, has shown that the theory, 
as developed by Wagner, is untenable, both from a 
theoretical standpoint and because it yields numerical 
data which are widely at variance with facts. 

Wagner’s theory considers only the effects of filaments 
of low resistivity. C. P. Steinmetz, in 1923, called 
attention to the effects of particles of high specific 
capacity, as follows: 

“A particle of higher specific capacity than the 
surrounding material will concentrate the lines of 
electric force toward itself, creating points or edges 
of excessive flux density at the ‘poles’ of the 
particle. The insulation would char at these 
points or edges, and the shape of the product of 
chemical decomposition would tend toward the 
form of a conducting needle, with excessive voltage 
gradients at its ends, gradually piercing the di¬ 
electric until final puncture occurs between the 
terminals. Thus in a laminated insulation, con¬ 
sisting of very many layers, a foreign particle in one 
of the layers, though originally forming only an 
insignificant part of the total thickness of the 
dielectric, may gradually but cumulatively, in 
the course of time, pierce and destroy the insulation 
by its electrostatic cutting edges, the average 
voltage gradients within the dielectric being still 
very low compared with the tested ‘dielectric 
strength’ of the material.” 

Thus unevenness of specific capacity, as well as of 
resistivity, is a factor in pyroelectric failure. Perhaps 
there are other factors which explain the phenomenon 
noted in 1910 by H. Osborne 30 , namely, that when 
a solid dielectric is over-stressed, it is not disrupted 
uniformly, but is affected as if it had been pricked by a 
number of needle points. 

The failure of Wagner’s theory in a quantitative sense 
should not be interpreted as discrediting the general 
pyroelectric theory, as cumulative heating is un¬ 
doubtedly a factor in many cases of dielectric failure. 
It is not that the theory must be discarded but that it 
must be amplified and made part of a more general and 
complete theory. 

There seems to have been no attempt to apply the 
pyroelectric theory to liquids and indeed it is hard to 
see how this could be done since the existence of con¬ 
vection currents would tend to largely mask any of the 
detail phenomena assumed for solids. 

Irreversible Deterioration 

All solid dielectrics on which published data are 
available show some kind of permanent deterioration 
when exposed to stresses over a certain critical value. 
Thus, it was found by F. M. Clark 31 in 1925, that pro¬ 
longed stresses permanently injure oil-impregnated 
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paper insulation and that the injury is cumulative, even 
if the stresses be applied intermittently. Other ex¬ 
perimenters have verified this conclusion and extended 
the rule to a wide range of materials. Clark also 
verified Wagner’s observation that momentary over¬ 
stressing produces no appreciable permanent injury. 

The nature of the injury depends upon the material, 
and may be any of the following: 

A. Direct effect of stresses, 

a. Polymerization and condensation, 

b. Redistribution of component materials ac¬ 

cording to specific capacity, 

c. Change in surface tensions between compo¬ 

nent parts, 

B. Indirect effect of stresses, 

a. Thermal effects such as carbonization, 

b. Chemical combinations such as oxidation, 

c. Electrolytic effects. 

An example of polymerization is the formation of the 
solid material provisionally known as “X”, in mineral 
oils. 

Redistribution of component materials according to 
specific capacity is exemplified by particles of cellulose 
in oil. 

Change in surface tensions is one of the important 
factors in the failure of oil impregnated cables. In 
such composite insulations composed partly of solid and 
partly of liquid materials, an air or vacuous pocket 
may serve as a center of disturbance, and the liquid 
material,-as observed by Dunsheath 32 in 1926, will be 
driven away from the pocket, thereby enlarging the 
latter. Such oil free spots would ultimately link 
together, and ionization would be established, leading to 
charring in dendritic or tree-like patterns. The 
projection of oil from places of high stress to those of 
low stress, in this case, is apparently due to an increase 
of surface tension between air and oil as compared 
to that between paper and oil.* 

Many experimenters, such as A. P. M. Fleming and 
F. Johnston 33 , in 1911, have found that where air is 
present and the voltage is. high enough to create dis¬ 
charges, cellulose materials have their structure dis¬ 
integrated; oils and gums are converted into various 
products. Some of these actions are thermal and 
others are chemical reactions, but all are cumulative 
and irreversible. 

Little is known about electrolytic effects but they are 
under investigation in the case of glass. 

The redistribution of moisture by endosmose may be a 
factor of some importance, as indicated by the work of 
S. Evershed 34 in 1914. Endosmose is a motion of films 
of water along the walls of an insulator, due to the water 
being electropositive to practically all solid insulating 
materials, and being, therefore, drawn through the 
pores of the solid toward their electronegative ends. 

*It had been observed by several people 35 in 1924 that 
impregnated paper cable insulation fails as the result of surface 
discharges rather than punctures. 


DEL MAR, DAVIDSON, AND MARVIN: SOLID AND LIQUID DIELECTRICS 



1054 


DEL MAR, DAVIDSON, AND MARVIN: SOLID AND. LIQUID DIELECTRICS Transactions A. I. E. E. 


The alignment of threads of moisture has the effect of 
partially short-circuiting the dielectric. 

At this time it seems opportune to reinterpret the 
rime-voltage curve in terms of theSteinmetz, Dunsheath, 
and similar effects. It has been observed that the shape 
of this curve suggests two influences at work, one 
corresponding to an action which is reversible up to the 
point of breakdown and the other to a cumulative and 
irreversible action. Both of these actions have been 
observed and explained. It is therefore clear that for 
any finite period of application of voltage, these cu¬ 
mulative effects will cause progressive deterioration 
until the bulk of the dielectric has become worthless as 
a ballast resistor, and the remainder of the insulation is 
carrying such a current that the critical point, where 

■ dl 

— = oo. is reached therein, and failure occurs 
dE 

practically instantaneously. Thus each .point on the 
time-voltage curve represents two actions varying in 
degree with the time.* 

Electron Theory 

Thus far, our studies of dielectric behavior have led 
us to explain failures in terms of volt-ampere character¬ 
istic and chemical deterioration under stress. To be 
consistent with the spirit of the times, explanations of 
these actions must be sought in the electron theory. 

Considerable half-hearted groping in this direction 
might be recorded, involving ideas of ionization by 
collision or indefinite displacement or mobilization of 
electrons, but no really definite results have been 
obtained. Indeed, it is hardly reasonable to expect any 
more until physicists have agreed upon an atomic 
structure which explains the simpler phenomena of 
chemistry and physics. Assuming some form of mole¬ 
cule having a considerable number of electrons that can 
be detached without causing chemical disturbance, 
P. L. Hoover 8 suggested the following theory: 

“Both the polarization and the conductive cur¬ 
rent increase with the potential gradient, or, in 
other words, the number of mobile ions increases 
with the degree of polarization. This suggests 
that the mobile ions may come from the molecules 
of the dielectric. 

If this is the case there must exist for every po¬ 
tential gradient a state of kinetic equilibrium 
between the free mobile ions and the molecules of 
the dielectric. 

As the potential gradient is increased, ultimately 
a gradient will be reached where the number of 
ions required to establish equilibrium will be so 
great that the molecular bonds will be destroyed 
and dynamic rupture of the insulation will take 
place. In other words, at high stresses, the molec¬ 
ular fields will be changed and there will be a 

*This conclusion is verified by the work of Mundel 70 as 
analyzed by Bush and Moon. 79 


force on the electrons tending to move them in the 
direction of the external field. Some of the 
electrons will drift from molecule to molecule, and 
thus a conduction current will flow. The electrons 
that do not drift along will be acted on by the same 
forces, however, so that the molecules will be dis¬ 
torted; that is, the dielectric will be polarized. 
The external field thus changes the equilibrium 
conditions and causes a general drift of electrons.” 

The form of the volt-ampere characteristic, which 
Wagner deduced from the negative temperature co¬ 
efficient of resistivity, is explained by Hoover on the basis 
of the above conception. 

“For low gradients the number of ions drifting, 
that is, the magnitude of the conduction current, 
will be proportional to the gradient. At higher 
gradients, as the polarization of the molecules 
• increases, the molecular bonds will become weaker 
and the number of electrons which are drifting will 
increase more rapidly than the gradient, and there 
will be an increase in the conductivity of the 
dielectric. At some critical gradient the molec¬ 
ular bonds will be entirely broken and rupture 
will take place.” 

It must be remembered, however, that all this is 
purely speculative and beyond our present-day 
knowledge. Here, then, is an excellent field for 
theoretical and experimental attack.* 

Another form of the same general theory is suggested 
by Gimther-Schulze 6 as applicable to liquids. He 
discards the theory of ionization by collision as pre¬ 
sented by Peek 21 on the ground that the high viscosity 
and low mean free path require extremely high potential 
gradients to produce ionizing velocities and these in 
turn mean localized field distortions far beyond values 
that are reasonable to expect. Starting from the data 
of Freise 36 and Koch 37 on the relation between pressure 
and dielectric strength, he-notes the rather surprising 
qualitative agreement between the behavior of liquids 
and gases under pressure, and then suggests that slow 
moving ions of considerable mass leave vapor tracks 
in the liquid and that in these spaces, as well as in the 
spaces formed by occluded gases, ionization is produced 
by collision. He also suggests that there may be origi¬ 
nally small vapor spaces, which serve equally well to 
permit higher localized velocities of sufficient value to 
produce ionization. In these spaces the mean free path 
and viscosity would be those corresponding to a vapor 
and not to a liquid so that the required field strength 
would not be excessively large. Schumann 38 presents 
a somewhat similar theory but calls attention to the 
need for obtaining further and more accurate informa¬ 
tion as to the mechanics of moving ions and other 
charged particles within liquids. 

*Sinee tlie preparation of this report an important contribu¬ 
tion on this subject has been published by Joffe, Rur chat off, and 
Sinelnikoff. 80 
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Research to be Undertaken 
It might seem to a superficial observer that the 
theory of dielectric failure is fairly well established and 
that only a little remains to be done to round it to com¬ 
pletion. Such, however, is far from being the. case, 
and the remainder of this report will be devoted to 
consideration of some of the great mass of inconsistent 
experimental data which need elucidation and present 
a fertile field for the laboratory worker. 

Breakdown Voltage and Insulation Thickness 
Consider the simple problem of the variation of break¬ 
down voltage with insulation thickness. 

In the case of solid dielectrics, two facts have been 
failrly well known for many years, namely, that over a 
considerable range, the relation between breakdown 
voltage and wall thickness is linear, but that very thick 
walls are weaker than the linear relation would allow.* 



This suggests a curve of the forrnshown in Fig. 4, which 
may be represented by an equation of the form 
E = A T n 

where 

E is the breakdown voltage 
T is the thickness, and A and n constants. 

Tests by F. M. Clark and V. M. Montsinger, 39 re¬ 
ported in 1925, indicate that the index depends upon 
the time of application of the stress, the following 
values being obtained for flat sheets of oil impregnated 
paper: 


Time 


Index n 


Momentary 
10 Days 
51 Days 
77 Days 


0,72 

0.56 

0.52 

0.52 


This suggests an index of 0.5 for T = oo. 

The value of 0.72 for momentary stresses is not in 
agreement with most recorded data. Unpublished 
work by Montsinger indicates that the “momentary 
index” varies with the material, being unity in some 


*As far back as 1902, F. J. Newbury observed that it was 
possible to increase the breakdown voltage of cables up to a cer¬ 
tain point by increasing the thickness of insulation, but that 
beyond that point the cable would break down at almost the 
same voltage, irrespective of increased insulation thickness. 31 


cases and as low as 0.66 in others. Thus in 1912 
B. S. Radcliffe, 40 working on porcelain, found a linear 
relation between 2 and 6 mm. This is confirmed by 
E. T, Montgomery. 41 

Work in 1925, by R. Dieterle, 22 accords with the 
following equation: 

E = B + At 

using the same notation as above, B being another 
constant. The tests, however, were on mica sheets 
between 0.015 and 0.30 mm. thick, a very narrow range, 
so that the two equations are readily reconciled as shown 
in Fig. 5. Moreover, the test covered periods of 
application from momentary to 30 min., and Dieterle 
agrees with Clark and Montsinger in finding that the 
slope A B decreases with increasing time of application 
of the stress. 

H. Rochow 27 worked with flint glass from 0.032 to 
0.262 mm. thick and obtained a linear relation like 
Dieterle, except that at thicknesses from 0.15 to 
0.262 mm. the breakdown voltage seems to be higher 
than the linear law would require. This is at variance 
with the generally accepted view, as expressed quanti¬ 
tatively by Clark and Montsinger. F. W. Peek 42 con¬ 
firms the view that with alternating voltages the 
breakdown voltage does not increase as rapidly as 
the thickness, but finds the linear law to hold with 
direct voltages. 

In the field of liquid dielectrics we find little informa¬ 
tion and that bit is not consistent within itself nor does 
it agree with observations based on work with solids. 
Peek, 21 working with transformer oil and spherical 
electrodes, found a minimum value for the strength 
when expressed in terms of the computed stress at the 



Fig. 5 

surface of the sphere when the spacing was approxi¬ 
mately five times the radius of the sphere. In terms of 
total volts across the gap the relations are in the form 
found by Dieterle although the value of the constants is 
different. On the other hand, his data obtained using 
flat disk electrodes cannot be reduced to any simple 
expression. In both of these cases geometrical sym¬ 
metry has been ignored and it may partially explain 
results although Spath 43 after an extensive study, 
came to the conclusion that for reasonably well purified 
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oil the dielectric, strength will increase with decrease in 
the separation between the electrode; with oil that is 
not well purified the results cannot be predicted. 
Wedmore 41 found that for needle points and parallel 
disk electrodes the total voltage was nearly indepen¬ 
dent of the gap, whi le Sorge found a decrease in average 
strength with an increase in spacing. 

There is an excellent field for investigation in filling the 
gaps of our knowledge regarding the relation between 
breakdown voltage and insulation thickness, but the 
work must be done by trained physicists conversant 
with the various factors which must be controlled in 
order to eliminate everything but the two quantities 
under investigation. For instance, it is believed by 
some that the failure of the linear relation is due to the 
probability that thick material cannot be manufactured 
as perfectly as the thin. 

The discussions which have (‘entered about the 
pyroelectric, theory of dielectric failure have placed 
much emphasis on the thickness relation. The follow¬ 
ing table shows t he theoretical deductions which have 

Insiilallon lIomoKt'iienuM 

Case or linlorogonoous Dlnrtioii of enrage of heal 


! ia) llomoKoiioouH Toward Hoftrodas 

I (10 Homogeneous Toward deal mdis 

II, Weak lllamont. along linen To .surroundiiii; insula! ton 

of stress 

been made from various aspects of the theory, Case 1 (b) 
having been developed by J. E. R. Hayden. 40 

A modified form of this theory, suggested by 
.Kogowski, which allows for changes in resistivity with 
voltage, as well as with temperature, gives 

E a T for thin insulation and E a (a'i y," ) 

for thick insulation, :!v where K ] and K» are constants 
independent of the thickness. 

Breakdown Voltage and Insulation Area 

It has been observed by many experimenters that the 
dielectric strength of insulating materials in thin sheet 
form is materially higher with small electrodes than 
with large ones. F. M. Farmer, 40 in 1913, found that; 
the variation with ordinary sheet insulating materials, 
such as prepared paper and doth, may be *10 or 50 
per cent between electrode diameters of 1/(14th in. 
and 8 or 10 in. The usual explanation of this phenom¬ 
enon had been that the probability of a weak spot 
increases with the area, but Mr. Farmer pointed out 
that if this were the case, the probable variation should 
be much greater for the small than for the big electrodes* 
and if this were so, the difference between the maximum 
and minimum breakdown voltages would differ ma¬ 
terially for the large as compared with the small elec- 

’"Beeatiso Homo small electrodes might cover no weak spots ami 
others might cover one or more, whereas the. large ones would he 
likely to eovor at least, one. 


trodes. The tests, however, indicated that there is 
substantially the same ditlerenee, thereby discrediting 
the theory of probability <>! weak spots. 

This would have been fairly conclusive had not the 
work of (leweeke and KrukowskiA in lit 14, renewed 
interest in the probability theory. These physicists 
made n times as many tests with small elect rodesof area 
/ as with large electrodes of area a j, took from each 
series of u successive tests with small areas, the lowest 
breakdown voltage, and found the mean of these 
minima to be equal to the mean of all the breakdown 
voltages, with large areas. This indicated that the 
probability of weak spots is proportional to the area 
regardless of whether that area is in one large unitor 
several small ones. These hit t er t eats. were repeated by 
Wagner and Stahl, who obtained the same results. 8 

The next step in this problem was taken in 1 !l 17 by 
A. E. Kennedy and It. 4, Wiseman 5,1 who made tests 
with two samples of equal total area, one equipped with 
a pair of one-piece electrodes and t he ot her wit h a large 
number of small elect rodes. 'The probability of a weak 

j Urlaf um » In Itt, i it lili-.il. j 

• town vnl! t •• i / i mill hull \ ft lit formula 

Kloriroilo Tempera!urn ! t neli in .-.•/• j /,' - ,t ’/•» 

Kcjil unifnrinl.v root tmlijn n>t> n! j o 

Allowed In warm tun mullj: i: >« V / j n 

(Immuterlali * K ♦» /' l |.0 

s 1 

spot was the same in both cases, as the total area in¬ 
volved was the same; nevertheless, when the small 
electrodes were each separately connected to the source 
of supply t hrough a high resistance, the breakdown 
voltage was equal to that, obtained with each pair of 
small electrodes used separately. 

This seemed to point to the existence of high fre¬ 
quency transients, surging from part of the insulation 
to another, as the cause of puncture, The breaking 
up of the electrodes and connection through high 
resistance would damp out these transients whereas 
they would How freely through the solid electrodes, 
The difference between the breakdown volt ages of large 
and small samples would be explained by the greater 
severity of high frequency transients with large (high 
capacity) samples.! 

In 1907, W. LeRoy KmmefA' suggested t hat, dielectric 
loss protects insulat ion from destructive voltage surges, 
which are absorbed and harmlessly dissipated through 
the mess ol insulation, instead of breaking down at some 
comparatively weak point, 

These discrepancies leave another interesting held for 
physicists to clarify. 

Breakdown Voltage and Electrode Form and 
Material 

Somewhat akin to the questions of electrode area are 

•|T\vu masons exist Tor supposing high frequency voltages to l' 0 
especially des trucl ive: ImR, the greater dielectric lessen and 
second, the greater ionizing ability uh illustrated i» o/.ouo 
formation. 
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those of their form, material, and surface. In the case of 
solids these details have had but little attention. 
There is somewhat extensive experimental work along 
these lines with liquids, however. In 1921 Wedmore 44 
made tests to determine the best form of electrodes for 
testing commercial transformer oil. He came to the 
conclusion that the type has large influence on the 
uniformity of results but comparatively little influence 
on the average result obtained if the number of observa¬ 
tions is sufficiently large to eliminate the experimental 
errors. Dieterle, 22 after using seven types of electrode, 
came to a similar conclusion. In 1924, Sorge 50 reported 
that over a considerable range the curvature radius of 
the electrode had but slight influence with any of several 
forms of liquid dielectrics. He found that the material 
from which the electrode was made had a noticeable 
effect on the majority of the values, silver being the best 
of eight materials tried and brass the poorest. Sorge 
and Engelhardt 51 both studied the influence of the 
condition of the electrode surface and found that it has 
a marked influence on uniformity of results and to some 
extent upon the average value obtained. Thoroughly 
cleaned electrodes will give smaller experimental 
variations and in general a higher average result. 
Similar observations have been reported before the 
American Society for Testing Materials and made the 
subject of a special investigation in dealing with 
revision of the test procedure for determining dielectric 
strength of transformer oil. 

Breakdown Voltage and Heterogeneity of 
Dielectric 

The relations between breakdown voltage and the 
degree of heterogeneity of the dielectric possibly covers 
the entire subject, as nothing whatever is known of the 
behavior of absolutely homogeneous solid insulation. 
The electrical continuity of such materials is almost 
invariably broken by minute quantities of air or mois¬ 
ture, and many of the most commonly used insulating 
materials are mixtures of substances having widely 
different specific capacities and resistivities. 

James Clerk Maxwell showed that a dielectric com ¬ 
posed of two substances differing in these two character¬ 
istics, will exhibit absorption phenomena which, as 
pointed out by F. Grunewald 52 in 1923, may have an 
important influence upon electric strength. Grune- 
wald’s thesis, briefly stated, is as follows: 

If a composite dielectric having two layers of 
different specific capacities be subjected to a conden¬ 
ser discharge, it will acquire different potential 
gradients in the two layers, the greater being in 
that of lower specific capacity. If now the 
dielectrics be discharged, the difference of poten¬ 
tials between the terminals will disappear, but 
there will be an internal potential gradient due to 
charges at the surface of separation. 

After an interval, this internal potential curve 
will straighten and establish a potential difference 


between electrodes, and the gradient in each layer 
will now be proportional to its conductivity instead 
of inversely as its specific capacity. 

If, now, a new condenser discharge occurs of such 
polarity that it will add its potential to that due 
to the residual charge, a severe stressing of the low 
capacity layer will result, especially if that layer 
has the higher resistivity. 

This view was supported by experiments which 
showed a marked decrease of puncture voltage as the 
result of precharging. 

Attempts by other physicists to duplicate these 
experiments have led to inconclusive results. 

The presence of occluded air is a serious detriment to 
solid insulation, as shown by J. B. Shanklin and J. J. 
Matson 53 , in 1919, as it leads to excessive local dielectric 
losses and to destructive chemical action under powerful 
electrical stresses. In the same year, F. Dubsky 54 , 
reported experimental work on the electric strength of 
thin films of air and showed that the ionization stress is 
considerably higher than in thick films. - 

The stress in an air film is K times that in the con¬ 
tiguous solid dielectric, where k is the specific capacity of 
.the latter. Hence knowing k and Dubsky’s experi¬ 
mental data, it is possible to predicate the stress in the 
solid dielectric at which air ionization begins. Shank¬ 
lin and Matson found this to be 19 kv. per cm. in the 
case of impregnated paper cable insulation. The 
detrimental effects of such ionization were described 
by J. B. Whitehead 55 in 1923. 

It was shown in 1922 by Del Mar and Hanson 56 
that impregnated paper insulation acts as oil insulation 
reinforced by baffles. When, however, the oil has been 
altered chemically as the result of exposure to ionized 
oxygen, the oil hardens and the insulation degenerates 
to a laminated type with air or vacuous spaces between 
layers. 

By their nature, fluids lend themselves better than 
solids to studies of the effects of impurity and the litera¬ 
ture contains reports of many, such studies. Hen¬ 
dricks 15157 in 1910 was among the first to report on the 
effect of moisture on the dielectric strength of trans¬ 
former oil. He succeeded in deriving results which he 
reduced to the form of an equation covering small 
limits. Freise 36 made extensive studies' and found that 
the amount of moisture was only one factor; the extent 
of diffusion was almost equally important. Hayden 
and Eddy 58 report the result of 3000 tests of the di¬ 
electric strength of transformer oil. They came to the 
conclusion that one of the principal factors influencing 
the uniformity of results is that of moisture. In their 
tests they used commercially dried oils. Schroter 69 
arranged a test electrode so that the process of dielectric 
failure might be observed under a microscope and 
was able to establish clearly that breakdown was 
preceded by the movement of minute dust particles into 
the space between the electrodes. He found marked 
improvement in the dielectric strength of the oil as the 
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moisture and dust were removed by successively more 
refined methods of treatment. Spath and Wedmore 
both report more irregular results with moist oil than 
with dry. Gyemant 60 has developed a mathematical 
theory to explain dielectric failure of liquids where 
moisture is present in small globules as the diffuse 
phase. This treatment is interesting but does not seem 
to have any great practical application. 

Breakdown Voltage and Temperature 

If the failure of insulation is due to the heating result¬ 
ing from dielectric energy loss, the breakdown voltage 
should drop with rising temperature, and failure should 
be preceded by temperature rise. 

As with most experimental data relating to the 
failure of insulation, the facts are apparently inconsistent. 
Thus G. Weimer and G. T. Dun 61 , experimenting with 
porcelain, reported a progressive drop of momentary 
electric strength from 25 deg. cent, to 325 deg. cent, 
at which latter temperature this material possessed no 
electric strength whatever. Similarly, W. S. Flight 62 
stated in 1922 that composite materials like varnished 
cambric, mica products, impregnated paper, etc., all 
suffer a marked decrease in dielectric strength, ranging 
from 5 per cent to 72 per cent for a rise from 30 deg. 
cent, to 100 deg. cent., the voltage being increased by 
steps of one-minute duration. 

Opposed to these results are the more recent and care¬ 
fully obtained data published by H. Rochow 27 in 1925. 
This physicist used double concave specimens of Jena 
flint glass and made his tests over a range of 108 deg. 
cent., namely from 18 deg. to + 90 deg. The minimum 
thickness of insulation was 0.175 mm. and the rate of 
increase of voltage 340 volts per sec. The net result 
was a practically uniform electric strength over the 
whole range of temperatures. 

Furthermore, Rochow found by an optical method 
based upon the change of refractive index with tempera¬ 
ture, that no temperature rise, exceeding 10 deg. cent., 
occurred even when a voltage near the breakdown point 
was applied for 10 min. or longer until failure occurred. 
It was pointed out by Rogowski 28 in 1924, however, that 
according to Wagner’s filament theory, a temperature 
rise of 5 deg. cent, should be sufficient to start accumula¬ 
tive heating in glass, so that Rochow’s results are 
inconclusive. Here again is a field for investigation 
which has important aspects both from the practical 
and scientific points of view. 

Results obtained with liquids in an effort to deter¬ 
mine the influence of temperature are too varied to 
leave us with any idea as to their true significance. 
gorge 50 found that xylol was almost uninfluenced by 
temperature between 20 and 80 deg. cent, while above 
80 deg. there is a slight dropping off in dielectric 
strength. Hexane showed steadily decreasing values 
and an abrupt falling off after the temperature had risen 
above 69 deg. cent. Still another form of relation was 
obtained with transformer oil which showed slightly 


increasing values up to 50 deg. cent, and beyond this 
point a slight decrease. 

Breakdown Voltage and Rate of Variation 

It is difficult to distinguish experimentally between 
the effects of voltage and time as discussed under the 
heading, Time—Voltage Relations; and those having to 
do with effects of the rate of variation of voltage, for 
where the time of test is comparatively short the two 
influences tend to mask one another. 

It has long been known that with solid dielectrics the 
electric strength increases with increasing rates of ap- 


plication of the voltage. 

This is clearly illustrated by 

the following data submitted by H. Rochow 27 , a result 
of careful tests on Jena flint glass 0.167 cm. thick: 

Volts per sec. 

Kv. per cm. 

26 

2900 

340 

3810 

650 

4310 


R. Dieterle, 22 experimenting with mica sheets from 
0.015 to 0.030 mm. thick, and over a range of frequen¬ 
cies from 0 to 50,000 cycles, found the breakdown volt¬ 
age both for momentary and 30-sec. applications, to be 
practically constant from 500 to 50,000 cycles. The 
average for all thicknesses was as follows, taking for 
both momentary and 30-min. periods a base of unity 
for 50,000 cycles: 

Relative Electric Strength 


Cycles 

Momentary 

30 Minir 

0 (d-c) 

15.6 

5.53 

0.5 

2.42 

1.59 

10 

1.29 

1.15 

50 

1.22 

1.15 

500 

1.16 

1.10 

5000 

1.12 

1.09 

50000 

1.00 

1.00 


In general, it would appear that a dielectric will 
withstand a higher voltage if applied rapidly than if 
applied slowly. 

As far back as 1908, A. S. Langsdorf 63 reported that at 
frequencies from 30 to 110 cycles, breakdown occurs 
after a definite number of repetitions of the electric 
stress, provided the applied voltage is above a certain 
critical value. It is interesting to note that this is 
consistent with the findings of F. M. Clark, regarding 
accumulative injury with intermittent voltage of long 
duration. 65 

Work by F. J. Vogel, 64 in 1924, on oil impregnated 
fullerboard, over a range of from 60 to 400 cycles, con¬ 
firms Langsdorf in a general way, but indicates that the 
law of cumulative injury does not represent the facts 
with precision for such frequencies. Secondary actions 
are likely to complicate the results, especially if air is 
present, as ozone generation is almost proportional to 
the frequency. 65 

If these effects which are so prominent in solids are 
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present in true liquids, the values seem to be so small in 
geneial as to have escaped detection. However 
Dieterle 22 reports that with semi-fluid oils, he found 
a noticeable difference between the dielectric strength 
when the voltage was increased step by step in amounts 
of two-kv. each minute and that obtained when the in¬ 
crease of voltage was uniform and rapid so as to obtain 
failure in a few minutes. If the rate of application of 
voltage is increased to very high values, new phenomena 
are introduced. Peek 16 has investigated the behavior 
of commercial transformer oil when subjected to rapidly 
applied impulse potentials and finds that the dielectric 
strength under these conditions may be as much as four 
times that obtained with rapidly applied 60-cycle 
potentials. These tests indicate a clear time-lag 
although it is somewhat larger than that obtained for 
air and rather smaller than that obtained for solids 
under approximately similar conditions. 

Comparison of Direct and Alternating Potentials 

It has long been known that insulation will stand a 
much higher direct than alternating voltage. Thus, 
F. W. Peek, 4 - in 1916, showed that the * c d-c. breakdown 
voltages” of solid dielectrics in good condition are 
generally higher than the alternating crest voltages, 
especially when the time of application is long and the 
insulation thick. When appreciable amounts of moisture 
are present, the direct and alternating crest voltages are 
approximately the same. 

J. Delon, W. S. Clark, and others have determined the 
ratio of direct to alternating voltages for oil impregnated 
paper, and in 1923, J. L. R. Hayden and W. H. Eddy 66 
published a very comprehensive report on the subject. 
They showed that the ratio of direct to alternating 60- 
cycle crest voltage varies with temperature, insulation 
thickness, and rate of application of voltage. 

The following figures for oil impregnated paper are 
typical: 

Temperature 6 deg. ..25 50 75 100 

Ratio . 2.04 1.64 1.61 1.53 

Thickness, number of layers.. 2 4 

Patio. 1,86 1.65 

Rate of voltage rise, per cent 

per second. 20 5 0.1 

Patio... 1.86 1.58 1.78 

There is abundant opportunity' for research work in 
analyzing the changes of ratio and amplifying the scope 
generally, especially with relation to the time element. 

It is well recognized that for air, the value of the 
direct potential and the crest value of the a-c. potential 
to produce failure are the same. We are not surprised, 
therefore, to find that investigations on liquids indicate 
a ratio of more nearly 1.00 or about the same value as 
for gases. However, it is a little surprising to find that 
Hayden and Eddy 58 report that for a Number Six 
Transil oil they obtained an average ratio of 0.975 for a 


two-mm. gap and 0.871 for four-mm. gaps and only 
slightly higher values, namely, 0.965 and 0.969 
at two mm. and four mm. respectively. Using 
petrolatum, Sorge 50 reports what seems to be a more 
probable value as a result of tests on hexane when he 
gives 1.095 as the ratio between the direct potential and 
the crest value of the corresponding 60-cycle alternating 
potential. Using the same material and the same 
arrangement of test electrodes, the 50-cycle value was 
1.36 times the d-c. value to produce failure, the time 
of breakdown being essentially constant and only a few 
minutes in either case. Draeger found similar results, 
but differences in test electrode and other details of 
procedure make it difficult to compare absolute values. 
He also reports, that when alternating potentials are 
used, the root-mean-square value” is of importance, as 
well as the crest value; the lower the r. m. s. value, 
the higher the crest value to cause breakdown. This 
is quite in line with results previously referred to in 
connection with the effects of impulse voltages on 
transformer oils. 

Breakdown Voltage and Pressure 

In 1902, Perrine 78 noted the effect of rarefied gases in 
lowering the dielectric strength of insulation. Koch 37 
reported in 1915 the results of elaborate tests on some 
fluid and semi-fluid insulating materials with the 
somewhat surprising conclusion that for pressures up to 
20 atmospheres the breakdown strength may be ex¬ 
pressed by the following formula in which p is the 
pressure in atmospheres: 

Breakdown strength (Kv.^/cm.) = a + b . p 
But there is a definite limiting maximum value for each 
liquid above which the dielectric strength is approxi¬ 
mately constant. The factor a has values between 75 
and 100 while b ranges from 5.0 to 13.0 and depends 
on the material. In some cases the limiting pressure 
was found to be as high as 50 atmospheres. 

While this study was made the basis of the theoretical 
work of Gunther-Sehulze previously referred to, very 
little significance seems to have attached to it until 
recently, although H. W. Fisher and R. W. Atkinson 67 
obtained a patent in 1925, based upon a dielectric 
composed of a combination of compressed air and a 
solid. These investigators stated that pressure in¬ 
creases, in marked degree, the dielectric strength of 
insulation containing occluded air bubbles by reduc¬ 
tion of internal corona effect. 

L. Emanueli, about the same time, developed a 
special high-voltage cable in which provision was made 
for expansion and contraction of the oil. He also 
showed the effect of variation of air pressure upon di¬ 
electric losses. 68 In 1926, W. A. Del Mar 69 called 
attention to the consequences of the creation .of voids 
by thermal contraction of oil in impregnated paper, 
pointing out that ionization will occur in ordinary high- 
tension cables unless the internal pressure is maintained 
above atmospheric. 
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Isolated Pile n omena 

A number of very curious phenomena has been 
noted which probably bear upon the ionization or 
electron theories. For instance, if a solid dielectric in 
series with air be subjected to an increasing alternating 
stress, at first a small positive charge is induced on the 
surface of the solid dielectric which, with higher stress, 
changes to an increasing negative charge until puncture 
takes place. 71 

Work on air suggests that the disruption of a dielec¬ 
tric may be principally the work of positive ions, the 
negative ions being of secondary importance. Per¬ 
haps this phenomenon is related to the preceding 
one. 7 ' Very high gas pressure can be created by an 
electric spark in a confined area, as shown by K. B. 
MdSachron™ in 192.3, which may lead to the mechanical 
disruption of a solid dielectric in which sparking occurs 
due to air fissures. 

If the duration of the applied voltage is short', 
(say, 10 11 sec.), water disrupts like a dielectric and has 
several times (,he dielectric strength of ahv 1 This 
suggests that pure water may be a dielectric differing 
from others, principally in its time-voltage function, the 
time required to produce ionization being very short, 
failure by conduction occurring if the time be any 
longer. 

There is some evidence that ionization initiated by an 
over-voltage may persist at a lower voltage. 

It was pointed out by W. Petersen that small funnel- 
shaped craters are likely to form in insulation from 
which ions may be shot into the surrounding medium, 71 - 
Nelson (loodwin, 711 in 1925, told of an interesting 
experiment which suggests the ionic bombardment of 
Petersen: 

A plate of glass was tested, large enough to spark 
around at about 50,000 volts but which could not 
be punctured, A small patch of paraffin wax was 
then melted on the glass and allowed to cool. One 
of the electrodes, consisting of a wire 0.040 in. 
in diameter, was allowed to rest, on top of the 
paraffin, end on. The other electrode under the 
glass was a disk about 1 in. in diameter. Under 
these conditions a potential of less than *10,000 
volts was required to puncture glass and paraffin 
together. The absence of spark noise was very 
noticeable during the paraffin test in comparison 
to that when glass was teste<l alone. 

The lowering in breakdown voltage might be ac¬ 
counted for by the introduction of ions sufficiently 
mobile to be accelerated to a velocity which wilt cause 
break-up of the glass molecules, or on the other hand by 
the stress concentration due to the specific capacity of 
the oil. 

The test is an important one and the matter needs 
further investigation. The experiment has since been 
repeated successfully by others, using glass from photo¬ 
graphic plates and drops of petrolatum, paraffin, and 


other oils. Water on glass, or oil on varnished cambric 
has no such action. 

Perhaps connected with Ibis is the remarkable in¬ 
crease of electric strength of oil when I he electrodes 
have been very carefully cleaned. This has been 
previously mentioned under the heading, Dielectric 
Strength and Kffects of Flee!rode Form and Material. 
When the electrodes are cleaned by washing off with 
carbon tetrachloride or benzol and are dried by passing 
them through thellameofa burner with a draft of warm 
dry air, the results are invariably much higher and more 
uniform than when the same oil is tested with electrodes 
prepared in the methods used for commercial testing, 77 
In this latter method it is customary only to wipe the 
electrode and rinse out, the test cup with a sample of oil 
free* dry gasoline in order to remove libers. However, 
there is another possible explanation than flu* one 
suggested and it has to do with the complete removal 
of small libers such as would he accomplished by the 
action of the llame. Home work bearing on this 
phenomenon has been done, using x rays and radium 
emanations on the dielectric but the results have 
generally been too indefinite to prevent forming the 
basis for any thorough-going t heory or explanation. 

Another peculiar condition was noted by Przibram 
in 1904 and quoted by < itmlherSehulze' 1 after working 
with organic liquids. In general* it may be stated that, 
first, in a homologous series the dielectric strength 
decreases with increasing molecular weights; second, 
the introduction of a halogen atom or the N //„* group 
causes in benzol a considerable increase in dielectric 
strength; and third, oxygen compounds seem to have a 
greater dielectric strength than the corresponding 
hydrocarbons. 

These phenomena differ from those previously 
recorder 1 in that they have not, been correlated with 
other phenomena or theories. 

C'(INCLUSION; 

Viewing the subject as a whole, while far from being 
on a satisfactory footing, cither from the practical or 
theoretical standpoint, the developments of the last 
three years have given us a rough survey of t he field with 
sufficient bench marks to enable us to visualize the gen¬ 
eral character of the intervening territory and to project 
our vision some distance beyond. 

Research work can now hi* undertaken with an under¬ 
standing of its significance in the general scheme of 
things, so that experimental work can generally lie 
counted upon to have a broad as well as a specific 
significance. 

This is a great advance over the empiricism of pre¬ 
ceding years with its fragmentary and undigested data 
and crude theories, 

Summarizing i-his report as a start ing point for future 
research work, we may state our present position with 
regard to solid and liquid dielectrics as follows; 
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1. Dielectric failure is a phenomenon of circuit 
instability, 

2. This instability results primarily from the form of 
the stress-current density curve, which has either an 
infinite or a negative slope in its upper ranges, 

o. the explanation ol. this unstable characteristic 
is possibly to be found in the equilibrium conditions of 
free and combined electrons or other ions. In many 
cases these ions may be due to the presence of impurities 
in what we ordinarily consider to be the basic material, 

4. A dielectric is not necessarily injured by operation 
at stresses corresponding to instability unless the entire 
circuit has unstable characteristics; hence this action is 
non-cumulative and reversible, 

5. A dielectric under stress is subject to deterioration 
due to the energy of electric fields being destructively 
absorbed, in affecting chemical changes directly or by 
generating heat. This action is generally cumulative 
and irreversible, 

G. In solids, practically every known instance of 
cumulative and irreversible deterioration seems to be 
traceable to the presence of gases or liquids although it 
is conceivable that this phenomenon might even occur 
in a pure solid dielectric. In the case of liquids, it 
does not seem to be entirely dependent upon the pres¬ 
ence of impurities for there is considerable evidence of 
chemical changes of various types where hydrocarbons 
and similar liquids are used. No evidence is available 
as to the performance of liquids of simple molecular 
structure and consisting of one chemical element only, 
so that change is impossible, 

7. The form of the time-dielectric strength curve is 
explained by both the reversible and the irreversible 
actions being at play, the former predominating for a 
short period and the latter for a long period, 

8. There are indications that the cumulative de¬ 
terioration in solids resulting from heat generated in the 
dielectric may be serious even for periods of less than a 
second in duration. In liquids no evidence of any kind 
having bearing on this point has been presented, 

9. Attempts to frame a quantitative theory of dielec¬ 
tric failure in solids on the basis of heat generation 
and the negative temperature coefficient of resistivity 
which is characteristic of these dielectrics have not 
given quantitatively correct results, 

10. The pyroelectric theory is not basically unsound 
but it will not be useful until it has been made part of a 
more general theory which must take many more factors 
into account, 

11. The only theory approaching to general applica¬ 
tion to explain dielectric failure of liquids assumes the 
presence of gaseous or vapor spaces within the liquids so 
as to permit the development of velocities sufficient to 
cause ionization by collision and the consequent pro¬ 
duction of additional ions as evidenced by increase in 
current, 

12. A theory to explain the failure of dielectric liquids 
due to the presence of moisture has only limited ap¬ 


plication and cannot receive a serious place in this 
report, 

18. Future progress is dependent largely on obtaining 
reliable data by carefully controlled experiments on a 
wide range of materials and carefully noting the in¬ 
fluence of gaseous, liquid, and solid impurities. These 
experiments should establish the relations between 
dielectric strength, thickness of dielectric, area of 
dielectric or form of electrodes, material of electrode, 
form of the voltage current waves, temperatures of 
dielectric and electrodes, mechanical pressure, and other 
variable factors, 

14. Various isolated phenomena should be carefully 
studied. These are likely to prove more valuable 
leads than phenomena that are better understood. 
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Discussion 

F. M. Clark: I think if you read this paper carefully you 
will come to the conclusion that there is a considerable difference 
of opinion among “reliable experimenters.” That is due, no 
doubt, to a fact which heretofore has been greatly ignored. Not 
until recently have the chemist and physicist come into agree¬ 
ment with regard to the structure of the atom. The chemist 
has had his own chemical atom, and the physicist his own 
physical atom. The real reason has been that the physicist 
has entirely neglected the chemist’s problems and the chemist 
has been guilty of neglecting the problems confronting the 
physicist. 

The chemist is compelled to recognize two entirely different 
types of material; that is, the organic and the inorganic. The 
molecular structure involved appears to be different for each 
of these classes. 

The electrical engineer, however, disregards both the chemist 
and the physicist; he works upon “insulation” and pays no 
attention as to whether it is organic or inorganic material. I 
think if you go through the paper and pick out the discrepancies, 
you will find one man talking about inorganic matter,—glass or 
the like,—and the other man talking about oiled paper or other 
organic material. 

Another point I want to bring out in the paper is the difficulty 
in handling empirical equations. For example, take the case of 
the time-voltage curve, described on the third and fourth pages. 
Mr. Del Mar points out that the index of the time factor obtained 
by Peek and Montsinger is — 4. Mr. Farmer indicates that it 
ought to be — 7 instead of — 4. Now, we have found that you 
can change that index as you please, by merely changing the 
materials with which you are impregnating the paper, or using 
the same impregnating material and changing the solid. In 
using an empirical formula, therefore, one must be very careful 
to apply it only to those limited cases for which it has been 
already proved. 

Mr. Del Alar asserts that the dielectric strength-thickness 
relation for oil-impregnated paper is 0.72. It ought to be stated 
as 0.72 for mineral-oil-impregnated linen paper. If you go to 
Biraft paper, it is something else. As a matter of fact, we have 
been able to change the strength-thickness relation at will merely 
by changing the type of material with which we are dealing. We 
have gone from a value of 1 to an index point of about 0.58, 
either by changing the solid or the oil. That is brought out in a 
paper to which Mr. Del Mar refers as unpublished. It was 
published by Mr. Montsinger and myself in the General Electric 
Review in 1925. 

There is one other point. It is mentioned that there are two 
classes of breakdown. . I should like to add another. The 
mechanical effects leading to electrical breakdown have been 
entirely neglected, except at the bottom of the column. I think 
they are extremely important, especially to the cable engineer 
and operator. 

I can cite a case. In 1923 at Pittsfield in some of our ap¬ 
paratus which had seen field service, we found considerable 
w r ax formation. The problem of the cause of this wax formation 
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was turned over to our laboratory. The chemists attacked the 
work, and in a short space of time came to rather definite con¬ 
clusions regarding its origin,—conclusions which have been quite 
widely accepted since that time. They claimed the wax was 
nothing but a polymerizing product produced by the action of 
corona on the oil. They concluded that the corona was first, 
the w ax being the result and not the cause. Nevertheless, we 
continued the -work to determine the possible advantage occur¬ 
ring from the use of an oil which would not wax easily under 
corona bombardment. We found that if we took oil which did 
not wax easily, or if we used air impregnated paper, and sub¬ 
jected either of them to corona, we got a mechanical shock and 
the paper disappeared. They told us it was the oxidizing action 
of ozone on the paper. However, we could not find carbon 
dioxide after or during the experiment. We repeated the 
experiment in a hydrogen atmosphere. If w r e stopped the 
experiments halfway, “needle points” were noted, such as Osborn 
described some time ago. Eventually, with a continued test, 
the paper lost its structure and disappeared as a powder. 

Can an oil be produced which wall not v'ax under corona 
bombardment? This problem may not yet have been solved 
to the satisfaction of all. Perhaps such an oil may be eventually 
found, although its existence does not appear probable at present. 
Hov r ever, suppose such an oil can be prepared, vdiat will be the 
result? We shall then have to consult the paper chemist in 
order to obtain a paper which will not disintegrate under corona. 
In the end, we may reach the surprising viewpoint that wax 
formation in cables is not our worst enemy after all. It at least 


gives us a true indication of the condition of the cable before 
failure. I believe wax formation in cables will be well worth 
the trouble it has caused if it serves to focus attention on the fact 
that, to insure proper service, the cable must be not only properly 
treated at the factory but throughout its entire existence before 
and after installation must be handled in such a way as to prevent 
the formation of voids, gas pockets, and “dry” spots. 

W. A. Del Mar: Mr. Clark’s discussion clearly shows the 
necessity of attacking the insulation problem in a broad com¬ 
prehensive way and of avoiding hasty generalizations. Since 
the preparation of our report, several papers on dielectric failure 
have appeared which, we are glad to note, support the main 
conclusions which v r e reached from the rather meager data 
previously available, such as the existence of two agencies of 
deterioration, neither of which is explained by the Wagner theory 
in its present forms, although a modified form of this theory may 
be expected to explain one of them. 

W. F. Davidson: I think that we can only again emphasize 
the points which Mr. Clark has brought out; the need for clearly 
understanding that about which we are talking, and following 
the thing through wdth attention to every minute detail. So 
many times after the w r ork is all done we find some essential 
point that might easily have been secured during the progress 
of the work still lacking. Somebody starts out to study the 
pyroelectric theory of material, and wdien he gets through, he 
finds that the thing has acted in a disruptive way, and that 
evidence bearing on the disruptive failure is quite useless because 
it has been collected in such a haphazard way. 
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Synopsis.- Peter Cooper llewitl. invaded the mercury arc 
rectifier in 11)03, so that it can hardly he considered a new develop- 
mail. More than a half dozen different manufacturers are groduc- 
i')i(l mercury arc rectifiers of various types and sizes and have been 
producing such rectifiers for years, so that commercial development 
is not new, yet technical literature is astonishingly bare of treatments 
going to the fundamentals of rectifier behavior. Many articles 
appear, describing this and that installation. Descriptions of 
structural details arc not, wanting. Far specific glass rectifiers, 
performance curves arc available which give the relation between 
current and voltage id which failures occur under standard con¬ 
ditions. Even this information does not, seem to he published for 
the iron tank rectifiers. 


Introduction 

OR the purposes of this paper, structural details 
will be ignored as far as possible. That is, if’ a 
vacuum-tight vessel is secured, the performance of 
a rectifier ol a given size and shape should not he 
altered whether the joints are sealed with .mercury or 
rubber, or are of glass fused to metal. Erratic behavior 
due to bridging of insulators with mercury or oxidation 
residues merely hampers an investigation and is not a 
factor in fundamental design constants. Similarly, 
disturbances due to flying drops of mercury must he 
prevented, but this again should .not bo determining 
where size and shape are to be fitted to current and 
voltage ratings. 

The function of a rectifier, as every one knows, is. 
to convert alternating into direct current. This if, 
does by an electrical action analogous to the familiar 
check valves used in pumps. A mercury arc rectifier 
consists of an evacuated vessel of glass or metal con¬ 
taining a mercury pool cathode and two or more anodes. 
A bright dancing spot on the mercury surface is the 
source of electrons which move toward any positively 
charged anodes. As long as the anodes are unable to 
give off electrons, conductivity in the other direction 
is normally nil. These phenomena are developed more 
in detail in subsequent,sections. 

Tup Oatiiopp Spot 

The probable mechanism of the cathode spot is 
substantially as follows: Electrons are emitted from I,he 
spot and proceed into the space where they strike* 
neutral vapor molecules and ionize them by removing 
an electron. The new electron joins the old in con¬ 
ducting the current. The remainder of the molecule 
has a net positive charge and is a positive ion. It is 
attracted to the cathode. As the positive ions approach 

I. Reward) Laboratory, (1 anural Klogtric <’(»., Sdiem-dad v 
N. Y. 

Presented at the Summer Convention of the .!. I. E. E., Detroit, 
Mich., June dlt-df, 11)37. 


,4 n engineer wishing to familiarize Itims-Dj with tin >/ nan Illative 
relations underlying recti tier design has thus practically nothing to 
go on. We cannot assume from this that man uf acton re the world 
over have proceeded blindly for lonely a ywtrfer of a century, but if 
they do know what hupptus in a mercury are rectifier they n( Intst 
liner not told the public. 

The purpose of this pupir is. In pn si >d , tteh information us a at 
present available to the author. This information does not include 
the knowledge of nry important groups m tin industry and would 
even seem to indicate that a ('»ry (a rip aggregate cnpaeity nf rectifiers 
has been designed along incorrect Inns. This affinity is tIon untile 
in a spirit of humility in tin hope Dud //;.< < p,mil point 

out wherein it is in error. 


the cathode, they produce a high space charge potential 
gradient which removes electrons from the relatively 
cold mercury surface. At the same time, tin* positive 
ions striking the surface heat it and cause a violent 
evolution of memiry vapor. As the ions are also mer¬ 
cury vapor, a pressure of mercury vapor is built up 
which enables the electrons to strike molecules after a 
very short travel. The entire process can thus lake 
place very close to I lie mercury surface which enables a 
very few volts to produce a gradient of millions of volts 
(am centimeter at I he surface. 

The cathode spot has been observed to have an area 
ol 2.a X 10 5 cm. \. It moves about at a rote of 10 
meters per see, due to the vapor blast, ll is relatively 
cool, not over 0(H) deg,, cent, This point is demon¬ 
strated by noting its spectrum which is of the hand 
type rather than I he continuous sped rum radiated by a 
hot, body. The vapor pressure is about 2.as atmos¬ 
pheres, 1,8 atmospheres due to arriving positive ions 
and 0.78 to evaporating mercury. This pressure gives 
a mean tree path ol tin* order of b,Y0 |0 11 cm. near 
Hie suHare. The cathode drop is about tune volts so 
Unit, the average gradient over one mean free path is 
about 2.0 million volts per cm. The removal of the 
electrons from a cold metal surface by high gradient is 
railed the Schott ky effect. Schotfkv calculated on 
theoretical grounds that about 40 im mils per cm. 
would bo required for perfectly plan** .'airfares. For 
curvature ol the order of molecular dimensions the 
average gradient might ho reduced a great deal so that 
2,b y. It)' 1 would seem a reasonable value. Excepting the 
spot temperature, most of the foregoing figures are due 
t,o (ounthorsehulze" who gives also a division of the lost 
energy. Mercury evaporated is 7,2 It) g, per see 
per ampere. Filly-six per cent of the current at flit* 
cathode is carried by electrons, the rest by ions moving 
toward the cathode surface. At greater distances, al¬ 
most all the current, is carried by elect runs on account of 

2. Engineering Prog,, . Atigict, l‘»2... '/od in, Ph r ak HltWtl 
I i I left. 2, 1022. 
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the slow movement of the heavy ions. An electron has 
a mass of 9 X 10~ 28 g. and carries a charge of 1.59 X lO" 19 
coulombs, while an ion carrying the same charge has a 
mass of 3.3 X 10~ 22 g. Their velocities are inversely 
proportional to the square roots of their masses, so that 
the electron velocity is about 600 times that of the 
mercury ion in the same field. 

The ionization potential of mercury vapor is 10.4 
volts; however, all this energy need not be imparted at 
one collision. A molecule may be activated by re¬ 
ceiving 4.7 volts in which condition its free electrons are 
in an outer position from which they are more easily 
detached. The nine-volt cathode drop is presumably a 
weighted average of the various possibilities. 0.44 
ampere, the positive portion of each cathode ampere, 
falling through nine volts, delivers 3.96 watts to the 
cathode. On entering the mercury, the ions are neu¬ 
tralized by conbination with electrons-, and this re¬ 
leases further energy equal to 3.1 watts. The total 
energy is thus 7.06 watts per ampere. This energy is 
consumed as follows: 

Consumption of energy by electrons 


leaving the mercury.2.20 watts 

Evaporation of mercury in the cathode 

spot. 2.20 watts 

Conducted away by the mercury.2.68 watts 


7.08 watts 

The heat conducted away by the mercury may evap¬ 
orate mercury outside of the cathode spot or may be 
conducted to the outside of the rectifier. The electrons 
passing out through the nine-volt cathode drop acquire 
energy represented by 0.56 X 9 = 5.04 watts which 
is used in making ionizing collisions, but 3.1 watts 
is returned to the mercury by the positive ions. The 
difference, 1.94 watts, passes into the ionized space but 
must be added to the 7.08 to make up the total cathode 
drop. 7.08 + 1.94 = 9.02 volts. 

Conduction in Space 

Once free of the cathode, the gas expands to a low 
pressure, which will be considered later. In this space 
the electrons travel in the general direction of the anodes 
but they are diverted by collisions with vapor not 
violent enough to ionize, and this adds heat to the vapor. 
Some electrons recombine with ions, giving off energy 
as radiation which is lost. Electrons and ions combine 
on the surface of the vessel giving up their energy as 
heat. These losses must be made up by a potential 
drop along the arc path. Data have been published 
giving this loss as 0.1 to 0.4 volts per cm. of arc length. 
It is thus quite variable and depends upon a variety of 
factors, such as temperature and geometry of the 
rectifier. In any given volume of ionized vapor there 
will tend to be equal numbers of electrons and ions at 
any instant. A surplus of either sign of charge will 
attract charges of the opposite sign until the balance 
is restored. Since for equal energy the electrons move 


600 times as fast, the conducted or drift current will 
be carried by electrons and positive ions in the ratio 
of about 600 to one. The walls of the rectifier, if at 
space potential, would receive 600 times as many 
electrons as ions. They could therefore remain at 
space potential only if a large current were drawn from 
them. Actually the walls are usually allowed to charge 
themselves negatively until a balance is reached. This 
balance occurs when the walls are negative about 
five volts with respect to the space potential or about 
four volts positive with respect to the cathode. The 
cathode drop was thus long supposed to be the differ¬ 
ence between the wall or sounding electrode potential 
and the cathode 3 . 

Anodes 

The deflection of electrons and ions from the straight 
path by collisions gives rise to random velocities which 
may considerably exceed the velocity of drift toward the 
anode. Langmuir 3 has found that the density of elec¬ 
trons striking a test electrode is from to 4 times the 
drift current through the rectifier, depending upon the 
temperature. It is thus possible for an anode to collect 
all its current merely by picking up electrons which 
naturally strike it. These electrons give up their 
energy upon falling into the anode surface so that the 
anode is heated even though there is, strictly speaking, 
ho anode drop. 

Theoretically, a large enough anode might collect its 
entire current while at a potential negative with respect 
to the space. A metal tank rectifier employing the 
whole tank as an anode will show a drop as low as eight 
volts for considerable currents. The total drop is 
thus less than the cathode drop alone. Such an 
arrangement would be more or less impracticable for 
an operating rectifier but serves to show the nature of 
the anode loss. 

Most practical rectifiers are arranged to have enough 
anode area so that the entire current is random current 
at ordinary loads and working temperatures. This is 
accomplished by making the anode area not less than ^ 
of the cross section of the arm in which it is located. 
The anode is then required to dissipate only the energy of 
recombination of the electrons; that is, the work func¬ 
tion which is 3.7 volts for iron and 4.1 for graphite. 
This energy may be conducted away in anodes with 
cooled stems or radiated where small solid stems are 
employed. 

If, due to insufficient anode area or a cold tank, the 
random current is too low, the anode must surround 
itself with an electric field to draw additional electrons 
in. This field accelerates the electrons which reach the 
anode at high velocity and cause excessive heating. It 
is not uncommon for the anodes in a cold tank suddenly 
loaded to become incandescent or melt, giving a failure 
before the apparatus has time to warm up. 

3. Langmuir, G. E. Review, Nov., 1923, and July, Aug., Sept., 
Nov., and Dec., 1924. 
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Total Arc-Drop 

The total arc-drop from anode to cathode of a 
rectifier is easily investigated. Fig. 1* gives the arc- 
drop of a small glass tube under various conditions. 
The lower curves are taken with a tube having short 
straight anode arms. With natural air cooling, direct 
current was first collected by one anode and then by 
two in parallel using a resistance to divide the current. 
The curves are the same within the limits of experimen¬ 
tal error. Also it is impossible to make two anodes 
divide current without some external means, for even 
though the drop increases with slow increase of current, 
it seems to drop with instantaneous increases. 



Fig. 1 also shows the effect of fan cooling the same 
two tubes. The point of minimum drop is moved to a 
considerably higher current but the minimum drop 
itself is larger. The temperature effect is clearly shown 
in Fig. 2. For small currents the drop is much lower 
at high temperatures. 

The drop as a function of time is shown in Fig. 3. 
A rectifier was operated under oil at carefully controlled 
temperature and a record made of current and arc- 



Fig. 3—Instantaneous Arc-Drop Variations 


The upper curves are for a precisely similar tube 
with bent anode arms which are necessarily longer. 
The point of minimum drop is perhaps the best to .take 
for comparison between different sizes. Table I gives 
an idea of the erratic connection between length of arc 
and total drop. 



TABLE I 

Minimum Arc-Drop for Various Rectifiers 


drop. The arc-drop measurements at the same tem¬ 
peratures and currents obtained from d-c. measure¬ 
ments are shown dotted and check quite closely except 
at the transfer points where two anodes were exchanging 
current. 

The effect of fan cooling in Fig. 1 suggests that even 
more current could be carried by more intensive cooling. 
Fig. 4 shows the effect of additional cooling on the 
same tube. Additional current possible with water 


D.C Aniperes 



Glass 

Size 

Minimum drop 


10 ampere 

16 


20 

17.1 


30 

15 


50 

15 


250 “ 

17.2 

Steel 

15 inch 

14.1 


30 “ 

14.8 


*Figs. 1, 3, 11, 12, 13, 14, 16, 18, 19, 20 are reproduced from 
“Mercury Arc Rectifiers and Their Circuits,” by Prince and Vog- 
des, through the courtesy of the McGraw Hill Book Co. 


Fig. 4 Effect of Cooling on Arc-Drop of 20-Ampere 
Glass Tube 

cooling is accompanied by a considerable rise in arc 
drop. The connection between the increased minimum 
and tube shape is shown by comparing Fig. 4 with 
Fig. 5. The two tubes have almost the same external 
area but the one of larger cross section not only carries 
more current with natural cooling but allows an 
almost indefinite increase in current without much 
increase in drop under forced cooling. The sudden 
changes in drop attract attention, but we are not 









June 1927 


PRINCE: MERCURY ARC RECTIFIER PHENOMENA 


10(37 


prepared to. offer an explanation for them. It is 
associated with the anode conditions. When the drop 
is high, the whole anode is covered with glow. When 
it is low, the anode tip appears to receive most of the 
current. 

When the vacuum is extremely poor, excessive arc- 
drops are obtained. The additional drop appears to be 



in the arc stream which contracts and becomes very 
hot, even melting glass or iron where it comes in con¬ 
tact at turns in the passage. The anode is also likely 
to be heated locally. A voltage breakdown or arc- 
back, however, will usually occur in operation long 
before this state is reached. 



Fig. 6 —50-Ampere Tube Arranged for Vapor Pressure 
Measurements 


compression. If the hot wire type of gage is used, 
connected by a small tube, the mercury may not all 
be condensed, but an indeterminate part will be con¬ 
densed so that the reading is of doubtful value as far 
as indicating the total pressure in active zones in the 
rectifier. The hot wire gage cannot be introduced into 
the arc stream because recombination will then take 
place on its surface and the heat of recombination may 
more than offset the convection due to the gas on which 
the pressure indication depends. Similar difficulties 
prevent reliable measurements of temperature inside a 
rectifier. Investigators have thus been more or less 
in the dark as to the actual conditions in the arc stream 
and condensing chamber. 

At the suggestion of Dr. Langmuir, a new method has 
been worked out for measuring pressures and tempera¬ 
tures within a mercury arc rectifier. Small copper 



Fig. 7—Temperature and Pressure of Saturated 
Mercury Vapor 

thermometer wells are attached to the sides of a 
‘rectifier, as shown in Fig. 6. By heating and cooling 
these wells, the temperature is found at which the 
mercury just condenses or just evaporates from the 
inside surface. These temperatures are within one or 
two degrees of each other. At the balance tempera¬ 
ture, the amount of mercury condensing must be equal 
to the amount of mercury evaporating. The mercury 
evaporating must evaporate in a saturated state, so 
that by consulting a saturation pressure temperature 


Pressure Measurements 
It seems as though there should be some connection 
between arc drop and the pressure in the vessel. Cer¬ 
tain difficulties interfere with direct measurements of 
these pressures. A gage connected to the outside will 
measure the pressure of fixed gasses plus some mercury 
vapor pressure. If a MacLeod gage is used, the 


curve for mercury, the pressure of evaporating mercury 
is known. The pressure of the condensing mercury 
vapor can only be different from this due to superheat. 
If a calorimetric measurement were made on the ther¬ 
mometer well, the heat represented by superheat could 
be determined. To do this the temperature is measured 
at a point where there is a natural balance between 
evaporation and condensation. From information 


mercury vapor will practically all condense under on the heat loss of surfaces, the energy passing through 
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the glass can be calculated. The superheat at this point 
is found to be about 20 deg. cent., so that at most 
points in the condensing chamber the degree of super¬ 
heat is probably negligible. In the regions of high 
ionization density, the recombination on measuring 
surfaces would produce the same indication as 
superheat. 

The relation between saturated mercury vapor 
pressure and temperature is given in Fig. 7., and the 
observed vapor pressures for a 20-ampere glass tube 



Fill. S -V A STATION OK VaI'OR PltKKSU UK WITH dliMKKNT IN 
( 1 HASH RiKOTJ El I'l It. 

are given in Fig. 8 and Fig. 0. By comparison with 
Fig. I, it appears that minimum arc-drop corresponds to 
about 0.1-non. pressure for either natural or fan 
cooling, using the pressures obtained for the neighbor¬ 
hood of the a,node arms. Other things being equal, 
the greatest ediciency will be obtained with a vapor 
pressure of approximately 0.1 mm. or corresponding to a 
temperature for saturated vapor of 82 deg. cent. 



Km. 1 * • Variation or Vapor Pressure with Location in 
Oi.abh Rectifier 

Fig. 2 shows a slightly lower drop at 1)0 deg. cent, and a 
lower current. The tube had to be heated to secure 
this temperature at a current of six to eight amperes 
whereas the OO-deg. curve is higher than the 80-dog. 
curve under full load conditions. 

Similar pressure measurements can be made on iron 
tank rectifiers by providing them with glass windows 
<m which condensation and evaporation can be 
observed. The difficulty in this case is to secure the 


proper location for the windows but valuable informa¬ 
tion is likely to lie secured in any case. 

In running such pressure tests, it has been observed 
that the condensing chamber may run 20 deg. to 30 
deg. cooler than the saturation temperature. Several 
obvious explanat ions for t his phenomenon do not seem 
to apply. For instance, a tempera! ure gradient might 
exist in iron or glass. But such a gradient is calculable 
from the known loss per unit of area and heat, con¬ 
ductivity and caleulat ions indicat e tract ions of a. degree. 
There is always a loss at, a boundary where heat is 
transferred from one material to another. The amount; 
of this drop is known and small for the conditions em¬ 
ployed, since heat, need only lie conveyed to a ther¬ 
mometer well. The amount of mercury vapor condens¬ 
ing and evapora ting from t he surface is several times the 
amount required to deliver heat by condensation and 
raise the parts in question to the temperature of the 
interior. 

1,: - h;" ' F ' j 

, ; ; , | j 

1 i ' : ! 


i ' F 
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Bio. 10 Arc-Hack C'lutvi; j«m to Ampi hi, ’.too Y<u i Ui.ass 
Recti mm Nati mai. Aim < ‘met ’ration 

The most reasonahle explanat ion appears to be that 
the fixed gas which evacuation has failed to remove 
from the rectifier is entrained by the mercury vapor 
and carried to the walls of the condensing chamber. 
Since these gasses cannot condense, t hey remain as a 
cushion of dead gas through which the mercury vapor 
must diffuse before it can condense. By assuming a 
reasonably small value for residual gas pressure and 
calculating how thick a film this gas would make if 
compressed against (lie condensing surfaces at the 
pressure of I,he mercury vapor, a value is obtained which 
is of the proper order of magnitude to account for the 
observed temperature drop from flu* mercury vapor to 
the condensing surface. 

Arp-Back 

r l he mechanism of conduction lias been developed in 
advance of the mechanism of failure since tin* failure 
is merely conduction at, f lie wrong f hue. Before setting 
up what is believed to he the correct theory, some of the 
observed facts may lie described. 
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Observed Arc-Back Data under test. If a failure to rectify occurs, the reversal 

Pig. 10 is an arc-back curve of a standard 10-ampere, current flows through the shunt resistance which limits 
200-volt mercury arc rectifier. Previous tests had been it to such a value that the rectifier under test is not in- 


made of the dotted low voltage portion. The curve 



therefore represents actual test results up to 4300 volts. 
Other tests were made to 10,000 volts, but extraneous 
factors prevented consistent results. The method of 
making such tests is to connect three rectifiers, as shown 



Pig. 12— Composit Arc-Back for Glass Tubes Natural 
' Air-Cooled 



Fig. 13—Composit Arc-Back Curve for Glass Tubes 
Fan-Cooled 



in Fig. 11. Two are used for protective purposes and 
have auxiliary anodes from which a cathode spot is 
continuously maintained. The circuit to each anode 
of the tube under test is carried through a protective 
tube shunted by resistance. As long as rectification is 
practically perfect, there is little current in the shunting 
resistances and the full burden is borne by the tube 


Fig. 14—250-Ampere, Three-Phase 500- to 600-Volt 
Multiple Mercury Arc Rectifier Tube 

stantly destroyed. The protective tubes are larger and 
better cooled than the tube under test and so do not 
give way. Such tests are most readily made on glass 
tubes because in the past they have been the only ones 
that could be depended upon to repeat themselves. 
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Fig. 12 gives the arc-back curve of a whole series of 
tubes of similar shape reduced to the performance 
per 100 sq. in. of bulb area. Fig. 13 gives similar 
data for tubes cooled by a fan. Two forms are repre¬ 
sented. The left-hand curve is for tubes having a 



Fig. 15—150-Volt Mercury Arc Rectifier Tube 



Fig. 16 —Oscillogram of Arc-Back taking Place 


modified hour glass form, such as Fig. 14. The right- 
hand curve is for straight sided tubes such as Fig. 15. 

As in the arc-drop measurements, a tube of greater 
section gives superior results. More intense cooling 
gives a further shift of. the arc-back curve to the right. 


Curves are not available because of. the larger power 
required since the tubes were actually loaded up to the 
point where failure occurred and only 50 kw. were 
available for the tests. 

Derived Arc-Back Curves 
Of course it is not very satisfying to know the'limita¬ 
tions of a given rectifier without knowing the reasons, 
because it is always possible that some insignificant 
change might multiply the output several fold with no 
increase in cost of manufacture. In searching for 
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Fig. 17 —Inverse Currents in a Glass Mercurt Arc 
Rectifier 

reasons, the first steps were naturally empirical, feeling 
the way. Rectifiers were operated with varying 
amounts of inductance in the a-c. circuits. These 
failed at a lower d-c. output voltage which corresponded 
to nearly the same voltage on the a-c. lines; that is, 
the peak inverse voltage was the same. Two tubes 
connected like the protective tubes in Fig. 11, but 
without the shunting resistance, carried more load than 
two tubes each rectifying both half waves. These bits 
of evidence tended to show that the failure occurred 



Fig. 18 —Breakdown of Rectifier without Arc as 
Function of Temperature 

at the inverse voltage peak, but conclusive evidence of 
this was wanting until one tube came under test which 
arced so consistently that it could be caught in the 
act by an oscillograph. Fig. 16 is a record of actual 
arc-back taking place. It appears that the failure 
occurs at or near the voltage peak so that conditions 
at that time should yield the explanation for arc-back. 

Fig. 17 is a record of inverse currents at different 
points in the inverse half-cycle, and shows that at the 
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negative inverse peak there is practically no ionization 
present, even at temperatures a good deal higher than 
those used in operating rectifiers. It should therefore 
be possible to test for breakdown in a tube not operating 
at all, provided the pressure conditions are duplicated, 
and have the results apply to an active rectifier. Fig. 
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Fig. 19 —Breakdown op Mercury Vapor 
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Fig. 20 —Breakdown op Mercury Vapor for Variable 
Electrode Spacing 


18 shows the breakdown voltages for a considerable 
variety of tubes as functions of temperature. Fig. 19 
produces Fig. 18 to higher temperatures. Fig. 20 
gives corresponding data for a special tube having mov¬ 
able electrodes. From these figures it appears that a 
considerable variety of rectifiers break down at almost 
exactly the same voltage and temperature. Within 
these limits the electrode spacing is immaterial. The 
special movable electrode tube could not be exhausted 
so well as the others and it accordingly breaks down 
at lower temperatures, but as perfection is approached 
the points of failure approach a common curve. 


If these breakdown data are significant, it should be 
possible to check the breakdown curve by means of the 
current voltage arc-back curves reduced to pressure 
temperature abscissa by means of the pressure tempera¬ 
ture measurements which have been described. Fig. 21 
shows such a comparison. An envelope is formed by 
curves A and B which enclose the breakdown points ob¬ 
tained with no arc in the tube. The other curves are 
the actual observed arc-back curves for three sizes of 
tubes reduced to a pressure basis. 

The envelope in Fig. 21 is rather a wide one but at 
least the elements of constructive design are present. 
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Fig. 21 —Comparison op Breakdown and Arc-Back Curves 
for Mercury Arc Rectifier Tubes 


The width of the envelope is a measure of vacuum 
technique. The relation between pressure and tem¬ 
perature of the cooling medium is a matter of thermo¬ 
dynamic technique. It is predicted that within five 
years there will be less mystery about the design of a 
mercury arc rectifier than now enshrouds the limita¬ 
tions of commutating machinery. 

Note: The physical mechanism of the breakdown 
between electrodes at low pressures has been roughly 
indicated by such investigators as J. J. Thompson, 
“Conduction of Electricity through Gases,” and 
J. L. Townsend, “Electricity in Gases.” A more 
detailed study of what happens when a cathode is 
formed on a conducting surface is being made by Dr. 
I. Langmuir and should be published in the near future. 



Current Collection from an Overhead Contact 

System Applied to Railroad Operation 

BY S. M. VIELE' 

Non-member 


Synopsis. —-This paper discusses, from a non-mathematical 
standpoint, certain factors which should enter into the design of an 
overhead contact system on an electrified railroad. It emphasizes 
desirable features, mechanical and structural, and indicates practical 
limits which conditions will permit in the attainment of these 
features. 

Tests made by the Pennsylvania Railroad with slow-motion 


T HE use of low potentials on a contact system 
permits the installation of the contact conductor 
in such a position that, although within relatively 
easy access to the public, in general, it is not an undue 
hazard to them. The use of higher potentials on such 
systems has carried with it increased hazard, which has 
necessitated the isolation of this conductor at distances 
which materially reduce the hazards of accidental 
contact. 

Isolation has usually taken the form of an overhead 
contact conductor along which a shoe or wheel is carried 
by the locomotive or car. The distance from the rail 
to the contact wire varies through relatively wide 
limits due to the exigencies of the conditions to be met 
along practically all railroad rights-of-way. Overhead' 
bridges, tunnels, and other obstructions require con¬ 
struction at heights which will permit little more than 
actual clearance for the rolling stock, whereas reduction 
of hazard to trainmen and the public generally requires 
a greater clearance than that usually obtainable through 
obstructed territory. 

The height of a multiple-unit car, such as is used in 
our suburban service, to the crown of the roof is 13 ft., 
0 in. (3.96 m.) The height of an electric locomotive 
of L 5 class is 13 ft., 5 in. (4.09 m.). These dimensions 
have resulted in our setting a minimum trolley wire 
height of 15 ft., 3 in. (4.65 m.) in completely electrified 
territory where steam locomotives are not permitted to 
move. This minimum trolley height is never used 
except where the conditions necessitate. It represents 
conditions in tunnels and is occasionally approximated 
at overhead bridges. 

The installation of a contact system at such an 
elevation would make approach to the roof of cars or 
locomotives very dangerous and would not represent an 
operative condition if used, except in very limited 
stretches. 

In case operation should require an employe on top 
of the rolling stock for minor repair work, the height of 
trolley should be 22 ft. (6.71 m.)'as this is the minimum 

1. Asst. Electrical Engineer, Pennsylvania Railroad. 
Presented at the Summer Convention of the A. X. E. E., 
Detroit, Mich., June 20-24, 1927. 


photography are outlined. These tests were made to determine 
operating conditions of the catenary construction with two different 
types of supporting attachments, over both curved and tangent 
track. Deflections and oscillations were studied in order to bring 
out the mdst productive sources for future study and improvement 
of the design in respect both to elimination of wear and to main¬ 
tenance of uniformly good current collecting qualities. 


height with which it is at all feasible to make even minor 
repairs. This includes an allowance of about one ft. 
(0.30 m.) for the increased sag under hot weather con¬ 
ditions. Such a dimension for trolley height has been 
adopted for suburban territory. It is not an ample 
clearance but some work can be done if proper care is 
taken. At the same time, my own experience does not 
permit me to say that it is a position of mental comfort. 
Twofeetmore, or a total contact height of 24 ft. (7.31 m.) 
is, from a clearance standpoint, a very much better 
proposition. This additional two-ft. (0.61 m.) clear- 



PiQ. j r 1 —"View of Standard Construction on Curved Track 

Steadying against side-sway on standard tangent track is accomplished in. 
a similar manner 

ance above a minimum of 22 ft. (6.71 m.) is very hard 
to obtain and in some cases almost impossible in urban 
districts, owing to the requirements placed for city 
grades, adjacent property .conditions, etc. In open 
country, where there are relatively few overhead 
bridges, the 24 ft. (7.31 m.) can be obtained and such*a 
standard set. 

The distance from rail to contact wire will vary from 
about 15 ft. (4.57 m.) to approximately 25 ft. (7.62 m.). 
This variation requires that the device which carries, 
the actual contact member and bridges the space be¬ 
tween the locomotive or car roof and the contact wire 
shall be capable of operation at varying heights over a 
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range of some 10 ft. (3.05 m.). Its operating range 
should permit of its minimum height position being 
about three in. (0.08 m.) below the minimum operating 
height position and it should be capable of extending 
some 6 in. to 12 in. (0.15 m. to 0.30 m.) beyond its 
highest operating position. 

Pantographs, carrying collecting shoes, have been 
exclusively used by the Pennsylvania Railroad for this 



Fig. 2—View op Special Construction on Tangent Track 

Steadying against side-sway on special curved track is accomplished in 
a similar manner 

purpose, for high voltage service. We have two broad 
classifications for pantographs, depending upon the 
equipment to which they are to. be applied, i. e., loco¬ 
motives and multiple-unit cars. The multiple-unit 
pantograph is a single shoe device of relatively light 
construction, whereas the locomotive pantograph is 
heavier and carries two shoes. The weights of these 
equipments are of the following order: 

Pounds 


Gross *“Live” Shoe 

Locomotive. 1400 (635 kg.) 243 (110 kg.) 33 (15 kg.) 

Multiple unit. 710 (322 kg.) 100 ( 45 kg.) 14 (6.3 kg.) 

*Shoe and extensible frame work 

In both types of equipment, the “live” weight is 
carried by the journals of a rotative shaft at each end 
of the pantograph, the two shafts having connected 
thereto the bottom members of the pantograph movable 
framework, which members are held in supplementary 
angular relation with the base of the device by bell 
cranks, and interconnecting links. In all operating 
positions, the weight of the “live” parts is eccentric 
to the shafts, which produces a torsional moment on the 
shafts which varies in amount throughout the entire 
operating range. This torsional moment is counter¬ 
balanced with helical springs, in tension, applied 
through chains operating over cam surfaces, the latter 
being attached to each end of each shaft. 

The necessity for a small collapsed height of panto¬ 
graph does not permit of a very large radius for the cams 


nor a large elongation of the springs and, consequently, 
the spring tensions are material. This spring tension is 
used to support the pantograph in all operating positions 
and to provide the force required for upward accelera¬ 
tion of the shoe and frame work, as well as to overcome 
the frictional resistance to upward movement. 

Collection requires that the force of contact should be 
as near constant as is feasible and that the friction of 
vertical movement of pantograph should be relatively 
small. It becomes evident that this is not a simple 
problem when it is considered that the spring tension 
on a multiple-unit pantograph for operation on trolleys 
at 22-ft. (6.71 m.) elevation is 460 lb. (208.6 kg.) for 
the minimum operating height and 150 lb. (68.0 kg.) 
for the maximum operating height, in each of four 
springs, and that the weight of the moving members 
is of the order of 100 lb. (45.4 kg.), the latter being 
variably applied. A pantograph operated vertically, 
on a stationary block, exerts 18 lb. (8.2 kg.) of upward 
force under slow motion conditions, with a total varia¬ 
tion of force of about 10 per cent. - Downward motion 
produces approximately 10 per cent additional variation. 

The above figures are based upon favorable con¬ 
ditions. If sleet' accumulates on the framework, it 
does not take long until sufficient weight is added to 
overcome the 18 lb. (8.2 kg.) of upward force. Wind 
loads have affected the operation of some of the early 
designs to a sufficient extent to actually drop the 
mechanism. 

It has been frequently asked why the upward pres- 



Fig. 3—Enlargement From Slow-Motion Picture 

This shows the locomotive pantograh shoe parting contact at the trailing 
end of a wire splice, 

sure should not be increased so as to have a larger work¬ 
ing margin. Two maj or limitations exist. 

In case the sum of the pressures of all pantographs on 
a given span of contact wire approaches the weight of 
construction lying immediately adjacent to the contact 
plane, columnar instability. of the overhead results. 
If the pressures are increased sufficiently, the contact 
wire will occasionally turn over, exposing the contact 
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wire attachments to blows from the passing pantograph. 

The wear on shoes and the. contact wire itself is, for a 
non-lubrieated contact, a function of the mechanical 
abrasive effect varying with pressure, and the pitting 
and burning effects caused by current flow. 

The most economical pressure apparently varies with 
the current collected from a single shoe. As the current 



Pig. 4—Close-Up of Badly Worn Wire Splice 

TMs picture shows the occurrence of wear at the approaching end and 
pitting action at the trailing end of the splice 

value decreases, lighter pressures can be advantageously 
used. This is fortunate, as otherwise it would be diffi¬ 
cult to operate some four to six multiple-unit panto¬ 
graphs in a given span without increasing the weight of 
actual contact system or providing special stiffening 
attachments for the contact wire. 

The force required for downward acceleration of the 
“live” parts of the pantograph is the sum of the upward 
thrust of the shoe plus an increased reaction to cause 
downward acceleration. This sum must not reach a 
value which will permit the turning of the contact wire. 
It follows that the upward acceleration forces which are 
permissible in the pantograph are less, by an amount 
necessary to produce maximum downward accelera¬ 
tion, than those which will be sufficient, under any 
conditions, to cause overturning of the contact wire. 
It should be borne in mind that the downward accelerat¬ 
ing forces vary with speed of traffic, gradients, changes 
of sag, etc., and a suitable margin must be left between 
these totaled upward pressures and the weight of the 
construction adjacent to the contact plane. 

The pantograph has a natural period of vibration, 
in a vertical plane, if it is considered that it be pulled 
down at the same rates at which it will rise under the 
application of forces inherent in the design. This 
periodicity of vertical vibration is an inverse function 
of the mass involved in the “live” parts and the friction 
of operation of the pantograph mechanism, and a 
direct function of the actuating force (the latter 
limited by maximum permissible wire pressures). 
Commercial designs vary but are of the order of from 
40 to 70 beats per min. The latter figure represents 
very careful attention to the entire pantograph design. 

The more rapid oscillatory designs are of advantage 
in obtaining better collection on any given overhead 
design. At the same time, this periodicity can be and is 
improved by the secondary supporting of the shoe 
itself, by springs which produce pressures well above 
and below the forces applied through the main frame¬ 


work. With the reduced mass to be vibrated and with 
forces approximating those applied through the main 
framework, the shoe periodicity is much higher but, of 
course, of very low relative amplitude. 

What is desired is a continuous contact with the 
trolley at as near a uniform pressure as is feasible. The 
nature of the overhead system involves major changes 
of elevation of the contact system, necessitating grades 
for transition between these different elevations; there 
are changes of elevation of the contact plane in a given 
span; the weight of construction is not uniform and 
cannot be made so; construction has to be utilized in the 
contact member which represents very abrupt changes 
in weight; all of which produce changes of contact 
pressure which show up in increased deterioration 
of the overhead contact member, and of the shoes. 
The eventual result of satisfaction with operation 
is not a matter solely of overhead design or of 
pantograph design but a result of coordinated effort 
in both designs. 



AU. TRAIN* NvTSTBOUND 

Fig. 5 Location Diagram of Slow-Motion Pictures 

1. Standard tangent construction 

2. Standard curve construction 

3. Special tangent construction 

4. Special curve construction 

A live resilient pantograph operating on a poorly 
designed overhead system will necessarily not give as 
satisfactory results as would be produced with a better 
design of overhead. The same general statement may 
be made with reference to the design of the overhead 
system itself. 

A pantograph shoe is limited in length (about four 
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ft. (1.22 m.) transverse to the track), and if the over¬ 
head is not properly located over the track, or if the 
catenary is permitted to sway under wind conditions to 
a sufficient extent, the shoe passes to one side of the 
contact wire, rises to an elevation above the contact 
wire and practically always catches in some part of the 
overhead, with the result of damage to the pantograph 
sufficient to render it inoperative and occasionally 
materially damaging the overhead. 

Reduction of occurrences of this nature on tangent 
track may be obtained by shortening the span length 
or by means of steadies applied at the support points. 
The latter is the more economical procedure. Spans 
may be installed with little trouble of this- nature, 
of the order of 285 ft. (86.87 m.) in length, with proper 


burning of the vital members of construction in case of 
flashover of insulators, and in case of damage, the 
positioning of members such as to clear pantographs 
in as many cases as possible. 

The trolley construction used in the Broad Street- 
Paoli district, carrying 11,000 volts single phase, con¬ 
sists of a 3drin. (12.7 mm.) steel messenger, from which 
is suspended, by 3/16-in. by 1-in. (4.75 mm. by 25.4 
m m.) straps at 30-ft. (9.14 m.) intervals, a 1/0 round 
copper auxiliary wire, from which in turn is suspended, 
by clips at 15-ft. (4.57 m.) intervals, a 3/0 grooved 
bronze contact wire. The contact and auxiliary 
wires lie parallel to one another in a vertical plane. 
The connections between these two wires “break 
joints” with the connecting hangers lying between the 



3-CAR TR«iN AT 39.3 MPn. AV5 a% SPCCiAC CURVE CONSTRUCTION 
«9S EXPOSURES PER SEC ft*- l9£S li:Oi H.M 


Fig. 6—Upward Deflection of Contact Wire 
M easured at support point of catenary span 


steadies at support points, in locations exposed to 
wind. In protected localities, this value, may be 
Increased to about 325 ft. (99.06 m.). Without 
steadies, our experience would indicate that these figures 
should each be reduced about 100 ft. (30.48 m.). 

On the assumption that the more economical con¬ 
struction should be used, that is, longer spans, one is 
immediately faced with the design of steady which 
will limit motion transverse to the tracks, allow longi¬ 
tudinal equalization of tensions and permit as great a 
vertical movement of the contact member at the 
support points as is possible. The above represents the 
mechanical requirements. Electrical requirements in¬ 
volve the maintenance of potential across the insulators 
and of suitable clearances. Maintenance requires easy 
access with suitable working clearances, prevention of 


messenger and the auxiliary wire. Span lengths vary 
from a maximum of 325 ft. (99.06 m.) to values ne¬ 
cessitated by conditions with an average of about 
300 ft. (91.44 m.). 

The suspension of the catenaries consists of a three- 
unit cap and pin type insulator and assembling hard¬ 
ware, to which the messenger is attached. This 
represents a pendulum length of about 24 in. (0.61 m.) 
applicable to the messenger. The messenger has five 
ft. (1.52 m.) of sag in a 300-ft. (91.44 m.) span, which 
construction produces a total pendulum length at the 
support point of approximately 7ft., 6 in. (2.29 m.). 

The original design did not call for the use of steadies 
except at a few locations. Operation, however, has 
necessitated their general installation in exposed 
locations. 
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The steady design adopted consisted of a horizontal 


strand installed between the catenary supporting poles 
at an elevation six in. (0.15 m.) above the contact wire. 
This strand was insulated from the poles by three-unit; 
porcelain insulators adjacent to the poles, with a sec- 
tionalizing wood stick insulator between the auxiliary 
wires of adjoining tracks. Attachments were made by 
a slack' two-way jumper from this strand to the auxiliary 



Kiu, 7—Ui’W akj> Dim, motion ov Contact Worn 

M namirnd ut Kupporl. point, of eat <mury nj>siu 

wire. This construction reduced what may be termed 
“pantograph derailments” to a radical degree. The 
disadvantages of this design were: 

a. The wood sticks used for seetionalizing the track 
trolleys do not have potential impressed across them 
except under conditions of a de-energized adjacent, 
track, which condition usually develops their failure, 
if any, at the most inopportune time. 

b. Small working clearances for certain repair 
operations. 

e. Periodic cleaning, varnishing, and general over¬ 
hauling of the wood sticks. 

d; The impassability of one or more tracks in case 
of steady span failure, on account of portions of steady 
span construction hanging down below the elevation of 
the contact plane. 

e. Small upward deflection of the contact wire at 
the support point. 

In the effort to improve catenary support conditions, 
a new form of support was laid out which, in my opinion, 
reduces to a material degree the disadvantages of the 
previously described steady. 

The standard form of back guyed poles, cross catenary, 
and body span member were used; however, instead of 
suspending an insulator string directly over the track 
for attachment of the messenger, a string was placed 


each side the center line of each track. (humected be¬ 
tween these insulators is a short lengt h of cable approxi¬ 
mately eight ft. (2.T1 m.) long, with sullicient sag in 
it that when drawn downward at its center, it forms the 
two legs of an obtuse triangle with its apex about 30 
in. (0.7(> m.) below the body member, this point, being 
used for the attachment of the messenger. The ends 
of the insulators nearest the center line of the track 
have a second attachment with members running to a 
common point and attached to the auxiliary wire. In 
appearance, the construction forms a letter ”V” with 
the auxiliary wire attached at the bottom apex and the 
upper ends of flu* logs of the "\ ’ attached to sides of 
the obtuse triangle at the lower ends of Ihe insulators. 
'Phis construction fixes the position transversely of the 
messenger, and eliminates the pendulum length of the 
messenger suspension. It places all insulators between 
trolley and ground, thereby retaining potential across 
them. It introduces a short section of cable between 
the messenger and the insulators, and consequently, 
an arc from a flashed insulator is removed from the 
messenger and taken by the messenger supporting 
member. 

A parallel path for current supply to an are at the 
insulator is provided by the secondary hunger con¬ 
necting between the auxiliary wire and a point adjacent 
to the live end of (hi* insulator. This, we consider, 



Ptu. S UnvAioi Dm i t< ties <n Cuvi'Act Who; 
MounhiviJ sit <«nf<*rlius nuiirtrr j«nlm of eiO'iiary 


will reduce the localized annealing of the messenger 
under flashed insulator conditions, as there is provided a 
shunt path for the current, flowing from the trolley and 
auxiliary wires to the point of arc contact with the 
catenary supporting member. 

The two members forming the lower "V” converging 
on the auxiliary win* leave the clearance between tracks 
as a maximum at the contact, wire elevation, with the 
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minimum clearance existing at the insulators, just below 
the body member. 

Tests with this construction loaded horizontally and 
transversely of the tracks indicated greater dis¬ 
placement at the support point as compared with our 
usual form of horizontal strand steady. Displacement 
at the center of span with the two forms was within one 
per cent of one another. The total displacement of the 


rvr rrMTTK OF TI»AIW ffMfBA- IW rrrT 



Fig. 9—Upward Deflection of Contact Wire 
M easured at center point of catenary span 


special form of steady at the support point was ap¬ 
proximately one-half of that obtained in the center of 
the span. 

In thinking of catenary construction, most engineers 
consider that contact is made with the overhead con¬ 
ductor in practically a uniform plane and that there is 
little or no upward displacement with pantograph 
passage. Even among engineers who have watched 
such things, the impression is that the deviation of the 
contact wire from a uniform plane is a matter of a few 
inches and that the wave of this deviation follows closely 
the position of the pantographs. 

If we assume the messenger as carrying practically 
all of the weight of construction in a given span and that 
this weight is fairly uniformly distributed, we obtain an 
approximation of a catenary curve. The direction of 
the tension in the messenger makes an angle of varying 
magnitude with the upward thrust of the pantograph. 


tension in the messenger and the thrust of the panto¬ 
graph are at right angles to one another; as the support 
points are approached, this angle decreases and is a 
minimum at the support point. The application of a 
vertical force applied at the center of sag, therefore, has 
a maximum effect producing upward displacement of 
the trolley wire, on account of the fact that there is no 
vertical component of tension at that point, but only 
horizontal tension, which is constant throughout the 
span; whereas at other points than the center of sag, a 
vertical component of tension exists, which, opposing 
the upward shoe pressure, reduces the upward displace¬ 
ment of the contact wire. There is little or no dis¬ 
placement of the construction as a whole at the support 
points such as occurs at the center of sag of the messen¬ 
ger. Displacement at the support point is almost 
exclusively displacement of the contact wire in relation 
to the messenger, in other words, a closing up of the 
space normally existing between the messenger and 
contact wires. 

This upward movement of the catenary which takes 
place at points in the span is evidently brought about 
by the ease of equalization of messenger tension to 
adjoining and successive spans. The load supported 
by a given messenger tension being reduced by panto¬ 
graph pressure, equilization of tension demands a reduc¬ 
tion of sag in the span whose load is so reduced. If 
this statement is correct, then an increase of total 
pantograph pressure, whether applied by a single panto¬ 
graph or by increasing the number, should increase the 
upward deflections. This result is confirmed by trials. 

From what has so far been said, it is to be inferred 
that there is a major oscillation imposed upon the main 
framework of the pantograph, whose periodicity is a 



Fig. 10—Upward Deflection of Contact Wire 
M easured at trailing quarter point of catenary span 

function of span length employed and an inverse func¬ 
tion of the speed of the rolling stock. 

The oscillation of the contact wire travels ahead of 
•the pantograph with various irregularities or harmonics 
imposed on it. • Support points tend to become nodes 
of the wave. Changes of mass, usually splices, trolley 
wire intersections, or section breaks retard the propaga- 


At the point of maximum sag in the messenger, the tion of these oscillations. 
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A traveling wave impinging upon a section of greater 
mass than that employed in the adjacent section is 
damped to a material degree. As the wave reaches the 
increased mass, the change of elevation of the contact 
plane does not take place as rapidly as it did in pre¬ 
vious sections of the contact wire and there is produced, 
locally, a gradient at the approach to such mass of 
greater slope. This greater slope produces increased 
pressure between the shoe and the trolley wire which 
accelerates the shoe downward and the contact wire 
upward. The pressure produced between the shoe and 
the contact wire is such as to accelerate the two mem¬ 
bers in opposite directions at velocities sufficient that 
they over-travel and contact is momentarily lost. 

Such loss of contact is usually caused by definitely 
establishing an out-of-phase relation between the oscil¬ 
lation of the shoe and the contact wire. There are two 
other causes of loss of contact occasionally present, how¬ 
ever, one being the result of insufficient range of move¬ 
ment of the shoe supports and the other the inability 
of the shoe to follow in time the periodicity of oscilla¬ 
tion of the contact wire. 

Taking the more usual case of conditions existing at 
the time contact is lost, that is, an out-of-phase relation 
between the oscillation of the shoe and contact wire, the 
succeeding occurrences are that as the shoe and con- 



Fig. 11 —Upward Deflection of Contact Wire at Splices 

Runs 18 and 19—New splice located at center point of catenary span 
Run 17—Old splice located 28-ft. beyond catenary support point 

tact wire again approach one another, the phase rela¬ 
tion of their oscillations is still materially displaced. 
Contact is made with a pressure increased above normal, 
due to the vertical velocities present, and excessive 
wear takes place in these areas. 

Such effects are well illustrated by a splice 24 in. 
(0.61 m.) long, weighing Sy 2 lb. (1.59 kg) after a num¬ 
ber of years of service. On the entering end, the splice is 


smooth and bright with a well worn contour; near the 
middle it shows little deterioration of any nature; at the 
trailing end, there is practically no wear but a material 
reduction of section due to pitting and burning. On 
the wire one foot removed from the trailing end of the 
splice, there is severe wear and reduction of section. 

In so far as splices alone are concerned, these con¬ 
ditions may be corrected, as experience with a splice 



Fig. 12 —Relative Upward Deflection of Contact Wire 
at Each Pantograph 

I —Support point 

II —Entering quarter point 

III— Center point of span 

IV— Trailing quarter point 

weighing 20 ounces, (0.57 kg.) for use with 4/0 contact 
wire, over a period of more than a year, indicates an 
adequate design with a great improvement in reduction 
of hard spot effects. 

The hard spot effects produced by the 33^ lb. (1.59 
kg.) splice described above are typical in a general way 
of hard spots produced by other items or types of 
construction. 

If wood section breaks, usually about six ft. (1.83 m.) 
long, are used in high speed territory, similar results may 
be expected, but of very much augmented degree. 

The supporting attachments of the contact wire it¬ 
self may produce similar or worse results. With the 
attachment of the contact wire directly to the messen¬ 
ger, each hanger becomes a point of increased mass, 
which, in amplitude of upward movement with panto¬ 
graph passage, tends to lag behind the construction 
immediately preceding it. This action produces a 
hard spot of initially small importance but, as service 
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progresses, the contact wire may be slowly deformed or 
kinked immediately ahead of the attachment, with the 
severity of the hard spot gradually increasing. 

This result is the product of a number of intimately 
related conditions, such as size of contact member, shoe 
weight, and normal operating pressure, weight of hanger 
and its location in the span, the weight of messenger 
and, particularly, operating speeds. 

Such a construction with a single contact wire will not 
operate satisfactorily with the pressure and weights of 
shoes and with the weights of construction usually used, 
except at speeds less than those employed in normal 
railroad operation. 

Yard service is slow speed service and such construc¬ 
tion at these speeds is satisfactory and is used in yards, 
as it represents a material saving in initial cost of 
construction. 

Suspension of the contact member directly from the 
messenger has been attempted with hanger designs 
intended to correct the conditions outlined above. 
The use of loop hangers on systems in which the normal 
current values and short-circuit conditions do not 
approximate those necessarily involved on a major 
electrification, is not here criticized, though the writer 
is of the opinion, from our past experience, that the 
use of such hangers is not applicable to conditions of 
major electrifications. 

The contact made by such hangers with the messenger 
wire is of such a nature that, under large current flow 
conditions, annealing and occasional burning of the 
messenger wire may be expected. 

The messenger wire is a very vital part of the catenary 
construction, not only on the basis of its usual func¬ 
tion, but on the basis of what is involved in repairs in 
case of its damage. The importance of this statement 
may be overlooked and it is wished to emphasize it by 
explaining that satisfactory current collection at the 
speeds used necessarily involves a very high degree of 
uniformity of construction; the higher the speed, the 
more exacting the requirements. 

In case the messenger parts, from whatever cause, the 
unbalanced tension therein immediately tends to rip 
the construction to pieces, with the result of broken 
connections, distorted hangers, kinked contact wire, etc. 
These results, with decreasing severity, extend each way 
from the break. Repairs under such conditions are 
made in successive steps; the first thing is to get the 
overhead up out of the way of traffic quickly, support¬ 
ing it in any way possible. Repairs of this nature are 
necessarily a makeshift and they require that traffic 
through the damaged'area be at a reduced speed. 
Usually pantographs are lowered and equipment drifts 
through the damaged area. The successive steps are 
to position the messenger with the correct sag, to 
remove and replace temporary construction and to 
strengthen or replace bent hangers, wire, etc,, and finally 
to position the various connections. 

It may readily be realized that, if messenger tension 


in the damaged area is not lost, the amount of damage to 
the overhead system, with the various mishaps that 
occur, is very much less and, consequently, it is possible 
to restore the construction to a fully operative con¬ 
dition in very much less time. 

The pantograph design and its operation oh an over¬ 
head system bear a very intimate relation to the design 
of the overhead itself. Pantograph design is a special¬ 
ized subject which has been localized in the hands of the 
manufacturers, whereas the design of the overhead has 
usually been in the hands of the owners of the property 
or their consulting engineers. While it has been 
appreciated to some degree that the design of the over¬ 
head is also a specialized matter, at the same time I do 
not feel that its importance in eventual satisfaction of 
operation is as fully appreciated as it should be. 

An increase in the amount of available information 
on the subject of overhead construction is one of the 
necessities for eventual railroad electrification. 

With this in mind, a study was undertaken some time 
ago by members of our organization, with the idea of 
determining and depicting, as far as possible, actual 
occurrences in the pantographs and in the overhead 
under operating conditions. This study included a 
comparison of the design of steady which we have been 
using for a number of years, with the special design 
described above. 

A section of track was selected in the territory lying 
between Broad Street Station, Philadelphia, and 
Paoli, Penn., and a number of spans was equipped with 
the special support construction referred to. Deflec¬ 
tions of the overhead system and movement of the shoes 
were recorded. 

The apparatus for these tests included a high speed 
photographic camera for the study of the various 
movements which take place in a span of contact wire. 
Through the courtesy of W. H. Miner, Railroad Sup¬ 
plies, Chicago, such a camera was obtained, capable of 
taking, on standard moving picture film, photographs at 
the rate of more than 1000 pictures per sec., together 
with auxiliary equipment and a personnel familiar with 
the operation of the equipment and familiar with the 
possibilities of depicting occurrences at high speed. 

The test apparatus consisted of a high speed camera 
handling film at speeds from 400 to 1100 exposures per 
sec., a storage battery for current supply to a shunt 
motor driving the camera and for use in the projectors, 
projectors for augmenting natural illumination, and a 
scale used as a background for the contact wire. . 

One of the center tracks of four was occupied by a 
tower car carrying the camera, projectors, and operators, 
a storage battery and work car, and a steam locomotive. 
The adjoining track towards the outside of the right-of- 
way was used as the test track. Outside the clearance 
lines of this latter track a scale was installed which was 
used as a determinative background against which the 
contact wire was to be silhouetted. 

The camera and scale were supported at such a height 
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that the camera lens, midpoint of the scale, and the 
contact wire under investigation were at the same 
elevation. In front of the scale and held to it by a 
string was a weight of about five lb., which weight was 
attached so that its center of gravity was at the zero of 
the scale. A tripping cord was arranged so that a pull 
on it would apply a horizontal force on the weight 
supporting string and break it, allowing the weight 
to fall. 

The camera and scale were located at designated 
points in the several test spans and, as the multiple- 
unit train or locomotive approached, its position and 
approximate speed were signalled from a point ahead of 
the test equipment. 

The camera mechanism was engaged with the running 
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motor and the timing weight dropped. Somes experi¬ 
mentation was necessary to obtain proper sequence and 
coordination with the passing equipment, but the 
arrangement finally worked out very well. 

The scale was graduated in inch divisions, with each 
third inch marked. 

The contact wire being located horizontally about 
midway between the camera lens and the scale, the 
scale reading is about double the actual wire movement. 
In working up the data afterwards, it was found that 
it was not possible to determine when the timing 
weight started to fall. It was necessary, therefore, to 
fake the difference in theoretical time of fall from the 
zero to a point on the scale, 39 in. (0.99 m.) from zero, 
and the theoretical time of fall from zero to a point at; a 


higher elevation, 12 in. (0.30 m.) from zero, as a determi¬ 
nant of the film exposure rate. The time of fall from 
the 12-in. (0.30 m.) point to I he 39-in.-U).99 m. ) point, 
with acceleration started at. zero, is two-tenths of a 
sec. 

The exact passage of the timing weight by these 
points was determined within a few exposures and the 
intervening pictures counted. This result multiplied 
by five gives the exposures per second. As the camera 
was driven by a shunt motor, the exposure rate per 
second for the lew seconds involved was considered 
constant. Train speed was also considered constant 
over the tost interval. Knowing the exposure rate and 
the distance between successive pantographs of a multi¬ 
ple-unit train, or the distance between marks on the 
contact, wire, the speed of the pantograph passing the 
camera field is obtained from the number of exposures 
between pantograph passages, or from the passage of a 
single pantograph between the marks on the contact, 
win*. 

The distance ahead of the pantograph at which move¬ 
ment, takes place was obtained in a similar manner, 
using the same data given above and the train or 
locomot ive speed. 

A number of determinations was made as follows: 
Deflections at the center, entering, and trailing quarter 
points of a span and points directly beneath the support 
points of the messenger. The above* trials were ob¬ 
tained for multiple-unit equipment and a portion of 
them for locomotive equipment,, both types of steady 
const,ruction being photographed. 

It was known that, a splice in the contact wire caused 
a heavy Hash with pantograph passage, which flash was 
reduced in intensity with service. A new splice was 
installed and photographed with current being collected 
with pantograph passage, The result tug arc fogged the 
film to such an extent, t hat little may he told from these 
pictures. A locomotive shoe passing over the splice 
without current How, however, tells a story of material 
departure of flu* shoes from the contact member. 
Several pictures were taken on curved construction, 
which show a. much greater flexibility of construction at 
such locations than exists at similar locutions in a span 
of tangent construction. 

The exposures made of each test run were then con¬ 
secutively numbered in 190 exposure intervals and 
passed through a projector a number of times until the 
observer was familiar with the film. Them the position 
ol the contact win* in terms of the scale reading was 
observed at given intervals of the total exposure, with 
a notation of the exact pict ure from which t he reading 
was taken. In eases where then* existed some peculiar 
feature or where it, was apparent, that harmonies of 
readable magnitude existed, readings at. much closer 
intervals were made. 

These data, converted into distance ahead of the 
train, were then plotted, the ordinates representing rise 
of contact wire at. flu* observation point in the span 
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from its initial position, and the abscissas representing 
the position of the train with reference to the observa¬ 
tion point at the instant of the occurrence of the posi¬ 
tion of contact wire indicated by the ordinate reading. 

These results, shown graphically, are given in the 
several figures bearing proper title as to type of messen¬ 
ger support, position in the span of the observation 
point, type of rolling stock, number of multiple-unit 
cars, traffic speed, and exposure rate. 

An analysis of these curves indicates clearly certain 
conclusions, a portion of which, for a specific design of 
overhead system, are quantitive. Mathematical con¬ 
clusions, not included, indicate the basic phenomena to 
a sufficient extent that usable approximations may be 
made for construction embodying different weights, 
span lengths, and types of construction. 

Such conclusions follow: 

1. That a major oscillation is present in the contact 
member ahead of the pantographs and travels with the 
pantographs, 

2. That this oscillation is of variable amplitude, 
depending on its location in the span, 

3. That the position of any given point in the 
amplitude of oscillation has a variable spacing ahead 
of the pantograph, 

4. The amplitude varies with the total pressure 
imposed by the pantographs in a given span, 

5. The amplitude'seems to be increased with the 
distribution through a number of pantographs of a 
given total pressure, 

6. That when distribution of a given total panto¬ 
graph pressure is made through several pantographs, 
the pantographs in the central portion of a train 
experience the greatest amplitude of movement, 

7. That the leading pantograph does not have 
imposed on it as great an amplitude of movement as 
do all successive pantographs, 

8. That the direction of traffic does not materially 
alter the symmetry of maximum upward deflection of 
the contact wire, 

9. That the gradient to which a 'pantograph is 
subjected in passing under locations of depressed con¬ 
tact wire height is augmented by a material gradient 
imposed by the inherent deflections in the approaching 
spans and that such augmenting of gradient is of the 
order of the usually installed maximum gradient, one- 
half of one per cent: for such transition of elevation of 
the contact wire, 

10. That harmonics of the major oscillation are 
present each side of the pantographs with relatively 
minor amplitudes and are apparently damped out at 
pantographs and do not cause trouble, 

11. That the presence of material change in mass of 
the construction adjacent to the contact plane damps 
the oscillation and thereby causes relatively severe 
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deterioration due to variation in pressure of contact 
shoes at such points, 

12. That with a given increase of mass necessarily 
locally employed, shaping of the contact surface will 
decrease the deterioration at such points, 

.13. That support points practically represent nodes 
of the major oscillations, as the amplitude of oscillation 
is relatively small at such points, 

14. That the amplitude of oscillation at the center of 
the messenger span is maximum with a reduction 
towards each messenger support point, 

15. That the amplitude of movement at the center 
of the span is almost wholly a movement of the total 
catenary construction, that is, a movement of the 
messenger and its suspended construction, 

16. That the amplitude of movement at support 
points is almost wholly a matter of change in spacing of 
the contact wire and its adjacent construction with 
relation to the messenger wire, 

17. That improvement of hanger construction at 
points adjacent to the messenger support is possible 
and desirable, 

18. That the use of so-called flexible hangers at the 
center of span is not necessary and their desirability is 
doubtful, 

19. That flexible hangers adjacent to the support 
point may be advantageously used if of satisfactory 
design, 

20. That harmonics in the contact wire at positions 
of change of mass in the construction adjacent to the 
contact plane and located remote from support points 
are of high periodicity and considerable amplitude, 

21. That such oscillations cause similar oscillations of 
opposite phase in the contact shoes, 

22. That departure of the shoes from the contact 
wire at such locations are usually the greatest in time 
and the greatest in amplitude, 

23. That the reduction of changes of mass at points 
adjacent to the contact plane offers the greatest measure 
of improvement immediately available, 

24. That further study of the construction from a 
trailing quarter point in a span through the support 
point to the entering quarter point of the succeeding 
span offers the next'most promising step in improvement, 

25. That improvement in the secondary supporting 
of shoes and the obtaining of.a greater amplitude of 
movement of the shoe is probably desirable, 

26. That further investigation and study of the 
tilting action of shoes is necessary and desirable, as 
there are indications that edge riding of shoes is at 
times present to a material degree. 

Discussion 

For discussion of this paper see page 1183. 



Catenary Design for Overhead Contact Systems 
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Synopsis. —This paper is intended to outline methods which 
have been found useful in the design of overhead contact systems 
where catenary construction is employed , with especial reference to 
the single catenary construction installed in 1925 on the 
Danbury Branch of the New York, New Haven, arid Hartford 
Railroad as an extension of its 11,000-volt , single-phase, a-c. 
electrified zone; and on the New York, Westchester, and Boston 


Railway on its extension from Larchmont to Harrison, N. Y. 

Part I deals with construction over straight or “ tangent ” track, 
and is a review of methods and formulas which, while not new, are 
necessary as an introduction to Part II, which not only includes 
tangent-chord construction, but deals at length with the design 
of the so-called inclined catenary and its adaptation to curved 
track. 


T HE fundamental requirements of an overhead 
contact system for high speed railway electrifica¬ 
tion are: 

a. It must be parallel to the track centerline, or 
nearly so, within prescribed limits. When changes are 
necessary in the normal elevation above the track, the 
gradients must he such that the current collectors on 
the locomotives and cars will follow the contact wire 
without leaving it, and without excessive pressure due 
to inertia; that is, the relative grades must not be too 
abrupt, 

b. It must support without great distortion its 
own weight together with superimposed vertical loads 
due to sleet and horizontal loads due to wind, 
e. It must possess consistency in flexibility; that is, 
hard spots should not occur in a construction designed 
to possess a certain amount of yielding, nor should soft 
spots occur in a system possessing inherent rigidity, 
d. It must transmit the power supply, and afford 
suitable contact area with the moving collecting device 
on the locomotive or car, at the required speed, 

e. It must possess a high degree of reliability, and 
ease of maintenance. 

The problems of design are closely allied to trans¬ 
mission line design as far as power transmission prob¬ 
lems and the choice of mechanical design of supporting 
structures are concerned. Some of the formulas 
developed for sags and stresses in transmission lines 
may be applied in a general way to the calculation of the 
contact system supporting messenger, although since 
this messenger is to support a conductor which is to be 
practically level without sharp departures from the 
horizontal, there will be certain limitations and refine¬ 
ments in the design not met with in the ordinary 
transmission line calculations. 

Many features, such as insulation, suspension 
methods, bracing on curves and for wind loads, ten¬ 
sioning devices, anchorage details, and sectionalizing 
details are also involved in the design, although outside 
the scope of the main subject. 

1. Assistant Electrical Engineer, N. Y., N. H., & H. Railroad. 
Presented at the Summer Convention of the A. I. E. E., 
Detroit, Mich., June 20 - 24 , 1927. 


PartTangent Construction 

For a simple system where a working conductor is 
supported by an elastic messenger directly above it, 
the well-known parabolic equations will apply for all 



Fig. 1—Span, Sag, and Tension 

span lengths generally encountered, since in general 
the sag is small compared with the span length. 

In Fig. 1, 
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where 

d is the deflection, or sag, of the messenger, 

7 is the supported weight per unit length of span, 
l is the distance between supports, span length, 

L is the actual length of the messenger, 

M is the horizontal component of the tension in the 
messenger. 

The errors made in using these formulas, instead of 
the more unwieldy equations of the catenary, are 
approximately 2 per cent in the case of (1), and 0.5 
per cent in the case of (2) and (3) for spans where the 
sag is not greater than 2 per cent or 3 per cent of the 
span length, which errors are well within construction 
allowances. 

Sags according to (1) may be most conveniently 
shown graphically on logarithmic cross-section paper, 
as shown in Fig. 2. 
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Hanger Design 

If the hanger spacing is s and the minimum allowable 
vertical distance between the contact and the messen¬ 
ger is v 0 then the length of any hanger is 
v n — d n + v Q (see Fig. 3) 

where d n is the sag of the messenger for a span length 
of 2 n s 
or 

7 ( 2 ns) 2 

Vh = ~ ' + v ° ( 4 ) 

Such hangers are called “standard” hangers, in dis¬ 
tinction from “special” hangers, calculated from above 
formula when v 0 is replaced by any greater distance. 

For a catenary system with horizontal contact wire, 
and with the same length shortest hanger at the low- 
point in adjacent spans, the distance from the low- 
point to the support is the same for spans both sides 
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Fig. 2—Messenger Sag Curve • 

of the support, if the messenger tension and unit weight 
( 7 ) are the same in both spans; see Fig. 4. 

The distance from low-point to low-point under these 
conditions has been called the “equipoise span” (Ze) 
since the weight either side of the support is the same; 
and the distance from the low-point to the support is 

(Ze) 

designated the “equipoise half-span” —g—. 

In Fig. 4, it is obvious that the weight supported by 
the structure is 

W = 7 l* (5) 

and the height of the supporting structure is 

V — C T Vo -j- ds i I (6) 

where 

C is the height of contact wire above top of rail, 
d E is the sag for the equipoise span, 


I is the height of the insulation, taken positive if 
of the suspension type, and negative if of the 
supporting type. 

The formulas (5) and ( 6 ) are useful for the design of 
the supporting structures. It should be noted here that 
in calculating the horizontal loadings on the structures 



due to wind, these will be the unit wind loading on the 
catenary multiplied by half the sum of the adjacent 
spans, which may or may not be the same as the 
equipoise span. 

Spans having the same length of shortest hanger at 
the low-point will have the same hanger length at any 
given distance from the low-point. When the shortest 
hanger is “standard,” all the other hangers in the equi¬ 
poise span are standard, unless there is a change in 
grade in the contact wire. 

If standard hangers can be used, the construction is 
greatly simplified, both as to cost of design, as well as 
manufacture and installation. Standard hangers will 
apply when the distances between supports are uni¬ 
formly the same length, or when, if necessary to change 
the span length for any reason, length of any span is 
the sum of the lengths of each adjacent equipoise half¬ 
span. For example, if there is a series of, say, 300-ft. 



spans having standard hangers, and it becomes neces¬ 
sary to reduce the span length to, say, 200 ft. for several 
spans, to pass around a curve, if there is introduced 
between the last 300-ft. span and the first 200-ft. span 
a span having a length of 250 ft., then standard hangers 
can be applied to all the spans. Similarly, as in Fig. 5, 
successive span lengths of, say, 300, 250, 200, 150, 125, 
200 , 275, 300, may all have standard hangers, as each 
of these spans is the sum of the equipoise half-spans 
on either side. The equipoise spans for the above 
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would be: 300,, 200, 200, 100, 150, 250, and 300, 
respectively. 

This feature is worthy of emphasis, as a little extra 
study on the preliminary layout in location of support¬ 
ing structures may save considerable calculations later 
if standard hangers are maintained. 

Choice of Standard Maximum Span Length 
Catenary construction presupposes much longer 
spans than direct suspension construction. The trend 
has been to make the spans as long as possible, having 
due regard for a practical and sensible choice of sags and 



Fig. 5—Illustrating “Standard” Hanger Application and 
Equipoise Spans 


of construction which have no lateral stiffness against 
wind loads. 

For the above reasons, 250 ft. was adopted as the stand¬ 
ard maximum span length on tangent track on the Dan¬ 
bury Branch. On the extension of the New York, 
Westchester, and Boston to Harrison, which parallels the 
New Haven main line, use was made of the New Haven 
right of way and structures. This line is mostly tan¬ 
gent, and the existing catenary supporting structures 
are spaced 300 ft. apart. 

• Choice of Messenger Material and Sag 

The “New Haven” has on its electrified system more 
than 650 track miles of catenary construction, embrac¬ 
ing several types, all of which have been fully described 
to the Institute at various times. The original con¬ 
struction, installed in 1906 between Woodlawn, N. Y., 
and Stamford, Conn., is “double catenary,” having 
two 9/16-in. extra high strength steel messenger strands. 


tensions for the material used for the messenger. Three 
hundred feet has been more or less standardized for 
catenary construction on tangents, and has worked out 
fairly well in some cases. The writer is of the opinion 
that this length of span is a little too great for “single 
catenary” construction, especially in exposed places, 
on account of the large possible displacement due to 
wind; and the large possible variation in the height of 



Fig. 6—Original “Woodlawn-Stamford” Type Double 
Catenary Installed in 1906 Over Four Hew Haven Main 
Tracks at Right, with New Single Catenary Installed 
1925 Over Two “Westchester” Tracks at Left 


contact at the center of the span due to temperature 
changes. Further, when the track alinement consists 
of a large amount of curvature, with short tangent 
stretches between, there is not always sufficient length 
on the tangents to make a material reduction in* the 
number of supporting structures by going to such 
long spans and there is also the danger of having 
unbalanced stresses on the structures at extreme 
temperature conditions in going from very long spans on 
tangent to short spans on curves. 

Wind bracing may be necessary on exposed tangent 
stretches having 300-ft. spans, especially on the types 



Fig. 7—Four-Track Compound Catenary on Tangent Be¬ 
tween Stamford and New Haven, Installed 1913 

each having a nominal vertical sag of 6 ft., 5 in. for a 
300-ft. span; see Fig. 6. 

The construction between Stamford and New Haven, 
and on the-six-track Harlem River Branch, as well as 
on the four-track main line section of the N. Y., W., and 
B. Ry., is “compound catenary,” with supports 300 ft. 
apart, from which main messengers, not alive, suspend 
the live single catenary. This has a normal span of 
150 ft. The live catenary messengers are of extra 
high strength galvanized steel, 19-'wire, //-in.-diameter 
strand, having a sag which is equivalent to 5 ft., 0 in. 
in a 300-ft. span; see Fig. 7. 

At certain points on this latter type of construction, 
the /-/-in. messenger has suffered severe corrosion due 
to steam train traffic which is of necessity routed over 
part of the electrified zone. In replacing the steel 
messenger at these points with a high strength bronze 
strand, the factor of safety, which was five in the case' 
of the steel strand to allow for the corrosion, could not 
economically be much greater than 2//, under assumed 
maximum loads, even though the messenger size were 
increased, on account of the increased weight. The 
lower factor of safety for bronze is allowable, because 
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of the low corrosion loss; but it was a fact to be kept in 
mind that this sag and tension was right at the limit 
for bronze, for the contact wire weight supported. 

In 1921, the New York, Westchester, and Boston 
started extending its New Rochelle Branch parallel to 
the New Haven main line. As stated above, the New 
Haven had four tracks electrified in this section, but 
the catenary bridges were designed for six tracks. The 
new “Westchester” tracks were electrified, using 
single catenary construction supported on the same 
bridges which supported the New Haven double 
catenary. This new catenary had the same nominal 
sag, 6 ft., 5 in., as the old double catenary for the 300-ft. 
spans, and a single 9/16-in. extra high strength steel 
messenger strand, galvanized, was used. 

Steel was used because, there is no steam traffic of 
any nature on this line, but the characteristics of this 



tangent. 


Fig. 8—Catenary Construction Details 

a. 9/16-in. steel Messenger strand 
, b. 4/0 copper auxiliary trolley 

c. 4/0 Pbono contact wire 

d. ' ^4-in. steel hanger rod 

e. Malleable iron messenger hook 

f. Malleable iron auxiliary trolley clip 

g. j4-in. steel carriage bolt 

h. Pressed phono intermediate clip 

design are such that because of the larger sag, bronze 
can be economically substituted if the occasion ever 
warrants. 

This same design was selected, for these reasons,.for 
the Danbury Branch. 

Deterioration due to corrosion has an important 
bearing on the choice of messenger material. If steam 
traffic can be entirely eliminated by electrification, 
steel may be economically used with an expectancy of 
reasonably long life, if properly maintained by painting. 
Much of the original 9/16-in. messenger installed on the 
Woodlawn-Stamford section of the New Haven over 20 
years ago, is in very good condition at the present time 
on this account. Maintenance of this kind on busy 
traffic routes is both difficult and expensive, however, 
and where the traffic is dense, therefore, the higher first 
cost of non-ferrous materials such as bronze, is justified 
on new work. 

As against the excellent record of the Woodlawn- 
Stamford messenger, mention must be made of the steel 
messenger construction installed in 1912 in the large 


freight yards of the New York tidewater terminals, 
which have recently been entirely reconstructed with 
bronze messengers and hanger rods. The combination 
of the heavy salt fogs, with more or less steam traffic, 
produced conditions which were unusually severe. 

On the Danbury Branch, however, because of the 
low traffic density, the practical elimination of steam 
operation, and the drier atmospheric conditions away 
from the salt water, it was felt that the higher cost of 
bronze was not justifiable. 

The complete characteristics of this type of catenary 
are as follows: see Fig. 8 

Messenger: 9/16-in.-diameter, 7-wire extra high 

strength steel strand, extra heavily 
galvanized. 

Sag: 6 ft., 5 in. in 800-ft. span, with normal 

load at 60 deg. fahr. 

Auxiliary trolley: 4/0 grooved hard drawn copper. 
Contact wire: 4/0 grooved Phono bronze, 45 per 
cent conductivity. 

Hanger rods: M-in. round galvanized steel rods. 

Hanger hardware: Malleable iron castings, heavily 
galvanized. • 

Intermediate clips: (Aux. to contact) pressed Phono 
bronze. 

Unit Loadings 


(Pounds per Foot) 


Material 

Vertical 

(Bare) 

Vertical 
(K- in. 
Sleet) 

Horizontal 
(Wind on 
Sleet) 

Resultant 
(Wind and 
Sleet) 

9/16-in. Mess. 

0.668 

1.329 

1.042 

1.69 

4/0 Copper. 

0.641 

1.241 

0.973 

1.575 

4/0 Phono. 

0.641 

1.241 

0.973 

1.575 . 

Hangers and Clips. 

0.273 

0.465 

0.272 

0.54 

Total. 

2.223 

4.276 

3.260 

5.380 


Normal Tensions 
At 60 deg. fahr. 

9/16-in. Messenger. . . 3900 lb. (from equation (1)) 


4/0 Copper. 1600 lb. (from Fig. 9.) 

4/0 Phono.1815 lb. (from Fig. 9.) 


The tensions in the copper and the phono were 
determined as follows: 

The change (A L) in a given length (L) of any 
material having a coefficient of linear expansion (a) 
due to a change (A t) in temperature, is 

A L = — L a At (7) 

The change (A L) in a given length (L) of material 
having a modulus of elasticity (E), due to its elasticity, 
for a change in tension (A T) is 


where a is the cross-sectional area. 

If the change in tension is all due to a change of 
temperature, (7) will be equal to (8). 
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Then 


or 

AT = -aE aAT ( 9 ) 

For copper 

a = 0.0000094 per deg. fahr. 

E = 17,500,000 lb. per sq. in., solid wire. 

For Phono 

a = 0.0000093 per deg. fahr. 

E = 18,140,000 lb. per sq. in., solid wire. 

For 4/0 

a — 0.1662 sq. in. 

Substituting the above values in (9), and plotting for 
various values of t, and assuming a minimum of 100 -lb. 
tension in the contact wire at the maximum assumed 
temperature (+ 120 deg. fahr.) gives the values shown 
in Fig. 9. It will be noted that these tensions are kept 
as low as possible on the theory that horizontal loads 
on the supporting structures on curves are thereby 
reduced to a minimum, and the maximum flexibility 
is provided for the contact wire. Although the curve 
of auxiliary wire tensions is shown as zero at the maxi¬ 
mum temperature, it will always have some tension due 
to the weight of the contact wire which it supports. 

Maximum Tensions 

The maximum stress in the messenger and trolley 
wires must be determined in order to insure that the 


trollet wire tensions 



TEMPERATURE in degrees r 

Fia. 9 —Temperature-Stress Diagram for Auxiliary and 
Contact "Wires 

material and sizes selected will have ample strength to 
withstand the maximum loads to be experienced. The 
maximum loading is assumed to be eight lb. of wind 
pressure on the projected area of all material when 
covered with a coating of sleet one-half-inch thick. 

The-maximum stress in the auxiliary and the contact 
wires is readily found from Fig. 9. The messenger 
stresses are determined as follows: 


From equation (3), for a given span length (1), the 
actual length (L) of the messenger may be plotted for 
various values of tensions (M) and unit loadings (y); 
see Fig. 10. 

7 i is for the bare messenger alone ( 0.668 lb.) 
y 2 is for the messenger with the two trolley wires but 
without hangers (1.95 lb.) 

y s is for the complete catenary, without wind or sleet 
loads ( 2.22 lb.) 

T-i is for the complete catenary with wind and sleet 
loads included (5.38 lb.) 

Point A on the normal load curve may be taken to 


messenger tensions. 



TENSION (T) \ n LBS. 


Fig. 10—'Temperature-Stress Diagram for 9/16-in. Steel 
Messenger 

represent the messenger length and tension at 60 deg. 
fahr., normal temperature. 

From equation (8) may be calculated the amount 
the messenger would stretch for any increase in tension 
(assuming constant temperature), plotting this new 
length and tension at P. 

For 9/16-in. steel strand, 

a = 0.1992 sq. in. 

E = 23,000,000 lb. per sq. in. 
a = 0.0000064 per deg. fahr. 

A straight line drawn through A and P will give any 
value of L for any value of T with constant temperature 
of 60 deg. fahr. 

For any constant tension, the change in length due to 
a change in temperature may be found from equation 
(7), and points B, C, D, and E, using lengths as at A 
may be found thus for 90 deg., 120 deg., 30 deg., and 
— 20 deg. fahr., respectively. Lines through these 
points drawn parallel to A P will indicate the variation 
in length due to a change in tension for that temperature. 

The maximum stresses determined thus are: 

9/16-in. Messenger. .7700 lb. j 

4/0 Copper.3800 lb. i at — 20 deg. fahr. 

4/0 Phono.4100 Ibi J 

The tensions at which the bare messenger may be 
installed alone at various' temperature conditions may 
be found from the intersections of the lines A, B, C, Z>, 
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and E with the curve y u If the stress is to be deter¬ 
mined by the sag of the messenger, a curve may be made 
similar to Fig. 11, showing no-load sags for various spans 
and temperatures. Similar graphical data may be 
made for the sagging of the messenger with the load 
of the two trolley wires, but without the hangers, as is 
desirable in certain instances when these are all strung 
out together. 

Fig. 12 shows the details of the tangent construction 
used on the Danbury Branch. The poles are 10-in., 
49.5-lb. Bethlehem H sections, either 36 or 38 ft. in 
length. These are self-supporting, being bolted to the 
foundation channels with a sufficient number of one-in. 
bolts to develop the full strength of the section. 
Bracket arms are adjustable as to height, and are 
attached to the flanges of the poles by malleable iron 
clamp castings. This is a valuable feature of the design, 


NO-LOAD MESSENGER SAG,. 

90° bO 30 0 ° F . 



Fig. 11—No-Load Sags for 9/16-in. Messenger for Various 
.Temperatures 

as it is not necessary to specifically mark each pole for 
each location; fabrication is reduced; and if it ever 
becomes necessary to raise the grade of the track (by 
ballasting), or to change the number or dimensions of 
insulator units, these may be done without reducing the 
standard contact wire height, by raising the brackets, 
without additional work on the poles. 

Fig. 13 shows graphically the proper pole length and 
the bracket height for this type of construction, for 
various equipoise half-spans, calculated from formula 
(6) above. 

Suspension insulators, consisting of three units, were 
used, instead of the pin type supporting the messenger 
above the bracket arm, used in previous installations, 


as the suspension type allows a greater insulation value, 
and takes care of the possibility of unbalanced stresses 
better. This makes a system Having a greater possi¬ 
bility of deflection to transverse wind loads, and it 
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therefore seemed desirable to provide a steady rod or 
wind brace between the contact wire and the pole. 
This, with all other details, is shown in Fig. 14, which 
illustrates the finished appearance of the tangent 
construction on the Danbury Branch. 

On the New York, Westchester, and Boston extension, 
pin type supporting insulators were necessarily used on 
account of the height of the existing structures that. 



Fkj. 14 —Tancjmnt Si noi.k Catenary Construction on 
Danbury Branch. Installed 1025 

were used. No wind bracing has as yet, been found 
necessary on this line, as it is somewhat shielded. 

Part II. Catenary Construction on Curves 

A. Tangent-Ciiord Construction 
Tangent construction, suitably deflected, may be 
carried around any curve in a series of chords, with 



Fni. 15 Maximum Kuan Lmnoviih —TanumnisChoud Con¬ 
struction on Circular Curves 

spans equal to the chords, or equal to the sum of 
several chords, using intermediate pull-off poles. Poles 
are preferably located on the outside of the curves. 


The length of these chords will depend upon the 
degree of curvature and the maximum allowable depart¬ 
ure (q) of the contact wire from the centerline of the 
pantograph collector. With a pantograph similar to 
that used on the New Haven equipment, the maximum 
allowable departure? for design purposes is nine in. either 
side of the centerline. This means (hat a chord making 
a middle ordinate of IS in. on any curve, is the maximum 
length of tangent, catenary which can be used on that 
curve. Fig. 15 shows in graphic form the maximum 
chord length for tangent-chord construction, together 
with maximum span length for no intermediate pull- 
off poles, and for one intermediate pull-off pole, for a 
maximum middle ordinate of 1.5 ft ,, for various degrees 
of curvature. The contact wire is not, strict l.v speaking, 
a chord, hut a secant to the curve, parallel to, and of 
the same length as, the chord, and distant from it an 



Fiu. 10 Miiim.i*: Oruinate Ghaut Fur Vaiumuh Ncanh and 
Decrees me Trace ('t town he 

amount equal to half the middle ordinal e, or nine 
in., (f/). An interesting relationship, which is of value, 
is that this secant, crosses the curve at points which are 
approximately 1.5 per cent, of the chord length distant 
from the pull-olf points, for all curves used in railroad 
work. 

The middle ordinal,e, M (), for any curve and chord is 
found from the expression 

m o it yj ii' ( t y cio) 

where R is I,he radius of the curve, and / is the chord 
length. 

A convenient graphical representation is shown in 
Fig. 10, On curves and spans usually encountered in 
railroad work, the following parabolic expression may 
he substituted for (10): 
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MO 


P 

8 R 


( 11 ) 


which is more convenient, and accurate to within 0.5 
per cent. 


Since 5730 ft 

R = Y) (approximately) (12) 

where D is the curvature in degrees, this may be 
written 

MO = 0.0000218 P D ( 13 ) 

for all ordinary spans and curves. 

In going from tangent to a curve, it is obvious that 
the limit to which the tangent can be extended beyond 
the point of curvature before a deflection becomes 
necessary, is where the “tangent offset” to the curve is 
-equal to the allowable departure ( q ) from the centerline 



i” Z° 3° 4“ 5* <6° 7° e° 9“ 10* 11° 12° 13° 14° 15° 16* 

TRACK CURVATURE. 


Fig. 17—Maximum Tangent-Extension for Tangent-Chord 
Construction for Various Degrees of Curvature 

of the pantograph. In other words, the distance from 
the point of curvature to the first pull-off m ust n ot 
be greater than one-half of the chord whose MO is 
equal to q. 

Fig. 17 shows this relationship, and gives a curve of 
“maximum tangent extensions” for various degrees of 
curvature, for q equal to 9 in. 

On symmetrical reverse curves (having no tangent 
between) as on cross-overs and turnouts, or where 
main track is sometimes deflected for “island” station 
platforms, the wire must obviously be over the point 
of reverse curvature and should be secant to both 
curves so that all four maximum departures from the 
curves are equal; see Fig. 18. 

It may be shown that the wire will cross the curve at 
points which are approximately 1/12 of the span length 
from the ends of the span, under these conditions. 


Fig. 18 also gives the maximum span which can be used 
on various degrees of reverse curvature, when q is equal 
to 9 in. 

On tangent-chord construction, the contact wire will 
be offset from the pantograph centerline towards the 
outside of the curve an amount equal to q. The track, 
however, has the outside rail elevated above the level 



Fig. 18—Maximum Span Length for Tangent-Chord 
Construction on Reverse Curves of Various Degrees of 


Curvature 


RAIL SUPER-ELEVATION 



Fig. 19—Contact Wire Offset for Various Values of Rail 
Super-Elevation and Contact Wire Heights 

of the inside rail, which will tilt the centerline of the 
locomotive and pantograph towards the inside of the 
curve an amount proportional to the super-elevation of 
the outer rail and the contact wire height. 

Fig. 19 shows the offset z of the pantograph centerline 
from the track centerline, due to rail super-elevation, for 
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various values of trolley height and super-elevation. 

It is apparent that the true offset 0 of the insulator 
(and wire) from the track centerline, which is the base 
line for all construction measurements, will be 

0 = (j — z ( 14 ) 

When 0 is positive, the wire is located outside the 
track centerline curve. 

When 0 is negative, the wire is located inside the track 
centerline curve. 

Fig. 20 shows diagrammatically this relationship, 
and a typical design of tangent-chord bracket con¬ 
struction on curves. 

If no intermediate pull-off poles are used, the hori- 
tangent-chord construction. 



O * q~x 
V « t r & t + x 


Fid. 20 IUAmTttATlNcl BuAC'KKT-A RM AND 1n.SU J.ATOU ( )l-'|i'SKT 
o N T A N a K N T -0 1 10 HI > C () N ST It 1 1GTU »N 

zontal forces on the catenary supports due to the deflec¬ 
tion of the messenger and the contact wires will be: 

For the messenger, 

l M 

« ~i~~ (is) 

For. the trolley, or auxiliary and contact, 

n „ Jl. 

^ 1 R (15) 


are used, l will be reduced to an amount equal to the 
chord length. 

Tangent-chord construction has certain distinct 
advantages. The design details are t he same on curves 
as on tangents, and t he alinement of the wire is practi¬ 
cally fixed, so far as temperature changes and wind 
loads are concerned. This type of const ruction is 
recommended for track alinements having a small 



Fiu. 21 Tanumnt-i 'inudi Sinui.u <5v»t.\aiiy <v.nurTitiN 
ON Hj<iI!T-i )KO. UkVKUUI; C'tJUVM AT STATION A I'IMjh VCH, \ . \ f . li. 

& W, Ry. 1925 

proportion of curvature, or where the curves are short, 
and heavy; or where, as in yard or siding work, many 
switches and turnouts are encountered. Tins type of 
construction was used on tin? short curves at Hie station 
approaches on the New York, Westchester, and boston 
extension, of which Fig, 21 is an illustration. 

,H. Incjmnkp Catenary ('onktiuigtion 
A study of the curve shown in Fig. In shows that 
the pole spacing with iaugcn!-chord const ruction tie- 



Eiu, 22 Tan Ohhjinai, “Inci.inuu XEatuna itv*’ 1 ns'j'au.a- 
TION. Exi'KUlMHNTAf, (.'uMI'OCNt) FaTC-N AM* t ’<i\ IIUCTIOS 
AT (Ij.MNliHotJK, 1901) 


where Pi is the “curve-pull” in pounds and T is the sum 
of the tensions in the auxiliary and the contact wires. 
The total curve pull on the structure will be 


creases very rapidly for curves up to about livedo#., and 
at a slower rate for curves above live deg. This means 
more supports, each with double the usual number of 


p l (T 4- M) insulators required for tangent, construction, on account 

* “ li (* 7 ) of the pulloffs; which of course increase the cost. 

. ..... In .1909, the New Haven engineers developed the ho- 

m addition to wind loads. If intermediate pull-offs called “curved catenary,” or what is more commonly 
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now called “inclined catenary” (on account of the 
position assumed by the hangers) with the idea of elimi¬ 
nating to a large extent the necessity of pull-offs, and 
also increasing the span length, on curves of moderate 
degree of curvature. 


zontal force or “curve-pull” was assumed to be uniform 
for each hanger rod. Both of these assumptions are 
fallacious, but do not introduce appreciable errors until 


The original installation was an experimental stretch 
of four-track' construction one mile in length at the 
easterly end of the original double catenary construe- 



Fig. 23—Compound Catenary Construction Installed 
in 1913 Between Stameord and New Haven, Showing 
Inclined Catenary on Two-Deg. Curve 

tion, near Glenbrook, Conn.; see Fig. 22. This was 
compound catenary, with 300-ft. spans on both tangent 
and two-deg. curve. The live single catenary con¬ 
sisting of a %-in. steel strand with a 4/0 copper auxil¬ 
iary and 4/0 contact wire was supported from two 
main messengers, not alive, every 100 ft. Over the 
curved track, the contact wire followed the track aline- 
ment very closely, and the hangers were inclined at an 
angle which was the resultant of the weight of the trolley 
wires and the curve-pull reaction between these wires 
and the messenger. 

This type of construction seemed to present such 
distinct advantages over the double catenary, that it 
was adopted, in a form modified as to supporting- 
structures and main messenger construction, for the 
electrification of the six-track Harlem River Branch, 
and the four-track New York, Westchester, and Boston, 
in 1911, and for the four-track extension to New Haven 
in 1913, which is shown in Fig. 23. The design of this 
type of construction has been very completely de¬ 
scribed by Mr. Sidney Withington, in the Journal of the 
Franklin Institute, December, 1914, Vol. CLXXVIII, 
No. 6. 

On this type of compound catenary, the live catenary 
spans were fairly short, being but 150 ft. for the maxi¬ 
mum condition. The calculation involving the inclined 
rods on curves was therefore comparatively simple, 
as the errors made in assuming the hangers had the 
same inclination throughout the span, were very small. 
These calculations were based on the theory that the 
contact wire had 1 a parabolic shape, with the horizontal 
“sag” equal in value to the middle ordinate of the 
circular curve of the track for that span. The hori¬ 


it is attempted to apply this method of design to single 
catenary having much longer spans, and on sharper 
curves. 

The following solution of this problem is not new; 
some of it is not original; but it has not, to the writer’s 
knowledge, been set forth heretofore in a form which is 
available for engineers who may be interested in the 
general problem of catenary design. 

The fundamental characteristics of the inclined cate¬ 
nary may be summarized as follows: 

1. The projection of this type of construction on a 
vertical plane passing through the points of support 
is the same as for standard tangent construction, and 
the contact wire is a horizontal straight line. 

2. When projected on a horizontal plane, the con¬ 
tact wire, instead of being a straight line as in tangent- 
chord construction, is a curve which is intended to- 
approximate the track alinement curve. The messen¬ 
ger also appears as a curve, similar to, but not neces¬ 
sarily of same degree as, the shape of the contact wire, 
and curved in the opposite direction; see Fig. 24. 

The problem is to combine these characteristics and 
to find the length of any hanger under various conditions 
of span length and track curvature. Before under¬ 
taking the solution, the factors entering into the prob- 



SECTION a-a. 

Fig. 24—Inclined Catenary. General Characteristics 

lem must be resolved into their simplest forms. It is. 
apparent that two opposing systems in static equilib¬ 
rium are being dealt with and that some of the factors 
involved are the weights and tensions in each system. 
Therefore if either or both of the systems be composed 
of more than one element, the elements must be com¬ 
bined and replaced, for calculation purposes at least, by 
a single element whose tension and weight has the same 
effect on each system as the elements thus replaced. 

The design used on the Danbury Branch, described 
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in Part I, will be used to illustrate the theory through¬ 
out this discussion, although the general theory will 
apply to any other design. In the solution of this 
particular design, the two 4/0 wires must be replaced 
by a single element having a tension equal to the sum 
of the normal tensions in these two wires. Their 
weight must also be combined, and with it should be 
included the weight of the hardware used on the lower 
end of the rods, together with one-half of the weight 
of the rods themselves. This may be 'designated the 



Stresses in a Simple Symmetrical System 

“trolley system.” To the messenger must be added the 
weight of the hardware on the upper end of the rods, 
as well as the other half of the weights of the rods. 
This is the “messenger system.” 

The combined characteristics then are, for normal 
conditions: 

Tension Unit weight 

Messenger System. 3900 Lb. 0.732 Lb. (Min.) 

Trolley System. 3415 Lb. 1.336 Lb. (Min.) 

Since, in this type of construction, the rods may be- 



Fig. 26—Illustrating Relation of Displacement to 
Stresses in a Simple Asymmetrical System 

come quite long, it will make for closer accuracy to 
assume that the unit weight of each system is to be 
compensated for the increase in hanger weight from the 
center to the ends of the span. Therefore, the weights 
given above are based on short hanger lengths at the 
center of the span. 

Relation Between Messenger and Trolley Curve. In 
Fig. 25, let W be a weight suspended from a flexible 
weightless strand at a point midway between two 
fixed supports which are on the same level, and at a 
distance 2 s from each other. 


Let d be the deflection or sag in the strand; 

Let T be the horizontal component of the tension in the . 

strand. 

Then, by construction, 

W 

d :s : : —: T 
or 

W s 
d “ 2 T 

This relationship holds true even if the points of sus¬ 
pension are not on the same level, provided s and T are 
always taken horizontal (or perpendicular to W) and 
' parallel, as may be seen from a study of Fig. 26, since, 
by construction, 

2d:W::s:T 

or 


W s 



It is apparent that the above relationship will also 



Fig. 27—Two Simple Combined Opposing Systems. Illus¬ 
trating Relation of Displacements to Tensions 

apply to forces acting in a horizontal plane, where the 
weight W is replaced by a horizontal pull P; and the 
strand will indeed be “weightless” under these 
conditions. 

The above expression will then become 

P s 

d = ~Y~Y (18) 

In a horizontal system just described, the pull P 
may be produced by a connection to another similar 
system having the same distance (2 s) between its 
supports and an equal but opposite force P. The 
tension in the strands of each system may be the same, 
or they may be different, in which case the deflections 
will be different; for, in Fig. 27, let system 1 have a 
horizontal tension T in its strand, with a deflection dr 
due to the pull P. 

From ( 18 ): 

7 _Zl ■ 

dT 2 T 
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Let System 2 have a horizontal tension M in its 
strand, with a deflection du due to the same pull P. 
Then 


2 M 


and 

whence 


2T di = P s = 2M du 


du T 

~d7 = ~M 


( 19 ) 


If, in Fig. 27, the distance between the systems at the 
tie through which P acts, is h, this length may be 
divided into two parts, t and m 

k - t + m ( 20 ) 

such that 

m du 

m :t : : du : dx or —— = “r~ 

t dx 


Substituting in (19), 

m T 

~T 


( 21 ) 



Fig. 2S—Mutual Reflection of Shape in Two Opposing 

Systems 


to the system axis, as shown in Fig. 29. A symmetrical 
system may be tangent to the other symmetrical 
system at the shortest tie, when this is equal to zero, 
or the two systems may even be crossed and reversed, 
as shown in Fig. 30. 

In each and every case, the following relations obtain: 
h = t + m for any tie. 

H = Hr + Hu 
m du T Hu 

i dx M Hx 

The general statement may therefore be made that 


Y 



Two combined opposing systems with symmetrical horizontal displace¬ 
ments about axis through shortest tie. (The Z7-shape.) 


the shape of the trolley system, referred to the system 
axis, will be a reflection of the shape of the messenger 
system, and vice versa; differing only in degree, which 
degree is expressed by the inverse ratio of their respec¬ 
tive tensions. 

It is apparent from an inspection of the two symmetri- 


then 

T 


Substituting in (20), 

h = t { 1 + ~w ) (22) 

If the two systems are balanced against each other by 
ties at regular intervals (s), it is apparent from the 
foregoing that the deflection in either system due to the 
pull at any tie, referred to its two adjacent tie points, 
will have the definite relationship expressed by ( 19 ), 
and that any tie can be divided into two parts which 
will have the relationship expressed by ( 21 ). It follows 
that a line drawn through each of these division points 
on every tie is a straight line perpendicular to each tie, 
since by construction the ties are all parallel. This 
line may be called the system axis. 

The ties may be such that each system has an ir¬ 
regular shape as in Fig. 28, in which case some ties may 
have no tension (as h lL in the figure), or some may have 
compression (as h 1R in the figure); or the ties may be so 
designed that the systems have a symmetrical shape 
about an axis through the shortest tie, perpendicular 


Y 



Two combined opposing systems which are crossed and reversed, having 
similar horizontal displacements about axis through shortest tie. (The 
.S-shape.) 


cal curves shown in Figs. 29 and 30, that they are both 
some function of the span length. If the system axis 
is represented by the X axis, and the perpendicular 
axis through the shortest tie is represented by the Y 
axis, then either of these curves may be expressed 

V =f 0*0 

Before these symmetrical shapes can be applied to 
the track curve, something of their nature must be 
known to determine their adaptibility and their limita¬ 
tions. One method of doing this would be to plot their 
shapes, as determined by use of their correct constants, 
for comparison with the shape of the track curve. 
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Track curves are, in general, circular, but the equa¬ 
tion of the circle, and especially that of circular middle 
ordinates, ( 10 ), is rather unwieldly. If it can be as¬ 
sumed that the track curve is a parabola, the parabolic 
expression (11) for the middle ordinate is much more 
conveniently handled. The middle ordinate of a 300- 
ft. span on a four-deg. curve when calculated by ( 10 ) 
is Y.80 ft. and when calculated by (11) is 7.85 ft/ The 
difference or error is only five parts in 780, or 0.64 per 
cent. As this is an extreme case, it is apparent that for 
the spans and curves involved, it is well within the 
allowable limits to assume that the track curve is a 
parabola instead of a circle. 

The general expression for the parabola is 
a y = b x 2 A c 
This may also be written 

y = A (b £ 2 A c) or y = A f (x) (23) 

where (b x 2 -f c ) is a function of x which determines 



Fig. 31—Illustrating the Use of the “Multiplier” (A) 
on the “Shape Factor” (b x 2 + c ) 

the shape about the Y axis and A is a factor which 
determines the magnitude of the ordinates from the 
X axis. The function of x, (b z 2 A c), may be called the 
“shape factor” and the factor A may be called the 
“multiplier.” 

As an illustration of their use, in Fig. 31, the parabola 
a y ~ b x 2 + c is shown (plotted for certain values of 6 
and c) for A equal to 1, 2, )A, and — 

The shape in each case is the same, (parabola), 
and each curve has the same constants for b and c for 
a given value of x; but the curve where A = 2 has 
ordinates twice those of the curve A — 1, and simi¬ 
larly the latter curve has ordinates twice the value of 
those of the curve A = The ordinates of the curve 


A — — Yi are equal to those of the curve A = y 2> but 
are on the opposite side of the X axis. If the ordinates 
of the two last mentioned curves are combined, and 
added geometrically, their result will be a new curve 
having the same “shape factor,” but a new value of A, 
in this case, equal to 1. 

Curve A = 1 has the following value of / (x) for 
different values of x 


± x f (x) 


0 

1.0 

10 ' 

1.2 

20 

1.8 

30 

2.8 

40 

4.2 

50 

6.0 

etc. 

etc. 


Each of these ordinates, multiplied by any value of 
the “multiplier” A, will always give a curve having 
the same “shape factor” f (x). 

In Fig. 29, which is that of two symmetrically 
opposed horizontal systems, let the curve of the trolley 
system be 

y = At F (x) and let F (x) — U 

The Y axis corresponds to the axis of horizontal 
displacements, H. 

Whence 

Hr = At U for the trolley 

and 

Hu = Am U for the messenger 

Then the distance between the trolley and the 
messenger is 

H = AU ( 24 ) 

where 


A — At A Am 

and the multiplier A and the shape factor U are to be 
determined. 


Similarly, in Fig. 30, which is also that of two sym¬ 
metrically opposed systems, but which are crossed and 
reversed, let the curve of the trolley be 

y = Bj F' (x) and let F' ( x ) = S 
Then, as above, 

Ht = Br S for the trolley 

and 

Hu = BmS for the messenger 

and the distance between the trolley and the messenger 
is 

H = B S ( 25 ) 

where 

B — Bt A B m 

and the multiplier B and the shape factor S are to be 
determined. 

In the symmetrical system shown in Fig. 29, 

H* = Hl =. A U 
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Also in the symmetrical system shown in Fig. 30, 

Hr = — Hi. = B S 

If the constants and variables, such as messenger 
and trolley tensions, weights, and materials which 
determine the system shape in Fig. 29 are the same for 
Fig. 30, and if Hr (Fig. 30) is equal to Ha (Fig. 29) 
for the same value of x, then, if the two shapes are added 



Fig. 32 —The Combined U and S Shape, or Transition Curve 


together algebraically, a new shape similar to that 
shown in Fig. 32 is obtained, which is, as before, similar 
about the system axis, but which is no longer sym¬ 
metrical about the H axis. The expression for this new 
shape is 

H = A U + B S (26) 

It is clear that the shapes U and S may be combined 
with each other in any degree. If the factor B is zero, 
the shape S is not present; and the system has the shape 
shown in Fig. 29, which is for a symmetrical continuous 
curve. When A is zero, the shape U is not present, 


Y 



Fig. 33—Inclined Catenary with Asymmetrical Horizontal 
Displacements About Low Point 

and the system has the symmetrical shape shown in 
Fig. 30, which is a reverse curve. When A and B are 
present to an equal degree, the system has the shape 
shown in Fig. 32, which is a transition curve of some 
kind. 

Conversely, it is also clear that any continuous curve, 
as in Fig. 33, which is not symmetrical with respect to 
the H axis, that is, where the distance between the trol- • 
ley and the messenger is not the same, for the same 
distance each side of the H axis (Hr g Hu) such a shape 
partakes of both shapes U and S. 
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The expression (26) may therefore be said to be the 
general expression for any combined horizontal system. 

If U and S can be determined for a given system 
whose variables are known, the shape of any span on 
that system may be determined by the expression 
(26), by determining the values of their multipliers, 
A and B. 

The Determination of the U Shape . Fig. 34 is that of a 
funicular polygon, whose shape is assumed to be sym¬ 
metrical about its normal axis H. The forces P o, 
Pi, P_i, P 2 , P_ 2 , P if P- 3 , etc., are assumed to be acting 
on a system whose horizontal component of tension 
(parallel to the horizontal axis X ) is T; and these forces 
are assumed to occur at equal intervals (s) along the 
X axis, and are all normal to that axis. Pi = P-i, 
P 2 = P_ 2 , P 3 = P- 3 , etc., and P 0 , Pi, P 2 , P 3 , etc., may 
be equal, or may progressively increase or decrease. 



Fig. 34—The Forces and Displacements in a Regular 
Symmetrical Funicular Polygon 


The system will be deflected, due to these forces, at 
points 0, 1, 2, 3, 4, etc., and the angles made between 
the sides of the polygon, and parallels to the X axis, 
are 0 X , 0 2 , 0 3 , 04 , and 0 5 respectively. For convenience, 
the stress diagram is shown below in the figure. 

Let to be the distance from the polygon to the X 
axis at its nearest point (0); let 8 h 5 2 , <$ 3 , S 4 , etc., be the 
departure measured normal to the X axis, due to 
0i, 02 , 0 3 , 0 4 , etc.; and let d u <h, d & , d if etc., be the de¬ 
partures from a line drawn parallel to the X axis through 
the nearest point, 0. 

Then 

5 P 

tan 0i = = Yf ( in tlie stress diagram) 
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Similarly, 


ran t? 2 = 


+ Pi 


(4+4 


and in like manner, 
s / P, 


(4 + Pi + 4 


(4 


+P1+P1+p, + 


P n is the horizontal pull, or displacing force, acting on 
the lower end of the rod r„, 

W n is the weight, or restoring force acting on the lower 
end of the rod, 

t n and m n are the distances from the trolley and the 
messenger, respectively, to the system axis, 
r n is the theoretical length of the rod, and is the 
geometrical sum of v n and h n . 

The inclination of the rod will be in the line of the 
resultant of P n and W n . 

Then 

P n : hn : : W n : v n 
and 

W n 

Pn = K —— ( 30 ) 


(27) Combining Figs. 34 and 35 gives Fig. 36, which is an 
s isometric view of one-half of a symmetrical span of 

= S P„ inclined catenary on a continuous curve. 

The system axis divides the projection of each rod, 
where S P„ is the sum of all the forces, or pulls, h, into two parts, m and t, such that 
acting .on the system between the center and up to and 

including the point n - 1. _i_. _ ^ 

In like manner, for d ml 

d 1 =d 1 = -i" ( — ) 

T v 2 / 

di = d\ 4- 80 — 81 + 82 = ----- ^ - j - p l ^ 

dz =d 2 + 5 3 =81+ d. 2 +8 S =~y (^p + 2 P 1 +P 2 ) 

di = d 3 + §4 = 81 + 8« 4 - § 3 -f- 84 — ~~jT ( 2~ C + 3 Pi + 2 P 2 + P 3 ^ 

S / 7Z jP 0 \ 

d„ — d n -i + d n = 81 + 82 + 8 3 + . . . + < 5 n = m ( —7— 4 - (n — 1 ) Pi - 1 - (n — 2 ^ P* 4 - 4- P_ , ) 


where Q* is the expression in the parenthesis. The known constants of t 

The distance, or ordinate, of any point on the polygon tration are: 
from the X axis is 

, . , M = 3900 lb. 

t n - d n 4- to ( 29 ) p _ 3415 p )< 

The forces and the figure just discussed must now be s = 10 ft. 

combined with the shape and the forces of the tangent Wo = 13.36 lb. 

catenary. ® 0 = 0.448 ft. 

For calculation purposes, each hanger is reduced to u is assumed to be unity, 
the elementary form shown in Fig. 35. m, , . , . A ■ 

In this figure, . The derived constants are 

v n is the projection of any rod r n on a vertical plane rn 

(calculated from expression ( 4 ) ), - — 0.876 am 

hn is the projection of that rod on a horizontal plane, M ' . 


The known constants of the catenary used for illus- 


rp 

= 0.876 and 


0.00293 




June 1927 


BROWN: CATENARY DESIGN FOR OVERHEAD CONTACT SYSTEMS 


1097 


also 


h 0 = 1.876 


Wo_ 

Vo 


= 29.8 whence P 0 = 55.9 


(from (22)) 
(from ( 30 ) ) 


Po s 

2 Po = — = 27.95 = Q 0 and — Q 0 = 0.0819 = d 1 
(from ( 28 ) ) 



Fig. 35—Inclined Catenary Construction 
Elements of hanger rods, contact, and messenger 


Then, from ( 29 ), h = 1.0819 which is the first point 
on the U curve. Continuing, 

hi = 2.025 (from (22)) 

Vi = 0.476 (from ( 4 )) 

Wi = 13.37 

(Note: W will increase in accordance with a pre¬ 
vious rough calculation of the weights of rods, on an 
average curve (3 deg., using parabolic formula. The 
-error made, leaving W constant, is very small.) 


IV! 

-= 28.1 

Vi 


Pi = 56.9 

(from ( 30 ) 

2 Pi = 84.85 

(from ( 27 ) 

Qi = 112.8 

(from ( 28 ) 

d 2 = 0.331 

(from ( 28 ) 


and 

U = 1.331 from (30) which is the second 
point on the U curve. 

In this manner, the calculations may be continued 



Fig. 36—Inclined Catenary Construction 

The development of the (/-shape for use on circular continuous curves. 
(See Table I) 


until enough points are determined for the longest 
span to be used, 16 or 17 being ample for the maximum 
condition. A convenient form for setting up the calcu¬ 
lations is shown in Table I. 

The points may then be plotted, with reference to an 


TABLE i 





Shape 


Is 

S 

Factor 


o 

— 0 

U 




h + dn 

n 

X 

d 

t 

O 

0 

0.00 

1.00 

1 

10 

0.08 

1.08 

2 

20 

0.33 

1.33 

3 

30 

0.75 

1.75 

4 

40 

1.36 

2.36 

5 

50 

2.17 

3.17 

G 

60 

3.18 

4.18 

7 

70 

4.40 

5.40 

8 

SO 

5.85 

6.85 

9 

90 

7.54 

8.54 

10 

100 

9.46 

10.46 

11 

110 

11.67 

12.67 

12 

120 • 

14.15 

15.15 

13 

130 

16.9 

17.9 

14 

140 

19.93 . 

20.93 

15 

150 

23.3 

24.3 

16 

160 

27.0 

28.0 

17 

170 

31. 

32. 


In' 



Prom 

Tan. 

Constr. 


h v 


1.876 0.448 

2.025 0.476 


2.495 


0.562 


3.29 

4.43 

5.94 

7.83 

10.13 

12.84 

16.00 

19.6 
23.8 

28.4 

33.6 
39.2 

45.6 

52.5 
60. 


0.704 

0.903 

1.16 

1.472 

1.842 

2.27 

2.75 
3.29 
3.89 
4.55 
5.26 
6.04 
6.87 

7.76 
8.70 


See Note 
in Text. 



■ 


W 

w 

V 

p 

2 p 

Q 

13.36 

29.8 

55.9 

27.95 

28 

13.37 

28.1 

56.9 

S4.S5 

113 

13.41 

23.9 

59.6 

144.5 

257 

13.49 

19.2 

63.0 

207.5 

465 

13.58 

15.1 

66.7 

274 

739 

13.71 

11.8 

70.2 

344 

10S3 

13.88 

9.44 

73.9 

418 

1502 

14.06 

7.63 

77.8 

496 

1998 

14.28 

6.3 

80.9 

477 

2575 

14.54 

5.29 

84.6 

662 

3236 

14.80 

4.5 

88.2 

750 

3986 

15.11 

3.9 

92.6 

842 

482S 

15.45 

3.4 

96.6 

939 

5767 

15.80 

3.01 

101. 

1040 

6S07 

16.25 

2.69 

105.3 

1145 

7952 

16.75 

2.44 . 

111.2 

1256 

9208 

17.3 

2.23 

117. 

1373 

105S1 


2.1 

123 
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X and a U axis. It will be symmetrical about the U 
axis, and will always be positive, for any value, positive 
or negative, of x. 

The Determination of the S Shape. The method used 



Pig. 37—Inclined Catenary Construction 

The development of the S-shape for use on reverse curves and transitions. 
(See Table II) 

for determining the S shape is practically identical 
with that used for determining the U shape, as outlined 
above, with one or two exceptions. Fig. 37 shows an 
isometric diagram of half of a symmetrical span of 
inclined catenary on a reverse curve. It will be seen 
that the shortest rod in this diagram is not inclined; 
therefore h 0 — t 0 + mo = 0, and no assumptions can 
be made as to their value, to start the calculations, as 
in the case of the U curve. 


A convenient value can, however, be assigned to the 
deflection at the next adjacent rod, with which assump¬ 
tion, and the same constants used in the calculations 
for the U curve, the calculations may be made, point by 


Y = f (x) 



The ‘ Shape Factor" curves U and S plotted from Tables I and II for 
9/16-in. catenary 

point, until the same number has been determined as 
for the U curve. These are shown tabulated in Table 

II. 


TABLE II 



Ie 

Shape 

Factor 

5 

(d X const.) 

5 


From 

Tan. 

Constr, 

See Note 
in Text. 

2 

T Q 

H 1+ M ) 

n 

X 

S 

d (=t) 

h 

V 

W 

0 

0 

0.00 

0.00 

0.00 

0.448 

13.36 

1 

10 

0.38 

0.01 a 

0.019 

0.476 

13.37 

2 

20 

0.82 

0.022 

0.040 

0,562 

13.41 

3 

30 

1.38 

0.036 

0.067 

0,704 

13.49 

4 

40 

2.08 

0.054 

0.101 

0.903 

13.58 

5 

50 

2.95 

0.077 

0.144 

1.160 

13.71 

6 

60 

4.00 

0.104 

0.195 

1.472 

13.88 

7 

70 

5.28 

0.137 

0.258 

1.842 

14.06 

8 

SO 

6.77 

0.176 

0.331 

2.268 

14.28 

9 

90 

8.5 

0.221 

0.414 

2.753 

14.54 

10 

100 

10.46 

0.272 

0.51 

3.293 

14.80 

11 

110 

12.7 

0.331 

0.62 

3.888 

15.11 

12 

120 

15.2 

0.395 

0.741 

4.548 

15.45 

13 

130 

18.0 

0.468 

0.876 

5.258 

15.8 

14 

140 

21.1 

0.54S 

1.028 

6.038 

16.25 

IS 

150 

24.45 

0.636 

1.193 

6.868 

16.75 

16 

160 

28.2 

0.733 

1.374 

7.758 

17.3 

17 

170 

32.25 

0.839 

1.572 




Notes; (a) 'Assumed, to start calculations. 

(b) Calculating backwards from starting assumption, 

(c) Due to component of pull of other half of span. 



Pq + Pi +• 
h p 2 + As +.. • 
+ Pn 


Qn ~ 

Qn-l+'EPn 


V 

P 

29.8 

3.41&C 

28.1 

0.526 

23.9 

0.965 

19.2 

1.292 

15.05 

1.526 

11.82 

1.70 

9.44 

1.844 

7.63 

1.965 

6.3 

2,085 

5.29 

2.19 

4.5 

2.30 

3.89 

2.41 

3.4 

2.52 

3.01 

2.64 

2.69 

2.765 

2.44 

2.915 

2.24 

3.08 

2.09 

3.29 


2 p 

Q 

3.41& 

3 Alb 

3.94 

7.35 

4.90 

12.25 

6.19 

18.44 

7.72 

26.16 

9.42 

35.58 

11.26 

46.84 

13.23 

60.07 

15.31 

75.38 

17.50 

92 ..88 

19. SO 

112.68 

22.21 

134.89 

24.73 

159.62 

27.37 

186.99 

30.13 

217.12 

33.05 

250.17 

36.13 

286.3 

39.42 

325.7 
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On this curve, t n — d n and when calculated from the 
assumed value of di their values may not be anything 
like the values of t in the XJ curve. "When they are all 
determined, however, the value of d at any point 
(for example, at point x = 100) may be multiplied by a 
factor which will make it the same as the value of U 
for that point. Then if all the other values of d are 
multiplied by the same factor, the new curve will still 
have the S shape, but will be of a magnitude which 
can be conveniently compared with the U curve. 



Fig. 39—Inclined Catenary 


Comparison of U and S shapes with parabola. (See Table III) 

The values of S are negative for negative values of x. 
Both curves are shown, plotted to scale for the deter¬ 
mination of intermediate values, in Fig. 38. 

Comparison of the U Shape and the S Shape With 
the Parabola 

Having determined the ordinates of the shapes U 
and S, they may now be compared with each other and 
with the parabola, which is the assumed shape of the 
track curve on ordinary curves and span lengths. If, 
by a proper choice of multipliers, these three curves are 
plotted for a given span, so that the U curve and the 
parabola are tangent to each other at the / (x) or Y 
axis and all three curves have the same ordinate for 
x = 1/2, it will be seen that the U curve lies outside the 
parabola from the point of tangency at the center until 
it crosses the parabola at the end of the span (x = 1/2), 
and is inside thereafter. 

The S curve passes through the origin, and, for posi¬ 
tive values, lies closely outside of the U curve, crossing 
it and the parabola at the end of the span, and remain¬ 
ing inside of both curves thereafter; see Fig. 39. The 
amount of departure from the parabolic shape may best 
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be seen from the tabulated values of the ordinates of the 
three curves, shown in Table III, calculated for equal 
values of all three curves for x — 100. 

The U Shape and the Parabola. It will be noted 
that the maximum difference between the U shape 
and the parabola occurs at about x = 60 and 
that this difference is 0.23 units. If the value of 
the ordinate at x = 100 represents feet, then the maxi- 
mum departure from the track shape is 0.23 ft., or less 
than three in. The curve having a middle ordinate of 
10.46 ft. for a 200-ft. span is approximately 12 deg., 
which is a very extreme curve for this span. A four- 
deg. curve having one-third this ordinate for the same 
span would therefore have a maximum variation of not 
more than one inch between the shape of the track and 
the U shape for any point between the center of the 
span and the support. 

For points outside the span (x > 1/2) this difference 
increases very rapidly; so that for this reason, if for 
no other, the ordinates calculated for a short span should 
not be extrapolated and used on a longer span without 
careful investigation of the departure from the track 
curve. 

It is clear, therefore, that the U curve (at least for 
the particular constants used for illustration) very 
closely approximates the assumed shape of the track 
curve, and presents no serious limitations on account of 
such departures as exist, at least for points within the 
span used for calculations. 

The S Shape and the Parabola. It is obvious 
that the S shape is only used alone on reverse 
curves. These are rarely circular, but spiral, 
so that no accurate comparisons can be made. In 
general, however, it may be seen from the tabulated 
values in Table III, that for points near the end of the 


TABLE III 



Parabola 

U Shape 

S Shape’ 

Tangent 

1 I 

0 U + 9 5 

X 

fix) 

F (*) 

F' (x ) 

Parabola 


0 

1.00 

1.00 

0.00 

0.00 

0.50 

10 

1.09 

1.08 

0.39 

O.IO 

0.73 

20 

1.38 

1.33 

0.82 

0.42 

1.08 

30 

1.85 

1.75 

1.38 

0.94 

1.55 

40 

2.51 

2.36 

2.08 

1.67 

9.99 

50 

3.37 

3.17 

2.95 

2.61 

3.06 

60 

4.41 

4.18 

4.00 

3.76 

4.09 

70 

5.64 

5.40 

5.28 

5.13 

5.34 

80 

7.05 

6.85 

6.77 

6,69 

6.81 

90 

8.66 

8.54 

8.50 

8.46 

8.52 

100 

10.46 

10.46 

10.46 

10.46 

10.46 

110 

12.43 

12.67 

12.7 

12.63 

12.68 

120 

14.61 

15.15 

15.2 

15.05 

15.17 

130 

17.0 

17.9 

18.0 

17.7 ' 

17.95 

140 

19.53 

20.9 

21.1 

20.5 

21.0 

150 

22.3 

24.3 

24.45 

23.6 

24.37 

160 

25.6 

28.0 

28.2 

27.2 

28.1 


span, where the track begins to approach the parabolic 
or circular shape, the values are very nearly the same as 
for the 17-shape. For comparison at the point of 
reverse curvature (the origin), it is necessary to shift 
the parabola tangent to the X axis. The values of the 
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ordinates to the tangent parabola are also given in 
Table III, and from them it is seen that the maximum 
departure is for approximately x — 30. On a four-deg. 
curve, the indicated difference would be less than 
two inches. 

If both shapes are present in equal amount, making 
the transition shape referred to in Fig. 32, it will be 
seen in like manner from the tabulated values of the 
ordinates of U/2 -f S/2, also shown in Table III, 
that for the half of the span which lies on the curve, 
the variation from the tangent parabola is not more than 



Fig. 40—Illustrating the Cusp at the Support when 
Contact Wire has Same Middle Ordinate as Track Curve, 
Inclined Catenary 

0.65, at approximately x = 20. Reduced to a four- 
deg. curve, this would not exceed three inches. 

This combination is where the greatest departure 
from the assumed track shape exists, and also the place 
where the greatest variation in track alinement may be 
expected, since most railroad curves are spiralled at the 
points of tangency and points of curvature. For these 
reasons it is sometimes well to make a set of field mea¬ 
surements of actual track departures from the tangent, 
on such spans, for comparison with the trolley curve 
shape, when designed. 

The above differential values are, of course, true 
only for the catenary design used for illustration, but 
they may be taken as being representative; and in 
general, within the limits of reasonable application, 
these shapes do not, within the span , present serious 
limitations either used alone or in combination. 

The most important limitation due to' the shape of 
both the U curve and the S curve, occurs at the point of 
support or end of the span, where on account of the 
progressive increase in the curve pull with the span 
length, all the curves are sharper than the track curve, 
and cross it at this point, as indicated in Fig. 39. On 
long spans and short radius curves this will produce an 
irregularity, or cusp, between spans, as shown in an 
exaggerated manner in Fig. 40, which may spoil the 
appearance. Since this is due to the increase in curve 
pull, it is a function of the span length, and may be 
obviated by making the radius of the trolley curve at 
the point of support (or at the last hanger) equal to the 
radius of the track curve which is being fitted, instead 
of having the trolley curve tangent to and equal to the 
track curve at the center of the span. 

The radius of the trolley curve (R n ) at the support may 
be determined by using the unit curve-pull, p n , which is 
the value of P for any value of x in Table I or II, 


divided by the hanger spacing s, and substituting in the 
expression, derived from (16), 

T 

R n = — ( 31 ) 

J/n 


The radius of the track curve (Rt) may be known, or 
may be found by substituting known values in the 
parabolic expression ( 11 ) for the middle ordinate 


l 2 P 

8 WO = 8 d 


( 32 ) 


where d is that of the U shape, taken from Table I. 
The ratio 



( 33 ) 


will be constant for a given span length, and must enter 
into the calculation of the “multiplier” A in order to 
avoid the irregularity at the point of support. It 
represents the proportion of the track middle ordinate 
which must be taken to make the U shape have the 
same radius as the track, at the end of the span. This 
constant changes with the span length, and may be 
calculated from the U shape curve-pulls, and plotted 
for convenience, as shown in Fig. 41. 

In a similar manner, it may be shown by a eompari- 



Fig. 41—Inclined Catenary Construction 

Correction factors to be used with multipliers A and B of the shape 
factors U and S. They are the ratio R n / Rt 


son of the S shape with the “tangent parabola,” that 
these curves may be made parallel or tangent, of equal 
radius, at the point of support by using a similar con¬ 
stant J for a given span length, which is determined 
in a like manner from the curve-pulls calculated from 
Table II. 

This constant 
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is quite different from K because the rate of change of 
the curve-pull is different for the two shapes U and 5. 
It changes as the span, and may be plotted with the 
corresponding values of K as shown in Fig. 41. 

The necessity for using these constants to improve 
the shape at the point of support in reality limits the 
length of span on a given curve, since it is apparent 
that the middle ordinate (dr) of the trolley curve should 
not be less than the track M 0 by an amount greater 
than the maximum allowable departure from the center- 
line of the pantograph. Allowing three in. either side 
for all other possible variations, the allowable departure 
due to this factor should not be greater than 12 in. 
total, or 6 in. either side of the pantograph centerline. 
Then 

WO - dr = 2 q (35) 

The trolley curve will lie across the curve of the 
pantograph centerline as shown in Fig. 42. 

The Determination of the Multiplier A for the U shape. 
Assume the symmetrical construction shown in Fig. 29 
on a railroad curve of radius R, with a span length l 
having the low point in the center of the span. H is 



Fig. 42 —Inclined Catenary Construction 

Relative position, of trolley. curve and pantograph, center-line when 
cusp at support is eliminated 


the horizontal distance between the trolley and the 
messenger at the point of support. By construction, 
the S shape is not involved, 
whence, 

H — A.U 


but 


H = di + du + h 0 = dr ( 1 +^f ) *F h 0 from (19) 
Then 

A£7 = dx(l + “)+A) (36) 


On the U curve, the ratio of any ordinate h n to the 
shortest ordinate h Q is 



(37) 


or 

If 

then 

and 


h n - h 0 U 
h n 


H = h 0 U 

h 0 = A (38) 


In other words, on symmetrical curves involving the 
U shape only, the multiplier A is in reality the hori¬ 
zontal length of the shortest hanger at the center of 
the span. 

Substituting (38) in (36), 


or 


and 


ho U — dr ^ 1 -j- ^ + ho 

( U - 1 ) =dfl +~) 


ho — 


( 1 + M ) 


U- 1 


A 


(39) 


If dr, the middle ordinate of the trolley curve is the 
same value as M 0, the middle ordinate of the track, 
then, using expression (11) for the M 0, 

*.- **'„+* (40) 

But it has previously been shown that a proportion 


of M 0 (equal to K MO) must be used, instead, 

K T 

to prevent a cusp at the support. 

Then 


— ( 1 + —\ 
8 R \ ^ M J 


(41) 


The Determination of the Multiplier B for the S Shape. 
Assume the symmetrical construction shown in Fig. 
30 on a reverse track curve of radius R with a span 
length l, having the low point over the point of reverse 
curvature. H is the horizontal distance between the 
trolley and the messenger at the point of support. By 
construction, the U shape is not involved. 

Therefore 

H = B S 

but 

H = dr + du — dr ^ 1 + ^ 


and 



dl ( 1+ M ) 
S 


If di, the middle ordinate of the trolley curve, is 
regarded as part of a continuous curve having the same 
middle ordinate as the track curve, also regarded as 
continuous, 
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then 


H = 16.50 X 0.236 = 3.9 ft. 


— (l+—) 

B _ SR \ 1 + M / 

S 

But it has previously been shown that to avoid the 
cusp at the support, a certain proportion J must be 
used instead, 


whence _ If ( 1 +vr) 

S 


( 42 ) 


The Application of the U Shape to Standard Hangers. 
Having determined the shape U and the value of the 
multiplier A in terms of a given span and curve, the 
horizontal lengths of all the rods may now be calculated. 


The horizontal values of each rod thus determined 
may now be combined with their vertical projection, 
which is assumed to be the same as standard tangent 
rods. A chart similar to Fig. 43 saves a great deal of 
calculation, and gives at once the true length of the rod 
and its angle of inclination /3 to the horizontal. 

If care has been taken in locating the supports so as 
to maintain “standard hangers” as outlined in Part I, 
at the same time maintaining as far as possible a fair 
degree of uniformity in the span lengths on curves of 
approximately the same radius, inclined hangers may 
be designed as outlined above for several different 
average degrees of curvature, using the maximum span 
for a given curve in each case. 

On the Danbury Branch, hangers were designed in 



this manner for 1-deg., 2-deg., 3-deg., and 4-deg. curves 
'3 having spans of 250 ft., 200 ft., 180 ft, and 190 ft., 
> respectively. These were approximations when applied 
to shorter spans, or to intermediate curves, but care was 
taken that allowable limits were not exceeded. A 
4 ° c further approximation was made in. the design of these 
hangers in that after calculating the various values of 
, h 0 for the shortest rods at the centers of the spans on 
the various curves, an adjustment was made in these 
30 . values such that all the shortest rods had the same 
average length and the same average inclination. 


Fig. 43 Hanger Ijength Chart. Inclined Catenary 
Construction 

For example, to calculate standard hangers for a 250-ft. 
span on a 2-deg. curve: 

K = 0.685, from Fig. 41, 



l = 250, 

R = 2865, T = 3415, M = 3900, 

U~ 1 (for x = 125) = 15.5, from Fig. 38 or Table I, 
MO- 2.73, KMO = 1.87 = dr, 

M O — di — 0.86, which is within the "allowable 
variation, 1 ft. 

Substituting the above values in ( 41 ), 

A = 0.236 

Multiplying each value of U in Table I by this value 
of A will give the horizontal length of the rods at the 
corresponding distance a: from the low-point. The 
value of A U for x = 125 gives the horizontal separa¬ 
tion between trolley and messenger at the support. 
In this case, 


Fig. 44—Inclined Catenary on Four-Deg. Curve, Danbury 
Branch, 1925 

The design of a transition span was also included in 
this approximation, so that the resulting standard 
hangers could be used, within limits, for construction 
over most of the curves as well as the transitions. 
This did not make perfectly level wire, but the varia¬ 
tions were less than the allowed variation due to 
temperature changes, and by this method a large 
amount of calculation was done away with. On curves 
above four deg. up to six deg., four-deg. rods were used, 
and the trolley was deflected at the supports by pull- 
offs, somewhat as on tangent-chord construction, 
Fig. 44 shows the appearance of the completed con- 
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struction on curves where the rods fitted the track 
curve, and Fig. 45 illustrates the pulled-off construction 
on sharper curves. On one or two curves which were 
sharper than four deg., the rods were calculated to 
individually fit the track curve. 

Computation of Special Spans, Involving both Shape- 
Factors. On transition curves, reverse curves, or 
where there is a large difference between the horizontal 
separations of messenger and trolley at each end of 

the span, the values of these offsets H* and FU are 

usually known. These values may be substituted in 
the general expressions 

H r — A U + B S at x = n\ 

H h = A U + B S atx = — n 2 

using the values of U and 5 given for x = n x in the 
case of Ur and those given for x = — n 2 in the case of 
Hi., and having proper regard for the signs of U and S. 
U is always positive for values of x either side of the 
low-point and 5 is positive for values of x to the right 
of the low-point, and negative for values of x to the 
left of the low-point. 

The above equations may be solved simultaneously 
for A and B, and these, when determined with proper 
regard for the factors K and J and used with their 
respective shape factors, will give the horizontal length 
h n of any rod, which may be combined with v by use of 
chart shown in Fig. 43, or otherwise. 

All the above calculations are based on combining the 
horizontal lengths of the rods with “standard” tangent 
hanger values of v. If vertical lengths other than 
■“standard” are used, the shape factors U and S cal- 



Fig. 45 —Inclined Catenary on Five-Deg. Curve, Danbury 
Branch, 1925 

Showing four-dog. catenary pulled off at supports 

culated for standard hangers will not apply, but new 
values of the U shape and the S shape, based on the 
shortest “special” rod, must be calculated. This 
greatly increases the amount of calculation work, and 
for this reason, “special” hangers should be avoided on 
curve construction where possible. 

The above methods and calculations as- set forth are 


somewhat complex, but once developed for a given 
design, they may be easily applied to the solution of 
any standard span. 

The Limitation of Inclined Construction. Some of 
the limitations of the inclined construction have 
already been touched upon, the most important being 
the necessity of using a factor in the calculation of the 
“multipliers” to avoid the cusp in the shape of the 



Fig. 46—Maximum Span-Limits for 9/16-in. Inclined 
Catenary for Various Curves 

trolley wire at the point of support. The span limit 
is reached for a given curve, when the difference be¬ 
tween the track middle ordinate and the trolley middle 
ordinate is greater than 1.0 ft. 

Another important limitation is the maximum per¬ 
missible horizontal length of longest rod, or the offset 
at the support. Good practise indicates a limit for 
this of about six ft., except in special cases which cannot 
otherwise be avoided, to avoid construction which would 
extend over the adjacent parallel track which is usually 
a different electrical section. 

A third important limitation is that due to the in¬ 
clination of rods. When the angle of inclination to the 
horizontal is too small, the plane of the hanger rods 
approaches that of the pantograph, already inclined on 
curves on account of super-elevation of outer rail. Good 
practise indicates a limit to this inclination of ap¬ 
proximately a horizontal value of three to a vertical 
value of one, except in special cases. 

These limitations may be shown graphically for com¬ 
parison with the limitations of tangent-chord construc¬ 
tion, as shown in Fig. 46, where q is the span limitation 
due to the difference between track and trolley middle 
ordinates, H is the span limitation due to maximum 
allowable offset between trolley and messenger at the 
support, and j8 the span limitation due to hanger rod 
inclination. From this diagram it is seen that the 
practical application of the inclined catenary con- 
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struetion is limited to curves up to about seven deg. 
Above this point, tangent-chord construction is 
preferable. 

Determination of Structure Heights. As in the case 



Fig. 47 Insulator Inclination—Inclined Catenary for 
Various Curves 



V = C+v 0 +d E + I 

Fig. 48 Illustrating Bracket-Arm Height and Insulator 
Offset on Inclined Catenary Construction 

of tangent-chord construction, the structure height is 
given by formula (6) 

V — C-J-Vo + dzdcI 

If suspension insulators are .used, and this type is 


preferable on account of the horizontal stresses, they 
may assume an inclination which is the resultant of 
the weight supported and the curve-pull,. W and P, 
respectively. If I v and In are the vertical and hori¬ 
zontal projections of the inclined insulator assembly, 
then 

Iv W y l y R y 

Ih = p + YTm = ~p (43) 

In other words, the inclination is independent of the 


(.FOR 22 FT. EI.EV. WIRE ONLY) 



Fig. 49 Average Super-Elevation of Outer Rail on 
Various Curves, with Corresponding Offset z of 22-ft 
Contact Wire 



span length, and is the ratio of the unit weight of the 
catenary to the unit curve-pull; and since y, T, and M 
are constant, is directly proportional to the curvature. 
A set of curves giving the values of I v , I H , and (I - 7 V ) 
is very useful in determining structure heights and 
insulator offsets. 7 — I v is useful to determine the 
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spacer length between the supporting structure and the 
top of the insulator when the same height structure is 
maintained with inclined construction as on tangent 
construction. Fig. 47 shows such curves. 

Determination of Insulator Attachment Offsets form 
Track Centerline. The super-elevation of the outer 
rail will cause an offset z of the pantograph centerline 


EQUIPOISE HALF-SPANS IN FEET 



Fig. 51—Inclined Catenary 

Maximum departure of [/-sliape of contact wire from shape of track 
at center of span on circular curves for radius of contact wire equal to 
radius of track curve under support; for various spans and curves 


from the track centerline, as in tangent-chord construc¬ 
tion, towards the inside of the curve. A small amount, 
generally about three in., is also allowed for the yielding 
toward the outside of the curve of pantograph and 
locomotive springs, due to centrifugal action at running 
speeds. 

The messenger has a horizontal separation H from the 
trolley wire, toward the outside of the curve. 



Fig. 52—Total Offset of Insulator Attachment for 
Inclined Catenary Construction, for Various Spans and 
Curves Under Normal Conditions 

The insulator, if inclined, will increase the offset to 
the outside of the curve by the value of Iu. 

If the curve of the wire is desired to follow the panto¬ 
graph centerline curve as shown in Fig. 42, an additional 
offset to the outside of the curve of the value of q must 
be made. 


Adding all these elements, the total offset from the 
track centerline is 

0 = Ib + H q + 3" — 2 (44) 

diagrammatically shown in Fig. 48, which is typical of 
inclined catenary pole and ’ bracket construction on 
curves. 

It is very useful to have these various elements 
plotted for .standard conditions on various curves. 
Fig. 49 shows values of z plotted for wire 22 ft. above 
rail, from known super-elevations for different degrees 
of curvature, and compensated for the allowance 
assumed for pantograph and spring yielding. 

Values of H for standard spans for various curves are 



Fig. 53—Standard Bracket Pole on Curves up to Three 
Deg. for 200-ft. Span 


shown graphically in Fig. 50 and the values of q under 
similar conditions are shown in Fig. 51. 

All of these elements may then be combined and 
shown graphically as in Fig. 52. 

Fig. 53 shows the details of the inclined construction 
used on the Danbury Branch. A comparison with 
Fig. 12 will show the similarity to the construction on 
tangents, except for the inclination of the catenary and 
the insulator. 

Advantages of Inclined Catenary Construction. It 
is readily seen from Fig. 46 that longer spans are 
permissible on all curves with inclined construction than 
with tangent-chord construction. This decreases the 
cost of supporting structures. 
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The necessity for pull-offs is largely eliminated, none 
generally being required for curves up to four deg. This 
means fewer insulators, an important point where high 
voltage is used on the contact system. 

Sharp deflections in the contact wire, which tend to 
cause sparking and ultimate wear and injury to the 
wire, are avoided. 

The contact system has greater flexibility than with 
tangent-chord construction, and hard spots are practi¬ 
cally eliminated. 

The variation in tension in the trolley wires due to 
temperature changes will, in general, be less than on 
tangent-chord construction, since there- are no fixed 
points and the wire can move in and out on the curve 
as the tensions tend to vary, by swinging about the 
insulator support. This is a possible disadvantage, 
as will be mentioned below. 

A closer approximation to the track centerline may be 
made with this type of construction, decreasing the 
chances of the pantograph leaving the wire under 
abnormal conditions. 

The appearance of this type of construction is very 
pleasing to the eye and harmonizes very well in perspec¬ 
tive with the track curve. ' This is not of especial value, 
but is in keeping with the desire, especially in highly 
improved suburban residential territory, to have the 
railroad property present an appearance in keeping 
with its surroundings. 

Disadvantages of Inclined Catenary Construction. One 
of the greatest disadvantages of the inclined construc¬ 
tion is its tendency for the contact wire to move about 
the attachment to supporting structures due to changes 
of tensions with temperatures. At low temperatures, 
this causes the wire to rise and to move in towards the 
center of the curve. For this reason, the insulators 
should be attached to a fixed point and not to a member 
which through its own motion, may augment this 
tendency. If pull-offs are used, as on sharper curves, 
it is better to apply them so that they fix the lower end 
of the catenary suspension insulator as well as hold the 
contact wire in position. 

On the short, sharp curves generally found in termi¬ 
nals, yards and sidings, and cross-overs, the inclined 
catenary is difficult to design, install, and maintain on 
account of the deflector and sectionalizing details, and 
should not be applied to such track. 

The complexity of design is possibly another dis¬ 
advantage, but this is largely academic. The fact 
remains, however, that this type of construction does 
require more time for study of conditions and for the 
proper design than does tangent-chord construction. 

The cost of installation is possibly higher than the 
cost of tangent-chord construction, but this is usually 
compensated for by a saving in the cost of supporting 
structures. 

Although on heavy curves, longer spans may be used 
than with tangent-chord construction, the extreme 
flatness of the inclined construction in such cases is 
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generally a greater disadvantage from construction, 
operation, and maintenance points of view than the 
additional pull-offs required with tangent-chord con¬ 
struction. As an illustration,- the offsets under such 
conditions may be so great that on multiple track 
construction, to replace a faulty insulator on one track, 
it might be necessary to de-energize an adjacent track 
before the work could be done with safety. 

Although it is very desirable to have a flexible con¬ 
tact system, when the construction is flat, as on heavy 
curves, there is very little reaction against the panto¬ 
graph pressure, and if there are several pantographs 
acting in unison, as on multiple-unit trains, the contact 
wire may rise and still further reduce the clearance 
between the hangers and the pantographs. 

Installation Methods. The same methods of instal¬ 
lation may be used as for tangent-chord construction, 
although it is obvious that until loaded, the messenger 
will present greater problems of unbalanced stresses 
between tangents and curves with the inclined con¬ 
struction. For this reason, the writer prefers the 
method of installation which allows the tensioning of the 
messenger with the trolley wires approximately in 
position and in tension, held to the messenger by a 
few temporary ties per span. This saves further 
lengthy calculations for unloaded messenger sags under 
no-load stress conditions which will vary considerably 
on various curves from the stress on tangent. 

In this analysis certain assumptions may have been 
made which may not be strictly true; as, for instance, 
the rods are in reality radial to the curve, instead of 
being parallel to each other. The errors due to such 
assumptions are, for the most part, very slight; or if 
important, the limits beyond which the assumptions 
do not hold are clearly established. There are possible 
short cuts to some of the formulas set forth which could 
be made by the use of exponential functions and the 
calculus, but it has been the intention to keep the 
mathematics as simple as possible. 

Different design details may require different graphi¬ 
cal exposition. The curves shown are merely to illus¬ 
trate methods which the writer has found to be of great 
value in the design of various types of catenary con¬ 
struction for overhead contact systems. 
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Symbols Used 

a area cross-section, wire or strand, 
d deflection or sag of wire or strand, 
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f function / of x, 

h horizontal projection of hanger rod length, 
l distance between supports; span length, 

/ E equipoise span, 

—— equipoise half-span, 

2 

m horizontal distance from messenger to axis, 

p unit curve pull, 

q allowable departure from pantograph centerline, 
s hanger spacing, 

t distance (horizontal) from trolley to axis; 

temperature in deg. fahr., 
v vertical projection of hanger rod length, 
x distance along system axis from low point of span, 
z offset of trolley from track centerline due to 
super-elevation of outer rail, 

A the '‘multiplier” of the shape factor TJ, 

B the “multiplier” of the shape factor S, 

C height of contact wire above top of rail, 

D degree of curvature, 

E Young’s modulus of elasticity, 

F function F of x, 

H horizontal distance between messenger and trolley 
at support, 

I length of insulator assembly, 

I v projection on vertical plane of inclined insulator 
assembly. 

In projection on horizontal plane of inclined insulator 
assembly, 


J the value of the ratio R n /Ri of the S curve, 

K the value of the ratio RJRt of the U curve, 

L length of messenger for span length l, 

M horizontal component of messenger tension, 

M 0 middle ordinate of a circular curve for a given span, 
0 offset of insulator attachment from track center- 
line at support, 

P curve pull; horizontal force, 

Q the sum of a series, 

R the radius of a curve, 

5 the function F' (x ); the shape of the reverse or <5 

curve, 

T the horizontal component of trolley tension, 

U the function F (x); the shape of the continuous or 
U curve, 

V height of supporting structure, 

W vertical force due to weight, 

X the system axis, 

Y the axis of F (sc), perpendicular to the system axis 

through the low-point, 
a coefficient of linear expansion, 

j3 angular inclination of hanger rods from the 
horizontal, 

7 unit weight (per unit length), 

8 linear displacement, 

A a change in value; increment or decrement, 

6 angular displacement. 

Discussion 

For discussion of this paper see page 1133. 


Catenary Construction for Chicago Terminal 



BY J. S. THORP* 

Non-Member 


Synopsis. —The object of this paper is to give briefly the pro- is made to the principal items of material catering into the 

ceduro followed by the Illinois Central engineers in the layout', construction and to methods of maintenance, 

design, and erection of the catenary system. Brief reference also * * * * * 


T HE Illinois Central decided upon the 1500-volt 
d-c. system of electrification with catenary con¬ 
struction for pantograph operation. 

The electrified suburban trackage includes about: 

4- route mi. of single main line track, 

20 route mi. of double main line track, 

1 14 route mi. of 3 main line tracks, 

8 route mi. of 4 main line tracks, 

5 route mi. of G main line tracks, and about 
20 track mi. of yards and sidings. 



develop the right-of-way. Fig. 1 shows a typical section 
of the track plan in the vicinity of 3Gth Street. 

The catenary structures were located tentatively on 
the track plans, adhering to the normal tangent spacing 
of 300 ft. as far as possible and reducing the spacing 
according to Fig. 2, where the span is wholly or partly on 


GIVEN STRUCTURE ON CURVE GIVEN SIHUCTURt ON TANGENT 



Fki. ‘J Hi* Act n t! C’lmtT run Stucctchkh on- ( Vuvkh 


a curve, or the normal spacing maintained and pull-oif- 
poles interposed as found desirable. These locations 
were given to the field engineer who first made a check 
to see if any shifting would be necessary due to physical 
obstructions not shown on the plans, and t hen when the 
structures were definitely located, made cross- 
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8.50 ft. 

"L 
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.•13,00 ft. 
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L 


8,50 ft. 
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Fm. 3 Tyi'icat. Kkkction Diagram 


Plans 

Track plans were prepared showing the existing tracks 
and the proposed track arrangement to ultimately 

1. Distribution Engineer, Illinois Central Railroad. 

Presented at the Bummer Convention of the A. I. I 1 !. B., 
Detroit, Mich., June 20-21,, 1027. 


sections of the entire right-of-way at each location. 
From the track plans and cross-sections, erection dia¬ 
grams as shown in Fig. 3 were prepared and the catenary 
structures designed. The height of the structure is 
determined by the catenary profile which is drawn on 
the track plans. 


nos 
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Catenary Structure Foundations 

The foundations of all permanent structures were 
3 onerete. Where the space between the ties was less 
than the across-track dimension of the foundation, 
"side-bearing” footings were used. These “side¬ 
bearing” footings were designed in accordance with the 
3 hart shown in Fig. 4. 

Gravity type footings were installed where track 
shoreing was not necessary, and this type was designed 


VALUES OF .P IN THOUSAND POUNDS 
n 14 12 10 8 6 4 2 



1 2 3 4 5 6 7 8 

VALUES OF MOMENT PC IN HUNDRED THOUSAND FT.-L8S. 

Pig. 4 Chart Used in the Design op Side-Bearing 
Foundations 


Earth pressure 5 = 5000 lb./sq. ft. 


A i + A 2 , A i 



NOMENCLATURE 


cr = distance from point of rotation to surface of ground. 
b = distance from point of rotation to bottom of pier, 
c = distance from surface of ground to point of application of over¬ 
timing force. 

J 1 — overturning force on pier, or horizontal shear at surface of ground. 
JO = resisting force of earth above point of rotation 
Z = resisting force of earth below point of rotation, 

Ai = total depth of pier below surface of ground. 

z = distance between centers of gravity of earth pressures above and 
elow point of rotation. 

S' = maximum unit earth pressure above point of rotation. 

5 = maximum unit earth pressure below point of rotation. 

f = deflection of pier at surface of ground. 

f l = deflection of pier at center of gravity of earth pressure above point 
f rotation. 

fz = deflection of pier at bottom, 
e = passive earth resistance at bottom of pier. 

e'= passive earth resistance at center of gravity of earth pressure above 
oint of rotation. 
d = width or diameter of pier. 


In staking out the foundations for construction, two 
stakes were set on each center line and grade was 
referenced from the top of an adjacent tie. The 
concrete was poured from a mixing plant mounted on 
flat cars and handled in a work train. An inspector 



CURVES GIVE VALUES OP MULTIPLIER Kr 
Reduce moments to equivalent moments at base of pier. 

Md = moment due to force Pd, ft lbs. 

Mb = moment due to force P&, ft lbs. 

W = total vertical load at base of pier, lb. 
b = width of pier, ft. 
d = length of pier, ft. 

Moments in Two Directions.—Read Kr at intersection of Kb and Kd 
Moments in One Direction.—Read Kr in the same manner as described 
above except that either Kj or Kb is zero. 

W 

Maximum Toe Pressure = ~ b d ' Kr lb. per sq. ft. 




Fig. 6—Beggs’ Apparatus as Applied to the Model op a 
5-Column Structure 



>y" reference to the chart shown in Fig. 5. In addition 
6 the determination of the bearing pressure under the 
ooting, these foundations were checked against over¬ 
turning, using a factor of l l A. 


supervised all operations of the concrete pouring outfit 
which placed as much as 140 cu. yd. per eight-hr. day 
where traffic conditions were favorable to the use of the 
track. 
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TAIi MO I 

LOADING OF CATENARY SYSTEM 


Loadings of each Catenary System arc shown in the following table: 


Suburban catenary system 70th St.-North 


Epuiv. Tension Tonslon 

Confine- still air at 0 deg. Factor 

tivity at 00 faiir. I <:o of 

elr. mils dog. fahr. and wind safety 


0.81-in. diamotor composite messenger. 070,000 

0,512-in. diameter. Copper aux. messenger. 200,000 

Two 8/0, 80 per (amt, conductivity. Bronze trolley wire 208,000 
Hangers..... 


7,750 11). 12.8501 11). 

800 1,555 

4000 7,020 


Suburban catenary system 70th St.-South, Bo. Chicago 
and B. I. K. Us. 


0.81-In. diamotor composite messenger. 

0.875-in. diameter aux. messenger.. 

Two 4/0 liard-drawn copper grooved trolley wires. 
Hangers... 


888,000 12,550 


870,000 7,720 10. 12.825 10. i 

105,500 800 11). 1,555 10. 

• 128,200 4,000 10. 7.020 10, 


808,700 I 12,520 10. I 20.001) 10. 


j Hori- 
Heri- j zontul 
Dead /.unfnlwindj windload 
Weight load. No ice! With ice 
with ice 20 IB. wind, 8 lb, wind 


8.2U ! 


Noth. tM Wlnd on double trolley wires figures at one and <mo4talf Mums the wind on one win*. 

| Wind on messenger and one-half wind on hangers assumed us acting at point of support of messenger, remaining wind on catenary 'system ummuiiuc) 
as acting at steady wire. 


70th St. North [ StfucUirfUH Ri ^ 


*. /Oft. 4 


Top of Rail, 


For 300 ft. Span 
4 It llin. Normal S«t; t 


Notmal ?/ft. 3 in i 


Center t ine 


A* -— Mr 


rtHO’Ht, Houtli, 
H. 0. it. It. & 
it. T, it. it. 


Slruciurff^ 1 

I 


IS I. 

L l A. 

rrt.j 

| 3 ft. 9 in. 


4 ft 0 in Notmal Sag 

V > 


Notmal ??f! 3 m. i 


Section A A 


fffh I ,m. 

,’t tV JUA 


ee .V,,! ,, Main Messenger 
,ijf 0.81 in. D«. \ 


Altachmeni la Truss 


m ri 


\ BIB 

^ H,0. Co. Rod a in. Oifi ! ' 


f' S A ( 1 ) 

TT • c I'i'i J 

f J \ Attachment to Bracket 

4 'I dill 




Auxiliary Mesanpi 
O.ht/in. Du. 

Em. 8 Main Link Catknauy Hvmtkm 


Catenary Structures 

The catenary structures for the suburban electri¬ 
fication were designed so as to permit extensions to 
include the remainder of the right-of-way. In some 
instances this means an ultimate structure of 200 ft. 
or more in length, made up of several spans. A refer¬ 
ence to Fig. 1 will show the suburban catenary struc¬ 
tures in heavy line, proposed extension to the east for 


through passenger and freight tracks, and further 
extensions to the east and west, shown in clotted lines, 
to include the entire right-of-way which at this {joint has 
a width of 250 ft. This provision iHTessitated ealeula- 
tions of the stresses in the complete structure and a 
check of the stresses in the ini I ini structure. To reduce 
the labor and time required for such troublesome cal¬ 
culations, it was decided to adopt the Beggs method for 
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the mechanical determination of statically indeter¬ 
minate stresses. This method proved very satisfactory 
and greatly facilitated the work. Fig. 6 shows an ap¬ 
plication of the Beggs apparatus to a five column 
structure. 

The structures were erected, painted, and the base 
plates grouted by the railroad forces, very expedi¬ 
tiously and with little interruption to the regular traffic. 

Catenary System 

Table I shows the loadings of the catenary system and 



Fig. 7 shows a very convenient and easily workable 
chart for a determination of the tensions and sags in the 
messenger for any assumed condition of temperature or 
loading. The curves shown on Fig. 12 were prepared 
from this chart. 2 

About the time when the make-up of the catenary 
system was being considered, the General Electric 
Company was carrying out some tests of double trolley 
wire construction at Erie, Pennsylvania. Illinois 
Central representatives were invited to witness some of 
these tests and were favorably impressed with the 
practically arcless collection of heavy current at high 


speed, and shortly the decision was reached to adopt the 
double trolley system. At the same time it was decided 
not to use parallel feeders but to equip each track with a 
catenary system of sufficient current-carrying capacity 
to keep the voltage drop within the prescribed limit, 
when normally in parallel with other tracks at sub- and 
tie-stations. 

After these decisions were made it was a simple matter 
to select the main and auxiliary messengers to make up 
an adequate catenary system. Fig. 8 shows the main 
line catenary assembly. On the main line 4/0 copper 
trolley wires were used south of 70th Street and on the 
South Chicago Railroad and the Blue Island Railroad. 
Bronze trolley wires were selected for use north of 70th 
Street where the traffic is most dense. To compensate 
for the lower conductivity of the 3/0 bronze as com- 



Pig. 10—Trolley Wire Clip 

pared with the 4/0 copper trolley wires, the auxiliary 
messenger was increased in size. A 0.375-in. auxiliary 
was used with the 4/0 trolley and a 0.512-in. auxiliary 
with the 3/0 trolley. 

The main messenger cable is of composite construc¬ 
tion made up of seven Copperweld wires forming the 
core around which are stranded 12 hard-drawn copper 
wires. This cable is 0.81 in. in diameter and has an 
ultimate strength of 31,500 lb., which allows a sag of 
4 ft., 9 in. in a 300-ft. span at 60 deg. fahr., giving a 
factor of safety of 2y% under the maximum assumed 
loading of the system. 

The auxiliary messenger is made up of 19 strands of 
hard-drawn copper and has a normal tension of 800 lb. 
which gives a little sag between hangers and increases the 
flexibility of the trolley wire supporting structure. 

The catenary hangers are simple, consisting of bronze 



_ Fig. 11— Catenary Construction for Yards and Sidings 

2 . The method of constructing this chart was published in the A. E. R. A. Proceedings for 1925. 
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clamps for main and auxiliary messenger connected with 
a 5/16-in. diameter hard-drawn copper rod with an eye 




Pig. 13—Hanger Board with Half Span of Hangers Cut to 

Length 



Fig. 14—Complete Span of Hangers Assembled on Pipe 

in each end. To simplify the determination of the 
hanger lengths and to aid in the spacing of the hangers 


in the field, a diagram was prepared to divide the span 
lengths into four series. Fig. 9 shows the arrangement 
for the system having a normal hanger spacing of 15 ft. 
This diagram was laid out on a table-top to full vertical 
scale and to 34 in- equaling one foot horizontal scale. 
The eye-to-eye lengths of the hangers were measured 
from points on the curve to a line representing the 
normal position of the eye of the hangers. In cases 
where the position, with reference to the messenger, of 
the trolley wires is other than normal, a straight edge 
was adjusted to represent this change and the hanger 
lengths measured to it. The clips between the auxiliary 
messenger and the trolley wire are unique in that they 
are formed of one piece of stock as shown in Fig. 10. 
The manufacturer delivered these clips with the T-head 
bolts and nuts assembled as shown. 

Double insulation to ground was used throughout, 
the standard suspension unit being two seven-in-disk, 
8000-lb., M. & E., cap and pin insulators attached to the 



Fig. 15—Typical 2-TracicTBracket Construction 


structure by means of either a galvanized eye-bolt-and- 
clevis or a double-link, depending upon the type of 
structure to which the attachment was made. 

The suspension or saddle clamp is U-shaped to which 
the messenger is clamped by means of one J-bolt and 
keeper. Tests made on this clamp showed that the 
messenger would slip at an unbalanced tension of about 
1000 lb. In the structure design, a broken wire load of 
1000 lb. was allowed for. This broken wire load was 
figured for only one track per structure. 

The fittings used for splicing and terminating the 
main messenger were developed after considerable 
experimenting and testing. These fittings consist of a 
combined chuck and poured socket so arranged that the 
the poured zinc button will follow against and keep tight 
the cone-shaped chuck. These fittings will develop the 
full rated strength of the composite messenger cable. 

The seven-in-disk insulators used for suspension were 
also used in steady- and pull-off-strand construction to 
insulate from structure and to insulate separate sections. 















June 1927 


THORP: CATENARY CONSTRUCTION 


1113 


For terminating the main line catenary system a very 
sturdy type of double strain insulator was used, one set 
for the main messenger and one set for the two trolley 
wires and auxiliary messenger combined. 

The yard construction is shown on Fig. 11. Only a 
single trolley wire of either 3/0 or 4/0 gage was used. 
All yard catenary was supported from steel structures 
except Weldon Yard where some cross-span construc¬ 
tion was used. 



Fig. 16—Typical 4-Tracic Construction 


Catenary Construction 

All of the wires were strung and the remainder of the 
main line work practically completed from work trains. 
The yard work, except wire stringing, was completed 
from push-tower-car and ladders. The heavy equip¬ 
ment for construction consisted of reel cars with special 
shafts and brake rigging, tower cars with winch operated 
platforms adjustable from 15 ft., 6 in. to 19 ft., 6 in. 
above top of rail, and box cars fitted with work benches, 
shelves, and bins for tool cars. 

The typical train for wire stringing consisted of a 
locomotive, reel car, tool car, and one or more tower 
cars. Only one main messenger was strung at a time, 
but the auxiliary messenger and the two trolley wires 
were strung together. The main messenger was ten¬ 
sioned by means of a sight rod and surveyor’s level. 
The auxiliary messenger and trolley wires were ten¬ 
sioned with a dynamometer. These wires were all 
erected and tensioned in roller bearing rollers, the 
proper sag for the main messenger being determined 
from curves shown in Fig. 12. 

The hanger chart described above was used in the 
material depot to check the length of the hangers as 
they were assembled on a piece of J4-in. pipe, three ft. 
long. After the hangers were assembled on the pipe, 
a linen tag was attached showing the location of the 
span and the series number of the hanger. See Figs. 
13 and 14. 

In erecting the hangers, the contractor used a steel 
tape, one side of which was marked in span lengths and 
the other marked with the recurring figures 1 to 4 inclu¬ 
sive, representing the four series of spacings. These 
figures were spaced as on the hanger board, but to full 


scale. This tape was stretched alongside the mes¬ 
senger, adjusted to the span, and the hangers were 
placed opposite the series figure. 

Maintenance 

The maintenance of the catenary system is handled 
by the Maintenance of Way Department, using one 
1 -ton and one 134 -ton motor trucks equipped with 
special bodies for hand tools, supplies, and ladders. 
These trucks are used for all light repair work as it is 
possible to approach the right-of-way in the electrified 
zone on paved or hard surface streets or roads. For 
heavy repair work two construction trains, each con¬ 
sisting of reel, tool, and tower car, are located at points 
on the terminal where a steam locomotive is readily 
available. 

Soon after the start of the electric operation,' trouble 
was experienced due to the pantographs striking the 
insulators which form part of the air-gap construction 
and either damaging the gap or so damaging the 
pantograph as to result in line trouble elsewhere. 
During the severe cold weather, some trouble was 
caused by failure of faulty fittings or by poor workman¬ 
ship and to pantographs fouling the steady arms. 
The latter trouble was due to the fact that the trolley 
wires, at very low temperatures, lifted higher at the 
structures than was anticipated. 

Main line construction was sectionalized by means 
of air-gaps, but wood section insulators were used in 
cross-overs where high speed is not attained. These 
insulators were originally equipped with two bronze 
gliders to give continuous feed. It was later found 
desirable, however, to install four gliders, two on each 
side of the wood stick to prevent the insulator rocking 
when the pantograph passed. 



Fig. 17 —Typical 6-Track Construction 


Occasionally the gliders of a wood section insulator 
will burn in two when a pantograph bridges a live and a 
grounded section, and on two occasions a trolley wire 
has burned in two at an air-gap due to the same cause. 

The chief troubles were mentioned above and there 
have been minor failures but on the whole the operation 
has been highly satisfactory. 

Discussion 

For discussion of this paper see page 1133. 





The Collection of Current From Overhead 

Contact Wires 

BY R. E. WADE 1 and J. J. LINEBAUGH 1 
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Synopsis. —Up to a few years ago, the generally accepted 
limitations for the amount of current which could be collected from 
an overhead distribution system were from 300 to 800 amperes 
in heavy interurban service and between 800 and 1000 amperes, 
with a maximum of 1500 in the case of the Chicago , Milwaukee, & 
St. Paul. 

It is not possible to determine the limits of current collection by 
theoretical calculations nor by the experience on any particular 
installation. The tests described and analyzed in this paper were 
demonstrated on a four-mile track using special overhead construc¬ 


tion of the twin trolley type with observation towers at several points 
to enable observers to carefully inspect commutation between the 
collector and the trolley wire. 

Tests were also made to determine the temperature rise which 
would be obtained as a result of delivering, for a period of five 
minutes, a current of 5200 amperes to a standing locomotive. 
Further tests were made to determine what damage would result, 
if any, should a pantograph leave the wire while delivering currents 
as high as 4000 or 5000 amperes. Test data are included and 
description of the several types of overhead construction used. 


Introduction 

HE problem of transferring current from overhead 
contact wires to moving cars and locomotives is 
one which cannot be solved by mathematics or 
laboratory tests. Neither can conclusions as to the 
limits of current collection be reached by experience on 
any particular installation. 

There has been considerable discussion as to the 
amount of current that can be successfully collected 
from an overhead contact system.' Except for standard 
railways, operating experience has been confined to the 
heavier types of interurban service, with current values 
of from 300 to 800 amperes, and heavy traction work 
such as the Chicago, Milwaukee, & St. Paul Railway, 
where normal current collected with single pantograph 
varies between 800 and 1000 amperes, with a maximum 
of about 1500. 

Those who have made a study of the subject know that 
there is a large number of factors to be taken into 
account and that each of these factors is subject to 
considerable variation due to design, maintenance 
methods, or both; also that certain factors are essential 
for successful .current collection on any given 
installation. 

In view of the nature of the problem, as mentioned 
above, and the general interest in probable future 
requirements, a series of tests was conducted with the 
object of securing information as to the maximum 
amount of current that could be successfully collected 
from overhead contact wires with the conditions which 
are described later. These tests were made at Erie, 
Pennsylvania, on a section of track owned by the East 
Erie Commercial Railroad, and used by the General 
Electric Company for testing locomotives and cars. 
Following reconstruction of overhead contact system 
and completion of test runs, demonstrations of heavy 
current collection were given to engineers and railroad¬ 
men on July 16,17, and 18, and other dates, 1923. 

1. Both of the.General Electric Co., Schenectady, N. Y. 

Presented at the Summer Convention -of the A. I. E. E ., 
Detroit, Mich., June 20-24,1927. 


These tests were planned and conducted in conjunc¬ 
tion with the New York Central Railroad and the 
Cleveland Union Terminals Company. 

It is thought that the importance of this subject, in 
connection with railway electrification work, justifies 
the compilation of a record covering the details of 
preliminary tests and investigations and the results as ’ 
finally demonstrated. 

Nature of Tests 

Due to the fact that the capacity of the substation 
supplying power was limited to 6000 kw., tests were 
made at 850 and 1500 volts, using the lower voltage for 
the higher currents. Comparative collection tests 
were made at 850 and 1500 volts under identical con¬ 
ditions which clearly indicated that the voltage of 
contact line makes no difference in the collection of 
current so long as the voltage is more than adequate to 
maintain any arc. that might occur between contact 
wire and pantograph. 

Tests were also made to approximate conditions 
existing under prolonged acceleration periods, and to 
determine the temperature rise in various members of 
the contact system and in the collector. 

With each change in contact wire arrangement and 
suspension, tests were started with low current values 
and at low speed and gradually worked up to maximum 
allowable values. A number of duplicate runs was 
made at maximum values to check the final results. 

Testing Equipment 

A. General. In order to make the tests contem¬ 
plated, it was necessary to make certain changes in 
existing equipment and provide other equipment. 

An attempt is made under the following headings to 
describe the various items of equipment provided and 
tried out, methods of making tests, the final type of 
overhead contact system selected for demonstration 
purposes, and the general conclusions reached following 
the tests and demonstrations. 

B. Power Supply. Current was obtained from the 
substation used to supply power to the test track. 
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Type, of Supporting Structure 

Location 

Number 

of 

Strucfcures 

fqpe of 5tructur-®, 

® © 

13 

Laced Column Brtdqes 

® to © 

5 

Bethlehem ’H" Column Brtdqes 

© to © 

5 

Locad Channel BracKet Poles 

© to © 

5 

10” Bethlehem 'H" Brockafc Poles 

© to © 

5 

9" Bethlehem “H" Bracket Poles 

© 

\ 

Laced Column Bridge 


Tupc. of. Catenaru Construction 







!§D£1 


IS3 

■ 

b BifS Coppar 

Loccacf 







1511151 

S /aH.S Steal 

150, OO CM Coppar 

2 

%8l5 Copper 

Laced 

felWU'J 

5 /gH.S Steal 

150,000 CM.Copper 

z 

4 /0 Copper 

Laced 


Pig. 1—Section op Track Used for Tests and Pinal Data on Construction 


The equipment consists of two synchronous motor- 
generator sets with switching arranged so that the 
generators could be used to supply any trolley potential 
from 600 to 3000 volts. One set with rating of 1000 
kw. consists of two 500-kw., 1500/3000-volt generators 
direct-connected to a synchronous motor. The second 
unit is of similar construction consisting of two 750-kw., 
1500/3000-volt generators. Full capacity could be 
obtained with series l nd parallel connections and lower 
voltages by adjusting the generator field rheostats. 



Fig. 2—Test Train Consisting op Locomotive No. IS, 
Gondola 

With loading rheostats and observation car 

Both sets are designed to carry three times normal 
load for five min. or a total of 6000 kw. This substation 
is located approximately 0.9 mi. from the west end and 
four mi. from east end of the track. Power was 
supplied to the overhead line through a 1,000,000-cir. 
mil feeder shown in Fig. 15. 

C. Test Train. A special test train was assembled 
consisting of a 110-ton gearless locomotive capable of 
operating at speeds up to 70 mi. per hr. with either 
600 or 1500 volts. This locomotive was coupled to a 
special gondola car followed by a standard passenger 
car used as an observation car equipped with ammeter, 
speedometer, and telephone, Figs. 2 and 3. These 


cars were furnished by the New York Central Railroad. 
As the weight of this train was not sufficient to give the 
current desired, a sufficient number of iron grid rheo¬ 
stats with contactors and. switches arranged to give the 



Showing method of controlling current on test train consisting of 
Locomotive No. 18 and Gondola 
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additional current required for the tests was assembled 
in the gondola car. By means of this equipment, 
it was possible to obtain any load up to 6000 amperes 
at 850 volts and 4500 amperes at 1500 volts. It was 
also possible to obtain load at 3000 volts although only 
a few runs were made at this voltage. The two panto¬ 
graphs were installed 57 ft. apart which was considered 
representative spacing for a two-unit locomotive. 

D. Track. The track used for general testing is 


unusual provision of observation towers in addition 
to the observation car referred to elsewhere. 

There were five towers, located as shown on Fig. 1. 
The platform, capable of accommodating 12 to 15 
people, is located at a height which places the eyes of 
the average observer slightly higher than contact wires 
and collector shoes, and provides an unobstructed view 
of all the parts entering into current collection, when 
approaching, passing, and leaving. Towers were located 



A 




A-A 


9 


8-8 




4.15 mi. in length and is laid with 100-lb. rail in slag 
ballast. 

Of this total length, about two mi. were used for high 
speed running, while testing and demonstrating. The 
remainder was used for acceleration and retardation. 



Fig. 5 —Loop-Hanger Suspension With 2-4/0 Contact 

Wires 

Fig. 1 shows section of track used for high speed 
running and current collection. 

E. Observation Towers. It was decided to make the 


as close to track as permitted by clearance requirements. 

An added feature in this connection was that studies 
were made at night when the slightest spark between 
wire and shoe could be detected from these points of 
vantage. 

F. Overhead Contact System. The existing contact 
system, within the limits selected for high speed and 
current collection, was not suitable for the purpose. 
This was constructed with more or less antiquated 
fittings and was not in first-class condition. 

In order to supply current for contemplated tests, a 
1 ,000,000-cir. mil feeder was installed from a point 
about 620 ft. west of substation tap to a point about 
3580 ft. east of tap. The old 750,000-cir. mil feeder 
was used for extension from the latter point to the east 
end of high speed territory, a distance of 5400 it. 

1. General Design of Contact System. On account of 
the heavy current values contemplated, it was thought 
advisable to shorten and simplify the taps between 
feeder and contact wires as much as possible, and to 
reconstruct with compound catenary, suspending the 
feeder from the messenger and the contact wires from 
this feeder messenger. With the length of span 
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Fig. 6—Laced Suspension 


adopted, 300 ft., %-in. high-strength steel cable was 
selected for the messenger. 

The feeder messenger was suspended from the mes¬ 
senger by means of hangers made of No. 2 A. W. G. 



Fig. 7—Laced Suspension (Outside Rail for Testing Wide 
Gauge Locomotives) 

solid, hard-drawn copper, with bronze clamps for 
attachment to messenger, and feeder messenger. 

2. Contact Wire Arrangements and Suspension. The 
first installation included several arrangements of 
contact wires and methods of suspension as described 
below, and referred to on Fig. 1. The table on this 
drawing gives the final arrangement. 

a. Between points 1 and 2, 3600 ft. Two 4/0 wires, 
loop-hanger, suspension, (A), Fig. 4. Also Fig. 5. 

b. Between points 2 and 3, 600 ft. Two 4/0 wires, 
laced suspension, (A) and (B), Fig. 6. Also Fig. 7. 

c. Between points 3 and 4, 1200 ft. Two 6/0 wires, 
loop-hanger suspension, (B), Fig. 4. 

d. Between points 4 and 5, 1200 ft. Three 4/0 
wires, loop-hanger suspension, (C), Fig. 4. Also Fig. 8. 


e. Between points 5 and 6, clamp suspension, 600 ft., 
(A) and (B), Fig. 9. Also Fig. 10. 

f. Between points 6 and 7, 2400 ft. Two 4/0 wires, 
loop-hanger suspension, (A), Fig. 4. Also Fig. 5. 

Short sections of two additional types of contact 
wire suspension were installed during preliminary tests. 

g. Cable-hanger suspension, reproduction of photo¬ 
graph, Fig. 11. 

h. Twin laced suspension with which the two contact 



Fig. 8—Loop-Hanger Suspension With 2-4/0 Contact 

Wires 

wires were suspended by independent lacings,. from 
symmetrical yokes, attached to feeder messenger, 
locating them about 3)4 in. apart and in the same hori¬ 
zontal plane. 

3. Feed Taps. Loop-hanger suspension, (a) and (f), 
required feed tap connections, Fig. 12, which were in¬ 
stalled at the center of each span pr 300 ft. apart. 
Feed tap cable was 4/0 copper with 19 wires. 

A Reasons for Several Contact Wire Arrangements. 
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The selection of two contact wires, in the same hori¬ 
zontal plane, was due to previous experiments and 
actual experience on the Chicago, Milwaukee, & St. 
Paul Railway and other lines where current collected 
was of considerable value. The main virtue of this 


The installation of two 6/0 wires was made to get 
information as to the handling and performance of this 
size wire as a contact member: first, on account of its 
having been proposed by several foreign engineers; 
second, to try out this method of increasing cross-section 



A 




Fra. 10.(Ramp Svhpknhion 



Fra. 11 —Ca ii i/k-HaN amt Suspension 


arrangement, in addition to the increased contact 
surface, is that with alternate or staggered suspension 
of the two wires, The collector shoe is always in contact 
with two wires, and one wire is always without any 
additional weight, due to hangers or other fittings. 


should the two 4/0 wires show undesirable temperature 
rise; third, to study the effect, of t he additional weight in 
contact wires. 

The installation of three 4 0 wires was made in line 



t ia. 12 Fhki> Tap With Loop**!!an'ujoi Suspension 


with possible need for more cross-sec (inn and more 
contact and to get experience in connection with their 
use, including the addit ional weight. 

Methods of Marine Tests and Basis for 

CONOLUHIONS 

With the several types of contact wire arrangement 
and suspension in place, for any given set of test runs, 
the remaining fixed factor was line voltage. Those 
subject to change were speed, amount of current col¬ 
lected, number of pantographs, and pantograph 
pressure. 

Observation tower construction and location per¬ 
mitted direct comparison between the performance of 
the several types of overhead construction with a 
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certain line voltage and any desired combination of the 
variables. 

Independent and simultaneous observations were 
made by four or five individuals from the same tower, 
and such observations made from several towers for each 
principal condition, so as to cover different types of 
construction and track alinement. 

Satisfactory collection was fixed upon as being practi¬ 
cally sparkless collection when so observed at night and 
when looking down on top of collector shoes. 

Results of Experiments With Contact Wire 
Suspension 

General. The original layout contemplated the 
general use of loop hanger suspension (a), (c), (d), and 

(f) , and the short section of clamp suspension (e). 
During the early stages of the test runs, short sections 
of laced suspension .(b) and cable hanger suspension 

(g) were installed and compared with loop hanger and 
clamp suspension, with the results given below. 

1. Loop Hangers (a) and (/). This type of suspen¬ 
sion was selected for the larger portion of the work on 
account of flexibility and because it was being success¬ 
fully used when currents of considerable magnitude were 
encountered, in regular service, though smaller in value 
than the heavy currents contemplated in this case. 

With the general construction used for these tests, 
loop hangers, with feed taps spaced 300 ft. apart, 
provided the necessary conductivity between feeder 
messenger and contact wires for current values not in 
excess of 2500 amperes. 

The Chicago, Milwaukee, & St. Paul Railway, using 
simple catenary construction, with loop hangers, steel 
messenger, and two 4/0 A. W. G. copper contact wires 
in the same horizontal plane, during an operating period 
of 11 years, and a total of 650 route mi., has had about 
three interruptions on account of messenger being 
burned at loop hangers. 

These cases were all due to defective feed tap clamps 
at contact wire shunting the current through the steel 
messenger. General replacement of these clamps was 
made with an improved design and no further trouble of 
this kind has been experienced. Other roads equipped 
with the improved clamp have not experienced this 
trouble. 

2. Laced Suspension ( b ). This method of suspension 
offered flexibility in line with that of loop hangers and 
the added feature of very frequent taps to feeder 
messenger and cross taps between contact wires. The 
first trial was made with two feeder hanger spacings, 
30 ft. and 15 ft., with a minimum distance of six in. 
between top of contact wires and under side of feeder 
messenger. A few test runs indicated that the section 
with shorter hanger spacing gave better collection. 
Comparison with other types of suspension tested 
brought about the conclusion that the laced suspension 
provided the best conductivity between feeder and con¬ 
tact wires for the collection of the amount of current 


contemplated, and it was therefore adopted for further 
test runs and demonstrations. 

3. Clamp Suspension (e). This design possessed the 
following features: Direct connection between contact 
wires and feeder messenger, the use of clamps instead 
of more expensive, hangers or clamps and lacing, and the 
possibility of operating contact wires at comparatively 
low tension. After a few test runs this design was 
dismissed from further consideration for the purpose in 
hand. With two contact wires the lift was such that 
pantograph shoes struck feeder messenger clamps. 
While an increase in number of wires would tend to 
reduce the lift, the complication accompanying addi¬ 
tional wires and the fact that one shoe would, with any 
number of wires, make contact with one wire only, 
throughout a great part of the line, did not encourage 
further investigation at that time. 

A Cable Hanger Suspension (g). About 150 ft. of 
line was equipped with these hangers, spaced 15 ft. 
apart, or 30 ft. on each contact wire. For test purposes, 
hangers were made of 1/0 B & S flexible copper strand, 
and the contact wire clamps used with laced suspension. 
Attachment to feeder messenger was made by copper 
wire wrapping. 

This suspension approached laced construction in 
general principle and provided a manufactured unit, 
permitting attachment of clamps to strand by welding 
or other means supposedly preferable to clamped con¬ 
nection. This suspension showed no improvement over 
the simpler laced construction and the design was there¬ 
fore eliminated. 

5. Twin Laced Suspension (h). The trial of this 
suspension, incidental to collection trouble with laced 
suspension on a one-deg. curve, was made during the 
early stages of the tests. The design was never given 
serious consideration on account of inherent faults, 
including expense of two lacings, the special yokes for 
attachment to feeder messenger which would be ex¬ 
pensive and difficult to maintain in any desired plane. 

Results of Experiments with Contact Wire 
Arrangements 

Shortly before the completion of test runs and the 
demonstrations of current collection, it was decided that 
two 4/0 contact wires in the same horizontal plane with 
proper suspension and tension provided the necessary 
cross-section, contact surface, and weight for current 
collection covered by the tests. 

While the experience gained with 6/0 contact wire was 
limited to a very small quantity, the condition of the 
wire, as installed, was never satisfactory owing to long 
kinks, presumably due to winding on reel. While 
this trouble may be avoided by using a reel with proper, 
drum diameter, the general impression was that wire 
of this size should be passed through a wire straightener, 
mounted on tower car, as it is strung. As stated above, 
there seems to be no reason for adopting this special and 
undesirable size of wire. 
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While no particular trouble was encountered in con¬ 
nection with the three 4/0 contact wires, there was no 
indication of the additional wire being required, and its 
use would certainly complicate the contact system and 
introduce the undesirable requirement of maintaining 
approximately even tension in three wires instead of 
two in order to get the best results. 

The following data apply to contact system finally 
used for tests and demonstrations: 


messenger gave the same results. No further studies 
were made with inclined hangers but contact system 
was trimmed in chords with pull-oils located 150 ft. 
apart, as shown in Fig. 15. 

The final combination of laced and chord construction 
gave practically spark less current collection. 

Contact Wire Tension 

As originally installed, contact wires had a tension 
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After completion of tests it was decided (hat tin* 
arrangement with laced suspension for single and double 
contact wires should be as shown on Fig, 10. 

Contact System on Curves 

All curve work in the original installation was fitted 
with loop hanger suspension for contact wires, and both 
feeder and contact wire hangers were inclined, as shown 
in. Fig. 14. This illustration also shows feeder connec¬ 
tion at substation, consisting of one 1,000,000-cir. mil. 
cable, which supplied current to line for all tests includ¬ 
ing heat runs. 

Current collection on this curve construction, as 
experimentally installed, in combination with other 
factors a (feeling current collection, was not satisfactory 
on account of arcing. Laced suspension with inclined 
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of 1000 lb. at 70 deg. fahr. Before tests were com¬ 
pleted, this tension was considerably below that value 
due to seasonal increase in temperatures and many 
changes made in line construction. When curve work 
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was finally adjusted, late in June, tension was increased 
to from 1300 lb. to 1400 lb. at 70 deg. fahr. and with 
improved collection throughout. 

Collectors 

The collector used throughout for test runs and 



Fig. 15—Laced-Type Suspension on Curve 


Showing chord construction and feeder connection 

demonstrations was the S-501-A slider trolley, with 
certain modifications mentioned later, Fig. 16. 

The collector consists of two flexibly mounted, con¬ 
tact shoes on top of a jointed diamond or pantograph 
frame, the diamond or pantograph frame being con¬ 
structed of Shelby tubing with malleable iron joint 
castings so hinged together that it can readily expand or 
contract to suit variations in height of contact wires. 

The collector is expanded or raised to its operating 



Fig. 16—S-501-A Pantograph Usee for Current Col¬ 
lection Tests 

As mounted on wooden structure in the Gondola carrying the grids 

position by means of four large coil springs attached to 
cams mounted on the same hinge shaft as the bottom 


part of the diamond frame. Two of the large springs 
are energized and permanently attached to the base of 
the collector for balancing approximately the dead 
load of the moving parts. The other two large springs 
are connected to air cylinders by means of which they 
can be energized or de-energized at will. 

The small irregularities in the overhead are taken 
care of by the flexibility of the contact shoes. Each shoe 
is independently hinged on two spring supported cams 
which allow it to rise and lower two in. independent of 
the main or diamond frame. The contact shoes are com¬ 
posed of sheet steel pans with sheet steel horns attached 
to each end for picking up the siding wires. The 
wearing strips are of hard drawn copper, 3/16 in. 
thick and 1-3/16 in. wide, having one edge bent over 
slightly to prevent fouling, leaving approximately 
% in. of width, flat surface. On each side of each pan 
is one long, renewable, wearing strip, and in the middle of 
each pan where most of the wear is concentrated between 
the outside strips, two short, renewable, wearing strips. 
This gives at the middle section of each shoe a line 
contact with the contact wires of approximately three 
in. or a total for both shoes of six in. The space be¬ 
tween the renewable, wearing strips is filled with a 
lubricant for preventing a rapid deterioration of both 
strips and contact wire. Shoes are shown in plan in 
Fig. 17. 

The standard collector has a rated continuous capac¬ 
ity of 1000 amperes, or 2000 amperes for two min., and 
is suitable for speeds up to 60 mi. per hr. 

In order to bring the capacity up to the heavy current 
requirements, the collectors were fitted with additional 
shunts around each bearing and a flat copper strip 
along one side of both top and bottom frame arms. The 
additional weight imposed by this copper necessitated 
increasing capacity of balancing springs. 

As far as principle of design goes, a standard collector 
was used and the only special precaution taken was to 
surface the wearing strips on an emery-covered face 
plate after assembly, which should be done in regular 
practise regardless of current values. 

Collector Pressure 

During testing period, collector pressures varying 
between 19 and 43 lb. were used. Reference to list 
of test runs shows that the pressure finally used for the 
collector and contact system dealt with was about 40 
lb. This pressure was necessary on account of the 
increased moving weight due to copper shunts and 
strips. 

Current Collection Tests 

The following list gives data on a group of representa¬ 
tive test runs with both 850 and 1500 volts, using the 
type of contact system finally adopted. More than 
350 test runs were made and records kept in connection 
with all runs. 
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TESTS AT 850 AND 1500 VOLTS 


Test 

no. 

Amps. 

Speed 

mi.perhr. 

Volts 

No. of 
collectors 
used_ 

Pressure 

lbs. 

Date 

125 

5000 

50 

850 

1 

32.5 

6-15-23 

150 

5000 

50 

850 

1 

30 

6-19-23 

160 

6000 

50 

850 

2 

35 33 

6-23-23 

161 

6000 

50 

850 

2 

35 33 

6-23-23 

162 

6000 

50 

850 

2 

35 33 

6-23-23 

164 

5100 

50 

850 

2 

35 33 

6-23-23 

172 

5200 

54 

850 

2 

35 37 

6-24-2.3 

173 

5200 

54 

850 

2 

35 37 

6-24-23 

224 

5100 

65 

850 

1 

37.5 

6-28-23 

225 

5000 

60 

850 

1 

37.5 

6-28-23 

227 

5100 

60 

850 

1 

37.5 

6-28-23 

232 

5200 

50 

850 

2 

39 40.5 

7-10-23 

240 

5000 

50 

850 

1 

40.5 

7-11-23 

244 

5000 

55 

850 

1 

40.5 

7-12-23 

249 

5300 

57 

850 

1 

40.5 

7-13-23 

250 

5400 

56 

850 

2 

40.5 42 

7-13-23 

254 

5300 

57 

850 

1 

39.5 

7-13-23 

255 

5300 

58 

850 

1 

39.5 

7-13-23 

256 

5800 

53 

850 

2 

39.5 42 

7-13-23 

257 

5800 

55 

850 

2 

39.5 42 

7-13-23 

278 

5500 

' 58 

850 

2 

34.5 

7-16-23 

280 

5400 

58 

850 

1 

34.5 

7-16-23 

96 

4300 

32 

1500 

2 

32.5 34.5 

6- 4-23 

110 

4000 

52 

1500 

2 

32.5 34.5 

6-15-23 

191 

4200 

48 

1500 

2 

39 40.5 

6-26-23 

192 

4000 

48 

1500 

2 

39 40.5 

6-26-23 

198 

4500 

40 

1500 

1 

39 

6-26-23 

200 

3000 

60 

1500 

1 

39 

6-26-23 

259 

4500 

46 

1500 

1 

39.5 

7-14-23 

261 

4150 

48 

1500 

1 

39.5 

7-14-23 

281 

4500 

50 

1500 

1 

39.5 

7-17-23 

282 

4600 

52 

1500 

1 

39.5 

7-17-23 


Temperature Tests 

Temperature tests were made to determine heating 
of the contact wire, feeder, messenger, pantograph 
shoe, etc., in order to definitely establish that it is 
possible to conduct heavy currents to .a locomotive. 
These tests were made on the laced overhead trolley 
construction as shown in Fig. 7. The feeder in this 
section is a 1,000,000-cir. mil copper conductor acting 
as a messenger. 

The general arrangement of the test train, location of 
pantographs, and overhead construction is shown in 
Fig. 18. The thermometers were placed on the contact 
wire, feeder, lacing, and messenger near lacings, 1, 4,10, 
13, 23,30, and 32. 

Test No. 1: This test was made with both pantographs 
raised and current maintained at approximately 5200 
amperes for five min. Nine readings were taken at one- 
min. intervals, the" first five being taken while current 
was flowing and the last four after the circuit was 
interrupted. A maximum temperature rise of 67 deg. 
cent, was obtained on the contact wire near panto¬ 
graph 2, lacing 23. 

Test No. 2: This test was made with one pantograph 
located near lacing 23 with approximately 5200 amperes 
for five min. Ten readings were taken, five while 
current was flowing and five after interruption of the 
circuit. A maximum temperature rise of 101 deg. 
cent, was obtained on the contact wire near the 
pantograph. 
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TEST NO. 1 

5200 Amperes for Approximately Five Minutes, Two Pantographs. 
Maximum Temperature Rise, Deg. Cent. 



at Pantograph 

Distance from Pantograph No. 1 

location 

No. 1 

No. 2 

127.5 ft. 

150 

ft. 

195 

ft. 

217Kft. 

15 ft.* 

Feeder. 

4 

28 

27.2 

30 


27, 

.5 

27 

1.0 

Lacing. 

12 

33 

13.5 

13 

. 5 

14, 

.5 

13 


Contact wire... 

35 

67 

31.0 

28. 

.4 

29, 

.0 

21 

4.2 

Shoes. 

10 

17 









Temperature of air, 25 deg. cent. 


TEST NO. 2 

5200 Amperes for Approximately Five Minutes, One Pantograph. 
Maximum Temperature Rise, Deg. Cent. 



at Pantograph 

Distance from Pant 

l 

ograpli No. 1 

: i 

location 

No. 1 

No. 2 

127.5 ft. 

150 

ft. 

195 ft. 

217J4 ft. 

15 ft* 

Feeder. 

29 

40.5 

31 


30 


28.5 

28.0 

115 

Lacing. 

55 

18.0 

16. 

0 

15 

.6 

16.0 

14 


Contact wire... 

101 

36.0 

28 


29 

2 

30.5 

23.5 

27 

Shoes. 

53 

| 









Temperature of air, 25 deg. cent. 

♦Thermometer location on opposite side from source of power. 


These tests do not reproduce exact operating con¬ 
ditions after a train has started but might apply while 
locomotive is standing still, attempting to start a train. 
The temperatures obtained are so low and the current 
and time used in the tests so high that they clearly 
indicate that no trouble would be experienced due to 
overheating of the distributing, contact, or collecting 
equipment. 

Burn-Off Tests 

These tests were made to determine the amount of 
burning which would be obtained if a pantograph should 
start to drop while carrying heavy currents and for some 
reason was checked and held in position a few inches 
from the contact wire. These tests were made with the 
locomotive standing still. While different amounts of 
current were passing through the contact wire and 
pantograph, the pantograph was released, stopped, and 
held. Potential of 1500 volts was held on the contact 
wire throughout the tests. Twenty tests of this kind 
were made, with current reaching a maximum of 4400 
amperes, the maximum drop of the pantograph being 
17 in. and the minimum one in. In no case was the 
contact wire or pantograph seriously damaged. A 
pantograph was also dropped without checking, with 
5000 amperes, at 850 volts, without serious damage. 

Several tests were made interrupting 4000 amperes at 
1500 volts with locomotive control arranged so that if 
the pantograph should begin to drop due to low-air 
pressure, a pressure relay on the locomotive would open 
the main breaker and interrupt the circuit. With this 
system of control, there was no sparking at pantographs. 

Conclusions 

Contact System Design. Contact systems, in actual 
use, for heavy traction, vary in principle of design 
between direct suspension, with considerable weight 
concentrated at points of contact wire support, and 
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catenary suspension, with practically no change in 
contact wire weight and freedom of vertical movement 
throughout. There is a corresponding variation in 
current transfer capacity. 

I t is desirable to provide a contact member of uniform 
flexibility and, as far as possible, of uniform weight 
throughout. The necessity for flexibility and uniform¬ 
ity in weight increases as current values increase. 

It is important to avoid the use of fittings which ob¬ 
struct in any way the contact between contact wire and 
pantograph shoes. 

Contact Wire Lubrication. Experience gained by 
these tests and on lines equipped with the same or 
similar type of pantograph shows that a very thin 
film of lubricant should be maintained on under side 
of contact wire and that there is no difficulty in this 
connection provided pantograph shoes are properly 
lubricated. 

it, is interesting to note that contact resistance 
between wire and shoe is decreased when lubricant is 
used. This is probably due to elimination of chattering 
and actual glazing of contact wire and wearing strips of 
pantograph shoes. 

Contact Wire Tendon. Contact wire tension should 
be maintained at the highest value consistent with 
temperature conditions and other limiting features. 

Current Collector Design* The efficiency of this device 
is affected by the following details: 

Weight of moving parts and friction in bearings 
and joints which may interfere with its response to 
any change in contact wire height, 

Design of contact shoe, including number and 
assembly of wearing strips, lubrication, and facilities 
for lubrication, 

When two shoes are used, the degree of independence 
of movement and spring control, 

The rigidity of pantograph frame in connection with 
side sway, 

It is to be noted that a collector of standard design, 
with slight modifications to increase current carrying 
capacity, was used throughout these tests. 

Shoe Pr&rnre . The word “pressure" is intended to 
mean the pressure exerted at standard contact wire 
height with pantograph in motion or with friction 
practically eliminated. This value can he obtained by 
tying pantograph with shoe at standard contact wire 
height and reading pressure with spring balance while 
pantograph is shaken, thus approximating the condi¬ 
tion while collecting. 

It is desirable to emphasize the importance of pressure 
in connection with current collection, and, when more 
than one collector is used, the equalization of pressure. 

Shoe pressure must be adapted to the overhead con¬ 


tact system design and should bo maintained at the 
minimum value found practicable in each rase, 

Number of Collectors (Cetl ami their Spacing, These 
items determine the total upward pressure on contact 
wires and distribution of pressure, and certain com¬ 
binations may disqualify a contact, system suitable for 
use with a single collector or other combinations. 

The number of collectors used must be determined 
by their design, current, to be collected, and their 
minimum spacing, by overhead contact system design 
outside of locomotive design, and oilier considerations. 
It is desirable to make this distance a maximum. 

Speed. The speed at. which a collector is moved 
introduces the effects of wind pressure on pantograph 
frame and certain parts, such as shot* horns, the inertia 
of pantograph frame and shoes, and side whipping 
with had track surface. It also places limits on grades 
in contact wire and changes in weight and flexibility 
of contact wire. 

NJfeei of Voltage on Current t'nthclmn, Test runs 
were made with 750, Sot), and lotus volts. With all 
other conditions (he same, no difference could be 
detected in quality of current collection with the three 
voltages mentioned. 

GenemL Conservative evaluation of these tests 
and experience gained from operated lines indicate that 
2000 amperes or more can be successfully collected, at; 
any speed up to 00 or 70 mi. per hour, with one panto¬ 
graph, and 4000 amperes with two pantographs. 

These tests also demonstrate that it is practicable to 
design and construct, an overhead contact and distribu¬ 
tion system capable of delivering more than t he amount 
of current required for train propulsion, with line 
potentials used to date for trunk line electrification. 

The type of suspension, connecting messenger or 
feeder messenger and contact win* or wires, ami its 
conductivity must, bo governed by the maximum 
current to he collected. 

These tests and experience lead to the following 
approximate ratings for the types of const ruction given: 

a. Steel messenger, two 4 u copper contact wires, 
loop hangers, feed taps spared loop ftas used on 
Chicago, Milwaukee, a St. Paul Railway: 

Normal current, 1000 amperes with a maximum of 
1500. 

h. Compound catenary with auxiliary feeder, mes¬ 
senger, loop hangers, and feed taps spaced m\ ft. 

Normal current, 2000 amperes with a maximum 
of 2700. 

e. For higher current value, t he frequencies of feeder 
taps must he increased in proportion to the current 
demand. 

Diwe.iiHuiim 

For discussion of this paper see page 1 VMl 



Railway Inclined Catenary Standardized Design 

BY 0. M. JORSTAD 1 

Associate, A. 1. E. E. 


Synopsis. —A description is given of a new method of overhead 
contact design, the “ideal inclined catenary.” This is based on an 
originally discovered tension and weight relation formula. A 
proof of the formula is given and other characteristics of the design 
are mathematically analyzed. 

A number of railroads now using inclined catenary is listed and 


data on the iveights and tensions of their overhead constructions are 
given for comparison purposes with the “ideal.” 

The necessity of making a definite selection of a proper contact 
wire tension in any inclined catenary design is indicated and that 
this, together with the use of the design formula, leads to standardiza¬ 
tion of overhead systems is pointed out. 


A RAILROAD track alinement is made up of a suc¬ 
cession of tangents and curves. The overhead 
contact system in an electrification must be 
designed to follow the alinement so that the current 
collector of the car or locomotive will always make 
contact in a satisfactory manner. 

Many types of overhead contact systems have 
been designed and applied on thfe many electrified 
railroads throughout the world. On tangent sections 
they are practically all similar in one respect, i. e., their 
catenary hangers are vertical. The curve construc¬ 
tions, however, generally speaking, may be divided 
into two classes, one with hangers vertical as on tan¬ 
gent and the other with hangers inclined across the 
track. The vertical hanger type is called, by some, 
the polyhedral type and by others the chord type, as 
the catenary construction is pulled into a series of 
straight lines or chords over the track by pull-offs 
from a back-bone or pull-off posts. The inclined 
hanger type pulls the contact wire into a position over 
the curved track by inclining the hangers and thus 
causing them to function as combined pull-offs and 
hangers. Back-bones and pull-offs, except on the 
sharper curves, are usually omitted in the inclined 
catenary construction. 

Chord construction- is an adaptation of tangent 
construction to curves. Likewise, the more usual 
inclined construction has heretofore been the result of 
displacing the messenger of the correlated tangent con¬ 
struction laterally. In the United States, both types 
are in general use with inclined catenary the most com¬ 
mon on main line electrifications. In other countries, 
however, the chord type has been the most favored. 
The following is a partial list of users of inclined cate¬ 
nary in this and other countries: 

The New York, New Haven, and Hartford Railroad 
Co. 

New York, Westchester, and Boston Ry., 

Boston and Maine Railroad. 

Pennsylvania Railroad, 

Norfolk and Western Ry., 

Virginian Ry., 

Detroit, Toledo, and Ironton Railroad. 


Chicago, North Shore, and Milwaukee Railroad Co., 

Canadian National Rys., 

Lancaster, Morecambe, and Heysham Railroad in 
England, 

Midi Railroad in France. 

This list indicates that the inclined catenary is a 
practicable construction and that in every electrifica¬ 
tion of the immediate future it will in all probability 
come up. for consideration. It also strongly indicates 
that an inclined catenary of some description will be a. 
future standard overhead. 

The good qualities of the inclined construction may 
be partially summarized as follows: It is artistic and 
makes a strong appeal to the esthetic sense. It is. 
economical of material in that it employs two wire 
members to do the work of the usual three or four in 
the chord type. It has inherent automatic tension 
characteristics and above all it supplies a contact line 
that approaches most closely the ideal desired, i. e., 
uniform flexibility. The greatest obstacle in the way 
of its more general use has been the comparative com¬ 
plexity of methods of design. 

As stated above, the present forms of inclined 
catenary curve construction were developed from the 
correlated tangent construction and consequently 
acquired similar tensions and sags for similar lengths 
of spans. In the design of the tangent construction, 
there has been no fixed rule for determining the relative 
values of the various factors of design, tension, weight, 
sag, etc., of messenger and contact. The object sought 
was a maximum span with sags selected to keep the 
contact wire from being displaced by wind and leaving 
the collector. Such requirements resulted in a great 
variety of tangent catenary designs, each one depending 
on local and special conditions. The resulting related 
inclined catenary curve constructions were not entirely 
satisfactory from the designer's standpoint as there was 
difficulty in securing proper alinements but they were 
made operative and were usually a great improvement 
over previous chord constructions, particularly on multi¬ 
track sections. 

There is now available, however, the discovered 
formula, * 


1. General Engineering Dept., Westinghouse Elec. & Mfg. T n /T c — W m /W c (1) 

Company, East Pittsburgh, Pa. . . 

Presented at the Summer Convention of the A. I. E. E., Detroit, Which provides a basis for a simplified and precise 
Mich., June w-u, 1927. design of inclined catenary. In the formula, W c = 
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weight of contact wire in lb. (kg.) per linear ft., T c = 
tension of contact wire in lb., W m = weight of messen¬ 
ger wire in lb. (kg.) per linear ft., and T m = tension of 
messenger wire in lb. In this design, the contact wire 
is practically parallel to the center line of track and all 
hangers in any given curve are parallel, i. e., they make 
the same angle with the vertical. Also it must be noted 
that it is the combination of the weight and tension 
relation indicated by the formula and the approximate 
parallelism of contact, wire with center line of the 
curved track that provides what may be called an ideal 
inclined catenary. With one of the two conditions 
absent, an ideal inclined catenary is not secured. 

It should also be noted that this ideal combination 
of conditions can be secured only at some one selected 
design temperature. A change in temperature tends 
to modify both of the combination factors in a con¬ 
struction, as T c /T m does not usually stay constant 
over a range of temperature and the contact wire dis¬ 
torts either vertically or horizontally with the least. 



Fig. 1 Showing Inclined Catenary in Perspective 

change in temperature. This variation of tension with 
temperature is, however, a characteristic of all non¬ 
automatic catenary constructions. 

Also, any loss in weight of the contact wire after 
construction due to wear by collector causes a departure 
from the ideal design conditions. The loss in weight 
of contact is accompanied by a corresponding loss in 
tension and thus the formula is apparently satisfied. 
The loss in weight of contact wire, however, causes the 
tension of messenger to decrease due to its decreased 
load. This causes the messenger to rise, pulling up 
the contact wire at the middle of span with consequent 
distortion from its original position of parallelism to 
center line of track. Distortion due to loss of weight 
with wear, however, is common to all contact systems. 

A demonstration of the truth of the formula may be 
made as follows. Fig. 1 is a sketch in perspective of the 
usual inclined catenary. Here a is the contact wire, b the 
messenger, and c, c, the inclined hangers. Fig. 2 is a 
plan view of an ideal inclined catenary span with zero 
length of shortest hangers. The contact wire a is a 
parabola and the curve/, the projection of the messen¬ 


ger on the horizontal plane of contact wire, is also a 
parabola. 2 The two parabolas are tangent at their 
vertices. 

The ideal contact line or wire is defined as the wire 
under tension which lies in a horizontal plane and has 
the form of a parabola whose horizontal sag for a given 
span and curve is equal to the middle ordinate of the 
circular arc of the same span. For the usual spans and 
usual degrees of curvature there is practically no differ¬ 
ence in the tensions or positions of the wire in the form 
of a parabola or an arc of a circle 3 . 



Ai— A 2 Fig. 2 is a vertical plane through the mes¬ 
senger and contact parallel to the principal axis B x B a 
of the contact parabola. In Fig. 3 the triangle g hi is 
a projection horizontally on the vertical plane Aj — A 2 
of Fig. 2 of the inclined catenary construction. 

In Fig. 3: 

gh = horizontal sag of contact parabola, 
g i = hanger in the plane of projection, 
hi = sag of messenger. 





Fig, 3 Projection Horizontally of Ideal Inclined 
Catenary Construction on Vertical Plane A, Ao of 
Fig. 2 


Fig,. 4 is a projection similar to Fig. 3 but with the 
following additional construction: 

Q h is extended horizontally to o, 
i o is dropped vertically from i to o, 
a vertical is constructed through g, 

i in is extended horizontally from i to meet vertical 
at m, 

the diagonal i h is extended to meet vertical at k. 
In the triangle m i g of Fig. 4, i g has the slope of 
the hanger and if its length is assumed to represent the 

2. See Appendix I. 

3. See Appendix IV. 
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force on the hanger due to the dead load of contact 
wire and horizontal load caused by tension in contact 
wire then the latter two forces are represented respec¬ 
tively by the other two sides of the force triangle m g 
and m i. 

Likewise in triangle mikot Pig. 4, i k has the slope 
of the messenger and as mi represents the horizontal 
load on the messenger due to tension in contact, the 
other two sides of the triangle will represent the other 



Fig. 4—Projection of Fig. 3 With Additional Construction 

Lines 

two forces on the messenger, m k the total dead load 
acting vertically and i k the resultant load on messenger 
acting in the direction of slope of messenger. 

Therefore 

m k = W c + W m , weight of contact plus weight of 
messenger, and since m g — W c — weight of contact 

( 2 ) 

then 

g k = W„, = weight of messenger (3) 

and 

g k/m g = W n /W c (4) 

The two triangles in the Fig. 4, g h k and hoi, are 
similar since their corresponding angles are equal. 
Therefore 

g h/h o = g k/i o (5) 

But 

i o - to g, by construction (6) 

Therefore 

g h/h o — g k/m g from 5 and 6 (7) 

Also 

g h/h o = T m /T c see Appendix III (8) 

Therefore 

T m /T c = W m /Wc (axiomatic from (4), (7), and (8)) (9) 
It has thus been demonstrated that the ideal inclined 
catenary construction with zero length of shortest 
hanger is a true construction and that the relation of 
weights and tensions of members is as given in the 
formula. 

The usual inclined catenary, however, has a shortest 
hanger of some length. If the contact line of such usual 
catenary is ideals, 4 it also has parallel hangers and the 
formula will also show the relation of its weights and 
tensions. 


This can be demonstrated by considering Fig. 5. 
On Fig. 5, g h i is the g h i of Fig. 3; g s p h is another 
figure showing the projection of the more usual inclined 
catenary with shortest hanger h p of some length. 
The only difference between the ideal inclined catenary 
g hi and the usual inclined catenary illustrated is in the 
length of hangers. The other factors in the two are 
identical, weight of contact, tension of contact, weight 
of messenger, and tension of messenger. Consequently, 
the usual inclined catenary with ideal contact line and 
parallel hangers will be in agreement with the formula. 
And conversely, if weights and tension are chosen in 
accordance with the formula, an ideal inclined catenary 
results if the contact line is made ideal. 

In demonstrating the formula it has been assumed 
that the hangers were without weight. Practically, 
they will have some weight, this usually approximating 
five per cent of contact and messenger weight. This 
weight will have an effect on the actual slope and sag in 
practical construction and must be provided for. If 
the hanger weight is included by prorating it and in¬ 
cluding with contact and messenger weights, the ratio 
of weights and consequently of tensions in the formula 
is not changed so that if a basic contact tension is 
selected, the messenger tension will be fixed regardless 
of whether hanger weights are considered or not. 
Therefore, in preliminary determination or selection of 
messenger tension, hanger weights can be safely 
ignored. 

In determining slopes of hangers and slopes of messen¬ 
ger and sag of messenger, however, the weights of hang¬ 
ers must be taken into consideration. Such considera¬ 
tion, however, will not destroy the value of the formula 
in practical applications as the distortion due to the 
hanger weights in the extreme case, i. e., the case where 
the shortest hanger is assumed to have zero length, is 
practically negligible. 



Fig. 5—Projection of Fig. 3 with Projection of Inclined 
Catenary with Lengthened Hangers 

To assist in applying the formula in design work the 
nomogram in Fig. 6 is given. By its use the tensions 
for various messengers of different weights can be 
quickly and accurately determined. Likewise, the 
effect on messenger tension of changes in contact 
characteristics in the preliminary design can be readily 
determined. The index lines show that a four naught 
(106-sq. mm.) copper contact wire weighing 0.641 lb. 
per ft. (0.956 kg. per m.) tensioned to 2500 lb. (1135 kg.) 


4. See previous definition. 
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requires that a messenger weighing 2.37 lb. per ft. 
(3.54 kg. per in.) have a tension of 9240 lb. (4200 kg.) 
in order to satisfy the design conditions for ideal 
inclined catenary. 

On the assumption that tangent construction con¬ 
ditions are also satisfied by the indicated curve messen¬ 
ger tension— i.e., that a practical span and sag results— 
the next step in the order of design is to find the length 
of hangers in the tangent span selected. Fig. 7 is a 
diagram method based on the formula and the supple- 
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is T c /R, where R is the radius in feet of the curve.® 
The length of the inclined hanger is found by projecting 
horizontally from the corresponding tangent hanger 
length to the proper slope line. The* tingle with the 
vertical is found with a protractor. A tabulation of 
corresponding hanger un’d angles is shown in Table I, 
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Both length and angle values in Fig. 7 can be readily 
checked if desired by the use of appropriate formulas. 

The formula for determining the length of tangent 
hangers is based on commonly known characteristics 
of the parabola: 

h *• V i (4 ir) 110) 

where 

h ™ hanger length, 

v, ■ ■ length of shortest, hanger at lowest point of sag, 
x - horizontal distance of hanger from lowest point 
of sag, 

s sag of the half-span considered, 

Lj 2 « length of the half-spun eonsideml. 


mentary truth that for every tangent hanger, a corre¬ 
sponding inclined hanger for each degree of curve can 
be selected. 

The basic formula (9) is independent of span length 
or degree of curvature. Furthermore, the quantities 
in the formula are kept constant in all spans and curves 
in the usual practical alinement. Hence, any tangent 
spun length may be selected as a basis for a group of 
curves of same span length. With the hangers of the 
basic tangent span selected, the corresponding hangers 
of any of the related curve spans can be found by simple 
mathematical operations. The operations are per¬ 
formed graphically in Fig. 7. 

Fig. 7 is constructed by laying off the tangent half- 
span with the customary assumption that it is a para¬ 
bola and that the contact line is horizontal. The 
tangent, hangers of the half-span are drawn in to scale 
at desired hanger positions with the contact line shown 
the proper distance below the messenger. The slope 
lines of the inclined hangers for the various degrees of 
curvature are determined by laying off W t , h the unit 
weight of contact with prorated hanger weight verti¬ 
cally and the radial load 8 per unit of contact hori¬ 
zontally and drawing in the straight lines through zero 
and such points. The radial load per foot of contact 

5. Hws Appendix IV, 



Jhe corresponding inclined hanger length is deter¬ 
mined by multiplying the tangent hanger length by 
multiplier as found in the following formula* 

cvy-v/e* ~f w r r) H w\ h ud 

The angle of hanger with vertical is 

Tan » Tjlt W th t!2) 

The practically standard method of designating 

d. Soo "Kotos on ('uiHmrv < ruction" Uv Htdnm Witliing- 
ton, Franklin Inutilutv Journal, Dot*., JUH, j», Van. 
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hangers is to give their angle of inclination from the 
vertical and their length from center line of messenger 
to center line of contact. Also, the practically standard 
term for designating the horizontal distance between 
center lines of contact and messenger is “the 
displacement.” 

The length of the shortest hanger is usually taken as 
6 [in. This length selection, however, depends on 
various conditions and the hanger may be made shorter 
or longer as circumstances may require. In Fig. 7 the 
shortest hanger is 9 in. 

With the design following the formula, it can be 
demonstrated that the inclination of the suspension 
string is the same as that of the hangers in all cases, 
i. e., with any length of shortest hanger. 

The basic formula can be put into the form 

T c /W ck = {T m + T c )/(W mh + Wa), a continued 
proportion (13) 

Therefore 

TJWch R = (T m + T c )/(W mh + Wch ) R, multiplying 
both sides of (13) by 1/R (14) 

The formula for angle which the hanger makes with 
the vertical is previously given as 

tan- 1 T c /W ch R (12) 

The angle with vertical made by the suspension 
string is 

tan -1 (T m + T c )/(W m h + W C h) R (15) 

This is so since the suspension string takes a position 
in the direction of the resultant of the two forces acting 
on it, the vertical force due to dead load of span 
( W mh + W ch ) L and the horizontal force (T m + T c ) L/R. 
And hence the tangent of the vertical angle is 
( (T m + T c ) L/R)/(Wmh + W ch ) L • (16) 
which upon simplification becomes 

{T m + T c )/(W mh + W eh )R (17) 

Therefore the two angles are equal since their tan¬ 
gents are equal. (From (12), (17), and (14).) 

Consequently, the total displacement of the insulator 
support from center line of contact wire may be found 
by considering the suspension string as an extension of 
the theoretically longest hanger at the point of support; 
see Fig. 7. This is true only of the ideal inclined 
catenary. 

With a theoretical “zero” length of shortest hanger, 
the displacement d of the messenger for a given 
contact and messenger and a given curve and span is a 
constant quantity and does not change with variation 
in the design contact tension and messenger tension. 
Let 

d = the displacement. 

W c h — unit weight of contact with hanger weight 
prorated 

W mh = unit weight of messenger with hanger weight 
prorated 

Since W ch and W mh are assumed constant, 

Wch/Wmh is a constant (18) 


Since the design formula W ch /W mh = T c /T m is as¬ 
sumed to be followed, then 

T c /T m is also a constant • (19) 

Likewise the various forms of the formula obtained 
by composition are constants. 

(W mh + W ch )/W ch (20) 

and 

(T m + T r )/T c (21) 

are constants. With zero length of shortest hanger the 
length of longest hanger at support in tangent spans 
is the same as the vertical sag, i. e., 

S - (Wch + W mh ) Ly 8 T c (22) 

The angle which the inclined hanger at support makes 
with the vertical will depend on the tension in the con¬ 
tact wire. The tangent of this angle is, 

8 T c d/{W ch + W mh ) L 2 (displacement d over sag (22)) 

(23) 

It is a variable. 

Another expression for the value of tangent of hanger . 
angle is 

(T m + T c )/R (W cft + W m j/) (24) 



Fig. 8—Diagram for Tangent Hanger Length Formula 


which gives the slope of the supporting insulator string. 
As the two angles are equal, their tangents are equal. 

8 T e d/(W ch + W mh ) L? = {Tm + T e )/R (W c k + W mk ) 

(25) 

and 

8 T c R d = {T m + T c ) L 2 , simplifying (25) (26) 

and 

d=LySRX{T m + T c )/T c (27) 

L 2 /8 R = middle ordinate of curve for span of length 
L and radius R and is a constant for a given curve 
and span 7 ’ (28) 

Since {T m + T c ) /T c is also a constant as per pre¬ 
ceding (21), then d is a constant as it is the product 
of two constants. If the shortest hanger is given some 
length, however, the displacement does not remain 
constant. Another disturbing factor in the total 
displacement is also introduced by the use of a sus¬ 
pension string of insulators for supporting the catenary. 

Probably the most complicated part of the design 
of an inclined catenary is that covering the transition 

7. See Allen, R. R., “Curves and Earthwork,” 1903 edition, 
p. 42. 
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from the tangent to the body of the curve. This section 
of the overhead is somewhat similar to a spiraled section 
of the running track. With an inclined catenary 
designed according to formula, transition design is 
greatly simplified as the selection of hangers of suitably 
varying angle and length becomes a relatively simple 
process by means of the diagram of Fig. 7. 

Usually a simple design is economical and results in 
lowest cost for the duty performed. It is not proposed 
to demonstrate with mathematical exactness that the 
formula design of inclined catenary results in lowest 
over-all construction costs. The following analysis 
would indicate, however, that this is practically true. 

Assuming equally good design of supporting struc¬ 
tures, the combination of minimum loads consistent 
with minimum dimensions of catenary structure, both 
vertical and horizontal, should result in minimum sup¬ 
porting structures. If a messenger tension greater 
than that demanded by formula is selected by the 
designer, there will of course be a greater side load on 
the structures than if the formula were followed, since 
the side load varies directly as total wire tension. The 
dimensions may be reduced vertically somewhat but 
probably will not be reduced horizontally because of the 
distortion of the contact wire from the position parallel 
to center line of track. 

If a messenger tension less than that of formula is 
selected in order to diminish the side load, the vertical 
and horizontal dimensions of catenary and of support¬ 
ing structure will be increased as the sag is increased 
and although there may be a smaller effective side load, 
overcoming the distortion of the contact and messenger 
will require additional pull-offs and other changes 
such as auxiliary back-bones or more frequent supports 
with the probable net result of increased cost. 

One of the greatest economic advantages of designing 
according to the formula is the resultant easy erection 
of the wires. All parts fit together naturally and there 
are minimum secondary stresses. The construction 
can be handled like a truss with members designed and 
connected properly, as compared to a truss in which 
members are not of proper length and in which the loads 
are carried eccentrically by the members. Cables are 
of course much more flexible than truss members and 
hence can be more easily pulled into connection with 
other members but nevertheless secondary stresses and 
distortion result with inexact design and must be pro¬ 
vided for in the original design or as later experience 
dictates. With the inclined designed as per formula, 
the parts fit and come together easily so that the time 
and labor of erection and later maintenance become a 
minimum. 

Design based on the formula also makes variations of 
the simple inclined catenary relatively easy. Double 
catenary, either with double contact or messenger or 
both, and staggered catenary on curve and tangent are 
examples of such variations. Furthermore, as is often 
desirable, if a stretch of chord construction is required, 


it can be readily introduced without complications 
between sections of inclined catenary. 

The formula would appear to handicap design in that 
it selects but one messenger tension value and thus 
fixes the dimensions of the catenary on tangent as well 
as on curve after the other three factors, contact 
weight, contact tension, and messenger weight, are 
settled upon. There should be no objection to the 
limitations imposed if a reasonable construction results. 
If the resulting construction is not considered reason- 
ble, it is still possible to change the other factors of 
design such as contact material and tension as well as 
messenger material and resulting tension in order to 
better satisfy tangent conditions. 

The result of following this method of.design will 
be the eventual selection of several contact weight and 
tension conditions as standards so that for similar 
service on comparable lines there will be available a 
suitable standard. Such a condition should enable 
sound comparisons to be readily made of operating 
conditions on such lines. 

Assuming that a contact wire of a given weight and 
tension relation is installed as tentative standard prac¬ 
tise, the inclined catenary construction has an inherent 
tendency to maintain this relation of weight and tension 
constant for a given temperature over a period of years, 
as the operating slope of hangers and position of contact 
wire over track depend on such relation being kept 
constant. The tension of the contact wire is a much 
more important design factor in any inclined catenary 
than in chord construction. It is in fact the basic or 
starting factor. In the chord type of construction the 
tension of the contact wire may vary over a wide range 
and not produce any noticeable effect on the shape of 
the construction. Two lines or sections of chord con¬ 
struction may appear exactly alike and yet have very 
different contact tensions and hence different collecting 
characteristics. This is not so of inclined catenary 
constructions. If they are otherwise alike, their contact 
tensions are also alike and consequently their collecting 
characteristics will be alike and they will stay alike with 
similar temperatures. True operating comparisons 
can then be made of such overheads under the same 
or differing services with the gradual result of con¬ 
tinually improving the standards. The economic 
result of such a condition should be very satisfactory. 
It would only be a matter of time before the most 
economically designed and operated line or lines for 
certain conditions would be found. 

It is interesting and valuable to use the formula 
as a check on already existing and operating inclined 
catenaries. Investigation shows that practically all 
lines heretofore installed depart more or less from this 
criterion, some more than fifty per cent. This might 
indicate, one of two conditions. Either the formula 
application is not practically necessary and inclined 
catenary is very adaptable or present inclined catenary 
construction designs are subject to refinement. 
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Data showing the departure from the formula on 
certain important lines already installed are as follows: 

Canadian National Railways. From data which 
a-ppeared in the Railway Age, May 2, 1925, in article, 
“New Catenary Construction on the Canadian 
^National,” and elsewhere, the following values were 
secured: 

W m = 0.745 lb., 

W e = 0.641 lb., 

T c = 2400 lb., 

T m = 3600 lb. 

T m as per formula should be 2790 lb. Hence, tension 
used is 30 per cent higher. 

Pennsylvania Railroad. Philadelphia to Paoli Elec¬ 
trification, From data in The Electric Journal , Febru¬ 
ary, 1916: 

W m = 0.510 lb., 

W c - = 0.509 + 0.320 = 0.829 lb., 

T c = 3000 + 1000 = 4000 lb., 

T m = 3500 lb.. 

T m , according to formula, should be 2470 lb:' Hence, 
tension used is 42 per cent higher. 

New York, Westchester, and Boston Railway. Data in 
Sidney Withington’s article, Journal of Franklin Insti¬ 
tute , Dec., 1914, are as follows: 

W„, = 0.810 lb., 

PF C = 0.641 + 0.558 = 1.199 lb., 

T m = 4900 lb, 

T c = 3500 lb. 

T m , according to formula, is 2370 lb. Hence, tension 
used is 107 per cent higher. 

N. Y., N. H., & H. R. R. Danbury Branch. From 
page 313 of Electric Railway Journal for August 29, 
1925: 

W m = 0.668 lb, 

W c = 0.641 + 0.641 = 1.282 lb, 

T c = 1600 + 1815 = 3415 lb, 

T m = 3900 lb. 

T m , according to formula, should be 1785 lb. Hence, 
tension used is 118 per cent higher. 

Midi Railway of France. From data on page 175 of 
JDe Genie Civil, August 25, 1923, the following informa¬ 
tion is obtained: 

W m = 0.65 kg, 

W c = 0.89 + 0.89 = 1.78 kg, 

, T c — 700 kg. + 700 kg. = 1400 kg, 

T m = 1350 kg. 

According to formula, T m should be 510 kg. Hence, 
tension used is approximately 164 per cent higher. 

A number of lines has been designed in accordance 
with the formula and several have been constructed and 
are in process of construction. Model, spans have also 
been built. The results indicate that the formula is 
a very satisfactory and practical guide. The usual 


inclined catenary is a practical though somewhat 
empirical design. The design based on the discovered 
formula is proposed as an improvement as it is both 
practical and scientific. 

The formula gives an exact statement of the relations 
of the various design factors involved. It is just as 
true as the equation of the parabola and to question a 
design based on it is comparable to questioning the use 
of the parabola formula in the design of the usual 
catenary. 

The simplicity of the discovered formula indicates 
that the ideal inclined .catenary construction with its 
two parabolas and connecting parallel hangers is a 
special shape which is closely allied to other geometrical 
shapes, the cone, the cylinder, and the sphere. And 
just as'these are inherently best suited for certain 
mechanical purposes, the ideal inclined catenary shape 


Fig. 9—Sketch Used in Proof that Trace of Elementary 
Hangjurs is a Parabola 

is especially adapted for railway overhead construction 
on curves. It fits the track alinement perfectly. 

Appendix 1 

Demonstration of proof that curve U V is a parabola. 
RV = parabola of contact wire, by construction and 
definition, 

ab, a x b x = parallel elementary hangers supporting 
contact wire, 

W V = intersection of horizontal plane of contact 
wire with inclined plane of messenger slope, 

U V = curve formed by elementary hangers a b, 
aib u etc, piercing plane of messenger slope at points 
b, b i, etc. 

To prove curve U V is a parabola: 

Pass vertical planes through elementary hangers 
a b, and a x b i parallel to principal axis of parabola. 

Triangles a b c and a x b x c x are formed by the inter¬ 
sections of such parallel planes with horizontal plane of 
contact wire and inclined plane of messenger slope. 
Triangles a b c and a x bxCi are similar since their 


corresponding sides are parallel (29) 

a b is parallel to a x b 1} by construction (30) 

b c is parallel to bic 1} intersections of two parallel 
planes by a third plane (31) 

.a c parallel to a, c h same reason as (31) (32) 

a c/a l c x = bc/b l c l (33) 

but 

a c/a x c x = P/x A ordinate of parabola R V (34) 
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Therefore, 

b c/bx ci = z-/:<;/, axiomatic (33) and (34) (35) 

Therefore curve U V is a parabola, since it has the 
properties of a parabola. 

Therefore, the curve which the' assumed, elements 
trace in their intersection of the inclined plane of 
messenger slope is a parabola. 

Likewise, the projection of the messenger on the 
horizontal plane of the contact wire is demonstrated to 
be a parabola. 


Appendix IV 

Proof that the radial load caused by a contact wire 
of a given tension and circular curve is practically the 
equivalent of the uniform horizontal load of a parabola 
with same tension at the middle of span and with sag 
equal to middle ordinate of arc of circular curve. 

T R = P = unit radial curve load 8 (49) 

mo = middle ordinate 9 = LV8 R (28) 

The sag S = mo by assumption (50) 

T = wL-/ 8 mo = parabolic catenary formula 


Appendix II 

Proof that U V represents the true position of the 
inclined messenger. 

Assume a 6 is the position of longest hanger of some 
given span and that b is the point of attachment of 
hanger to messenger. The messenger with the calcu¬ 
lated resultant load can be so tensioned as to pass 
through b and V and it will take the shape of a parabola. 

Only one parabola can be constructed with vertex at 
V and passing through- b. Hence, the messenger will 
take the shape of the parabola U V.. Hence, the 
elementary hangers will intersect the plane in the 
parabola U V formed by messenger and therefore the 
assumed construction is demonstrated to be a true 
construction. 


Appendix III 

Proof that tensions of contact and messenger vary 
inversely as their horizontal sags. 

In Fig. 10, 

cib = length representing the sag of the inclined 
messenger in feet ( 36 ) 

ac = length representing the horizontal sag of pro¬ 
jection of messenger on horizontal plane in feet (37) 
e a — length representing resultant load on messenger 
in pounds ( 38 ) 

de = length representing dead load on messenger in 
pounds _ (39) 

d a = length representing horizontal load on messen¬ 
ger and also on contact wire in pounds (40) 

f a = length representing middle ordinate or horizontal 
sag of the contact parabola in feet ( 41 ) 

T m = (e a ) L 2 / 8 (a b) parabola formula (42) 

T c = (d a) L 2 / 8 (f a) parabola formula (43) 

T m /T c — (e a) (f a)/{a b) (d a), dividing (42) by (43) 

„ • (44) 

(da)/{e a) = ( ac)/(ab ), similar triangles (45) 

and 

(d a)/(a c) = (e a)/(a b), from (45) (46) 

Therefore 

T m /T c = (d a)/(a c ) X (/ a)/(d a), substituting in ( 44 ) 

(47) 

Therefore 


T m /T 0 = (fa)/(a c), simplifying (47) ( 48 ) 

Therefore the tensions are in inverse proportion to the 
horizontal sags. 


where w = unit load on horizontal parabolic catenary. 


Prove P = w (52) 

R - L 2 / 8 m o, from (28) (53) 

8 T rn, o/L 2 = P, substituting (53) in (49) (54) 

and 

8 T m o/L 2 = w, from (51) (55) 
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Fig. 10—Sketch Showing Projection of Ideal Inclined 
. Catenary With Forces Acting On It 

. Therefore 

P = w axiomatic, from (54) and (55) (56) 

Table of Letters or Symbols 
W e = weight of contact wire in pounds per linear foot, 
T c — tension of contact wire in pounds, 

W m = weight of messenger wire in pounds per linear 
foot, 

T m = tension of messenger wire in pounds, 
a — contact wire in Fig. 1, 
b = messenger wire in Fig. 1, 
c = inclined hangers in Fig. 1, 
d = displacement of messenger, 

/ = projection of messenger on horizontal plane, 

Pig. 2, 

W ch = unit weight of contact wire with prorated 
hanger weight in pounds per linear foot, 

R = radius of curvature in feet, 

h = hanger length, 

e = length of shortest hanger at lowest point of sag, 
x = horizontal distance of hanger from lowest point 
of sag, 

8. Withington, Franklin Institute Journal, Dec., 1914, p. 720. 

9. Close approximate formula, Allen, “Railroad Curves and 
Earthwork,” 1903 edition, p. 42. 
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s = sag of half-span considered, • 

L = length of span, 

W m h — unit weight of messenger wire with prorated 
hanger weight in pounds per linear foot. 


Discussion 

PAPERS ON OVERHEAD CONTACT SYSTEMS 

(Viele, Brown, Thorp, Wade and Linebaugh, and Jorstad) 
Detroit, Mich., June 24, 1927 

H. lu Brown: Mr. Viele’s paper emphasizes many points 
which are in line with similar experience on the New Haven 
system such as 

I. The advantage of the auxiliary wire above the working 
conductor. 

2. The necessity for proper steadying devices for the trolley, 
on both tangent and curve construction, especially against 
transverse wind loads. 

3. The avoidance of long spans in exposed locations. 

4. The advantage of locating sectionalizing and splicing 
devices at or near the supports. 

5. The avoidance of hanger members which do not make a 
positive contact with both the messenger and the contact. 

6. The importance of correlating the pantograph design with 
that of the overhead contact system, and the possibility and 
desirability of further refinement in the pantograph design. 

In connection with the tests described, it would be of interest 
to know what effect the tensions of the auxiliary and the contact 
have on the amplitude of movement at the support point. Lower 
tensions, especially of the auxiliary, might offer an improvement. 
It would also be of interest to know the effect of the contact-wire 
.tension on the speed at which the oscillations travel along the 
wire; also a comparison of the effect of the very light rods now 
being used on the newer installations, as compared with the 
columnar effects of the older, heavier types. 

M. W. Manz: The amount of rise of the pantograph wire 
in any catenary span would he in proportion to the unloading or 
in proportion to the pantograph pressure. That can be laid out 
rather accurately with the force polygon, and if one follows the 
movement of the pantograph through a number of locations one 
gets an unloading diagram similar to the curve Mr. Viele has 
presented. 

There is a rather peculiar thing about that type of diagram; 
the movement of the system is the largest at the center of the 
span. Has any thought been given to the possibility of increas¬ 
ing the weight of the system at the center of the span as opposed 
to increasing it near the supports which now happens due to 
the longer hangers? In other words, if you take the diagram and 
unload it at various points, you will find that an unloading at the 
support has much less effect on the system than at the center of 
the span. Has any consideration been given to the possibility 
of some correction, perhaps, for the unloading at the center as 
opposed to more unloading at the supports? 

In connection with the long wave motion, which you have 
with a number of pantographs in a span, with a number of spans 
there is a rather interesting combination. Has any observation 
been made as to the extent of movement of the suspension 
insulator? When you unload a span, you reduce the tension. 
VVhen you do that, the insulator will swing, giving an effect of 
balancing the tension back through the system. There might 
be another interesting point to consider for future investigations; 
can the loadings of the messenger be decreased as you approach 
the supports in such a way that the lift of the system is uniform? 

G. I. Wright: We on the Illinois Central are considering 
the application of roller bearings to our pantographs—something 
that has not been done generally in this country, hut I believe 
has been done abroad. 

In both Mr. Viele’s and Mr. Brown’s papers, they mentioned 
a provision that they thought necessary to make for flashover of 
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insulators—burning the construction and so on. I might say 
that due to the system we use and the design of it, we have had 
no flashover of insulators and practically no burning of wires. 
The only burning of vires we have had, except that caused by 
a direct stroke of lightning, has been the burning of the contact 
wire where the pantograph ran from, a live section to a dead 
section on which there were a large number of trains standing. 
In leaving the gap, this caused an arc which was maintained, 
and burned the wires. 

I might state that in order to prevent this burning we are 
installing dead-section signals which will stop a train from pass¬ 
ing from a live to a dead section. 

The fine results due to the elimination of burning and arcing 
are also largely due to the high-speed breaker protection we have 
on all feeders energizing the catenary. 

In Mr. Jorstad’s article, I thought possibly he gave a wrong 
picture of the popularity of the inclined catenary. I believe that 
both types have their use and their field, and that certainly the 
chord construction is better for a great many installations, 
particularly where there are few curves and considerable copper 
is required. 

Mr. Jorstad listed eleven railroads which use inclined catenary, 
and stated that this indicated that this would be a future 
standard overhead. There are very many important railroads 
which use the chord construction. 

Mr. Jorstad also said that in using inclined catenary only two 
wires were necessary whereas with chord construction three or 
four are used. I believe that is limited to short-span lifting- 
hanger construction, while two wires would not be feasible for 
long-span construction generally used for heavy electrifications. 

Apparently, Mr. Jorstad’s method of design greatly simplifies 
something that in the past has generally been considered very 
complicated, and such a simplification should be welcomed by all. 

Norman Litchfield: As consulting engineers for a number 
of railroads, we have been closely connected with the develop¬ 
ment of the modern catenary, and a short review may therefore 
be of interest. 

The first major installation of high-voltage catenary was on 
the N. Y., N. H. & H. R. R., in 1906, between Woodlawn, N. Y. 
and Stamford, Conn., the main line construction using two 
messengers with diagonal hangers forming a B with the trolley. 

On the electrification of the Elkhorn grade of the 
N. & W. R. R., in 1912 we employed a single catenary for both 
main line and yards, the necessary stability of the trolley wire 
being obtained by a cross-span wire installed only at points 
exposed to winds. The catenary was supported by suspension 
insulators hung below the body strand, thus eliminating insu¬ 
lation in the latter between tracks. The same construction was 
used by us on the Paoli electrification of the P. R. R. and has 
since become practically a standard. 

The original New Haven construction used a square, latticed 
column, bolted to a concrete foundation. To provide a lighter 
■ appearing structure, and to reduce first cost and maintenance, 
the N. & W. R. R. and the P. R. R. adopted tubular poles set 
in cored holes in concrete foundations, the poles being guyed to 
concrete anchors at points of curve pull. 

On a further extension of the N. & W. R. R., rolled-steel H- 
columns were used for the first time, with structural bases bolted 
to the foundations. 

For the Virginian Railway electrification in 1923, we used H- 
columns with a pre-cast concrete base, cast on the pole at a 
central manufacturing yard. These were set in holes sheathed 
with a section of corrugated steel culvert pipe, then wedged in 
place, and backfilled. 

During the past year we have been engaged in the electrifica¬ 
tion of the Bay Ridge freight line owned by the New York Con¬ 
necting and the Long Island Railroads, and have used plain 
H-columns set in culvert pipe, then wedged in place and the 
pipe filled with concrete. 
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To obtain a very light appearance and a clear view of signals, 
on the Paoli electrification, a cross catenary was used for the sup¬ 
port of the messenger and trolley, this being its first general 
application to main-line work, although it had .been used pre¬ 
viously in the East Port Chester yard of the N. Y., N. PI & 
H. R. R. 

Prior to the Virginian electrification, we had utilized galvanized 
steel wire and galvanized eastings for the support of the messen¬ 
ger and trolley wire. On the Virginian, non-corrosive materials 
were used for the messenger and the trolley hangers (the two 
live elements above the trolley). For the Bay Ridge electri¬ 
fication, a further advance was made by the employment of 
non-corrosive hangers and wires throughout, including the cross- 
catenary. 

Electrification is now under way of the P. R. R. Company’s 
suburban service between Philadelphia and Wilmington which 
uses all non-corrosive materials. It is on a portion of this line 
that the interesting type of steady which is described in Mr. 
Viele’s paper will be used. 

At the time we undertook the Elkhorn grade electrification, 
we found the mathematics of the catenary system in an unde¬ 
veloped state, the practise being to calculate the hangers only 
for those spans which followed around a uniform track curve, 
it being left to the construction forces to cut and fit the irregular 
spans at transitions, etc. On this line it became imperative to 
find some method of calculating the irregular spans also, and an 
original theorem was therefore developed by our engineers. 
This has since become generally used, and is described in Mr. 
Brown’s paper. It should be remembered that while discussion 
of the mathematics is of value, nevertheless catenary design is 
largely empirical, requiring judgment and experience to produce 
an economical and smooth-running line. 

H. S. Richmond: In abolishing the trolley pull-offs on 
high-grade and high-speed systems, by experience it was found 
necessary to meet the condition which demands that the trolley 
curve of one span shall be tangent to that of the adjacent span 
opposite the point of support' The trolley curve is not a true 
circle, but if the above condition is met, it forms a continuous 
and graceful curve, lying in a horizontal plane at the temperature 
for which the computations were made. We have deduced 
formulas by which spans are thus matched together or 
"balanced” both on regular curvature and on transitions. 

The formula by which spans are “balanced” on a regular curve 

is 

— DS 


100008725 


U = 






and the maximum deviation A of the form of the trolley curve 
from the true circle is given by the formula: 


A- SD I — 
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Here 

S — the span in feet. 

T - the combined trolley and auxiliary tension. 

M = the messenger tension. 

D - the track curvature in degrees. 

U = the horizontal offset between messenger and trolley. 

4> = the ordinate of the fundamental trolley curve referred to 
the system axis. 

and 


d 4>/d x is the derivative of <f> with respect to axial dimension, 
the particular values of the curve and its derivative at the point 
of support being used. 

The deviation A, we have found to be a very small quantity and 
not of significance as regards conformity of trolley to pantograph 
center. In this we take exception to Mr. Brown’s citation of this 
point as being an important limitation in the use of the inclined 


system. On the contrary, we find that the real limitations of 
this system for moderate curvatures lies in the length of the 
horizontal offset between contact wire and messenger at points 
of support and the temperature valuation in vert’cal and lateral 
position of the contact wire. 

J. C. Damon: Mr. Jorstad noted that in systems investi¬ 
gated, the tension used for the primary messenger of the catenary 
construction was considerably higher than his formula would 
give. 

In the recent past, the tendency for catenary construction 
seems to have been to use very high-strength material for the 
messenger and to keep the sag as low as possible. Under these 
conditions, the stretch of the cable furnishes a large proportion 
of the excess length of the catenary curve over the straight-line 
distance between supports, and with a given uplift from the 
pantograph, the tendency for the catenary system to rise is 
consequently very great. 

When the tension in the messenger per-pound-weight of the 
catenary system is reduced, the sag must be increased; but, in 
turn, there is less tendency for the catenary system to rise because 
of the pantograph uplift. 

With the lower tension in the messenger cable, there is a greater 
variation of the height of contact wire due to temperature varia¬ 
tion, but less variation due to the uplift of the pantograph. 

Recently, there has been a tendency to put feeder capacity 
into the messenger, which generally increases the weight of the 
messenger and, in consequence, due to the pantograph, reduces 
the upward movement of the contact wire. By using a moderate 
tension and putting the necessary feeder capacity into the 
messenger, some systems get no appreciable wave traveling 
ahead of the pantograph. The Chicago, North Shore, & Mil¬ 
waukee Railroad, which uses the heavy type of construction with 
feeder capacity in the messenger, is, of course, a low-voltage' 
railroad and quite different from the Pennsylvania main line; 
but it has an entirely non-rust construction of very heavy mes¬ 
senger, which has given satisfaction at fairly high speeds. The 
Illinois Central Railroad is another system in which the feeder 
capacity has been put in the messenger and has operated in a 
very satisfactory manner. 

Mr. Yiele contradicted the statement in my verbal discussion 
and stated that the heavier messengers with lower-tension per 
pound did not reduce the wave which went ahead of the panto¬ 
graph. We are not, however, as far apart as our necessarily 
brief statements in the very limited discussion permitted would 
make it appear. 

If there were absolutely unrestricted longitudinal motion of the 
messenger, Mr. Viele’s statement would be correct and my 
statement "would be wrong. On the other hand, if no longitu¬ 
dinal motion of the messenger from one span to another were 
possible, Mir. Viele s statement would be wholly wrong and mine, 
correct. 

In actual practise, Mr. Viele has developed an extremely 
flexible catenary support system which approaches somewhat, 
although not entirely, the conditions of his assumption. On the 
other hand, most of the existing catenary systems, and, I venture 
to predict, a great many of the future catenary systems, will 
have bridges "with saddle insulators, or short strings of suspension 
insulators, and conditions will be more nearly those of a com¬ 
pletely restricted than of an entirely unrestricted longitudinal 
motion in which case my statements, which were relative 
only, will be correct. 

A. G. Oehler: My question is essentially an elaboration of 
what has already been introduced by Mr. Manz. I should 
like to know how. much the loop hanger does offset the increased 
rigidity at the points of support? Plow much is this variation in 
rigidity corrected by the use of a heavy contact wire, and is it 
or is it not desirable to use a flexible hanger to minimize this 
difficulty? Finally, is it necessary to worry about it? 

K. T. Healy: It seems unfortunate that no place has been 
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i n these papers to study the overhead distribution system 
53 • The future extension of electrification depends largely 
r ' the abilities of the engineers and manufacturers to reduce 
initial costs of the improvement, other things remaining 
^ N. And a considerable part of this reduction must come in 
of "distribution system, as this makes up from 25 to 35 per cent 
tRa total C0St ° f tlie elee thfieation. Therefore, it is essential 
ag ^ the design of the overhead distribution system should, 
t - means of lowering costs, look not only to satisfactory opera- 
:cx but also to economical utilization of material and labor of 
Co:CL st ru etion. 


st a general rule , economi es of design are effected by a close 
'j Xc ly 0 f the conditions and requirements at hand and an ample 
, 0 'Nanee for them, at the same time confining the design to 
on iy. The main conditions affecting overhead design are: 
rst > amount of conductivity to be provided; second, speed and 
^^diod of collection of the current; and third, climatic conditions. 

G^Re requirements of conductivity immediately make a line of 
e Qa.a,rcation between high- and low-voltage systems, systems in 
level country and in mountainous country, and multiple-track 
axic * single-track systems. With the high-voltage systems, under 
a Al Hut mountainous conditions, ample conductivity can be 
seexited in two conductors, so that there is no reason, so far as 
conductivity is concerned, for going into design with more 
conductors. With the low-voltage systems, more conductors 
aro necessary -with the consequent heavier loadings on supporting 
structures and greater amounts of steel necessary in the 
stmctures. 


The second condition affecting overhead design—namely, speed 
of collection,—imposes on main-line, high-speed tracks, require¬ 
ments decidedly different from those on yard and siding tracks. To 
a large degree collection is a function of the ability of the collector 
to keep in physical contact with the overhead in spite of varia¬ 
tion in height of the overhead or varying hardness of the over¬ 
head. The ability to follow variations in height is dependent 
upon the velocity and lineal rate of variation in the height of the 
overhead with a given effective inertia of the collector. In yard 
op eration the speeds are low and the currents low, so that greater 
linea-l rates of variation in height are allowable and consistent 
wit/h. good collection and the overhead distribution does not 
necessarily have to be of the full catenary type. In Europe, 
notable strides have been made in decreasing the cost of yard 
electrification by taking advantage of this fact. The Swiss 
lave their Renens yard arranged with a modified direct suspen¬ 
sion. Nth 116-ft. and 165-ft. spans. This has given very satis¬ 
factory operating results. 

'The Paris and Orleans Railroad, on its 1500-volt electrification, 
has followed the same trend and has wired its yards in the Paris 
area Nth a direct suspended system with cross-span supports. 
TlxirSi many economies are possible by designing yard distribu¬ 
tion systems, not for mainline track requirements, but for yard 
re qxiirements of low-speed and less exacting requirements of 
urL if ormity in contact wire. 


rj^jje second condition also has to do with the method of col¬ 
lect td° n ‘ Here again it may be well to emphasize Mr. Viele’s 
retti gtrks to the effect that coordinated effort in the design of both 
rrtograph and overhead is necessary for satisfactory operation 
that this coordination may be carried even further to affect 
^ olJ omi e s in cost. Certainly one of the most important factors 
. ability of a collector to work well is the inertia of its moving 

.^g. Here, European pantograph design has taken a different 
P x j-s e from ours on high-voltage systems by introducing a 
c oT jdary bow for the shoe, swinging about its own central axis 
se ^ held in position by small springs. This has reduced the 
0 -fcive inertia of the collector many times, because this small 
etz weighing only a few pounds, is all that has to move to 


b o-v^ 


foil 0 


rtf the small irregularities of the trolley height. It then 


much lower pressures to keep continuous contact on the 
^00 Nre with consequent reduced wear on both wire and shoe. 


re<H 


At the same time, the pantograph itself is made much lighter, 
using wire guys instead of pipe for side bracing and snugger 
joints with less friction at the points of support and other axes. 
This requires less pressure to operate and makes a smaller area 
for wind and ice loads to affect. The effects of hard spots in the 
contact system are of course greathv diminished because of the 
much lighter weight behind the impact of the shoe on the hard 
spot. Experience shows that a single shoe will collect .180 amperes 
perfectly at 55 mi. per hr. and 250 amperes at 27 mi. per hour, 
and that the shoes will run from 5600 mi. in Switzerland to 
15,000 mi. in Germany. The usual practise is to run with two 
pantographs up, which nearly doubles the life of the shoes. The 
greasing of the shoes seems to be a mooted question; the Swiss, 
for instance, are in favor of it aud the Germans are not. 

Mention has been made of the need of coordinated effort 
in pantograph and catenary design, hut the importance of this 
in relation to reducing both initial and operating costs cannot be 
stressed enough. With the low currents of normal high-voltage 
overhead distribution and the resulting possibilities of reducing 
shoe pressure, the possible simplification in catenary design is 
considerable. 

In all the high-voltage European electrifications, this coordina¬ 
tion has resulted in a great saving. Pantograph pressures have 
been kept down to 79 lb., using aluminum shoes with negligible 
wear on contact wires. As a consequenco they have been able 
to use a much lighter and simpler catenary system with only a 
messenger and contact wire. In the past, to cut out the hard 
spots of the hangers, they have operated with an auxiliary or 
intermediate wire, but with the flexible hangers they use, they 
have found this wire unnecessary. In some cases the flexible 
hangers are made of strand so as to make a low-resistance, non¬ 
heating connection between messenger and contact. Particular 
care has been taken to avoid hard spots; splicing is rare, the 
contact wire being in lengths sufficient to reach from anchor 
point to anchor point; push-offs and other devices with com¬ 
pression members are not used; rigid deflectors are not used; 
and pull-offs are made very light. 

The Swedish State Railroad catenary may bo taken as an 
example of this type of catenary designed for weather conditions 
comparable to ours and with a conductivity of about 200,000 
cir. mils. The costs of the materials at our prices would be 
about 1528 per mile for 80 sq. mm. copper contact, and $316 
per mile for 50 sq. mm. copper messenger, a total of $844. 

A corresponding example of American practise may be a 
4/0 phono contact, costing $792, a 4/0 copper wire, costing 
$686, auxiliary clips, costing $35, and a 9/10-in. stool messenger, 
costing $316, or a total of $1829 per mile, nearly $1000 more per 
mile than the other for a slightly greater conductivity of 810,000 
cir. mils. The unit weights of the two systems are 0.81 lb. per 
ft., for the first and 1.95 lb. with the American, requiring a pole 
designed for roughly twice the catenary loading. This, of course, 
means an opportunity for the saving of considerable weight in 
the steel structures. The Swedish construction, using two 5-in. 
channels for a self-supporting single-track lino, is comparable 
to the 10-in. H-seetion poles in use in this country for similar 
construction. 


H. F. Browns Mr. Thorp’s paper among other things brings 
out the importance of the catenary profile in determining the 
structure heights and catenary details, especially where the 
hanger rods depart from standard conditions. This is a very 
valuable check on the calculations. 


The unit weights and required conductivity of the overhead 
system described are impressive, but, of course, are required for 
the low voltage used. This is tether reflected in the size of the 
supporting a matures. I believe 14-in. H-boams were used for 
the typical two-track bracket poles illustrated in Fig. 15 of 
the paper For the lighter type of catenary permitted by the 
higher voltage used on the New HTflvo.r, „ , 

tor similar two-teaok spans. ^ a ^ soot,on 18 a »P 1< > 
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While Wade and Linebaugh show the feasibility of designing an 
overnead contact system which can transmit and deliver very 
large currents, and also the possibility of collecting large amounts 
by sliding collectors moving at high speeds, one cannot escape 
questioning the economics of a system which requires more than 
seven pounds of copper per foot of track, in the contact system 
alone. 

if electrification is to be economically applied to steam rail¬ 
roads on any large scale, it must be done on a basis which gives 
the minimum new capital requirements. One of the largest 
items is the cost of the distribution system. The trend should, 
therefore, be towards lighter designs rather than heavier, in¬ 
dicative of higher voltages. 

It is noted that the test track described contains no turn¬ 
outs, heavy curves, or low highway bridges. With the high 
pantograph pressures required, the real test of current collection 
will come at points of special construction, such as deflectors, 
pull-offs on heaA-y curves, and the hard spots under low bridges; 
and Avhile such difficulties might be overcome, they nevertheless 
increase at least in proportion to the catenary weight, and the 
amount of current to be collected. The wear on both the col¬ 
lector shoe and the contact wire must be greatly increased under 
such conditions, even with lubrication. 

Mention Avas made of the use of a 6/0 conductor as being un¬ 
desirable. Our experience seems to indicate that there is a 
real field of use for such a wire on busy yard leads and ladder 
tracks, Avhere traffic is dense, and pantograph passages very 
frequent, and AA r e haA'e installed 6/0 Avire in such locations to 
secure longer AA r ear. 

One Avord about lubrication. This is-something to be desired 
but difficult to secure in actual practise, especially on a large 
system. If the lubricant is applied to the pantograph shoe at 
the start of a run, it is soon worn off in the first feAV miles, and the 
terminal-track trolleys are the chief beneficiaries. Tests made on 
the New Haven seem to indicate that the best shoe mileage and 
least wire AA r ear is secured Mth a mild-steel shoe, and a panto¬ 
graph pressure of about IS lb. 

Pantograph design is capable of being greatly refined. Lighter 
weights, lighter pressures, and loAver inertias, especially of the 
collector shoe itself, seem to be the chief desiderate, all of which 
are inconsistent Avith heavy current collection. 

Mr. Jorstad, in his paper, limits the shape of the trolley aline- 
ment to that of a true parabola, and shoAvs that his formula, 
which gives the ratio of the weights of the two opposing systems 
(messenger and contact) equal to the ratio of their respective 
tensions, applies to the parabolic shape. 

The use of this formula Avould therefore limit the designer in 
the choice of sag, or Avould fix the w r eights and sizes of the main 
membeis (messenger and contact) regardless of their economic 
choice. 

As an illustration, assume that a 4/0 copper wire is the required 
contact member, Avith a normal tension of 2000 lb. The unit 
weight is 0.641 lb. and from the formula, 

0.641 T m = 2000 W m and T m = 3120 W m 

If Ave assume a / /16-in. steel messenger, which past experience 
has shown to be of ample strength, properly sagged, for a 4/0 
Avire, its unit Aveight is 0.415 lb. and the tension, by the above 
formula will be 1300 lb. 

The resulting catenary will weight approximately, including 
hangers, 1.15 lb. per ft., wffiich would give a sag in a 300-ft. span 
of nearly 10 ft. This is obviously too great. 

To decrease this sag to an economic value, the tension must be 
increased, Avhich, according to the formula, must be accompanied 
by an increase in weight. To produce a 5-ft. sag, it would be 
necessary to go to a messenger having a unit weight of nearly 
three times the above, since the total weight is rapidly increasing. 
Assuming a unit messenger weight of 1.6 lb., the equivalent 
messenger tension would then be 5000 lb., and the resulting total 
weight of the catenary would be 2.3 lb. wdth a sag of 5.17 ft 


This messenger Avould be approximately 7 /s in. in diameter, 
which is obviously not economically applied, as the material is 
not required for the Ioav tension used. 

It is true that the trolley tension may be increased. The 
ultimate strength of the Avire assumed is approximately - 8000 
lb. but it should not be stressed much more than 2 /3 of this 
amount on account of the Ioav yield point of copper, and the 
danger of permanent stretch. This limits the maximum Avorking 
tension to about 5300 lb., and sets the normal working tension 
at about 3000 lb. 

Then, from the formula, 

0.641 T m = 3000 W m or T rn = 4700 W m 

For a 5-ft. sag, the messenger must weigh approximately 
0.671 lb. per ft. and the tension Avould then be 3140 lb. 

This indicates a 9/16-in. messenger, which, although more 
nearly the economic size, is nevertheless larger than required, and 
is not Avorking to its full capacity. Further, the horizontal 
loads on the structures on curves, due to the trolley tension, 
have noAV been increased 50 per cent, requiring this additional 
strength in such structures. 

If, however, the characteristics of the design will permit the 
application of Mr. Jorstad’s formula, it presents a very valuable 
method, and greatly simplifies the calculation, since the shape is 
parabolic. It may be mentioned here that the earlier installa¬ 
tions on the NeA\ r Haven, Avhere the spans were short, Avere 
designed on the theory that the shape was parabolic. 

Sidney WithinfRon: (by letter) The design of pantographs 
in this country just at present, is, I believe, the least developed 
part of any of the electric equipment. We depend upon a collect¬ 
ing device capable of variation in height up to 10 ft., as mentioned 
by Mr. Viele. The inertia of such apparatus is very great and 
at high speeds, as pointed out by Mr. Viele, this is a serious 
problem and requires a very considerable pressure against the 
Avire to avoid arcing. This, in turn, limits the design of the 
catenary system. The standard pantograph used abroad, which 
employes a trailing bow aboA r e the main pantograph, would seem 
to be considerably more logical. The trailing bow, being 
relatively light, follows the Avire satisfactorily even at relatively 
Ioav pressures, and the result is a far lighter catenary design with 
consequent economies both of construction and maintenance and 
without serious limitation in the amount of current which can 
successfully be collected. The advantages which Avould accrue 
from an improved design of pantograph in this country Avould 
repay, I believe, a very considerable amount of study. 

Mr. Viele mentions spans of 325 ft. for the catenary system. 
It has been the experience on the New Haven that unless the 
location is pretty well protected from wind, some form of lateral 
support for long spans is necessary between bents in order to 
prevent trouble due to Avind under maximum conditions. These 
supports may be obtained in the form of bridles or additional 
independent steady spans, or by shortening the main span. 

The form of support suggested by Mr. Viele is of interest. A 
somewhat similar arrangement was installed on the New Haven 
in 1919.^ Other things being equal, it is of advantage to separate 
mechanically, as far as possible, each track from the others, in 
order that trouble which may occur may be localized. One 
advantage of the scheme mentioned.by Mr. Viele is that the 
insulators are not directly over the track,, and where steam 
locomotives are operated along Avith electric operation this i? of 
considerable advantage. 

Mr. Viele mentions hard spots and their damping affect on the 
oscillation which proceeds ahead of the pantograph. On the 
New Haven electrification, where Avood section breaks were used 
at points of high speed an approach was designed consisting of a 
sheet-steel member of light gage about 6 ft. long, with the idea 
of damping the oscillations before they reached the relatively 
heavy section break. It was, however, found that this was not 
necessary, and its use has been discontinued. It is of course true 
that so far as possible, wood-stick section breaks are not used at 
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points of high, speed. Indeed, even splicing sleeves are eliminated 
so far as possible. 

It may be of interest to note that on the New Haven electrifi¬ 
cation extensions installed in 1912 and 1913, the steel catenary 
supporting structures were designed to be self-supporting as 
units; that is, the corner connections between the truss and the 
posts were arranged to take the stress normal to the track due to 
wind, curve pull, etc., the anchor bolts at the base of the posts 
taking shear only. This is indicated in the shape of the posts, 
which taper down from the truss or corner connections. 

This saved a considerable amount of concrete as compared 
with the original design wherein the posts were self-supporting 
and the concrete bases were obliged to take the entire overturn¬ 
ing moment. There was some additional weight of steel and 
additional field labor, but the design resulted in considerable 
net saving. 

In some of the supporting structures, especially those for six 
tracks, it was found advantageous to assume a point of contra- 
flexure about 7 ft. above the top of the foundation. This 
resulted in some saving of weight of steel without much increase 
in the size of the foundation. 

The magnitude of current collected from a trolley at 500,1500, 
or 3000 volts is of course far greater, other things being equal, 
than that collected at 11,000 or 22,000 volts, and the problems 
are therefore of somewhat different nature when the lower 
voltages are considered, both from the point of view of current- 
carrying capacity in the catenary system itself, and what might 
be called the “commutation” at the point of contact. 

The problem of sparldess collection of current is a function of 
the smoothness of the contact system, which in turn depends 
upon its uniformity of suspension—that is, the contact wire 
should bo either free to move in a vertical plane easily at all points 
upon the passage of the pantograph collecting shoe, or should be 
relatively rigid at all points. Any change from soft to hard 
construction means sparking or arcing at high speeds. The real 
test of sparkless collection occurs at turnouts and at low bridges 
and other points where construction is limited by local conditions. 

Mention is made of the freedom from burned messengers on the 
Chicago, Milwaukee, & St. Paul at loop hangers, which are 
employed on that system. The real test of efficiency of loop 
hangers would occur, I believe, only where the individual sub¬ 
station capacity feeding the system is relatively larger than is 
the case on the Milwaukee. 

The design of pantograph shoe support with 4 in. of play be¬ 
tween upper and lower position on the top of the pantograph is of 
much interest. It would seem that somewhat delicate adjust¬ 
ment would be necessary in order to maintain the supporting 
apparatus at the mid-position of its travel under normal con¬ 
ditions that it might be free to move up or down as roughness 
in the contact system required. Details of design to accomplish 
this would be of interest. Some data also would be of ,interest as 
to the mileage made by the “pans.” The pressure of 40 lb. seems 
high when compared with that where less current-carrying capac¬ 
ity is required. A pressure of 40 lb. also means a necessarily 
heavy contact system, regardless of current-capacity require¬ 
ments. 

The economic limitations of any contact system, I believe, 
occur in the weight and expense of installation of the conductors 
and supporting structures rather than in the amount of current 
which can bo successfully collected under conditions of high 
speed, and this should be considered in the design of an electrifi¬ 
cation installation. It is possible that the use of higher voltages, 
either alternating or direct current, would be justified in some 
instances by the saving of material in the contact structure. 

S. M. Viele: Mr. Brown asked the effect of tension in the 
contact wire on vertical movement. We have not made any 
experiments on the basis of varying contact-wire tension. My 
opinion is it would not make any material difference. 

Mr. Manz asked about the effects of unloading the span. 


Mr. Damon’s remarks were along the same line. I do not nter- 
pret upward deflections in the span on the basis of the possible 
impression that some have of that statement. If we assume a 
condition in which the span involved has a unit weight of 3 lb. 
per ft. and say a 300-ft. span, it means that the messenger is 
carrying roughly 900 lb. If we operate five pantographs on the 
span, it means that instead of carrying 900 lb., it carries 800 lb. 
This means that the sag in the span has to be reduced on account 
of the tension' remaining practically constant. Therefore, the 
messenger sag will be decreased; the extra length of messenger 
will run back in the successive spans. 

Now, if you change the contact tension, or if you change the 
loading of the span without change of pantograph pressures, it 
will not make a great deal of difference in the upward deflections 
with passage of the pantographs. 

• Mr. Oehler asked the question “What does it amount to?” 
Deterioration of contact wire has a very material bearing on how 
much it costs to operate such construction. Spliced contact 
wire means a deterioration of roughly five times that without 
splices. Whether we get a life of ten years out of it or 50 years 
is very material. 

The question may also be asked “What are the relative effects 
of variation in height of contact wire?” Such effects are rela¬ 
tively small as compared with spliced effects. However, all 
variations of whatever nature which take place in the contact- 
wire height involve variations of pressure, both in enlarged and 
decreased pressures. . Increased pressures mean increased wear; 
decreased pressures mean burning of the contact wire. Both 
result in increased maintenance cost. It is simply a question 
of the relative reduction of section which is produced by such 
variations in height, with the resulting cost. They have not 
been evaluated in money, though they have been evaluated in 
my mind as being worthy of study and the correction of value. 

H. F. Brown: In answer to Mr. Litchfield I will simply state 
that the method of eliminating the cusp shown in Fig. 41 is 
admittedly an overcorrection. The importance of this correction 
is greater if the trolley tensions are lower. On the New Haven 
system, the tensions of the trolley and the auxiliary are lower, 

I think, than on many of the other systems mentioned here 
today. For that reason, the cusp effect is more important in 
their inclined design than it is where the trolley tensions are 
higher, and the method used in the paper is shown instead of the 
one referred to by Mr. Richmond because it was desirable to make 
this correction apply to all conditions involving even high 
temperatures as well as the normal temperatures. It is true that 
if one goes into the mathematics of the paper, the method 
suggested by Mr. Richmond is absolutely, correct for normal 
conditions. 

R. E. Wade and J. J. Linebau^h: Mr. Brown, in his 
written discussion ivith reference to tests on the collection of 
large currents from overhead wires as conducted at Erie, Pa. 
mentions the use of “more than 7 lb. of copper per ft. of track 
in the contact system alone.” 

The actual total weight of copper, installed per ft. of track for 
the tests involving the unusually large current values quoted, and 
for both feeder and contact, was 4.7 lb. maximum with 1,000,000 
cir. mil feeder messenger and 3.92 lb. in the section with 750,000 
cir. mil feeder messenger. With multitrack work and automatic 
cross ties, these weights would be reduced even for the lower 
voltages used. 

While it is true that the recorded tests were conducted with¬ 
out deflectors, hard spots under bridges and pulloffs on heavy 
curves, temporary low bridges were later installed, and satis¬ 
factory collection'demonstrated with a 1 per cent gradient in 
contact wires. Experience on lines in operation shows that 
with two contact wires, flexibly supported throughout, the 
additional wear at such points is negligible with pantograph 
pressures as high as 35 lb. 
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As regards lubrication, while it would of course be desirable 
to operate without this feature, experience has shown that even 
with comparatively infrequent service, satisfactory lubrication 
of contact wires can be maintained, although as stated by Mr. 
Brown, the contact wires within and in the vicinity of the large 
yards receive more lubrication, particularly in and near overhead 
switches. This also applies to curves due to wiping action. 

While it is unquestionably true that generally speaking it is 
desirable to make refinements in pantograph designs as regards 
weights, lighter pressures, and lower inertias, it is commonly 
agreed that coordination in the design of both pantograph and 
overhead is necessary, and there is some question as to whether 
such coordination is not approached with the relatively higher 
pantograph pressures in combination with the weight of two 
wires in the same horizontal plane as compared with the very 
light pressures and correspondingly light overhead construction 
as used in some European installations. 

Air. Withington in his discussion very properly emphasizes 
the desirability of uniformity of suspension for contact wires, that 
is, the freedom of movement in a vertical plane at all points. 
By suggestion this of course includes uniformity in weight, 
which of coiuse cannot be realized on account of the necessity 


for overhead switches and certain fittings attached to contact 
wires. From our observation, if the contact wires are free to 
move in a vertical plane at all points of suspension, the additional 
wear imposed on contact ware is reduced to a minimum. 

As referred to in our paper, with regards to the freedom from 
burned messengers with loop hangers, we would suggest that in 
the case referred to, the current demand at locomotive rather 
than the substation capacity would be the determining factor. 

As regards the flexibility of the pantograph shoe mounting, 
while this of course does not compare with the commonly used 
European design, either as to delicacy or range, there is no 
question but that the small amount of movement provided is a 
valuable asset, particularly with the flexible contact-wire sus¬ 
pension referred to elsewhere. 

There is no question but that on some systems contact-wire 
splicing devices are responsible for considerable trouble in that 
the designs commonly used enclose the contact wire and offer 
an obstruction to the collector shoe, which becomes worse as 
wear on the splicing device increases. A splicing device which 
permits uninterrupted contact with the wire and is of the mini¬ 
mum weight consistent with the requirements, will do away with 
this trouble to a large extent. Such a device is available. 


Calculation of Stray Load Losses 

BY G. H. ROCKWOOD' 
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Introduction 

UITE early in the history of the development of the 
alternating current generator it was recognized 
that there might be losses present under load 
conditions in addition to the no-load losses and the 
armature copper loss due to load current. Because 
no one had a satisfactory means of measuring this loss 
it was not included in the early definitions of conven¬ 
tional efficiency. As competition increased and as 
economic pressure demanded higher and higher effi- 
ciences the necessity of approximating this loss was 
apparent. Accordingly the A. I. E. E. rules were 
changed to include one-third of the loss under sustained 
polyphase short circuit. 

This rule was short lived for, at the Winter Conven¬ 
tion of 1913, papers were presented giving the results of 
carefully made input-output tests which tended to show 
that the entire loss on sustained polyphase short circuit 
should be taken as a measure of the stray load loss for 
the salient pole alternator. This rule has remained in 
force and in view of its general acceptance it is to the 
interest of designers of salient pole alternators to be able 
to predetermine this loss. 

It is the purpose of this paper to present some general 
methods of attacking the problem. It is not intended 
that the results should be complete but they are pre¬ 
sented simply as a starting point for the attack on this 
problem. 

Proceeding on the principle that a formula cannot 
be correct unless it has the dimensions of the quantity 
which it represents or expresses, we may quite readily 
develop some of our familiar relations. As the com¬ 
plexity of the problems which we treat by this method 
increases, the difficulties encountered in its application 
also increase until a point is reached beyond which we 
cannot go without assistance. 

In the case at hand, the calculation of stray load 
losses, this assistance may come in one of two forms; 
it may be experimental evidence as to the exponents 
of certain of the variables, or it may come in the form 
of assumptions as to the variables involved and the 
manner of their variation. It is evident, therefore, 
that the method is not rigorous‘but is one which will 
enable us to derive a formula from otherwise incomplete 
data. 

The greatest difficulty encountered in the applica¬ 
tion of this, or any other, method to the calculation of 
losses in iron is the fact that we know the loss depends 
in some manner upon the flux density. But the flux 
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density for any magnetizing force is a complex function 
of the permeability, a property of the iron which is not 
constant. Because we have no mathematical expres¬ 
sion for the permeability of iron we must make certain 
assumptions in regard to the behavior of iron under 
strong magnetizing forces, such as are present in elec¬ 
trical machines. The two most commonly accepted 
assumptions in regard to permeability are those of 
constant permeability, or the “limiting value of the 
density” theory in which it is assumed that, there is a 
maximum possible density. Which assumption will 
be the better for any given case depends upon the appli¬ 
cation, but, in general, the assumption of constant per¬ 
meability is made. 

The formulas derived in this manner will require 
the inclusion of empirical constants. These constants 
'may be determined by statistical methods to be dis¬ 
cussed later. 

Instead of trying to develop a single formula for the 
short circuit core loss, it is desirable to separate the total 
loss into distinct parts and develop formulas for each 
of these parts separately. 

The parts into which it is most conveniently divided 
are: 

1 . An eddy current loss in the armature copper. 

2 . A loss in the stator iron. 

3. A pole face loss. 

4. An end loss. 

5. A loss in the amortisseur winding. 

These component parts will be discussed in turn. 

Eddy Current Losses in the Armature Copper 

Eddy current losses in the armature copper present 
the source of stray load loss usually recognized in de¬ 
sign books. The method of calculating them has usually 
been to assume that the ohmic resistance of the arma¬ 
ture was increased by an amount varying from 10 per 
cent to 50 per cent. The uselessness of such a method 
is evident. 

In the early days of synchronous machine design 
when the existence of these losses was not recognized it 
was not at all uncommon to employ designs such that 
this loss constituted the major part of the total short 
circuit loss. It is only within the last five or six years 
that accurate and easily applicable methods of com¬ 
puting and minimizing this loss have been available. 
At the present time, however, this loss is rarely over 
25 per cent of the total short circuit loss so we see the 
necessity of obtaining accurate knowledge of the factors 
on which the remainder of the stray load loss depends if 
improvements are to be made in the design of salient 
pole alternators. 

There is extensive literature on the subject of eddy 
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current losses in the armature copper and there will not 
be space here to review it. Reference should be made, 
however, to the work of Prof. W. V. Lyon as given in his 
A. I. E. E. paper in 1921. It might also be stated that 
the method given by Mr. I. H. Summers, and based on 
Prof. Lyon’s work, at the 1927 Winter Convention of 
the A. I. E. E., was used in connection with the work on 
which this paper was based. 

Loss in the Stator Iron 

The flux wave form in the air gap of a salient pole 
alternator under load varies with the power factor at 
which the machine is operating. This condition renders 
it extremely difficult to determine the core losses under 


tioned above must be that of harmonics of the same 
order. 

If we are to be able to calculate the flux wave existing 
in the air gap of a salient pole alternator operated on 
short circuit at such an excitation that rated current 
flows in the armature windings we must make certain 
assumptions. These assumptions are four in number 
and are given below: 

1 . That the air gap flux wave consists of four com¬ 
ponents and four only. 

a. A fundamental due to the main field m. m. f. 

b. A third harmonic due to the main field m. m. f. 

c. A fundamental due to the armature reaction 

m. m. f. 



No-Load Flttx Wave in the Air 
Gap of a Salient Pole Synchro¬ 
nous Machine 

Third Harmonic = A X B — 0.7 • 



Fig. 2—Third Harmonic of the 
Air Gap Flux Wave ivhen a Sa¬ 
lient Pole Synchronous Machine 
is Excited only by a Sine Wave 
Armature m. m. f. whose Axis Coin¬ 
cides with the Pole Center 
Third Harmonic = A X B 



Fig. 3—Graphical Determina¬ 
tion of the Zero Power Factor 
Short Circuit Air Gap Flux Wave 


load. We are seeking, however, to express the core 
losses at a fixed power factor, and the power factor with 
which we are concerned is one which gives rise to very 
special relations, between the main field flux and the 
armature reaction flux. The power factor which we 
are to consider is extremely close to zero in a lagging 
direction. 

Since the flux densities under short circuit conditions 
are not ordinarily found in the usual course of design it 
will be necessary to determine them before the loss can 
be computed. It will be convenient to express them 
as a percentage of the open circuit densities. 

If a salient pole alternator operates at zero power 
factor the axes of the main field flux and the armature 
reaction flux will coincide. If the power factor is lead¬ 
ing the flux -waves will add and if the power factor is 
lagging the net flux will be the difference of the two 
waves. The wave form of the two fluxes will not be the 
same, however, so the addition and subtraction men- 


d. A third harmonic due to the armature reaction 
m. m. f. 

• 2. That the four components of the flux wave are 
determined by the value of the three ratios: 

a. Maximum gap to minimum gap. 

b. Pole arc to pole pitch. 

c. Minimum gap to pole pitch. 

3. That the armature reaction m. m. f. has a sinu¬ 
soidal space distribution. 

4. That the machine operates at zero power factor 
lagging. 

At the winter convention of the A. I. E. E. in 1927,- 
Mr. R. W. Wieseman presented a paper giving curves 
for the determination of the four components of the 
short circuit flux wave mentioned above in terms of the 
three ratios of assumption number two. (See Figs. 1 
and 2.) The accuracy of these curves is discussed in 
the paper and no more need be said about them here. 
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It will be assumed that these curves give the actual 
amplitudes of the flux wave components. 

Figure 3 shows a graphical combination of the four 
components to give the existing air gap flux wave and we 
shall now proceed to develop a method for doing this 
analytically. The upper half of the figure, in full lines, 
represents the flux components of the main field. For 
convenience this has been considered positive and the 
peak of the actual no-load flux wave, or main field flux 
wave, has been taken as unity. Since we have zero 
power factor in a lagging direction the flux armature 
reaction will subtract from that of the main field so the 
two dotted components representing this flux have been 
shown negative. In connection with this plotting it 
must be remembered that for a salient pole machine the 
armature reaction flux at zero power factor is always 
more peaked than a sine wave and so with the conven¬ 
tion of plotting here adopted the third harmonic com¬ 
ponent will always be positive with respect to the main 
field. A glance at Fig. 1 will show that the third har¬ 
monic of main field flux may be either positive or nega¬ 
tive. The existing flux wave in Fig. 3 is, of course, the 
sum of the four components shown in the figure. 

Before any addition of components can be made we 
must find some common basis for their measurement 
since the curves of Mr. Wieseman’s paper give the four 
components as a per cent of the total wave of either 
armature reaction or main field flux as the case may be. 
This common basis is found by expressing the m. m. f. 
applied under short circuit conditions as a percentage 
of the m. m. f. required for the air gap. This assumes 
that an ampere turn on the field is just as effective in 
producing flux as an ampere turn on the armature. 
We must determine another constant, however, because 
the value of the armature reaction as determined by the 
usual design formula, for three-phase 2.12 NI K p K d , is 
based on a time distribution instead of a space distribu¬ 
tion. This constant may be found as follows: 

I. Assume a winding having all turns concentrated 

in a single pair of slots. 

II. Assume a full pitch winding. 

III. Winding to have Z inductors/pole/phase. 

IY. I = r. m. s. current/inductor—strictly sinu¬ 
soidal. 

Such a winding would give rise to a rectangular m. m. f. 
wave having a value of 

M. M. F. = V2 I Z/2. 

The fourier series for such a wave would be 


of the height of this wave to the maximum value of the 
fundamental of the series representing it is evidently 
4/V = 1.27 which is the constant we are seeking. 

Making use of this constant the expression for the 
short circtiit air gap density in terms of the open circuit 
air gap density becomes (for each component): 
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(The addition is algebraic. For nomenclature see 
the table of symbols.) 

These then are the relations for determining the short 
circuit air gap density analytically. Similar relations 
between the amplitudes of the waves made it possible 
to construct Fig. 3. 

The density distribution which has just been described 
will not obtain in the iron portions of the machine. 
We may, however, assume that it will give us an indi¬ 
cation of the densities in the teeth, especially after 
the considerations which are now to be presented. If 
the armature be supplied with current, the field not 
. being excited, the flux due to the armature current 
will follow a path somewhat as indicated in the figure 
below. 

If the machine be short circuited and the field excited, 
so as to cause rated current to flow in the armature, 
there will be set up in the teeth and in the core immedi¬ 
ately below the slot the same flux as 
before. In addition there will be a fun¬ 
damental flux due to the main field 
m. m. f. By Lenz’s law these two fluxes 
will be in opposition and, since they must 
be nearly equal, the difference being that 
necessary to compensate for armature IR 
drop and for end leakage drop, their re¬ 
sultant in the core will be negligible and we may neglect 
the loss in the core due to fundamental flux. 

• The fundamental tooth density on short circuit is 
rarely more than 20 per cent of the open circuit tooth 
density and so causes not more than 4 per cent of the 
open circuit tooth loss. As the latter is only about ]4. 
of the total open circuit core loss we see that the cor¬ 
responding short circuit core loss is negligible. 

The third harmonic density in the armature core will 



Y = 4/tt W2IZ/2) (sinX+1/3 sin 3X+l/5sin 5X+...) 
We shall now proceed to neglect all terms in this series 
except the first. In a three-phase winding the third 
harmonics will cancel, as will all the triplen harmonics, 
while the fifth, seventh, etc., will move relatively to the 
pole faces and so induce currents in the pole faces which 
tend to damp out the flux produced by these harmonics. 
Our usual formulas give us the height of the rectangular 
wave represented by the above fourier series. The ratio 


produce a negligible loss, because of the fact that the 
third harmonic in the core has three times as many poles 
as does the fundamental, so we may neglect the loss due 
to this component of flux. 

The only component which we need consider is the 
third harmonic in the teeth. This will be expressed by 
an equation similar to that given on page 2, except that 
B nL will be replaced by the no-load tooth density. The 
loss will then be: 
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TT , ^ volume of teeth 

HO = K , Ki K f -Jqqq -toi. 


w s = loss per cubic inch in standard material at 
standard triple frequency corresponding to density B s . 

To calculate the triple frequency core loss in the 
armature teeth for the condition of sustained polyphase 
short circuit it is, therefore, necessary to compute the 
third harmonic tooth density as a percentage of the open 
circuit tooth density and to then obtain the loss from the 
usual laboratory loss curves. 

Short Circuit Pole Face Loss 

Under sustained polyphase short circuit the current 
carried by each slot will give rise to an m. m. f. which 
will cause flux pulsations in the pole face. The magni¬ 
tude of the loss produced will be a function of these 
tooth frequency flux pulsations. Since the path of this 
flux is largely in air we may assume, as a first approxi¬ 
mation, that it is directly proportional to the m. m. f. 
producing it. This m. m. f. will be proportional to the 
current per slot, which, for any given machine, will be 
proportional to the ampere turns per inch of armature 
periphery. It so happens that the ampere conductors 
per x-inch of periphery are numerically equal to the 
ampere turns per inch of armature periphery at 77 
per cent pitch. It will thus be convenient, and suffi¬ 
ciently accurate for any practical value of the pitch, 
to express the flux as proportional to the ampere con¬ 
ductors per x-inch of armature periphery. 

To derive a formula for the short circuit pole face loss 
use has been made of a similar study of open circuit 
pole face losses. The method used was that of a dimen¬ 
sional analysis, starting with experimental evidence as 
to the best values of the exponents for certain of the 
variables. (See Appendix A.) As regards short circuit 
pole face loss, however, we have no experimental evi¬ 
dence on which to base a dimensional analysis so the 
following reasoning is proposed. 

Under the assumption of constant permeability the 
exponent of stator slot pitch was found to be unity, a 
value lower than that indicated by the most reliable 
experimental evidence. The limiting value of the den¬ 
sity theory gave rise to an exponent for the stator slot 
pitch of two, but it also involved the tooth frequency to 
the second power when experimental evidence and the 
conventional theory alike would indicate the one and 
one-half power. In both of these derivations for the 
open circuit condition the same basic assumptions were 
made. It was finally decided to use a form which was 
not dimensionally correct, but which involved the tooth 
frequency to the one and one-half power and the stator 
slot pitch to the second power, the other exponents being 
those in agreement with dimensionally correct formulas. 

In formulating the short circuit pole face loss it seems 
desirable to use the formula developed for open circuit 
core loss, substituting a quantity which shall be propor¬ 
tional to the short circuit flux producing the pole face 


loss in place of the air gap density used in the open 
circuit form. It was something of a question as to 
whether or not the ampere conductors per slot should be 
used instead of the ampere turns per inch of periphery 
as outlined above. It will be noticed that the use of the 
ampere conductors per slot would necessitate involving 
the stator slot pitch to the fourth power. This exponent 
is so much higher than any given by experimental work 
or by the dimensional analysis that it seems better to 
use the ampere turns per x-inch of periphery as being 
proportional to the flux than to use the ampere con¬ 
ductors per slot. 

The final form of the short circuit pole face loss 
formula will then be: 



End Loss 

Under sustained polyphase short circuit conditions 
the windings carrying current are linking the end fingers, 
clamping flanges and armature binding bands, thus 
inducing eddy currents in all of these portions of the 
machine. In addition there will be a considerable leak¬ 
age flux from the end connections of the machine, some 
of which may get into the frame, end shields, and various 
other stationary portions. It is understood, of course, 
that this flux of the armature winding which is produc¬ 
ing end loss is revolving at synchronous speed, in conse¬ 
quence of the polyphase nature of the winding which 
produces a revolving field. 

If we are to be able to compute the loss we must first 
compute the leakage flux producing the loss. This may 
be done by multiplying the m. m. f. by the permeance of 
the leakage flux path. The m. m. f. will, of course, be 
the ampere turns of armature reaction, or some fraction 
thereof. In Appendix B is a dimensional derivation of 
a formula for end loss. 

It now remains to find an expression for the per¬ 
meance of the leakage flux path. If we assume that the 
adjacent masses of iron may be neglected we see, from 
Appendix C, that the permeance is of the form: 

C = n x pole pitch X coil pitch. 

Making the assumption of constant permeability and 
using the formula derived in Appendix B our end loss 
formula becomes: 

W e = K X pole pitch X coil pitch P V Vf (A R)~, 
But the number of poles times the pole pitch is equal to 
gap diameter times a constant, whence: 

w — it D V vf ( A R \ 

“lT00“V 10,000 / Xcoil pitch. 

Loss IN, THE AMORTISSEUR WINDINGS 

Thus far we have assumed that the armature reaction 
m. m. f. was sinusoidally distributed about the periph¬ 
ery . With a finite number of phases this can never 
be exactly true, but for the losses thus far considered the 
approximation has been close. There is, however, a loss 
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due to the fact that the armature reaction m. m. f. is not 
sinusoidal. The wave form of the armature reaction 
m. m. f. will be determined by the pitch of the winding 
and by its arrangement in the slots. For our present 
purpose the effect of pitch alone will be considered. The 
arrangement of the winding will, in many cases, be more 
important but it is the present purpose to produce a 
formula which shall be comparatively simple to apply 
in a specific case rather than to obtain one which gives 
greater accuracy at the cost of greatly increased labor. 

If the pitch is such that the wave form is not sinu¬ 
soidal there will be certain of the higher harmonics 
which will move relatively to the pole faces. The 
triplen harmonics will cancel in the three-phase machine 
leaving all others to produce loss. Of these the fifth and 
seventh are the most important. 

To determine the loss due to these flux harmonics it 
is necessary to find the current induced in the amor- 
tisseur winding by each of these harmonics and then to 
find the loss due to this current, taking into considera¬ 
tion the effective resistance of the rotor bars. Such 
a procedure is, of course, far too complicated for the 
case at hand and a simple approximation must be 
sought. 

If we recognize the fact that, as far as this loss is con¬ 
cerned, the synchronous machine may be treated by an 
equivalent circuit exactly similar to that for the single¬ 
phase induction motor we may arrive at the .desired 
approximation. By the use of this circuit we may 
deduce an expression for the loss in the bar windings of 
the rotor as some function of the stator coil pitch. (Ap¬ 
pendix D.) To determine the form which this function 
will take we must remember that the flux harmonics due 
to the arrangement of the winding will also produce a 
leakage reactance drop in the phase belt. This reac¬ 
tance is easily calculable for the induction motor and we 
may simply use values taken from such a curve for the 
values of this function of coil pitch. This apparent 
mixing of the units of loss and reactance is not real since 
the units are proportional and we shall have to prefix 
this expression for the loss by a constant to be deter¬ 
mined by statistical methods. 

A dimensional check of the formula was also made 
and it was shown to be dimensionally correct. In its 
final form it is: 


Loss in bars = K A 


( 


AR X P \“ L 
100,000 / D 


X Q X K p . 


Q is the function of coil pitch referred to above and K p 
depends for its value upon the type of amortisseur 
winding. 


Determination op the Values op the 
Proportionality Constants 
Each of the terms in the formula for short circuit core 
loss has been preceded by a coefficient. These coeffi¬ 
cients have been included because the formulas as de¬ 
veloped are not rigorous and they must be determined 


from considerations derived from the theory of prob¬ 
ability. In determining their values we seek to find the 
most probable value for.each one of the four coefficients. 
Statistical theory indicates that the most probable value 
of any observed quantity is that which makes the sum 
of the squares of the deviations of a set of observations, 
or a group of such sets, a minimum. In accordance with 
this theory the method of least squares may be applied 
for the determination of the values of the co-efficients. 

For the purpose of determining these values the loss 
as given by the formula was computed for some 150 
machines of various types and ratings. The expression 
for the loss including the unknown coefficients was then 
equated to the loss as determined by test and the 
method of least squares applied to find the separate 
values. 

The method of least squares results in a number of 
“normal equations” equal to the number of unknowns. 
These equations are to be regarded as linear simultane¬ 
ous equations and have to be solved. Unfortunately 
the coefficients of these “normal equations” are usually 
such as to require special methods of solution if proper 
values are to be obtained. Probably the simplest and 
best method for solving them is that due to Gauss and 
known as the method of Gauss. (See Whitaker & 
Robinson, “The Calculus of Observations.”) 

In applying the method of least squares in this par¬ 
ticular investigation the computation of the eddy 
current loss in the armature copper should be assumed 
to be without error. 

Accuracy of the Formula 

In using any formula such as this the designer of 
electrical machinery is interested not only in the error 
inherent in the formula but the probable error of the 
result. If the results of using this formula be plotted 
as a frequency distribution, i. e., per cent error in each 
individual case against the number of times it occurs, 
the usual normal distribution or probability curve will 
result. The fact that we have such a frequency dis¬ 
tribution is the thing of greatest interest to the designer. 
Associated with such a distribution are a number of 
means intended to give a reliable index of the accuracy 
of the result. 

This normal distribution curve is completely defined 
by certain parameters, one of which is the so-called 
standard deviation, or cr. This value of a happens to be 
one-half the distance between the points of inflection 
of the normal distribution curve. The standard devia¬ 
tion may be found from the following relation: 



where x is any deviation from the average and N is the 
total number of entries. This is, of course, simply the 
root mean square deviation. 

The probable error is defined to be such that the 
chances are even whether the deviation exceeds it in 
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absolute magnitude or is less than it. If this be denoted 
by the symbol Q we have: 

Q = 0.67449 <7. 

The computation of the value a requires considerable 
labor. Fortunately there is a constant relation between 
the value of a and the mean deviation which is obtained 
by considering all deviations as positive and taking their 
average. Thus the probable error and the mean devia¬ 
tion differ only by a constant and we may use the mean 
deviation as a measure of the accuracy of the formula. 
The relation is, then: 

Q = 0.8345 mean deviation. 

The usual manner of measuring the accuracy of such 
a formula is to form the ratio 

Test, core loss 
Calculated core loss 

for each application and to perform the above computa¬ 
tions with this average. When dealing with stray load 
losses as determined by the sustained polyphase short 
circuit test, however, it is more convenient to express the 
error as a percentage of the copper loss at full load 
current. This is done for several reasons. First, if has 
boon experimentally shown that the stray load loss, or 
short circuit loss, varies with the square of the current 
as does the copper loss and so it is natural to treat it 
in the same manner. Secondly, it has been the practise 
of designers from time immemorial to estimate this loss 
by assuming it to be a percentage of the copper loss at 
rated current. We shall, therefore, be measuring the 
accuracy of the formula in a unit; which is already under¬ 
stood by those who are to use the formula. Finally it 
is desirable to minimize the testing errors which are 
greatest where the loss is hut a srna.ll part of the copper 
loss. 

Measuring the accuracy of the formula for its applica¬ 
tion to the above mentioned 150 machines the results 


were as follows: 

Mean deviation. 27.5 per cent 

Average per cent error. 10.9 per cent 

Maximum per cent error 

Plus. 41.2 per cent 

Minus. 41.5 per cent 


The above per cent errors are expressed as a per cent 
of the full load copper loss. 

The sources of error in the formula are chiefly due to 
the effort to apply a single formula, not in itself com¬ 
plete, to a large number of machines of different con¬ 
struction. A second source of error which is of 
considerable importance lies in the fact that the effect 
of the coil grouping has been omitted in computing the 
loss in the amortisseur windings. 

Finally it must be pointed out that the accuracy of 
the experimental determination of this loss, thus far 
assumed to be without error, is not, all that could be 
desired. In measuring the short circuit loss, as per the 
A. [. K E. rules, it is necessary to deduct from the 


measured input not only the friction and windage but 
the armature copper loss as well. The ohmic resistance 
is to be used in this computation but. it must, of course, 
be measured at a temperature corresponding to that 
obtaining in the armature windings when the loss was 
measured. This is not al ways known, so some tempera¬ 
ture has to he assumed and consequently a quite ap¬ 
preciable error is introduced. Finally the loss wo are 
seeking to determine is not capable of direct measure¬ 
ment but is a measured loss minus other more or less 
ami ra tely d e teri n i nab I e 1 < >sses. 


In this work the point, most, worthy of note is the 
recognition of stray load losses other than t he armature 
eddy current losses. In recognizing those other losses 
and in formulat ing an expression for t hem a method has 
been advanced for determining flu* tooth densities of 
both fundamental and third harmonic components of 
the flux wave actually existing under zero power factor 
short circuit conditions. 

Fniplmsis should be laid upon the fact that, the di¬ 
mensional theory and statistical methods have played 
the major role in all the work which lias been here pre¬ 
sented. The results cannot lie claimed to he without 
error nor are they entirely novel, but it is believed that 
new light, has boon thrown on the subject, of con; losses 
in salient pole alternators and that the formulas of the 
type described here have wide application. 


The writer wishes to express his indebtedness to 
Mr. P. L Alger, for his constant, interest, in the work 
and for his many helpful suggest ions. 

VppciHlix \ 

The material of this appendix refers primarily to the 
problem of the calculat ion of open circuit pole face loss, 
the applicat ion of t his work to t in* problem of pole face 
loss having been shown in t he body of t he paper. 

An effort, has been made to be guided by t he work of 
previous investigators. I n 1909, (h A. Adams gave the 
first noteworthy theoretical discussion of the subject 
in this country, lie proposed t he following: 


W 




3.3 V 
10 ' 



V* 

fJL p 7 ft 


(A\. dependent upon slot, width effective gap) 
which it.will be noted, involves tooth frequency and slot 
pitch to the 1.5 power. 

In 191(5, F. W. darter proposed the following theo¬ 
retical formula: 


W, 


w 

24 


(■■ (s (/) 1 ''V r ‘ U /P 


\ 


M /> 


AH other theoretical formulas seem to be special cases 
of one or the other of the above, l c., applicable to 
special types of machines only. 

Many special formulas based on experimental work 
have been proposed. The first of these was by Wall and 
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Smith in 1908. Their work applied only to a single 
machine and so does not include the lamination thick¬ 
ness. They gave: 

W p = K PAS 2 ' 1 //' 5 (s/0) 3 - 5 . 

In 1909 Adams gave the following based on experi¬ 
mental work: 

For 0.06" laminations: 

4.62 PA / B \ 2 ' 4 / V \ 155 i 


Y(-w) 


For 0.014" laminations: 

7 _ 3 - 15 P A / B \ 2 3 / 

p ~ io 4 \ io - 4 / V 


(s/g ) 1 - 22 


Probably the most reliable experimental work is that 
of Spooner and Kinnard in 1924. They gave a separate 
formula for each thickness of lamination, but the ex¬ 
ponents were practically the same for all thicknesses. 
Their formula was: 

W P = K B 2 - e ft 1 (s/ 0) 2 - 2 to 1 - 3 PA. 

Laminations Value of K 

0.0281" .56 
0.0625" 1.2 

0.125" 2.6 

The above table corresponds to including t with an 
exponent slightly greater than unity. 

In this investigation it is proposed to develop a new 
formula by means of a dimensional analysis which shall 
make use of the results just summarized. It seems 
highly probable that the exponent of flux density should 
be two, the larger value given by the experimental work 
probably being. due to the unavoidable inclusion of 
losses other than pole face loss, end loss, and tooth 
pulsation loss, for example. 

In making a dimensional study we are confronted with 
the fact that we have no mathematical expression for 
permeability as a function of density. We may, how¬ 
ever, assume constant permeability, i. e., a straight line 
magnetization curve, or we may make use of the so- 
called limiting value of the density theory. This 
assumes an infinite permeability up to a certain point 
and zero permeability thereafter. A dimensional 
analysis by each method follows. 

B - air gap density. 
ft - tooth frequency. 

To = stator slot pitch. 
t - lamination thickness. 

H = permeability of pole iron, 
p = resistivity of pole iron. 

P„. lt = saturation value of density. 


Constant permeability theory 
Watts/square inch = 
Dimensionally 


KB“ f t/ t n‘ 


Solving for L 0 = - a/2 + d + e V 2h 

Ml = a/2 
T — 3 = — a — c— h 
p. 0 = a/2 -j- h -f- 0 . 

Whence a = 2 and: 

1 = —{— 6 —{— 2 /z. 

1 = c + h 
~ 1 — g 4- h 

Taking c = 1.5 from the work of Carter and Spooner 
Using e — 1 from Spooner’s work 
h = 1.5 
0 = - 0.5 . 
d = 1. 

Limiting value of the density theory 

Watts/square inch = KB 2 f t rf t e p h Bf al . 
Dimensionally 

in m m 

MT~ 3 = L- 1 MjiT~ 2 T~ c L d L e L 2h T~ h p h L 2 M 1 T~ m fjr 


Solving for L 0 = — 1 + 2h — m/2 + d + e 

Ml = 14 - m/2 
T — 3 = — 2 — c — h—m 
fiO — h + m/2 + 1 . 

Whence m =0 
h = - 1 

c = 2 

d 4“ e =3. 

From Spooner and Kinnard’s work: 

e = 1 
d = 2. 

The constant permeability theory gives rise to an 
exponent for r 0 lower than that found by experiment, 
while the saturation value of the density theory gives 
rise to a value a little above the usual experimental 
values and an exponent of frequency which is too high., 
both by theory , and experiment, for this relatively high 
frequency loss. It was, therefore, decided to use the 
exponents as given by the constant permeability 
method, except that the exponent of r 0 would be taken 
as 2 , 0 . 

Shape constants such as s/g which enter as ratios 
cannot be handled by this method, so we shall have to 
include them with exponents derived from experimental 
work. The best value for the exponent of s/g seems to 
be 1.5. 

As derived above the formula is in terms of watts per 
square inch of pole face area, so to get it in terms of kilo¬ 
watts for the machine we must multiply by P A/1000 
whence our final result will be: 

• ^ . 2 ^ . ' 1.5 


Whence 


= K (164) ( 


/ B To 

\ lAi 

' y \ 

\ 100 

/ 1000 ' 

ao g) 


: L ~2 M 2. T -a M T -c L d L e ^ jj h j^- h ^ 


Appendix B 

Assuming that end loss is a function of the ampere 
turns of armature reaction (per pole), the permeance of 
the leakage flux path, the line frequency, the pole pitch, 
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the permeability, and resistivity of the stator iron we 
may proceed as follows: 

C = permeance of leakage flux path. 

A R = ampere turns of armature reaction per pole. 
P P = pole pitch. • 

P = number of poles. 

/ = line frequency. 

V = peripheral velocity. 

P = resistivity of stator iron ) 

P = permeability of stator iron / assume ^ constant ‘ 
Watts = KCPf 1 (A Ry- p p m p r p\ 

Dimensionally 

L- MT-* = Lp T~* L M T-i p- 1 L m p r L- s T~ s pk 
Solving forL 2 = l + l+ m + 2s. 

M 1 = 1 
T — 3 = — n — 2 — s 

P 0 = 1— 1 + r + s. 

Assuming s = — 0.5, since for a high frequency loss p 
enters to the minus 1/2 power 

2 = 1 + 1 + m —1 
— 3 = -w—2 + .5 
0 = 1— 1+r — .5 

whence 

m = 1 
n = 1.5 
r = .5. 

But V = 5 f (p p). 

So we may write: 

W = K C PV Vf l _ A P \ 

1000 V 10,000 /• 


Appendix C 

Since we are to neglect the effect of the adjacent 
masses of iron the permeability of the leakage flux paths 
will be that of air. The flux may then be considered as 
that due to an air core, solenoid of length equal to the 
effective length of the end connections. Below is 
given a development of one end of the armature winding. 
Each turn of such a winding may be represented as 
below, one-half only being considered, since from sym¬ 
metry we need only multiply by'two to obtain final 
results. 

If we consider this figure to represent one-half of a 
single turn we see that there will be four components of 
m. m. f. produced by the current. These components 
are. 

n A 7T „ . .4 7T 

r i — ^ cos a F 3 = ——— sin a 


F 2 = 


A 7T 

4 


cos a 


At 

F a = —-— sin a. 


Evidently F 3 and will cancel at zero pitch, and in all 
cases their resultant will be small at low pitches, so as 


an approximation the net m. m. f. = 


.4 


cos a. 


If we now have a coil consisting of N turns, each 
carrying a current of I amperes, the net m. m. f. will be: 

At 

F — — - — NI cos a. 

The flux will be (for both ends): 

A t NI cos a 


4 > = 


R 


R = 


4> = 


L 


L 


p A p, t f- 

.4 p 7r 2 r 2 NI cos a 
L 


where r = radius of core 


If we had had a uniformly wound air core solenoid of 
the same diameter, 


0' = 


.4 P 7T" r 2 NI 
L' 



Suppose the two solenoids were of the same length. 
Then L — L' and 4>/<t>' = cos a, or the effective length 
of the end connections is: 

L ef{ = L cos <x. 

This effective length is, then, a measure of the per¬ 
meance of the leakage flux path. 

The value of a. will be determined by the spacing 
between coils necessary to give the proper insulation for 
the voltage rating of the machine. Its value does not 
vary greatly, however, so we may assume it constant. 
The permeance may then be expressed as: 

C = p X pole pitch X coil pitch. 

Appendix D 

In, so, far as the loss in the amortisseur windings is 
concerned a synchronous machine may be treated by an 
equivalent circuit exactly similar to that for the single¬ 
phase induction motor. The secondary circuit will be 
composed of two parts: the usual resistance and re¬ 
actance where the resistance is expressed by R 2 /s = co, 
since the machine is operating at synchronous speed, 
and a second portion which involves the reactance for 
the nth harmonic. In parallel with this secondary cir¬ 
cuit will be the magnetizing circuit, having a reactance 
corresponding to that for the nth harmonic. 

Below is given a diagram of the equivalent e cuit 
which we are considering. 
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It will be noticed that the total current carried by 
the primary divides, part passing through the magnetiz¬ 
ing reactance and the remainder through the secondary 
impedance. The division of this current will, of course, 
be inveisely proportional to the impedances of the two 
parallel paths, but that current which passes through 
the magnetizing circuit produces no loss. This division 
of current might be expressed by setting the total cur¬ 
rent equal to 1 + X m /X 2 . X 2 is the secondary, or 
rotor, reactance, which for open slots is approximately 
10 per cent, for closed slots it may be as high as 40 per 
cent. ^ Consequently this loss will be changed from 
what it would be if all the current passed through X 2 
in the ratio of (1 + X m /X 2 y. Putting in the values 
which were given above this is: 

(1/1.1)“ lor open slots 1 ( for important harmonics 

(1/1.4)“ for closed slots J \ such as fifth and seventh. 
Or, for our two extreme cases the variation might be 
that from 0.8 to 0.5, a variation which may be neglected. 
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or tend to give them an apparently smaller section. 
Thus we may write: 

R, = K„:- KN- L // f 

and the loss will be 

W = K (A Rf j (c p) 

or 

TT7 t /ARxPYL 
W ~ Ki { 100,000 / D X ^ X K p- 

Following is a dimensional check of the above. 

In the above formula c has the dimensions of length, 
since it represents the square inches of bar section per 
inch of periphery. 

Expressed in dimensional units: 




1 

* 

54 J 


i 

L 


_—^ 



Fin. 6 


Assuming that the loss is wholly an J 2 R loss in the 
rotor bars we may derive the formula as follows: 

For current of any given harmonic 

k P = k (A Ry 

2.12 NIK,, K d 


k 


P 2 (A R)~ r 

= (. NK„K d y J (ep) 


The resistance of an induction motor secondary is given 
by: 



N K„ K d 
1000 ‘ 


Bar length 

v ——-• 

Total section 


(The resistance of the end rings is neglected since the 
number of poles is large for the harmonics.) 

The total section of rotor bars may be replaced by the 
square inches of bar section per inch of periphery times 
the diameter I). The square inches of bar section may 
be taken as constant. In reality it will be slightly 
greater for large machines, due to the increased diameter 
of the bars, but, due to the high frequency of the cur¬ 
rents, skin effect will increase the resistance of the bars, 


D M T~ s = L M T~- y 1 L L 2 T- 1 /jl L~K 


Solving for (L) 
Solving for (T) 
Solving for (M) 
Solving for (g) 


2 — 1 —j— 1 —f- 2 — 1 — 1 = 2 

— 3 = — 2 — 1 = — 3 
1 = 1 

0 = — 1 + 1 = 0. 


Hence the formula is dimensionally correct. 


Table of Symbols 

A hn amplitude of fundamental of main field flux wave. 
A Sm amplitude of third harmonic of main field flux wave. 
Aui amplitude of fundamental of armature reaction 
flux. 

As a amplitude of third harmonic of armature reaction 
flux. 

X armature leakage reactance expressed as a decimal. 
B nh no-load air gap flux density. 

Bs short circuit third harmonic density. 

A R armature reaction ampere turns per pole. 

F g air gap ampere turns per pole. 

Ki constant dependent upon quality of stator iron. 

K f constant dependent upon frequency. 

Ws loss per cubic inch in standard iron at standard 
frequency at density B ;i . 
t thickness of pole laminations. 

H armature reaction per 7r-inch. 

To stator slot pitch. 

P number of poles. 

A area of air gap under one pole. 

V peripheral velocity in thousands of feet per minute. 
g effective air gap. 

D gap diameter in inches. 

L length of rotor stacking in inches. 

Q a factor dependent upon coil pitch. 








Proximity Effect in a Seven-Strand Gable 



BY J. K. L. TWEEDIMLK' 

Enrolled Student, A. J. 10, 10. 1 


T HE calculation of the alternating current resistance 
ratio due to skin effect or proximity effect has been 
worked out for many shapes and combinations of 
conductors but often without recourse to experimental 
results. It is, accordingly, the purpose of this work to 
check calculations with tests for the type of calculation 
recently developed, covering the losses in several round 
wires connected in parallel, of which the arrangement is 
such that unequal currents flow in the different wires. 
The experimental results with which the calculated re¬ 
sults are to be compared are those presented by A. E. 
Kennedy and H. A. Affel 8 in 1916 for seven-strand 
cables. Their work covered radio frequencies up to 
100,000 cycles in rather small conductors. The deriva¬ 
tions as presented here are applicable to all frequencies 
and sizes of conductors. 

The method of attack is the same as that employed by 
Dr. H. B. Dwight of the Massachusetts Institute of 
Technology in the solution of the proximity effect in 
other arrangements of conductors. The writer wishes 
to acknowledge the aid and help of Dr. Dwight in the 
solution of this problem. 

In a seven-strand conductor, inequalities of current 
exist in the separate wires of the conductor. If the 
return conductor is assumed to be at a distance such 
that its proximity effect is negligible then we have two 
unknown currents existing in the seven-strand con¬ 
ductor; i a,, the outer concentric conductors will all 
carry equal currents A and the center conductor will 
carry a current J 3 so that the total current / « 6 J, j /,. 

r l he effect of spiraling of the wires has been neglected 
in this calculation. While the wires of a cable are spi¬ 
raled, the test with which this calculation is to be com¬ 
pared, illustrated in Figs. 4 and 5, was made on seven 
straight, unspiraled round wires. 

The method of attack is in the main as follows: The 
current density in a single isolated round wire is given by 
the following expression: 

« „„ 1 1 j a a Jo (jar) , 

— r — 2 — -j—y—f absamps./sq. cm. (1) 

where r and 0 are the polar coordinates of any point in 
the section of the wire, where 

1 1 » total current in the wire 

1. Enrolled Student;, A. 1. JO. Id., M&HHoehutjotts Institute of 
Technology, Cambridgo, Mass. 

2. "Skin-JWfToot, Heaistanoo Measurements at Radio Fro- 
quonoioH up to 100,000 Clydes per Second,” by A. 10. Knnnolly 
and 11. A. AIM, Proo. Inut. of Radio Engineers, May, 1016, 
and Research Bulletin No. 13, Mass. Institute of Technology. 

Presented at the Regional Meeting oj Diet . A To. t, Pittsfield, 
Maes., May Xli-XH, 10X7. 


radius of the wire 
j to 4 7r 


co ss= 2 7r X frequency 
a = resistivity of material of conductor 
and j = n /TT; 

Absolute electromagnetic units are used throughout. 
The quantity J „ (j a r) is a Bessel function of the first 
kind, zero order and argument, j a r. This can be 
expressed as an algebraic, series but; is readily evaluated 
from tables in which ./„ (hj \/j\ u» !■./?>„, where 
jar ™ hj \/j. The above (Equation, (1), is based on 
the fact that the impedance drops at every section of 
the wire are equal. 

The next point is to obtain the effect of the current 
in the other wires on the distribution of the current 
in the first wire. It, has been shown by Mannebaek 1 
that; a current, L> flowing in an infinitesimal wire will 
cause a circulating current to flow in a wire of radius a 



Kin, t Rntrvii Wmn v\*n t neinitsmi m a t. Wilts 
at an axial distance a whose current density will be 

/a • V a" j„(i<vn 

i, .i 

represents a Bessel function of the first kind of 
order n. 

The effect of the current, distribution given by (2) 
is that the impedance drops at every section of t he wire 
are equal. The total current in the wire, obtained by 
adding up expression (2) over the entire section of the 
wire, is zero. Since the above two conditions are satis¬ 
fied, the current density given by (2} can be added to 
that given by (1) without changing the total current /,. 
The necessary condition of equal impedance drops at 
every section of the wire is still met. The sum of (1) 
and ( 2 ) therefore gives the current distribution in a wire 
carrying current/,, and with a concentrated current h 
near it. Other expressions of the same form as (2) may 
be added for all the other concentrated alternating 
currents which may be near the wire. 

Now, returning to the seven-strand cable we see that 

U. Equation (IS), “An Integral Equation for Hkht HtToel in 
f amlbl Conduct urn,” by Charles Maunobaak. Journal of 
Math, and Physic *, April, 1022, and Rmmrch Hultnin No. 30, 
Ma«H. lmdituto of Technology. 
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if we are considering wire A, the proximity effect of the 
other six conductors must be taken into account. The 
first step is to assume conductors B, C, D, E, F, and G 
as infinitesimal conductors. The resultant current den¬ 
sity in wire A will be the sum of equation (1) plus the 

B C 

o o 



,o 0 £ 

Fig. 2—Seven Wires Arranged in Cable Form 

respective terms for the other conductors similar in form 
to equation (2). 

The resultant expressions will be, then, as follows: 

n= co 

be = ~^2 Ao Jo (i a r) + 2 A n Jn (j OL r) cos n 6 (3) 


and 


ini = ~r ~ 2 Ao Jo O' Oi u) + 2 J* O' a u ) cos n y, 


1 


(4) 

etc., 

where A 0 , A n , and F n are coefficients which for this 
derivation are as follows: 


Ao 


A n 


3 a a 


2 Ji (j a a) 

It . a n 

-s- 3 a a 

7T a 2 J 


S n Jn- 1 (j Oi Cl) 


+ 


Ii a n 


3 a a 


[ 


2 cos 


n 7 r 


, 2 n t r 

+ (V~3) n C ° S ' 


6 


(5) 


7r a 2 s n J n -i(jaa) L “ .3 

+ ~W r ]* 



F n 


a n 


3 ol a 


7r a 2 s n Jn-i O' a a) 


cos n 7r 


+ 2 cos " g -- + 2 cos + 1 J. (7) 


The expressions (3) and (4) are, therefore, the current 
densities due to uniform current densities in the others, 
and Ii and J 2 in the wires themselves. 

The next step is to find the current in each wire due 
to the A 0 and A m or F m currents in the others. For 
simplicity, let us consider just two of the wires as in 
Fig. 2, A and G, for the present, to show the method. 

Let there be a current density in A in addition to the 
uniform current density 

= - irk 

m= oo 

+ 2 Am Jm (j a r) cos to 6 (8) 

m =1 

and likewise for G 

= ~ irk + 1rk An J ° ( - 3 ' au) 

171= 00 

+ 2 Fm J™ O' 'ol u) cos to y . (9) 

m=l 

Each of these integrated over its section will be zero. 

Then, the nth term of i re due to i uy u du dy in G is as 
follows:. 

. jaa a n JnCjoir) , Q .. , , 

'-n-F ^ do) 

where B and j8 are variables given by a series for each 

wire. 

cos n /3 _ 

23" — 


oo 


k=l 


U R 


S 

and 


/ n + k — 1 
/n—l/k s k 


cos fc (y — 7T) J (11) 


sin n (3 _ 1 X 

B n ~ s k Z 

ft-i 


7k 


/ 77 + — 1 

/n—l/k s k 


sin k (t — y ). 


( 12 ) 

The proof of the two preceding expressions is given by 
H. L. Curtis. 4 

Substituting expression (9) in (10), expanding the 
difference of the angles, and substituting their respective 
values from (11) and (12), the nth term of i rB 


[ 



h 

7 r a 2 


A 0 Jo 0* ol u ) 


oo 

+ 2 ** Jm v a w ) cos m T ] 


4. H. L. Curtis, Scientific Paper No. 374 of the Bureau of 
Standards, Washington, D. C., 1920. 
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f L a a Jl_ Jn (j a r) 
L tt a? s n J n _ l (j a a) 




/n h — 1 yl 
! n - 1 7k ~s k 


cos n 9 I 1 


/c (7 - tt) J 


+ sin n e [ 2 


/ ft -f- k — 1 
jn - 1 'k ■ 


1 ^ 

an k ( 7 r- 7 ) J ududy. 


The above expression is then integrated between the 
limits 0 to 2 7 r and 0 to a. The sine term will become 
zero upon integration and drop out, and likewise 


in the preliminary equations. The introduction of 
these terms will not affect the general form of the final 
equations for the current density as given in (17) and 
(18) but will affect the coefficients A n , B n , C„,etc., and' 
F n , G n> H n , etc., which are dependent on the unknown 
currents h and I 2 and on the geometry and dimensions 
of the circuit. 

Thus, for the seven strand problem the coefficients are 
as follows: 

A 0 = ~ crJ?- a t . (21) 

2 Jiij a a) y ’ 

A = ^2 an _ j a a 

tt a 2 s n J n ~i (j a a) 

_i_ a n _ j a g r n tt 

?ra 2 s» J n _ i (j a a) [ 2 cos 


J[~£ 


{j a u) J 


udu = 0. 


, * n tt , 1 

+ (V3)» C0S 6 +_ (2) 


hr]' 


Thus there is left the integral of the nth term of the 
terms in m which is 

m= cd 

a m+n Jrn +1 ( j a a) f* /n + m- 1 n 

^ s m + " Jn-x (j a a) L 7 n - 1 /m J 

m=i -- - 

[F m cos m 7 r] J„ (j a r) cos n Q . (15) 

Let B n be the coefficient of J„ (j a r) cos n 9. 

Now let there be an additional current density in A as 
represented by the expression (15). The resulting cur¬ 
rent in A due to this additional current is given by 
C n J n (j o' r) cos n 6 (16) 

where C n is given by the formula for B n except change 
AtoB and FtoG. 

This process may be continued indefinitely, approach¬ 
ing the final limiting condition of the actual current 
density. The final current density in the two wires 
will be as follows: 


B = "S? a m+n J m ~ x ( j a a ) f / n + m - 1 
$™ +n Jn-i(jaa) L ~/n — 1 Jm 


[ Fm cos m 7T + 2 A m cos TEJTEL — El 
, 2 A n 7T (m — n) A™ 1 

+ (V3)*+» C0S 6 + —(2 j™+n J • C 23 ) 

Cn is given by the same expression as B n except change 
A to B and F to G, likewise for any subsequent terms. 

F - -fi an 3 & a T 

tt a 2 s" J„_ i (j a a) L cos n T 

+ 2 cos -~L + 2 cos + 1 J . (24) 

m~ co 

’ ^ ’ ?”+" J n _ 1 (j a as)’ 


71= CD 

; A 0 Jo 0 « r) + 2 M n J n (j a r) cos n 6 £ cos n tt -f 2 cos 


2 W 7T 72, TT 

O- r 2 COS —^— 


and for conductor G 


r 2 

Ao Jo 0 ol u) + ^ iV„ J„ O' a u) cos n y 


where ikf n = A n + B n + C n + . . . (i 9 ) 

and N n = F n + G n + E n + . . . ( 2 0 ) 

Thus far, only conductors A and G have been con¬ 
sidered for simplicity. For the seven-strand problem, 
the effect of conductors B, C, D, E, and F may be de¬ 
termined by the introduction of their respective terms 


/ n + m — 1 

jn — 1 /m * ( 23 ) 

. * s given by the same expression as G n except 
change A to B; likewise for any subsequent terms. 
For all terms except the sixth or multiples of the sixth, 
F n , G n , etc., will be zero. 

As said before the expressions for the current density 
will be as given in (17) and (18) with the use of the 
above coefficients. The expressions for the current 
density, in the other conductors, B, C , D, E and F 
will be similar to (17) except for the use of their respec¬ 
tive polar coordinates. 

There are now two unknown currents I x and J 2 . 
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Their ratio may be determined, since the conductors of 
the cable are in parallel, by finding the voltage drop 
in each wire in terms of h and I 2 . Then, the voltage 
drops in any two parallel filaments are equal and can be 
equated, giving the ratio of h/I 2 . 

The simplest expression to derive is that for the drop 
in the central filament of the wire. This, then, is equal 
to the drop in any other filament. In wire A the re¬ 
sistance drop in the central filament is io a where io is 
the current density at the center. Using equation (17) 
this is 


Ll a ~ j a a 

t a 2 /i ° ^ Ka 2 2 J x (j a a) 


(26) 


since J 0 (0) =1 and J n (0) = 0 where n 9 ^ 0. 

The reactive drop in the central filament due to the 
element of current i rB r d d dr is 


j ft) 2 i r g ( logh — 'jr d d dr (27) 

( l0Kh r d a d r 

- a- 2 J, (j aa){ gn r ) raaar 


n= co 

-T j oo 2 M n J n (j a r) cos n 6 ^ logh ) r d 6 dr. 

71 —\ 


(28) 

This takes into account the flux up to a certain large 
distance p. The expression logh denotes the hyperbolic 
or natural logarithm. Equation (28) was obtained by 
the use of equation (17). To find the reactive drop due 
to the entire current I h the above expression is inte¬ 
grated from d = 0 to 2 7r and r = 0 to a. The integral 


of the second term of (28) will be zero since 


J 


cos nd dd 


= 0. That of the first term integrating by parts, 

_ . ,, „ j 00 4 7T . 

remembering that a* =-—-is 


1 1 £_ 
7r a 2 


iaa J» (j a a) ■ 2 /, i og h S. 

2 JAl a a) a 

h <J j act 
~~ 7 r a 2 2 J i (j a a) 


(29) 


Then the impedance drop at the center of the wire A 
due to 1 1 is the sum of equations (26) and (29) and is 


hjL- A 0 Jo O'a a) A j w2/ilogh —- . (30) 

7T CSj a 


The reactance drop at the same central filament in A 
due to currents expressed in the same form as in equa¬ 
tions (17) and (18) in the other conductors may be added 

on. 

Similarly, the impedance drop in the central filament 
of conductor G carrying current I 2 may be found. Since 


the two wires are in parallel, the impedance drops must 
be the same. The two equations may then be equated 
and the ratio of h to J 2 determined. 

For the case of the seven strand conductor the im¬ 
pedance drops in conductors A and G are as follows: 


E a = 


ha 

7 r a 2 


Ao Jo (j a a) + j 00 2 h logh 


+ j oo2h logh 


p 6 

6 as 5 


+ j oo 2 

n —1 


N n 7r a 2 cos n tt - 

n s n 


J n +1 ( j a a) 
j a a 


+ j 

71=1 


Jn+ 1 (j a a) 
j a a 


a n 
n s r ‘ 


X 


r 0 n tt . 2 n tt , 1 "| 

[^2 cos 3 + (V3)n cos 6 + -jgyr J- 
and 


(31) 


E, = Ao Jo (j a a.) +j w 2/,logh-^ 

7T Cl'' CL 


+ j CO 12 h logh -~ 


+ j co 12 M n 


TT a 2 JlL J n+l Q_«g)_ > (32) 

n s n j a. a K 


It is to be noted again that M n and N n are expressions 
involving the unknown currents h and I 2 as well as the 
geometry of the circuit. 

For the determination of the watts loss and the re¬ 
sistance ratio, the process is as follows: 

Let ■ e rg = a i rB • (33) 

Then by equation ( 10 ) of J. R. Carson’s paper, 5 ' 

j li co Ere = e r g (34) 

where pis the permeability and, for this case, equal to 1. 
E r e is the tangential component of the magnetic force 
due to the currents in the wires. 

Then 

j 00 Ere = j/j r- AojqJo' (j a r) 

7T Uj 

n— oo 

. + 2 a Mnj OL Jn' (j OL r) cos n d. (35) 

71=1 

By equation (18) of Carson’s paper, the true energy 

5. “Wave Propagation over Parallel Wires: The Proximity 
Effect,” by J. R. Carson, Philosophical Mag., April, 1921, page 
607. 
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transferred to or from one centimeter of wire through its 
surface, according to Poynting’s theory, is equal to the 
resistance loss and is 

6 = 2t 

11 R' - real part of ^ ? d K,H at d6. (36) 

e =o 

This it is noticed involves only values at the surface of 
the wire, so the integration is not complicated. The 


Results 

The expressions having been derived, two calculations 
were made using tables of J n (& J \/ j ) calculated by 
H. B. Dwight. 6 A value of b = 2 was chosen which for 
the size of wire corresponds to a frequency of '88,300 
cycles/second. Calculations for two spacings, s/a = 2 
and s/a = 3.76 corresponding to curves A and C of- 
Fig. 5, were made. 

The calculated results as compared with the eorre- 
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D 


fif fen*- 
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E 
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r 

1.00 d. 1.05 d. 1.88 d. 3.85 d. 6.32 d. ' 


©r 


Fig. 4—Wire Spacing. (Kennelly and Appel, Reperence 1) 


term e ag is the conjugate of e aB , taken at the surface, and 
is obtained by replacing / by — j. 

Then the loss in conductor A is 

6 f f r O' (Mq Vp' — Up' Vo) I i 

2 L 1 1 1 7r a 2 (u 0 ' 2 + V 2 ) J 

TL= CO 

+ 2 -jnr ^ . (37) 

n—1 

and the loss in conductor G is 
6 f f T a (u Q v 0 ' - uff Vo ) "| 

“2L 2 2 Tra 2 (mo' 2 + V 2 ) J 


+ 2 -J7T ft. #.(«•».'-«.'»•). (38) 

71=1 


It is to be noticed that 

M n M n = |M n | 2 and7iZi = | h i 2 , etc. 

The-loss in any one wire at zero frequency is given 


I 2 (X 
49 7r a 2 


(39) 


Then by determination of the loss by equations 
(37) and (38) and the loss for the same conditions 
at zero frequency by (39) the ratio of losses will give 
the resistance ratio for conductors A and G and thence 
the average resistance ratio of the cable may be 
determined. 



Fig. 5—Effect of Strand Spacing on the Skin Effect op a 
Stranded Conductor. (Kennelly and Appel, Reference 1) 

sponding results of Fig. 5 for these spacings are as 
follows: 

s/a - 2 s/a — 3.76 

Calculated. 2.19 1.58 

Figure 5 (test). 2.15 1.53 

The resistance ratio for an equivalent single round 
conductor for the same conditions is 2.1457. 

6. Proximity Effect in Wires and Thin Tubes, by H. B. Dwight, 
Trans. A. I. E. E., 1923, page 858. 
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President’s Address 

BY CUMMINGS C. CHESNEY 


T HE fact that the provision of the Constitution of 
the American Institute of Electrical Engineers 
which assigns the address of the President to the 
close rather than to the beginning of his term, seems 
to me to indicate a desire on the part of the Institute 
to have this address include in some measure, the ideas 
of the retiring President, acquired during his term on 
matters of general concern to the Institute, and to 
review those problems of procedure, organization and 
policy, which may assist the Institute to grow and 
develop in a way which is healthy and for the best 
interests of its members, for the engineering profession 
as a whole, for the good of the electrical industry and 
the communities which we represent. It seems fitting 
therefore at this time to bring to your attention several 
outstanding features of the year just past. 

It has been my privilege as your President to have 
visited many of the more remote Sections of the In¬ 
stitute, for instance Salt Lake City, Los Angeles, San 
Francisco, Portland, Seattle, Spokane, and all of the 
Sections in Canada,'together with many of the Sections 
located in the eastern cities and in the central West. 

I had in mind visiting all of those Sections, which, on 
account of their geographical location, have either never 
been visited by a national officer, or have been visited 
very infrequently. I am sure that it will be gratifying 
to all to learn of the increasing interest and activity 
in Institute affairs all over the country which it was 
my pleasure to find;, and also to learn of the greater 
appreciation of the value of the Institute professionally 
and practically; but I have also noted many times in 
meeting with the officers of these Sections and discussing 
their problems, what an important part of our Institute 
activities these Sections constitute and how much of 
the future growth and vitalizing power of the Institute is 
dependent upon their success. 

The Institute and its Sections can well be likened to 
a hydroelectric power system, where the Sections may 
be represented as so many small rivers reaching out in 
all directions, bringing their supply of power through 
the main artery to the central power house which con¬ 
verts their combined energy into a total useful effort. 

At the regional meetings held by the Institute in 
various Sections of the country, out of a total member¬ 
ship of 19,000, several hundred national members may 
attend. For instance, at the regional meeting held at 
Madison, Wis., 180 were registered; at Niagara Falls 
580 were registered; at New York 700; at Kansas City 
225; at Bethlehem, Pa., 400. On the other hand, at 
the Sections meetings held during the year thousands 

Presented at the Summer Convention of A. I. E> E., Detroit, 
Mich,, Junc 20-24,1927. 


of members get together and carry on in the many 
sections the real development work of the Institute. 
There are 95 Student Branches, which held 842 meetings 
last year, at which 42,650 members were registered. 
There are 52 of the regular Sections which held 432 
meetings last year, at which 60,708 were registered; 
in other words there were over 100,000 members total 
of local Sections and Branches that attended meetings 
last year. r 

It is thrpugh the regular meetings of Sections that 
the young engineer makes his first contacts and receives, 
in many instances, the inspiration that influences the 
character of his life’s work. 

What the meetings of the Institute really mean to 
the members has been ably pointed out by President 
Scott in 1902, at the time of his presidency, when the 
Institute was developing at a rapid pace. A committee 
was formed on local Sections at this time with the 
authority to make arrangements for the holding of 
local meetings. There had been a few Sections operat- 
ing at the time but active steps were then taken to 
develop broadly the Section idea. As Professor Scott 
so ably said, “In a profession, whose interests are so 
diversified and extended, workers should be brought 
together; they should have a common meeting place 
where ’ discoveries may be announced, inventions 
discussed, engineering schemes criticized, and new 
undertakings presented and discussed. Here the 
student and professor, the investigator, the manu¬ 
facturer, the operator and consulting engineer may meet 
upon common ground. The professor who regards 
lightly the work of the designing or construction 
engineer may find that his own cherished formulas 
are derived from rules and contain the constants, which 
the practical man has determined for himself. Asso¬ 
ciation leads to mutual understanding, it curbs eccen¬ 
tricity and one-sided development, promoting symmet¬ 
rical advancement.” 

During the year, I have been especially interested 
in watching the growth and accomplishments of all 
Sections of the Institute, and as might be expected, 
have been particularly interested in the growth and 
development of the Pittsfield Section, my home Section. 
This Section, the largestin the Institute, has a combined 
national and local membership of 1000 members, and 
it is not uncommon to have at the meetings more than 
800 in attendance. This Section is not only a common 
meeting ground for all ambitious young engineers in 
the community, but at the same time it represents a 
definite part of the city and community life. A large 
number of people interested in the general meetings 
purchase a membership ticket and attend the popular 
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meetings at which important investigators, scientists, 
and explorers give talks and demonstrations covering 
their experiences. The Institute Section is the leading 
dignified engineering group in the community and, being 
interested in the community’s growth, all the leading 
citizens feel honor-bound to belong to it. The local 
papers report the meetings in an elaborate way, some¬ 
times half a page being given to a single meeting. 
This publicity spreads the work of the Institute beyond 
the city limits so that the effectiveness of the Institute 
as an educational and social influence is far-reaching. 

In addition to the large general meetings, discussion 
or round-table technical meetings are held, at which 
the more ambitious young engineer meets on a common 
ground, and can engage in oral discussion, with the 
senior engineers of the community upon subjects of 
vital interest to him. Such discussion develops self- 
confidence, attracts attention to the younger engineer, 
creates the desire on his part to present papers at 
regional meetings, and affords an outlet for his latent 
energy, his enthusiasm, and his creative ability. 

As he gains in experience he is placed on committees 
and given an opportunity to do organization work. 
After he has served for several years in a minor capacity, 
further responsibilities are added and the extent to 
which he continues his efforts in the interest of his 
Section aids his progress in securing a higher office 
as a reward. Simultaneously with such progress he 
becomes identified with the national organization, 
taking an active part on the main committees. 

This opportunity for self-expression and growth 
afforded the younger engineers through the local Section 
is vital, for here he learns one of the fundamentals of 
life—that progress comes only through constant effort. 
The methods, which have been followed by the Pittsfield 
Section, develop the activities of the Section‘and have 
resulted directly in the growth and development of the 
individual member; they have been followed to some 
extent by other Sections, and while the Pittsfield idea 
is worth copying there are other similar successful 
experiences in other Sections of the Institute that are 
equally entitled to thorough study and consideration 
by the national officers. 

I believe there is need for outlining a more definite 
policy for Section activities based on the opportunities 
for training and growth afforded the younger members. 
Such a policy would include more specific plans for 
lectures and round-table discussions than have hereto¬ 
fore been the practise, and gives a chance for develop¬ 
ment of organizing and managerial ability- It should, 
of course, include the opportunity to prepare papers, 
to engage in oral discussions, and to take a more in¬ 
timate part in community work. 

An engineer, because of his education, is accustomed 
to analyze conditions and arrive at basic truths, and 
if his special abilities which invite confidence could be 
adapted to our community problems it would have 


a very direct bearing on the future progress and effi¬ 
ciency of our industry and our country. 

The Speaker Bureau idea came into effect this year, 
in a limited way. Through this bureau it is expected 
the Sections may more readily get talented speakers 
and lecturers. The idea is sound and should become 
more and more valuable each year and should be given 
special consideration in the future. 

The Committee on Public Relations, by formulating a 
definite plan of procedure based, of course, on the ex¬ 
perience of the older sections, can greatly aid in extend¬ 
ing more rapidly the influence in their several 
communities of the younger or more newly organized 
sections. 

For the purpose of the study of the section idea and 
the ready exchange of ideas between them, and for the 
purpose of extending the sections’ local and national 
influence, our new Assistant Secretary, -Mr. Iienline, 
was added to the national executive staff last January, 
and while he has not authorized me to speak for him, 
coming from the Golden West, I know his progressive 
spirit makes him ever ready to render any assistance 
within his power to any section. May I also at this 
point commend the work of Prof. Harold Smith during 
the past several years as Chairman of the Sections 
Committee. The Institute is under a deep debt of 
gratitude to him. We cannot too much emphasize 
the fact that without the help of the Sections, through 
their vigorous and helpful growth the usefulness and 
future stability and the influence of the Institute will 
be seriously handicapped; whereas with the constructive 
and vitalizing work which the Sections are able to 
contribute to the Institute’s affairs there will be every 
reason to expect that the past effectiveness of the 
Institute will continue indefinitely. 

During the past year, your executive officers and your 
Board of Directors have given more than usual attention 
to the subject of Electrical Standardization. It is a 
subject that has had the particular attention of practi¬ 
cally every Board of Directors since the appointment 
of the first Committee of Standardization by the In¬ 
stitute in 1898. 

There has been intense interest in standardization 
through the older engineering organizations and also 
through the newer trade associations, both national 
and international, which has brought forth recent state¬ 
ments from prominent writers, such as, “Standardiza¬ 
tion is the outstanding note of this present century. 
It ramifies to the remotest details of our industrial 
regime. Its trends are highly significant. They tap 
all sources of scientific knowledge and affect every phase 
of design, production, and utilization.” From another 
author—“Standardization is a new and outstanding 
influence in modern industry. It is based on an 
economic conception of utility, and its trends and rami¬ 
fications affect every aspect of design, production, 
and utilization.” 
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These are excellent and general statements of fact, 
but submit no reason for this recent great activity in 
this line, which is now so generally recognized. It is, 
in my opinion, largely the direct outcome of the scarcity 
of labor since the great war and the passage of our new 
immigration law, and the laudible desire to maintain 
and extend the high standard of living which, in this 
country, we have enjoyed for the past quarter of a 
century, and during which tens of millions of people 
have attained standards of comfort and of culture far 
higher than those of any other country in the world, 
and immensely in excess of anything hitherto known in 
the world’s history. 

All this argues for the maintenance and increase of 
the present earnings of the worker and at the same 
time requires the lowering of the cost of production. 
Standardization—which permits more readily repetitive 
methods of production—stimulates the invention of 
machines to do more rapid, more accurate, and more 
skilled work. It stimulates the increased use of con¬ 
veyors and other mechanical means for reducing the 
amount of labor required for handling and transporta¬ 
tion, all of which makes for the increase of the 
productivity of the individual and thus directly for the 
increase of the national wealth. 

Standardization and mass production contribute to 
decreased cost, not only through the economies effected 
in the manufacture of the product but also in the 
economies effected— 

1. In calculations and designs. 

2. In the preparation of drawings and specifications. 

3. In making propositions in response to requests 
from customers. 

4. In selling costs. 

(1) Economies are effected in design largely through 
savings in time of engineers by the elimination of odd 
types and designs, thus freeing the engineers for other 
work. Standardization of circuit voltage and periodic¬ 
ity and of permissible limits of variation of these in 
service, permit the manufacturer to reduce the number 
of varieties of machines. Furthermore, by standard¬ 
ized working limits, such as dielectric strength and 
temperature rise and other characteristics such as regu¬ 
lations, stalling load, starting torque, etc., the engineer 
can more quickly complete the engineering work on a 
given design by reason of his knowledge of the results 
which are usually obtained by working to a single 
standard and by the familiarity and facility he has 
attained through the working out of many similar 
designs. If he has different limits to work to in differ¬ 
ent cases obviously he must employ more variables in 
his calculations. 

As an example consider that an engineer has been 
accustomed to designing a given kind of electrical 
machine for a high potential insulation test of a given 
severity and that suddenly he must design a similar 
machine of the same rating but for a higher insulation 
test. He must employ more space for insulation 


(granting that a better kind of insulation cannot be- 
obtained) and this will leave him less space for iron and 
copper. Immediately his whole design must ’ be 
changed. 

(2) The standardization of material and parts and 
the reduction of number of varieties, leads to less and 
simpler drawings and specifications so that a given 
staff of engineers and draftsmen can deal with a much 
larger volume of business. 

(3) By the standardization of certain requirements, 
the buyer and seller become accustomed to specifying 
machines on these bases; useless or relatively unim¬ 
portant tests are less likely to be demanded by the 
buyer; printed specification forms may be provided 
which simplify the labor of making up a specification 
and knowledge and familiarity with similar cases (based 
on the same standards) enable an estimate of cost to 
be made more quickly and easily. These, and many 
other considerations which will suggest themselves to 
any one investigating the matter, serve to reduce the 
cost of the preparation of specifications and making of 
tenders. 

(4) Standardization makes cataloging possible. The 
greater the degree of standardization, the greater is the 
simplicity and the usefulness of the catalogue. In¬ 
formation which can be brought to the customer through 
the medium of the catalogue and handbook requires 
less effort on the part of the sales force; or, conversely, 
a given sales force can deal with a larger volume of 
business. A salesman to be fully informed needs to 
carry less in his head, consequently he can handle 
more work in one special subject or a greater number of 
special subjects than would otherwise be the case. 

With the less variety of sizes of a product, the less is 
the value of the stock which has to be carried by 
various distributors and products. 

Thus, costs, associated with engineers, draftsmen, 
salesmen, and some components of overhead, are, with 
modern mass production, materially decreased by 
standardization. This is in addition to the decrease 
in the strictly production costs. All together these 
combine to increase the growth and influence of the 
electrical industry which is primarily our concern. 

The first standards for electrical machinery generally 
followed by the American electrical industry were those 
prepared by the original Institute committee, and 
adopted by the Institute in June 1899. A review of the 
proceedings of each successive Committee of Standardi¬ 
zation since that date indicates that all of these com¬ 
mittees were fully aware of the flux and changes that 
were taking place in industry, and while these com¬ 
mittees consisted entirely of engineers—who, by nature 
and training, loved law and order and who might be 
supposed, on that account, to be ultra-conservative and 
possibly timid—they were, however, endowed with the 
spirit of progress which collectively turned their hopes 
and aspirations to the future; they saw the world of 
industry not as a still tableau but as a moving picture 
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and in consequence the accomplishments of each year better article or to render it a better service at a lower 


were progressively better than the year before. 

They recognized that no standard could be final— 
since science was continually advancing and more 
effective equipment was steadily being introduced 
into industry—but they also recognized that changes 
must not be made so frequently as to unduly disturb the 
industry and only when a serviceable gain justified the 
change. 

These committees to date have taken the initiative 
in the formulation of all electrical standards of America, 
and their work has been recognized as being authorita¬ 
tive throughout the entire world. Their procedure 
and their resulting standards during this period of more 
than a quarter of a century have been acceptable to 
the manufacturing and consuming interests, as well as 
to the general public. The industry has learned to 
value and to depend upon the A. I. E. E. Standards 
in commercial transactions covering matters of interest 
to all sections of the electrical industry. There has 
been no attempt to dictate to the industry but standards 
on any particular line have been introduced only when it 
is clear that all interested agree that the step is wise 
and desirable. 

In the Institute Standards Committee, or in its sub¬ 
committees, the manufacturer and purchaser and the 
general interests came together and developed the 
required standards in a way which has been generally 
satisfactory in the past to all the interested sections of 
the industry. The electrical standards so issued 
always have been identified with the name of the In¬ 
stitute. It is well known that the Institute as an 
organization has no interest other than one of public 
service, which duty the Institute has always performed 
at its own expense. The Institute in performing this 
service, although voluntary, has assumed obligations 
during the past 28 years to the electrical industry 
and the public which would make it now embarrassing, 
if not impossible, to discontinue the present practise or 
lessen its responsibilities until a more simple and direct 
method has been devised and demonstrated. 

For fear that some who have not had the opportunity 
to study in an intimate way the subject of Standards 
and Standardization, may not understand what the 
terms mean—I quote from my February 7th address: 

“In this country and in Great Britain the term 
‘standardization’ has grown to mean, in the minds of 
engineers, not only a simplification in the number of 
types and sizes and the securing of interchangeability, 
but also the laying down of performance rules or codes 
for all types of apparatus, including measuring instru¬ 
ments, prime movers, generators, transformers, and 
motors. Thus broadly the term ‘Standard’ in addition 
to being a measure of quality of standards of compari¬ 
son, means a'common unified practise, method, or dimen¬ 
sion, which it is to the interest of industry and the 
community to adopt Back of any policy of standardi¬ 
zation is primarily the purpose to furnish the public a 


cost. 

“In 1916 the need for a National Clearing House for 
engineering standards became apparent, in order to 
prevent duplication in standardization work and in 
promulgation of conflicting standards. To formulate a 
method of cooperation, a special joint committee- 
made up of representatives from the American Institute 
of Electrical Engineers, American Institute of Mining 
Engineers, American Society of Civil Engineers, Ameri¬ 
can Society of Mechanical Engineers, and American 
Society for Testing of Materials—held its first meeting 
January 17, 1917. The result of this meeting and 
subsequent meetings was the organization of the 
American Engineering Standards -Committee. This 
Committee initially consisted of representatives of these 
five institutions. Shortly after its organization, govern¬ 
ment representatives were admitted; and in 1919 the 
Constitution was broadened to permit the representa¬ 
tion from other national bodies. The Committee now 
includes representatives from seven departments of the 
Federal Government, nine national engineering socie¬ 
ties, and nineteen national industrial associations. 

“The American Engineering Standards Committee, as 
at present organized, is a coordinating committee, 
and not a standards-making body. All standards are 
to be formulated and published by the respective 
societies, making the standard a function of great value 
and scop e to industry. This intention is clearly expressed 
in the Constitution, and the American Engineering 
Standards Committee is primarily an administrative 
and policy-forming committee. 

“As stated by its Secretary, perhaps the most important 
accomplishment of the American Engineering Standards 
Committee-has been the actual launching of the work, 
setting up machinery, and securing the official co¬ 
operation of some three hundred national organizations, 
that is the fundamental job of breaking ground. 
Ninety-seven standards have been approved for the 
engineering and building trade—ten have to do with the 
electrical industry. In my opinion this is a very excel¬ 
lent record of accomplishments to date. The Secretary 
also states that everyone who has examined the work 
before the American Engineering Standards Committee, 
agrees that the whole movement of making American 
standards is being seriously crippled by the lack of 
adequate financial support. The total annual budget is 
$58,000. The American Institute of Electrical Engi¬ 
neers as such contributes to the American Engineering 
Standards Committee $1500 annually. Due to legal 
restrictions the government departments are unable to 
pay dues, and a special provision is made exempting 
them from such payments. 

“The Secretary also expresses the opinion that inertia, 
lack of interest and understanding of the standardiza¬ 
tion method as a whole, and of its economic relations 
to their business on the part of executives and in¬ 
dustrial groups, has been one of the greatest difficulties 
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encountered in the successful accomplishment of the 
■ committee’s work. It is now proposed, by the process 
of amendment, to make a material and fundamental 
change in the Constitution of the American Engineering 
Standards Committee This can only be done by the 
, unanimous consent, notwithstanding the general pro¬ 
vision in the Constitution, providing for its amendment 
by a lesser vote. Such provisions only apply to in¬ 
cidental amendments made to carry out the purpose of 
the organization, and not to fundamental changes— 
any amendement that aims to convert the American 
Engineering Standards Committee into a standards- 
making body, or into a body that would interfere in the 
autonomy, in standardization work, of the representa¬ 
tive societies would be unconstitutional. 

“On February 9,1926, during Dr. Pupin’s administra¬ 
tion, the Board of Directors authorized a brief state¬ 
ment of its policy to its representatives on committees, 
or on joint bodies, dealing with the formulation of 
standards; 

1. To continue to develop, publish, and maintain in 
the name of the Institute electrical standards as it has 
done for the past 25 years. 

2. That in doing this work the Institute will continue 
as it has in the past to avail itself to the fullest degree 
of the assistance of others—both individuals and 
organizations—with a view to serving the interests of 
all who may be properly concerned in the work. 

3. That Standards, after having been developed by 
the Institute in accordance with 1 and 2, and adopted 
by the Board of Directors as Institute Standards, will be 
presented to the American Engineering Standards Com¬ 
mittee for approval by it as American Standards when, 
in the opinion of the Institute, such a step is proper. 

4. That such presentation to the American Engi¬ 
neering Standards Committee for their consideration for 
approval as American Standard will be done in full 
conformity with the Constitution, By-laws, and Rules 
of Procedure of the American Engineering Standards 
Committee, which Committee the Institute was instru¬ 
mental in initiating and has continued to and does 
now endorse and support. 

5. That when and if Standards of the A. I. E. E. 
have been further advanced to the stage of being 
designated as ‘Approved as American Standard by 
the American Engineering Standards Committee/ 
they shall continue to be printed as standards of the 
A. I. E. E. with a statement of approval by the 
American Engineering Standards Committee added to 
the title page of each particular standard.” 

This statement I understand to mean that the 
American Institute of Electrical Engineers is in sym¬ 
pathy with the American Engineering Standards 
Committee as it is now organized, but that any changes 
affecting the fundamental character of the committee 
may not be acceptable to it. 

Something over a year ago, a movement was under¬ 


taken to form an International Standards Association, 
the proposed organization to have a national com¬ 
mittee in each country. In America, the national 
committee was to be the American Engineering Stand¬ 
ards Committee. As it has been stated heretofore, 
its (A. E. S. C.) principal constitutional object is to 
supervise standardization work, but it is expressly 
stated in its constitution that it shall not formulate 
standards. There is, however, a clause in its con¬ 
stitution which states that one of the objects of the 
American Engineering Standards Committee shall be 
“to act as the authoritative channel of cooperation in 
international engineering standardization.” 

The Institute has subscribed to the American Engi¬ 
neering Standards Committee constitution. It is also 
a member of the United States National Committee of 
the International Electrotechnical Commission, which- 
has been and is at present the body through which the 
electrical industry of America is conducting its inter¬ 
national standardization work. The Institute is thus 
faced with a conflict of obligations. The most reason¬ 
able course is for it to go before the American Engineer¬ 
ing Standards Committee with a frank statement 
. of the case, and ask the American Engineering Stand¬ 
ards Committee for its support for the course which the 
Institute considers to be in the best interest of the 
electrical industry of this country, at the present time. 
Under the procedure of the International Electro¬ 
technical Commission much of value has been 
accomplished in establishing international electrical 
engineering standards. This field alone is a very large 
one, and it would appear unwise to abandon the present 
successful plan for the untried plan of an International 
Standards Association which does not appear to be 
based on such sound fundamental principles. The 
success of the International Electrotechnical Com¬ 
mission has been so considerable that it could well be 
duplicated in other engineering fields such as mechanical, 
civfl, and mining fields, etc. If this were done, then we 
should, in addition to the International Electrotechnical 
Commission have an International Mechanical Com¬ 
mission, an International Civil Commission, etc. 
At some future time it might become desirable to tie 
these international organizations into an international 
technical commission, but it would at this time be pre¬ 
mature to try to decide whether this last step would be 
desirable and when it should be undertaken. 

It would appear that if the electrical industry is a unit 
in desiring to continue the International Electro¬ 
technical Commission, and in believing that its interests 
would be seriously endangered by going over to a new 
plan, representations to this effect should be made in 
proper form and on the proper occasion to the American 
Engineering Standards Committee. While the Inter¬ 
national Electrotechnical Commission recognizes that 
its field is electrical, and that the desired international 
accomplishments in that field alone constitute an 
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enormous task, it is also recognized that its 20 years of 
experience constitute a considerable asset. The Inter¬ 
national Electrotechnical Commission has never taken 
advantage of this asset in a selfish way. In cases where 
in other fields of engineering, it should be desired to 
make use of the International Electrotechnical Com¬ 
mission’s organization and experience, either tem¬ 
porarily or permanently, for work in other lines, the 
International Electrotechnical Commission is prepared, 
as in certain cases in the past, to offer its facilities and 
to adapt them to include the added work. In such cases 
the International Electrotechnical Commission could 
arrange with the organization in whose field the work 
belongs for additional representatives from that organi¬ 
zation’s membership. If at a later time the co¬ 
operating organization, through the establishment 
of its own international organization, or from any other 
reason for change of policy, should decide to discontinue 
the arrangement, this without doubt should and would 


meet with the hearty agreement of the International 
Electrotechnical Commission. 

Three open problems on standardization thus con¬ 
front the Institute and their importance justifies a 
prompt solution but not a hasty one. 

First: The internal routine to be followed through 
its Committee on Standards for the handling of stand¬ 
ards and standardization should be revised. This 
has to do primarily with the A. I. E. E. Standards. 

Second: The present and future status of the Ameri¬ 
can Engineering Standards Committee should be 
determined. 

Third: The relation of the American Institute of 
Electrical Engineers to the United States National 
Committee of the International Electrotechnical 
Commission. 

These I repeat are important and vital problems and 
need, for the best interest of the Institute and the 
industry, a prompt solution. 



Report of the Board of Directors 

FOR THE FISCAL YEAR ENDING APRIL BO, 1927 


The Board of Directors of the American Institute of Electrical Engineers presents herewith to the membership 
its Forty-third Annual Report, for the fiscal year -ending April 30,1927. A general balance sheet showing the 
condition of the Institute's finances on April 30,1927, together with other detailed financial statements, is included 
herein. The following is a brief summary of the principal activities of the Institute during the year;more detailed 
information .has been published from month to month in the Institute Journal. 


Directors’ Meetings. —The Board of Directors Following the .business meeting a talk was given on 
held seven meetings during the year; six in New York “A High-Power Laboratory for Testing Oil Circuit 
and one at White Sulphur Springs, W. Va. The Breakers and other Apparatus” by W. R. Woodward of 
Executive Committee acted upon various matters the Westinghouse Elec. & Mfg. Co. This part of the 
during intervals between Board Meetings. meeting was held under the auspices of the New York 

Information regarding the more important activities Section. Attendance about 600. 
of the Institute which have been under consideration of Summer Convention. —The Forty-second Annual 
the Board of Directors, the committees, and the various Summer Convention was held at White Sulphur Springs, 
officers, is published each month in the section of the \y. Va., June 21-25, 1926. Four technical sessions 
Journal devoted to “Institute Activities.” were held at which thirteen papers were presented. 

President’s Visits. —President Chesney has at- In addition two special sessions were devoted to 
tended the three National Conventions of the Institute the presentation of technical committee reports, 
held during the year and in addition visited many of The annual conference of the Sections Committee 
the Sections. The following is a list of places visited: was held on Monday, June 21; forty-three Sections 
White Sulphur Springs, W.Va., (Summer Convention); were represented. The entertainment program in- 
,Salt Lake City, Utah, (Pacific Coast Convention); eluded golf and tennis tournaments, sightseeing, and 
New York, N. Y. (Winter Convention); Niagara Falls, special features. Attendance, about 350 members 
N. Y., (Regional meeting); New York, N. Y., (Regional and guests. 

meeting); Los Angeles, Cal.; San Francisco, Cal.; Pacific Coast Convention. —The Fifteenth Pacific 
Portland, Ore.; Seattle, Wash.; Spokane, Wash.; Coast Convention was held at Salt Lake City, Utah, 
Vancouver, B. C.; Regina, Saskatchewan; Pittsfield, September 6 to 9, 1926. Five technical sessions 
Mass.; Sharon, Pa.; Syracuse, N. Y.; Springfield, we re held at which nineteen papers were presented. 
Mass.; Bridgeport, Conn.; Chicago, Ill.; Ithaca, N. Y.; Attendance about 250. 

Toronto, Ont. _ Winter Convention. —The Fifteenth Winter Con- 

Other meetings that President Chesney is scheduled ven tibn was held in New York, N. Y., February 7-11, 
to attend will be held in Cleveland, Ohio; Ft. Wayne, 1927 . Thirty-five technical papers were presented at 
Ind.; Pittsfield, Mass. (Regional meeting); and Detroit, e j g ^ sessions. Numerous inspection trips, a smoker, 
Mich., (Summer Convention). an d a dinner-dance were also scheduled. Attendance 

Meetings. —Three national conventions of the In- was over 1900. 
stitute were held during the year, namely, the Summer, Regional Meetings.— During the year five Regional 
Pacific Coast, ana Winter. The annual business meetings were held. The first in District No. 5 at 

meeting was held in May. Regional meetings under Madison, Wis., May 6 and 7, 1926, at which eight 

the auspices of the geographical districts were held in papers were presented during three sessions, attendance 
Madison, Wis., District No. 5; Niagara Falls, N. Y., about 180; second, at Niagara Falls, N,'Y. in District 
District No. 1; New York, N. Y., District No. 3; No. 1, May 26-28, 1926, twenty-three papers were 
Kansas City, Mo., District No. 7; Bethlehem, Pa., presented at five sessions, attendance over 580; third, 
District No. 2. A regional meeting is also scheduled New York, N. Y., District No. 3, November 11 and 12, 
for Pittsfield, Mass., District No. 1, in May. . 1926, eleven papers were presented at three sessions. 

Annual Meeting. —The Annual Business Meeting in addition the program also included inspection trips, 
was held at Institute headquarters, New York, on a lecture, and a demonstration of the Vitaphone, 
May 21, 1926. The Annual Report of the Board of registration over 700; fourth, Kansas City, Mo., 

Directors for the fiscal year ending April 30, 1926, was District No. 7, March 17-18, 1927, twelve papers 

presented. The Tellers Committee made its report were presented at four sessions; student conference, 
upon the election of officers for the administrative year inspection trips, attendance approximately 225; 
beginning August 1,1926. fifth, Bethlehem. Pa., District No. 2, April 21, 22, 


1159 




1160 


REPORT OF BOARD OF DIRECTORS 


and 23, 1927, ten papers were presented at four 
sessions, inspection trips, lecture, attendance about 400. 

Sections. —The increased activity of the Sections 
mentioned last year has been well-maintained. The 
cooperation and affiliation of Sections with Sections of 
other national engineering societies and with local 
engineering societies have remained prominent subjects 
of discussion. Definite advances have been made in 
the development of plans to bring about closer contact 
between engineers and the general public. The 
growing interest in this subject is well illustrated by the 
report of the 1926 Sections Committee Conferences, and 
by the records of several Sections which have planned 
some of their meetings to attract non-engineers. 
The increasing number and success of the Regional 
Meetings (see listing under Regional Meetings) are 
additional evidences of Section activity. The Sections 
have given greater attention to cooperation with neigh¬ 
boring Student Branches, with very good results. Four 
Sections have sponsored Student Conventions, and a 
considerable number have held joint meetings with 
Branches. Several have devoted regular meetings to 
Student programs, and in other cases joint programs 
have been arranged. During the past year, a Section 
was organized at Louisville, Kentucky. 

Student Activities. —During the past year, pro¬ 
visions were made for the organization in each District 
of a Committee on Student Activities consisting of the 
Vice-President, District Secretary, and the Counselors 
of all Branches in the District, and for the holding, 
under its auspices, of an annual conference on Student 
Activities in order that the activities of all Branches 
in the District might be more effectively coordinated. 
Such conferences have been held by the Committees 
of seven Districts, and have resulted in much helpful 
discussion of all phases of Student activities. A 
considerable portion of the increase in Student Branch 
activity may be ascribed to these conferences and to the 
greater efforts of the Sections and the Counselors of 
the Branches to establish closer relations between 
Sections and Branches. Very successful Student 
Conventions, sponsored by Sections, have been held in 
four Districts, with approximately twenty Branches 
participating and an aggregate attendance of about 800. 
A separate department devoted to Student activities 
was inaugurated in the Journal in January 1927. 
Upon recommendations of the Committee on Student 
Branches, the Board of Directors approved a statement 
of Suggested By-Laws for Branches,” and adopted a 
By-Law (59A) providing for the affiliation of established 
student engineering societies with the Institute. New 
Branches were authorized during the year at Louisiana 
State University, University of New Hampshire, 
Princeton University, Municipal University of Akron, 
Newark College of Engineering, University of Santa 
Clara, Mississippi Agricultural and Mechanical College, 
Duke University, and Northwestern University. 


SECTION AND BRANCH STATISTICS 




For Fiscal Year Ending 



April 30 

April 30 

April 30 

April 30 


1921 

1923 

1925 

1927 

SECTIONS 

Number of Sections. 

42 

46 

49 

52 

Number of Section 





meetings held. 

303 

344 

386 

431 

Total Attendance.... 

37,823 

46,672 

49,029 

60,708 

BRANCHES 

Number of Branches. 

65 

68 

82" 

95 

Number of Branch 





meetings held. 

443 

503 

548 

842 

Total Attendance.... 

21,629 

26,893 

27,603 

42,650 


Meetings and Papers Committee. —During the past 
year, the Meetings and Papers Committee has followed 
practically the same policy as followed during the 
last three years in arranging technical programs for the 
national conventions and regional meetings. 

Three national conventions have been held and five 
regional meetings. At all of the conventions and meet¬ 
ings there was a total attendance of over 4500; 144 
technical papers were presented. Detailed information 
on these meetings is given in the accompanying 
tabulation. 

One of the most note-worthy developments of the 
year was the growth in the number of regional meetings 
and the increased interest taken in them. These 
meetings seem to be fulfilling their purpose in a very 
desirable manner. They allow the attendance of a 
large number who could not attend a national con¬ 
vention of the Institute. Also, they allow the presenta¬ 
tion in a particular territory of papers on subjects which 
are of special interest to members in the territory. 

Most of the papers presented at the regional meetings 
are of as high quality as those presented at national 
conventions. The committee, however, has followed 
the policy of encouraging the regional committees to 
include in their programs certain papers which are of 
particular interest locally, although they might not be 
selected for a national convention. 

In addition to arranging for programs for the meetings 
held during the past fiscal year, the programs also for 
three future meetings have been practically fixed. For 
the regional meeting at Pittsfield, Massachusetts, 
May 25-28, 1927, and the Summer Convention 
in Detroit, June 20-24, 1927, the programs are 
complete. For the Pacific Coast Convention in 
Del Monte, Sept. 18-16, 1927, due very largely to 
the foresighted efforts of the Pacific Coast Convention 
committee, that program also has been rather definitely 
arranged. 

Publication Committee.— No change in the general 
arrangements governing Institute publications has been 
made by this year’s committee as the policies adopted 
several years ago, after many months of careful con¬ 
sideration, seem to have fulfilled the requirements of 
the membership very completely. This is attested by 
the fact that the J ournal has become generally 
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recognized, both at home and abroad, as the leading 
publication in its class. 

The general scheme of publication of Institute 
papers is (1) publication in pamphlet form in full, 
these copies being available for use at the meeting 
where presented; (2) publication either in full or 
abridged, according to length, in the Journal; (3) 
publication in full in the annual Transactions. A few 
papers of merely transitory interest have been omitted 
from the Transactions each year. These papers 
amount to less than six per cent of the total number 
printed and they are referred to in the Transactions 
Index. 

The Transactions for 1926 will be completed early 
next Fall and will contain about 1350 pages, or 150 
pages more than the previous volume. Six-hundred 
and eight pages have been printed to date, and 300 
pages more are ready to print as soon as the current 
work for coming conventions permits. 

Standards. —The Standards Committee has con¬ 
tinued actively the revision of the Institute standards. 
There are now 23 standards available in the revised 
sectional or pamphlet form, several of which have 
themselves been revised and reprinted. The ease with 
which revisions can be made shows the wisdom of the 
change in form for the standards, adopted several years 
ago. Specially designed loose leaf binders can be 
supplied at a nominal price. 

The Spanish translation of the standards has gone 
forward with gratifying speed. The translation of 17 
of the standards has been completed and 11 have been 
published by the Bureau of Foreign and Domestic 
Commerce. By July 1 it is expected that all will be 
issued. The Spanish edition is printed in the same 
style and in the same size as the English edition. The 
translation has been received with interest by engineers 
in Spanish-speaking countries of South America. The 
Institute is very much indebted to the Bureau .of 
Foreign and Domestic Commerce for the excellent 
manner in which the Spanish text has been pub¬ 
lished, and for the close cooperation that exists be¬ 
tween the Bureau and the Standards Committee. 
American electrical manufacturers will no doubt dis¬ 
tribute this Spanish edition widely in Spanish-speaking 
countries. 

Six standards have been approved as American 
Standard by the American Engineering Standards 
Committee and others are before the Committee for 
consideration. The Institute is sole sponsor for 9 
projects and joint sponsor for 9 more. These sponsor¬ 
ships and joint sponsorships are handled largely through 
the Standards Committee. Representatives on 26 
additional Sectional Committees for which the Institute 
is not sponsor have also been appointed. 

There Has been, during the year an increasing co¬ 
operation between the Standards Committee and the 
technical committees of the Institute. The chairman 
of each technical committee, or a member of the com¬ 


mittee designated by the chairman as a “contact 
officer” is a member of the Standards Committee. 
Several standards have been formulated by the technical 
committees and accepted by the Standards Committee 
and in another case a subcommittee of a technical 
committee has been made the “working committee” of 
the Standards Committee on a project. 

The Standards Committee has maintained close 
contact with the United States National Committee of 
the International Electrotechnical Commission, and at 
practically every meeting has received full reports on 
the work of the U. S. National Committee. This has 
been a very useful coordination of international 
problems in. electrical standardization with the regular 
work of the committee. 

U. S. National Committee of the I. E. C. —The 

scope of the work of the U. S. National Committee of 
the International Electrotechnical Commission has 
increased during the past year in several respects. 
One important increase in responsibility results from the 
adoption by the I. E. C. of a policy of decentralization 
of the secretarial work under which policy, various 
National Committees are asked to assume the Secre¬ 
tariat for one or more subjects. The U. S. N. C. has 
accepted the responsibility of the Secretariats on 
Nomenclature, on Prime Movers, and on the Rating of 
Rivers. This work involves stimulating and guiding 
the work of the International Advisory Committees 
on these subjects in the interim between meetings of 
thel.E.C. 

A study of the problem of Rating of Rivers is a sub¬ 
ject recently undertaken by the I. E. C. and illustrates 
the broadening scope of work of the Commission. Its 
importance is illustrated by the fact that the methods 
now used in different countries for rating the flow of 
rivers from the standpoint of their usefulness in the 
production of power, do not permit of comparative 
results; 

Through its twelve groups of advisors the U. S. N. C. 
is kept closely in contact with the standardizing work 
of the various American organizations bearing on the 
subjects under consideration by the I. E. C., and has 
cooperated with these various organizations in the 
preparation of material to be presented as recommenda¬ 
tions from America at the next meeting of the I.'E. C. 
This meeting is to be held in September at Bellagio 
and Rome. 

U. S. National Committee, International Com¬ 
mission on Illumination. —The United States Com¬ 
mittee of the Commission is composed of representa¬ 
tives of various organizations interested in illumination, 
the Institute having three representatives on the 
committee. Following the plenary session in Geneva, 
July 1924, the general work of the committee has been 
proceeding. Measures are now being taken to prepare 
for the next session which probably will be held in the 
United States in 1928 

Committee on Safety Codes. —The Committee on 
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Safety Codes investigates all matters relating to the 
formulation of rules for the protection of persons 
and property against fire, accidents, and other 
hazards in connection with electrical installations and 
equipments and to confer with similar committees of 
other bodies. 

A subcommittee on procedure was instructed to 
include in its recommended procedure that the main 
Committee should make nominations to the President 
of representatives suitable for appointment on national 
safety code committees; that members of the A. I. E. E. 
now or hereafter, on safety code work, should submit 
drafts of their work to the Committee for review; that 
attention be given to having safety properly developed 
at the Institute meetings and in the Institute publica¬ 
tions; that authors having papers where safety is 
involved be asked to emphasize that phase; that so far 
as possible helpful, cooperation be set up with other 
engineering organizations. 

Technical Committees. —Reports of Technical 
Committees embracing an outline of the year’s work 
and a summary of progress in the industry will be 
presented at the Annual Convention and printed in the 
Journal. 

Membership. —During the past year the National 
Membership Committee has carried on the usual activi¬ 
ties for the purpose of obtaining the desired increase in 
membership. This work has been conducted, as hereto¬ 
fore, mainly through the organization of the various 
Membership Committees of the Institute Sections 
and a report of progress of the National Committee-pre¬ 
pared on April 30,1927 indicates that 1951 applications 
for membership have been received during the year. 

The following table gives the number of new mem¬ 
bers added to the roll during the year and also the 
number of members whose affiliations have terminated 
through resignation, death, or delinquency in dues. The 
revised membership total as of May 1, 1927 is 18,344. 



Honorary 

Fellow 

Member 

Associate 

Total 

Membership 






April 30, 1926. 

4 

625 

2,623 

14,906 

18,158 

Additions: 






Transferred... 


33 

307 



New Members 






Qualified. . . 


2 

100 

1,635 


Reinstated_ 



7 

71 


Total. 

4 

660 

3,037 

16,612 

20,312 

Deductions: 






Died. 


12 

15 

68 


Resigned. 


2 

21 

543 


Transferred... 



25 

315 


Dropped. 


2 

45 

921 


Membership, 






April 30, 1927. 

4 

644 

2,931 

14,765 

18,344 


Net increase in Membership during the year......186 


Deaths. —The following deaths have occurred dur¬ 
ing the year. 

Fellows: H. Fleetwood Albright, Adolphe A. Dion, 


Edward B. Ellicott, Dudley Farrand, Carl Hering, 
Alexander E. Keith, Edward N. Lake, Thomas D. 
Lockwood, James W. McCrosky, Charles E. Scribner, 
Ernest Thurnauer, C. Griffith Young. 

Members: William Y. Avery, LeRoy Clark, Vahram 
Y. Davoud, Washington Devereux, George E. Luke, 
Leo Lustig, Shiras Morris, Russell Robb, Otto L. J. 
Schier, George D. Shepardson, Jesse Merrick Smith, 
Oberlin Smith, Charles C. Stutz, Victor H. Todd, 
C. Reginald Van Trump. 

Associates: Charles H. Bedell, John I. Beggs, Albert 
P. Boeri, Alva A. Bonney, Anson W. Burchard, Paul 
Busher, Lawrence W. Cady, Charles A. Chapman, 
Edward L. Clark, Charles A. Coffin, Charles S. Cook, 
Richard J. Crandall, George S. Davis, Howard S. 
Davis, Samuel 0. Edmonds, Olin J. Emmons, Louis 
M. Finkelstein, John J. Flather, William H. Forde, 
Frank E. Goodnow, Frank W. Graham, Walter Halfin, 
Arthur R. Henry, Albert J. Hoch, Harold 0. Holte, 
Charles W. Holtzer, Everett D. Hunter, Charles R. 
Huntley, Arthur R. Jealous, Arthur Keller, Francis M. 
Kenny, William Korff, John V. Lannon, Don C. G. 
Linnell, Leo B. Masten, Charles C. Mathis, Joseph B. 
McCall, Henry K. McIntyre, Frederick McKeever, 
Walter R. McLeod, Richard N. Olds, Willis E. Osborne, 
George H. Pearson, Virgil Poston, John C. Potter, 
Lawrence W. Powers, Joseph H. Procter, William A. 
Rankin, Isidor M. Reguenga, Clarence E. Reid, An- 
tonine R. Rivet, Frederick W. Roth, Earl A Schaefer, 
Rudolf Schmolck, Charles W. Shaifer, Frank C. Small- 
piece, Leland L. Summers, Clark A. Sutton, Svatopluk 
Sychra, Hazen G. Tyler, Benjamin T. Viall, Edwin M. 
Walker, John M. Walshe, James C. Webster, Edgar M. 
Wilkins, Thomas W. Wilkinson, Fred W. Wilson, 
Ray D. Wilson. 

Board of Examiners. —The Board of Examiners 
during the year held eleven meetings, averaging about 
three and one-quarter hours. It considered and re¬ 
ferred to the Board of Directors a total of 4080 applica¬ 
tions for admission or transfer to the higher grades. 


Applications for Admission 

Recommended for grade of Associate. 1729 

Not recommended. 16 1745 

Recommended for grade of Member. 93 

Not recommended for admission to this 

grade. 41 134 

Recommended for grade of Fellow. 2 

Not recommended for' admission to this 

grade. 5 7 

Recommended for enrolment as Students.. 1834 

Applications for Transfer 

Recommended for grade of Member. 293 

Not recommended for transfer to this grade '•_32 325 

Recommended for grade of Fellow.. 30 

Not recommended for transfer to this grade 5 35 

Total number of applications considered... 4080 
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Scholarships. —The governing bodies of Columbia 
University have placed at the disposal of the Institute 
three scholarships in electrical engineering. In con¬ 
sequence, the Institute is now authorized to award a 
scholarship each year so that there may be one man in 
each class holding a scholarship on the nomination of 
the Institute; these scholarships will continue until 
further notice. Each scholarship pays $350 toward the 
annual tuition, and reappointment for completion of 
course is conditioned upon the maintenance of good 
standing. The award in 1926 was made to E. R. 
Riethmiller of the University of Michigan. 

Institute Prizes. —A report of a special committee 
on prizes and regulations regarding them, was received 
and adopted by the Board, February 9, 1926. The 
committee suggested the yearly award of four National 
Prizes of $100 each and a suitable certificate, as follows: 
(1) Best Paper Prize, (2) First Paper Prize, (3) Best 
Regional Paper Prize, (4) Best Branch Paper Prize. 

The following Regional Prizes may also be awarded 
yearly in each of the ten Geographical Districts, each 
prize to consist of $25 and a. suitable certificate: (1) 
Best Paper Prize, (2) First Paper Prize, (3) Best Branch 
Paper Prize. For complete details and conditions of 
award, see the February 1927 Journal. 

The following National Prizes were awarded during 
the past year, under the conditions in force prior to the 
adoption of the above-mentioned regulations: 

First Paper Prize for the Year 1925. To R. W. 
Wieseman, Schenectady, N. Y., for his paper, “A Two- 
Speed Salient-Pole Synchronous Motor/' 

Transmission Prize for the Year 1925. To J. H. 
Cox and J. W. Legg, East Pittsburgh, Pa., for their 
paper, “The Klydonograph and its Application to 
Surge Investigation." 

Various Regional Prizes have been awarded as an¬ 
nounced from time to time in the issues of the monthly 
Journal. 

The National awards for papers presented during the 
year 1926 have been made and the prizes will be pre¬ 
sented at the annual Summer Convention, in Detroit, 
in June, as follows: 

Best Paper Prize for the Year 1926. To F. M. 
Farmer, New York, for his paper, “Tests of Paper- 
Insulated High-Tension Cable." 

First Paper Prize for the Year 1926. To Othmar 
K. Marti, Camden, N. J., for his paper, “Steel Enclosed 
Power Rectifiers." 

Best Regional Paper Prize for the Year 1926. To 
F. M. Farmer, New York, for his paper, “Tests of Paper- 
Insulated High-Tension Cable." 

Best Branch Paper Prize for the Year 1926. To 
R. A. Schaefer, of Marquette University Branch, 
for his paper, “A Study of Transverse Armature 
Reaction in Synchronous Machines by Means' of a 
Second Machine with an Adjustable Stator." 

Edison Medal.— The Edison Medal awarded last 
year to Dr. Harris J. Ryan, Stanford University, Cali¬ 


fornia, “for his contributions to the science and the art 
of high-tension transmission of power,” was presented 
to Dr. Ryan at the Pacific Coast Convention, Salt 
Lake City, Utah, on September 8,1926. 

John Fritz Medal. —The John Fritz Medal Board 
of Award, which is composed of representatives of the 
national societies of Civil, Mining, Mechanical, and 
Electrical Engineers, awarded the 23rd medal to 
Elmer Ambrose Sperry of New York, “for the develop¬ 
ment of the gyro-compass and the application of the 
gyroscope to the stabilization of ships and aeroplanes." 
The medal was presented at New York, at the annual 
meeting of the American Society of Mechanical Engi¬ 
neers, December 7,1926. 

Lamme Gold Medal. —A bequest was made by the 
late B. G. Lamme, to cover the cost of an annual 
award by the Institute of a gold medal, to a member who 
has shown meritorious achievement in the development 
of electrical apparatus. The conditions governing the 
award of the Lamme Gold Medal are now being pre¬ 
pared by the Committee on Award of Institute Prizes. 

Commission of Washington Award.— The Wash¬ 
ington Award for 1926 was voted to John Watson 
Alvord, Consulting Engineer, Chicago, Ill. 

The award is made annually “to an engineer whose 
work in some special instance, or whose services in 
general have been noteworthy for their merit in pro¬ 
moting the public good," by a committee composed of 
nine representatives of the Western Society of Engi¬ 
neers and two each from the A. S. C. E., the A. I. M. E., 
the A. S. M. E., and the A. I. E. E. 

Employment Service. —The employment service 
which the Institute has maintained for many years is 
n'ow conducted as a cooperative bureau in conjunction 
with a similar service maintained by the National 
Societies of Civil, Mining, and Mechanical engineers 
under the title, “Engineering Societies Employment 
Service." In addition to the main office in the En¬ 
gineering Societies ’ Building, New York,' offices have 
been opened in Chicago in cooperation with the Western 
Society of Engineers and in San Francisco under similar 
arrangements with the California Section, American 
Chemical Society, and Engineers Club of San Francisco. 
Arrangements have been completed to open a branch- 
office in Denver, Colorado in cooperation with the 
Colorado Engineering Society. It is hoped to continue 
this development from year to year as conditions 
warrant. The service is supported by the joint con¬ 
tributions of the societies and their individual members 
who are benefited. As in the past it consists principally 
in acting as a medium for bringing together the em¬ 
ployer and the employee. In addition to the publication 
of the “Employment Service Bulletin" in the monthly 
Journals, weekly subscription bulletins are issued for 
employers and those seeking positions. 

American Engineering Council. —This organiza¬ 
tion is the instrument of the constituent engineering 
societies through which the engineering profession may 
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contribute toward the solution of the social, economic, 
and political problems of the day. 

The annual meeting of the American Engineering 
Council was held in Washington, D. C., in January 
1927. Meetings of the Administrative Board have 
been held during the year. The activities of Council 
have covered an extensive field, the following being a 
partial summary: study of accidents and production; 
forest conservation; represented on National Board 
for Jurisdictional Awards; has endorsed the develop¬ 
ment of the Patent office and endeavored to secure a new 
building; Public Works Bill written to conform with 
recommendations of Councils’ committee; report of 
Committee on Radio Broadcasting presented to 
Federal Radio Commission; preliminary study of 
stream pollution; has Committee on Street Signs, 
Signals, and Markings with local committees in over 
one hundred cities; etc. 

United Engineering Society. —This Society per¬ 
forms for the national societies of Civil, Mining, Me- 
chancial, and Electrical Engineers, certain specific acts 
which are governed by contracts; the primary function 
of the United Society being to hold in trust and to 
administer for these societies the Engineering Societies 
Building, in which the headquarters of the national 
societies are located. 

. Extracts from the annual financial report of the 
United Engineering Society were published in the 
March 1927 Journal. 

Engineering Societies Library. —The library of 
the Institute is combined with the libraries of the 
national societies of Civil, Mining, and Mechancial 
Engineers, administered as the “Engineering Societies 
Library” under the direction of the Library Board of 
the United Engineering Society; this board is com¬ 
posed of representatives of each of the four societies 
referred to above. 

In order to place the facilities of the library at the 
disposal of persons residing at a distance from New 
York, a Library Service Bureau has been established, 
and a staff of expert searchers and translators is 


employed to cover almost any engineering topic, in 
the following manner: abstracting, translating, bib- 
liographing, statistical searches and reports, searches 
for patent purposes, copying, preparing reference cards, 
etc. A lending department is also maintained. 

A copy of the annual report of the Engineering So¬ 
cieties Library covering the calender year 1926, may 
be obtained by applying to Institute headquarters. 

Engineering Foundation. —Engineering Founda¬ 
tion is a trust fund established in 1914 by Ambrose 
Swasey, of Cleveland, Ohio, by gifts to United Engi¬ 
neering Society as a nucleus of a large endowment 
“for the furtherance of research in science and in 
engineering, or for the advancement in any other 
manner of the profession of engineering and the good 
of mankind.” The fund has been generously in¬ 
creased through the gifts of Edward D. Adams and 
others, and also through bequest under the will of the 
late Henry R. Towne. It is administered by the 
Engineering Foundation Board upon which the Insti¬ 
tute and other national engineering societies are 
represented. The Board is a Department of United 
Engineering Society. 

The Foundation has made appropriations for various 
research projects and has cooperated in others. 

The annual report of the Foundation is available in 
printed form. 

Representatives. —The Institute has continued its 
representation upon various national committees and 
other local and national bodies with which it has 
been affiliated in past years, and has accepted sponsor¬ 
ship and appointed representatives upon a number 
of new Sectional Committees of American Engineering 
Standards Committee. A complete list of representa¬ 
tives is published frequently in the Journal. 

Finance Committee. —During the year the com¬ 
mittee has held monthly meetings, has passed upon the 
expenditures of the Institute for various purposes, 
and otherwise performed the duties prescribed for it in 
the Constitution and By-laws. 

Haskins and Sells, certified public accountants, have 
audited the books, and their report follows: 


Respectfully submitted for the Board of Directors. 

F. L. HUTCHINSON, 

National Secretary . 


New York, May 20,1927 
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HASKINS & SELLS 

CERTIFIED PUBLIC ACCOUNTANTS 

Offices in the Principal Cities of 
the United States of America 

-AND IN-- 

London. Paris. Berlin, shanghai. 
Montreal, Havana, Mexico City 


37 WEST 39th STREET 

NEW YORK 


American Institute of Electrical Engineers, 
33 West 39th Street, 

New York. 


May 16, 1927. 


Dear Sirs: 

We have made a general audit of your accounts for the year ended April 
30, 1927, and submit the following exhibits and schedule: 

Exhibit 

A—Balance Sheet, April 30, 1927. 

Schedule 

1—Reserve Capital Fund—Securities. 

B—Summary of Income and Profit and Loss for the Year Ended 
April 30, 1927. 


We Hereby Certify that in our opinion Exhibits A and B correctly set 
forth the financial condition of the Institute at April 30, 1927, and the results 
of its operations for the year ended that date. 

Yours truly, 

Haskins & Sells 
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Exhibit A. 


Balance Sheet, April 30, 1927 


ASSETS 

Real Estate: 

One-fourth interest in United Engineering 
Society’s Land, Building, and Building Equip¬ 
ment, 25 to 33 West 39th Street (Depreciation 


carried on hooks of United Engineering Society) $493,352.60 

Equipment: 

Library—Volumes and Fixtures. $40,607.84 

Works of Art, Paintings, etc. 3,001.35 


Office Furniture and Fixtures. $20,917.93 

Less Reserve for Depreciation (in¬ 
cluding $5,556.81 funded). 10,445.97 10,471.96 

Total Equipment. 54,081.15 

Working Assets: 

“Transactions” etc. $ 3,821.50 

Paper and Cover Paper. 4,254.65 

Badges. 1,504.30 


Total Working Assets. 9.5S0.45 

Current Assets: 

Cash. $24,991.26 

Accounts Receivable: 

Members—For Dues. 25,919.93 

Advertisers.... 1,986.25 

Miscellaneous. 1,584.91 

Accrued Interest on Investments. 1,444.13 


Total Current Assets. 

Funds: 

Reserve Capital Fund: 

Securities—Schedule 1....$105,520.63 

Cash. 613.07 $106,133.70 

Life Membership Fund: 

Cash. $ 5,056.03 

Chicago, Burlington & Quincy Rail¬ 
road Company 4% Bonds, 1958, 

Registered, Par Value $5,000.00.. 4,868.75 

Accrued Interest. 33.33 9,958.11 

International Electrical Congress of 
St. Louis Library Fund: 

Cash.... $ 853.64 

New York City 4)4% Corporate 
Stock, 1957, par Value $2,000.00.. 2,204.05 

■ New York Telephone Company 
4)4% Bond, 1939, Registered, Par 

Value $1,000.00. 878.75 

Accrued Interest.. 67.50 4.003.94 


Mailloux Fund: 

New York Telephone Company 
4)4% Bond, 1939, Registered, Par 

Value $1,000.00. $ 1,000.00 

Accrued Interest. 22.50 1,022.50 

Midwinter Convention Fund—Cash. 106.53 

Lamme Medal Fund: 

Cash. $ 1,034.14 

Baltimore and Ohio Railroad Co. 

6% Refunding and General Mort¬ 
gage Series C Bond, 1995, Par 

Value $4,000.00. 4,330.00 

Accrued Interest... 16.67 5,380.81 

Depreciation of Furniture and Fixtures Fund: 

Cash. $ 544.31 

Cleveland Union Terminals Co. 

5% Sinking Fund Series B Gold 
Bonds, 1973, Registered, PaT 

Value $5,000.00..-.. 5,012.50 5,556.81 

Total Funds. 132,162.40 


LIABILITIES 

Current Liabilities: 

Accounts Payable. $12,227.44 

Dues Received in Advance... 2,842.19 

Entrance Fees and Dues Advanced by Applicants 

for Membership. 633.85 

Subscriptions for “Transactions” received in 
Advance..... 38.00 

Total Current Liabilities.... $ 15,741.48 

Fund Reserves (Not Including Depreciation Reserves): 

Reserve Capital Fund.$106,133.70 

Life Membership Fund. 9,958:11 

International Electrical Congress of St. Louis— 

Library Fund. 4,003.94 

Mailloux Fund... 1,022.50 

Midwinter Convention Fund. 106.53 

Lamme Medal Fund. 5,380.81 


Total Fund Reserves (Not Including Depre¬ 
ciation Reserves). $126,605.59 

•Surplus, Per Exhibit “B”. ' 602,756.01 


Total Fund Reserves (Not Including Depre¬ 
ciation Reserves). $126,605.59 

•Surplus, Per Exhibit “B”. ' 602,756.01 



Total, 


$745,103.08 Total, 


$745,103.08 
















































REPORT OP BOARD OP DIRECTORS 


1167 


AMERICAN INSTITUTE OP ELECTRICAL ENGINEERS 

Summary of Income and Profit & Loss 
For the Year Ended April 30, 1927 

Exhibit B. 


Income: 


Dues. 




Students’ Dues. 




Entrance Fees. 




Transfer Fees.. 




Advertising. 




Journal Subscriptions. 



9,088.83 

8,887.00 

“Transactions” Subscriptions.,.. 
Miscellaneous Sales. 



Badges Sold... 


4,724.00 

3,114.35 


Less Cost... 






Interest on Securities in Reserve Fund. 
Interest on Bank Balances., 


5,119.17 

1,320.67 


Total . $364,146.61 


Net Income—Forward . $46,125.97 

Profit and Loss Credits: 

Adjustment of Inventories—Library Volumes and 

Fixtures.. $ 62.25 

Increase in Equity of United Engineering 

Society’s Land, Building, and Equipment. 1,710.24 1,772.49 


Gross Surplus for the Year .. $ 47,898.46 

Profit and Loss Charges: 

Adjustment of Inventory—"Transactions”. $ 1,288.00 

Uncollectible Dues Written Off. 8,259.91 

Furniture and Fittings Scrapped—Loss. 327.14 

Provision for Depreciation of Furniture and 

Fixtures. 799.93 


Total... 10,674.98 


Surplus for the Year ... $ 37,223.48 

Surplus, May 1, 1926. $588,967.53 

Less Transferred to Capital Fund Reserve in 
Accordance with Resolution of Board of 

Directors..... 23,435.00 565,532.53 


Surplus, April 30, 1927... $602,756.01 


Expenses: ' AMERICAN INSTITUTE OF ELECTRICAL ENGINEERS 

Publications: RESERVE CAPITAL FUND—SECURITIES 

Journal . $103,370.22 APRIL 30, 1927 

"Transactions”... 24,531.76 EXHIBIT A. 

Year Book. 7,623.60 SCHEDULE No. 1. 

Miscellaneous. 4,933.69 $140,459.27 Par Value Book Value 


Institute Meetings. 

Administrative Expenses 

Sections. 

Membership. 

Standards. 

Finance. 

Headquarters. 

Code Committee. 

Technical Committees... 

Edison Medal. 

Engineering Education.. 
Geographical Districts: 

Traveling Expense: 


Executive Committees. $ 2,424.86 

Vice-Presidents. 372.02 

Speaker’s Bureau. 65.69 

Best Paper Prize. 176.50 

First Paper Prize. 201.50 


21,832.44 

54,664.83 

30,443.70 

8,502.34 

4,750.53 

290.18 

1,586.76 

60.00 

85.14 

178.36 

2,056.47 


3,240.57 


Branches: 

Traveling Expense—Counsellors. $ 3,746.36 

Salaries. 583.25 

Stationery and Printing. 525.65 

Best Paper Prizes. 175.00 5,030.26 


American Engineering Standards Committee. 1,500.00 

International Electrotechnical Commission. 782.28 

United States National Committee of Inter¬ 
national Commission on Illumination. 300.00 

President's Appropriation. 955.66 

Board of Directors—Mileage. 3,085.20 

National Nominating Committee, Mileage. 1,172.86 

Institute Representatives—Traveling Expenses... 246.91 

Honorary Secretary. 4,000.00 

John Fritz Medal Award..y 375.38 

Engineering Societies Library—Maintenance. : 8,000.00 

United Engineering Society Assessment. 4,860.00 

American Engineering Council. 17,451.50 

Engineering Societies Employment Service. 1,635.00 

International Annual .Tables..... 100% 00 

Best Paper Prizes—1926. 187.50 

First Paper Prizes—-1926. 187.50 


Total.... 318,020.64 


The American Telephone and Telegraph Company 5% 

Gold Debentures Sinking Fund, Due 1960, 

Registered... $ 15,000.00$ 14,625.00 

Consolidated Gas Company of New York 5X% Gold 

Debentures, Due 1945, Registered. 5,000.00 5,187.50 

Pacific Gas & Electric Company 5J4% First and 
Refunding Mortgage Gold Bonds, Due 1952, 

Registered.. 5,000.00 5,137.50 

Chicago, Burlington & Quincy Railroad Company 5% 

First and Refunding Mortgage Series “A” Gold 

Bond, Due 1971, Registered. 1,000.00 1,010.00 

The New York Central Railroad Company 5% 

Refunding and Improvement Mortgage, Series "C” 

Bonds, Due 2013, Registered. 6,000.00 5,742.50 

Southern Railway Company 5% First Consolidated 

Mortgage Gold Bond, due 1994, Registered. 1 , 000.00 980.00 

Great Northern Railroad Company 514% General ' 

Mortgage Series “B” Gold Bonds, Due 1952, 

Registered. 10,000.00 9,847.50 

The Detroit Edison Company 6 % First and Refunding 
Mortgage, Series "B” Gold Bonds, Due 1940, 

Registered. 5,000.00 5,178.13 

The Western Electric Company 5% Bonds, Due 

April 1, 1944. 10,000.00 9,818.75 

Baltimore and Ohio Railroad Company 4J4% Con- 

. vertible Gold Bonds, Due 1933, Registered. 10,000.00 9,387.50 

St. Louis, San Francisco Railway Company 5% Prior 
Lien Mortgage, Series "B" Bonds, Due 1950, 

, Registered. 6,000.00 5,497.50 

American Smelting and Refining Company 5% First 
Mortgage 30-Year Gold Bonds, Due 1947, 

Registered. 9,000.00 9,085.00 

Florida East Coast Railway Company 5% First and 
Refunding Mortgage Series “A” Gold Bonds, Due 

1974, Registered. 5,000.00 4,918.75 

Public Service Corporation of New Jersey 5 j4% Gold 

Bonds, Due 1956. 8,000.00 7,952.50 

Chicago, Terre Haute & Southeastern Railroad Com¬ 
pany 5% First and Refunding Mortgage Gold Bonds, 

Due 1960..•.. 3,000.00 2,846.25 

Commonwealth Power Corporation 6 % Sinking Fund 

25-Year Bonds, Due 1947. 3,000.00 3,150.00 

United States Rubber Company 5% First and Refund¬ 
ing Mortgage Series "A” Bonds, Due 1947... 2,000.00 1,915.00 

American Smelting and Refining Company 6 % First 

Mortgage Bonds, Due 1947. 3,000.00 3,241.25 


Net Income—(Forward) 


$ 46,125,97 


Total, 


$107,000.00 $105,520.63 
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OFFICERS AND COMMITTEES 


Officers A. I. E. E. 1926-1927 


PRESIDENT 

(Term expires July 31, 1927) 

C. C. CHESNEY 
JUNIOR PAST PRESIDENTS 

(Term expires July 31, 1927) (Term expires July 31, 1928) 

FARLEY OSGOOD M. I. PUPIN 


VICE-PRESIDENTS 

(Terms expire July 31, 1927) (Terms expire July 31, 192S) 

P. M. DOWNING (District No. 8) H. M. HOBART (District No. 1) 
HERBERTS. SANDS (District No.6) B. G. JAMIESON (District No. 5) 

W. E. MITCHELL (District No. 4) GEORGE L. KNIGHT (District No. 3) 
ARTHUR G. PIERCE (District No. 2) H. H. SCHOOLFIELD (District No. 9) 
W. P, DOBSON (District No. 10) A. E. BETTIS (District No. 7) 
MANAGERS 


(Terms expire July 31, 1927) 

W. M. McCONAHEY 
W. K. VANDERPOEL 
H. P. CHARLES'WORTH 
(Terms expire July 31, 1928) 

JOHN B. WHITEHEAD 
J. M. BRYANT 
E. B. MERRIAM 
NATIONAL TREASURER 

(Terms expii 

GEORGE A. HAMILTON 
HONORARY SECRETARY 
RALPH W. POPE 


(Terms expire July 31, 1929) 
M. M. FOWLER 

H. A. KIDDER 

E. C. STONE 

(Terms expire July 31, 1930) 

I. E. MOULTROP 
H. C. DON CARLOS 
.F. J. CHESTERMAN 

NATIONAL SECRETARY 
July 31, 1927) 

F. L. HUTCHINSON 
GENERAL COUNSEL 

PARKER & AARON 
30 Broad Street, New York 


PAST PRESIDENTS—1884-1926 


*Norvin Green, 18S4-5-6. 
*Franklin L. Pope, 1SS6-7. 

*T, COMXIERFORD MARTIN, 1887-S. 
Edward Weston, 188S-9. 

Elihu Thomson, 18S9-90. 

* Willi am A. Anthony, 1S90-91. 
‘•^Alexander Graham Bell, 1891-2. 
Frank Julian Sprague, 1892-3. 
*Edwin J. Houston, 1893-4-5. 

’•^Louis Duncan, 1895-6-7. 

^Francis Bacon Crocker, 1897-8. 

A. E. Kennelly, 1898-1900. 

*Carl Hering, 1900-1. 

^Charles P. Steinmetz, 1901-2. 
Charles F. Scott, 1902-3. 

Bion J. Arnold, 1903-4. 

John W. Lieb, 1904-5. 

^■Schuyler Skaats Wheeler, 1905-6. 
*Samuel Sheldon, 1906-7. 
^Deceased. 


*Henry G. Stott, 1907-8. 
Louis A. Ferguson, 190S-9. 
Lewis B. Stillwell, 1909-10. 
Dugald C. Jackson, 1910-11. 
Gano Dunn, 1911-12. 

Ralph D. Mershon, 1912-13. 
C. O. Mailloux, 1913-14. 
Paul M. Lincoln, 1914-15. 
John J. Carty, 1915-16. 

H. W. Buck, 1916-17. 

E. W. Rice, Jr., 1917-1S. 
Comfort A. Adams, 1918-19. 
Calvert Townley, 1919-20. 

A. W. Berresford, 1920-21. 
William McClellan, 1921-22. 
Frank B. Jewett, 1922-23. 
PIarris J. Ryan, 1923-4. 
Farley Osgood, 1924-25. 

M. I. Pupin, 1925-26. 


LOCAL HONORARY SECRETARIES 
T. J. Fleming, Calle B. Mitre 519, Buenos Aires, Argentina, S. A. 

H. W. Flashman, Aus. Westinghouse Elec. Co. Ltd., Cathcart House, 

11 Castlereagh St., Sydney, N. S. W-, Australia. 

Carroll M. Mauseau, Caixa Postal No. 571, Rio de Janeiro, Brazil, S. A. 
Charles le Maistre, 28 Victoria St., London, S. W. 1, England. 

A. S. Garfield, 45 Bd. Beausejour, Paris XVI, France. 

F. W. Willis, Tata Power Companies, Bombay House, Bombay, India. 
Guido Semenza, 39 Via Monte Napoleone, Milan, Italy. 

P. H. Powell, Canterbury College, Christchurch, New Zealand. 

Axel F. Anstrom, 42a Grefturegatan, Stockholm, Sweden. 

W. Elsdon-Dew, P. O. Box 4563, Johannesburg, Transvaal, Africa. 

A. I. E. E. Committees 

GENERAL STANDING COMMITTEES 

EXECUTIVE COMMITTEE 

C. C. Chesney, Chairman, General Electric Co., Pittsfield, Mass. 

H. P. Charlesworth, G. A. Hamilton, G. L. Knight, 

W. P. Dobson, H. A. Kidder, I. E. Moultrop. 

FINANCE COMMITTEE 

H. A. Kidder, Chairman, 600 W. 59th St., New York, N. Y. 

H. P. Charlesworth, G. L. Knight. 

MEETINGS AND PAPERS COMMITTEE 
E. B. Meyer, Chairman, SO Park Place, Newark, N. J. 

E. H. Hubert, Secretary, 33 W. 39th St., New York, N. Y. 

E. E. F. Creighton, L. W. W. Morrow, Harold B. Smith. 

J. E. Macdonald, F. D. Newbury, C. E. Skinner. 

F. W. Peek, Jr., 

Chairman of Committee on Coordination of Institute Activities, ex-officio. 
Chairmen of technical committees, ex-officio. 


PUBLICATION COMMITTEE 

L. F. Morehouse, Chairman, 195 Broadway, New York, N. Y. 

F. L. Hutchinson, Donald McNicol, I. E. Moultrop. 

E. B. Meyer, 

COMMITTEE ON COORDINATION OF INSTITUTE ACTIVITIES 

Farley Osgood, Chairman, 31 Nassau Street, New York, N. Y. 

F. L. Hutchinson, E. B. Meyer, W. I. Slichter, 

H. A. Kidder, L. F. Morehouse, Plarold B. Smith. 


JJO/nXVL/ KJ1? •E/Att.J.V.Ll.l't JiXVO 

Erich Hausmann, Chairman, Polytechnic Institute, Brooklyn, N. Y. 

H. C. Don Carlos, Harold Goodwin, Jr. L. W. W. Morrow, 

H. W. Drake, ' S. P. Grace, N. L. Pollard, 

E. H. Everit, F. V. Magalhaes, W. I. Slichter, 

F. M. Farmer, A. E. Waller, 


SECTIONS COMMITTEE 

Harold B. Smith, Chairman, Worcester Polytechnic Institute, Worcester, Mass. 
H. H. Henline, W. B. Kouwenhoven, Herbert S. Sands. 

C. E. Magnusson, 

Chairmen of Sections, ex-officio. 


COMMITTEE ON STUDENT BRANCHES 

C. E. Magnusson, Chairman, University of Washington, Seattle, Wash. 
J. M. Bryant, Charles F. Scott, W. H. Timbie. 

Harold B. Smith, 

Student Branch Counselors, ex-officio. 

MEMBERSHIP COMMITTEE 
L. S. O'Roark, Chairman, 463 West St., New York, N. Y. 

R. B. Bonney, J. J. Frank, L. M. Moyer, 

A. B. Cooper, F. R..George, I. M. Stein, 

H. E. Cox, G. S. Morris, C. V. Woolsey, 

S. H. Mortensen, 

Chairmen of Section Membership Committees, ex-officio. 

HEADQUARTERS COMMITTEE 

G. L. Knight, Chairman, Pearl & Willoughby Sts., Brooklyn, N. Y- 

F. L. Hutchinson, H. A. Kidder. 

LAW COMMITTEE 

W. I. Slichter, Chairman, Columbia University, New York, N. Y. 

H. H. Barnes, Jr., E. B. Merriam, Charles A. Terry. 

R. F. Schuchardt, 


PUBLIC POLICY COMMITTEE 

Gano Dunn, Chairman, 43 Exchange Place, New York, N. Y. 

H. W. Buck, John W. Lieb, M. I. Pupin, 

F. B. Jewett, William McClellan, Harris J. Ryan. 


STANDARDS COMMITTEE 

J. Franklin Meyer, Chairman, Bureau of Standards, Washington, D. C. 

H. E. Farrer, Secretary, 33 W. 39th St., New York 

H. A. Kidder, H. S. Osborne, C. E. Skinner, 

A. M. MacCutcheon, F. L. Rhodes, W. I. Slichter, 

F. D. Newbury, L. T. Robinson, R. H. Tapscott. 

Ex-Officio 

Chairmen of Working Committees. 

Chairmen of delegations on other standardizing bodies. 

President of U. S. National Committee of I. E. C. 

EDISON MEDAL COMMITTEE 






(Terms expire July 31, 1927) 

Gano Dunn, Chairman, F. A. Scheffler, W. R. Whitney. 

(Terms expire July 31, 1928) 

Robert A. Millikan, M. I. Pupin. 

(Terms expire July 31, 1929) 

W. C. L. Eglin, John W. Lieb. 

(Terms expire July 31, 1930) 

Samuel Insull, Ralph D. Mershon. 

(Terms expire July 31, 1931) 

L. F. Morehouse, David B. Rushmore. 

Elected by the Board of Directors from its own membership for term of two years. 
(Terms expire July 31, 1927) 

W. P. Dobson, Farley Osgood, A. G. Pierce. 

(Terms expire July 31, 1928) 

B. G. Jamieson, H. A. Kidder, G. L. Knight. 

Ex-Officio 


C. C. Chesney, 
N. A. Carle, 
George Gibbs, 
John W. Howell, 


C. C. Chesney, President, George A. Hamilton, National Treasurer, 

F. L. Hutchinson, National Secretary. 

COMMITTEE ON CODE OF PRINCIPLES OF PROFESSIONAL CONDUCT 

John W. Lieb, Chairman, 124 E. 15th St., New York, N. Y. 

A. H. Babcock, R. D. Mershon, Harris J. Ryan, 

G. Faccioli, L. F. Morehouse, C. E. Skinner. 

COMMITTEE ON AWARD OF INSTITUTE PRIZES 
E. B. Meyer, Chairman, 80 Park Place, Newark, N. J. 

L. F. Morehouse, John B. Whitehead. 

COMMITTEE ON AWARD OF COLUMBIA UNIVERSITY SCHOLARSHIPS 
W. I. Slichter, Chairman, Columbia University, New York, N. Y. 

Francis Blossom, H. C. Carpenter. 




COMMITTEES 
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COMMITTEE ON SAFETY CODES 

John Price Jackson, Chairman,N.Y. Edison Co., 130 E. 15th St.,New York, N.Y. 

F. A. Barron, H. B. Gear, Farley Osgood, 

Philander Betts, P. J. Howe, George Quinan, 

W. J. Canada, L. C. Ilsley, Joseph Sachs, 

R. N. Conwell, M. G. Lloyd, H. R. Sargent, 

J. V. B. Duer, Ernest Lunn, W. H. Sawyer, 

J. C. Forsyth, Wills Maclachlan, M. L. Sindeband, 

R. C. Fryer, J. C. Martin, Paul Spencer, 

D. H. Gage, J. E. Moore, H. S. Warren. 

R. W. E. Moore, 

SPECIAL COMMITTEES 

LICENSING OF ENGINEERS 

Francis Blossom, Chairman, Sanderson&Porter, 52 William St., New York, N.Y. 
H. W. Buck, Gano Dunn, E. W. Rice, Jr. 

L. E. Imlay, 

TECHNICAL ACTIVITIES 

A. G. Pierce, Chairman, 1239 Guardian Building, Cleveland, Ohio 
H. P. Charlesworth, PI. A. Kidder, E. C. Stone, 

H. M. Hobart, j. b. Whitehead. 

ADVISORY COMMITTEE TO THE MUSEUMS OF THE PEACEFUL ARTS 
J. P. Jackson, Chairman, 130 E. loth St., New York, N. Y. 

Randolph H. Nexsen, George K. Thompson. 

TECHNICAL COMMITTEES 

COMMUNICATION 

H. P. Charlesworth, Chairman, 195 Broadway, New York, N. Y. 

F. L. Baer, D. H. Gage, F. A. Raymond, 

L. W. Chubb, S. P. Grace, Chester W. Rice, 

J. L. Clarke, P. J. Howe, J. K. Roosevelt, 

Charles E. Davies, F. H. Kroger, H. A. Shepard, 

H. W. Drake, Ray H. Manson, J. F. Skirrow, 

Major P. W. Evans, R. D. Parker, E. B. Tuttle, 

R. D. Evans, H. S. Phelps, K. L. Wilkinson, 

E. H. Everit, Lt.Commdr. B.B.Ralston, F. A. Wolff, 

L. F. Fuller, C. A. Wright. 


INSTRUMENTS AND MEASUREMENTS 

A. E. Knowlton, Chairman, Dunham Laboratory, Yale University, 

New Haven, Conn. 

E. D. Doyle, Vice-Chairman, New York, N. Y. 

O. J- Bliss, C. F. Hanson, L. T. Robinson, 

Perry A. Borden, W. B. Kouwenhoven, E. J. Rutan, 

W. M. Bradshaw, P. M. Lincoln, B. W. St. Clair, 

H. B. Brooks, W. M. McConahey, G. A. Sawin, 

J. R. Craighead, Wm. J. Mowbray, I. B. Smith, 

Melville Eastham, H. A. Perkins, H. M. Turner, 

W. M. Goodwin, Jr., R. T. Pierce, Roy Wilkins. 

APPLICATIONS TO IRON AND STEEL PRODUCTION 

A. G. Pierce, Chairman, 1329 Guardian Building, Cleveland, Ohio 
A. C. Bunker, S. L. Henderson, J. W. Speer, 

A. C. Cummins, R. H. Keil, G. E. Stoltz, 

F. B. Crosby, W. C. Kennedy, T. S. Towle, 

J. H. Hall, A. G. Place, J. D. Wright. 

F. 0. Schnure, 

PRODUCTION AND APPLICATION OF LIGHT 

P. S. Millar, Chairman, Electrical Testing Laboratories, SOth St. & 

East End Ave., New York 

W. T. Blackwell, G. C. Hall, F. H. Murphy, 

J. M.-Bryant, L. A. Hawkins, F. A. Rogers, 

J. R. Cravath, H. H. Higbie, B. E. Shackelford, 

W. T. Dempsey, C. L. Kinsloe, C. J. Stahl, 

William Esty, A. S. McAllister, G. IT. Stickney. 

George S. Merrill, 

APPLICATIONS TO MARINE WORK 

G. A. Pierce, Chairman, Wm. Cramp & Sons S. & E. B. Co., Philadelphia, Pa. 
R. A. Beekman, Vice-Chairman, Schenectady, N. Y. 

Commdr. C. S. Gillette, A. Kennedy, Jr., R. L. Withani, 

E. M. Glasgow, Commdr. M. A. Libbey, IT. M. Southgate, 

H. F. Harvey, Jr., J. B. Lunsford, W. E. Thau, 

Wm. Hetherington, Jr., E. B. Merriam, C. P. Turner, 

H. L. ITibbard, I. IT. Osborne, A. E. Waller, 

J. S. Jones, William H. Reed, J. L. Wilson. 


EDUCATION 

P. M. Lincoln, Chairman, Franklin Hall, Cornell University, Ithaca, N. V. 
R. E. Doherty, Vice-Chairman, Schenectady, N. Y. 

C. A, Adams, _ J. P. Jackson, Harold B. Smith, 

Edward Bennett, John Mills, R. W. Sorensen, 

Nelson J. Darling, H. H. Norris, J. B. Whitehead, 

W. C.. Eglin, ' Harold Pender, W. R. Whitney, 

W. L. Robb, W. E. Wickenden. 

ELECTRICAL MACHINERY 

H. M, Hobart, Chairman, General Electric Co., Schenectady, N. Y. 

J. C. Parker, Vice-Chairman, Brooklyn, N. Y. 

E. B. Pacton, Secretary, General Electric Co., Schenectady, N. Y. 

C. A. Adams, G. IT. Garcelon, O. K. Marti, 

P. L. Alger, C. M. Gilt, V. M. Montsinger, 

B. F. Bailey, Harold Goodwin, C. A. Mudge, 

B. L. Barns, J. L. Hamilton, F. D. Newbury, 

B. A. Behrend, W. E. ITaseltine, L. C. Nichols, 

C. O. Bergstrom, R. A. Hentz, N. L. Pollard, 

A. C. Bunker, C. F. Hirshfeld, C. H. Sanderson, 

James Burke, B. G. Jamieson, R. F. Schuchardt, 

W. M. Dann, J. A. Johnson, A. Still, 

L. L. Elden, V. Karapetoff, E. C. Stone, 

G. Faccioli, A. IT. Kehoe, R. PI. Tapscott, 

C. J. Fechheimer, P. M. Lincoln, R. B. Williamson, 

W. J. Foster, A. M. MacCutcheon, H. L. Zabriskie. 

ELECTRIC WELDING 

J. C. Lincoln, Chairman, Coit Road and Kirby Avenue, Cleveland, Ohio 

C. A. Adams, Alexander Churchward, Ernest Lunn, 

P. P. Alexander, 0. H. Eschholz, J. W. Owens, 

C. W. Bates, F. M. Farmer, William Spraragen, 

Ernest Bauer, H, M. ITobart, H. W. Tobey, 

A. M, Candy, C. J. ITolslag, Ernest Wanamalcer. 

C. L. Ipsen, 

ELECTROCHEMISTRY AND ELECTROMETALLURGY 

G. W. Vinal, Chairman, Bureau of Standards, Washington, D. C. 

Lawrence Addicks, Safford K. Colby, Magnus Unger, 

A. N. Anderson, F. A. J. Fitzgerald, J. B. Whitehead, 

T. C. Atchison, Walter E. Holland, J. L. Wooclbridge, 

Farley G. Clark, F. A. Lidbury', J. L. McK. Yardley. 

C. G. Schluederberg, 

ELECTROPHYSICS 

V. Karapetoff, Chairman, Cornell University, Ithaca, N. Y. 

Carl Kinsley, Secretary, 22 Lynwood Road, Scarsdale, N. Y. 

Oliver E. Buckley, W. B. Kouwenhoven, Chester W. Rice, 

V. Bush, K. B. McEachron, J. Slepian, ' 

J. F. H. Douglas, R. A. Millikan, Harold B. Smith, 

Charles Fortescue, J. H. Morecroft, Irving. B. Smith, 

Carl Kinsley, , J. B. Whitehead. 


APPLICATIONS TO MINING WORK 

W. H. Lesser, Chairman, Madeira Hill & Co., Frackville, Pa. 

M. C. Benedict, Carl Lee, W. F. Schwedes, 

F. N. Bosson, John A. Malady, E. D. Stewart, 

Graham Bright, Charles IT. Matthews, F. L. Stone, 

L. C. Ilsley, F, C. Nicholson, W. A. Thomas, 

G. M. Kennedy, IT. F. Pigg, E. B. Wagner, 

R. L. ICingsland, L. L. Quigley, J. F. Wiggert, 

A. B. Kiser, Herbert S. Sands, C. D. Woodward. 

GENERAL POWER APPLICATIONS 

A. M. MacCutcheon, Chairman, 1088 Ivanhoe Road, Cleveland, Ohio 
E. W. Henderson, Secretary, 1088 Ivanhoe Road, Cleveland, O. 

A. E. Arnold, IT. D. James, H. W. Price, 

D. H. Braymer, P. C. Jones, H. L.'Smith, 

R. C. Deale, A. C. Lanier, A. H. Stebbins, 

C. W. Drake, W. S. Maddocks, E. C. Stone, 

J. F. Gaslcill, N. L. Mortensen, W. IT. Timbie, 

Clyde D. Gray, K. A. Pauly, F. M. Weller, 

C. Francis Harding, D. M. Petty, W. C. Yates. 

POWER GENERATION 

W. S. Gorsuch, Chairman, GOO W. 59th St., New York, N. Y. 

J. T. Lawson, Vice-Chairman, Newark, N. J. 

Vern E. Alden, H. A. Kidder, M. M. Samuels, 

IT. A. Barre, W. H. Lawrence, F. A. Scheffler, 

E. T. Brandon, F, T. Leilich, R. F. Schuchardt, 

N. E. Funk, James Lyman, Arthur R. Smith, 

W, S. Gorsuch, W. E. Mitchell, Nicholas Stahl, 

C. F. ITirshfeld, I. E. Moultrop, B. Tilchonovitch, 

Francis ITodgkinson, W. M. White. 

POWER TRANSMISSION AND DISTRIBUTION 

Philip Torchio, Chairman, 124 E. loth St., New York, N. Y. 

P. IT. Chase, Vice-Chairman, Philadelphia, Pa. 

■R. N- Conwell, Vice-Chairman, Newark, N. J. 

R. PI. Tapscott, Vice-Chairman, New York, N. Y. 


R. W. Atkinson, 

L. L. Elden, 

C. R. Oliver, 

A. O. Austin, 

R. D. Evans, 

F. W. Peek, Jr., 

F. G-. Baum, 

F. M. Farmer, 

D. W. Roper, 

R. D. Booth, 

C. L. Fortescue, 

C. E. Schwenger, 

J. A. Brundige, 

C. D. Gray, 

A. E. Silver, 

V. Bush, 

K. A. Hawley, 

M. L. Sindeband, 

George F. Chellis, 

J. P. Jollyman, 

H. C. Sutton, 

Wallace S. Clark, 

A. PI. Kehoe, 

Percy H. Thomas, 

Edith Clarke, 

C. PI. Kraft, 

W. K. Vanderpoel, 

John C. Damon, 

A. H. Lawton, 

Theodore Varney, 

W. A. Del Mar, 

E. A. Loew, 

IT. S. Warren, 

Herbert IT. Dewey, 

W. E. Meyer, 

W. E. Mitchell, 

R. J. C. Wood, 
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(X)MMITT K KS AND ItKIMlKKKNTATIVKS 


PROTECTIVE DEVICES 

L. Hunt, Chairman, Tumors Falls Power & Electric Co., Greenfield, Mass. 
II. R. Stnutnerhayes, Vice-Chairman, Schenectady, N. Y. 

E. A. Hester, Secretary, Ufa Sixth Avc., Pittsburgh, Pa. 

Raymond Hailey, IT. C. Louis, }. M. Oliver 

W. S. Edsidl, W. B. Ivirke, E. J. Rutan,’ 

IT. Hulpenn, K. B. MeEaeliron. IT. P. Sleeper. 

I'. C. Hanker, W. II. Millan, E. C. Stone, 

•I* Allen Johnson, I,. J. Moore, A. If. Sxveelaiain, 

M. G. Lloyd, A. Royal Wood. 


RESEARCH 


John B. Whitehead, Chairman, Johns Hopkins University, Baltimore, Mil. 
E. W. Peek, Jr., Vice-Chairman, Pitta field, Mass. 


Edvvan 1 Bennett, 

V. .Bush, 

E. II. (Yilpitta, 

E. E. h\ Creighton, 

W. P. Davidson, 

W. A. Del Mar, 


B. Gliernnli, 

V. KarapetolT, 

A. 15, Kennelly, 
M. (i. Lloyd, 

C. 15. Mai'imsson, 
Harold Pender, 


E. W. Rice, Jr., 

D. W. Roper, 
Clayton II. Sharp, 
C. 15. Skinner, 
Harold B. Smith, 
R. VV. Sorensen. 


TRANSPORTATIO N 


J. V. B. Duet - , Chairman 
E. R. Hill, 

VV. K. Howe, 

D. (Jmdcson, 


Pennsylvania, Railroad, 
H. A. Kidder, 

John Murphy, 

W. S. Murray, 

VV. lb Potter, 


Altoona, Pa. 

N. W. Storer, 

VV. M. Vandershii: 
Richard II. VVlieeh 


A. 1 . E. E. RcpwHciitativcH 

AMERICAN ASSOCIATION .FOR THE ADVANCEMENT OF SCIENCE 

COUNCIL 

M. I. Pupin, John 1 ). Taylor. 

AMERICAN BUREAU OF WELDING 
II. M. Unhurt. 


AMERICAN COMMITTEE ON ELECTROLYSIS 
1,1 J* Arnold, N. A. Curie, F. N. Waterman, 


AMERICAN ENGINEERING COUNCIL ASSEMBLY 


If. II, Burner., Jr., 

A. W. Berreslonl, 

*0. C. Che,an y, 

H. W. Kales, 

''John 11. Finney, 

*M. M. Fowler, 
‘♦'Members of Adminisl 


H. M. Hobart, 

F. L. Hiil.ehinr.oii, 
William Met Jelhm, 

I, . F. Morehouse, 

I. 15. Mmiltrop, 
‘•‘Farley Or,Hood, 

•alive Boanl 


A. (!. Pierce, 

M. 1. Ptipin, 

15. W. Kiee, Jr., 
"‘Clnirles F. Seott,, 
'•'C. 15. Skinner, 

< 'al vert Ti iwnley, 


AMERICAN ENGINEERING STANDARDS COMMITTEE 
II. M. Hntnirt, j. F. Meyer, C. 15. Skioner, 

It. S. Osborne, John C. Parker, L. T, Ruhiieum, Altrni.ilr-;. 

AMERICAN MARINE STANDARDS COMMITTEE 
R. A. Breliionu. 

AMERICAN YEAR BOOK, ADVISORY BOARD 
Edward Caldwell. 

APPARATUS MAKERS AND USERS, COMMITTEE OF 
NATIONAL RESEARCH COUNCIL 
0. 15. Skinner. 

BOARD OF TRUSTEES, UNITED ENGINEERING SOCIETY 
Bimerolt Gliernnli, (1. L. Knight, Culvert Tmvnley. 

CHARLES A. COFFIN FELLOWSHIP AND RESEARCH FUND 
COMMITTEE 
C. C. Chummy. 


ELIMINATION OF FATIGUE. COMMITTEE ON. SOCIETY OF 
INDUSTRIAL ENGINEERS 

I Fran. I , (Im-duiK. 


ENGINEERING FOUNDATION HOARD 
t hull * Dunn. L. II. Stdhvi H. 


JOHN FRITZ MEDAL HOARD OF AWARD 
C. C. Chesney, Gann Dunn. M , I. I'm.in, 

Earl, v l G.n 

JOINT COMMITTEE ON WELDED RAIL JOINTS 

11 . 1). Ewing, C. VVav, 

JOINT CONFERENCE COMMITTEE OF FOUNDER SOCIETIES 

The President-: and .ire ., rv-nS'i. 

LIBRARY BOARD OF UNITED ENGINEERING SOCIETY 
Ed wilt'd I). Ad.mo, I*’. L. Ilm. Lm. m, VV. II, j. 

15. B. Cruft, y, j 

NATIONAL FIRE PROTECTION ASSOCIATION, ELECTRICAL 
COMMITTEE 


NATIONAL EIRE WASTE COUNCIL 
J-.lut II. Eisir.ee, J, p, J.eV-. a, 

NATIONAL MUSEUM OF ENGINEERING AND INDUSTRY 
BOARD OF TRUSTEES 

Gum-. |l.i:i:i, 

NATIONAL RESEARCH COUNCIL, ENGINEERING DIVISION 
John H. Whitehead, Cure l\ ILp.-him.■•>:, {■; \\ !•■.,, j, 

F. L. Ut.li hue.-til, ,-r’iG. m, 

NATIONAL SAFETY COUNCIL, ELECTRICAL COMMITTEE <>F 
A. S. S, E. -ENGINEERING SECTION 


THE NEWCOMEN SOCIETY 

15. n. emu. 

RADIO ADVISORY COMMITTEE, BUREAU OE STANDARDS 

,\. K. Kelltir I}.,-. 


SOCIETY FOR TUB PROMOTION OF ENGINEERING EDUCATION 
BOARD OF INVESTIGATION AND COORDINATION 
Gunn Omm, f*'tB, I,-writ. , 


A. 15. 


II. S. NATIONAL COMMITTEE OF THE INTERNATIONAL 
ILLUMINATION COMMISSION 

Kennelly, G, M, Mtiilh.m, Clav|...n II , 

WASHINGTON AWARD, COMMISSION OE 
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